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Nam 2010
Khé 19 x 26,5
Gia bia: 99.000 déng

Nam 2011
Khé 19 x 26,5
Gia bia: 126.000 déng

Nam 2012
Khd 19 x 26,5
Gia bia: 152.000 déng

Nim 2013
Khd 19 x 26,5
Gia bia: 175.000 déng

Nam 2014
Kho 19 x 26,5
Gia bia: 185.000 ddng

Nam 2015
. Kh619x26,5
" Gia bia: 199.000 dong

Nam 2016
Khd 19 x 26,5

Q,.Gia bia: 199.000 dbng

Nam 2017
Khé 19 x 26,5
Gia bia: 199.000 déng

Niam 2018
Khoé 19 x 26,5
Gia bia: 199.000 déng
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Mathematics and Youth Magazine
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Mathematics and Youth Magazine
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Mathematics and Youth Magazine

Nim 2014
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Mathematics and Youth Magazlne

Nim 2017
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Mathematics and Youth Magazine
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Mathematics and Youth Magazine

Nam 2015

Mathematics and Youth Magazine
Nam 2018
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PE THI CHQN HOQC SINH GIOI LOP 9 TINH BINH PHUGC
NAM HOQC 2018 — 2019

Caun 1 (5 diém). 1) Cho biéu thirc

- x—1 4 x‘+8
34T (3 Jx=1)(3+45-1)
[ x—l+l 1
x-1-3x=1 x-1J
a) Rut gon P.

b) Tinh gia tri ciia biéu thirc P khi
x=v3+2V2 - (V5 +1)\3-2v2 +J§\1-J§|.
2) Cho x,y 1’{1 cée s6 thire thoa man: x+ y=1. Tim
gid tri nho nhét cua
P=2_x4 +x 2y =1 +y*(2x=1)+2)".
Ciu 2 (5 diém). 1) Gidi phuong trinh:
3x+5—Jx+2 =/dx —2x-3.
Xy—2x+y=6
(x4 (y=2)2 =8
3) Cho ham s§ (P): y =x*. Tim céc gia tri cua m dé
duong thing (d):y=2x+m—1 cit dd thi ham sb
(P) tai hai diém phén bigt A(x,;3,), B(x,;y,) thoéa
man y,.y, —x.x, =12.
Céu 3 (5 diém). Cho tam gisc ABC ndi tiép dudmg
tron (0), D 1a mot didm trén canh 4B, (D # 4,B).

2) Giai hé phuong trinh: {

Goi M, N lan luwot 13 trung diém cua CB, CA. DBudng
thang MN cht (O) tai hai diém P, O (P, O lan lugt
thudc cung CB va CA). Dudng tron ngoai t1ep tam
giac BDP cit CB tai I (I # B). Céac dudng thang DI
va AC cit nhau tai X.

a) Ching minh i gidc CIPK nd1 tiép.

b) Ching minh PK. QC OB.PD.

c) Pudng thing AP cét dudng tron ngoai txep tam
giac BDP tai G (G # P). Duong thing /G cit BA tai
E. Chung minh rang khi D di chuyén trén B4 thi

#e khong déi.
AE ,
Cau 4 (2 diém). Cho hinh chit nhit ABCD véi
AB=a,AD=b. Trén céc canh AD,A4B,BC,CD
lin luot 1ay cac diém E,F,G,H sao cho ludn tao
thanh tr gidc EFGH. Goi ¢ ]a chu vi cua ti gidc
EFGH. Chiing minh ¢ > 2Wa® + b2,
Cau 5 (3 diém). 1) Tim nghiém nguyén duong cla
phuong trinh: 4y* +6y* —1=x.
2) Chimg minh ring véi moi s6 nguyén n chén thi
n* +20n+96 chia hét cho 48.
MAI VINH PHU
(GV Truomg THCS - THPT Tén Tién, Bu Dap, Binh
Phuerc) gidi thiéu

@& Diéu =" xay ra khi v chi khi x=%,y=%,z=%,

b)Taco x+y+xy=l(x+D)(y+1)=2

I+x=1 l+x=-1__ [l+x=2
= hoidc hoac
l+y=2 = |l+y=-2 I+y=1

I+x=-2
hoac =
l+y=-1

hoac x=1,y =0 hodc x =-3,y =-2.
Truong hop 1: x=0,y=1. Khi dé

A= +42)(x7 + Y +1+x7y7) =4(27 +21).
A 1a s6 chinh phuong khi va chi khi 27+21 14 s6 chinh
phuong. Nghia 14 tdn tai sb ty nhién n sao cho 2° +21=r",
Ta ¢6 2=-1(mod3)=>2" =(-1)' (mod3). Néu z I& thi
2* =-1(mod3) =2 (mod3). Khi 46 n* =2 (mod3) vé I
(vi mt s6 chinh phirong khi chia cho 3 chi du 0 hodc 1).
Tir d6 suy ra z 14 s chin. Dat z=2k (keN’). Tacé
2_2*) =21 (n-2)n+2") =21

x=0,y=1 hodc x=-2,y=-3

n=21+2*on

Vi 21=1.21=3.7 vd n—2* <n+2* nén ta c6 hai trudng
hep sau:

n-2f=1
] =2 =10 khéng c6 gid tri ndo cla k tha
) {n+2k=21 g coO gia tri ndo cha k thoa
min trudng hop nay.

n+2f=

2) {n_2k=?’:2*=2:>k=1=>z=2.

Licndy 4=100=10%

Truéng hop 2: x=1,y=0. Giai twong tyr ta dugc
z2=2,A=100=10%

Trueng hop 3. x=-2,y=-3. Giai tuong tur ta dugc
z=2, 4=2500=50"

Truong hop 4 x=-3, y=-2. Giai tuong tr ta duge
z=2, A=2500="5("

Viy x=-2,y=-3,z=2 hofic x=-3, y=-2, z=2.

NGUYEN TAN TUONG
(Pho Phong phé thong, S¢ GD&DT Thira Thién Hué) gigi

thié¢u

TOAN HOC
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bnck may be used. See the

G ot |
T
C.108. D.109.

E. 110.

%}ﬁ -0 be a sequence of real
follows ay =1, a3,, =20194} for

E ‘7@19 is equal to
B. 2019%9 . 20196

20190

_ cé of three-digit numbers

al —b6a =99 cal > 0.
bg:_::? Ty
= Dile i 12
A wnih
R a3 R iy \
! '.“ % ave 47 3
b6 amd gt

;ﬂ-uhn 0 b ﬂth Bk

i AABC f)"e' glven,and et M e BC
' Ab / ,-,,,guppos;e N e AM with

b

" S(ABN)+S(CMN) = *S(ABC)»

where S(ABN), S(CMN),
and S(4BC) are the areas
of triangles ABN, CMN,
and ABC respectively. The

AN
ratio —— is equal to
MN

1
A.2 B. 1. C.—2-- D. 3. E. i
Problem 6. Let 4 =:{y; be given, where x, y, z are
distinct digits. Suppose that A is the same as the
difference between the largest and the smallest
numbers among the three-digit numbers constituted
by rearrangement of digits x, y, z. What is 42
Problem 7. Write down two different polynomials
Pi(x), Py(x) with real coefficients satisfying the
property P (x*+ 2019) = F;(x)* +2019,
xR j= 19

for all

tese

ADSWeR ot il :
Problem 8. Two non-zero real numbers g and b

satisfy ab = a+b. Write down all posmble values of
a

b
== gh]
b a =

Allswel'... qiﬂ!f!co-u..-u y

!'Wbltm*& Fmd all posmve integers x, y,
&Gy thorss £

z such that
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- DINH THI THAI QUYNH

10 mach dién nhu hinh a. Diép dp
' dinh gita hai dau A va B la

=3 3(A) suy ra Z, : )
Tir @6 thi ta thiy 1 v vuong pha nhau nén: ,
e i ZL e Zc ;
R R
Tir (1), (2) va (3) ta tim duoc R =5042(Q).

=-1.

Do d6: U,, === R =503(V). O

J_
»Nhdn xét. Cac ban c6 101 giai dung: Thira Thién
Hué: Ha Phuong Hoang Mai, Lé Nhu Minh, 12T2,
THPT chuyén Quéc hoc Hué.

NGUYEN XUAN QUANG




- g
ong gian) duge cho boi toa dp cdc

| 1) Viét phucmg trinh tia phdn gidc trong cua goc
2) Viét phuong trinh tia phdn gidc ngoai cua goc
BAC.

Huéng dén. Theo SGK Hinh hoc 11, trong mit
phing véi hé toa do Oxy, ta c6 cac phuong trinh
céc dudng thang (4B) va (AC) cla tam gidc ABC
la: (AB):ax+by+c=0, (AC):a'x+b'y+c'=0.
Sir dung cong thtc viét phuong trinh cic dudng

shiaise Dty +e ax+by+c’

phén giac: ——-— _m

Dén déy, phai tim cach chon ra duong nao 1a phan
gide trong, dudong nao 1a phan gidc ngoai. SGK
dwa ra cich xét vi tri cua dinh B va C déi véi mét
trong hai dudng phén gidc. Néu B va C khac phia
v6i nhau d6i véi dudng phan gide d6 thi day la
phan gidc trong, va duong con lai la phan giac
ngoai, trai lai thi thi duong dang xét 1a phan giac
ngoai va dudng con lai 14 phan gidc trong. Sau d6
moi quyé dinh lay duong nao lam két qua cho
cau ho 9531 thiét. Eé}f 1 chwa néi t6i yéu cau “tia

o ]




gide trong cia BAC la
- ')4{5- --12) [14 -SJ
Bgit 1373 65°65)

mg trinh phan gidc trong cua BAC

14
¥ x=-1+_—t
s0 Ia 65" & day 120, dé
i =2-——t

65

3 4) (5 —12J (14 112)
85, 5 18 313 65’ 65

',,tla phan giac ngoai ctua BAC dang

& day ¢>0,dé thoa

“ g gian voi hé toa do Oxyz,
¥
_BC.’:,S 8) va C(4; 7; 10).

day, fi)i= \/_5 c—\/_S va t>0 de thoamﬁn
yéu cau “tia”
Tuong ty, phuong trinh tia phan gidc ngoai cua

2b=8c
=1+———1
3 be
e L 3b 5C
BAC dang thamso6la: y=2+——— bo
z=3+§2——7—ct
bc

o ddy, b=+/83,c=/38 va 20, d¢ thoa man
yéu cau “tia”.

Bai toan 2. Mot tam giae ABC (trong mdt phdng
hay khong gian) dwoc cho boi cdc toa do cdc
dinh.

1) Tim toa do tam cac duong tron noi riélv cria tam
gidc ABC.

2) Tim toa do tam cdac duong tron bang tié'p goc
BAC cua tam gidc ABC.

Huéng dan.

1) Ding VTPV d viét cac phuong trinh dudng
p\hz‘m giac trong cua hai géc BAC va goc CBA
10i tim giao diém ctia ching,

2) Ding VTBV d¢ viét phuong trinh duong phan
gidc trong clia goc BAC va dudong phén giac
ngoai goc CBA 1di tim giao diém cua ching.

Bai toan 3. Cho m¢t tam gide ABC. Céc diém
Al, B, va C, chuyen dong trén cac canh AB Bt'

: Jl@‘l bang_ : hau. T‘:m

A q\,ﬁ%







Céu 7. Cho ham s y=f (x) co béng blgn thién
gy i : dusi day |
e - 1
el \_m G 7 gl 1 0 o0
B ; : i/ 3 -
ong trinh £ (x)+2=0 la y i 0

C.3 D.2. 5 %/’1\_1/#) m\%

ng gian Oxyz, cho A(a;3;6+2);
(;;;b €R). Trung diém 7 cia doan D6 thj ham sb y = f(x) c6 s6 diém cuc tri la

A.l B.2 €3 D.4.
B. 1(0;1;0) Cau 8. Cho cac sb phic: z =(1+2i)+(1-2i),

1) D. 1(a;1;)- =T n=(2+2i), 2, =(VB+2i)(V3-2i).

2 a l _i
it pha h diém phan biét, véi X ; P , e o ST
e pno nthzlem v ;m dm ¥ Hoi ¢6 bao nhiéu so phic 1a s6 thuan 4o trong céc s
Biét c6 190 doan thang c6 hai dau mut plic daicho?
0. Tim khang dinh dung, Al B.2 C.3 D. 4.
' B. ne[11;15] x
4
f-3 b -
D. n < [26;30]. Ciu 9. Cho = [tan’ xdv=a->" véi a,b,c Ia cdc
0 &

| ¢6 chiéu cao bing £ A A T -
W s0 nguyén dwong, b va ¢ nguyén t§ cing nhau. Gia

tri clia biéu thic T =§-+2c 1a

Az B.5 C.9 D, 3
5 cm, bé-n. kinh Cau 10. Tinh gia tri ciia bidu thire
& Aeliy 2
log, 20191 " log, 20191 " kagm 20191

100cm’. A 2019 ¥ Rt
t Céu 11. Cho lang.
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- Nhan thdy g5

~.x;=cl,x L5 Va8
__c; nghiém bg; chén,
x") ¢63 diém cuc tri. Chon C,

.,;ic_h hinh phing (H ) la:

=1
x* + 4| dc = —J;(x“ =5 +4)x +
: 'jff +4)dx-j2’(

I
u(S) 1a: (x-1)"+(y-2)’

‘,GQI (P) 1a mat phang qua S
ga hinh nén thi (P) cit hinh
heo tam gidc cin SAB, cit
n theo duong tron lém,

i d6, ban kinh 7 cua hinh

ddu qua céc

V5 va khong
Vay ham sb

4
X" ~5x* +4)dx =8. Chon C.

itcau (S) tim / va ti€p XUc véi A nén ban kinh
‘ciu laR=d(I, A) Theo gia thiét, A di qua

) vaco VTCP la u(1;2;—2)_ Ta c6: MI (2;1;1)

=(453) = d(1, )= l[ﬁ;] 4 5_{ ew 6

+z'=—_ChenC.

tron nay noi tiép tam gidc 0‘ j

‘tiép hinh nén dugc tinh
thitc 7= Ssio e

r Al 40
v &l
ciia tam gidc SAB ). Ta co: -3
£ im‘
3 1
3
h!
Tl 3
1( ) “} (1+i+x)

= (trong do6 p la

(1+JITI)

() (r-2-2007),
: 42x*Jx+1

0, Xét ham s6 f(x)-—-‘—"—-°

I e R
Vay E’rélm bénhﬁtcua;i-fb,ﬁgg 2,Choa s>

Ciu 26. Goi I 13 trung diém ciia AB;
dudmg tron ddy co tam O, bénkmhR“ ‘
KO OHIE ST #
To o6 UB L SONAVAR LOT: Sl b
AB 1 OH. Khi d6 OH L(P). Do db
d(0,(P))=0H.

Taco: OI = —[ J —N4a'-8a: =a.

S0.0I 2a.a 2a
Suyra: OH = = =—. ChonD.
Jso*+or* VJaat+a V5

Ciu 27. Tacé: 2z+Z+3-(3+[2[1)i=0

< 2a+bi)+(a-bi)+3=3i-Va' +b’
b=3

& 3a+bi+3=3i-VJa'+b &
Ja* +9=-3(a+1)

b=3
o 9. Vay S=4(—§)+3=—6. Chon D.

a=——
4

Cau 30. Véimoi xe (1;23) ta co:
—In’x+2mlnx+2m—-8<0

<‘.:>2m(lnx+l)<[n2x+8<:>2m< Ei]nx+8

)

pit t=Inx. Do xe(l;e!):re(O;Z«S).
P +2¢-8

( +l)2

. Co bang bién thién

Xét ham sb f(.')— :>f()

Cho f(f)=0<> { ’_

Tir bang bién thién, (1) ¢6 nghiém véi Vx e (1; €’) khi va
chi khi 2m<4 <> m<2. Vayc6 1 sb nguyén duong thoa
man bai toan. Chon D.

Ciu31.Tacod: f'(x)= \/§m-5c085x—mcosx+3.
D2 thiy néu £(x) =0 c6 nghiém trén (0;2019) thi s6

nghiém la hitu han nén ta c¢:
Hamsé y = f(x) dong bién trén khoang (0;2019)

o f(x)20 Vxe(0;2019)







A bién ¢ §§i}ia12em : ;
0% ok o hoc sinh thanh ba (4§ m 4

- Ta xd dinh 6 phin fir oya

¢ sinh nam Va0 ba th:
con lai

hia.
s d{erled
n(4) 16

n(g) =-5_5—' Chon A,

€6 1 céch chia
vio cac t" - '
0 cua cic em nam: ¢4

=1680. Do d6 x4c suat bién cé

cac tam gidc
ANLBC:BCJ_(SAN)_
B N
C
—— = MN =+/SN? - SMm?
3a’ —x* o i
SM=%S4_MN=£_3:_X_

L 1
VCSJN =§BN'SASAN +§CN'SASAN
$CN).S,s0 = %.Bc.sm.

g a a a3
a’ —x* =E2x\f3a2 -xzs-zz(x2+3a2-—x2)=—8—.

a6

xay ra ©x2=3a1—x2<:>x=T.ChonA.
Goi N, M ln s

trung diém cua doan

SA. Do tam gidc M

a ABC la cac tam
lan luot tai S va A4

A c

tam gidc SAB va SAC la tam gidc déu nén
-I CJ_SA=>SAJ,(M.BC). Do d6 goc gitra MB
 gitta mp(SAB) va mp(SAC).

SN, vi BCL(SAN)=BCLAG=
) hay 4G =d(4,(SBC))=7

&t ASBC = AABC(ccc) suy 1a AN = SN nén
i N Ké SH LAN dé ching minh duoc

va SH = AG=7-

x>2 tact hai trudng hop sau:
£ 2

R s i JA

TH1: BMC=60°, khi d6 AMBC déu canh MB=—==BC.
e 13 \ g

¥ — 5
ot , suyra

X —-——=

L6y &
1 x3 /13 _ 239

1 —— —
Suc =3 SNBC=2. === T

1 13043 _#V3

Thé tich ¥ 1 = -B-SA.SMC e "

1 axzwfﬁ

Mitkhac Vs e =V spc = E'Ssac-AG T

V3 _ ax'39 & x= a13 (thoa min).
16 96 6
13a3s/—3_§
3456
TH2: BMC =120°, khi d6 tam giac MBC cén tai M canh

SN =+/SB* - BN* =

Sanen:

Vay Vg ipc =

R T
>

2
=
SN =+/SB* -BN? = x2_9i:x__’ suy ra

7 _3£_ 327

1
o g RTLTE g

MB =

x3
2

s %SN.BC 2

; 3x*\3 e
Vi Sype = —;—.M.MC.smIZO" = "16‘/_ . Thé tich
1 1333 B .
Vs asc "_"3'SA-SMBC =§- T X = T Mit khac
2 2
Vs ane = Visac =£-Ssac-AG=l~3x ﬁ-£= % ﬁ, nén:
- PO 3 3a kl6hngonich BB
3 2
: 2
2V _ T L el (thoa man).
16 32 6
3
7 .
Vay S-""‘z%sg' T gia thiét thi &4:“‘{55 oén
3
e =1—§—“’--‘[i_9 . Chon B.
; 3456

Ciu 38. Td H ké HA L MN . Goi mp(Q) 1& mat phing
bit ki di qua M va N. Dung
HB L mp(Q),Be(Q), khi do6
d(H.(0))= HB;

Tacé BH<AH .Déu "=" xdyrakhi B=4.

Khi 46 mp(Q) L AH . Viy mp(P) cin tim s& vuéng goc
voi AH. Tacé: Ae MN,HA 1| MN

1% sulich
o *‘(‘5"5*3] =
Ma AH Lmp(P) =, =(1;1;_1) & VTPT ctia mp (P),
Suy ra phuong trinh mp(P) di qua M(0:-1;2) a:

;l ‘; 1. (&
» lf\;j“ll
: B e ol
KEe S h i3 N e R







5 @@Wcép hai xéc dinh tren R, nén
tuc trén R, Suy ra tai didm x = —2
ham so khong ¢6 cye tritai x=-2 Trén
0 cap mot trigt tigy va d6i ddu qua didm

m sb S(x) dat cuc tri tai diém x=-5.

am s6 y= S(x) dat cye daitai x=-1 va
x=2. Trddthi y= £"(x) en [3:+400),
£'(x) d6i ddu tr am sang duong khi di qua
2 dao ham cip mot J'(x) s dat cuc tidu tai
Hém 6 y=f (x) dong bién trén khoang

ra f'(x)>0 trén khoang (2;3).
- ham y=7(x) dat cuc tr tai x=3 thi

aco BBT cua f'(x) trén (3;40):
T 5

0 =

/

a = f(x) c6thém diém cyc tritai x=1x >5.

p y=f(x) c6 5 diém cuc tri.

(1) 6 ti da 5 diém cuc tri.

‘ ghop ham sé6 y=/(x) déu co ta t6i da 5

6 tam [,(122)

=V2, (5, co tim

bén kinh R, = /5

t nhau theo mot

én phuong trinh mp(P) chira (c

: 3‘-:(;+2)2'-(x..3)’ ——(y—-l)?' -T(z+4)2 AT
AL( B oxt 22 1=0:

wy TRADH L

) Ia

?‘1&; Vi
z=-+"2—2_t: :
Goi H 15t5m dutmg tron (C) thi H =11, A(P)
1 5 9.78
= 2+4t- 2+t+4+4t -7= 0=>t=§—=>H(§3—3—-).
(d) di qua diém A(1 1;-5;12) vacd NLCP ud =(=5= =2:107:
Goi (Q)=mp(/;;d). Ta co: E:(O;?;—M), suy ra
n(o) =[A71;§:J=(42;42;21) cing phuong vOi vecto
(22:1) =(0):22h2vitzRe =0 Ta thay:
I,(31,-4)e(Q),do d6 I,1,,d dbng phang.
e Goi E 1a giao diém cua d va (P), suyra E(
I,H = d(1;;(P))=1. Bén kinh dudng tron (C) 1a
R =nR? =LH? =2 V=l B

R (AR BV L) SRERNG 8 2
Tacé: EH = || =—4 +[_,+3} +(.__2J =
3 3 3

Vi khoang céch tr M dén duong thing d 1a nho nhit

4;-3;2);

nén M = EH ~(C) théaman HM =—

That viy, ta 1y diém Be(C) va k¢ MN,BC lan luot
vudng goc véi duomg thang d. Ké BF LHE
= BF | (HEC)=>d L(BFC)=d LCF =CF//MN
va CF>MN. Lai ¢c6 AFBC wvubng tai F  nén

BC>CF>MN. Viy MN 1 khoang cach ngdn nhét tir

mot diém thudc dudng tron dén dudmg théng d.

H_Tffz[a—é;b—é;c+§); HE = x :—“l,ﬁ
3 R ol w7

=a=2b=l;c=-2 = a+b+c=1. Chon A.

Ciu 46. Ki hidu 27 (x)+ (3 =) f(x) _ Xty *)

\}x +3
Véi Vx € (—1;+00) thi

2N+ S L
(*)Q(x+1)zf(x)+x+1f(x)_m‘

2 -
G [——f( )] = E 0+ L, s

-1
(0)'de = de = f(x) =’
I[ f IJ - x+1f(x) b o O
Thay x = 1 vao déng thirc trén tadugec C=-2, do d6
T
"_f(x) Jx+ -2

THI: Vxe(—l +°0)\{1}, taco













J mAABN(c.g.c):mfzﬁ‘TV.

Atk gide AENB noi tiép. Ma ABN =90° nén
0°. Vay AM L EN.

it canh cua hinh vudng 4BCD la a. Ta

A D
M
2
2 o2
2
DogXBI—.—_Zﬂén ) ol

B — AEB = ANB. Suy ra tr giac

Luww y.  Treng . Cdch st 2. ita thay
CN +CM + MN =2a. Tix day ta c6 thé phat bicu
bai toan tong quat nhu sau: Cho hinh vuong
ABCD canh bang a. Piém M trén canh CD sao
cho CM = m.a, trén canh BC ldy diém N sao cho
CN =n.a. Goi E la giao diém cua duong théing
AM va duomg thing BD. Biét rang

mynsNm +n> =2, m, n la cdc s6 hiru fi
diwcong. Chimg minh rang:
a) Puong thang AM vuéng géc voi duong thang
EN.
b) Puong thing MN ludn tiép xic voi mot duong
tron ¢é dinh.
c) Tim gia tri lon nhat, gid tri nho nhat cua dién
tich tam giac AMN.
PHAN DINH ANH
(GV THCS Thach Kim, Léc Ha, Ha Tinh)
Nhdn xét. Ngoai 6 cich giai néu trén cua ban Phan
DPinh Anh, Toa soan Tap chi TH&TT con nhin duge
mot sb cach giai twong tu cho Bai todn 25 nay cua
ban Nguyén Vin Luén, GV THCS Hop Tién, Nam
Sach, Hai Dwong; Nguyén Vin Ban, GV THCS
Thanh Yén, huyén Dién Bién, Dién Bién; Truong
Quang An, xi Nghia Thang, huyén Tu Nghia,
Quing Ngii; Mai Ngoc Tuyén, Ha Trong Tai, 10T6,
THRE c}'myén Binh Long, Binh Phwéec. Xin hoan
nghénh tat ca cdc ban.
LE MAI (Ha Néi)
Moi céc ban gui 101 giai Bai toan 27 dudi diy vé Toa
soan Tap chi TH&TT truée ngay 31.7.2019.
BAI TOAN 27. Cho hinh chit nhit ABCD ¢6 M, N
theo thit tie 1 trung diém ciia AD, BC. Goi E la mot
diém bdt ky thuée tia doi cia tia DC, K la giao diém
ciia EM va AC. Chimg minh rang NM la tia phan

gtac cua géc KNE
sl g f ool P e 44 BAUCONGNHO
” (GK T@@&%@ Xudn H%@m Chau, Ngh¢ An)

daid 4o gxfmi ety e ers alind ez






e,
AN

: DIEM CU'C TR CUA HAM s

n TH&TT 56 500, thang 2 nam 2019)
va ddp dn. Cach giai 1 theo quy tic 2 1a
h giai 2 sai boi khing dinh: “Ham sd
¢o cuc trisuy ra f(x) khong cé cuc
g ding. Loi giai 2 sir dung dinh 1y co
tac 1 nhung hoc sinh nay dang xét ddu
cia ham so theo bién méi chir khong
ban diu. Vi
(0)7(+)

vao diu caa f’(¢) ma con phu thuge

ham ban diu c6
nén dau cia f'(x) khong chi
cia #'(x). Trong truéng hop nay
2x khong mang ddu cd dinh. Mo
ng dinh trén la dung ta can thém diéu
#(x)>0. Khi d6 dau cta £'(x) 1a dau

5t s6 ban tham gia bai ndy nhung phat

KIHIVI

‘chuén bi kY thi THPT quéc gia

Trong mdt phing Oxy cho do thi hai m

(hihaliby

= (3% A v=ler| (G Oobd BEH
J ( )(Cl)vay (,—3)(2)

hai diém ldn leot ném trén dé thi (C,) va (C,),
v6i A ¢ hoanh do lén hon 1, sao cho tam gidc
OAB déu. Tinh dién tich tam giac OAB.

T R Y D65 B
Khi chim didm va kiém tra céc 16i sai, ngac nhién
12 hiu hét cac em déu 1am sai & cdu nay, v6i dap
4n chon 1a A. Dé biét 16i sai ¢ dau, thay gido yéu
cAu mot hoc sinh khd (giai dugc cdu nay chu
khong phai chon ngau nhién) lén bang giai va
cung phén tich cho ca 16p.

Loi gidi cia ban dé nhu sau:

Do hai dd thi (C,) va (C,) déi xing nhau qua
truc tung, tam gidc OAB déu nén OA4 = OB, do d6
hai diém 4, B ciing d6i ximg nhau qua truc tung.
Chu y ring [%) =b*, goi hai diém A(a;(\3)%)

va B(—a;(\/?_ﬁ)"). Khi d6 H(0;(~/3)° 1a trung
diém AB va AB = 2a . Do tam gidc O4B déu nén

OH -%AB = 3)° =-‘/§_3—.2a=> By =a ().

Nhan thdy ngay phuong trinh (1) c6 nghiém a = 1,
va tinh dugc AB =2 nén dién tich tam giac ABC

3 "
1a %,22 =+/3 . Trong bén dip 4n c6 dap an A
tring v6i két qua. Vay A la phuong 4n cin chon.

Theo ban thi loi giai trén sai ¢ dau ? Loi gidgi
diing ld thé nao?

‘TRAN MINH HIEN
(GV THPT chuyén Quang Trung, Binh Phuéc)
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BANACH

(1892 — 1945)

hua ai hiéu lai lich
ha Toan hoc ndi
on gbc Ba Lan
» bo roi tir nho,
hong ¢ nguoi
oc Steinhaiis
v6i Banach)
‘ la Greczek

vudng va 2 hinh
_nh b). Ghép cac

hoc khic nhu Mazur, Nikodym, Ulam,
Schauder dé hinh thanh truomg phai
toan hoc Ba Lan. Cach lam viéc cua
trudng phai Toan hoe Ba Lan nay rat
ddc déo: Stefan Banach chi trirong moi
ngudi tha hd phat biéu y kién, thuong
la quanh cbe ca phé ¢ tiém “Ca phé
Scotland” (Kawiarma Szkocka). Nhiing
¥ tuong dau tién vé giai tich ham xuat
hién tir d6. Mét lan nira, Banach cung
Steinhaus sang lap Tap chi Toan hoc
Ba Lan noi tiéng Studia mathematica.
Nam 1919 6ng day & Dai hoc Bach
khoa Lwow va nam 1927 éng duoc
b6 nhi¢m lam Gido su truong Pai hoc
Tg";ng hop Lwow. Sau khi Lwéw thude
vé lanh thé Lién X6, 6ng van tiép tuc
cong tac nghién cru ma khong gap tro
ngai gi. Nam 1941, thanh phd Lwéw
bi phat xit Puc chiém déng, nhiéu
dong nghiép ciia dng bj bat b, tu day,
riéng ong bi dua vao Vién nghién clru
Vi khudn, chuyén lo nuéi chiy. Chién
tranh thé gioi thir hai két thic, ng tro
vé Ba Lan, dugc bd nhiém lam Gido su
Dai hoc Cracovie nhung 6ng bi ung thu
phéi va mat truge khi chinh thirc nhan
nhiém vu.

Stefan Banach 1a m@t trong nhiing
ngudi sang 14p mon Giai tich ham. Nam
1920 6ng dua ra khai niém khong gian
vecto dinh chuén, dong thoi cic nha
toan hoc nhu Riesz, Hahn va Wiener
cting dua ra nhimg dinh nghia tuong tu,
nhung theo theo nhan dinh thoi biy gidy
c6 1& cong trinh cua Banach duge danh
gia la. t6t nhit. Ong dua ra va nghién

Nhur vay: 64 = 65!

Ban cho biét lgp ludn trén sai ti din nhé ?

B

|
-
1
! |

boerd

nay lai ta dugc hinh chir nhat ¢). Hinh vuéng ban déu c6 dién tich: 8 x R =64
Hinh chir nhét ¢) ¢6 dién tich: 5 x 13 = 65. g :

Nim 1929, Banach dua ra khai niém
dbi ngiu topd, diéu nay tong quat hoa
cac hé thuc cua Riesz vé cac khong

gian 1/ va I’ [_‘_+-=1} Ciing thoi
P g
ky nay, 6ng téng quat hoa mét dinh i

ctia Hahn va do d6 sau nay ngudi ta goi
dinh li nay 1a dinh li Hahn - Banach.
Ongcon tong quat hoa két qua cua Baire
vao cac khong gian metric di. Piéu nay
gitip éng chimg minh duoc d:eu li tha
ma ngay nay ta goi la dinh li vé db thi
khép kin. Banach con quan tam dén
bai toan do phd dung cua nha toan hoc
Diic Hausdorff phat biéu nhu sau: Mot
dnh xa p xdc dinh trén phan giéi ndi
ciia R", bdt bién qua cdc phép tinh tién

va quay dong thoi thoaman AN B =,

1(AwB)= pu(A)+ u(B), la khong thuc
hién duoc voi n=3. Banach da dung
duoc mot anh xa nhu vdy véi n = 1
va n = 2. Nam 1923, cung voi Tarski,
ong xay dung duoc mot nghich li 2oi
1a nghich li Banach-Tarski, nghich li
nay noi rang: Mot hinh cdu trong khéng
gian Euclid 3 chiéu c6 thé chia thanh
hiku han edc phan nho, ma sau doé ghép
cac phdn nay lai diroc hai hinh cau cé
cuing kich thieée voi hinh cdu ban ddu
va d6 1a mét trong nhiing tmg dung dau
tién cua Tie@aaé chon vao Giai tich.

NHU HOANG (Ha Ngi)



PHUONG TRINH BAC BA

[(ACHE THLC
“l]\ﬂ fi0C VA LUONG GIAC

TRONG TAM (1A

i dung co ban cia cudn

sach dya trén két qua: Cac

yéu to cua tam giac (ba

, ba dudng cao, ban kinh cua

ba dudmg tron bang tiép, cac ham sé
lugng giac cua ba géc,...) cd thé duoc
coi la~ba nghiém ciia mot phuwong
trinh bédc ba véi cac hé sb6 phu thude
vao ba yéu 16 co banla p, R, x, trong
d6 p la nura chu vi, con R va r tuong
img 1a ban kinh dudmg tron ngoai tiép
va ndi tiép tam giac. Tir d6, theo tinh
chit nghiém cua phuong trinh bic ba
va van dung céc bat d!ng thirc quen
thugc, sach trinh b HIOang 600 hé
thire ¢6 lién quan cac yéu 16 hinh
hoc va lugng gidc trong tam gidc.
Qua cudn sach chiing ta sé& thay.moi
quan hé hiru co gitta Dai 56 (phuong

IS

cla tac gia PGS TS. TA DUY PHUQNG va Thay gido HOANG M{
Sach day 448 trang, khd 16x24cm, gia bia 80.000 dong. s

trinh va ham s6 béc ba) véi Hinh hoe
va Lugng giac (cac hé thirc trong tam
giac). Day chinh 1a diém m&i va khac
biét cua cudn sach ndy so véi cdc -
sdch da 6 vé hé thire trong tam gidc.

Cudn sach gom nam chuong.

Chuong 1 tap hop nhimg kién thirc
co ban vé tam gidc va cac cong thice
lugng gidc, céc bat ding thic dai s6
quan trong cén thiét cho c4c chuong
sau,

Chuwong 2 trinh bay cic tinh chat
ctia ham s6 va phuong trinh béc ba,
trong d6 dic biét lwu y dén tinh chat
nghi¢m cua phuong trinh bac ba.
Chuong 3 va Chuong 4 chi ra ring,
céc yéu t6 hinh hoc va luong giée cua
tam gidc (canh, dudng cao, ban kinh
dudmg tron bang tiép, sin, cosin cua
cdc goc, ...) chinh la nghiém cua céac
phuong trinh béc ba véi cde hé s6
chia ba yeu to co ban cua tam giac
(ticlabayéutd p, R, r). Vanhu 1a cée
hé qua, nho sir dung tinh chit nghiém
cua phuong trinh béc ba va céc bat
dang thic dai s6 nhu bit dang thac
Cauchy, bit ding thic Bunyakovsky,
bit ding thirc Schwarz, . . . cée tac
gia da dua ra va chimg mmh khoang
600 h¢ thire hinh hoe va lugng gidc
trong tam gide, trong d6 ¢6 nhiéu h¢
thirc 14 méi hodc chi méi gdp trén cac
taﬁkchf va ¢on it duge blct dén trong
cée sich hién nay.

Ngoai cdc bat d2
con it duge ph5
agu hoe, thi hoc sinl

céc nudc, nhié

a lugng gidc qu
gide ciing dugc ch

mai, dua trén tinh chat
phuong trinh béc b
cdch bién déi luong |
cach chimg minh tho
Chuong 5 (Phu I '
muc dudi dang c?
quan dén phuong

tam giac.
Ciing can luu ¥
thic néu trong
thé suy ra kh

Cuén sich khong ch
hoc sinh, cic ba
¢ day toan ph
tai liéu tham

vién va giang 5 a0 dian
nganh toég, ¢l -. huynﬁ
mong muon g ‘minh

t6t mon toén, 3 ’
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