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CUQC THI
D0 YUI NGAY HE 2012

Dot 1

Dén hen lai Ién, miia Hé nay Todn hoc va Tudi tré xin maéi ban doc trong cd nuwéc yéu thich todn
hoc tham gia Cugc thi PO VUI NGAY HE 2012. Cuéc thi chia lam hai dot, dé dang ldn luot trén
cdc 56 bdao 419 (thang 5.2012) va 420 (thang 6.2012), ﬂor twong duw thi la tdt cd cic ban yéu toan
trén cd nwée. Ban hiy giii 161 gidi ba bai dé vui Dot 1 ve Toa soan trude ngay 31.7.2012 (theo diu
Buu dién) va loi gidi ba bai dot 1 sé ddng trong THTT so 3423 (thang 9.2012).

.1.BONG HOA DICM 10

Trong phong tréio thi dua chao mung Ngay sinh nhéat Béc H8,
mét Iép hoc sinh dé ra méi diém 10 cia mét bai thi hoc ki ll
dugc ting mdt béng hoa. Nhém céc ban An, Binh, Béng,
Nam, Hoa da nhan duoc 27 bang hoa. 6 bang hoa nhan
duoc clia mai ban nay la khéc nhau. Hai c6 thé chon duoc 3
ban trong 5 ban néy mé ¢6 18ng s& bang hoa diém 10 khang
ithon 20 khéng 2 Gidi thich vi sao?

Bai 2. TUOI CHA CON TRAI NGUOI BAN

hitps://sites. eoogle com/gite/letrunekienmath
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THANH LOAN

Mét ngusi dén thém ban cla minh sau mét thai
gian xa céch, ho héi han nhau vé tinh hinh con cdi.
Chu nha trd i cau héi dé cta khéch nhu sau:

- Téi ¢6 ba con frai, céu th doan xem ném nay
ching lén méy, biét tusi cba ching nhén véi nhau
thi béing tudi cla t6i, tudi clia ching cdng lai lé 13.
Khéch ngdm nght mét héi ma vén chua thé tinh
duoc tudi coa ba cau con trai mdc du dé biét tuéi
cva chi nha la 36. Cudi cung khéch néi:

- Bai todn cla anh khéng xac dinh. Chd nha

cho biét:

Dong véy, t6i dang hi vong réing chdu lén nhéit

s& duoc di du thi boi 16i do Thanh Podin t8 chic

vdio ngdy Quéc té thi€u nhi néim nay.

Khach néi: Nhu véy 16i c6 thé bigt dugc tudi céc

chéu réi!

Theo ban ngusi khéch da suy luéin nhu thé néio?
TUAN MINH

Bii 3. THANG TAM

D& chuén bi ki niém Cach mang théng 8, ngudi ta
lam hai bang, mdi bang cé 15 béng dén x&p theo e o o e o o
cc’:cavuﬁng thanh 5 hang va 3 cét nhu & hinh bén.

O mbi bang, m&i lan bam cong téc thi anh séng
den chuyén trang théi (séng hodic t8i) déi véi tat cde
dén ndm trén mét hang, hodic mét cét, hodic trén
mét duong thdng chia dudng chéo cia & vuéng
ndo dé. Ban déu 18t cd céc dén & hai béng déu tét. U .. . o .
Ban hdy trinh bay cach chon bam céng téc & méi
bdng dé cusi cing céc dén sang xép thanh hinh T8
nhu trén hinh vé.

HOANG NGUYEN
https://tieulun.hopto.org
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gféc nﬁi ﬂép d‘mg tron co n.’néu mig dw;g
trong viéc giai cac bai todn hinh hoc. Chwqg_ta%;
khong nhitng co thé sir dung tinh chat ctia tir gide
néi fzé'p ma con sir dung moéi quan hé gitra cde
goc véi dwomg tron ngogi tiép e gide dé gidi
}m‘uéu bai tdp hinh hoc trong chuong trinh todn
THCS. Bai viét nay xin gici thiéu ki ndng gidi mpt
baj’ todn hinh hoc dya vao wec ehtmg mm’h‘t §

OBal toan 1. Cho hinh thang ABCD c6 hai

dwéng chéo AC va BD bang nhau va bang day
lon AB. Goi M la trung diém cua CD. Cho biét

goc MBC = CAB. Tinh 56 do cdc goc cua hinh
thang do.

Loi giagi. (h.1) D M '8
Goi N la trung
diém cua AD thi
MN/I/ICA = N
DAC = DNM (1)

ViAC=BD (gt) | ;
nén ABCD la Hinh 1
hinh thang can

suymm=m,mé CAB = m(gt)

= DAC = ABM 2)
Tir (1) va (2) ¢6 ABM=DNM nén tic gide ANMB
noi tiep, suy ra ANB = AMB.

Do AB = BD (gt) nen tam giac BAD can tai B,

c6 DN = NA, suy ra ANB 90° = AMB. Lai co
MA = MB (tinh chét doi xu'ng tmc), do do tam giac

AMB vuong can tai M nén MAB = MBA = 45°.

Tam giac_ABC can ta1 A (4B = AC) nén
ACB = ABC = MBA <l MBC 45" + mC
Thay vao ding thirc BAC + ACB + ABC = 180",
ta duge MBC=3(. Do d6 BAD = ABC =75°,
ADC = BCD =180° — ABC =105°.0

W Bai toan 2. Tir mot diém P ¢ ngodi duong
tron (O) ké cat tuyén PMN voi duong tron (M
ném gitka P va N). Cac Hf,p fuyén ciia dwong
trén tai M va N cdt nhau tai O. Qua Q ké

NGODUCTHODUONGMINHCHAU
DD: 0986885389
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(GV THCS Hoéng Xuéan, Hodng Hoa, Thanh Hba)

dwong thing vuéng goc véi OP, cai‘ OP tgi E va
cdt dweong tron (O) tai I va K (I nam giita Q va
K). Goi F la giao diéem cia OQ va MN. Chimg
minh rang nam diém P, I, F, O, K thupc ciing
mgt duong tron. 0

Léi gidi. (h.2)

Vi INQ = NKQ = %sdm nén AQIN e AONK

(2.2 = ON' =0I0K (1)
Dé thiy QO 1 NF, ma tam giac NOQ vuéng tai

Nnén ON’ = QF QO 2)
Tir (1) v& (2) suy ra QK =QF Q0= QQ; g

= AQIF en AQOK (c.g.c) =>QFI QKO suy ra
tir giac IFOK ngi tlep (3)
Do tam glac QIK céan t.=.u 0] co OF L IK

nén JOF = KOE, ma KOE + EKO=90",

nén JOE + EKO = 90",

Lai ¢6 EKO = QFI; QFI+IFP=90°, suy ra
IOE = IFP = tit gidc IFOP ndi tiép )
Tir (3), (4) suy ra nam diém P, I, F, O, K cling
thudc mot dudng tron. O3

OBai toan 3. Dwong phdn gidge vé tir A cua
tam gide ABC cdt duomg tron ngogi tiép tam

/IB+AC

gidc do o D. Chumg minh rang AD>
Léi gidi. (Ban doc ty v& hinh). Trén tia ddi cua tia
CA Iay diém E sao cho CE = AB. Vi AD la tia
phan giac goc BAC (gt) suy ra DB = DC. Lai

TOAN HOC

S8 419 (5-2012) ‘ CTusilre 1

https://tieulun.hopto.org



https: A www. facebook. com/letrunekienmath

do tir gidc ACDB néi tiép nén ABD=HACD. Tix
d6 AABD =AECD (c.g.c) = AD = DE.
Trong tam giac ADE ¢6 AD+DE> AE=AC+CE

= AC + AB, suy ra AD> At (dpem). O

©Bai todn 4. Cho i giac ABCD cé BC = BD,
ni tiép duong tron (0). Tie C ké tiép tuyén voi
duwomg tron cdt duong thang AB 1ai E. Goi F la
giao diém ctia hai dwong thing AD va BC.
Chimg minh réng EF//CD.

Lai giai. (h. 3)
Tir giac ABCD
ndi ti€p nén
BCD = FAE (1)
Laicé BC=BD
suy ra

BCD = BDC(2)

A \ ("
Mét khac ‘ .

BDC BCE i
=— sd BC 3
5 (3)

Hinh 3

Tir (1), (2) va (3) suy ra F. FAE = ﬁ, do d6 tir
giac ACEF ndi tlép — CFE= CAE

Ma CAE = BDC = BCD = CFE = BCD
suy ra EF//CD. O

©Bai toan 5. Cho tam gide ABC ngi tiép
dwong tron (0). Cdc ducng cao AH, Bl. Chung
minh rang OC vudng goc HI.

Loi gidi. (Ban doc tl.rve hlnh)

Tir gia thiét, lacoAIB AHB=90° nén tir giac
ABHI noi tiép, suy ra ABC =HIC (1)
Ké tia tlep tuycn Cx véi (O) tai Ctaco

e doers N g

ABC = ACx =~2—sdAC (2)
Tir (1) va (2) suyra HIC = ACx = HI//Cx

ma OC L Cxnén OC 1 HI (dpcm). O

©IBai toan 6. Cho ni gide ABCD ngi tiép
duong tron (O). Duong vuong goc voi AD tai A
cdat BC o E. Duong vuong goc véi AB tai A cdt

CD ¢ F. Chirng minh rang ba diém E, O, F
thang hang.

Loi gigi. (h. 4). Tir gia thiét c6 180° =
BAF + DAE = (EAF + EAB) +(EAF + FD)

TOAN HOC
o ' Cludifpe S8 419 (52012
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= EAF + BAD.
Mt khac, lai ¢6
BCD+BAD=180.
Sm
EAF = BCD.
Goi K la diém
doi ximg voi A4

qua EF thita cé

Hinh 4

EKF = EAF = BCD = FCF Din dén tir glac
ECKF ndi tiép, nén C'1 E] Ta lai cé E. = E—:
(tinh chét d6i ximg), £ = DAK (goc co canh tuong
ung vudng gtflC}. Suy ra a - DAK , nén tir giac
ADKC néi tiép. Do dé K (0).

Véy EF la duong trung tryc cia day cung AK,
suy ra E, O, F thing hang. O

IBai toan 7. Tir maot d‘zém A ¢ ngoai dueng
tron (Q) ke hai I:ep ruyen AB, AC véi duong
tron (B, C la cdc tiép d"sem} E la mot d:em trém
cung nho BC (E khdc B va C). Tiép tuyén véi
dwong tron (O) tai E cdt AB, AC theo thir tw ¢
M, N. Goi giao diém cua OM, ON voi BC ldn
leot la P, Q. Chimg minh rang ba dwong thing
OE, MQ, NP déng quy.

Léi giai. (h. 5). Ta c6 MOE = MOB =EBOE,

NOE = NOC = ECOE Nén MN = ME+NOE

1] —— g
=-2-BOC:%sdBC:MBC. Suy ra tr gidc
OBMQ néi tiép. Lai c6 OBM=%"nén OM la
duong kinh cua dudng tron ngoai ticp tir giac
OBMQ = O0M =90° = MQ 1 0Q.

Tuong ty NP L OM ma OF 1L MN (gt) nén

OE, MQ, NP la ba dudng cao cua tam gidc
OMN, do &6 OE, MO, NP ddng quy. O

NGODUCTHODUONGMINHCHAU
DD: 098688%?8
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O Bai toén 8. Goi [ la mét diém {:&m trong va
K la mot diém bén ngoai tir giac 16i ABCD sao
cho ABID, BICK la cdc hinh binh hanh va
CBI =CDI. Ching minh rang ACD = BCI.
Lo gidi. (Ban doc tu v& hinh)

Do ABID, BICK 1a hinh binh hanh nén
AD//BI//CK; AD = BI = CK nén tr gidc ADCK

Ia hinh binh hanh = ACD=KAC (1)
Lai ¢6 AABK = ADIC (c.c.c) = KAB=CDI
ma CDI=CBI=K(CB = KAB=KCB =
gidc ABKC noi tiép, nén KAC=KBC=BCI (2)
Tir(1)va (2) suyra ACD = BCI (dpem). O
OBai todn 9. Tir diém P o ngodi duong tron
(O) vé cde tjép tuyén PM, PN vai dmirrzg tron (M,
N‘!ci' cdc tiép diém). Qua P ké cat tuyén PAB .(A
nam giita P va B) khéng di qua 0. Duong thang
di qua A va vuéng goc voi OM cat MN, MB theo
thit tur tai C, D. Chimg minh rdng CA = CD.

Léi gidgi. (h. 6). Ké OH 1 AB (He AB), két hop
v6i OM L PM, ONL PN, OH L PB, ta c6 nim
diém O, H, M, P, N cung thu¢c mot duong tron

nén W:W

Lai c6 PM L OM;AD | OM nén AD//PM =
MPH = DAB = MNH = DAB, suy ra tif giac
ACHN ndi tiép = AHC=ANC=ABM nén
CH //BM ma HB = HA (do OH L AB) suy

taCA=CD. 0

€ Bai todn 10. Cho géc vubng xAy, diém B co
dinh trén Ax, diéqz C di dong trén Ay. Duong
tron tam O ndi tiép tam giac ABC tiép xuc vdi
AC, BC theo this tu ¢ E va F. Chimg minh rang
dwong thang EF luén di qua mét diém cé dinh.

Léi gigi. (h. 7). Goi H 1a giao diém cua hai
dudmg thing EF va AO. D& thidy CE = CF nén

(ﬁ:go"—%ﬁ. Mit khdc

hitps://sites. eoogle.com/site/letrunekienmath

0 - G118+ 0F = (G + G

= 90° -%;&’EE.
Tir (1) va (2) suy ra CFE = HOB.
X
B
F
H
(#)
A E i 3
Hinh 7

Tir d6 tir gidc OHFB néi tiép, OHB=O0FB=%"

= BH 1 AO. Vi AO la phéan giac cua x4y nén
¢6 dinh, ma B ¢6 dinh suy ra H cb dinh. Vay
EF luén di qua diém cb dinh H 1a chan dudng
vudng goc ha tir B xuong dudng phin giac cua
goc xAy.0

@Bai toan 11. Cho tam gidc ABC c6 ba géc
nhon néi tiép duong tron (0). Goi I Ia mot diém
trén cung nho AB. Vé IM | BC, IN 1 AC. Xdc
dinh vi tri cua diém I dé MN co dg dai lon nhat.
Léi giai. (Ban doc ty v& hinh). V& IP1AB
(P e AB), két hop véi INLAC, IMLBC, ta ¢
cdc tif gidc BIPM, ANIP va INCM noi tiép.

Tirdétacé BPM = BIM (1)
APN=AIN (2)

Mt khéc, tir gidc ACBI néi tiép nén IAN =IBM.
Suy ra APN = BPM (3)
Tir (1), (2), (3) suy ra APN = BPM. Do dé

MPN = NPA+ APM = BPM+ APM = APB=180".
nén ba diém M, P, N thing hang.
Ta lai c6 IAB=INM,IBA=IMN suy ra

AIAB en AINM (g.g2) :,%‘T =-‘g <1=>MN<BA

Viy MN 16n nhét khi va chi khi N=A,M =8

& TAC = IBC =90° <> CI 1a dudmg kinh ctia
dudng tron (0) < I ddi xtimg véi C qua 0. O

TOAN HOC
“Cusie 3

S& 419 (5-2012)
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HUGONG DAN GIAl DE THI TUYEN SINH VAO LOP 10

NAM HQC 2011 - 2012
(Dé thi da diing trén THTT s 418, thing 4 nam 2012)

V2

Cau 1. Vi T{ x<1, taco

x+\/1 x?'_l‘/_l—x2
x—,/l b o 2
x+Jl x2 Jl x2

x—,,il )c2 s

x2 +J:J1—Jc2 —x\J1-x? +1-x2
x(x—‘,‘l—xz)
= =1.
x2 —xJ1-x? +Jvc\[]—;r2 +]-x2

x(x—,,‘l—xz)
Vay P= 1.

Céu 2. a) Phuong trinh da cho c6 nghiém kép
khivachikhi A'=3-m=0m=3.

b) Piéu kién dé phuong trinh 43 cho c¢6 nghiém
laA'=3-m20 &m<3.

Theo hé thire Viéte, ta cd x; +x, =-4, xpxp =m+1.

£+£2_= (.x1+3?2)2 —2x112 =E

XX, 3

Khi do

Xz X

(-4) =2(m+1) _10

m =2 (tmdk). -
m+1

=

Ciu 3. BDT da cho twong duong voi

(x+y)? 24xy < (x—y)* 20 (ludn ding).
Péng thirc xdy ra khi va chi khi x = y.

Ciu 4. a) Vi 4B = AD, BAF = DAK (cing phu
voi  goc DAF), ABF=ADK =90°. Do dé
AABF = AADK (g.c.g), suy ra AF = AK, ma

—

KAF =90°, nén tam gidc AKF vudng cén tai 4.

TOAN HOC
4 *Clubilpe S8 419 (5-2012)

b) Ap dung hé thirc lugng trong tam gidc vuéng

AEK véi AD la dudng cao, ta dugc DK.DE =
AD? = &* (a 1a % dai canh hinh vuéng ABCD).

Miit khéc, lai c6

EKXDK + DE)* > 4DK.DE = 44D* = 44’
= EK > 2a
Ding thirc xdy ra khi va chi khi DK = DE = a
= E=C.

Viy khi E trung véi dinh C cua hinh vudng
ABCD thi EK c6 d dai ngén nhit va bing 2a.

Cau 5. Taco
nE -+ =m+n+8 < 4n? +n’)=4m+n+8)

< dm? —dm+1+4n* —4n+1=34

e (2m-1)+(2r-1)2=32+5% (¥)

Vi m,n e N, két hgp véi (*) suy ra

2m—-1=3 hosc 2m—=1=5
2n—1=5 2n-1=3

o m=2 hodc m=3
n=3 T =2,
Vay tim dugc hai cip sb (m; #) thoa min dé bai
1a (2; 3) va (3; 2).
BUI VAN CHI

(GV THCS Lé Lgi, Quy Nhon, Binh Dinh)
suru tAm va giGi thiéu

NGODUCTHODUONGMINHCHAU

DD: 098642 8eliun.hopto.org
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NAM H(_’)C 2011- 2012

(Théi gian lam bai :

Ciu 1. (2 diém)

Giai hé phuong trinh
x2+y?—xy=19
X +y*+19=0.

Cau 2. (1,5 diém) Cho parabol (P): y =x? va
dudng thing (d): y =ax—a.

Xac dinh tham $6 a dé (d) cit (P) tai hai diém
phéin biét c6 hoanh d§ x,,x, thoa man

| 1
—t—=1.
 al el
Cau 3. (2.5 diém)
a) Gidi phuong trinh

-\}x+2+2~.#x+ +Jx+2 2dx+1 =1+x.

b) T1m cac sd nguyen t6 p sao cho hai sb 2(p+ 1)
va 2(p” + 1) l1a hai s6 chinh phuong.

Ciu 4. (2 d"wm} Cho hai dudmg tron (S) va (T)
cat nhau tai 4 va B. Mot duong thing A tiep
xtic vai duong tron (S) tai C, ticp xic voi
dudng tron (7) tai £, sao cho khoang cach tr 4
dén A 16n hon khoang cach tir B dén A.

' au lac bo

Gigi dap Hinh tqung
RONG)
VIETENAMES

(Dé tfﬁng trén TH TT sé 4 I 6
thang 2 nam 2012)

150 phat)

a) Goi D 1a diém ddi ximg cua 4 qua du—:mg
thang A. Chimg minh rang tir giac BCDE ndi
tiep dugc trong mot dudng tron (F).
b) Goi Rs, Ry va Ry lan luot 14 ban kinh cia

cac dudmg tron (S), (7) va (V).
Ching minh rang RsRr = R2.

Cau 5. (2 d’:em]
a) Xét cac sb thuc x, y, z, t thda min dong thoi
cicdiukibnx + y+z+r=8 vd xy +xz + xt
+yz &yt +at=14.

Tim gié tri nho nhat cua r.
b) Cho chin hinh vuéng c6 cdc d6 dai canh tinh
biang mét ldn lrot1a n+ 1, n+2,n+3,n+4
n+5 ntbn+d n+_8 9, vmn]aso
nguyén dl.mfng. Goi § la tong dign tich cua chin
hinh vudng nay.
C6 hay khong mot hinh vudng dién tich bang
S va do dai canh la mgt s6 nguyén mét?
CAO NGOC TOAN
(GV THPT Tam Giang, Phong Dién,

Thira Thién - Hué)
siru tAm v gidi thiéu

Hinh anh Réng qua cac thoi dai duoc sip xép
nhur sau:

1a. Thé ki X - XI1. 2¢. Nha Ly, 3b. Rong trén do sir.
1b. Thé ki XII = XIV, 2e. Nha Trin, 3a. Rong bang
datnung.

le. Thé ki XIV — XVII, 2a. Nha Lé. 3d. Rong di &
Dién Kinh Thién, Thang Long.

1d. Thé ki XVIII, 2d. Nha Tiy Son. 3e. Rdng trén
mai Bén Vua Ba Dao Thanh Hong Nwong Lé Thi
Y én, duge sac phong ndm 1796.

le. Thé ki XIX — XX, 2b. Nha Nguyén. 3c. Rong
trén mai Pién.

Cic bansau codap an ding dugc nhan tang pham:
1) Biti Pinh Hiéu, 11A1, THPT Quynh Con,
Quynh Phu, Thai Binh.

2) Neuvén Quang Trong, 11A1, THPT Tay Tién
Hai. Thai Binh.

VAN KHANH

TOAN HOC

S5 419 (5-2012) » crumg‘-e
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~1\ cho ki thi

[Tk t6t nghiép THPT
1 va thivao

Dai hoc

Cd{.‘ bai todn vé dai so 16 hop rét da dang va
phong phu thuong co mat trong cac ki thi
tuyén sinh vao Pai hoc, Cao dang va ca trong ¢ dac
ki thi hoc sinh giol cae cdp. Néi dung bai viét nay
xin dé  ¢ap 101 mot so cdch lgp nhom a’;m trén hai
quy tic dém co ban la quy tic céng va quy tac
nhdn. Cdc bai todn nay thucmg duoc chia thanh
ba dgng co ban sau day.

DANG 1. Cic phin tir tham gia trong
nhom khong lap lai
% Bai toan 1. Tir cdc chiz 56 -2 2.3, 3,84, 5 c0
thé Igp dwge bao nhiéu sé chin gom 5 chir s6
doi mot khdae nhau?
Loi gigi
e Néu chir so hang van lg, thi c6 ba cach chon
tr cac chir s6 1, 3, 5. Do chit sé hang don vi
1a chén, nén ¢6 ba cdch chon tir cic chit 56 0,
2,4, Khl d6 cac chir s6 hang chuc, hang tram,
hang nghin duoc chon 3 tir 4 chl.r s0 con lai,
Cach chon thoa mén dinh nghia chinh hop va
c6 A} cich. Theo quy tdc nhdn, ta cé

3.3.A3 =216 (s0).
e Néu chir s hang van chn, thi c6 hai cich
chon tir cac chir s6 2, 4. Tir d6 suy ra chir 56
hang don vi dugc chon tir hai chir s6 chin con
lai. Khi d6 cac chir s6 hang chyc, hang trdm,
hang nghin duge chon 3 tir 4 chir sO con lai
cach chon thoa mén dinh nghia chinh hop va
¢6 A} cach. Theo quy tic nhén, ta ¢

2.2.A3 =96 (s0).
Theo quy téic cong, ta cod tit ca
216+96=1312 (s0). O

@ Bai toan 2. Vi cdc chit 56 1, 2, 3,4, 5,
6,7, 8,900 thé lap duwoc bao nh:eu 6 chan
co 3 2 hfr s6 déi mot khdc nhau va khong lon
hon 7897

Loi g:m. Do s6 ¢6 3 chir 56 1a s6 chan, nén
chir s6 hang don vi ¢6 4 cach chon tir cac chir
s6 2, 4, 6, 8.

Do cdc 56 dugc lap khéng 1on hon 789, nén
chir s6 hang tram khong thé 14 8 va 9.

TOAN HOC
6 crublh:é SG 419 (5-2012)
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NOT SO BAI TOAN
VE DAl SO TO HOP

DANG THANH HAI - NGUYEN THI ANH THO

(GV Hoc vién PK - KQ Son T4y, Ha Néi)

Ung véi mot cach chon chit sé hang don vi:

* Néu chir &}6 hang tram khdc 7, thi ¢d 5 céch
chon chir so héng trim (clo_ chir s0 hang tram
nho hon 7 va khdc chir s6 hang don vi) va
twong ung ¢o 7 cach chon chir s6 hang chyc.
Theo quy tdc nhdn, ta cd 7.5 =35 (sb).

. Neu'chu' sd hing tram la 7, thi c6 6 cach chon
chir s6 hang chuc (do chir s6 hang chuc nho
hon 9). Theo quy tac nhdn, ta cd 1.6 =6 (s0).
Theo quy rm, cong, suy ra ing voi mdi cach
chon chir 6 hang trim c6 35+ 6 = 41 (sd).

Viy theo quy tic nhan c6 tqt cd
441 =164 (s0). O

DANG 2. Cic phan tir tham gia trong
nhom khéong lﬁp lal, song véu cau sy cé
mat cia mot ) phan tur theo mdt tinh chiit
nao do

WBai todn 3. Vi edc chit s6 0, 1,2,3,4, 5
6 co {he lép dwoc bao nhiéu sé tw nhren co 5
chif s6 déi mét khdc nhau va trong do nhat
thiét phdi c6 mdt chir s6 5?

Laoi gidi. » Cach |

- Néu chir s hang van 14 5, thi 4 chir s6 con
lai duoc chon tir 6 chit sb 0, 1, 2, 3, 4, 6. Cach
chon thoa méan dinh nghia chinh hgp va co
A# =360 (cach). Tir d6 suy ra co 360 (s6).

- Néu chix sf} hang van khac 5, thi co 5 cach
chon chit so hang van (do chit s6 hang van
khac 0). Do chir s6 5 c6 thé dimg & 1 trong 4
v} tri hang nghin, hang trfim, hang chuc, hang
don vi va tmg vai mdi vi tri do co Al cach
chon 3 chir sé con lai, nén theo nguyén li
nhan ¢ 5.4.A3 =1200 (s).

Viy theo guy tic cong cd 360+1200=1560 (56).

e Cach 2

Chir s& 5 ¢co thé ding & 5 vi tri hang van,
hang nghin, hang tram, hang chuc, hang don

https://tieulun.hopto.org
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vi va g voi mbi vi tri ndy cé A? cach chon
4 vi tri con lai. Theo quy tdc nhdn, suy ra c6
5.A% =1800 (sb). Trong cac s6 nay, ta phai
loai bo céc s0 ma chir 0 0 dimg & vi tri hang
van. Lap luin tuong tu, cé 4.Al =240 (s6)
nhu vay. Tir @6 suy ra so cac s thoa mén diéu
kién bai toan 1a 1800 — 240 = 1560 (sb). O

& Bai todn 4. V6i cdc chit 56 0, 1,2,3,4, 5,
6,7, 8, 9 cd thé ldp dwgc bao nhiéu 56 ¢6 6
chit s6 doi mot khac nhau, trong do hai chiy
s6 1 va9 luén dirng ké nhau?

Léi gidi. T 10 chir s6 da cho, ldp duge Cf
bé gom 6 chir s6 khac nhau, trong d6 luén c6
mit chit s6 1 va 9. Pé chir s6 1 va 9 ludn
dimg ké nhau thi mdi bd gdm 6 chir sé khac
nhau & trén lap duge 512! (s8). Theo quy tdic
nhdn, suy ra lap dugc C{.5!.2! (sb).

Trong cac sd duoc lap, ta phai loai cac $d ¢
chir s6 0 dimg dau (hang chuc van). Lap luan
twong tw cd C3.41.21 (s6) nhu vay.

Tir d6 suy ra s cac s6 thoa man didu kién bai
todn 1a C4.51.2!-C3.41.21=15120 (s6). O

DANG 3. Cédc phin tir tham gia trong
nhém cé 1ap lai

@ Bai todn 5. C6 bao nhiéu s6 tw nhién gom
7 chir 56, biét rang chir 56 2 c6 mat dung hai
lan, chit 56 3 ¢6 mdt ding ba lan va cde chir
56 con lai ¢6 mdt khong qua" mét lin?

Loi giai. Xét tit ca cic sd gdbm 7 chir sb (ké
cé chir sé dau tién 1a 0).

Do chit s6 2 ¢6 mit hai lan, chit s6 3 ¢6 mat
ba lan, nén phai chon 2 chir s6 tir 8 chir s6
con lai (do cac chir sO con lai cO mat khong
quéa mot lan). Co C2 cach chon 2 chix s nay.
Ung véi mdi bo gom 2 chir so duoc chon
cung voi hai chir 86 2, ba chir s6 3 1ap dugc

!
%(so) (do hoan vi cac chir s 2 cho nhau

va vi tri cac chit sd 3 cho nhau thl sO cac sb
lap duge khong doi). Theo quy tdc nhdn, ta ¢6
I

2 ? a2 A
Cﬁ.3'2! =11760 (s0).

hitps://sites. eoogle.com/site/letrunekienmath

Trong tat ca cac m da lap ¢ trén, ta phai loai
bo céc sb ¢ chir s6 0 dimg & vi tri dau. Lap
ludn tuong ty nhu trén, ta phai loai bo
6!
& T =420 (s6).
Tir d6 suy ra s6 cac sé thoa man didu kién bai
todn 1a 11760 — 420 =11340 (sb). O

Bai toan 6. Cho cdc chit 56 0, 1, 2, 3, 4.
Hoi €6 thé ldp dwege bao nhiéu s6 ¢6 7 chir so
tir nhitng chir :?é: trén, trong do chit 56 4 ¢
madt dung ba ldn, con cac chir 56 khde cé gt
diing mot lan?

Loi gm:. Xét tit ca céc so dugc lap (ké ca cac

s0 ¢0 chir s0 0 ding o vi tri dau) Do chit s6 4
c6 mat diing ba lin, cac chir sé con lai co miit

" . e i L
ding mot lan, nén lap dugc ~3~' {so). Trong

cac sb duoc lap, ta phai loai bo cac sb ¢6 chi
X . A - - , 6!
s0 0 ding dau. Lap luan tuong ty, ta ¢o 5

(s6) nhur viy.
Tir d6 suy ra, so cac so thoa man diéu kién

: 7! 6! ,
bai toan 14 — —— =720 (s06).
3! 3!

Nhégn xét. T bai toan 5 va bai toan 6, ta rit
ra quy tic tong quat sau (sé cac hoan vi lap):
Cho tap A={a, .., a,}. Xét tat ca cac hoan
vi cua tp B gbébm m phan tir dugc lay tir tip A,
sao cho phan tir @, c6 mit trong tip B ding £;
lan(i =1,2,...,n), vGi diéu kién

ki+k; +...+k,=m. Khi d6 s& céc hodn vj la

m!

ki ky L, !
gian, xin danh cho ban doc).

BAI TAP TU LUYEN

1. Cho céc chit s6 0, 1, 2, 3, 4, 5. Hoi co thé
lap duqc bao nhiéu sé co 9 chir sO tir nhimg
chir so trén, trong dé chir s6 5 c6 mit ding
hai lan chir s0 0 co mat dung ba lan, con céc
chit s8 khac c6 mit ding mot 1an?

2, Tucacchuso] 2 3y 8, 3,0, 7 ¢o thé 1ap
duoc bao nhidu s6 gom 5 chir sd déi mdt khac
nhau, trong do phai c6 mit cac chirsé 1, 2, 3
dirng ké nhau?

(két qua nay chimg minh kha don

TOAN HOC
* CTudilreé ~
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PESO S

(Thoi gian lam bai :

180 phut)

PHAN CHUNG

2x—3(C).
x—1

1) Khao sat su bién thién va vé& dd thi (C) cha
ham so da cho.

2) Vlet phlrang trinh tiép tuyen Vol {C} biét tiép
tuyén tao voi hai duong tiém cin cua (C) thanh
tam gidc co ban kinh duong tron néi tiép 16n nhit.

Cau L (2 diém) Cho ham s y =

Cau IL (2 diém) 1) Giai phuong trinh
2sin 7xsinx +8sin? 2x + \J@Sin 6x =8sin? 2x.
2) Giai bat phuong trinh

42x _15. 22[x+1,m} lﬁld-y'ﬁ <0,

Cau IIL. (1 diém) Tinh di¢n tich hinh phang
2idi han boi cac duomg thing x=1;x =3 va

céc do thi ham sb

3 T
yp=x-2x? +x—cos[x+E];
Yy =sinx+ 23008 x

Ciu IV, (1 diém) Cho hinh lang try dimg
ABC.A\B\C,, diy ABC la tam giac vudng c6
CA = CB = a, gbc gilta duong thing BA, va
mat phang (ACC14)) bang 30°. Goi M la
trung dlem canh 4;B,. Tinh khoang cich tir
diém M dén mat phang (4, BC'}

Cau V. (1 d:em} Tim céc s thuc x,y,z thoa
mén hé phuong trinh

NI +-4+\j'::c3—2.)¢y-§-y2 +14y2—6y+10=5

Ix’z ]z
3 .

log; 8xz* =10log, z2 —(lﬂgx :

PHAN RIENG
(Thi sinh chi duogc lam mét trong hai phdn A hodc B)

A. Theo chuwong trinh Chuin

Cau Vla. (2 diém)

1) Trong mat phing toa do Oxy, cho cac diém
A(1;2), B(4;3). Tim toa do diém M sao cho
goc MAB ¢6 s6 do bang 135° va khoang cach

V10

tir M dén duomg thing AB bfing 5

2) Trong khdng gian voi hé toa dd Oxyz, cho
A(5;3;-2), B(2;0;4), C(-1;0;1). Lap phuong
trinh mit phang qua 04, cit doan BC tai D
sao cho ti s6 thé tich cta cic khdi tir dién
OABD va OACD bing 3.

Céu VIla. (1 diém)
Tim tit ca cac s phirc z thoa méan phuong

; 4
mnh(""‘f] =1.
Z+1

TOAN HOC
g ' Clusilge SS 419 5-2019)

B. Theo chwong trinh Nang cao
Ciu VIb. (2 diém) 1) Trong mit phing toa
d6 Oxy, cho A(2;3) 1a mét trong hai giao
diém cua duong tron (C)): x*+y? =13 va
dudng tron (Cy): x* 4y —12x+11=0. Viét
phuong trinh dudng thang di qua A cat (C)),
(Cy) theo hai diy cung khac nhau c6 d¢ dai
bang nhau.
2) Trong khong gian v&i hé toa do Oxyz, cho
hinh 1ap phucmg ABCD.A,B,C\D; ¢6 A tring
gbc toa do, cac diém B{] :0;0), D(0;1;0),
A(0;0;1). Vlet phuong trinh mit phang (P)
qua AA,, biét (P) tao voi BC va ByD; nhimg
goc bang nhau.
Céu VIIb. (1 diém) Xét khai trién
(1—x+x?>—x*)® thanh da thirc
P(x)=a, +ax+ax* +a;x* +...+ ax'®.
Tim hé s6 a,. )
NGUYEN THANH GIANG
(GV THPT chuyén Hung Yén)

NGODUCTHODUONGMINHCHAU
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HUGNG DAN GIAI PE SO 6

Cau L. 1) Ban doc ty giai.

2) Ham sd 6 tiém cén dimg x = —m; tiém cin ngang

v=m=> I(-m;m). Gia sir M’[xo; 5 +11]E(C,,,J.
+
PTTT tat M véi (C,) c6 dang
2 2
Y= m—“(x Xg)+m-— e (xq # —m)
(xg +m)? Xy +m
2
suy ra A(-—m;m— 2w +2] va B(2xy +m,m).
: Xn +m
2
Tim duge 74 =271 ; IB =2|xy +m|.
X +m )

Tir do Sie =%!A.1'B=2]m1 +1|=12

suy ra m=—/5 hodc m= J5
Ciu IL. 1) DK x < —1 hodc x < 3. PT d3 cho
tuwong duong vai

(x+D(x=3)+2(x+1) - —8=0

< (x+1) / =2 hoidc (x+1),f

Ddp s6. x—l—Z\E x=14+2J3.

2) PK cos3x # 0. Dua PT da cho vé dang
2sin? x—sin x —1=0. PT di cho v nghiém.
Cau IIL. Ta cé

2 % 2
:-‘. I In i3 d.r:fl‘f'fz.
g 1+sin Zx p 1+sin2x
; |
Dapsé. [=—+—.
P 2

Ciu IV. Goi 7 la trung diém cta CD, M la giao
diém cua /B voi mit cau (S) ngoai tiep nr dién
ABCD. Duomg tron Iom cua (S) 1a dudng tron
(ABM). Mat phang {BCD) cat (5) theo du‘cmg
tron (BCD) qua M va BM la duong kinh, nén

T 2“‘5.
sin 60° 3
Luu ¥ tam gidc ABI déu, nén ABM = 60°. Tim
dugcAMza.'f-l—S = R= AN GJ_
12 2sin60° 6
Viy V, = A e 1313 nal.
3 162

CauV.Taco P+11 =

12(b-c) .8
2a+3c

:2+3{b+c}+[l+4a+3c:)+
2a 3h
—(4a+3b+3c}(l+—1- 2 ]
2a 3b 2a+3c
DecoLJrL:‘ 3
2a 3b 2a+3b
4 4 16
+ = ;
2a+3b 2a+3c 4da+3b+3c

TR N .
2a 3b 2a+3¢c 4da+3b+3c

suy ra P+11216, hay P25. Viy minP = 5

dat dugc khi b=c¢ -—%a.

Ciu Vla. l)BrE;EJ va C[E —EJ hoic
L 575 5! 35

B(E;—éj va C(EEJ

5 5 5

2) Chirng minh duoc A va B nim khac phia so vdi
(@). Goi B, la diém dbi ximg véi B qua (a), I la
trung diém BB,. Tir diéu kién 831 cing phuong
v6i n, va Ie(a), tim duoc B(0;3:1). Ta o
| MA — MB|=|MA - MB,| < 4B, = 6.

max | MA — MB| =6 khi M(~1;4;-1).

Cau VIla.

(z1;2) =G 1+i); (215 22) = (-1—1; 3 +1).

Cau VIb. 1) Goi 4, la diém ddi ximg cia A qua
BE (4 € BC). PT duong thing BC: 3x +y+5=0.
Goi A4, la diem dbi ximg véi 4 qua B thi 4,C//BM. PT
ducmgthangA C: Tx—y+35=0.Tim dugec (—4; 7).
Ddp 56. Sc = L BCd(A, BC)=10(dvdt).

2) Ta thiy A, B nam vé cling phia déi véi ().
Goi B, la diém ddi ximg véi B qua (a). Tuong
tir cdu Vla 2) tim dugc B (-2;2;0). Tacod

Cisas = AB + MA + MB =6 + MA+ MB,

64 4B =6 432,
Pdp s6. min Cys =6 + 342 khi M(-1;2:1).
Ciu VIIb. Dt log; x =1 thi x=3,

Ddp s6. PT di cho c6 nghiém duy nhit x = %

DUONG CHAU DINH
(GV THPT chuyén Lé Quy Dén, Qudng Tri)

TOAN HOC
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HUONG-DAN-ON-TAP-MO)

DONG DPIEN XOAY CHIEU
I - CAC DANG BAI TAP
l. Xac dinh cac dai luong: dién tré thuan,
cam khang cudn déy, dung khang cua tu di¢n,
tong trd cia mach dién, dién éap, cuong do
dong di¢n trong mach, cbng suét cua dong
dién xoay chiéu. ‘
2. Viét biéu thirc dién ap tirc thod, cuong do
dong dién tirc thoi.
3. Tim cuc tr1 cia dién ap, cuong d§ dong
dién, cong sudt khi cho R hoidc L hodc C hodc
@ bién thién theo thoi gian.
4. Xéc dinh suat dién dong cam Umg, tan sd
dong dién cua may phat dién, cong suat dong
cao dién.
5. Bai tap vé mdy bién ap, sy truyén tai dién nang,
I - MOT SO LUU Y KHI GIAI BAI TAP
1. Cén xac dinh dung cac phan tir cia mach
dién, cach méc cac phan tur trong mach dién.

2. Cong thirc tinh tqng tra, do léch pha u, i ddi
v&i mach R, L, C mic n6i tiép trong bai hoc chi
dung cho truong hop cugn day la thuan cam.

3. C-:)ng huong dién xay ra trong mach R LC
mic noi tiép la truong hop giir nguyen gia tri
dién ép hidu dung hai ddu doan mach va thay déi

tin s6 dong dién trong mach sao cho Lo = (,L a
@
4. Cong thirc tinh cdng suit dong dién xoay
chiéu P =U.Lcosg la img véi cong sudt trung
binh cua dong du;-,n
5. Trong cach méc dong ba pha hinh sao, chi
khi cac tai hoan toan d6i xtimg, dong dién trén
day trung hoa méi bing khéng. Cong Suat
mach dién ba pha bing téng cong suat dong
dién trén cac pha
6. Cac cong thirc cia may bién dp trong bai
hoc chi dung v&i may bién ap gébm hai cuén
day c6 dién tro khong dang ké, mac chung
trén mot 16i sat kin, bo qua hao phi dién nang
trong may.

TOAN HOC

10 & Gruélce S& 419 (5-2012)

DAO THI THU THUY
(GV THPT chuyén Tran Phu, Hai Phéng)

Il - BAI TAP Vi DU

“*Ciu 1. _!'v"hiéu hop kin giong nhau, moi hop
co hai chot véi hai dau cua mot tu dién hodc
mot cuon cam o trong hop. Lay mot dogn
mach gom mot trong cac hop do noi tiép voi
mot di¢n tro thuan co gia tri 60Q. Khi dat
doan mach vao mot dién ap xoay chiéu tan sé
S50Hz thi dong dién trong mach nhanh pha
291

so voi dién ap. Hop kin do chira

A. fu dién co C=33,2pF.

B. tu dién cé C =16,6uF.

C. cuon cam co L =153mH.

D. cuon cam co L =306mH.

Huwéng din. Do dién ap hai dﬁu mach tré pha
so vdi dong dién nén mach gom R va C noi
tiép co

tan [-%J T = C = 33,2.10%F.
90 2nfRC

s Cau 2. Ddt mot dién ap xoay chiéu ¢ gm tri
hiéu dung U vao hai dau doan mach gom hai

cudn cam c6 cdac gia tri (R, L)) va (Ra, L)
mdc néi !fép nhau. Goi Uy va U, lan lwot I

dién ap hiéu dung cua hai cudén (R, L)) va

(Ry, Ly). Diéu kién @é U= Uy + Us la
L I
A.LjLy = R|R:. B
R. R
Co faJ + [_2 = R] + R'_lr_ D- i = ‘F;E +
R R
Huéng din. Dé U=U, + U, thi U, /U,
sSuy ratan ; = fan 3%—‘2}&“
¥ qozrl fi 99.'.'2 /i R, R,

* " A - [ o5
**Cau 3. Cho mach dién xoay chiéu nhr
hinh vé.

M

R L. ¥
A o[ }—e—vrnnmin—e 3
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Biét cdc dién dp hiéu dung Up=200V; Upm
= 100V; Upp =100/2 V, R = 500, f= 50Hz.

Tim gia tri cua ».

A.50Q.  B.30Q. C.25Q. D.20Q.
Hudng dan

Ui _ R I

Ui JR+r?2+QafLP 2

Yam _ i s s ey

U JrP+QufLy 2

“#Cau 4. Cho mach dién xoay chiéu R, L,
C mdc néi tiép dwoc duy tri boéi dién dp

= 100 \E cos(100n)V. Biét dién dp hiéu
dwzg Uy, = 40V; Uc= 120V. Tim hé s6 cong

sudt cua mach dién.
A. 0,8. B. 0,6. . 0.7. D. 0,5.
Hudng dan

U (U, -Ug:)?
cos¢9=£=ﬁ—\/ L c) =0,6.

zZ U
"’Cau 5. Cho mot dogn mach R, L, C
mdc noi rrep cuon day thudn cam cé

L:E{H}; e :I—(F), dién dp hai dau mach
n 6n

la u= mocus[m()m-%ﬂ(w. Tim dién tré

R d'e céng sudt tiéu thu trén doan mach la lon
nhat. Xac dinh gid tri lom nhdt cia cong sudt
tiéu thu trén doan mach do.

A. 40Q; 62,5W. B. 40Q); 125W.
C. 20Q); 125W. D. 20Q2; 62,5W.
Hudng din
2 2

P U.R = U .

R? +(Z.L_ZC') R—}-(ZL _Zf_")

. L7
Ap dung BDT Cauchy tim dugc P,
"2z, 2z

khi R=|Z, — Zc| suy ra R =400 ; Poux =125W.

“*Ciu 6. Mot mdy ha ap co ti 56 gma 56
vong day cudn so cap va cuon thir cap baﬂg
k = 6. Nguwoi ta mdc vao hai dau cuén day thir
cap mét dong co 150W-25V, ¢6 hé s6 cong

hitps://sites. eoogle.com/site/letrunekienmath

suat 0,8. Mdt mat néing lugng trong mdy bién
dp 1 khéng dang ké. Néu dong co hoat dong
binh thuong thi cuong do hiéu dung trong
cugn ddy so cap la

A.125A B.16A. C.08A. D.IlA
Hutdng din. Pong co hoat dong binh thudng nén
150=25.5.0,8 vay b ="7,5A suyra /, =% = L25A

“*Cau 7. Mday phdt dién xoay chiéu mét pha
co réto nam cham gém 4 cap ciec N-S xen ke,
tée dp quay cua réto la 750 vong/phut, Phan
ing gém bon cupn day gtong nhau, moi cugn
co 50 vong, mdc noi tiép. Biét suat dién dong
hiéu dung may tao ra la 220V. Tinh tir thong
ciee dai qua moi vong day.

A.3,5.10Whb. B.2.8.10°Whb.
C.5.10"°Wh. D. 12,5.10 > Wh.
Hudng din. Tan s6 dong dién may tao ra la

750.4
=~ =50(H:
| feia (Hz).

Suat dién dong hiéu dung may tao ra la
N.CD”Q.JI._}"
V2
DAO BONG VA SONG PIEN TU

I - CAC DANG BAI TAP

1. Xac dinh tdn s6 dao dong dién tir ty do, gia
tri d6 fur cam, dién dung clia mach.

2. Viét biéu thirc cuong d6 dong tirc thoi,
dién tich trén mot ban tu dién.

3. Sy bién thién dién truong va tir trudng
trong mach, vin dung su bao toan ning luong
dién tir ciia mach dao dong 1i tuéng.

4, Xéc dinh budc song dién tr mach dao dong
¢ thé phat ra hay thu dugc.

II- MQT SO LUU Y KHI GIAI BAI TAP
1. Khi tu phong di¢n thi ¢ giam, i ting; { bién

E= — @, ~5.103(Wb).

thién cling tAn s8 va nhanh pha hon ¢ la g

2. Dién trudong gitra hai ban ty va tir trudng
ctia cudn diy trong mach bién thién cung pha
voi nhau, nang lugng dién truong va nang
lu'crng dién trucmg clng bién thién véi tin sé
gip d6i tan sb dao dong cua mach va ngugc
pha nhau.

TOAN HOC
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3. Khi song dién tir truyén tr moi truong nay
sang méi truong khéc thi tin sé song khong
déi nhung toc dﬁ truyén séng thay doi, cong

thirc 4 = 3.10 .2nxf‘ C ding véi moi truomng
chan khong (hodc gan ding trong khong khi).
4. Néu mach dao dong co gia tri dién dung tu
dién C va do ty cam cudn day L thay déi thi
budc song dién tir 16n nhat ing véi Cppaye va
Lyar, budc song dién tr nho nhat (mg voi
Comin Va L. o

5. Song dién tir co tan so cang 16n, budce song
cang nho thi mang nang lugng cang lon.

6. Néu mach dao dong co dién trd thi dao
dong rleng cua mach sé tat dan, dé duy tri dao

dong cdn cung cip ning lucmg b vao phan
nang lugng hao phi do tod nhiét.

I1I - BAI TAP Vi DU

“*Cau 1. Trong mach dao dong dién tir, khi
mée C) néi tiép véi Cy vao mach thi tin sé
mach la f,y = 100MHz. Khi mdc C song song
voi Cy vao mach thi tin s6 mach la fis =
48MHz. Hoi tan sé6 mach bang bao nhiéu khi
chi mde Cy vao mach? (Biét C) < C3).

A. 60MHz. B. 80MHz.

C. 20MHz. D. 140MHz.

Huwong dan. T cac cong thire: Cy = C) + Cy;

1 I |
— =t =———— 8uyra
Co ¢ G / 2nLC d
1 1 1
f +f frl:_.+ = »

F/ER S &
nén f) > f> suy ra f; = BOMHz.

*Cau 2. Mot khung dao dong 6 thé cong
huong trong dai bude séng tir 100m dén
2000m. Khzmg nay gom mot cuon day va mot
fu phang ¢ thé thay doi Ahaang cdch gwa
hai ban tu. Voi dai song ma khung cong
hwong dwgc thi khoang cach gika hai ban ty
thay déi la

A.n=12014n. B.n =200 lan.
C.n=2401in. D.n=400 lan.

Hudng din. Sir dung cong thire 1=v.2r/LC

2000
suy ra gia tri dién dung thay doi (ﬁ] = 400 lan.

TOAN HQOC
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: 2 g ; o
Vai tu phang C ~ 7 nén khoang cach hai ban
tu thay doi 400 lan.

“*Cau 3.
legng dao dong la W = 2.l{JmﬁJ . Cir sau mot
0,314.10 °s thi

- Y " Gk ok 6
nang lwong tu lai bién thién qua gia tri 10 "],
Tinh tan sé goc ciia dao dong cuia mach.

A. w=10"radls.  B. w=5.10° rad’s.
C. w=5.10" D. w= 10" radss.

Mot mach LC li twong co ndang

khoang thoi gian la At =

rad/s.

Hudéng didn. Nhan thiy gia tri 10-°J =%.

Ctr sau mot khoang thoi gian bing % thi

ning lugng dién trudng lai bang nang luong
tur truong va bang mét nira nang luong dién
2x  2m

tir, suyra w= —=——

= 5.10%(rad/s).
T 4Ar

“»*Cau 4. Mach dao déng dién tie LC gam tu
dién co C = SF.J.F va cugpn cam fhua.'? Biét gid
tri cue dai cua dién dp giita hai dau tu dién la
Uy = 12V. Tai thoi diém dién ap giea hai dau
CUOH Cam f)cfrﬁ'g uy = BV nang luong tir truong
trong mach bang

A.2.107%. B.1,6.107°].
C.4,0.107L. D.32.107).

Hudng dan. Nang lugng dién tir cia mach
duoc bao toan, suy ra

Cig Gt
W= —>—-—— =210 (J
o= = f .

**Cau 5. Mach dao déng gém cuén ddy cé
do tu cam L = 30uH mét tu dién co C = 3000pF.
Dién tré thudn ciia mach dao dong la 1Q.
Pé duy tri dao déng dién tir trong mach voi
hiéu dién thé cue dai trén tu dién la 6V phai
cung Cﬂj!‘) cho mach mét nang lheong dién co
cong sudt

A. 1,80W.

C. 1,80mW.

B. 3,6W.
D. 3.6mW.

Huwdng dén. Cong suét cung cfip nang lugng

2
p= PR—‘; ~EUs p_1,8.103(wW).
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GION THIEU MOT SO CHUONG TRINH
DANH GIA QUOC GIA VA QUOC TE HOC SINH PHO THONG
DA THUC HIEN O VIET NAM

NGUYEN HAI CHAU

(Pho Vu trudng Vu Gido duc Trung hoc,
Giam déc Chuong trinh Phat trién Giao duc Trung hoc, BO GD&PT)

Démh gia quoc gia va qudc té 1a danh gia
ngodai trén dién réng doi véi cac co s¢
gido duc. Danh gia ngoai la kénh thong tin
quan trong xem x¢t do tin cdy cua ddnh gia
trong; lam han ché tinh chu quan; ting cuomng
tinh khach quan cua danh gia trong gop phén
diéu chinh danh g4 trong; la dong luc ning
cao chat lugng danh gia trong nham nang cao
hiéu qua hai chirc niang co ban cua danh gia:

- Chirc nang xac nhin: BJ tin cdy cao (chinh
x4c, khach quan, cong bing);

- Chirc ning diéu khién: Tac dong vao qua
trinh day hoc (tao dong lyc thuc ddy, ning
cao chat lwrong day hoc).

L. CHUONG TRINH PANH GIA QUOC GIA

1. Panh gia két qui hoc tip ciia hoc sinh
lop 5

- Khdo sdt 2 mén: Toan va Tiéng Viét.

- Mdu hoc sinh: 60.000 em 16p 5 thudc 63
tinh, thanh pha.

- P trién khai 3 ki vio cac nam 2001, 2007, 2011:
+ Ki khao sat 2001: Chuyén gia quéc té Ngan
hang thé gigi (WB) thuc hi¢n, chuyén gia
Viét Nam chi hé tro.

+ Ki khdo sat 2007: Viét Nam thuc hién,
chuyén gia quoc té ho tro.

+ Ki khdo sat 2011: Viét Nam thuc hién hoan toan.
2. Pénh gid két qua hoc tip ciia hoc sinh
Ié6p 6 ndm 2009

- Mdu hoc sink: 10.000 em 16p 6 thude 25
tinh, thanh phd. .

- Khao sat 2 mon: Toan va Ngir van.

3. Panh gid két qui hoc tip ciia hoc sinh
lop 9 ndm 2009

- Mdu hoc sinh: 36.000 em 16p 9 thuge 63
tinh, thanh pho.

- Khao sat 4 mén: Toan, Ngir Vin, Vat li
Tiéng Anh,

4. Danh gia két qua hoc tip cia hoc sinh
lép 11

a) Muc tiéu

- Giam sat, danh gia két qua hoc tﬁp cua hoc
sinh sau mot glal doan hoc tip va ren luyén,
Tir d6 cung cap cac thong tin gop phan vao
viée chinh li va diéu chinh chumlg trinh -
sach gido khoa va tao co so cho viée thiét ké
chwong trinh — sach giao khoa THPT cho giai
doan tiép theo.

- Xem xét mire dd dat chuin kién thire, ki
nang theo chuong trinh hién hanh déi vai cac
mén Toan, Ngit vin va Tiéng Anh cua hoc
sinh tai thoi diém khao sat.

- Cung cdp mot md hinh khao sat két qua hoc
tap cha hgc sinh cho cac So Giao duc va Dao
tao dé thuc hién cac cude khdo sat twong tu
vai quy mo cap tinh, thanh phdé. Cac thﬁng tin
tir cac cut}c khao sat do6 ¢o thé giip cdc tinh
danh gia dugc chit lvgng hoc tip o dia
phmmg, ddng thot ¢o thé giap vige xay dyn g
va diéu chinh ké hoach phat trién gido duc
cho phu hop thyc tién dia phuong.

- Cung cép cho céc nha hoach dinh chinh
sach nhimg nguon thong tin vé cac xu huong
dai han rat ra duge tir két qua giam sat, danh
gid thanh tich hoc tap cua hoc sinh. Pé xudt
cac kién Tl}:,h] gitp Bo Giao duc va Pao tao
diéu chinh cic chinh sach h1¢n hanh va xay
dung nhitng chién luge va chinh sach mai
nhim phat trién su nghlq:p giao duc Trung hoc
noi riéng va giao duc pho thong néi chung.

- Ning cao mmgp lyc va trinh d§ doi ngu
chuyén gia vé cac linh vuc: Thiét ké va diéu
hanh cdc cude khdo sat; Thiét ké cac cong cu
khao sat; Chon méu khio sat; Xir 1i va phan
tich két qua khao sat; Xay dung cac bdo céo
giam sat, danh gia thanh tich hoc tip hoc sinh.

T(;JHN HOC
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- G6p phén chudn bi tdm thé va cdc dieu kién
cho can bd quan li, gido vién va hoc sinh
tham gia Chuong trinh ddnh gia hoc sinh
quéc t€ (PISA) vao nam 2012.

b) Déi twong khdo sdt. Hoc sinh hoc 16p 11
nam hoc 2011-2012; Giao vién day cac mon
hoe duoc khao sat lop 11; Higu truong cac
truong THPT.

¢) Noi dung khdo sdt

- Khao sat két qua hoc tp ciia hoc sinh hoc hét
chuong trinh hoc ky 1 16p 11 ndm hoc 2011-
2012 ¢ mon Toan, Ngit van va Tiéng Anh.

- Khao sat vé cdc nhan to lién quan dén két
qua hoc tip cua hoc sinh.

d) Chon mdu khdéo st tkli nghiém

- Méu truomg: Chon ngiu nhién 12 trudng
THPT trén toan qudc thuge 4 tinh ; thanh phé.

- Mau hoc sinh: Chon 1080 hoc sinh (90 hoc
sinh/truomg dugce khao sat) .

- Méu gido vién: Higu truong, Phé higu
tredng; gido vién day Toan, gido vién day
Ngir van, gido vién day Tiéng Anh.

e) Chon méu khdo sdt chinh thirc

- Madu truong: Chon ngiu nhién 340 truong
THPT thugc 63 tinh/thanh pho

- Mau hoc sinh: Chon 30 hoc sinh/trudng
dugc khéo sat.

- Mdu Hiéu trucng, gidgo vién: Moi truong
chon Hiéu truong, 2 gido vién day Toan,
2 gido vién day Ngir vén, 2 gido vién day
Tiéng Anh.

f) Cic cong cu khdo sdft

- Cde dé khao sdt danh gid két qua mon hoc

+ Pé khao sat mon Toan, Ngir van, hoc ki [ -
16p 11 gdm 2 phan: Tréc nghiém va Tu ludn.
“* Be khao sat mon tiéng Anh hoc kKil-lop1l.
gom 3 phén: Phan Nghe hleu, Kién thirc ngon
ngir va Boc hleu, phan Viét.

- Cdc bo phiéu héi

+ Phiéu hoi Hiéu trudmg trucmg THFT.

i Phleu hoi gido vién day modn Toan, Ngir
van, Tleng Anh lop 11.

+ Phiéu hoi hoe sinh 16p 11,

g) Thoi diém khdo sdt thiv nghi¢m va chinh thirc
Khao sat thir nghiém 16p 11 duge tién hanh tir
ngay 3-5/11/2011.

TOAN HOC
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Khao sat chinh thic 16p 11 dugc tién hanh tr
ngay 29-31/12/2011.

Il. CHUONG TRINH PANH GIA QUOC TE
1. CHUONG TRINH PASEC

PASEC - Programme d’analyse des systemes
éducatifs de la CDNFEMEN

Cin cir trén Thoa thuan vé Chuong trinh phin
tich cac hé th-:mg g:ao duc cua Ho1 nghi B

truong Giao duc cac nudce st dung tleng Phap
giai doan 10 (PASEC X).

a) Muc tiéu chung ciia PASEC

- Nhin dang cic m6 hinh nha truong co higu
qua, it ton kém, bang céch tién hanh céic cudc
diéu tra theo mau lya chon tai cac truong, sau
doé taen hanh so sanh trén pham vi quoc gia va
quoc té.

- Phét trién tai mdi nudc thanh vién nang e
bén trong va thudng xuyén vé danh gia cia hé
thong gido duc nude minh.

- Phé bién cac phuwong phép, cic cong cu
danh gia dugc ap dung ciling nhu céc ket qua
dat duorc.

- Néing cao vai tro quan sat cac hé thong gido
duc cua Ban Thu ki ki thudt thuong truc
CONFEMEN.

b) Muc tiéu riéng cua Viét Nam

- Panh gi4 két qua hoc tép cua hoc sinh 16p 2
va lop 5 trong linh vye Toan va Tiéng Viét
vao dau va cudl ndm hoc, dong thoi thu thap

cac thong tin vé l‘lhll'llg nhan 14 tac dong dén
két qua hoc tip cta hoc sinh.

- Hoi nghl B& truong Giao dyc cac nudc su
dung tleng Phap dura ra két qua phén tich va
danh gla v¢ chinh sach glao duc quoc gia va
dé xuit nhu‘ng thay d6i vé chinh sich gido
duc cho cac quoc gia.

- Nang cao nang luc ctia doi ngli can bd qudn li
gido duc va gido vién v€ ki thudt danh gia két
qua hoc tdp cua hoc sinh theo chuin quédc té.

- G6p phén -::'101_ moi phuong phap danh gid va
dura ra cach tiép cdn mdi vé day, hoc, danh
gia va thi.

- Tang cuomg hop tic quc té trong linh vyc
giao duc.

¢) Déi twong khio sdt

- Hoc sinh Iép 2 va 16p 5 nam hoe 2011 - 2012.
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- Hiéu truong truong Tiéu hoc va gido vién
day 16p 2 va lop 5 nam hoc 2011 - 2012.

d) Cong cu khdo sdat

- Dé kiém tra 2 mon Toan, Tiéng Viét 16p 2
va lop S.

- Bo phicu hoi hoc sinh 16p 2 va 16p 5.

- Bo phleu héi gido vién day I6p 2 va lép 5.

- Bo phiéu hoi Hiéu truang truong Tidu hoc.

e) M’au khao sat

- Mau hoc sinh: Chon 2.700 em lop 2 va
2.700 em 1ép 5. Téng méu khao sat quoc gia
ca 2 khéi 16p 1a 5.400 em.

- Mdu gido vién: Mdi khdi chon 180 gido
vién, Tong cong 1a 360 gido vién.

- Mau Hiéu trieeng: Chon 180 nguoi.

1) Thoi diém !mn hanh khdo sdat
- Khao sat ddu vao: Tudn thir hai thang 12
niam 2011.

- Khao sat diu ra: Tir 22-25/5/2012.

2. CHUONG TRINH PISA

PISA - Progamme for International Students
Assessment (Chuong trinh dénh gia hoc sinh
quéc té)

a) Muc tiéu ciua PISA

Muyc tiéu cua chuong trinh PISA nhim kiém
tra xem, khi dén d¢ tudi két thic phan glao
duc bit budc, hoc sinh di dugc chuan bi dé
dap ing cac thach thie cua cufc song sau
nay & mirc dé nao.

Thu thap va cung cap cho Lal; qucrc gla céac dir
liéu co thé so sanh duge & tam quoc te cling
nhu xu huéng cia dir liéu qudc gia vé trinh
d6 doc hiéu, toan hoc va khoa hoc ciia hoc
sinh do tudi 15.

b) Dé thi PISA

- Bo dé thi PISA bao gom nhiéu bai tip {Umt)
moi bai tip gom mét s0 cdu hoi (Item). Mdi dé
thi danh g1a mot s6 nhom ndng lye cua mot
linh vuc nao dé va duoc dong thanh quyén D@
thi PISA (Booklet), day khoang 60 trang,
khoang 60 cau hoi. Thoi gian d¢ hoc sinh lam
mdgt dé thi la 120 phut.

- Cac dang cau hoi trong dé thi PISA

+ Céu hoi tric nghiém khach quan nhiéu lya
chon, don gian hoac phuec tap;

hitps://sites. eoogle.com/site/letrunekienmath

+ Cau hoi déng dai hoi tra o1 ngén;

+ Cau hoi ma doi hoi tra 161 ngan hodc tra loi
dai.

- Moi ki dénh gia tdp trung vao mét linh vuc
chinh (Nam 2000 la Poc hiéu; Nam 2003 la
Toan hoc; Nam 2006 la Khoa hoc, Nam 2009
la Poc hiéu; Nam 2012 1a Toan hoc).

¢) Chim thi PISA (Md héa)

PISA sir dung thuat ngir co@ing (ma héa},
khéng s dung khai niém cham bai, vﬂi moi
mét mi cla cdu tra 1061 duge quy ra diém 50
tuy theo yéu cau cua cau hoi.

d) Cac hoat dpng chinh tham gia PISA

- Banh gia cac ciu hoi thi PISA 2012 va thuc
hién cac cong viéc lién quan dén chon mau;
tap hudn ki thuat.

- T6 chirc khdo sdt thir nghiém

+ Déi twomg: Hoc sinh sinh nam 1995 tai cac
co s¢ gido duc duge chon (35 hoc sinh/I
truomg). Tong cong 1.080 hoc sinh ¢ tudi 15.
+ Cong cu khao sat

- Bai khdo st (d¢ thi) gom 3 linh vyc: Todn
hoc, Khoa hoc va Doc hiéu.

« Bo phiéu hoi hoce sinh.,

« B6 phiéu hoi danh cho Nha trudng.

+ Thoi gian: Tu 17-19/5/2011.

- T6 chirc khao st chinh thirc

+ Déi teomg: Hoc sinh sinh nam 1996 tai cac
co so gido duc duge chon (35 hoc sinh/1
truong). 162 truomg thufe 59 tinh. Tong cong
khoang 5.200 hoc sinh & tubi 15.

+ Céng cu khao sat

« 13 b dé thi chinh thirc, mdi hoc sinh lam 01
de thi trong 120 phut. Céc céu hoi thi PISA ¢
linh vyc Toan, Khoa hoc, Poc hiéu duge t6
hop thanh 13 quyén dé thi (booklet) khac
nhau. Hoc sinh duge xdc dinh ngau nhién dé
lam mot trong 13 dé.

« 03 bd phiéu hoi hoc sinh,

. 01 bd phiéu hoi danh cho nha truong.

+ Thoi gian: Tir 12-14/4/2012.

) TOAN HQC
_Sa 419 (5-2012) & cruélt;e 1 5

https://tieulun.hopto.org




https: /A www. facebook. com/letrungkienmath

https://sites. google.com/site/letrungkienmath

CAC LOP THCS

Bai T1/419. (Lép 6). Cho
A= RS + B3 + ] +
I« 2= 3
So sanh 4 va B,
NGUYEN SON HA
(GV THPT chuyén DHSP Ha Nai)
Bai T2/419. (Lép 7). Cho tam giac ABC
vudng can tai A. Gid sir trong tam giic ¢6 diém
M théa man diéu kién MBA = MAC = MCB.
Tinh MA : MB : MC.
NGUYEN KHANH NGUYEN
(GV THCS Héng Bang, Hdai Phong)
Bai T3/419. Tim gia trj nho nhét cua cdc sb
tur nhién a, b, ¢ thoa man
a+(a+)+(a+2)+..+(a+6)
=b+(b+1D+(b+2)+...+(b+8)
=c+(c+D)+(c+2)+...+(c+10).
LE VAN TRACH
(Dong Nai)

Bai T4/419. Giai phuong trinh
6(x—IWx+1+(x2 +2)(\!'x—I —3) = x(x? +2).
LAI QUANG THOQ

(GY THCS Tam Dwong, Vinh Phic)
Bai T5/419. Cho nira dudng tron tim O
dudng kinh AB. M la diém chinh giita cua
cung AB, C la mot diém trén nira duomg
tron, AC cit MO tai D. Chimg minh rang tdm
dudng tron ngoai tiép tam glac MDC ludn
nam trén mét dudmg thing c¢é dinh khi C di
dong trén nua duong tron.

PHAM TUAN KHAI
(Ha Ngi)

TOAN HOC
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CAC LOP THPT

Bai T6/419. Cho ¢, b, ¢ la cac so thue duong,
Chimg minh ring
6(a® + b +¢?)

2 18abe +({fa(b—c}2 + Efblfc —a)y* + {‘fc:(a —-b)? )3.

DOAN VAN SOAN

(GV THFT Ly Thwong Kiét, Viét Yén, Bdc Giang)

Bai T7/419. Cho tam gidc nhon ABC khéng

can. Goi H, O lan lm;rt la trye tdm, tdm duong

tron ngoai tiép tam gidc ABC; D, E lin lugt la

chan dwong cao ha tir cdc dinh 4, B clia tam

gide ABC. Céc dudng thing OD va BE cét

nhau tai K, cic duémg thing OF va AD cit

nhau tai L. Goi M la trung diém canh AB.

Chlmg minh ring ba dlem K, L, Mthang hang

khi va chi khi bon diém C, D, O, H cing nim
trén mgt duong tron.

NGUYEN VAN NHIEM
(GV THPT chuyén Lam Son, Thanh Hoa)

Bai T8/419. Tim tit ca céc cap sb nguyén
dwong (n, k) thoa man diéu kién Cj =3
!
(vl C’"——P— ;0Sm< p,p=0, m,p e N).
mi(p—m)!
DO THANH HAN
(GV THPT chuyén Bac Liéu)

TIEN TGI OLYMPIC TOAN

Bai T9/419. Cho ba s6 thuc duong a, b, ¢ thoa
mian diéu kién

15[l+L+~1—)=IU L+L+J_]+2012_
ol ab bec ca
Tim gié tri 16n nhat cta biéu thie

| 1

= +
J5a2 +2ab +2b2  \J5b? 4+ 2bc+2c?
|

_———
V5¢2 +2ca+2a? i )
NGUYEN TIEN TIEN
(GV THPT Gia Vién B, Ninh Binh)

Bai T10/419. Tirn tit ca cac ham sé /R —R
sao cho voimoi x,y e R taco
FA O+ (SC+ 1) =y )+ f(x+ f ().

TRAN NGOC THANG
(GV THPT chuyén Vinh Phuc)
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Bai T11/419. Trén doan [a ; b], ta lay k diém
phan biét x,, xa, R - Goi d, la tich cac
khoang cach tir diem x, to1 k£ —1 diém con lai;

: ko
n=1,2,3....k. Tim gia tri nho nhat cua > —.
n=l Uy
PHAM NGOC BOI
(GV DH Vinh, Nghé An)

Bai T12/419. Cho tam giac ABC va diem M
bt ki trong mit phing. Chimg minh ring

MA_I_MB MC BC+CA+ AB
BC CA AB MJrMB—n—MC

NGUYEN VAN QUY
(SV K5641T1, DHKHTN, PHOG Hé Noi)

CAC PE VAT LI

Bai L1/419. M6t nguoi boi thang tir diém 4 &
canh bo song dén diém dbi dién B & bd bén
kia voi van téc ban dau vy = 2m/s, 4 cich B
mét khodang L = 100 m. Coi dong nuoc chay
déu trén mat song voi vén toc v, = 1 m/s. Hoi
ngudoi do boi qua song mét bao lau? Biét rang
van toc boi giam déu theo khoang cach va khi
dén B thi chi con 1m/s.

PHAM XUAN THI
(3CB-38-Bién Hoa, Dang Nai)

Bai 1.2/419. Cho médt mach cau nhu hinh vé.

[R5 l:u
M @ ;
A EIJ
Chobiét R, =20, R, =3Q, Ry = 13Q, Ry =

Rs = 602, dltf:nmcuacacarnpekeuvaa nho
khong dang ké; ampe ké a chi /=0,7A.
1) Hay xac dinh céac cuong d¢ dong dién qua
cac dign tro Ry, Ro, Rs, Ra, Rs (Rs goi la di¢n
tro cau) va dién ap Uygp,
2) Giir nguyén Uyp nhu cdu 1, thay dlf;n tr&r
R4 bang dién tro R thi thay ampe ké a’ chi sca
khéng (cu can bang) Hay xac dinh R va sé
chi coa ampe ké a. ]
3) Céu ¢6 con can bang khéng khi thay dbi
gia tri cia Uyghodc cha 1?7 .

NGUYEN QUANG HAU

(Ha Noi)

hitps://sites. eoogle.com/site/letrungkienmath

FOR LOWER SECONDARY SCHOOLS

T1/419. (For 6™ grade). Let
po l + L + L + .. L d B
P2 o3 s
Compare 4 and B.
T2/419. (For 7™ grade). Let ABC be a right

isosceles triangle with right angle at 4. If there

165
101°

exists a point M inside the triangle with MBA=

MAC = MCB. Find the ratio MA : MB : MC.

T3/419. Find the minimum values of the

natural numbers a, b, ¢ satisfying
at(a+D)+(@+2)+...+(a+6)

=b+(b+1)+(b+2)+...4+(b+8)

=c+(c+l)+(c+2)+...+(c+10).

T4/419. Solve the following equation

6(x —Dvx +1+ (x> +2)(J,x—1 —3] = x(x2 +2).

T5/419. Let M be the midpoint of the arc AB
of a semicircle with center 0 and diameter
AB. AC meets MO at D. Prove that the
circumcenter of triangle MDC always lies on
a fixed line when C moves on the semicircle.

FOR UPPER SECONDARY SCHOOLS

T6/419. Let a, b, ¢ be positive real numbers.
Prove that 6(a® + b* +¢?)

218abe +(fa(b—c)? +3fblc—ay +c(a-b)? )3.

T7/419. Let ABC be an acute triangle which is
not 1sosceles; and H, O be its orthocenter and
circumcenter respectively; let D, E be
respectively the foot of the altitude from A,
B. The lines OD and BE intersect at K, OF and
AD intersect at L. Let M be the midpoint of
edge AB. Prove that K, L, M are collinear if
and only if C, D, O, H lies on the same circle.

T8/419. Find all pairs of positive integers (n, k)
satisfying C, =3"#*, where

!
CM—L 0sm<p,p#0,py peN.
mi(p—m)!’
(Xem tiép trang 27)
TOAN HOC

Sé 419 (5-2012)
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7 BAT |
/ | f [K‘? TRUGC

Il;l -//f/;l‘ \

201 121}51 "
* Bai T1/415. Cho A=———— va
2012?.{:1.-.

2011
L i
2012201242012

Livi gidgi. Ta gidi bai todn tong quat. Dat
n=2011, khi d6 can so sédnh
= 2 N

(n+1y +n+l

n" y

hitps://sites. google.com/site/letrunelkienmath

' (n+1y +n(n+ 1y = (n+1y —(n+ D"

B-A=
(n+1y ((n+1y! +n+1)

Tir s6 clia phén sé B — 4 (véi n > 1) bing
C=n(n+D)((n+1y'—n"1)>0,dodo B> 4.0

» Nhin xét. 1) Nhiéu ban chimg to % >1 hojic chimg

minh bd dé sau:

+1 5.
X7 v i dat

: 0
"Vii cde 50 dwong x, y ma x <y thi —<
y y+l

2011 Ciing suy ra két qua.

x=20112"" 5 = 2012
2) Céc ban sau ¢6 15i giai ding:

Pha Tho: Lé Viét Hoa, 6A, THCS Vinh Lai, Lam
Thao; Vinh Phic: Nguyén Khdnh Ldm, Lé Anh Tuan,
6A, THCS Son Pong, Lap Thach, Nguyén Thi Duyén,
Nguyén Thi My Duyén B, Nguyén Thi Thiy Hoa, Lé Thi
Thity Linh, Hoang Thi Minh Nguyét, Pham Hoang Ly,
Pham Thi Thiy Nga, 6A1, Nguyen Xudn Duong, Bam
Tudn Minh, Neuyén Hwong Quynh, 6A3, Lieu Thi Hong
Nhung, 6AS, Chu_Mai Anh, 6E, THCS Yén Lac;
Thanh Hoa: Nguyén Tuan Anh, 6D, THCS Nhir Ba 5§,
TTr. Bitt Son, Holing Hoa; Nghé An: Ho Hiru Hai, 6A,
Hé Van Trung, 6B, THCS H6 Xuan Huong, Quynh

Lwu; Quing Ngii: Nguyén Tan Trung, 6H, THCS
Huynh Thic Khang, Dang Luu Viét Quy, Pham Thi My
Hang, Cao Thi Thiy BDiém, Nguyen Thiy Phuong,
Nguyén Tan Phic, Nguyén Thi My Chi, V& Quang Phi
Thoi, 6A, Pé6 Thi Thanh Truyén, 6D, THCS Hanh
Phude, Nghia Hanh, Tran Thi My Ninh, Vo Nguyén
Hai, Nguyén Phan Tra My, 6A, THCS Nghia M§, Tu
Nghia; TP. Hd Chi Minh: Nguyén Dinh Duy, 6Al,
THPT chuyén Tran Pai Nghia.
VIET HAI

* Bai T2/415. Cho A=y6+/6+..+6,
Bzijﬁ+{ﬂt’:—+...+%, A va B déu cé n dau

can. Ki hiéu [x] la s6 nguyén lom nhat khing

vieet qua x. Hay tim [A_B:|.
A+B

Loi giai. Taco
Voin=1thi A=+6>4=2=38>¥6=5.
Vain =2 thi

A=\6+y6+..+6 >6>4=2 = 4>2 (1)
Bz{/6+i,’6+...+3f€ <i/6+%fﬁ+...+¥§

ndﬁEC&n

={/6+x3/6+“.+\3/_ =.=36+¥8 =38 =2.
n-1d#u ciin

= RB<3 (2)
Tir(l)va(2)suyrad>B=A4-B>0.
Vid>0,B>0nénd+B>0 (3)
Mit khac, (A+B)-(4-B)=28>0
= A+B>A-B>0 €))]

A
Tir (3) va (4 ra 0<
(3) va (4) suy -

Vay [“"B]w. .
A+ B

=1,

% Nhin xét. 1) Mot s ban chimg minh 4 > B bing

cich nhan xét: Néu a > 1 thi Ja >a. Co thé chimg
minh dugc két qua manh hon —1—< Aol < 4_
0. A%R 8

https://tieulun.hopto.org
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2) Céc ban sau ddy c6 lo1 gial tot:

Phi Tho: !ueu Thé Hiung, 7C, THCS Séng Thao, Ca am
Khé, Nguyén Piic Thugn, 7A3, THCS Lam Thao; Ha
Noi: Ta Mai Anh, 6C, THCS Tam Hung, Thanh Oai;
Thanh Héa: Lé Q:rrmg Diing, 7D, THCS Nhit Ba S¥,
Hnén& Hoa; Quing Ngii: Neguyén Thiy Phuong,
Nguyén Thi Ha Vy, Pham Quang Nghia, Nguyén Thi
Hanh, Pang Luu Vigt Quy, Cao Thi Thiy Diém, Vil Thi
Thi, 7A, THCS Hanh Phudc, Nguyén Tan Trung, 6H,
THCS Huynh Thic Khang, Nghia Hanh, Pham Thi Vy
Vy, Nguvén Phan Tra My, Tran Thi Mj} Ninh, TA,
THCS Nghia M, Tu Nghia.

NGUYEN XUAN BINH
* Bai T3/415. Tim cdc s6 tw nhién x, y thoa

man —5x+7=3 (1
Loi gigi. » Néu y = 0 thi PT (1) tr¢ thanh

. =3
¥ =5x+6=0 (x-2)(x-3)=0 <= ﬁ il

PT (1) c6 hai cap nghiém (x;y) la (2;0),(3;0).
e Néu y = 1 thi (1) tr& thanh
=]

2 =5x+4=0 (x-Dx-4H=0 < [i_4
PT(1) c6 hai cap nghiém (x;y) la (1;1),(4:1).
e Néu y>2 thi 3 =3.3""19.
Ta xét VT (1) theo cic trudng hop sb du cuia
x khi chia cho 3.
Néu x = 3k (k € N) thi x2—5x+7[3 nén
PT (1) vd nghiém.
Néux=3k+1 (keN) thi

—Sx+7=03k+1)? —5(3k+1)+7 =9k 9% +3/9
nén PT (1) v0 nghiém.
Néux=3k+2 (keN) thi

@ —Sx+7=(3k+27 -5k +2)+7=9k -3k +1/3
nén PT (1) v6 nghiém.
Viy c6 bdn cap nghidm tr nhién (x;y) thoa
mén PT (1) 14 (2;0),(3;0), (1;1),(4;1). O
\P'Nhan xét. Cdc ban sau co 101 gial tot:
Phu Tho: Ngwen Pire Thudn, 7A3, THCS Lim Thao;
Yinh Phic: Ngmw Thi Thu Trang, 6A5, Dam Tuén
Minh, Nguyén Thi Thanh, 6A3, THCS Yén Lac; Ha
N@i: Nguyen Chi Ting., 9A10, THCS Giang Vo, Ba
Dinh; Bic Ninh: Ta Thi Nga, Nouvén Thi Vin, Neuyén
Thi Phirong, 9A, THCS Yén Phong; Nam Dinh: Pham
Quang Huy, TA4, THCS Tran Déang Ninh; Thanh

Hoa: Lé Ouang Diing, 7D, THCS Nhir Ba 5%, Hnim;__
Hoa; Ha Tinh: Ngwy ven Thi Khdnh Huwn' TA, Tran

https://sites. eoogle.com/site/letrungkienmath

Doan Trang, 8C, THCS Xuén Di€u, Can Lic, Pham
Hodng, Newuyén Thi Khdnh Linh, Trin Mai Hién, Lé
Trung Anh, 8B, THCS Hoiang Xuin Han, Dic The;
Quing Ngii: Tran Thi My Ninh, 8A, THCS Nghia My,
Nguyén Quang Tinh, 9C, THCS TTr. Song V¢, Tu
Nghia; TP. Ho6 Chi Minh: D6 Nguyén Vinh Huy, 8A3,
THPT chuyén Trin Dai Nghia.

TRAN HOU NAM
* Bai T4/415. Ching minh bat dang thirc
(g g frege)e
: 22 27
Léi gidi. Goi vé trai ciia BDT (1) 1a 4.
1
e VGin=1thi A=1+§<3 (BPT (1) dung).

e Vo1 n=2 thi x=1'=1.(l+l TRE 1 ;
2 22 2

Cdch 1. Nhan xét: Voi meN', m=22 thi

(n

1 1 27-1
l+—<—. 2
Al Tl | @
That vy, xét hiéu
1 2m—1 [ | 2m —1 |
—. —| I+— |= —1-—
2 2m—1 _]_ Dm 2m == 2m
1

=————>0 (dom=z2).

2"1' {2!}1—? _1) ( )
Do dé suy ra BPT (2) dugce chirng minh.
Ap dung BPT (2) v6im =2, 3, ..., n ta dugc

<§[l 22—1J 123-1} (l 2"-:]
2\2"2-1 A2'22-1)7\ 27271 -1

_3 1 (22-1)2-D..2"-D
272017 (2-1)22 -1)...2""' = 1)
:3.2”2—1 <3.1=3 (dpcm).
Cdch 2. Nhin xét: Voi me N*, m=2 thi

2% > m? -1 (3)
Ta chimg minh nhédn xét trén bang phwong
phéap quy nap toan hoc.
Tacod 22 >2-1; 2% =32 -1 (ludn dung).
Gia su 2 2k?—1 (v6i k=3) ta s& ching
minh rang 2% = (k +1)* -1,
Thityiy 259 =3 3k Hp k)
= (k2 +2k +1)+(k* -2k -3)
=+ +(k=1D*=22(k+1)>+1.

TOAN HOC
* CTudilze 19
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Theo nguyén li quy nap, suy ra BDT (3) da
dugce chimg minh.

1 m?

1 et

Tir (3)@1+2im,<_:1+

T W . (4)
27 (m=1)(m+1)
Ap dung BBT (4) véim=2,3, ..., n,ta cd
» 1 22 i n? _ 3n
21324 (n=D(n+l) n+l

" 3(n+1)

=3 (dpcm). O

> Nhin xét. 1) Véi truong hop n = 2 ta c6 thé ding

nhiin xét: Néu D<x=1, 0<yp<l thi 1+,r{1—1- va
. -X
(1-x¥1—p) >1-x—yp déddnhgia 4 <3.

Pa sb bai giai cla cdc ban theo mdt trong hai céch trén.
Tuy nhién, nhiéu ban lap ludn thiéu chit ché va khéng
chimg minh nhén xét dua ra.

2) Tuyén duong cac ban sau ddy o 1oi giai tot:

Vinh Phiic: Truong Thi Hoai Thu, 8A, Nguyén Duc
Pai, 9A1, THCS Yén Lac, Ngé Tuén Anh, 8T, THCS
Bnng Xuan TX. Phac Yén; Thanh Héa: Lé Quang
Diing, 7D, THCS Nhir Bd 57, Hofing Hoa; Quing
Ngdi: Cao Thi Thiy Diém, 8A, THCS Hanh Phudc,
Nghia Hanh.

PHAM THI BACH NGOC

% Bai T5/415. Cho hinh binh hanh ABCD.
Trén cac dwong thang AB va BC ldy céc diém
twong umg H va K, sao cho cdc tam gidc KAB
va HCB cdin (KA = AB, HC = CB). Chimg
minh rang

1) Tam giac KDH can.

2) Cac tam giac KAB, BCH, KDH dong dang

vai nhau.
A H B

Loi  giai. Ta
chiung  minh
cho truomg hop
hinh binh hanh c
ABCD co dang D ——— NV
nhu ¢ hinh v& K

bén (H nim trén

doan 4B, K nim ngoai doan BC) cac truong
hgp khac chirng minh twong ty.

a) Do tir gidc ABCD la hinh binh hanh nén
AD = BC, lai c6 HC = BC nén AD = HC, suyra
AHCD 14 hinh thang can. Do d6 AC=DH (1)

TOAN HOC
90 ° Cludilre S6 419 (5-2012)
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Tuong tu, vi AK = AB = CD nén ACKD la
hinh thang cén, suy ra AC = DK (2)
Tir (1) va (2) suy ra DH = DK hay tam gidc
DHK cén tai D.
b) Do hai hinh thang cin AHCD va ACKD
nc::\i tiep dugc nén nim diém 4, H, C, K, D
nam trén moét dudng tron. Do dé

DKH = DCH = CHB = CBH .
Ba tam gidc can KAB, BCH, KDH c6 goc ¢ day
bing nhau, do dé ching ddng dang. O

}Nhﬁn xét. CO rat nhiéu ban da giai ding bai nay.
Xin tuyen durong hai ban hoc sinh lop 7 dd cho nhig
loi giai tot: Thanh Héa: Lé Quang Diing, 7D, THCS
Nhir Ba S, Hoang Hoéa. Tién Giang: Nguyén Neuyén
Minh Mdn, 7', THCS L& Ngoc Han, TP. My Tho.

PHAN THI MINH NGUYET

* Bai T6/415. Cho tam giac ABC véi a = BC,
b= CA, ¢c = AB. Goi A, la trung diém canh
BC va O, f lan heot la tam dwong tron ngoai
rrep néi tiép cia tam giac. Chimg minh rang
néu AA, vuong goc vai Ol thi

min(b,c) < a < max(b,c).

Lo gidgi. Khong mit tinh tong quat, gia st b > c.
Tir A4, L O suyra
OA* —OAF = 147 — 1A} (1)

A

Goi R, r theo thir tir 1a ban kinh dudng tron
ngoai tiep, ndi tiép tam gidc ABC. Ta co
O = B%; 0f =R -, 142 =1 +(p-a)’

(p 1a nira chu vi tam gidc ABC);

IR=IF+Df=r+ [" = '5] _ﬂ{%j

https://tieulun.hopto.org
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Tu(1l)co
2 P
e {22)
a_"-_[b+c—a] (b-c)?
4 | 2 4
z ). 1
& dbc=2alb+c)e —=—+— 2
a b ¢
Tu (2) suyra .—22 = —2——
min(b,c}) a max(bh,c)

Do d6 min(b,c) < a < max(b,c) (dpcm). O

> Nhin xét. 1) Dé di dén hé thirc (2) ching ta cling
¢d thé sir dung cdc hé thirc vecto

a.04 +bOB+c0C =(a+b+c)OI;

244 = AB+ AC =(0B + OC —204) va O.44 =0,

2) Cac ban sau co lod gidi ding va gon hon ca:

Ha Niji: Phan Ngoec Lam, 11A1, THPT Lién Ha, Dong
Anh; Vinh Phic: Hoang Do Kién, 11A1, THPT
chuyén Vinh Phic; Hung Yén: Nguyén Vigt Ha, 10
Toén 1, THPT chuyén Hung Yén; Thdi Binh: Tricong
Trung Quyér, 10 Toan 1, THPT chuyén Thai Binh, Bii
Bink Hieu, 11A1, THPT Quimh Céi, Quynh Phy;
Thanh Héa: Lé Thi Lan Anh, 11T, THPT chuyén Lam
Son, Lé Thé Son, 10C8, THPT Bim Son; Ngh§ An:
Duong Nir Diép Anh, 11A1, THPT chuyén Phan B
Chéu, Lé Hoang Higp, 11A1, THPT Théi Hoa, Nguyén
Thi Quynh Loan, 10T, THPT Bé Luong I, Ha Tinh:
Nguyén Hoang Pdng, Tran V3 Hoang, 10 Tcran THPT
chuyén Ha Tinh; Qudng Ngii: Ngbé Thanh Bat, 10
Toéan 1, THPT chuyén L& Khiét; Pdng Nai: Pham Vin
Minh, 11 Toan, THPT chuyén Luong Thé Vinh.

HO QUANG VINH
* Bai T7/415. Cho cdc s6 thue x, v, z théa man
Jxsina + J}.C{}H a—z=-2/2(x+ y+2z)

Ix+2y—13Jz=7

3n :
n<a=s 3 Hay tinh (x+ y).z.

Loigiai Don<a < %T nén cosa =0, sina < 0.
Str dung BDT Bunyakovsky, ta thay
(v’;.(—sinrz}+ \[}_f.[—casa}+\g)2

< (x+y+z)sina+ coszaJrl 1)

=2(x+y+z). Tt dé suyra

ﬁ.sina+ y.cusa—\/gz— 2(x+y+z} :

https://sites. eoogle.com/site/letrungkienmath

Dang thirc xay ra khi va chi khi

a4l

sin  cosa
Suy rax =z sin’e, y =z cos’a,dodé x +y =z
Thay vao PT thir hai cua hé ta duge z = 49.
Vay (x + y)z =492 =2401. 0
}Nhﬁn xét. 1) Do so sudt nén dé bai trong phén tiéng

Viét in nhdm (d¢ bai ghi trong myc "Problems in this
issue" in ding). Rit mong cac ban théng cam.

2) Céc ban sau da sira lai dé bai va cd 1o giai tot:

Hung Yén: Neuyén Trung H‘.reu 10 Todn 1, THPT
chuyén Hung Yén; Ha Néi: x'\rguyen Duy Khanh, 11A1,
THPT Ba Vi; Thai Binh: Hodng Dink Quang, 12A1,
THPT Quynh Cbéi, Quinh Phy; Nghé An: Trdan Trung
Hiéu, 11 A1, THPT Thai Hoa.

NGUYEN THANH HONG
* Bai T8/415. Gidi hé phuong trinh

[log, x =27+ 1)
41+ x + _x}'\.’[-ﬁl +y2=0 (2)

Loi giai, Piéu kign x>0. Tir (2) suy ra
<0 (néu y=0 thi VT(2)>0).

Ta bién déi phuong trinh (2) :
4Jl+—x=—.xy 4+ >0,
binh phwong hai vé ta duoc
16(1+ x) =x2y2(4+ »?)
< 4x?y? —16x+x2y* =16=0

< (o -4)(dx+xp2+4)=0

4

=4 =) Grp=—— (3)
¥

(Do x> 0nén 4x+ xy* +4>0).

Thay (3) vao (1) ta duge log, i; _oe (4
¥

Vi y <0, nén PT(4) tuong duong vai

4.2 +2logy(-y)-2=0 (5)
Nhan thdy y =—1 1a mdt nghiém cua PT (5).
Xétham sé f(y)=4.2" +2log,(-y)-2.

Taco [(y)=42 1112+[_y)m2 >0 (w<0),
) TOAN HOC
S46 419 (5-2012) & cl'uﬁit[;e 21
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nén ham sé /() déng bién khi y <0,
Do d6 PT (4) c6 nghiém duy nhét y =—1.

4
ysuyra x=-—=4.
¥

Thir lai, ta thay (x;)=(4-1) thoa man hé
phuong trinh trong d4u bai.
Véy hé da cho c¢6 nghiém duy nhét

(xy)=(4-1).0
»>Nhin xét. 1) C6 thé suy ra (3) bing céch khac
Voi x>0; y<0,PT(2) co thé viét thanh :

[ /2%
4 ,..2_ : i ={—p/ A
. I+x=—pyfd+)” Q\E*Q“ "L,;] ( {]\"4““( ¥)

Véi p=-1

@f(%);f(—y] voi f(t)=iN4+i%,

[1 4-2] i : g

\f_? >0, ham s6 f(r) dong bién khi £ >0,
44t

Ta dugce f[\f_) 7= y)=> '——y:>(3)-

11e)=

2) Céc ban sau diy co 161 giail tbt:

Cao Bﬁng Hodng Ngoc Duweng, 11A, THPT chuyén
Cao Bing; Bdc Ninh: Liu Ngdn, 12 Todn, THPT
chuyén Bac Ninh; Hdi Dwong: Vi Pinh erz 12A1,
THPT K¢ Sit, Binh Giang; Nghé An: Lsrong Thi Mai
Hirong, llAl THPT chuyén DH Vinh, Lé Hoang
Hiép, 11Al, THPT Thai Hoa; Quing Ngidi, AHuimh
Nhét Quang, 11 Toan 1, THPT chuyén Lé Khiét, Binh
Dinh: Neuyén Qu.fmg Hm I2TNZ, THPT Ting Bai
Hé, Hoai Nhon; Tién Giang: Nguyén Tri Nhdn, 12 Tin,
THPT chuyén Tién Giang; Dong Thép: Au Anh Minh,
Vé Hoai Béo, 11T, THPT chuyén Nguyén Quang Diéu;
Bén Tre: Vo Thwen Khang, 11 Toin, THPT chuyén
Bén Tre.

NGUYEN ANH DUNG
* Bai T9/415. Ta goi mot b s6 nguyén 16
dep khi tich cua cac s6 nguyén Io nay b&ng
10 lan rong cua chung. Hay tim raf cdc bg so
nguyén 16 dep noi trén. (Cdc 56 trong b
khéng nhdt thiét phdi phan biér).

Léi gidi. (Theo ban Tran Quang Toan, 11T,
THPT chuyén Quéang Binh).

Dé thay bo sd nguyén td dep phai chua sb 2
va 5. Gia st p, € p,...< p, 1a céc sb con lai

trong bg. Ta co
10p..p, =107+ p, +...+ p,)
S PP =T+D+ .+ p,.

T?ﬁN HOC
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(1)

22
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Tacovoix=2,y=2thi xy2x+y. Do dd
bang quy nap dé thiy x,..x; > x +..+x, véi
%22 (i=1,2,.., k. Vay

bt p, +7= Pr-Pa 2{p] +-"+pn—])pn
< s+p,+72s5p,,0d0 s=p+...+ p,
& (p—1Ds—1)<8 (2)

Do s>2 nén tir (2) suy ra p,—-1<8 nén
B R S e T

o V&i p, =2 thi (1) viét thanh 2n+7=2", v6 Ii.
® VG1 p,=3 this—1<4 = s<5 = 5e{2;3;4;5}.

Tir d6 {pi,.... p.} chi co thé 1a {2}, {3},
{2; 2}, {2; 3}. Kiém tra cic bj nay, ta thiy
khong c6 bd nao théa min (1).

e Vo1 p, =5thi s<3 = se{2,3}. Trdo
{P1,- Doy} chi c6 thé 12 {2}, {3}.

Kiém tra céc bo nay ta thiy bo {3} thoa man (1).
Vay b s0 nguyén té dep cantim14 (23,5, 5)
va cac hoan vi ctia chiing, 0J

»Nhin xét. Cic bai giri dén déu oo 10i gidi ding,
Hoan nghénh cdc ban THCS sau da tham gia giai va ¢6
lé&n gidi dung:

Thanh Héa: Lé Quang Ding, 7D, THCS Nhir Ba Sy,
Hodng Hoéa; Phi Tho: Nguyén Tién Diing, Neuyén
Dinh Mgu, 8A3, THCS Lam Thao; Vinh Phic:
Neuyén Tién Thép, 9C, THCS Vinh Tudng.

DANG HUNG THANG

* Bai T10/415. Cho nam diém A, B, C, D va
E cimg ndm trén mét dwong tron (cdc diém
duegc ligt ké theo chiéu kim dong ho). Goi M,
N, Pva Q theo thi tw la hinh chiéu vuéng goc
cua E xuong cdc duong Ih.:mg AB, BC, CD va
DA. Chimng minh rdng bon dwong thing MN,
NP, PQ va QM la tiép tuyén ciia mot parabol
c6 tiéu diém la E.

Loi gigi. Trude hét, ta can co hai bd dé.

Bé dé 1. Cho nam diém A, B, C, D, E cing
thuge mét dwong tron. Cdc diém M, N, P, O
theo thir tir la hinh chiéu vuéng goc cua E
frén cdc dwomg thang AB, BC, CD, DA. Khi
do hinh chiéu vuéng géc cia E trén cdc
duong thang MN, NP, PQ, QM cing thuje
mot dwong thang.,
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Phép chimg minh bé dé 1 chinh 12 1o giai bai
toan T7/ 351 (TH&TT s6 355, thang 1.2007).
Bé dé 2. Cho diém F va dwong thang (A)
khéng di qua F. Parabol (P) nhan F la tieu
diém va (A) la dwong chudn. Néu M thuge (A)
thi diong trung tryuc cua F'M tiep xuc voi (P).
Phép chimg minh bd dé 2 kha don gian, ban
doc ty chung minh.

Tro lai giai bai toan T10/415.

Goi X, ¥, Z, T theo thir tu 1a hinh chiéu cia E
trén cac duong thang MO, MN, NP, PQ.

Theo bd dé 1 thi X, ¥, Z T cing thujc mot
duomg thing, ki hicu 1a (d).

Goi (A) la anh cua (d) qua phép vi ty tam £'ti
50 2. Goi (P) parabol nhén E' la tiéu diém va
(A) 1a duong chuan. Pat X* = EX N (A).
Puong nhién MQ la trung truc cua £X

Do do, theo b dé 2 thi MQ tiép xiic voi (P).
Twong tu NP, PO, NM ciing tiép xtic voi (P).
Tém lai MN, NP, PO, OM cimg tiép xc vdi
parabol (P) (c6 tiéu diem 1a £). O

» Nhin xét. Céc ban sau ¢6 loi giai tot:

Thanh Ho#: Lé Thé Son, 10C8, THPT Bim Son, Nghé
An: Chu Tw Tai, 11A12, THPT Dién Chau 2, Bii
Quang Dong, 11A1, THPT chuyén DH Vinh; Bén Tre:
Lé Thi Minh Thao, 11T, THPT chuyén Bén Tre.

NGUYEN MINH HA
* Bai T11/415. Cho day s6 (a,) duwoc xde dinh

g T

boi ay =1, apy =——
a +..+a,

https://sites. eoogle.com/site/letrunglkienmath

Hay tim gici han cua ddy so (b,) voi

b,=a,+a>+..+a,.
Loi giai. Nhgn xeét
e VOl nelW°, taco

1
by=ay+a+..+a,+a,, =b, +wb:—~j§,b. =1.

B - 5 1 :
e V&i biat ki xeR*,ta co x+—2=2. Do dé,
"

chimg minh bang quy nap theo n ta thiy
b, 22-+2,¥neN".

eVin 0<x<y<l, x+l—[y+l] =
x ¥

:(x_y)_.[l_lJz(x—_‘p}(]—i]}(], nén
y X Xy

x+i & y+l = f(x)> f(y), trong do ta ki
X y

hiéu f(x):x+l—\5 (x> 0).
X

Taco by = f(B) =2-V2; f[%]ﬁ_z—
a— e 1 S
by = f(b) =2 \e'§+2_\E Np)

3pafd a3
A2—ﬁ+ T —\5—3 2.\5
:3[1—%]<3(1—0,7)=0,9<l=bl.

0 b 2 by b

L
r

Tu cac nhdn xét trén suy ra b, < b, < E;

do b?.:f(h):bll:f{b})sf(%]:ﬁ Vfi

by > b, :}%

5 . 1
Nhu vay ta co b, < by < b <...<$,

TOAN HOC
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b > b :>b5:>...>—l—.

V2

Ki higu p = Iim bay, g= !im b, 1. Tasuyra

l

g do by =h +——\E ne N

" b,

Cho n chin, n — +co ta duoc g :p+l -2
P

= pg=p*—2p+] (1)

Chonlé, n >+ = p=q+i—\5
4q

= pg=q>—~2q+1 (2)

Tu (1) va (2) suy ra
(P?-4*)-~2(p-9)=0

e (p-9(p+a-v2)=

Chi ¥, néu p+g-+2=0 thi g=+2-p.
Thay vao (1) taco

p(V2-p)=p2~2p+1 & 2p2-202p+1=0

1 1 1
= :ﬁ——'_:—__
2! 2 V2

1
Nhu vidytalubncd p=g=—.
' V2

< (ﬁp—l)z i

|
Héquala limb, =—. O
° 4 =y <7

}Nhén xét. Pdy 12 bai todn gim han dang co ban,
Lai giai trén khong phai ding dén cong cu dao ham deé
khio sat ham sé. Cac ban hoc sinh sau cé Iéi gidi tot:

Ha Noi: Pham Ngoc Lam, 11A1, THPT Lién Hi, Dong
Anh; Hung Yén: Nguyen Thi Viér Ha, 10T1, THPT
chuyén Hung Yén; Vinh Phic: Hoang Do Kién,
Dwong Phude Tho, 11A1, THPT chuyén Vinh Phue;
Nghé An: Lé Hoang Hiép, 11A1, Nguyén NgocMinh,
11A2, THPT Thdi Hoa; Do Ba burc, 11A12, THPT
Dién Chau II; Lwong Thi Mai Huwong, 11A1, THPT
chuyén BH th Binh Phwrde: Cao Van T.cen 11A1,
THPT chuyén Quang Trung; DPdng Nai: Pham Vin
Minh, 11T, THPT chuyén Lwong Thé Vinh.

NGUYEN MINH B(C

* Bai T12/415. Goi a. f la hai nghfém thure
phdn biét cua phuong trinh 4x? —4ix—1=0
Zr

(t la tham s6 thwc) va ham sé f(x) =

xdc dinh trén doan [« ; f).

TOAN HOC
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Xét ham so g(t)= max f(x)— min f(x).
xefe, ] xefax )

:
; : 2 " T '

Chimg minh rang vdi a,b,ce LDE] thoa

man sina+sinb+sinc =1 ta cé hat ding thirc

| 1 1 <3J6

+ + .
g(tanag) g(tanb) g(tanc) 4

Léi gidi. Nhian xét rang f(x) 1a ham don
di¢u tang trén doan [e;/]. That vay, khi
a<x<x,<f, tacd
2x2 -1 2)C| -1
)= f(xq)= -
)= o2
_ (xz —x.)(i‘(xz +xl)——2x1x2 +2} %
(xf +1)(x3 +1)

nén ham sé Ax) 1a ham don diéu ting trén
doan [a;f].

Theo dinh li Viete ta ¢o

a+ =t aﬂ:—% nén
(B-a)(Ha+p)-200+2)

gn)=f(f)-fla)=

(e +1)( 2 +1)
5
VEE+1| 2+
[ 2] _ 82 +1(217 +5)
r2+2_5 1617 +25
16
2 2
AT e L R o)
16tan? a + 25
8 2
_[ - +3] .-!-6----+24cosa
cosal cos’a _ cosa
16 49 16 +9cos’ a
cos’ a
— 21624 _ léJgj |
164+9cos’a 16+9cos’a

Cung voi hai BPT twong tu, ta dugc
1 1 1
+ +
g(tana) g(tanb) g(tanc)

1
< 16.3 +9(cos? a + cos? b + cos? ¢)
166 ( )

https://tieulun.hopto.org



https: A www. facebook. com/letrungkienmath

(75—9(sin? a +sin? b+sin® c)).

]
166
T a,b,ce (0;%] va sing + sinb + sinc = 1

3(sin? @ +sin? h+sin?¢) > (sina+sinb+sinc)* =1
[ | 1 36

+ - e -0

gltana) g(tanb) g(tanc) 4

suy ra

» Nhin xét. Day 12 mot bai toan vé bit ding thitc ham
thudc dang khong quen thuge & biac phé théng, nén cd
it ban tham gia gidi. Diy la bai Iéy fir China
Mathemahcal G ampctmon Problem 15, ndm 2004. Da
s6 cac ban déu gidi nmng tr nhur cach da trinh bay ¢
trén. Cac ban sau day co 1o gidi dang:

Vinh Phie: Dang Quang Tudn, Dwong Viét Tho,
11A1l, THPT chuyén Vinh Phic; Ha N§i: Pham Ngoc
Lam, 11A1, THPT Lién Ha, Dong Anh, Nguyén Duy
Khanh, IlAl THPT Ba Vi; Hl.mg Yén: Duwong Manh
Cuang, Nguyen Trung Hiéu, 10T1, THPT chuyén
Hung Yén; Thai Binh: Hoang Dinh Quang, Bii Dinh
Hiéu, 11A1, THPT Quynh Céi; Péng Nai: Pham Vin
Minh, 11T, THPT chuyén Lwong Thé Vinh; Binh
Phwéde: Cao Van Tién, 11B, THPT chuyén Quang
Trung: Binh Dinh: Nguyén Qmmg Hai, 12TN2, THPT
Tang Bat Hé, Hoai Nhon; Nghé An: Lé Haang Hiép,
Tran Trung Hiéu, 11A1, THPT Thai Hoa.

NGUYEN VAN MAU

* Bai L1/415. Mot vimg tir truomg déu voi
cam ung i B = 2.10 T nam trong mién gici
han béi hai mét phdng song song voi edc
duomg sure t va cach nhau doan b =15cm. Tir
vi tri cach mat gidi han ving tie truong dogn
a = 3cm, mot elec tron dueoe ban vé phia ving
tir tricomg Vo vdn téc ¥ cé phiong vuéng géc
voi cdc dwong suec tw va hop voi mat gioi han
viing tir truomg goc a = 45" nhie hinh Vé. Biét
khoi luong va dién tich cua electron lan ot

la m = 9,1.107kg

d T —
. 19 ot
va e = —1,6.107°C, S
Bo gua tac dung cua i
. Fd
trong truong.  Tinh P -
aa lém van téc cua e &
. —
electron dé no: b B
x » o
a) Ra khoi ving tir
¥ o 1 4
tricong theo phirong
g g £ = e
vuoéng goc vai madt p
b o™ ; . a . 7
gioi han vung fr sl
truong.

https://sites. eoogle.com/site/letrungkienmath

b) C6 thé quay tré vé vi tri ban dau. Diéu kién
cua b khi do la gi?

Loi giai —m——
_ D
E
Oy
—"‘—hn...__.—"\-\h______.:/—\'—

Khi electron vao vang tur trudng no sé chuyén
déng theo quy dao tron vdi luc hudng tim la
lyc Lo-ren-xo. Ban kinh quy dao tron xac
dinh béi [e[Bv="— = R =" (1)
R le| B
a) Dé electron ra khoi ving tir trudng theo
phuong vudng goc mit gioi han thi no phai
chuyén dong theo cung tron CD cé tam la O,
nhu hinh v& Bén kinh quy dao cua electron

khidola R, =0OC = = = s {2)

cosa  cosa
T (1) va (2) suy ra véan téc cua electron 14
|e‘Bb
" meosa
Thay s6 tinh duoc v = 7,46.10%(m/s).

b) bé electron tro vé vi tri ban dau thi quy
dao phai dbi xtrng, nghia 14 n6é phai chuyén
dong theo cung tron CFG ¢6 tam la O; nhu
hinh v&. Ban kinh quy dao cua electron khi do

i Pl A, B 3)
COS¥ COSa@ COS
Tir (1) va (3) suy ra van tdc cha electron 1a
|e‘ Ba
 mcosa

Thay s6 tinh duge v = 1,49.10%(m/s).

Dé electron c6 thé chuyén dong theo cung
tron CFG nhu thé thi b phai khong nhé hon
doan CF, tuc la

TOAN HOC
“Cludilye 25

S5 419 (5-2012)

https://tieulun.hopto.org



https: /" www. facebook. com/letrungkienmath

1
b2CF=0F+0O,H = s +a=a(1+—)
cose cosa

Thay s6 ta duge b= 7,24(cm). O

» Nhan xét. Cic ban sau co 15 giai ding:

Bic Ninh: Nguyén Van Long, 11A4, THPT Thuin
Thanh 1; Nam Binh: Dinh Viér Thing, Biii Xudn Hién,
12 Li, THPT chuyén Lé Hong Phong; Ha Nam: Dink
Ngoc Hai, 12 Li, THPT chuyén Bién Hoa; Nghé An: Leé
Xudn Bao, IDAJ THPT chuyén Phan Boi Chau; Nguyén
Viet Tuun 10AS, THPT chuyén 1 PH Vinh; Thai Binh:
Nguyén Vin Som, 11A2, THPT Bic Pang Quan; Quing
Binh: Nguyén Haang Duy Thanh, 11 Li, THPT chuyén
Quang Binh; Déng_ Thap: Huynh Thanh Duw, 11 Li,
THPT chuyén Nguyén Quang Diéu, Cao Lanh.

NGUYEN XUAN QUANG

* Bai L2/415. .

Cf?{) bay dién tra 1] ¢ 7]

giong hét nhau, D

m5£ cdi ¢o gid L 3] 4 -
i la R, duoc [ 5 | [ 6]

mdc theo so do LEas

nhir hinh vé. A B

Dt giita A va B mot dign ap U ¢ gia tri
khong do.

a) Mac, giita C va B mét von ké 1i twong thi
vén ké chi 12V,

b) Thay von ké bang mét ampe ké Ii twong thi
ampe ké chi 4 A.

Hay xdc dinh U va R.

Loi gidi. a) Tir hinh vé cia dé bai va cac dir

2R
liéu da cho, tacd Rp =T'
Dong dién qua mach chinh la
et B U
R.-!D + Rpg ZJfa__i_R 5R
3
1 1 13UV 2R U
Teds Ugp==Up=—Rp==——"—=—;
ch 5 AD 2 AD 2 5R E 5
f
L”H_IR,—ER#_E.L)—
5R 5
U U 44U

Dodd Uy =Uep+Upg =—+—=—=12(V
0do Uipg o foli} 5 5 5 (V)

Suyra U =15(V).

TOAN HOC
2¢ ° cru&lt;é S6 419 (5-2012)
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b) So dé mach dién dwoc mic lai nhu hinh vé.

Tir hinh v& ta c6
{[(RintRy) /f (RsntR, )] nt (Ry // Ry )}/ Ri.

Dé dang tinh duge R,, = R; Ry = 0,5R.

l l AP 1 2 5 R_.“,l = {.},6R

Ry "R +0,5R R SR
Cuong do dong dién qua mach chinh bang
el 1 o
Ris 06R R

Goi I’ 1a cuong d6 dong dién qua mach ADB,
ta co

o U 15 10
RA;)-FRDH R+0 SR R
DoR,=R;,=Rnén L, =1, :f—=£,
2 R

25 & 20

Véy lg=1-1;
R=5(Q). O

» Nhin xét. Céc ban sau ddy c6 1oi gidi tot:

Vinh Phuc: Bui Vin Virrh, 9A, THCS Lién Hoa, Lap
Thach; Bic Ninh: Vi7 ST Céng, 10A1, THPT Nguyen
Pang Dao, Nguyén Vin Long, 11A4, Nguyén Viét Anh,
Trieong e Tai, 11A1, THPT Thuan Thianh S6 1; Ha
Nam: Pinh Ngoc Hdi, 12 Li, THPT chuyén Bién H:Ja
Phu Ly, Nam Binh: Bui Xudn Hién, 12 Li, Tran Thi
Thu Hwong, 11 Todn 2, THPT chuyén Lé Hﬁng Phong;
Hung Yén: Nguvén Trung H;eu 12 Li, THPT chuyén
Hung Yén; Thai Binh: Nguyvén Vin Mrm‘r Neuyén Vin

Sen, 11A2, THPT Béc Déng Quan; Thanh Hoa: Lé
Thanh Hai, 10A3, THPT Luong Pic Bing; Nghé An:
Nguyén Viet Tudn, 10AS5, THPT chuyén DH Vinh, Chu
Tw Tai, 11A12, THPT Dién Chau 2, Ngu}en Trung
Hreu Nﬂuyen Hai Hgu, 10A1, THPT Nguyén Xuin
On;, Pong Thap Huynlh Thanh Duwr, 11 Li, THPT
chuyén Nguyén Quang Diéu: Quéng Binh: Nguyvén
Hoang Duy Tharh. 11 Li, THPT chuyén Quang Binh.

NGUYEN VAN THUAN

=———=—=4(A),suy ra
TR R (A), suy
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CACCHUYEN D!

** Trong hai ngay 14 - 15/4/2012, tai TP. Nha
Trang, tinh Khanh Hoa da dién ra Hpi thdo
khoa hoc boi duéng hoc sinh gioi Todn
THPT cdc tinh Duyen hai Nam Trung bg va
Tay Nguyen lin thi hai do S& GD-DT
Khanh Hoa va Hji Toan hoc Ha Néi phéi hop
dfmg t6 chire. Tham dy Hoi thao cé lanh dao
cdc So GD-DT, dai dién Ban Giam hiéu, gido
vién Toan cz’l-:: truong THPT chuyén thuéc
khu vuc Duyén hai Nam Trung by va Tay
Nguyén gom 9 tinh Binh Dinh, Phu Yén,
Khanh Hoa, Ninh Thudn, Lam Dong, Ddak
Lk, Dak Néng, Gia Lai, Kon Tum. Ong Lé
Xudn Thdn, Pho Chu tich UBND tinh Khanh
Hoa da toi dy va phat biéu chao mimg Hoi
thao. Hoi thao chia lam hai phén : Phdn /
gom nhimg bao céo cua cac can b{) quan li vé

phat trién nang luc doi ngt gido wvién cdc
trudng chuyén, phat hién va bdi dudng ning
khiéu cua hoc sinh chuyc'l cach thire qu{in I,
chi dao, giang day va hegc mp o cac lop
chuyén; dong thdi thao ludn vé lién két bbi
dudng hoc sinh gion Toan THPT khu wie
Dll}*en hai Nam Trung by va Tdy Nguyén.
Phan 2 gom nhig bao cao ve Chuycn aé bm
dudng hoc sinh gioi Toan THPT va céc vin
dé lién quan cua cic nha khoa hoc va gido
vién Todan cdc truong THPT chuyén.

[l

H6i thdo khoa hoc

BOI DUGNG HOC/SINH G101 TOAN

** Trong hai ngay 26 - 27/4/2012, tai Truong
THPT Chu Vin An, TP Ha Noi, SO‘ GD-DT
Ha No6i phdi hgp véi Hoi Toan hoe Ha Néi to
chic Hpi nghi khoa hoc Cdc chuyen dé
Todan hoc boi dwing hoe sinh gioi. Diy la
hgi thao déu tién theo tinh than ki két phm
hop hoat dong ban vé lién két bdi dudng hoc
sinh gioi, dac biét 1a bdi dudmg hoc sinh gioi
Toan THPT va THCS, Hoi thio vinh dy don
tiép TS Vii Dinh Chudn, Vu Truéng Vu Gido
duc Trung hoc, Bé (JD&B'I cac nha khoa
hoc, nha giao l70 thanh, cac nha quan li, cac
LI]U}'L]‘I gia gido duc, cac nha Toan hoc bao
cao tal phién toan thé va céac giao vién dang
true hcp bdi dudng hoc sinh gioi Toan bao
cao tal phién chuyén d{: Séng 27/4, Ban Té
chire Hoi thao da téng két Ki thi HOMO 2012
va tuyén duong khen thudng cic hoc sinh
dﬁat giat: Lira i Junior (]2 giai_ Nhit, 29
giai Nhi, 41 giai Ba, 16 giai Khuyen khlch)
Lira tu6i Senior (11 gial Nhat 28 giai Nhi, 48
giai Ba, 14 giai Khuyén khich). Tap chi
TH&TT da tham du ca ‘hai hoi thao, tang tap
chi va diic san cho cac dai biéu, tang qua cho
cac em hoc sinh doat giai Nhat, Nhi caa Ki thi
HOMO 2012. )
THAM NGOC KHUE
(Hoi Toan hoc Ha Noi)

PROBLEMS... (Tiép trang 17)
TOWARD MATHEMATICAL OLYMPIAD

T9/419. Let a, b, ¢ be three positive real
numbers satisfying

T B f1 1+ 1

15| — 4+ —4— | =10 —+—+— |+2012.
at bt 2 ab bc ca

Find the

expression

largest possible value of the

I 1
T T .
J5a2 +2ab+ 202  ~J5B7 + 2be + 202

1

J5f* b 2ea+2a*

T10/419. Find all functions f:R—R such
that for all x,y € R we have

F(FON)+SD+F3) = D)+ (x+ ().
T11/419. On the interval [a;b], pick &

distinct points x;, x5, .., X Let dn be the
product of the distances from x, to the k-1
remaining points; n=1,2,3...,k. Find the
jl"ﬁ 1
smallest value of }“T
=l y

T12/419. Given a triangle ABC and an
arbitrary point M. Prove that

MA+WB MC _ BC+CA+AB
BC CA AB M4+MB+MC'

Translated by LE MINH HA

TOAN HOC
* CTudilre 27
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rong cuén sich CAC BAI TOAN HINH HOC
KHONG GIAN cia V.V. PRAXOLOV va
LF. SARYGIN trang 25, Nha xuat ban ba
Nang, ndm 1997 co mdt bai toan cuc tri hinh
hoc kha hay.
SBai todn 1. Xér nir di¢n déu A \AyA;A, co
canh bang a va mgt phang (P). S la dién tich
hinh chiéu vuong j;}_dc; cua AAxA3A4 trén (P).
Tinh gia tri lon nhdt cua S theo a.
Mt cach tu nhién, bai toan sau dugce dit ra.
Bai todn 2. Xér nir dién déu A,A24544 o
cgnh bdng a va mdt phdng (P). S la dién tich
hinh chiéu vuéng g{,ic.- cua A1AxAzAs trén (P).
Tinh gia tri nho nhat cua S theo a.
Bai bao nay sé gioi thigu o1 giai Bai toan 2.
Cho tir dién A4,424344 va mit phing (P), ta ki
hiéu dién tich cdc tam giac 4,434y, 43444,
AiAd1 A4z, A1A>A; theo thir ty 12 Sy, 55, 53, 43
dién tich hinh chiéu vudng goc cta céc tam
giac AxAzAs, A3Aad), Asd1Az, 414245 trén mit
phing (P) theo thir tu 14 ), S5, S5, Si; dién
tich hinh chiéu vubng goc cua tr dign
A1A2434,4 trén mit phing (P)1a S.
Trude hét, ta can co ba bd dé.
Bb dé 1. Cho tir dién A,A,A3A, va mt phang

(P), taco S = %ZS',,
H,

/N i

!LW

Chirng minh

Goi H\, H>, H;,
H, theo thir tr la
hinh chiéu vudng
goc cua A, A,

As, As trén mat H,
phang (7). Hinh 1
TOAN HOC
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VE MOT BAI TOAN C
trong hinh hoc khong gian
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NGUYEN MINH HA
(GV Truong THPT chuyén DHSP Ha Néi)

Co hai truomg hop xay ra.

® Truong hop 1. Hinh chiéu vuong goc cua
khéi tir dién déu A1A243A, trén mat phﬂng (P)
la mot tr gidc 161, khong mit tinh tdng quat
gia sir tir giac 16i d6 1a H\H>H3H, (h.1).

Tacd S= SH|H2H3H4
1

= E(SHzHE'Hsf + SHymumy + S Hy +SH|H2H3)
1 ;

=—=3 8.
zz 2

o Truong hop 2.
Hinh chiéu vudng
goc cla khoi tr
dign déu AiAxdAs
trén mat phang
(P) la mét tam
giac, khong mat
tinh tong quat gia
su tam giac do la
H .MH; (h.2).

H,

H,

Hinh 2

Taco S= Sth‘zH;

1

- E(SHEHJH;; + SHyH,H, + SHHH, + SHH,H; )
]- 1]

= —Z—ZSQ (dpcm).

Bo dé 2. Néu O la tam cua tr dién déu
AA-A344 va M la diem bat ki khae O thi
> cos? [EO_‘J) =

1=i=4
Chirng minh. Khong mat tinh tong quat gia
st khéi tir dién 44,434, ¢6 canh bing 24/2.

Goi A1 474243 AsAsAsA3 la hinh lap phuong
ngoai tlep khéi tir dién déu 4,4,4:44 (h.3).

https://tieulun.hopto.org
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Hinh 3
D& thay hinh 1ap phuong nay c6 canh bing 2.
Goi O la tim cua tir dién deu A1A2A344, X, Y,

Z theo thi ty la trung diém cua A»4;, A:4,,
AA>.

Lap hé toa do Descartes Oxyz sao cho céc tia
Ox, Oy, Oz tuong (mg chinh 13 cac tia OX,
OF, 24

Ta thiy 4i(— 15 1; 1), 4x(1; = 15 1), 43(1; 1; —
1), As(— 1;—1; - 1). Gia su M(x; y; z), ta co
3 ccsz(ﬁ;,ﬁ"f)

1<i<4

+(x—y+z]2 +[Juf+y—z]2 +(—Jc—y—z]2

(e

Hx2+y?+22) 4

_(—x+ y+z)2

— == d s
A x2+)2+22) 3 (dpem)
Bo dé 3. Néu cdc sé a,(1<i<4) thoa man
cac diéu kién L_Z_: a =0 va Za =% thi
s Jal22Z
1=izd
Chirng minh. Ta thiy
2
() {2l ZJel)- [l ZJo
lich 1=i=a I<i<A el 1<
=2 | @ Hal ZI@I 2|aHal| 2 a
I<i<4 =<4
=i
4 8
= E(ff+|4\l-qi) Z(‘f’faz): 2912:25 .
1=i=4 1<i<d

hitps://sites.eoogle.com/site/letrunekienmath

Ping thirc xay ra khi va chi khi ba s6 bat ki
trong bon sO a;(1<i<4) hodc cung khong
dm hodc cung khong duong, khi va chi khi
hai s6 nao dé trong bon sb a,(1<i<4) b%mg
khéng va trong hai s6 con lai mot s6 bing

2 5 2
\g, mot s0 bing _\]; (dpcm).

Tro lai giai Bai toan 2.

3

D& thiy 5, =S, =S, =8, =Ta2 (1)

Goi O la tam ctia tir dién déu A,4>434, va M1
hinh chiéu vudng goc cia O trén mat phang
(P), chil y ring OA, O4,, OAs, OA, theo thir tur
vudng goéc voi cac mat phang (AxAsdy),
(A3444.), (A44142), (A14243), ta co

) 3 S, (theo B6 dé 1)

!<r<4

== Z Si|cos(04;,0M)

1<z"i4

=%a2 3, |cos(04,,0M))| (theo (1)) (2)

1=i<4

Vi 4, 42434, 1a tir dién déunén Y 04 =0.

1£i=4

Dodd Y 04,0M =0.

I£i<4

Tir d6, ch ¥ ting O4; = O4; = O4s = OAs,
suy ra 3 cos(O4,.OM) =0 3)
1£is4
Theo B dé 2, ta co
> cos? (ﬁ;,@) =§ @)
1<i<4

Tir (2), (3), va (4), theo B6dé 3, suy ra S_ 2

Bﬁng thirc xay ra < OM vudng goc voi hai
trong bbén dudmg thing OA4,, 042, OAs, QA4
< OM vudng géc voi mdt trong sdu mat
phing (0OA4;4,), (0A143), (OA1A4), (OA243),
(OA244), (0A344) < OM song song voi mot
canh nao do cua to dién A,A434: <> mat
phang (P) vuong géc véi mot canh ndo dé
cua tir dién A1 A24344.

. 2
Tém lai gi4 tri nho nhitcia S 1a -2 —. O
2.2

TOAN HOC
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BE NGUO’[ DU’ THI VIE'T GIO‘[ THIEU

LTS. Tap chi THTT si 416, 417 di gi{i‘f thi¢u dén ban doc ﬂu}: I¢ Cugc thi gioi thi¢u Sdch tham khdo cua
NXBGD Vlﬁ'! Nam va Danh muc mpt 56 cudn sdch. Trrmg SO nay va so sau, chrmg tdi xin gioi thiéu nep
Danh muc cde cubn sdich ciia NXBGD V. it Nam dé nguoi dy thi viét gici thigu.

SACH THAM KHAO THEO CAP LOP

STT : i Tén sdch, b sdch - ; Tic gii, dich gia
I [Bdi dwdng néng Iyc nghe n6i tiéng Anh 16p 3 ' : ~ |Nguyén Qudc Hung, Nguyén Qubc Tulin
(Englash for me) - kém dia. _ At i ; ;
2 |Béi dudmg ning luc nghe noi tiéng Anh 16p 3 s : Neuyén Quoc Himg, Nguyén Quoc Tuin
(English for me - techer's guide) Y Gt : ;
3 |Cam thy va phén tich tac phim vin hoe 10 - Tép 1, Tap 2 : Nguyen Vin Long (CB)
4 G*l:ing viin Viin hoc Viét Nam (THCS) A ; Tran Thi An, Phan Huy Diing
5 chn thire bo tro Npit van 6 A Trin Pinh Sit (CB)
6 |Kién thirc bo tro Ngif vin 7 e : | Trén Dinh Su (CB)
7 [Kién thirc b6 tro Ngit vin 8 s - : Nguyén Van Long (CB)
8 |Kién thirc bd tro Ngit vin9 : Nguyén Vin Long (CB)
9 |Kién thirc bd trg Ngir van |1 ndngcao-Tap 1. Tap2 _ Neguyén Khic Phi (CB)
10 |Kién thirc bo trg Neit van 12 ndng cao - Tap 1, Tip 2 Nguyén Khic Phi (CB)
11 |[Nhitng chuyén dé hay va khé Héa hoc THCS Hodng Thanh Chung
SACH THAM KHAQ KHAC _ : e
STT ; Tén sch, bd sich Téc gia, dich gia
12 |100 bai to4n vui vi tric nghlcm chi 56 cam xiic EQ ; Nguyen Manh Suy
13 |30 tdc gia vin chuong Quﬁn Phueong :
14 [Bic Ho & Phép (sachanh) - : Hong Ha - Nguyén Thi Tinh ...
15 |Bai hoc la gi ? HéNgQCBa:
16 |Céc nha Hoa hQ¢ duoc gidi thuong Nobel : - [Nguyén O_uﬁc Tin .
17 |Cée vj ding déu kinh thinh Thiing Long (Thé ki XII-XVIII) - |Qude Chin
18 |Cay 06 c6 ich Viét Nam - Tap 1, Tap 2 > _ |W5 Van Chi, Trin Hop
19 |Chén dung va but tich nha van Vi¢t Nam - Tép 1, Tap 2 ' _ |Trén Thanh Phuong
20 |Chén dung va nhén dinh cuia nha vin vé the pha'm trong nha truomg, Tép 1 Nguyén Vin Tung, Thin Phuong Thu
21 [Chuyén la vé thi cir ciia Viét Nam thoi phong kién Ngu},'en Thi Hanh, Thii Ng@c Tu’émg
22 |Céng nghé gido duc - Tap 1, Tap 2 i 7 ; - |H6 Ngoc Dai
23 |Cube doi Ly Cong Uan i : L¢ Pinh Ha
24 |Day tré c6 chi tién thu : : Tri¢u Anh Ba, Ngoc Linh
: : : : : (s tam-hién soan)
25 Day tré cb tnii tim yéu thuong. : . Vil Hoa M§, Duong Quynh Hoa
2 (suu tam-bién soan) -
26 |Dén vdi tac pham van chuong phul:rng Daéng (Trung Qudc - Nhat Ban - An D) Nguyén Thi Bich Hai
27 |Ddng Duong xira Puong Cong Minh
28 |[Emdithim @étnuoc-Tap |, Tap 2, Tap3 Vii Xuin Vinh
29 |Em tim hiéu va thie hanh phap ludt _ Vi Xudn Vinh
Tép 1: Phap luét trong doi séng gia dinh
Tép 2: Phap luat trong nha trudmg
Tép 3: Phap ludt noi cong cong
Tép 4: Phap lugt khi tham gia giao r.h&ng
Tap 5: Phap ludt vai cac té¢ nan xA hél S oA EES ey
30 |Evo Heritage: Mgt thién duimg Spa ik : - IThai Quang Trung (CB)
31 |Gidi phap gido dyc ~ |Ho6 Ngoc Dai
TOAN HOC
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32 |Giai thoai da sir Viét Nam Neuyén Khac Thudn
33 |Guong mit ngudi thay ; Pham Viét Hoang °
34 |Hué - Lang man Vi¢t Nam (Hue - The romance of Vzetnam) [Théi Quang Trung, Ha Bich Lién ..
35 |Huy Can - ngon lira thiéng khong tit IHa Minh Birc
36 |Ké chuyén cac nha viin Viét Nam the ki XX Tﬁp 1, Tap 2 -[Pham Binh An
37 |Kinh giri céc bic cha me _ [HG Ngoc Pai
38 |Lich sir quan hé guoc té hién dai Trin Nam Tién
39 [Na oi (thp truyén ugﬁn vé nha gido) Vil Xufin Vinh
40 [Ngudi hoang tuong so 5 (1ap truyén ngin vé nha gido) Vil Xuéin Vinh .
41 |[Nha tho Nguyen Khoa Diém va truémg ca "Miit dudmg khat vrmg Neuyen Quang Trung, Mai Van Hoan
42 [Nha van Nguyén Trung Thinh va truyén ngin " Rimg xa nu" V6 Thi Kim Ngn
43 |Sang danh nhimg anh hing, hio kiét Vit Nam Vil Xuin Vinh
44 |Sirc nwde ngan nam: Dén la goc - Tinh hudng trong cudc sfmg hang ngay Tn.mng Minh Tuan,Tnuh Van Son
Quyen 1: Dé’m sinh (dong CB) _
Quyén 2: Y té, gido duc, van héa
Quyén 3: An ninh -trfit ty
Quyeén 4: Tu phap, Chinh sach xa héi i
45 |Suy ngim va Iya chon - Bui Tién Quy
Tap I: Nhimg diéu xa hoi khéng mong mubn
Tgp I1: Gitta hai dong trong - duc
Tap 111: Con dudmg di dén nhimg vcng nguyet qué
46_[Tam 1y hoc day hoc : Hé Ngoc Dai
47 [Theo Béc HO di khéng chién Trinh Quang Phi i
48 [Thi phap hoc & Viét Nani Nguyén Dang Diép, Nguyén Vian Tl.‘mg
" (tuyen chon)
49 |Tinh hoa viin héa phwong Dong Biing Dirc Siéu
50 [Tinh hoa viin hoc Nga - Khdm ph4 va thudng thirc Nguyén Hai Ha
51 |T8 Hoii - Sirc sang tao ciia mot doi vin IHa Minh Prire
52 |Tro chuyq:n viri nha vin co tic pham trong sach gido khoa tigu hoc Thén Phuong Thu
53 [Truyén co dén gian (ddnh cho HS tiéu hoc) - Chu Thj Hae (CB)
54 |Truyén cﬁ dén gian cde din tdc Viét Nam - Truyén cé Bana Nguyén Trong Béu -
55 [Truyén cb din gian cac dan toc Viét Nam - Truyén cd dan tdc Gidy Nguyén Trong Béu (CB)
56 |Truyén cﬁ dan gian cac dan toc Viét Nam - Truyén c6 H'mong Nguyén Trong Béu (CB)
57 |Truyén co din gian céc dén toc Viét Nam - Truyén c6 Khmer Nguyén Trong Bau, Xufin Mai
58 [Truyén c6 dén gian cac dan toc Viét Nam - Truyén c:n Ta Oi Nguyén Khanh Phong, Ld Quynh Tudng |
59 |Truyén ¢d din gian céc dan toc Vist Nam - Truyén cé thu-qmg ng‘u&n sﬁng Thao |L.& Qude Hiing (suru tam-bién soan)
60 [Truyén cb thé gidi vé lodi vit - Tap | Nguyén Mong Humg (suru tam-bién soan]
61 [Truyén dao dirc xwa va nay - Tép 1: Tinh cam gia dinh - Quycn , Nguycn Vian Luy, Bui Ngoc Son
62 |Truyén dao dirc xua va nay - Tép 1. Tinh cam gia dinh - Quyen 2, Quyén 3 Trin Vin Thing
63 |Truyén dao dirc xua v nay - Tap 2 Nguyén Vin Lily, Bii Ngoc Son
64 |Truyén dao dirc xua va nay - Tép 3 MNeguyén Vin Liiy, Biii Ngoc Son
65 |Truyén dao dirc xua va nay - Tép 4: Ton su trong dao Nguyén Vin Lity, Bii Ngoc Son
66 _|Truyén dao dirc xua va nay - Tép 5: Quan hé thiy tro - |Tran Vin Thing (CB)
| 67 |Truyén dao dirc xua va nay - Tép 6: Quan hé gia dinh - Quyén 1 Trin Vin Thing, Vii Thi Lan
68 |Truyén d@c duc xua va nay - Tap 6: Quan hé gia dinh - Quyén 2 Nguyén Vin Lily, Bui Ngoc Son ..
69 |Truyén ké vé cac danh hoa trén thé gidi - T@p 1 Tﬁp 2 INgoc Phirong, Neguyét Minh Nga.n Hﬁ
70 |[Truyén ké vé lang qué ngudi Viét Chu Huy, Ding Thn:m ¥
71 [Vian hoe trung dai Vigt Nam dudi goc nhin van hoa . |Trdn Nho Thin
72 [Viét Nam dit nude con ngudi Lé Thang (CB)
73 |Viét Nam Pong Nam A - ngon ngit va vin héa Pham Birc Duong
74 |Viét Nam nhfm&su kién ljch sir (1975 -2000) Nguyén Hiru Dao
75 [Viét Nam non xanh nuéc b1éc Hoang Thiéu Son.
76 [Viét sir giai thoai (8 tip) - - [Nguyén Khic Thuin
: BAN TO CHUC CUQC THI
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XUAT BAN TU 1964

50419 (5.2012)

Tda soan : 1878, phd Gidng ¥, Ha N@I

BT Bién tap: 04.35121607

BT - Fax Phét hanh, Tri su : 04.35121606
Email: tapchitoanhoc_tuoitre@yahoo.com.vn

BAN €O VAN KHOA HOC
GS. TSKH. NGUYEN CANH TOAN
GS. TSKH. TRAN VAN NHUNG
75. NGUYEN VAN VONG
GS. POAN QUYNH
PGS.TS. TRAN VAN HAO

CHIU TRACH NHIEM XUAT BAN
Chu tich Hoi déng Thanh vién kiém
Téng Giam doc NXB Gido duc Viét Nam
NGUT. NGO TRAN Al
Phé6 Téng Gidm déc kiém
Téng bién tap NXB Gido duc Viet Nam
TS. NGUYEN QUY THAO

HOI DPONG BIEN TAP

Téng bién tap : TS. PHAM THI BACH NGOC

Thu ki Toa sean : ThS. HO QUANG VINH

TS. TRAN DINH CHAU, ThS. NGUYEN ANH DUNG, 75. TRAN NAM DUNG, 75. NGUYEN MINH BUC, TS. NGUYEN
MINH HA, 75. NGUYEN VIET HAI, PGS. TS. LE QUOC HAN, ThS. PHAM VAN HUNG, PGS. TS. VO THANH KHIET,
GS. TSKH. NGUYEN VAN MAU, Ong NGUYEN KHAC MINH, TS. TRAN HOU NAM, PGS. TS. NGUYEN DANG PHAT,
PGS. TS. TA DUY PHUONG, ThS. NGUYEN THE THACH, GS. TSKH. DANG HUNG THANG, PGS. TS. PHAN DOAN THOAL,
ThS. VU KIM THUY, PGS.TS. VU DUONG THUY, GS. TSKH. NGO VIET TRUNG.

TRONG SO NAY

Danh cho Trung hoc Co s — For Lower  {B) Nguyén Hdi Chau — Gidi thigu mot s§

Secondary School

Ha Vin Nhan — St dung td gide néi tiép
vao chiing minh hinh hoc.

Hudng dén giai Dé thi tuyén sinh vao 16p 10
Trudng THPT chuyén Lé Quy D6n, Binh
Dinh, nam hoc 2011 — 2012.

Dé thi tuyén sinh vao l6p 10 Truong THPT
chuyén Qudc hoec Hué, Thita Thién - Hué,
niam hoc 2011 - 2012.

Céu lac bo — Math Club

Chuan bi thi vao dai hoc — University
Entrance Preparation

Dang T?tanhHm,NguyenmAnhT?W—
Mbt 5 bai toan vé dai s6 t6 hgp.

Thir sirc trude Ki thi — Pé s6'8.

Hudng ddan gidi Dé 54 6.

Dao Thi Thu Thdy — Huéng dan 6n tap
mén Vat 1i thi tuyén sinh Dai hoe, Cao
ddng nam 2012.

BM 0000

Bién tdp : NGUYEN THI THANH

Tri sit, phdt hanh : NGUYﬁN KHGA BIEM VU ANH THU

chuong trinh danh gia Quéc gia va Quéc té
hoe sinh phé théng da thue hién 6 Viét Nam.

@ Pé ra ki nay - Problems in This Issue
T1/419..., T12/419, L.1/419, L2/419.

Giai bai ki trudec — Solutions to Previous
Problems

Giai cac bai cha s6 415.

Thiam Ngoc Khué — Hoi thao khoa hoc cac
chuyén dé bdi dudng hoc sinh gioi toan.

@ Ban doc tim toi — Reader's Contributions
Nguyén Minh Ha — Vé mét bai toan cuc
tri trong hinh hoc khéng gian.

@ Danh muc sach tham khao cia NXBGD
Viét Nam dé ngudi du thi viét gidi thiéu.

Anh Bia 1. Nha Bac Ho & Lang Sen, xa Kim
Lién, huyén Nam Dan, tinh Nghé An.

Ngudn: www.google.com

Bia 2. Cubc thi D6 vui Ngay he 2012,

_ M;!hudt MINHTHO ‘I'HANH LONG
- Chébin: NGUYEN THIOANH
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NHA XUAT BAN GIAO DUC VIET NAM

\Jily, | CONG TY CO PHAN DICH VU XUAT BAN G140 DUC HA NOI
m Dia chi: 187B Giéng V6, Q. Déng Da, Ha Noi
Tel: (04) 39947746; 35122068 - Fax: (04) 35123278

Gidi thigw g sach
TAI LIEU CHUYEN TOAN THPT

Bd sach “Tai liéu chuyén Todn” |&p 10, 11, 12 ¢6 tat ca 12 cudn, mbi 16p cé 4 cubn gdm 2 cudn li
thuyét (Dai s6 - Giai tich va Hinh hoc) va 2 cudn bai tap. Ni dung trong méi cuén déu bam sat chwong
trinh cho hoc sinh cac trwérng THPT chuyén ma B Gido duc va Pao tao da ban hanh. O méi cuén li
thuyét gi¢i thiéu cac chuyén dé bat budce cla chwong trinh chuyén dueec trinh bay kha sau va chit ché,
c6 kha nhiéu cac vi du, bai tap 1a nhiing bai thi ctia khéi chuyén Todn, thi hoc sinh gidi Toan Quéc gia, thi
Toan Québc té. Trong mbi cudn bai tap, ngoai hwéng dan gidi kha day dd cac baitap trong cudn li thuyét,
con céd mét sé bai tap bd sung dé hoc sinh tham khéo. Céc tac gia ctia bd sach la cac thay gido c6 nhiéu
kinh nghiém trong viéc bdi dwéng hoc sinh giéi Toan, déu da hoac dang truc tiép gidng day tai cac
trworng THPT chuyén, khdi chuy@&n Toan, cac truérng Dai hoc, Vién nghién ciu, . . . trén khap ca nwéc,
nhw : GS. Doan Quynh, GS.TS. Van Nhw Cuong, PGS. TS. Nguyén Déng Phat, PGS.TSKH Vii Binh Hoa,
GS.TSKH Ha Huy Khoai, TS. Nguyén Minh Ha, GS.TSKH Bang Hung Théng, PGS.TS. Nguyén Vi Luong,
ThS. D6 Thanh Son, TS. Trdn Nam Diing, TS. Lé B4 Khanh Trinh, ThS. Nguyén Trong Tuén, ...

Hi vong réng b séch sé dap (ng dwoc phanlén yéu cau hoc tap clia hoc sinh, viéc gidng day cla gido
vién & cac trwérng THPT chuyén; cling nhw nhucau doc ctia nhirng nguéi yéu thich Toan.
e Teabe it L1 i '-i'.-I

TAI LIEU CHUYEN TOAN
I Al TAP HINH HOC
TmEmammas=l swmewm DAISO40 10
Al TAP DAI S( i o

i st s v s

TAI LIEU CHUYEN TOAN
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