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MO SO DANG TOAN LIEN QUAN DEN DAY §0
N aei €O QUY LudT

- NGUYEN THI MINH CHAU
TRUNG HOC CO SO (GV Truing THCS Lé Quy Bon, Céu Giay, Ha Noi)
6i dang bai tip vé day céc sb, ddy céc phan Oy ([ i)
$0 cO quy ludt, ta thuomg ding cac phuong S=[ l—zjﬂt Tz‘gjj‘*‘---* 3 o I,: :
phép saun: 1 L J \, o n _f?"' )
e Phuong phap phén tich 50 hang tong quat roi R n(n+2 4
khir lién tiép dé tinh tong cac sb hang cua day A Y R

s0, day phansoco quy luét, gidi toan tim x, va
cac bai toan c6 lién quan. A Thidu2 VéineN va
Dé tinh tong hiru han S, =@ +a, + & +...+a,, g T Nt
ta biéu dién a; ( =1 n) qua hiéu hai séhang linhtong S = a; + a, +a

hen tlep cia mdt diy s6 khac. Chﬁng han Lo gidi. Ta tinh duqc a, = -3.

o3 - n n Z - n+ n+
= ST=:21+:2+Z+?+0,, = b,-b,:. s ga" “yi '(7;! __']J ¥ [("—U 5 H!]_}

Dé tinh tich hitu han F, = 4.0, 4;....4,, ta bien@yv » « N*. Thay lan hugtn = 2, 3., 2013 ta c6

ddi a, (i =1,n) vé thuong cia hai s6 hang lién™} S = a; + a, + a3 +..

Ay 3 =

. Lodyo cogll oo L L% [2 1]_ 3 4 _(2013 2014}
PSRN ET R e T Tt 21731 )7\ 20131 20131

_h b ”n S Sl AR, 2014
= B =080 = 3ogTin T < oA T so O
* Phuong phép lam troi dé chl.mg mmh ba,tZChu ¥. C6 thé biéu dién
ding thirc va cac bai toan lién quan. Ta a, = (~1)" P 1
thuémg dung tinh chét cua bat dﬁng thirc dé y 1 ' S(m<1)! i

dlmmétvécuabétdingthucvcdangtmh
duqctonghﬂuhanhoicﬁchh&uhan

Dang 1. TINH TONG CUA DAY SO HUU  #thiay 3. 7in ting 5, - Z i.(3i —1).
HAN CO QUY LUAT

i=]

dé tinh téng S néi trén theo cach khac.

* Thi du 1. Tinh tong  Lai gidi. Ta c6
3 5 2+l : 7
&= T ) No 5= .3i— 3;3- L
(1.2)2 +(2~3)2_+- +(n{n+1)}‘ vl ne E‘( ( :) 321‘ ;:
2i+1 -}__ eN' j=1
() 7 (H-l)5 | § o AL
Thay lan lugt i = 1.2,...,:1,1206

i=1 https://tieuIun‘.ﬁopto.org..



i n(n+1)(2n + 1) _n(n+1)
N 2 2
Suyra §, = nz(n +1).0

*Thi dy 4. 7im ti 56 cria A va B, biét A la tich

co (n 1) thiea s6 (vdin = 2).

L W :
_].-,[].,_._._ ]{]I A Ji l e i
R bt K Ilrjtijt, 1+2+3+44)
f I \
' :
g T T u]
'
1'1}8 -}'; '}‘-_

H
Léi gigi. Nhin thiy, voiie N thi
o 1 o5 2 (i-1Ni+2)
142+ +i ii+1)  ii+1)
Thaylﬁnluqt;’=2,3,...,ntaduqc
4142536 (n-1)n+2)
23347457 nn+1)

= "2{H+ “

1.23..(n = 1)4.56...(n +2) n+2

h. m+2 n+2
D‘Dd‘ﬁﬁ““—3rr s i --5.0

Dang 2. CAC BAI TOAN LIEN QUAN

PEN BAT PANG THUC

*Thi du 5. Chieng minh rang
FEne 1y 101

2 3
A= "1‘ < % 'T + ;"1 s pPPTR L ;fll- I

5 3
Loi gigi. Tacé 24 = 34 - A
wiFi 2 n g Sl 100 101
= +—+—"—+—+...+'§§~9—+ﬁ

B A 101
ot —+—+—-—+...+3T6'1-

Joi |
3 3—2+3~j-+...+ -é-l—ﬁ-o-

1

=I+-(I ! ]<1+-1~=§. Dod6A<-i-.El

y:

Tong qudt
Vi moi s tynhién 7> 1 va a>1 tachd

3100 9 v

23.(n=1)n3456..(n+1) 3n

* Thi du 6. Cho tong

"[_.1.:._,_-!{

i .\.”" hitu ti HH,".’U-"”‘?“’.I dae S, avaorvnely

L gidi, V6i k eN” thi

1 - _z(i_m],_J
[+2 +3+.+ &k k(k+]) k k+1)

Thay ldn lugt k= 1; 2; 3; ...; n, ta dugc
B < & gy ok g 5
Sn=2(l-*2"+-§—§+§ 4+...+n __n—l

1 2
— . 1 -— 2&
_2(1 n+1J # e+l

Viy S, < 2 véi VneN'. Tachimgminha=2

4 s6 hitu ti nho nhit dé S, < 2 voi Vn eN’,

Thét viy, gia sir ton tai s6 hiru ti b < 2 sao cho

Sy <bvéiVneN'. Khido S,,:Z—-;%d:

> 2-b<

b .
TS n<5—g @ob<2)vsi

vneN'. Pidu nay khong xay ra khi ta chonn

lﬁsénguyéusaochon:-sz.

Viy s6 hiru ti cdn tim laa =2, 0

Dang 3. TOAN VE CHIA HET

*Thi dy 7. Vidrting 25 2,2, 2
Lo

voi YneN', n > 4 checi dang phan aéﬁd

gian . Chimg minl rang P chia hét 1’:’&(:»*5‘“"Aﬁﬂ
y -



ATRIRE SN Al 5
b b © s S T
nén P=32:8.
&t | S - B
Véin=51tac E——?’H ?=
P=256:8.

P. 125! 2% ol

> ———t =
Vénn_ﬁtacés 15+6+7+

P a2 SRl
W R
(x;y) =1
Cic phan sd cia téng trén déu c6 dang
2# 232k—3
o -k .Véi k26 talubn co6 2 > k.

Dodéphﬁnsﬁ-z—-saukhin’ztgqnthénhphﬁn
sO tbi gian thi tir s6 cia né chia hét cho 2°.

k
k

vai x,y eN’ va

Theo nhéin xét trén suy ra x :2°, datx=2"k.
256 2k

P

Tacd ==

S

s
15

A

s
15

Dodé P2  hay P:8 . V6ivn>3.0

Dang 4. TOAN TiM x
*Thi du 8. Tim x, biét rang

o3
al-*[11.13+

b]l

Loi giai
a) Taco

Y i o
58 811

L iy
ENEN

1

;)

l

9.21

X

| 101

1 ] 0,75x +4

1

” x(x+3)

1(_‘__
i s

per i 8
~ 3

ki
1,8

11. 13 i lS

1 s
13"’1_3*E+

.
T1921

1

1

25%:3)

“1540°

RELTE

 Eeie
¢;0,75x+ 3

X

] 0,75x+4 _

~ 231

X

.h.

ﬁ075x+4==125.1' SUSx =l x=8

b) Tacd ———=

2
a(+3) *3

(-

| |
a a+3

)

I
58 811 11.14 x(x+3)
Ry 1 1. 1 1)
=G @ B 11 11 14~ x x+3
FE e
e . Y
x a5 ] 14#1_):_‘9'_ Tim duge x = 305
Dandcng(s =3/%3
BAI TAP

& Tinhtﬁng S = a + a3 + + v+ dyo13-

—_——

3
Biélning ak=£__i§k_t_l véi moi k = 1;2013.

(k + k)’

2. Tinh tdng

o NP T
S=|—4—4+— + |7+ +— .

le sl P Jl’ . Y

+J1+_l.+_l. + |— 4 + : R

£ 012 0% £ 0F 204
3. Chimg minh ring

iy >y 2013 1
S~3—2 33+3_4+‘“+32014<'E‘

4, Chol.&ngl+1+l+ gk =%vdi(a;b}tl.

2 3 18
Chimg minh réng b chia hét cho 2431.
5. Tim x, biét ring
2) (E-[l+.‘_])(x-3“;)_i+L b L oK
2" 9 4) 14 47 7.10 1013’
s ] 1991
il 3t AT e 5 T TR
A :
6. Tinh -E,b:étrsng
A--_l....+ 1 1 1

--2.32 I3-§+...+m+...+ﬁ——;

fo- 1 | 1
“+* see L
2197 31975 a(n197) 312003

Mong ring c6 thit nhiéu ban doc yéu thich mon
todn va tiép tuc tim t6i phdt hién thém nhiéu cdc
bai tdp hay cing chuyén dé nay gidi thigu cho
chiing ta ciing thuomg thirc.

B=

'ﬂm -



?ﬁua’ng dan di DE THI CHON HOC SINH GIIJI MON TOAN lIIPQ
TINH THAI BINH

~ NAM HOQC 2012 - 2013
(Dé thi ding trén TH&TT so 43 7, thang 11 nam 2013)

el T Viy céc cip sb nguyén (x; ) thoa man bai
DL I 3 JBii ) toan 1a (1; 1), (=15 -1).
V2(V3-1) (BeD) . 2 ™™ Bai 4 Do Px) > 0 véi moi x thude R v
a>0nén P(-1)>0; P(-2) > 0. Suy ra
V3-1 B o
¥ =5~ la nghiém ctia da thirc 2x" +2x~1. PED+PD) . 54 -3b+2
P(-1) i a-b+c }

Dodd A=2= 'M(Z.r +2x-1)+2x+1
(2x* +2x~D+x

:A{u:[zﬁz—l J\r B

Bai §.

X

Bai 2. Phuong trinh da cho twong duong voi

((2:+3)—2'Jx1+x+2)2=1

_,,J =1 . R P

c[““ *+x+2 |* N Vi M va N nim trén dudng tron duong kinh
x+2=nx’+x+42 |X="7F OPnénOM.LPMviOM.LHV&xngPM

_ 5 PN la hai tiép tuyén cua (O) vaPM=PN.
Tép nghi¢m cia phuong trinh 1a {1; ~=}. Tasé chimg minh PA = PM. Thatvay:
Bai 3. Ta cé Tﬁg;ﬁuﬂljélﬂgn()dlmmﬁﬁm 2
2y(2x* +1)=2x(2y° + D) +1=x"y’ muﬁmwm%?ﬂf‘m
o 2x—-2xy - =x'y -1 (1) T\igliﬂiéttacéflim

<::>I6(x—y)=4x2y2+2xy+l-2xy 1(2)

Do x, y nguyén nén vé tri cua (2) nguyén, suy

ra vé phai cua (2) nguyén. Tir dé
29y-le{=-LL5-77}

=xye{]; -3 4} b

Tir (1) ta c6 xy 1é, suy ra xy € {I; -‘3}.  '

¢ Véiy=1, thay vio (1) mebx=y=0, .

suyrax=y= | hofcx=y=-1;

o Vgixy=-3,thay vio (1) tacox-y=2,

wymx=y+2nen(v+2b’*~3{‘w qi :;‘

v +2y+3=0 @wmgﬂ S
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NAM HOC 2012 - 2013

(Thoi gian lam bai: 150 phiit)
Bai 1 (4 diém). Cho ba sb q, b, ¢ khic 0 thoa

3 3 3
mﬁndlcuk|¢na+b+c 0. 2) ¥ -~ Wed' tw
3 3a+b 3b+c 3c+a
1) Chimg minh & + b’ + & = 3abc. 3 52 "
2) Tinh gi4 trj ciia biéu thy e i - ety
bk o 2atb+c 2btc+a 2c+a+h
platb=c) +(b+c—a) +(c+a-by BAi 5 (4 diém). Cho ti gide ABCD ndi tiép
a(b-c)* +b(c—a)’ +c(a—by +abc dudmg tron (0), ¢ tia AB cit tia DC tai E va
Vi 2 (4 dié et " tia AD ciit tia BC tai F. GolMléglaodlemthu
#ai 2 (4 diém). Gidi cac phuong trinh hai (khéc C) cia hai duong tron (BCE) va
1) (x* = x=1)3x* + x-3) = 4x2 (CDF). Chimg minh réng
aa a) Ba diém E, M, F thing hang.
L Rt o 24x. b) M thudc duémg tron (ADE).
BAi 3 (3 didis). Gidi ha ; ¢) OM vudng goc voi EF.
al 3 (3 diem). Giai hé phuong trinh Bai 6 (2 diém). Tim tat ca cc s6 nguyén # sao
{(f ~2x)(y* —2y) = 45 cho biéu thirc
x=Dy-1)=3. 25 [625 25 [625
3 ! = = 4 [ =
Bai 4 (3 diém). Cho ba s6 duong a, b, c. ® 2 4 2 4
Chimg minh céc bét dang thirc sau co gia tri nguyén.
J NGUYEN PUC TAN
1)(3a+b}(2c+a+b}£(20+b+c)- (TP Hé Chi Minh)
’ﬁp d.l,lﬂg dmh li at 1-2b
Ptolemy cho tir gidc = % 22a-b-2ab+b’ -a’

ndi tiép ABCD,

ta cb AC.BD (dang thirc xay ra khi va chi khi a = b).

- AD.BC + AB.CD Hoan toan twong ty véi

&5 R3.BD = xR + 2Ry b*(1-2¢) c*(1-2a)
x+2 c a

< BD= ng Suyra P=a+b+c—2(ab+ bc+ ca)

e 3BIF =X +4xy+4y°. = P2a+b+c-2.

Mit khéc, ta ¢6

(@a+b+c)’ 23(ab+bc+ca)=3
=a+b+c23=>P23-2

Suy ra 38D* = 5AD* +5CD’

«::::.1:2«$~-‘-1.1ry'+4y1=5,:::1+5y2
e (2x-y) =0& y=2x< DC =2DA.

#4i 7. Ap dung bét diing thirc Cauchy, tacé  Diing thirc xay ra @a=b=c=7‘;_

f‘lb'b)+b{l—b)22a(l-b) Viy gi tri nho nhét cua P 1 /3 - 2.
(1) e i NGUYEN KHANH TOAN
g 220 820040 (GV THCS Bdc Hai, Tién Hai, Thdi Binh)

- TOAN HQGoro.0r
: _.,._,"’ T 4‘51 £
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's{i DUNG PHUONG PHAP TOA DY
D‘wﬂ::mi TiCH K:lél ém\ m-

GUYEN VAN
(GV THPT Nga Son, Thanh F

!'N

Twmwwwam vao Bai hoc,
Cao déng, bai todn tinh thé tich khéi da
don tuy khdng duge dénh gis 14 bai khé cle
dmmwmwmnmkhan
ho hoc sinh khi tr duy hinh vé, dédc biét I4
vibe kb thém dutmg phy, Thye té cho théy,
Mhacmmrgmndtmbaitoénnay
nhung vén lam dinye bai hinh toa dé trong
khong gian. Viy tai sao ching ta lai khong
chuyén bai tosn tinh thé tich sang toa do, két
hop cung lic cé hai méng kién thie dé, c6 thé
giap ching ta don gidgn hom khé nhiéu vén dé

kho. Duii day 1a mot sb thi dy cho ban doc
tham khéo,

* Thidy 1. (D¢ thi Dyi hoe khbi A nam 2011)
Cho hinh chép SABC c6 day ABC la tam gidc
vuong can tal B, AR BC 2a; hai mdat
phing (SAB) va (SAC) cimp vuong goc vaoi
mat phang (ABC). Goi M la trung diém AB:
mdt phing qua SM va song song vai BC, cdt
AC tal N. Biét goe gitea hai mdt phang (SBC)
va (ABC) bang 60°, Tinh thé tich khoi chop
SBCNM va khodng cach giita hai duong
thang AB va SN theo a.

Lai giai. (h.1)

1 i
4~ ABtan 60° = 2av3, MN =5 BC=

Ta co . it
1 .. MB el

i
Voncnm =3 SA.Sgenm

= a3 (avir).
Ké MK//SA; MK = AS, khi d6 SAMK la
chit nhit. Chon hé truc toa dd Oaga ]
M = O(0;0;0), N thudc tia Ox, B thude tia Oy, K
thugc tia Oz. Ta c6 N(a 0;0), B(0;
S(0; —a; 2a3), A(0;—a;0), AB=a(0;
N=all ;-23), tir d6 [ ABSV| =22 Q5
Mt phing (P) qua AB song song v&i SN,
n(24/3; 0; 1) 1am VTPT, ¢6 PT 2\3x+z
Tird6 d(AB,SN) = d(N,(P))

2a\3 2a/39
- = . E3
Jedy+1 13

* Thi duy 2. (Dé thi Dai hoc khi A nim
Cho hinh chép S.ABC c6 day ABC la
déu canh a. Hinh chiéu vuong goc cua
mat phang (ABC) la diém H thuge e
sao cho HA = 2HB. Géc gitta duong th

va mdt phang (ABC) bang 60°. Tink
khoi chép S.ABC va tinh khoang edch

dueomg thing SA va BC theo @,
Loigigi, (h2) :




Goi M 1a trung diém 48, ta c6 CM = ‘?}/3 :
Ke HTV/CM sao cho HT = CM, HM = AMB - 1B

a

=< Chon h¢ true top a9 Oxyz, v

H = 0(0;0;0), T thudc tia Ox, 4 thude tia Oy,
S thudc tia Oz. Khi 46

.4{0: %‘5-; 0). C{%@ %:0]. B(O; :—;3 ﬂ).
(o) (5] -

2

Crag & o ) J?.JEJ
N Ity
Mt phang (P) di qua BC va song song voi

54 nhan ;(J?;—J;;‘?] lam VTPT c6

PT V21x-3J7y +2J3z-aJ7 = 0.
T d6 d(SA,BC) =d(A, (P))

W21+ +23)F 8

* Thi du 3. (Dé thi Dai hoc khéi D niim 2009)
Cho hinh lang tru dimg ABC.A'B'C’ ddy la tam
gidc ABC vuéng tai B. Gia sit AB = a. A4 = 2a,
AC’ = 3a, goi M la trung diém A'C' va I la giao
diém ctia AM va A'C. Tim thé tich ni dién | ABC
va khodng cach tic A dén mt phang (1BC).

Ta tinh duge AC = \/z-l‘('2 Y o :U\E;

BC =\ AC? - AR 120, Sopc=a’.

Ké AK song song va bang BC, khi d6

AK L AB, AK = 2a. Chon hé truc toa d6

Oxyz, vin Awm(0,0;0), B thubc tia Ox,

K thudce tia Oy, A’ thude tia Oz,

Ta thity B(a; 0;0), Cla; 2a; 0), A(0;0; 2a),
l

M(i;-; a; 2a). Laico Tﬁ=a(§; iR z),

A'Cw=all;2;-2), A'B=a(l; 0; -2).

Khi d6 [A*’E:’i Ji"'lw'] = -2a%(2; 0;1).

I
X ==/

2
y=t
z=2

Miit phing (4'BC) di qua B, nhin n(2; 0; 1)
lam VTPT, ¢6 PT 2x + z - 2a = 0. Mit phing
(ABC) tring v&i mp(Oxy) ¢6 PT z = 0. Giao
diém 7 ciia AM vi A'C chinh 14 giao diém cua

Pudmg thang AM c6 PT (1€ R).

AM VA mp(A'BC) nén 1] 2 24 42
e B
Tacod d(I,(ABC)) = i;i

T dé d(A,(IBC)) = d(A,(A'BC))
-2 2a\5

2% 412 S

. 9

*Thil dy 4. (D& thi Dyi hoe khdi B nam 2011)
Cho lang tru ABCDA'B'C'D' ¢6 déy ABCD la
hinh chit nhat, AB = a, AD = a\/3 . Hinh chiéu
vudng goc ctia diém A' trén mat phéng (ABCD)
trimg voi giao diém O cia AC va BD. Géc gita
hai mt phang (ADD'A) va (ABCD) hing 60°.
Tinh thé tich hinh lang tru da cho va khodng
cdch tie diém B' dén mgi phang (A'BD) theo a.



Hinh 4
Ké BK//OA', BK = OA' = b (b > 0). Chon hé
truc toa d§ Oxyz, véi B(0; 0; 0), A thudc tia
Ox, C thudc tia Oy, K thudc tia Oz. Ta c6
A(a; 0; 0), C(0; a\f3; 0), D(a; av3; 0),

NES

A'(E, —2-'-., b), E= a(0; ﬁ; 0),

ﬂ=(:f. a3,

§tud’A

[E, EA'T‘] = J'aa(b; 0; ‘—;) Mit phang (4DD'A")

b], BD=(a aJ3; 0)=a(l; y/3; 0)

chita AD va AA' nhén ;;[b;ﬁ;-g lam mét VTPT.
Mit phing (ABCD) (tring véi mp(Oxy)) nhin
k(0; 0; 1) l1am mot VTPT. Vi goc gitra hai mit
phéng (ADD'A") vi (ABCD) biang 60°, nén

a3

Suy ra A'O-—:T.

Tir do

VM.A'B'C'D' = A'O.AE.BC= -"21" (dm).

Mt phing (4'BD) di qua B, nhin [ BD; k|
= a(¥/3; ~1; 0) lam VTPT, c6 phuong trinh

(ABCD) bing 60°. Ggi I i@ yuig diem cug
# i = wmbrorrer LN D . i 7 ]'I
canh AD. biét hai mdt | B va (SC
A . " - i 1;n|., .J. 'I.'\
Cline vuong goc vol mal radan iU ) | thh
. Ll T : s n 'Iu‘- 0 a
”‘-’L; Il -':.- I'I'JH.": i '=|’7 Y ’4.)(. .IIII [
- [ *:
Lai giai. (h.5) ol
A
e
[ . .- Pl .,
[ "‘.!"_ e
| Lx === L1 »‘f—hh-y
/L‘—_—_. S, < T
X" D e
Hinh 5

Goi T 1a trung diém cta BC, khi d6 /T L AD,

dat SI =b. Chon hé truc toa do C?xy:.z, véi

I = 0(0; 0; 0), D thudc tia Ox, T thude tia Oy,
3

S thudc tia Oz. Ta ¢6 T(O; 7"; 0), S(0; 0; b),

C(a; a; 0), B(-a; 2a; 0), SCla; a;-b),

BC=a(2; —1; 0). T d6 [EB_C']:—dbazb;m

Mat phing (SBC) nhin n(b; 2b; 3a) lam mét
VTPT, mit phéing (4BCD) nhn k(0; 0; 1) lam
VTPT. Vi géc giita hai mit phing (SBC) va
(ABCD) bing 60° nén

nkl 3
L=
A 2 B +@ap +Gay

ab=—i3"‘_,f§ do 86 sr=-3€‘5h——5. Mt khic

cos 60" =

1
Sascp =5 AD(AB + DC) = 3a* (dvdt).

1
V‘.}F VS.AHJD =3"S’-SM =E§J-l—_s (M).Cl

Cudi bai viét, moi ban doc thir gidi quyét bai
todn sau biing phuong phap toa do:

W Cho hinh lang try tam gige déu ABCABC’

AB = a, goc gitra hai mt phang (4'BC) v
3C) bang 60°. Goi G la trong 1dm tam gidc
BC. Tinh thé tich lang try da cho va ban
# MGt cau ngogi tiép ni dign G.ABC theo a.
(D2 thi Dai hoc khéi B nim 2010)

https://tieulun.hopto.org



T 26ee TRUOGC KI THI

~ DESO4
(Thoi gian lam bai: 180 phiif)
PHAN CHUNG

2x ~1

Khao sét sy bié x ok 62

1) Khao sat sy bién thién va va da thi .

ham :a_ﬁ da cho. 46 thi (H) clia

2) Viét phuong trinh tiép tuyé : AN A
i - A 8 yen vai ( , b C

tuyen cach déu hai diém A(-2: a) v ;{)3 (41.e1 ;1;:;)

Ciu 1(2 diém)_ Cho ham sé g

Ciu 2 (1 diém). Giai phuong trinh
3cot’ x +22sin? x = (2 4 342) cos x.
Ciu 3 (1 diém). Giai hé phuong trinh

Ciu 5 (1 diém). Cho hmh lap phuong
ABCD.AB,C,D; c6 canh bing a. Goi M,N
theo thir ty 1a cac diém thudc canh AD, CD
sao cho MA+ MD =0: 2ND + NC =0. Liy
diém P thudc canh BB, sao cho BP = BFE;.
Tinh dién tich thiét dién do mit phing (MNP)

C cét hinh lap phuong.
0 Ciu 6 (1 diém). Tim gia tri nho nhét cia

3
X +12}'2+x+2:3y3+8y :'Ibiéuthirc
: yora 1 A ey Sotie R AL I AL
Cau 4 (1 diém). Tinh tich phan > yiz 2x xy Y % X ,
nj_ 5 =€ trong 46 x, , z la cic s duong thod min diéu
I = dx. < ok 3
n(SxLSD)\/G—-S]*" kién x+y+z£~’,5.

PHAN RIENG
(Thi sinh chi dugc chon mt trong hai phin A hodc B)

A - Theo chuwong trinh Chuin
Cau 7a (1 diém). Trong mét phing val hé toa
2 2

Ly

d6 Oxy, cho elip (E): 5% *T6

diém F, F,. M la diém trén (E) sao cho
FiMF; =90°. Xéc dinh ban kinh duong tron
ndi tiép tam gide MFiF;.

Ciu 8a (1 diém). Trong khong gian v6i h¢ tog
do Oxyz,chohinhlﬁngﬂ'utamgiécdéu
ABC.ABC, cb dinh A (J3;-1;1), hai dinh
B.C thudc truc Oz va AA1=! (C' khong
tring ©). Viét phuong trinh m3t phang (ABC).
Cau 9a (1 diém). Tir cac 56 0, 1,2,3,4,5¢6
thé lap duge bao nhiéu sb ty nhién chan, mol
s6 gom 6 chir s doi t khéc nhau ma tong
ba chir s6 cudi nho hon ng ba chi s6 diu 1a 3
dom vi?

B - Theo chwong trinh Niing cao

Ciu 7b (1 diém). Trong miit phing véi hé toa
dd Oxy , cho dudmg tron

=1 cb tiéu

©): (x+1)* + (y-2 :2—;
Lap phuong trinh cic duémg thing chira cc
canh cta hinh vuéng, biét cac canh cla hinh
vubng tiép xic véi duomg tron (C) tai trung
diém mdi canh va mét dinh hinh vudng thude
dudng thing d :3x+4y +20=0.
Cau 8b (1 diém). Tmpg khong gian véi hé toa
d6 Oxyz , cho mit phang (P) c6 phuong trinh:
2x+ y-2z-12=0 va cic diém A(2; -1; 4);
B(; -1; 3). Chimg minh ring diém M thudc
(P) sao cho dién tich tam gisc MAB nho nhét
thue mot dutmg thing cd dinh. Viét phuong
trinh tham s6 ciia duomg thang do.
Ciu 9b (1 diém). Trong mét phang phire cho céc
diém A,B,C,D theo thir ty biéu dién cic sO
phirc 4—(3+3)i; 2-G+3)i; 1-3i33-1i.
Chimg minh ring ABCD 1a tir gidc ndi tiép.
NGUYEN THANH GIANG
(GVWIHPTCMMY&)

T
S& 438 (12-2013)  "EiHFE 9




HUONG DAN GIAI PE SO 3

Ciu 1. 1) Ban doc r giai.

2) Tir gia thiét ta c6 4B/ OI va AB =33
PT AB:.y=-x4+m.

PT hoanh d giao diém cia 4B va db thi ham

=rx+m (x % 1) hay

X ~(m+2x+m=0(*). T 4B=32 va dinh
li Viete tim dugc m = /5; m=—/5. Thay vao
(*)taduoccéccapdiém(q-ﬁ)cén&m{
[5 J_ S8 J"] -1-..«“: 1- ®
5 sl agh

[5+J§_—5+\/§] ( 5-1 1+ )
- va : .
2 - R

2

J

Ciu 2. PK cosx#0 x¢g+kn (keZ).

Pua PT da cho vé dang
(sin x + 1)(sin x + v/3cosx) + 2cos’x = 0
& (sinx + I)(sin x — v3cosx - 2) = 0.

Bdp s6. x=-5~6—"+2k1: (k € Z).

Cau3d. DK x2>2-3, x#0;,y > 0.

Bat\/‘_;:kl‘ ‘C:?{h}o 9
y*——-kzx".

PT thit nhit ctia hé tré thanh
—L-}- e 3x+ 3kx
2x k2P At 2%
& (k-2’(*+k+1)=0 =k=2
— y=4x7, nén PT thir hai cia hé tro thanh

4x2+8.t=J2.t+6

v 2x2+4.r b= 1’ 23*1

Jx+3

V5~ tathudugeché

2x* +4x=1=¢

Lk 2'3+4f“1‘iﬂx \ s et )
R g on 2

ta thy x = 1. Vay hé di cho

.,3+\ﬁ3,13"—3\/ﬁ
nghiém (x ; ) 1a 4 . 2 o

2 de
(x+2)°

) dr + Iln(xzex)d(

Tir h¢ nay

+Iln(x2 &
(x+2)%

Ciud.Taco [ =

e IJ.[I_ x+2
17

7
O ~—InZ2.
6 4In3 3

Ciu 5. Goi H la trung diém 4B, I
diém HD thi MI j__fABCD)- Ké IK
(K € AC), suy ra MKI = 60°.
Ve snce s %SH.AC.BD = "33"6 ;
d(SB,MC) = d(SB, (AMC)) = d(S,
= d(D,(AMC)) = 4d(I,(AMC)) = =
Céu 6. Tir gia thiét dé bai c6
(=* +y%)? -3 +y )+2=E-a
Ta thiy —x” —3x%y? <0. Ba; ;
ol TN, 1y P lsrsz 25




éz'm' dép> MOT SO DANH THANG O VIET NAM

2 -
(Dé dang trén chuyén myuc Cau lgc bj, Tap chi TH&TT sié 434 thing 8 nim 2013)
Dong chir cia cac 6 sdm mau 1a

PHONG CANH THAN TIEN

: ‘ P|H|O[N[G|N[H[A]K[E[B[AIN]G
2 |TIRJAIN|G|AN|T|A|MIC|OlClBT]cIHIP|OIN|G
3 Q|U|A[N|BlA|O|C|A|T|B|A

4 G|AIN|H|P|A|P|T|A

5 VIT|N|/HH|A|L|O|N|G

6 N{U|1|Y|E|N|T|U

7 H|O/B|A|B|E

8 plAIMO|L|O[AIN

9 N|U| I [P|A| D|UIN|G

10 viulSIN| cl Al Tl T E[N

Céc ban ¢6 1o giai ding, dugc nhéin ting pham la:

|. Hoang Thi Thu Uyén, 12A1, THPT Duong Quang Ham, Vin Giang, Hung Yén.
2. Vii Van Quy, 11A1, THPT Nguyén Chi Thanh, Pleiku, Gia Lai.

3. Nguyén Van Cuong, 10A6, THPT Ba Chic, Tri Tén, An Giang.

AN MINH

@™ Ciu 7b. BW65-23) va O—/65-23) Ciu 9b. DK: 2 ;= -
hodc B(—/65 - 2; 3) va C(/65-2; 3). Véi x <0, 2=y < 0 thi vé tréi PT thir hai ludn
Ciu 8b. Tir gia thiét bai ra ta c6 dwong. Véi x > 0, 2 —y > 0, khi 46 PT thir nhat

trér thanh 3" + log, x = 34 +log,(2 - y).

C(0: 0: 3); B(4; 4/3; 0); G[S i, J

Ham s6 f(t) =3' +log, t dong bién véi 1> 0,
suy rax =2 —y. Tir o6 tim dugce

Dua vio diéu kién OM.GM =0, ta tim dugc 4
hai diém thoa man dé bai la (% y) < (5523 s (2 2 )
58 40‘/_ s O E’?_‘C HOANG GIA HUNG

: 0; ———

(GV THPT Bdc Duyén Ha, Humg Ha, Théi Binh)




BAN DOC

GV

I. MOT SO TINH CHAT CO BAN

CUA KHOI TU DIEN VUONG

Cho tir dign vudéng OABC c6 OA, OB, OC
vudng goc véi nhau timg doi mot va 04 = a,
OB = b, OC = ¢. Khi 46

I. Tam gidc ABC c6 ba géc nhon.

2. Hinh chiéu vuéng goc cia diém O 1én mat
phing (ABC) la trye tim H ciia tam gide ABC va

SR IR G
OH? g* ¥ wet

2 = s = :
3. 508 = Supc-Sapcs Soac = Swac-Sasc
2 e
Soas = Syap-S sc-

2 2 g 20T
4. Sosc + Souc + Sous = Sisc:

R e, Wb M, N, P la trung diém

6
cia cdc canh AB, BC, CA khi d6 tir dién
OMNP la tir dién gén déu va

1
2
6. Goi a, f, y thir tir 1a céc goc tao boi OH véi
OA, OB, OC thi cos’a + cos’f+ cos’y= 1.

IL. THEM MOT SO BAI TOAN
CHO KHOI TU DIEN VUONG

©Bai todn 1. Cho tir dién OABC ¢ OA, OB,
OC vuong goe vai nhau ting doi mot, OA = a,
OB =h,0C=¢

5. ¥Vousc

|

Vouve = zVousc = 57 abe.

1) Goi A, B, C la ba goc cua tam gidc ABC.
Chung minh rang a""la.nA_ = b'tanB = ’tanC,

2) Ve cic diing phén gidc ciia céc géc AOB,
BOC, COA rﬁm‘r’hx}"rfg%x; 0y, Oz. Chim img

PHAM PHUG:% EN
THPT chuyén Nguyén Tréi, TP. Hél Duong

Lo gidi |
1) Goi giao diém cta CH VoI AB 1A D. |
cD (73._4@ £ ZS’E

Ta c6 tnd=—5 “UADAB  Of

tir 46 suy ra 2Suc = a’tand,
tuong ty  2Supc = btanB = ¢ tanC,
suy ra dpem. . b
2) (h.1) Gié sir Ox, Oy, Oz cat AB, BC, CA lan:
luot & P, O, R. Khong giam tinh tong q:aﬁ, :
sir ¢ = min{a, b, c¢}. Khi'dé ta dat OA .
= OC = ¢; Ox, Oy, Oz cit A'B', B'C, CA' lan.
luottai P!, Q' R". ¢

D& dang chimg minh tir dign OP'Q'K
dién déu nén POQ’ = QOR' = ROP"
hay xOy = _}a = Eax =601
QBii todn 2. Cho e dién OABC ¢é
OC vuing goc v nhau n}'ng déjﬂ
OA =a,0B = b, OC =¢. Goi Oy la «
trong tam gidgc ARC Khoang cdch
ba mdt phang OBC: OAC, OAB lin
by, cy. *T:'nk a, b, ¢ theo ay, by, ¢y sa0
) Thé tich khéi tir dign OABC nhé »

2)Tonga + b + ¢ nho ahdt < Lk ia

DTh

TOAN H
12 'cmngcé Mm':(m




]

1 |
Ebc:u, + gm:'b; * g abe). Suy ra

—
=

ab(‘=b(‘-tl1+6rb| *’U&-’l {;';ﬁ +ﬁ +EL=1.
a b c

Ap dung BDT Canchy cho ba s duong ta ¢

abcy 9

|
= Vousc = =abe
abc  "oasc =gabe2

Viy gié tri 0ho nhit ciia Vouuc 1o 3 ahe; ki
a _b

A-1-1_

1
Rt i —ic::»a=3a|;b=3b[;c=3cl.

2) Theo BDT Bunyakovsky, ta ¢cé

(JE +JH +Ja'}25(a+b+c)[% +%+%).
Tir d6 ta ¢ a+b+c2(J;|+Jb_l+JC—;)2.

dang thirc xay ra khi

fa_fh a5+ i+

a+b+c
FiEeE
o] R

Vay gié tri nho nhét caa + b+ ¢
lﬁ(JE,-+J_+JcT)2 khi

= (Ja + B + )
s~ V(4 + i + &)
o= Ja(Ja + & +a).

OBai toan 3. Tit di¢n OABC c6 OA, OB, OC
vuong goc vai nhau timg doi mot.

1) Goi M, N, P ldn luon trung diém ¢ia cdc canh
AB, BC. CA; a, B, yldn heot li goe phang ciia cac
nhi dign (MNy, (NP, (PM) i tidign OMNP
Chimg minh ring cosa + cosfi + cosy = 1.
Z}ChOOA + OB= 0C. Mmmfl?ﬁng
tong cde goc phing & dinh C cia e dién
mﬂcwqo“

—

Loi gidi

1) Goi H 13 hinh
chiéu vuéng goc
cia O lén mat el Y
A trgc tim cia & -7 2
tam ABC c6 ba ! *H :
gécnhon, dod6 H M~ | 7N
nim trong tam :
gitc ABC.

* Truong hop 1.
H nim trong tam gidc MNP (h.2). Khi d6

Stmn + Suve + Stpm = Savp
& Sorncosa + Sonpcos S+ Sopmc0sy = Sunp-
Ta chimg minh dugc

AOMN = AONP = AOPM = AMNP (c.c.c)
nén cosa + cosf+cosy=1.
* Truong hop 2. H khong nim trong tam giac
MNP. Gia sit H nam trong tam giac AMP, khi d6

Sty + Seve — Supm = Sune
&5 Somv-cosa + Sonp.cosf— Sopmcos(m —y) = Spve
<> cosa + cosff— cos(n—y) = I
& cosa +cosfi+ cosy= 1.

2) Pt ACB = a;, ACO = a,, BCO = as,.

Trong mét phang
(OAB), trén tia
dbi cua A0 dat
AE = OB, trén tia
dbi cua BO dat

Hinh 2

nén ay ='§}¥‘

Hinh 3

va CA = IB. Tuong ty hai tam gidc vudng
COB va IEA bing nhau nén @, = AIE va
CB = I4. Do CA = IB, CB = I4 v AB chung
nén ACAB = AIBA (c.c.c), do 46 q, = AIB.

Viy a1+ &y + @ = AIB + BIF + AIE =%F.0

OBai todn 4. Cho nir dién OABC cé OA, OB,
OC vuéng goc voi nhau timg doi mot. Goi «a,

TOANHOL™

.'am e e



B y la cac gde phang cua nhi dién canh AB,
BC, CA cua tie dién OABC. Chimg minh rdang
sin” n’ sin” ¥ 6
— o O DL >
I+snflsny |+sinasiny |+snasnf 5

Goi  hinh
chitu cia O
lén mit phang
(4BC) la H
thi / 1a trye
tim tam gidc
ABC.  Goi
giao diém cia
AH véi BC 1a
A', theo dinh
li ba duémg
vudng géc thi OA’ L BC nén OA'H = f.

Tuong ty OC'H = a, OB'H = y.
Do OA4 L (OBC) nén tam gidc AOA’ vudng tai
O c6 OH la dudng cao nén f = AOH, tuong
tw @ = COH, y = BOH. Theo tinh chit 6 thi

cos’a + cos’ B+ cos’y= 1

& sin*a + sin’ 8+ sin’y= 2.

Hinh 4

. 2 ez

Tac6 sin fsiny s LMY oy

sin® a 2sin’ @
I +sinfBsiny 2 4 sin’ B +sin’ y

2sin’ & 8
e A NS . 2 -2

4-sin“a 4-sm"a
s 2
8

1 +sinasiny ~ 4 - sin® g 2

g
.. 50 SNPGRS W Y
I +sinasinf 4 —sin?y

A-sra d-si’h 4-gn'y
 SREY G 9
Aﬂ’mm;+i;+?zx+y+z
(v6ix>0,y>0,z>0). Tacd

9 i 58060
c

VT +628——s 3 i
12 = (sin“ & + sin” £ + sin”“ ¥)

TBM WSS

Viy

36 6 .m). O
Vrz?—big“"”m’

% Bai toan 5. Cho fir u'!t."n‘ OA H(“ ( ”‘”’f- OB
OC vudng goe véi nhau timg doi moL. Goi If
truc tam tam gidc ABC. .HU:” !r'utf,u M?I oy
ABC ldy diém P (P = H). Chimg minh rang

"

-+

10 BO’ sl

Léi giai. Chon
hé truc toa d

nhur (h.5), dat

OA =a, OB i ba

OoC=c.

Phuong trinh

mp (ABC):

Zyg+==l * Hinh 5

Goi P(xo; yo: o), do P € mp (ABC) nén
£Q-+'-y£+ﬁ-zl Ta co
a b c .
APZ_(a—.ro)2+y§+z§
AO? a’
Rt 2 OP
a a &
BPZ =OP2-2y0
BO? p? b

21°+1(1)

a

e

@

+ 1

Tuong tu

AP? BP2+CP2
A0 BO*  CO?

oo od)- (224 2), :

T (1),(2), (3) c6

+




all / : ‘%é :
L
ﬁ’ ‘Ldu lac ]2_0 B

hu cau tim nhirng ngudi co kidn the
N,¢ng vé kinh thu*,gthc? L;?wh,cﬁcﬁlesg s

van, viét bidu sé,... d& tham aqia Vft
cdng viéc tridu chinh, ddi hdi cac triéugdai Su:
nude Viet mé tredng hoc chir Han va t4 chirc
thi tuyén.

Cude thi Nho hoc dau tién duoc td chi

7 (1) dubi iU Vua Ly Nharr Tong. chen
dugc 10 ngudi, Thi khoa la Lé Van. Thinh
sau lam dén chirc Thai sw. Thi nha Ly chi tb
chire 7 cudce thi chon ngudi vao lam & Tridu
dinh, trong 66 nam t&r n&m... (2) khoéng thay
cudc thi nao. Trong thoi Ly Trén ti nam ... (3)
ndi dung cudc thi ¢d héi vé Tam gido la dao
Nho, dao Phat va dao Lao, vé sau chi hoi vé
Nho hoc. Trong cac cubc thi déu dung chir
Han (chtr Nha), riéng co hai cudc thi ddi nha
Mac va nha Tay Son la dung chir Ném.

Vao nam Binh Mui ... (4) doi Vua Trén Thai
Téng, Triéu dinh m& khoa thi Tam khéi dau
tibn chon ba ngudi @6 dau, goi la ... (5), ... (6),
... (7). Céc ki thi Bai ty (eude thi lon) do Tridu
dinh t chirc tir ndm ... (8), khoéng 7 nam mot
An. Nam ... (9), Vwa Tran Thuén Téng moi
ban hanh quy dinhrd rang vé viéc thi tuyén
gbm ba ki thi: thi Huong, thi Hol va thi Binh.
Thi Huong duge t chirc ba nam mot lan, 1Aan
dAu vao nam ... (10). Céc s tir thude ba hogc
bén trAn hodc finh, sau khi'trai qua cugc sat

hach & dia phurong, dén thi chung & mot
ac |a pni rf;‘“-%ﬁ
=

Fr ey
-]
i

trirng thi. Thi Hu’o'néﬁ X
sau: Ki thr nhét thi Kinh'

KI ther hai thi Chiéu, Ché, Biéu. Ki-thtr ba thi

Ther pha. Ki thir tu thi Van sach. thi duge
ba ki dAu 14 ... (11), (dén gian goi & (T
sau goi la TG tai, dan gian gol na..._(m)?’ th!
a8 ki ther tw 1a ... (14), dan gian gol la ... (15);
vh sau goi 1a Clr nhan, dan gian goi 1a ... (16).
“iéébklm&tussvﬂimth&bav{éokhoéng
mét phan mudi. Ngudi b dau thi Huong 1
Giai nguyén. N&m ... (17) dudi tridu Vua HO
Hén Thuong yéu cAu thi thém viét van va toan
sau ki thir tu.

f L T
- 4 #
N .; L. '.1_ ry =
¥ q. e
L FE W

0 NvOC vii:'r XUA

~ghi dudi day vio

I

'-.\N.‘-.-

Thi H6i do BO L& cia Tridu dinh t& chure sau ki
thi Hwong mdt nam. Al dd thi HOI 1a (18)
Nguwdi db dhu thi HOI 1 HOI nguyén

Thi Binh duwoc td chire tai san dinh & Hoang
cung. Nha Vua ra dé va ty tay phé duyét 1Ay
dd sau khi HoI dbng Giam khao da cham bai
thi- Ngudi dd ddu thi Dinh 14 Dinh nguyén.
Nhing ngudi db (dan gian goi la ... (19), co
thév ki ngudi vao thi Binh clng gol bang tén
nay) xép theo ba béc (Tam giap). Ba ngudri db
bac nhal 1a Tién sT @8 nhit giap, xép tir cao
nhét tré xubng 1a ... (20), ... (21), ... (22) (cO
ki thi khéng ¢6 bai dat mét loal ndo do). Al db
bac nhi 14 Tién s d& nhi giap hay la ... (23).
Ai d& bAc ba la Tién si dé tam giap (hay la
Pdng tién si xuét than).

T& ndm ... (24) Vua Minh Mang bo bc dé nhat
giap. Thi nha Nguydn con &y thém mot so
ngudi gln dat Tién st va gol 1a At Tién si, hay
... (25)

Nam ... (26) cac T tir phai thi ca Qudc nglr.
Ki thi Hoi, thi BInh cudi cling duge td chire
nam ... (27). Nam ... (28) md Trudng Thong
ngbn Ha Noi, day tidng Phap v ehir Quée
ng(, Anh huéng Nhe hoc dugc thay thé dan
béi van hoa Phép. B

Trong b viét 178 06 mot 56 ¢hd (ghi nar

Duong lich hodc tén goi ngudi thi d8) con
bo trong (..). Ban hil didn che nam, ce tén

chd tréng d6 cho
phihgp,.. = itk
1086 dén 1152, b) 1195 dén 1247, ¢) 1304

an 1374, ) 1075, d) 1247, ¢) 1396 (hai lin),

f) 1404, g) 1809, h) 1828, i) 1886, k) 1919,
m) Bang nhan (hai 1n), n) Hodng gidp,
p) Huwong cong, q) éng Cong, 1) ong Cit,
s) dng Do, 1) ong Nghe, v) ong Ti, v) Pho
hang, W) Sinh db, x) Tham hoa (hai lan),
y) Thai hoc sinh, z) Trang nguyén (hai lin).
VAN KHANH

S6 458 (12-2013)  * Chidn
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CAC LOP THCS

Bai T1/438 (Lép 6). Tim tat ca cac s6 nguyén
toa, b, c(cothebéngnhau)bletring
al@+ 1)+ b(b+1)=c(c+1).

HOANG TIEN TRUNG

(SV ldp XI8, K49, DH Xay dung Ha Noi)

Bai T2/438 (Lép 7). Cho tam gidc ABC vudng

can tai A. GolElau'ungdlemcuacanhAC

Qua 4 ké dudmg thing vudng géc voi BE cit
BC tai D. Chimg minh ring AD = 2ED.

NGUYEN KHANH NGUYEN

(GV THCS Hong Béang, Hi Phong)

Bai T3/438. Tim céc s6 nguyén dwong x, y, ¢

v0i 1 < 6 théa mén phurong trinh sau

Py —ax-2p-7-2=0,

~ NGUYEN HAO LIEU
(GV THPT Nguyén Hué, Thita Thién Hué)

Bai T4/438. Tim phin nguyén ctia A biét ring

1 1 1 1
A=—+—+—+..+ ?
J 3 J2013
NGO QUANG HUNG

(SV Iop KTD, K54, DH Nong Nghiép He Noi)

Bai T5/438. Cho tam gigc ABC nhon ¢6 hai
duong cao BE va CF. Ké FI va EJ ciing vuéng
goe v6i BC (I, J thude BC). Céc diém K, L lin
luot thudc AB, AC sao cho K1 // AC, L] // AB.
Chimg minh ring ba duong thing E7, F.J va KL

2 quy.
NGUYEN DUNG
(GV THCS Bic Binh I, Binh Thugn)

CAC LOP THPT
Bai T6/438. Gidi phuong trinh

13925 —x* +0W2x? 4 5* =32
NGUYEN THANH GIANG
(GV THPT chuyén Himg Yen)

TOAN HOC
 CTusitye _S6 438 a2-2015)

16

Bai T7/438. Xét cdc s0 x, v thoa man

pzo, fro) (550 o
x+ y S 0 2 r BG
Tim gid tri nho nhat cua x. BEpr e ANE

(GV THPT ngw: Binh Khiém, Hoai An. Binh

Bai T8/438. Cho tam gidc ABC. Goi m ]” &ﬁ;-‘
Vﬂpmeamumladodﬁldubngmnlgm nké

tr A, 46 dai cac duong
ké tir B, C va nira chu vi cua tam gidc.

himg minh ring m, + 4, + 1. s pV3.
e TRAN TUAN

(GV khoa Todn-Tin, PHKHTN, PHQG TP. Ho Chi

TIEN TO1 OLYMPIC TOAN.
Bai T9/438. a) Cho a, @y, ... @, 1A n S0,
ti. Chimg minh ring, néu véi moi sO 1
duong m ma a” +a +..+a" 1asbn
, a, la n s6 nguyén.

Bk a i, o

b)Baltoantrencbndungkhﬁngnéu
gia thiét ring a,, Big < lﬂnsétlmc'?

NGUYENTU_
(GV THPT chuyén Tién Giang, TP. My Tho,
wnsms.mhmnséhmmcf
thod man (v&i moi s6 thyc x, y):

@)+ f(»)+2= 2f[“” ]+2f£

NGUYEN
(GV THPT Yén Phong 2, mm




Bai T12/437. Cho tam gide ABC can tai A
MOt dudmg tron @ 1ép xGc vai cac canh AB
AC va cat canh BC lan luogt i K, p) Doar;
thang AK cat duomg tron @ tai M. Goi P, Q lan
gt la cac diem doi ximg cia K qua B, C. Goi
() la tam duomg tron ngoai lif:p tam giac MPQ.
Chimg minh rang cac diém M, O va tim
duomg tron @ thing hang,
TRAN NGOC THANG
(GV THPT chuyén Vinh Phic)

CAC PE VAT LI

Bai 1.1/438. Ba xi lanh gidng hét nhau dugc
xép trén mot mét san :

nhur hinh vé&. Mt san (.
vi cic xi lanh déu ~¢
khong ¢O ma sat. Tac f
dung vao xi lanh tréi

mot lyc F ndm ngang hudmg vao truc cua xi

lanh. Hoi lye F nho nhit va 1ém nhit bang bao

nhiéu dé cho ca ba xi lanh ludn tiép xiic voi
nhau khi chuyén dong?

TO GIANG

( Hida Noi)y sweu tam

Bai L.2/438. Trong khong gian cd trong truomg

déu voi gia toc g va dién truimg thing dimg

huéng 1én tir mit dét, c6 do Iom phy thude vao

a 1l P . . x )
do cao x theo bicu thirc £, = b(lﬂ?'-J. Mot

qua cdu nho khéi lugng m mang dién tich

g (g > 0) dugc tha khong vin toc ban dau tir

do cao h. Hay tim vin tf}c_ cuc dai cua qua

ciu trong qua trinh chuyén dong. Bo qua
stre can cua khong khi. :

PHAM XUAN THI

(GV DH Nguyén Hué, Bién Hoa, Dong Nai)

sEsEEEEEsEENEERNERES EEEEERAREER FEEesaRENRsRERREEW

FOR LOWER SECONDARY SCHOOLS

T1/438 (For 6" grade). Determine all triples
of (not necessarily distinct) prime numbers a,
b and ¢ such that
ala+ 1)+ bbb+ 1)=clc+1).
T2/438 (For 7" grade). In an isosceles right
triangle ABC, right angle at vertex A, let‘ E
be the midpoint of side AC. The line
icular to BE through A meets BC at D.
Prove that AD = 2ED.
T3/438. Find all positive integers X, s and.r
such that 1 < 6 and the following equation 1s

satisfied:
L4y ~ax-2y~N-2=0.

T4/438. Find the greatest integer not exceeding

A, where
1

A ,'Uli,.g.vlinl-w-h..-??f;-ii-

T5/438. Let ABC be an acute triangle with
altitudes BE and CF. The line segments F/ and
EJ are perpendicular to BC (I, J belong to BC).
Points K, L on AB, AC respectively such that
Kl 1/l AC, LJ I/l AB. Prove that the lines E/, FJ
and KL are concurrent.

FOR UPPER SECONDARY SCHOOLS
T6/438. Solve for x
13v2x% = x* +9J2x* +x* =32
T7/438. Given that x, y satisfy the conditions

EaRe8 al J(MT + (’—‘-‘-’J‘ =97,
x+y20 2 2

Find the smallest possible value of x.

T8/438. In a triangle ABC, let m,,/,, I, and p
denote the median length from A, the lengths
of the internal angle bisectors from B, C and
its semiperimeter.

Prove that m, +1,+1, < pJ/3.

:.‘Jttpes':”tieul n. Mg 27)
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* Wai 1/434, Tim 50 chink phweong lém nht c6
dpg 4"« 4" 4 4" v x la s6 e nhién,
Lid ghal, Ta s chimg to ring véi x 2 27 thi
thir gl 86 chinh phrong A = 4%7 + 41920 4+ 4%,
'I". Eﬁ A - 4?7(1 " 499_‘ +4t?_7) = (22?)2-8
trong do B =1+ 497 4 4%V
w1 4291985 | 22019854x-2012)

® Lrwomy hop 1. Vi x = 2012 thi

Bl 22’9"5 + 2|035.2 b “+2|935)2-

e dd A —('.Z‘ﬂ)"'(l'1~2”"“]2 |4 86 chinh phuong,
o Trwmg hop 2, Vin x > 2012,

Dt x - 2012 = v > 0, thico

Be 14237 4208

i i 2
€l 2.2'“"“ 4 ZI{IUHH) = (l + zlqgg,ﬂ,) ‘

Mt khie 8 5 20999 'Nbu B = 5 véi s b
niguydn (h 2" & p < 4 21985,

Didu ndy khong xdy ra, do d6 s6 B khong thé
1w ohinh phirong,

Viy 88 A =47 44'9% 4 4% 1a s6 chinh
phiiong Kom nhit khi v = 2012, Q

» BN ¥ Cie Ban sau ob 161 gidi ding, 1§p lugn

vt ehd

Y = e td Linh, 6A1, THCS & THpy

h Phbes Neguyén Khanh & g .

;:l': Ba Trimg, TX. Phuc Yén; Nﬂh?} Amn: -\'k._r{_l:ren Vin
Manh Nguyén Vin Toan, Ngé Tri F {_‘“"'-‘TIR- I ong Van
Minh Himg, Trdn Thé Hiép. 6A, Nguyén Dinh Tudn, 6C,

THCS Ly Nhit Quang, p6 Larong.

Lop 7) Cho tam giac AB’Cg%

ABC =54°. Dudng trung 88
1g phén gidc trong CD cugs
tai E. Chimg minh rang

* Bai T2/434. (
yuong tai A n}‘
tuyén AM va deon
tam gide cat nhau
CE = AB.

Loi gidi. (Theo ban Pham Thién Trang, 74
THCS Hanh Phudc, Nghia Hanh, Quang Ngai)

B 4
54°
M
D
i sq°
A c

Trén tia ddi cia tia MA ldy A’ sao cho MA' = m
Khi 46 AMCA' = AMBA (c.g.c), suy ra i e

CA'=AB(1); MCA' = MBA = 54°.
Do d6 ACA'= ACB+BCA'=36° +54° =90°,
Tir AABC = ACA'A (c.g.c) => AA'=BC;

MC«-'AM=-;—BC, MAC = MCA=36".

Miit khéc, CD Ia phan gidc ACB nén ECA=1
A'EC 1a géc ngoai cla tam gige AEC
A'EC = EAC+ECA=36° +18° = 54° = E
suyratamgiécECA'eéntaiC,n;a;CEEQIf
Tir (1) va (2) suy ra CE = 4B.Q

>N xét. i ban sa diy cling 6 i gi gl
Thai Nguyén: Ha Hai Ninh, 7A3, THCS Chu ?




TP. Théi Ngayén, Phé The: Nguydy hanh,

; : Dinh K

Lé Ngoc Lan, Nguyén Quang Hao, 142 THCS :I’.As.
Thao, Pham Kim Hing, 16, THCS pperg 2l L
Phis Tho, Nguén Duemg Hoany 4 < oa

& nh, Lé Nguydn Qupni
Trang, Trdn Mink Hidw, Nguyén p

Nguyén Dwomg Hodng Ank, 7C, THCS Van lwm}v‘;
. |

Tri: Vinh Phise: Nguyin Hin Tim

. Nguyén Kim i
TAS, Nguyén Minh Hidu, A6, THCS w:i:c ::::in
Thanh Vinh, TAL, THCS & THPT Haj Hal Trung,

TX. Phic Yén, Thanh Hok: Nguydn Trdn Hoang,
Nguyén Khai Hueng, 70, THCS Nhtr B4 S9, Holing Hod.

Nght An: Ngvan Thi Quynh Trang, 6A, Hoang Thai
Som, TA, B Duy Thanh, TA, THCS Hb Xudn Huong,

Quimh L, Nguyén Duy Khong, Thai Anh T, Duomg

Xudn Long, Nguyén Thup Link, Tang Thé Todn, Hodng
Vin Nam, TE, THCS Ly Nhit Quang, D6 Luong,
Quéng Ngi: Trdn Nghia Bio Phic, T8, Vo Thi Hing
Kiéu, TA, THCS Nghia M§, Tu Nghia, Nguyén Thi Ha
Vy, Vi Thi Thi, TA, THCS Hash Phude, Cao Nit Xudn
Lan, Nguyén Lé Hoang Duyén, Huymh Thi Hing Lé, Dé
Thi M Lan, TA, THCS Pham Vin Dbng, Nguyén Dai
Duong, TB, THCS Nguyén Kim Vang, Nghia Hanh,

NGUYEN XUAN BINH
* Bai 3/434. Tim tdt ca cde s6 nguyén 16 p
sao cho hai 56 p -1 va p+\ cing cé 6 wic
$6 tw nhién.

Lai gidi. (Theo ban Hodng Thi Minh Anh, 9A1,
THCS Yén Lac, Vinh Phic).

R® ring p = 2 va p = 3 khong thoa man yéu
ciu dé bai. '
Vip>3 thiplénénp | via p + | chin,
Trong ba b ty nhién lién tiép p-1, p, p+]
c6 mot sb chia hét cho 3. Do p nguyén 1,
p> 3 nén p khong chia hét cho 3. Viy p-1:3
hofic p+1:3,

e Néu p-1:3 thido p-1 6 6 udc ty nhién
an p~1=2.3" hoge p-1=2"3.

“Véi p-1=23 =18 thi p=19% p+1=20
¢b 6 urc ty nhién (thod man).

Voi p-1w22y=12 thi p=1% p+1=14
¢6 4 ugc ty nhién (loai). |

*Néu p+1:3 thido p+1 06 wde ty nhién

*1.-1?*1#-2.32 hodc p+1=2°3

~ NG p+1=23 =18 thi p=17; p-1=16
¢6 5 wbe ty nhién (loai).

Véi p+1=223=12 thi p=11; p-1=10
¢6 4 uée ty nhién (loai).
Vayﬂfmgxym topcantimla19.0
»Nhin xét. 1) Lin gidi trén da sir dung két qua:
Néunﬂtsﬂnguyénuklcéplﬁnﬁchchinht&:

b F]ml-sz P¥* (p, P2, Px 1A cic sb nguyén

th phin biét, @, @y,..ax eN) thi n b
(@ + 1).da; +1)...(ag + 1) uéc sd ty nhién.

Trong phén tich chinh thc cia p —1 va p + 1 s& khong
thé c6 qua 2 uéc nguyén 16 phén biét, vi néu khong
thi 86 wéc ty nhién cia p — 1 va p + 1 s& khong it hon
(14 1)1 + 1)1 + 1) =8 ude.

2) Ngodi ban Minh Anh, cic ban sau ciing c6 161 gidi tt:
Vinh Phée: Trdn Dic Duy, TAS, Chu Mai Anh, 9A1,
THCS Yén Lac: Phé The: Bii Duy Hoang, Nguyén
Théo Chi, Tran Quang Dai, Nguyén Hai Dweng, Hoang
Cong An, TA3, Pham Drec Duy, Khéng Xudn Bdch, 8A1.
Nguyén Diec Thugn, 9A3, THCS Lam Thao; Thanh
Hoda: Pham Tudn Linh, 9B, THCS Chu Vin An, Nga Son;
Nghé An: Cao Him Dat, 9C, THCS Déing Thai Mai, TP.
Vinh; Nguyén Vin Toan, 7A, Tran Lé Hiép, 6A, THCS
Ly Nhit Quang, D6 Luong; TP. Hb Chi Minh: Dé
Nguyén Vinh Huy, 9A1, THPT chuyén Tran Dai Nghia,

Quin 1.
TRAN HOU NAM
* Bai T4/434. Giai h¢ phwong trinh
i 42y +z=¢ o7

6y +2[yz + 3z =108+18{x+4+12{y+9+6{z+36

Lo gidi. (Theo ban Nguyén Hai Todn, 9A,
THCS Tay Vinh, Tay Son, Binh Dinh).
o Trude hét, tir céc bit dang thirc

(a- by’ +(h-c) +(c-a) 20

n::’(.‘.v-».'.‘)’l +Elz(ar:--a):t +c*(a-b 20, tacd
Yo' +b’ +c*)2(a+b+c) O
(ab+ bc +ca)’ 23abca+b+c) @
Ping thitc xdy ra & (1) vi 2) khi va chi khi

“'bf“p




#—_—_-

e Tro lai bai toan. Piéu ki¢n: x 20,y 20,220,
Pat  Vx=2a; [y =3b;
Jz =6¢ (a=0,b20,c20).

H¢ phuong trinh dé cho trd thanh
{a+b+c=abc 3)

ab+bctca=3+1+a +\1+6 +{1+¢ (4)
Tix (4) va (1) ta ¢6

(ab+be+ca-3) =(W1+a* + 145 +1+c?)
3(1+a +14+b° +147)=3(@* +b’ +* +3)
53((a+b+c)2—2(ab+bc+ca)+3)

= (ab+bc+ca) —6(ab+bc+ca)+9
<3(a+b+c) —6(ab+bc+ca)+9

= (ab+bc+ca)’ <3(a+b+c) =3abc(a+b+c)
(do (3))
= (ab+bc+ca)’ <3abe(a+b+c)
Tir (2) va(5)suy ra
(ab+bc+ca) =3abc(a+b+c)<>a=b=c.

&)

Thay vao (3) ta dugc a=b=c=y3, suy ra
x=12; y=27; x=108 (thoa min diéu ki¢n).

Viy hé phuong trinh c6 nghiém duy nhat
(x; y;2)=(12; 27; 108).0
» Nhin xét. Chi c6 ba ban c6 10i gidi ding. Ngoi ban
Todn. con 6 hai ban & Thanh Hod: Nguyén Hiru Hing,
9B, THCS Triin Phii, Nong Céng; Lé Quang Diing, 8D,
THCS Nhir Bé Sy, Hoding Hoé.

NGUYEN ANH QUAN

* Bai T5/434. Cho duomg tron (O). Tir mit
diém A nam ngodi dwomg tron, ké hai tiép
tuyén AB, AC véi duomg tron (B, C la cdc tiép
diém). Duwomg trung tuyén BM cua tam giac
ABC ciit (O) & D. Chitng minh ring BE // AC.
Loi gidgi -
Tir MCD = MBC suy ra AMCD e AMBC (g.g),
ta —_—

duoC 38 = MC

Vi MC = MA, nén kA

MA _MD /DO
MB - MA gg | Due
Suy ra AAMD <o ABMA |
(c.g.c), nén MAD = MBA. ii L0\

Miit khic AEB = MBA
] —

= ~sdBD.
754

Vay MAD = AEB, nén AC// BE.O

»Nhiin xét. Cic ban sau ¢d I gidi tot:
Phi Tho: Quan Thi Thu Huyén, Lé Thi Minh Chdu,
9A3, THCS Lim Thao; Vinh Phic: Nguyen Tf;'
Hiwomg Ly, 9A1, THCS Yén Lac; Bde Ninh: Nguyen
Thi Thanh Hiwomg, 9A, THCS Yén Phong; Pa Niing:
Lé Quang Anh, 9, THCS Nguyén Khuyén, Cim L§
Quing Ngii: Nguyén Thi Ha Vy, 7A, THPT Hanh
Phudc: Poan Tii Nhi, 9A, THCS Trin Hung Dao; Vinh
Long: Doang Hoang Gia Bao, 9/11, THCS Lé Quy
Poén, TP. Vinh Long.

NGUYEN THANH HONG

* Bai T6/434. Cho a, b, ¢ la do dai cac canh

ctea mot tam giae. Chimg minh rang

S S—_— f S——— E

\ja: -(b -.:')'1 fVl'lx':" (¢ a)’ Fye —la=b)

< Jab + Jbe + Jea <asbre
Léi gidi. BDT cin chimg minh tuong duong voi
J(a+b-—c](a-b+c)+J(b+c—a](b—c+a)
+J(c+a—b)(c—a+b)
<ab ++bc +\Jca <a+b+e. *)
Ap dung cic bit ding thirc quen thude
|ax + by SJ(J+b""Xx2+f) va véi a>0, b>0
¢6 2Jab <a+b.Taco
J(a+b-c)(a—b+c)+J(b+c-a)(b-c+a):
< 2Jab < a+b. Tuong ty 3
Jbrc-a)b—cta)+[cra-t)c-att)
<2/be <b+c; o 19 -G
J(c+a-b)(c-a+b)+ fla+b-c)a-b+c) 9
<eca<c+a ’ : ; i

i .

https://tieulun.h‘optq." rg



Cong theo vé ba BBT trén va rit £on, ta dugc
BDT (*). Suy ra diéu phai chimg minh.

Céc daudﬁngthuc xay ra khi va chi khi
a= b=¢c.0D

»Nhin xét.

1) Ban Nguyén Van Thé, 10T1, THPT
dua ra BDT long quat: Chuyén HA Tiah

Véi a, b, ¢ 1a 4§ dai cac canh cia
nelN, n22 lubncéod Xt gibe vh

2

1@ ~(b=cF +{¥ ~(c—af +§2(a-pp

<¥ab +%bc +Yea < Y2 LY L7

Céc ban hdy thir chimg minh nhé.

2) Cac ban sau ddy c6 bai giai tot:

Vinh Phic: Nguyén Thi Thém, Nguyén Thj Thanh

Huyén, Homrg?hiﬁﬁnh:ﬁlﬁ, Chu Mai Anh, 9A1, THCS

Yén Lac; Biic Ninh: Nguyén Dinh Khiém, 9B, THCS

Yén Phong; Ngh@ An: Tdng Thé Toan, Nguyén Dinh

Diing, .SA' Hoang Van Nam, Pham Trin Anh, Nguyén

Thi Hang, Vo Viét Anh, Dwong Xudn Long, 8B, THCS

Ly Nhit Quang, D6 Luong; Quing Ngai: Nguyén Thj

Ha Vy, 7A, THCS Hanh Phuéc, Nghia Hinh; Quing

Nam: Lé Phude Dinh, 9/1, THCS Kim Dong, Héi An;

TP. Hd Chi Minh: D6 Nguyén Vinh Huy, 9A1, THPT

chuyén Trén Pai Nghia, Quén 1.
NGUYEN ANH DUNG

* Bai T7/434. Cho dmng tron (O) ngi tiép
tam giac ABC. Cac tiép tuvén cuia (O) song
song vdi cde canh cua tam giac, edt cdc canh
etia tam gidc ABC 1gi 6 diem M. N, P, Q. Rva
S (M.Se€ AB: N, P e AC, O, R € BC). Goi
hsly by lin luot la do dai cdc dwomg phan
gidc trong xudt phdt tir cdc dinh A, B, C cua
cdc tam gidc AMN, BSR, CPO.

Chimg minh rang
o
B g I
Vi p lis mia chu vi tam gidc ABC.

Lavi gidi, Gid sit 1, Iy, Ic theo thir tyr 14 0 i

mmmmmﬂﬂ*m“'“
Coiatam gidc ABC.

Khi do A
QABAC o5 FX
f b 2- J; \'.\
. AB+ AC Wi 0 g
Ki hi¢u py, py, P ez W
lan hugt 13 nira chu vi 5{ .0 ‘?-.‘\p
cic tam gide AMN, /\ ,-}
BSR, CPQ. B" 5 ?_—*-C
Vi MN // BC nén
AM _AN _MN _p
AR T W BB <P
2(£JAM(£}AV003—;
Suyra /, = h 1 £}
P (aM + 4N) P
Tuongty y =2 1,: L.=21,
gt b P2 21 Fe¢ P 3
S e
Tudo 2+-2+£= (——+—+—-—).
h L L £ S
Tir tinh chét tiép tuyén ta cé p, + p, + p3 = p.
Do d6 la +’b+’ >9 (1)
gy, Tk

Mit khac, 4p dung BDT Bunyakovsky ta dugc
L ndy I) s ikdels i)
+>+E| S+ + D) s+5+=5 |-
(’1 L & Y e P

Z.bccosA

Lai thiy I, = —2 -

b+c b+c
(a=BC,b=AC,c= AB),suyra

4bc
G- 9S PP

Tuong ty ¢6 [, < p(p—b); I < p(p—c).
Vay B +1} +1 Sp(p-—a+p-—b+p—c)=p2

=>(!a+i+-a) sz[ ] .

lf 2 DAL lz ,}l? 3 j

p(p—a)

Jbe

;=

(2)




Dang thire xdy ra khi va chi khi tam gide
ABC déu. 0
»Nhjn xét. Nhicu ban gidi 16t bii toan nay. Sau ddy 14
nhimg ban ¢O 10 gidi gon hon ca:
Ha N§i: Ngwvén Hinu Khoé, 11 Toan 2, THPT chuyén
Nguyén Hug; Vinh Phic: Nguyén Van Cao, 12Al,
THPT Sang Som, Song L6; Hoa Binh: Dink Chung
Mimy, llC’:l'. THPT chuyén Hoang Van Thu; Hung
Yém: Nguvén Long Duy, Trdn Bd Trung, 11 Toén 1,
Ngwpén Trung Hiéu, 12 Toan 1, THPT chuyén Hung
Yén; Nam Djnh: Nguvén Hong Pang, Nguyén Tudn
Humg, 10 Todn 1, Nguvén Minh Hiéu, Bii Ngoc Linh,
Ddo Vigr Hoang, 10 Todn 2, Vi Tudn Anh, 12 Todn 2,
THPT chuyén Lé Hong Phong; Thanh Hoa: Truomg
Fan Ceomg, 11A3, THPT Luong Déc Biing, Holing Hod,
Lé Thé Som, 12A8, THPT Bim Som; Nghé An: Nguyén
Tucn Linh, 11A1, THPT chuyén PH Vinh; Ha Tinh:
Nguyen Van Thé, 10T1, THPT chuyén Ha Tinh; Gia
Lai: V& Van Qwy. 12A1, THPT Nguyén Chi Thanh,
Pleiku; Long An: Pham Minh Hau, Nguyén Minh Tri,
1ITY, Chu Thi Thu Hién, 12T, THPT chuyén Long An;
TP. Hé Chi Minh: D3 Nguyén Vinh Huy, 9A1, THPT
chuyén Trdn Dai Nghia, Quén 1.

HO QUANG VINH

* Bai T8/434. Cho tam giac ABC thoa man
(ke B g w W '
diéu kign tan = tan% =3 Giai phwong trinh

s ]
x*+x-cos A —Zcos{B—C} = (),

. FEag - g
Léi gidi. Ta 06 tan 3 tan > = 3

O e '

3( B-C B+C)_ _l_(mswma-c)
T gl o 7

= B"C;-zms“c

i, il i

1B-C_, .24 B+C__. A

= cos Ts%m 3 (1;!:01_*::::!!;—»-—2 _—smzj
&> 1+ cos(B-C)=4l-cosA)
& 4cosd+cos(B-C)=3.
Do d6 PT da cho tré thanh

1‘24'1-__‘ _0@131’* I=--2-.

ey § |
Viy thp nghigm via RS EETEY

»Nhn xét, 1) 1 niy oo G ook b AN i AL v

dbu cho dap &b dong Py hien w.u."u1 :‘:,,t:.:l“,:\:“;h:::'::
chic dinh 1 sin, cosin (rong i ity N \d sidl ks
gitta che canh cin tam gl 101 chym Ve T8 JELE "
:ﬂﬂnh ades pivde bridn A i doig (L0

2) Tuyén duromg Cav bt s Ay & g I.‘I: e

H NI Ngivdn Onde Trimg, 11 Toan, FHFT O Vin 3
An. Trdn Thi Qrmh Hod, FTAL THFT Yén Lang, M‘
Linh, Trdn Phuong Anh, 1TAL, THIT Nigw ”‘t'_*' Thenh 5
Tri: Bl Ninht Neudn Vit An, 11 i, tn_!‘t .-mn ..
Rac Ninh. Thal Nguybn: PMhom Ihanh Hink, 12AL,
THPT Luong Phi We  Glang! N Thi Mg, &
10 Toan, THPT chuyén Nie Cilang Mok Wiaky Mg
Bao Link, 11 Tokn, L& Dibe Vige, 13 ToAn, THPT shiiyen e
Hong Vin Thyi Thal Binki Mg Thi Xiedw, 1108 E8
THPT chuyén Thai Winh, Hung vénr Dain Bd Peng,
11 Todn 1. THPT chuyén Humg Yon, Hodng Thi Thi
Uén, Nguwdn Nudn T, 1241, THPT Duong Quing
Hﬁm; 1 Namt Hodwig D Mash, 10 Todn, Ivinh Nugw
T, Dang Quang My, 11 Toan, THPT chiyén “
Hoa, D4 Dang Dwmg, 10A1, THIFT A Thanh 1
Ngh@ An: Diu Hang Quin, 12A1, THIT chuyén
Boi Chéu, Dang Dink Lam, 10A1, THIFT chuydn 8
Vinh, Ngtadn Thi Niwe Quonh, 11T1 THPT Anh Son
Tran Van Mimg, 1IAL THFT DA Lwong T,
Hod: Pham Ank Thie, 1L THET 1O Van Hw, £8
Hdi, Nguvén Ngoc Thach, 11A7, THPT Luvng
Biing, Hodng Hod, Lo Thd Som, 12AR, THIFT Wim §
Trdn Trung Drie, 1EAS, THIFT DA0 Dy T, ¢ P
Linh, VIAT, THPT Hofng Hod 1 WA Tk Newoss Thi
Thuy Linh, 10A1, THPT Huong Khe, Ngten
LAL, THPT Nguydn Thi Mish Khi, Nguyda Vi T
10T1, THPT chuyén HA Tinh, Quing Trj N
Phieerng Hodd, 11 Todn, THPT chuytn 18 Q
TP. HO Chi Minht D3 Ngwwdn Pk My, §
Minh Trit, TUTL THPT chayon Trdn Dal Ny
Phi Yén: Dodn Phic Thign, 1TAL THPT L3 IR
Tiy Hod: An Glang: Ngwvdn Vi Owng, 11
Ba Chic; Long An: Ngrodn Mink 1, 11
Thu Hidn, 12T, THPT chuydn Long An,
Nguydn Minh Thimh, 11 Todn, THPT

M

¥




THPT Tiy Son; Bén Tre; Nguvén vi Thanh Mp, 11T
THPT chuyén Bén Tre; Dk Lak: Newyén Nhe :.-"hj" ;'
12A1, THPT Trin Québc Toan, Eakar: 4 Mau: /¢ ’tﬁe:f;
Phieong, .I,tm Giang Nam, 12 Todn, THPT t'hu-yén ‘Phan
Ngoc Hién.

PHAM TH] BACH NGOC

% Bai T9434. Tim tat cd cae 86 thyee x sao cho

b |
X% +] ]
L iy P e
¥ +x+1] 2
trong do ki hi¢u 1a} la ;riic§:r 16 cva a nie Ia

= - [d].

Lai gidi. (Theo ban Pao Xudn Hiép, 10A1,
THPT chuyén Vinh Phic, Vinh Phiic)

x2+l

x4l

.
2
| x?+1 1

NS = SR TR L2
- ot O

& x* = x+1=0, phuong trinh nay vo nghiém.
3

3 ¥ +1
oNéua-——z- ﬂﬂm 5

“3+.5

o X +3x+1=0& x= 3

| |
Ly

bit a =

Déthiy0<ac< 2.

3

Ma {a} néna=-%hoﬁca=-2-.

>0

»Nhin xét. iy la mot bai todn danh cho THCS, tuy
nhién sé ban & biic THCS tham gia gidi con it. Sau diy 14
danh sach mot sé ban THCS 6 1 gidi tot:
Thanh Hod: Nguyén Hitu Hoang, 9B, THCS Tran Phi;
Quing Nam: Lé Phudc Dinh, 9.THC§mmD&u;
mmzﬁmmmmmmmmm
Liam Thao; TP. mcumm:wwf- Vinh Huy,
9A1, THPT chuyén Trin Dai Nghia, Quén 1.
 PANG HUNG THANG

* Bai T10/434. Cho day s6 (x,) dwpe xdc

s 2012

s
x}ﬂll

1553 2011
Loot = Xy +}l—-+ E-f.ﬁ*‘"*r}““ +
Y 3 F P | 2
(neN*) vii x >0&mm Tim edc 5O ads.:
day (&) c6 gidi han vé gidi han 1a mot 0

Loi giai

Ch . . ] i -
B KO ZE +I~. Vn 21 nén
" 4

[ )2
I’_“'}[I’HPI_J =X, +2+—2>x" +2,
-n

§ o - -
Boiviy VneN, n22
B 3 2
Xn > xp | ¥25%5 %45 > + 2n-1).

Suyrax, >1,¥n22va lim x, =+ (1)
i B o #

Véi Vne N ta dat AR A +1_L+k,,,

n

ST ST ae kNt g 500
" x;l'! x: I.EBH xﬁﬂﬂ'

[
Tux,>1, Vn22 suyra O<k, <—,

trongdér=2+3+..+2011+2012 (2

2
Dia - 1 2
Do dé x; , - ,,-[xn+—+k"} -Xy

xﬂ
=-L+k2+2+zx"j;"+2kn A RER
S 5
Ap dung Dinh li trung binh Cesaro
é =(£ ""32.—|)+("‘1f-| ‘-&—z}+...+(x§ __‘-11)+x|2
" n
— 2 khi n— 4. Ticla lim %:l
n—>+w xo 2

Néu @>-2 thi nx? = x**? nx? — 40,

Néu a<-2thi nx = x**% nx;? 50 khin — +oo,
Viy @=-2 la s duy nhit thoi man bai toan. 0

»Nhin xét
l}'ﬂmmmumbhﬁﬂem.udﬁ

; b,- X é.xi_l-.;'; n=23.6=x-2
Do lim B, =0, nén V>0, Ime N
M R G gl 8 :
thodmin [b,| < 5 Va2 m. Xét n 2 m wcs
https://tieulun.hopto.org




o i | m-] m=l |
Eh‘ $al (¥4 e 15
il | ¢ lism | Lisl | -m+D3 [T ]
n n n _; +_"
e 3
\';2-4--5-‘-‘&_
{Néun‘.zmbm.mrgdﬁmhsénguy&ldmmgmoﬁ
m-|
b;
i=| & :
min cE}.Dodéllmdmhnghh
|.~:
2h
lim 4=l 1 _g
H—»+a0
ZICécbansaucéic‘rigiiidﬂng:

Hwmg Yén: Ngwyén Trung Hiéw 12T1, THPT chuyén
Hung Yén; Ha Nam: Lé Anh Tudn, 11T, THPT chuyén
ban Hia Nam; Thanh Hod: Lé Thé Som 12A8, THPT
Bim Son; Quéng Tri: Trdn Trong Tién, 11T, Trin D
Anh, 12T, THPT chuyén Lé Quy Pén.

NGUYEN MINH BUC

*B‘:ll Illff".‘-'. TEH‘} ral ca cac Iu}m Ye)

f: R = R thoa man

Axfy) + 3_1':} + f(3xy + y)

. _ﬂ.{v: hx) Fdxy < x4 3,

vaimoix, ve R.
Léi gidi (Theo da s6 cac ban).
Thay x = 0 vio diing thirc da cho, ta duge

A+ = A3+ y. vy e R,
hay Ay)=y.
Thir lai ta thiy ham s6 f{x) = x thoa man diéu
kién bai ra. O
»Nhin xét. Cic ban sau ddy o6 11 gidi ding:
Yén Bai: Vi Minh Qudn, 10T, THPT chuyén Neuyln
Tit Thanh; Hoa Binh: Lé Puic Vige, 12T, Hodng Bio
Linh, 11T, THPT chuyén Hodng Vin Thy; Bic Ninh:
Nguyén Van An, 11T, THPT chuyén Bic Ninh; Ha Nji:
Nguyén Dinh Thinh, 12A1, THPT Thanh Oai; Humg
Yén: Nguvén Trung Hiéu, 12T1, Trin Bd Trung, 11T1,
THPT chuyén Hung Yén, Hai Phong: Lé Huynh Der,
11 Tin, THPT chuyén Trin Phi, Nam Djnh: Bii Ngpe
Tudn Anh, Nguyén Héng Ding, 10T1, Neuwén Tudn

Thing, I::;;':. THPT chuyén L&
' . Ha Nam: Lé Anh Tudn, Dang Quang Huy,
:llé'?':::fn‘cm}eén Bién Hoa; Nght¢ An: Ph‘.m Xudn
e, C4K17, THPT Nam Pan 2, Nguyén Dinh Tgo,
11A1. THPT chuyén Phan Boi Chiu, Pham Tm &
Ding, 11A1, THPT chuyén DH Vinh, Hﬁ‘. T[n-h: Tran 3
Béo Trung, 10T1, Nguyén Thi Viét Ha, Tran Hiu Manh S8
Cwimg, 11T1, THPT chuyén Ha T'inh Binh Djnh:
V& Thé Duv. 11A1, THPT 86 1 Phi My, Gia Lai;
Trin Nguyén Try, 12C3A, THPT chuyén Hing Vuong, 8
ik Lik: Nguyén N Thigp, 12A1, THPT Trin Quéc
Todn, Eakar; Ddng Nai: Nguyén Nam Binh, 10T, THPT S8
chuyén Luong Thé Vinh; Dbng Théap: Duong Minh i
Chanh, 11T, THPT chuyén Nguyén Quang Diéu;
Bén Tre: Pham Ngd Gia Bao, 12T, THPT chuyén Bén
Tre; Long An: Nguyén Minh Ti, 11T1, THPT chuyén =
Long An; CA Mau: Lé Minh Phwomg. 12T, THPT =
chuyén Phan Ngoc Hién. b
NGUYEN VANMAU

Hung, 10T1, Bii Minh

* Bai T12/434. Cho ir di¢gn ABCD véi trong 38
tam G. Cac diem X, Y, Z, T theo thir tir thuge _-'-:'
cac mat (BCD), (CDA), (PAB), (ABC) sao C}w
XY, YZ ZT. TX theo thir tir song song vai GA,
GB. GC, GD. Tinh ti 50 thé tich cua cde khoi
n dién ABCD va XYZT,
Loi giai. Trong loi giai nay, ki :

[% —:-1] chi tim ti cy cia hé

Ayys A, mimh_e’éw&ng_u By .
(xem bai Cdc thudt todn bién déi tam ti




| idu d6 c6 nghia 1 A*:[E,E D
M p BBl

it 2 C D
poss - [3ﬂ‘-ﬂ‘:?i_‘

_ : e j gl

:""r [3'»”?' ﬁ'm

- x phing (CDA), tmf:mtls 17 oy
C -l 4
r-ﬁ‘6~ﬁ'3p]

X+ ¢ Gl 3G - GD) 5 GD -G <0
Ké hgp vin E#L&Lé&é:ﬂd, suy ra

XY +—(GB+G(, +GD)-—GA 0. Hay

Sk e =
XY“gGA*ﬁGA‘O. V‘y X}'="56A.
TuungtueﬁYZ—}—f}h -i-(*ff‘

Viy Vyyzr =% XY, X2 | x|
=%|{E(ﬁ+ﬁ)]ﬁi
=.'. “ﬁﬁ](ﬁﬁﬁl (vi [ﬁ.ﬁ]-ﬁ)

l — —

= [ . 72| 21| [ X7, VZ |37 = 0)

6

| f Ty i, 2
i'I'I:G""'GB:I-‘?‘-;‘ 77 Ganc = 'ﬂ-';*'m

2y ..n.?l

27 anco- VY Vi 2
meﬁluhﬂyuﬁ,muh*m
812 gidi.

Mmﬂk

* Bai L1/434. Hafhdnﬂudmx ném nrﬂmg
WJ“”“”‘-"”'P‘WW;:M&Q ing g

ném « so voi phuvng ngang (ném
mm} va cung vin bdﬂ 4&' Vo nhimg ném

Hmdngr:&hw gwwﬁd'_,_ﬁﬁ )
=
Mukﬂ- i WY




Cic phuong trinh xdc dinh vecto d¢ dn (vecto
V) tr) coa hai hon dd 1A

Aﬁ(:):i’n(r+m)+ﬂ'—¥!—[.

Vectodédhcﬁal’tbndé I so v hon dé 2 (tic
1 h¢ quy chiéu gin véi hon dd 2) 1a

§ = &7 (1) - 4 1)
= WAl + gar’

+ gAL! = ARy + gA1s
Phuong trinh ndy cho thiy hon di | chuyén
dOng thang dimg véi vin the §Ar so vai hon
dal.

® Vi Af sao cho khi ném hon dd 2 ma hon di
I chua tro Igi d§ cao ban diu (diém ném) thi
khoing cich nho nhit cia hai hon dé s& bing

=42
5 =A%), =[vﬂm+3‘;’
Khodng céch nay dat dugc khi hai hon da co6
cung d6 cao, tire 1a
S, -Gﬁ(ﬁ) *gm:nbmw-f%-gm.

suyut-h-i—-—-m“-%{
8

Mw&wummwnna
hiyal‘a:%?! s

o Nk il ol A};ﬁ—-_ dﬁm
chch nhanmgmhnmndihing
8, =|aR|

J = ¥y cos @Ar.
p A3

vl sd
i

& 2 ¢ gmz .
:J(I'DCOSW) +{vﬂsmw— 2 J

va dat duge hic 1 =0. O

* Bai L2/434. Tir mot rramp’lﬂf
vi tri M, dién nang dwgc ""7&’
riéu thu N, cach M 180km.
co dién tro rong cong 8002 (Mf ;
la dong chat cé dién o ti 1¢ m ., g

dai cua da)}.DﬂcﬂSvaf- i
dién t1gi J:em 0 [hal t@’
M'N" bi noi tar bai mgt zwaé
gid rr;mdmkﬁmm g‘k
tredre tién nguwoi mm&‘ '

phat va tai tiéu thu sau d
khong doi 12V, dién tré tron
ké. m)n‘mhﬂldﬂuﬂﬂu
dién. Khi hai déu da ‘N-va
cueomg dg drinx tﬂa :
mnkhthmdmdﬂy
mordomtﬂ}ﬁ




a) Khi dé hor hai du N va N', ta ¢6 R, nt R nt R,

ién trd cua doan mach 1a Ry, = 2R, + R.
Cuomg d0 dong dién qua ngudn
Iyne = 3 oty - =0,4 (A
Ry R+R ’
— & 30"2‘RI (1

b) Khi ndi tat hai dau N va V' ta c6

R nt [R/(40 — R) nt (40 - R,)] nt R,.
Pién tro cua doan mach la
R(80-2R,)
R+80-2R,"
Cudng d6 dong dién qua ngudn

T i 200
[ 7 —E—0.423Rd -_-_7_(9}

Ry =2 1

R(BO-2R) 200
b St Ytk

Thay (1) vao (2), ta thu dugc phuong trinh
TR —200R, +1300 = 0 (3)
Giai phuong trinh (3) ta thu duge hai nghiém

(2)

R, =10 (£2).

R =2 (@)
Tir diéu kién cia phuong trinh (1) dé R >0
thi R, <15Q, voi R, =$~18 572 (loai).

Véi R, =10Q thi khodang cach MO la

M0 <1802 =180.22 = 45(km). 0
. 40

»Nhin xét. Céc ban sau c6 loi gidi ding:
Thai Nguyén: Ta Van Tudn, Pham Thanh Binh, 12A1,
THPT Luong Phi, Huong Son, Phii Binh; Vinh Phic:
Vii Pec Thing, Ngo Thi Nhung, Nguyén Manh Ding,
Nguyén Manh Ddn, 10A3, chuyén Li, THPT chuyén
Vinh Phic; Humg Yén: Nguyén Hoai Nam, 12A1,
THPT Duong Quang Ham, Vin Giang: Théi Binh:
Ngé Van Khoa, 10A2, THPT Bic Dong Quan, Dong
Hung; Vii Védn Diing, 11 Toan 2, THPT chuyén Thai
Binh; Thanh Hoa: Pham Ngoc Bdch, 12A4, THPT
Tinh Gia I1; Quing Ngii: Bii Vii Hoan, 11 Li, THPT
chuyén Lé Khiét.

DANG THANH HAI

LR AL L A R LR LR AL RN R RN R R RN R R RN R R R N

PROBLEMS... (1ié rang 17)

TOWARD MATHEMATICAL OLYMPIAD

T9/438. a) Let a,, a,, ..., a, be n rational numbers.
Prove that if a" +aJ +...+a, is an integer for
all positive integers m, then g, a,, ..., a, are
integer numbers.

b) Does the conclusion above remain valid
if one only assumes that a,, @, ..., @, are real
numbers?

T10/438. Find all continuous _functions
St R-ikuwhdlﬂthmm:i
satisfied forallx,y

ﬁ(x)+f£r)+2=2f( +2f —5‘1}

4

U i

mmmm be a triangle with m
ot ""‘ma,ac = b, AB = c and m

lengths m,, m,, m_ drawn from vertex A,

B and C respectively. Prove that for any
point M,

RHEEIIT
h}b cm ca)g{a b \MC

T12(437. Let ABC be an umlu tnu:gle at
mm?m A circle awhre‘hhmhu&esldes
u‘mmkmﬁﬁmm wat M.




PEEN AN

Plﬁl“milﬂ

DAY mu
o bim

z - vO HUU HA
(vaprmwmm

Gié: bai toan la vén dé khdng khé, nguoi
gido vién can lam cho hoc sinh thdy dugc
nhing van dé hay, nhimg diéu tha vi khi hoc
toan tr do kich thich tinh tw duy séng tao cla
hoc sinh; cén rén luyén cho hoc sinh biét suy
nghi da dang khi dimg trudc vén dé cén gidi
quyét. Qua kinh nghiém gidng day, chang toi
€6 hudng goi suy nghf cho hoc sinh nhdm tap
duot cho hoc sinh nghién ciu khoa hoc, xin
trao déi cung déc gia thoéng qua mot bai todn
cu thé.

I. BAI TOAN XUAT PHAT

(Thi du 3, trang 105 SGK Dai s6 10 Ning cao)
Chimg minh rang néu a, b, ¢ la dp dai ba
carh cua mot tam gidac thi

)b+ (1)
Bit ding thirc (l) khéng chi ding véi a, b, ¢
la bacanhcuaméttamgléc ma con dung voi
moi a, b, ¢ la cic sb khong &m bit ki.

That vay |

* Néu c6 mét trong ba thira s6 (a+b~c),
(b+c—a),(c+a—b) am, gia st a+b-c<0
thi (b+c—a).,(c+a—b) la cic s0 khong am,
nén bét ding thirc (I) diing.

* Néu (a+b-c),(b+c-a),(c+a-b) déu
khoéng am, ta co

a2a ~(b- c) =(a-b+c)(a+b- c)ZU

b 26 ~(c-a)’ =(b- c+a)(b+c—a)a{); ;

? 2% ~(a-b)’ =(c-a+b)(c+a-b)20.

(a+ b ~a)lc+a—-b) = abe

Nhin theo vé cic bit ding thife Khong /8

ciing chiéu trén ta c6 i 0

a’b*c* >(a+b- c)z(b+c a)z{c-{-a'—'- h
khai cin béc hai cia hai vetacébﬁtw
can chimg minh.

TOAN HOC

28 * Cludilge S48 438 (12-2013) :

Bingtlmcxéyrakhivachikhia =b=c:
hoaca=0,b= ¢ va cac hoan vi: hodica=b= 0

ctuyyvacachoénvl
. MOT SO KET QUA SUY RA TRUC

TIEP TU BAI TOAN

Tac6 BDT
()= a*h+bc+ c’a +alc+bla+cth

Ly
Do a2b+b2c+c2a+a c+b2a+c1b+3afc
(a+b+c)(ab+bc+ca) nén Ly

BDT (L) & (a+b+c)(ab+bc+ca

Sa +b +c +6abe it it
Do (a+b+c) = a’+b3+c’+3azb+3¢" ._

& +b +c +3abe

-

nén BDT (1.2) & 4(g+b-‘-.¢
S(a+b+c) +9abe
Do (""‘b)(bi-C](ct_w"' p




(1. AP DUNG

S SN O Bai toan 4
OBai toan 1. Cho ba 56 thia khéng am abe: Xhob h
thoa man a@ +b + ‘= b ( "'H;",-f."‘"xr minh rane 72
;’fuh\fﬂf: Fbedbe +ca \f';.r” ' o Y & ’I'-“‘ kx—1 . _
Loi gidi. Ap dung BBT Cauchy va i |

e a . yvaBBT (L.1) ¢ Lﬁigﬁif)m.r:E,y:E,z:i (i a, b. ¢
VT(l) £ 2| ab. +c C+a b c a
o +be. +ca G I
; duong). Khi d6 BDT (4) tro thanh
=a’b+b% +cta+ gle + 544 e (a+b-c)(b+c—a)(c+a-b)<abe

‘ s:::’ +.b3 +¢* +3abe< 14+ 3abe = P ) lrllnfingihfogﬂ'r (I). Ping thitc xay ra khi
PR Ry reckbivd Chjlkhj O Bai todn 5. (Olympic Todn Ba Lan 2005)
a=b=c¢ -—-.EE_ =) Cho ba so thuc dwong a, b, c U '
m ;ascat:l gidi bai todn 1, ta c6 két qua bai 2 e R
Léi gigi. Theo BDT (1.2), ta ¢6

a+b+¢ +6abc 2 (a+b+c)(ab+bc+ca)

ab + be + ca = 3. Chimg minh rang

OBai todn 2. Cho ba s6 thuc khéng am
a, b, ¢ thoa man abe = 1. Chumg minh rang
abJab +bevbe +cajea) <3+ 8 48+ & (2 L= a+b+c)2 3J3(ab +bc+ca) =9.
Piéng thirc xdyrakhi a=b=c=1. 0

©Bii todn 6. Cho cdc 56 a, b, ¢ khong am
.'ring hring \. ¥im gia trj lom nhat va gia tri nl
5 nhat cua biéu thirc F = ab+ bc + ca — kab
0<ab+bc+ca-2abe < — (3)  Loi gidi. a) Tim gid tri nho nhat

QBai todn 3. (Olympic Toin hoc Québc té 1984)
Cho ba so thwe khéng am a.b,c thed man
a+b+c=1. Chimg minh rang

. 27 Ap dung BDT Cauchy va a+bh+c=1.Taco
Loigigi. Do a+b+c=1 ab+bc+ca=(a+b+c)(ab+bc+ca)29abc
¢ ab + bc + ca - 2abc = F 2(9-k)abc.
=(a+b+c)(ab+bc+ca)-20bc e Néu kK < 9 thi F2(9-k)abc20 nén

— b+ b+ cta+dic+bra+ctbabe20.  minF=0tai(a; b; ¢)= (0;0;1) va cac hoan
Ding thirc xdy ra khi va chi khi (@ b; ©) = vj ciiano.

(0;0;1) va céc hodn vi. o Néuk>9thi F 2(9-k)abe
oApckmgBDT(l.J)vﬂBBTCchhymcé >(9_k)(ﬂ+b+f:]3_9—k
4(ab+ bc +ca) - 8abe s ) 3 27
=4(ﬂ+b+(;)(ab?+bc+a‘-')" e minF=9£7k @a=b=c=%,
<(a+b+c) '+a‘v.'._ac | §) Tim gid o mids
3 [a+b+c 3=E§ Véi a+b+c=1, apdung BDT (1.3) ta c6
S(a+b+a) +( 3 27 4(ab+bc+ca]=4(a+b+c)(ab+bc+ca)
g2z 7 ping thirc xdy ra khi <(a+b+c) +9abc-=l+9qbc,
.'ﬁ&f#*m_mﬁﬂ' e ' i 46 F-s.1-+ g—t'abc
& Khi 7+ 7k |abe. o

ieulun.hopto.org




o

: 9

e Néu k>% thi nglf nén max F =

-a-l--

(a; b; ) = [—l-% 0) va cac hoan vi. 0

OBai todn 7. Cho a, b, ¢ khéng am co tong =
bang 1. C "hieng minh rdng
&a +b +c*)+15abe 2 1.

Lai gidi
Tacé 4(a3 +b +.—.—3)+15abc>1

¢:>4((a+b+c}((a+b+c)2 ~30b-c— ?m]+3dt‘)

+15abc—120
& 9abc +12 4(ab + be + ca)

luén ding theo BDT (1.3).
Ping thirc xay ra tai (a; b; ¢) = (-% -%"0]
céc hoan vi. O

BAI TAP

1. Cho a,b,c khﬁngﬁncémm_,h
Chungmmhrﬁng RN
a) 4(a’ +5° + )+ Mabe2l;
b) 7(ab+bc+ca)52-fﬂ9ﬂah_ i

LY

: -!!l-.-‘-l..l.l.llII.lIIII'I'I-

§ -
"

c)—g-Sa e+’ +mﬁl,ﬁ b

“1.3 Gma.ﬁrlh&bdﬁﬂi

| AP DUNG TINH CHAT..
(rfép trang 19)

Bé két thic bai viét xin moi cic ban giai
: thém mot sb bai tap lién quan dén khél t

: dnén vudng

. Cho tir dién OABC c6 OA, OB, OC vuing
g&mmmdﬁlmﬁtmmm

1)(AB+BC+CA)256(0A’+032+00)-
2) SOAE"'S(BC +Smc SfSSm M‘m
xiymkhlnéo?
2. Cho tir dién OABC c6 OA, OB, OC vubng
goc voi nhau timg doi mdt, H trye mm ;
B‘kABC O, hmmmw
s Bt
OH* e 4cos AcosBeosC
' by s A
trong d6 4, B, C l& @ 1&![ B‘ -
gidc ABC. SR

AEEEERREREEEEEE R SRR AR ER R R RN EE

BC, AC cia tir dién OAB
vudng goc véi mw
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(Dé diing trén TH&TT s6 436, thing 10 nim 2013)

Nhén thdy rin

HEZ; 1) 3& nhg du;ng thing 4 di qua diém  Duing thing 4B di qua diém B(0; 1) va nhin

tuyén (V"I"P’l.il)n (é:(] S A e CH(1;1) 1am VTPT nén c¢6 phuong trinh
N€n  ¢6 phuong trinh x+y—1=0. Toa dd diém A la nghiém cua hé

x-y—=1=0.
phuong trinh
A x+y——1=0¢> x=1
x=-y-1=0 y=0.
" Suy ra A(1; 0). Tir d6 ta thiay 4 = C.
Viy khong ton tai tam gidc nao ma cé B(0; 1),
C(1; 0) va e tim H(2; 1).
g Nghia la dé bai sai !
B(0; 1) C(1;0) NGOQC HIEN
NGHIEM NGOAI LAJ XUAT méN Do DAL ?
Cé bai toan vdi ndi dung: Trieong hop 2. Néu a+b-1=0thi b=1-a
Giai phweong trinh i 3y & B foic:
ot 2a=9x~2 ¢ 2V4x* + 5x+1=9x -2
4x> +‘nc+l \/\ -x+1=9x~3. .
X2 —
S s P : 0x—2>0 v
Mt tai ligu d gidi phuong trinh trén nhu sau: a{*xz Pt 0
DK 4% +5x+120 (1) RerTarlinCang 56
X =—
bt J4x2+5x+l=a, 2Vx? -x+1=b &
(@20,b20). ﬁx-—(thoamﬁ.ndléuhén(l))
B Sl aaia khac theo phuong
Taco a® — b* = 9x—3; mat el P Viy PT 84 cho o6 tip nghiém T = Il 56]
trinh da cho thi @ — b = 9x -3 (*), nen 3’ 65

@ -b=g-b < (a-ba+b-1)=0. Tuy nhién khi thay . thiy khéng

Treimg hop 1. Néu a—b=0 thi a=b IO 65
& Vax? +5c+1=27x% —x+1 Vay nghiém ngoai lai xuit hi¢n do diu ?

: NGUYEN DAC DIEP
= X =3 (thod man diéu kién (1))- (GV THPT Tiz Ky, Hai Duong)

https://tieulun.hopto.org
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—= (FONG THCS Lé Quy
ban  duge  thanh
ngay 1 thang 7
V.1l tén 14 Truérng

y thong THCS
Liém Ha NG

wven DI [:-.

1ang ¥ nam 1997 trrdng
da duwoc dboi tén thanh
frrong THCS LA Quy Pén
- phuong Nghia Téan - quéan
Cau Giay Thang 8 nam
2002, Truwong THCS Lé

Quy B6n duo
fruomg THCS
chuyén vé dia Jiém mai trén
duong Nguyén Van Huyén

phiromg Nghia D6 - quan Cu Gidy - Ha N6i.

sap nhap vdi

Nghia D6 va

Gan 20 nam xay dung va phat trién 13
dwéng phan diu Khong meét méi cla tap thé
gia2o vign va hoc sinh. Nha trudng da dat duwoc nhidy
thanh tich xuét sac

s Bugc nha nudc tang Huan ehuwong Lao déng hang
Ba ndm 2007, Huan chuong Lao dong hang Nhi
nam 2013.

s Dugec Thu twdng Chinh phu tang Bang khen vé
thanh tich "Don vi hoan thanh xuat sac nhiém vu n3m
HOC™ trong cac ndm hoc 2003 - 2004 - 2004 - 2005 ;
2010 - 2011

s Buge B GDADT tang Bang khen va thanh tich
Thye hién chuong trinh thi dgidm va sach giao
khoa" nam 2002; vé thanh tich “Hoan thanh xuét sic
nhiém vu trong viéc tham gia dy an THCS giai doan
2000 - 2005"

* Buoc UBND thanh phé Ha Noi tang C& thi Gua xuat
sac nam hoc 2010 - 2011; Bang khen v& thanh tich

hang
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» = F froonn
XLigal sac trong

hoc than thien, n

e Duoc UBND quén
NGi nhieéu nam len
thanh tich truong aa

Tap thé tién tien x

o Duoc S& TDTT tang Bang 4
danh hiéu trieong TTXE T

Gan 20 nam vc ‘(F n &

THCS Lé Quy Pon luén

f;';;!-_:i'-, veé thanh tich hoc sint :-

(trong do co 1782 giai ca 3

ph6 cac b6 mon van hoa

ma rong, Olympi 0 :

Chau A - Thai Binh Duong; 424

huy chwrong cap thanh pho ca C
.'.l]iéts hoc sinh cua truedrng thi d

THPT. Tir mai truomng manag tetr

Quy B6n nhieu thé hé hoc sinh d3 tru
hoc tap va cong tac trén khap moi mién @

« §A

Trong phong trao thi dua Day tét — Hoc
vién da dat cac thanh tich xuat sic. 3 nha gia
duoc phong tang danh hiéu NGUT 1 Huar

Lao déng hang Ba, 3 Bang khen clia Thi twéng Chir

ph; 22 Bang khen clia BO GD & BT va Bing |
cua UBND Thanh pho Ha N&i: 165 luot giao viér
chién sT thi dua cip co s& 34 gido vién day gioi
thanh phé; 67 gido vién day giéi cdp quan va nt
Giéy khen, Béng khen cua cac ban nganh doan thé

Al
A

Truéng THCS Lé Quy Bén Ngay cang trwrérng thanh

phat trién viing manh, thyc chat va cb uy tin cao trong
nhan dan, da va dang tirng bude khang dinh 13 mat

mat xich quan trong trong hé théng gido duc Tha 66

Gidy phép XB sé 510/GP-BTTTT
In tai Xi nghiép Ban @4 1 - Bqp
In xong va nép lwu chidu t

¢4p ngay 13.4.201¢

hang 12 nam 2013






