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DE MOI HOC SINH
PEU c0 DU SACH GIAO KHOA DEN TRUONG

( :Ii’ vio dip két thic ndm hoc, nhigu trugng hoc trén cd nudc loi 16 chic hoat dong quyén gop,

ting sach gido khoa ci. Day ld mét phong trdo do Nha xuiit ban Gido duc Viét Nam tham

muu phdt dong ti nhiéu ndm nay nham giop hoc sinh ving sdv, ving xa, hoc sinh ¢6 hodn
canh kho khéin 6 d6 sach gido khoa (SGK) d& hoc tap. Khong chi la nhing I6i dong vién <6 géing phan
déu vuon lén trong hoc tap gui 16i cdc ban nhé kho khan, thiét thei, phong trdo con mang y nghia
gido duc sdu sdc, day cho cdc em hoc sinh biét sé chio, quan tm dén nguoi khac va rén luyén dic
tinh tiét kigm.
Tai truong THPT Chu Vin An, Ha Noi, L& bé gidng ném hoc 2009-2010 ciing ld dip nha trung phat
dong hoc sinh quyén gép, ting loi SGK . Ban Ngoc Anh hoc sinh 16p 10 cia trung cho biét: Khing
chi riéng em md nhiév ban khdc nhn théy phong trdo quyén gdp SGK cd ndy cd rt nhiéu y nghia.
Phong trdo khong chi thip sing thém udc mo céa nhing bon hoc sinh ving siv ving xa, nhing hoc
sinh c6 hodn cdnh khd khdn md con givp ching em cd thém tinh yév thvong, su quan tém, chia sé dén
nhing ban ¢ hodn cdnh cin khé khin xung quanh minh.

Cic em hoe sinh trwong THPT Chu Van An, Tdy Ho, Ha N§i va trwong Tiéu hoc Kim Thu, Thanh Oai, Ha Nji
trong budi 1é quyén gdp SGK nhin dip két thiic ndm hgc 2009-2010

Mt 6 truong tiép nhan SGK ci dé chuyén 16i nhing truong con khé khin, nhung & nhiéu noi
thi viéc ting loi SGK duoc thyc hign ngay trong trudmg: Cic anh chi lgp trén tang cdc em lop dudi
hodc ting thy vién nha truong 8 cho cic ban khic muon. Thay Phgm Vi Phuong, Higu pho trudn
Tigu hoc Kim Thy, Thanh Oci, Ha Nai nhan xét: Viéc ldm ndy Id hoat déng giip dd lan nhov rat thiét
thue, thé hién tink than tuong thin tvong di vd cing Id mét trong nhing hoat déng mhém xéy dung
truong hoc thin thién, hoc sinh tich cue.

Theo Nha gidio vy 1o Ngé Trin Ai, Tong Giam doc NXBGDVN thi hién nay i 1& hoc sinh ding loi SGK ci la
51% frong do 10% SGK la cic em muon tv thy vién nha trudng. Véi phong trdo ndy, luong phat hanh
SGK cia NXBGDVN gidm rét rd nhung vin dam bdo muc fiéu tdt ca HS dév co do SGK khi dén trutng.

Vigc quyén gop, mua-ban, chuyén tiing SGK ¢ phuc vu nim hoc 2010 - 2011 do Bd Gido duc vd
Do tao chi dao bt div duoc thuc hién ti 1/6/2010 va két thic vao 15/9/2010.

LAN CHI
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KI NIEM 85 NAM

TOA SOAN TAP CHI TOAN HOC VA TUOI TRE

NGAY BAO CHI CACH MANG VIET NAM

V6, TP. Ha Ngi, Toéa soan Tglp chi

Todn hoc va Tudi tré (THTT) t6 chirc
Lé ki nigm 85 ndm ngdy Béo chi C4ch mang
Viét Nam va hop mit cac Uy vién Hoi dong
bién tdp tap chi. Dén dy budi 1€ ¢6 GS.
TSKH Nguyén Canh Toan, Nguyén Tong
bién tap Tap chi THTT; GS. TSKH Nguyén
Van Mdau, Chu tich Héi Toan hoc Ha Néi;
TS Tran Pinh Chdu, Giam déc Dy 4n THCS
I, Bd Gido dyc va Dao tao. Ve phia
NXBGD Viét Nam co Dqg Nguyén Minh
Khang, Pho Tong Giam déc NXBGD Viét
Nam kiém Gidm doc NXBGD tai TP. Ha
Noi; Ong Lé Tri Tu, Chanh Vin phong
NXBGD Viét Nam; PGS. TS Phan Dodn
Thoai, Pho Tong bién tap NXBGD Viét
Nam, Vién truong Vién Nghién ciru Sach va
Hoc liéu Gido dyc, Nguyén Tong bién tap
Tap chi THTT; Ong Phan Ke Thai, Giam
dbe Cong ty CP Dich vu Xuit ban Gido duc
Ha Noi, Cdc Phé Téng bién tip NXBGD
Viét Nam TS Lé Hitu Tinh, TS Nguyén Vin
Tw, Ong Pham Ngoc Téi; Lanh dao Cong ty
CP In Dién Héng; Lanh dao Céng ty CP In
SGK ta1 TP. Ha Ni; Lanh dao Xinghi¢p In
Bén d6 I, B Qubc phong; Lanh dao Tap chi
Todn Tuébi tho; Lanh dao Tap chi Van hocva
Tudi tré; cac Uy vién Hoi dong bién tap, cac
cdng tac vién than thiét va toan thé can b
cuia Toa soan. Sau 1&i phat biéu dé din, néu y
nghia ngay Béo chi Cach mang Viét Nam,
TS Pham Thi Bach Ngoc, Tong bién tap Tap
chi THTT béo cao két qua hoat dong ctia
Toa soan trong 6 thing diu nim 2010 va
dinh hudéng cong tic trong thoi gian toi.
Tlcp theo 14 I&i phat biéu chao mung cua
Ong Nguyén Minh Khang, Pho Téng Gidm

S ang ngay 18.6.2010 tai 187B Giang

Phé Téng Gidm déc NXBGD Vigt Nam
Nguyén Minh Khang ting hoa chie mimg Tap chi.

déc NXBGD Viét Nam kiém Gidm dbc
NXBGD tai TP. Ha Néi va cic y kién phat
biéu thao lugn cua céc Uy vién Hji dong
bién tap vé viéc cai tien noi dung va hinh
thirc tap chi, gop phan khich I¢ niém dam
mé, sirc sang tao cla cac thay.co giao, céac
ban tré yéu toan trén toan qudc.

Nhan dip nay, Tap chi THTT xin chin thanh
cam on NGUT Ngé Tran Ai, Chi tich Hoi
dong Quan trj kiém Tdng Giam déc NXBGD
Viét Nam; NXBGD Viét Nam; Ban Tdng
Bién tip NXBGD Viét Nam; NXBGD tai
TP. Ha Noi; NXBGD tai TP. Ho Chi Minh;
Céng ty CP In SGK tai TP. Ha N§i; Cong ty
CP In Dién Héng; Céong ty CP Dich vu Xuét
ban Gido duc Ha N¢i; Cong ty CP Diu tu va
Phat trién Gido duc tai Ha Noi; , Xi nghiép In
Ban dd I, B6 Quéc Phong; Cong ty Phat
hinh Bdo chi Trung wvong; Buu dién Giang
V6 dd ting qua, Ling hoa va Thiép chic
mirng dén Tap chi.

LEMAI
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C hitng minh bdt ding thitc (BDT) la dang todn
khé, thuong gdp trong cdc ki thi vao lop 10
THPT chuyén. Cé nhiéu bai chimg minh bat ding
thirc ma cdc bién tham gia cé vai tro nhu nhau. Khi
do ta cd zhe dwa vao vai tro nhw nhau cua chiing
ma sap xep chiing theo mgt thir tw. Viée sap xép nay
tuy la rat don gian nhung doi khi lai giip ta giai
quyét dwoc nhiéu bai todn khd. Sau ddy la mot vai
thi du teng dung phwong phdp trén.

wnmmmlmmmmuh

dé chuiimng minh bat dang thue

* Thi du 1. (BDT Schur). Che cdc 50 thuc
a, b, ¢ khéng am. Chirng minh rang
o)+ bibh aXe—hy=0.

ala — b)a— cib—a)+cle

Léi gidgi. Do vai trd cua a, b, ¢ 12 nhu nhau
nén ¢o thé giastazbzc.

e Néu ¢6 hai trong ba sb a, b, ¢ bing nhau thi
BDT hién nhién diing.

e Néu a > b > ¢, chia hai vé BDT can chimg
minh cho (a — b)(b — c)(a — ¢) ta dugc BDT

tuong duong iy b A

b-c a-c a-b

Bt ddng thirc trén ludn ding do

{a::b:’() a b c
=5 >

: 0.0
O<b-—c<a—c b-c a—c 0 a—b>

* Thi du 2. Cho cdc so thwe a, b, ¢ dbi mot
khde nhaun thude doan |0 ; 2). Chitng minh
I I 1 9

&

i:;.l—.l}::l '“}__f.l]':_- [t'--{f'}'. 4.

Fang

Lot gigi. Sir dung BDT Cauchy v6ix>0,y>0

ta co
I 1 g A
[_1-;-—‘,-](3:4—}']' 22— 4xy=8.
X%y Ay :
TOAN H :
2 cﬁ.lﬁ'l?_f,'g So 397 (7-2010)

CAO VAN DUNG
(GV THPT Quang Trung, Déng Ba, Ha N6i)
8

[.n:+;u)E
Ding thirc xdy ra khi va chi khix =y.

(1)

_l_.|_,.]_2

Suy ra o

Do vai trd cua a, b, ¢ la nhu nhau nén c6 the
giasua>b>c. Ap dung BDT (1) cho cap 50
duonga—-bvab—c,tac
1 i 1 > 8 e
(a-b)"  (b=c)

{arb+b—c]1' (a—c)’ I
Ding thirc xay ra khi va chi khi a—b=b-c,

Suy ra + 1 + ]
(a-b)? (b=-c) (c-a)

5 8 1 9
(a—c) (C a)’ (a are

Mit khic, do a,c € [0;2] via>cnén

0 < a— ¢ < 2. Ding thirc xdy ra khi va chi khi

a=2vac=0.

Do d6 12+ 1,: 1,2 it
(a=b)" (b=c)" (c-a) (a—cy 4

Pang thirc xay rakhi (@1 b:¢)=(2;

cachodn vi. O

1;0)va

* Thi du 3. Cho ba so dwong a, b, ¢ thoa
man a+ b + ¢ + abe =4. Chirng minh rang

a+b+c2ab+ be +ca

https://tieulun.hopto.org
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Lot giai. Do vai trd cua a, b, ¢ 13 nhu nhau
nén ta gia sir a>bh>¢ . Tir gia thiét ta c6

3c+c’<d=a+b+c+abe<3a+a,
Suyraa2lvacsl.

eNéuazb>12ctac642a+b22-Jab,

suy ra ab < 4. Do dé
(a+b-2)24(a-1)(b-1)2ab(a-1)(b-1)

Slat+b—ab)ab+1)2(4-a-b)la+b-1)

—-a—b
& atb-ab2 280 5 p1) (1)
ab+1
Mat khic, tir gia thiét suy ra C:ci—a—b :
ab+1

Két hop voi (1) ta céd
a+b—abzcla+b-1)
S a+b+czab+ be + ca (dpem).

'Néual’l‘zbzc,tacé
(a—1b-—1c-1)20
=Sa+b+czab+bc+ca+1—abe (2)

Miit khdc, dp dung BDT Cauchy cho céc sé
duong ta ¢é

d=a+b+c+abc= 43 abcabe . Suyraabe< 1.
K&t hop voi (2) ta 6 didu phai chimg minh.
Déng thirc xay ra khi v chikhia=b=c=1.0

* Thi du 4. Cho ba s6 thire diong a, b, ¢ thea
= |. Clhirng minh rang

I | I

3
\“ Fot A2
Lo gidi. Vi val ro cua a, b, ¢ 14 nhu nhau
nén c6 thé gia st a 2 b = ¢. Do abe = 1 nén
beslviazl,Tacd

mian e

N +a \,.|+|J';

(1 I ( 1 1 )
| =2 +—
\WI+b7 \H+c'1J VI+b? 14¢2

/ Y 5 DR —b3c?
=2| I+—1-}”'—J52 l+l v

L (1462 ) (1+¢2) (1+bc)
A

l+be l+a

1 a
Suy ra —— <2 (1)
% J1+b? -,fl+cz \Vl1+a
2
Mt khic, ta cé 1 s£ (2)
JI+a? l+a

Ta s& chimg minh 2,f +—-— —= (3)
I+a l+a

That vay, BDT (3) tuong duong vdi

1+3a-2,/2a(1+a) 20
= [Jﬂ—\ﬂm]z 20 (ludn ddng).

Viy BDT (3) dugc ching minh. Tu (1), 2)
vii (3) suy ra diéu phai chu‘ng minh. DPing
thirc xay rakhi vichikhia=b=c=1.0

* Thi du 5. Cho cdc s6 thire divong a, b, ¢
thoa a + b + ¢ = 3. Clurng minh rang

) 3 .
a+bh +c +abcz4

Loi gidi. Do vai trd caa a, b, ¢ 12 nhu nhau
néntagiastazb2c. Suyrac<1,tacd

a* + b + ¢ + abe =9 = 2(ab + be + ca) + abe
=04 gble— 2} ~Zeld -,

2
Lai cé ab‘i[a;bJ [3—;—) viic—2 <0 nén

a + b+ +abe
> O+ (c— 2}[ ; } —2c(3-¢) (1)

Ta sé chirng minh

2
9+[c'—2}(3%{‘] -2¢(3-c)24  (2)
That vdy, (2) < (¢~ 1)(c +2) 2 0 (ludn ding).

Tir (1) va (2) suy ra diéu phai chimg minh.

Diéng thirc xay rakhi vachikhia=b=c=1. O

% Thi du 6. Cho a, b, ¢ la cde 6 thire khang

am thoa man a + b + ¢ = 3. Chitng minh rang
ab’ +bc +ca* £2+abc .

(Xem Ifép trang )

TOAN HOC
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Lo,

(Dé thi di dang trén T

Bai 1. Theo BDT tam gidc, ta c6
O<a<hb+c=ala+b+c)<2alb+c)

o PR

b+c a+b+c
: 2b c 2c
lrong tur i

c+a a+b+c’ a+b atb+c’
Cdng theo vé ba BDT trén, ta duge

a b ¢ 2{a+b+c)
4 + < =2.
b+¢c c+a a+b a+b+c
Mat khdc, tr BDT quen thudc
(x+_\-+:.)[-1-+—+l] 29, v4ix>0,y>0,z>0,
T ¥ 2

ta ¢ 2(a+b+c) : 1 : ' l =9
a+b b+c c+a

& (a+b+c) ! - 1+] 22
at+bh b+c cta 2

b+c' c+a a+b 2

Bai 2. Didu kién x # m, x # n, x # p. Khi d¢6

PT dé cho twong duong voéi

(x—n)(x—p)+ (x—m)x—p)+(x—m)x—n)=0

S3-2x(m+n+p)+man+np+mp=0(1)

Coi (1) 1a PT an x, tacd

A =4(m+n+p)* - 12(mn + np + mp)
=2(m-n?+(n-pl+@p-m?>0

(vi m, n, p phin biét).

Viy PT (1) ludn c6 hai nghiém phén bict (dé

thay cdc nghiém d6 khiac m, n, p). Do d6 PT

da cho ¢6 hai nghiém phén bigt.

Bai 3. Tir BDT Cauchy cho cdc sé duong, ta

cé 2yn(n+l) £2n+ 1. Suyra

4 T?g?uggg S& 397 (7-2010)

gédi de th vao lip lﬂcéaye/z/ %'m

1 1
@n (I 1) 2+l )fntnrD
o

! AL bt St NE
n 5‘{n+]—-n],in(n+]) E 2{\4‘{; M] 4

Ap dung (1) cho ting b hang cua §,, suy ra

BTty o wualiSiny G ol
S’*‘E{ﬁ BB B \m}
1 1 ]
- E[l—rﬂ]{—i (dpcm).

Bai 4. a) Tir gla thiét
ta c6 BAE =EAC .

1

Suy ra AABD en AAEC
AD AB

AC AE
< ADAE=ABAC,
Mat khdc, tir AABDv> ACED = BD_DA
DE DC
& BD.DC = DA.DE.

Tir d6 AB.AC — BD.DC = AD.AE — DA.DE
= AD(AE - DE) = AD".

Vay AD* = AB.AC - DB.DC.

b) Theo tinh chat dudng phan gidc, ta cé
DB_DC_ DB _DC _DB+DC_BC_ a

AB E c b c+b c+b c+b

2

Suyra DB.DC = [i] be.
b+c

Theo ciu a) ta cé

7
AD? = ABAC - DB.DC = bc — [—“-J b
b+c
= b 12— | 142 |=bc.
[ b+c‘]( b+£]

(b+c—a)(b+c+a)
(b+c)’

https://tieulun.hopto.org
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C SINH GIOI LOP 9 THANK PHO HO CHi MINH
fjf& N A‘[ 2010 xﬁ;f\ ;{ ﬁ; y

(Thoi gian lam bai ;

Ciu 1. (4 diém)
Thu gon cic biéu thie:

2) A=y8+2y10+245 +J8—2«.f10+2~"§ :
b) B:[ aa-3  2(Va-3) I J;+3}[a+8)’
‘::—2\,”5_:—3 -u";+l 3—\1’; a—1
voiaz20,a#9.

Cau 2. (4 diém)

Cho phuong trinh

(m + 3)x* = 3(m + 2)x + (m + 2)(m + 4) = 0.

a) Tim m dé phuong trinh ¢6 hai nghiém trdi dau.
b) Tim m d¢ phuong trinh ¢ nghié¢m.

Cau 3. (3 diém) '

Giai cdc phuong trinh sau:

a) \I‘x+2—3m+\th2+m =2J’-’: :
b) m+m=x+1 .

Ciu 4. (2 diém)

a) Chimng minh ring khéng cé cdc s6 nguyén
. “ . 2
x. ¥, z nho thoa min 4x + 4x = 8y* - 277 + 4.

150 phiit)

b) Cho x, y, z 12 ba sb thyc duong thoa man
x+y+z=2.Tim gla tri nhé nhat cua biéu thire
e &

z+x xty

&
yz

Céu 5. (4 diém)

Cho tam gidc ABC cén tai A, duong cao AH.
V& duong tron tim A, ban kinh R v&i R nho
hon AH. Tu B vé tlcp tuyen BM véi dudng tron
(A ; R) v6i M la ucp diém. Duomg thang HM
ciit dudng tron (A ; R} tai diém thir hai 1a N.

a) Chimg minh rang hai tam gidc ABC va
MAN donq dang va&i nhau.

b) Chimg minh ring dudng thiang CN 1 tiép
tuyén cua duong tron (A ; R).

Céu 6. (3 diém)

Cho tir gidc ABCD ndi tiép mot dudng tron v
¢6 hai dudmg chéo AC vi BD cat nhau tai /.
Goi E, F, G. H lan luot 1a hinh Cthl.] cua [
trén AB, BC, CD, DA. Chimg minh ring tir
gidc EFGH ngoai tiép mot dudng tron.

NGUYEN BUC TAN, NGUYEN ANH HOANG
(TP. Ho Chi Minh) gidi thidu

A=

\Ibc(b+£'—a)[b+c+u] ~
b+c '

Bai 5. Vim, ne N° nénm# m/2, hay
3 2 1 3
m#£2n = lm” =201 2 1.

Suy ra l— f‘ m-nv2] _

Vay AD =

|m- —-2n* |

nlm+n2)
(1)

n(m+nﬁ}

Gia s tontai m,ne N sao cho

i
Knido 2 —2g|" -

3+f =
f J_ '

Suy ra mn—-n2<\3-4/2.
Hay mn+niN2<2n22+3-2 .

Viy nlm+ny2)<n? (V2 443)+(n2 -1)(V2—/3)
< n2(V2+3).

1 |
[m+mlr—)>n (J“+J_}
Tu (1) va (3) suy ra lf J“‘

méu thuin vdi (2).

Do d6 (3)

\f_+\f_}

Viy khong t6n tai m, n € N' thoa man (2).
Suy ra dicéu phai chimg minh.
BUI VAN CHI
(GV THCS Lé Loi, TP. Quy Nhon,
Binh Dinh) gioi thigu

TOAN HOC
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Chuan bi

cho ki thi

161 nghiép THPT
va thi vao

Dai hoc

Ilmll Ilmn Ve

LTS. Dé thi tuyén sinh khoi
voi chieong trinh pho théng va Cau triic dé thi
tuvén sinh cia Bé GD&DT da ban hanh. Cic

A nam nay sdl

edu trong dé €6 mot 5o ¥ mang tinh phan logi

hoc sinh. Dudai day la phan hwong dan va
nhdn xét mot s6 cdu tirong doi kho cua dé thi

cua thay gido Nguvén Anh Diing (Ha Not).

DE II'HI 'ﬂlYEII SIIIH'DAI I'IOC I'II'IOI A, nam IO [ o

CAU L Cho ham so
_: ]

y=x — 2K

m la tham so thire.

+ (1 —m)x + m (1)
1) Khae sdt sie bién thién va vé do thi cua
ham so khim = 1.

2) Tim m dé do thi cua ham so (1) cat truc
hoanh tai ba diém phéan biét cd hoanh do x,,

Xa. X3 thoa man diéu kién x} + x3 +xi <4

Huwéng dén. 1) Ban doc tr gidi.

2) PT hoinh d§ giao diém coa (1) véi truc
hoanh c6 dang
v =22 +(1-m)x+m=0(x-1)(x* —x—m) =0.

Diéu kién bdi todn dugc thoa min khi PT
x?=x—m=0 (2) ¢6 hai nghiém x,, x> phin
biét khic 1 sao cho

f+xi <3y +xg)2 —2x65x; < 3.
A=1+4m>0

Diéu kién 13 {m=0
1+2m<3

= ——1<m{1 vam#0.

‘iNhan xét. Diy 12 bii tip co ban vé img dung dinh 1i
Vigte ddi v&i PT bac hai. Tuy nhién thi sinh dé thiéu
diéu kién m « 0 (dé cdc nghiém cia PT (2) khic 1).

% Bii luyén tap. Cho ham 56

y=x'+{2m+1})x? +(3m-2)x+m-2.

Thm m dé dé thi ciia ham 56 cdr truc hoanh tai bha diém
phin biét ¢d hoanh dé x,, x,. x4 thod indn diéu kién
Arad-ral 53

TOAN HOC
6 ' CTudifre S8 397 (7-2010)

NGUYEN ANH DUNG

(Ha Noi)
CAU IL 1) Giai phwong trini
, . i Fl 8
(1 +sinx +cos2x)sin| x |
SR S LESST PRESE Ty 1
1+ tanx \'_
Hudng didn. DK cosx # 0; tanx = —1.
K i N SILX+HCOSX
Thaysﬁm X4— [=sinx+cosx; +Hany=——m——,
4 COSXY

roi rit gon, ta duge PT

ZsinZx—siny—1=0 & sinx= —%; sinx=1(loai)

5 s in =
Ddp so. x=-g+k2n; x:-ﬁ—+k2;r[ (ke Z).
<{Nhin xét. Thi sinh d& bj mét diém vi khéng loai
nghiém sinx = 1.
Y Bai luyén tap. Gidgi phiong trinh

(sin x + cos x)2 — 2sin? x
1+ cot?x

-1 [[Z : ] [z qJ\

CAUIL 2) Giai bat f'JJ'IIH'-:J'J'I'_i__‘

e

trin

P e -
1= 2(x —x+1)
Huéng déin. DK x> 0. Pé § rang

2x2—x+1)>1 (Vxe R) =1—y2(x —x+1)<0(3)
BPT da cho twong duong v&i

x—\GSi—,,’Z{xl—xH)

4)
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Nhan thidy BPT khéng thoa min véi x = 0.
Vi x> 0, chia ca hai vé clia BPT (4) chov/x , va

bién déi, ta duoc/x wel <1- 2[x+-l- -l] :
Jx \ x

Dat !=\!{._-L, lic dé x+l=r2+2,

Jx x

BPT (4) tré thanh

<1
J2(1+1) <l-1 &
] {2(rz+l)£rl—2r+l

([1<1 o J_ 1 /
= , &=t=—],Tadugcx—=-1.
%IL{!H}'ED Jx

3-45

Giai PT nay, ta dugc nghiém x = Nk

{thfm xét. 1) iy 12 bai todn twong d6i khd. Trude
hét thi sinh phai nhin ra BET (3) dé chuyén vé BPT (4).

Sau dd 1a phép chia hai vé cho v x vi phép dat an
phus = Vx - | bién déi thanh (r+1)° <0 et =-1.
Vx

2) D¢ giai 16p cdc bai todn dang nay, khi x duong, ta

1
dat r;ﬂ—L thi re B vax+—=12+2; con
\'q X
néudalr:w'?+—i,— thi r 22 vh.r+l=r3—2.
Wx X

% Bai luyén tap. Gigi bat phuwong trinh
ax+1>Wx(x+1).

CAU L Tinh tich phdin
| — |-_\ o il L‘:L_I.

1+2¢

Hudng déan. Ta cé

1 et ] ! 1'd(1+2e)
I={ x*+ dx = xz.dx+—f—~
{,{ 1+2e* {',F 28 1+2e*

31 Cgt
B g DR R L W
310 2 kb NGRS 3

4Nh@n x61. Diy 1a bai todn co ban. Déi vai tich phan
thir hai ¢6 thé sir dung phép ddi bién sdr = 1 + 2e*.
/(=)

' dx , ta cd thé
act +b

Téng qudt, voi tich phan 1 = I
giai bing cdch ditr = ae* +b.
: L a2s x
% Bai luyén tdp. Tinh 1 = j"—i:’iﬁ—dx :
9 BX 1]

CAU V. Giai hé phirong trinh

‘f4.1" FDx+(y—3)y5-2y =0

&y =7

£33

[4x? + y?

Huéng din. DK x < %; y<

t | L

Pata=2x, b=~i5—2y:>x=%; y= :
Thay vao PT thir nhét trong h¢, ta dugc
ala® +1) b(b?+]}_0
2 2
(a=b)(a*+ab+b*+1)=0 (5)

=>a-P+a-b=0.

Tacod a+ab+ph? +l=[a+%] +=—+1>0

néntur(5)suyraa=b.
5-4x?

Dodé2x=.5-2y=x20; y= oy

Thay vio PT thit hai trong hé va rit gon, ta

duge 4x* —6x?+2y3-4x = % (6)

Xét ham s6 f(x)=4x*—6x2 +23-4x.

i
Tacé f|=|== v2
ac J{Z] 4va
4

V3i-4x

Suy ra ham sb Sfix) lién tuc, nghich bién

f(x)=4x(4x2-3)- <0,Vxe [[};%).

trong(();%], PT (6) ¢6 nghiém duy nhat
x=—]£. Do d6 y = 2. Ddp s6. Hé c6 nghiém

duy nhat (x ;y)z(% - 2).

than xét. Diiy 14 bai todn khé, Thi sinh phai nhdn xét
duge PT thir nhit cua h¢ cd dang B =P+a-bh=0
¢ a=2>0 Sau khi thé vao PT thir hal ta dwge
F(x) =0, vai fix) la mot ham so lién e, don diéu trong
tip xdc dinh.

% Bai luyén tip. Gidi hé phwong trink
BG-xn2-x-2yf2y-1=0
W2 —x -2y -1P =1.

TOAN HQOC
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TRAN NGOC THANG

(GV THPT Boan Thi Diém, Ha N6i)

Trong THTT s6 389, thang 11/2009 Thay
gifo Nguyén Minh Ha da dua ra mot 1oi giai
khé dep, chi can sir dung cdc kién thirc hinh
hoc 1&6p 7. Trong qud trinh tim 101 giai khic
cua bai todn trén, ching t6i di su dung cic
kién thirc ctia hinh hoc 16p 9 va tir cich giai
nity c¢é thé mo rong duogc cic 16p bii todn
dang nay cho tam gidc va tir gidc. Truoc tién,
xin trinh biy 161 giai bai todn trén.

Lot giai. Trudc hét ta phat biéu cic bo dé da
biét vé tam gidc va tir gidc.,

Bo dé 1. (Bat ding thire Ptolemy). Cho nr

gide ABCD. Khi do ta c6 bér ddin g thire
ACBD < AB.CD+AD.BC .

Bo dé 2. (Cong thire Leibnitz). Vi moi diém
M trong mdr phang chira tam gide ABC va G
la trong tdm cua tam gide ABC, 1a cé

MA? + MB® + MC? =3MG? + GA + GB* + GC°.

Bo dé 3. Cho wam gidc
ABC, trong do BC = a,
CA=pAB=cva ¢
la trong tdm cua tam
gide ABC. Khi do

f}\
i
|

f

GA? +GB® +GC?

= -]—*-(a-’- +b% +¢?).

Viéc ching minh ba bé dé trén xin nhuong
cho cic ban doc.

TOAN HOC
* CTudifre S8 397 (7-2010)

(Cudc thi giai toan Ki niém 45 niam tap chi THTT)

: T rong THTT sb 385, thing 7/2009 bai T1O/THCS
¢6 ndi dung nhu sau:

Bai T10/THCS. Cdc diém X, Y, Z theo thir tw thuée cdc
canh BC, CA, AB cua tam g:ac ABC sao cho
BX =CY = AZ . Chitng minh rang tam gidc XYZ déu
khi va chi khi tam gide ABC déu.

VE MOT BAI TOAN THE

Tro lai 1o giai bai toédn,

o Tir tam gifc ABC ddu dé
dang suy ra tam gidc XYZ déu.
¢ Gia su tam gidc Xlr'Z'déu vil
dudng tron ngoai tcp tam
gidc XYZ c¢6 tam /, ban kinh R (hinh v&). Khi

d6 XY =YZ=7X =R\3.
Ap dung bb dé 1 vio tir gide IYAZ ta ¢6
IAYZ <IY AZ+IZ. ,f‘n Y=Rb,

Tu d6 suy ra A< —

J'

B<—- IC{— Do do

W3 e

IA+IBX+IC?

Tuong tu, thu dugce

1 o
S;{:JI+FJ-+E-') (1)

> A i A 2 A P,
Strdung bo dé 2 va bd dé 3 ta co

IA*+ IB? + IC? = 31G* +%(HF‘ +b° +¢?)

El{af +b% +¢?) (2)
Tir (1) va (2) ta thiy dang thire xay ra khi vi
chi khi
I=G
UL

i, A3 A

= a=b=c,hay tam gidic ABC déu.

Dua theo 101 giai cua bai todn trén ta cd thé
ma rdng ra cdc 16p bai todn sau day.

9 Bai toan 1. Cho tam gidc ABC cdc diem X, Y, 7
theo thir tir thuode cde canh BC, CA, AB ctia tam
gidc ABC sao cho AY+AZ=b,BX +BZ=c,
CX +CY =a. Khi do, tam gidc XYZ déu khi
va chi khi tam gidc ABC déu.

https://tieulun.hopto.org
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©3Bai toan 2. Cho tam gide ABC cdc diém X,
Y. Z theo thwe tw thuge cde canh BC, CA, AB
cua tam gide ABC sao cho

AP AT SH L g e T
s 2
cx +cy =42+?

Khi do, tam gide XYZ déu khi va chi khi tam
gide ABC déu.

Y Bai todn 3. Cho tam gidc ABC cdc diém X,
Y, Z theo thur te thuoc cde canh BC, CA, AB
cua tam gide ABC sao cho

Sy A 2
AY AT~ 1F “'J{ . BX +BZ = E..Z;_EL;

G SR s e

' - 2
Khi dd, tam gidc XYZ déu khi va chi khi tam
gide ABC déu.

S Bai toan 4. Cho hinh binh hanh ABCD.
Trén cdc canh AB, BC, CD, DA lan luot ldy
cdc diém X, Y, Z, T sao cho AX = BY = CZ =
DT. Chitng minh rang hinh binh hanh ABCD
tro thanh hinh vuédng khi va chi khi nr gidc
XYZT la hinh vudng.

Phén 161 giai cua bon bai todn trén xin danh
cho cdc ban doc.

THONG BAO
TANG GIA TAP CHi
Tap chi Toan hoc va Tudi tré xin kinh
bdao véi toan thé ban doc: tir thing

7 nam 2010, gia bia cua Tap chi duoc
diéu chinh thanh 8.000 dong / cuon.

Rit mong tiép tuc nhén duoc sy ung hé
cua cic ban,

Tran trong cam on.

THTT

SU DUNG VAl TRO... (Tiép trang 3)
Lot giai. Do vai, trd a, b, ¢ 1a hodan vi vong
quanh nén cd thé gia sir a=max{a.b,c}. Xét
hai kha ndng
* Voia=2b2c20. Khidd
alb—a)b-c)<0 < a’b+abe 2 ab® + ca’
= abt+bet+ca <atb+bel +abe (1)
ma a’b+bct-2=b(3-b?)-2

= —(b-1)2(b+2) <0 (2)
Tir (1) va (2) suy ra diéu phai chirng minh.
eVéiazc2zh20. Khidd

b(c—a)c—b)<0
< ab?+bc? +ca® Scal+eb? +abe (3
Lai c6 ca’+cb?-2=c(3—c?)-2
= ~(c-1}?(c+2)=0 (4)

Tir (3) vi (4) suy ra diéu phai ching minh.
Dang thirc xay ra khi va chi khi
(@;bie)=(1;:1;1),(2;0:1), (0:1:32),
(1;v/2;0).0
Cudi ciing, mdi cdc ban ciing luyén tap thong
qua cédc bai todn sau.
1. Cho a, b, ¢ la cic s6 thuc khong am thoa
min a + b + ¢ = 1. Chirng minh ring

I
ab+bc+ca—3abc2— .
4
2. Gia st a, b, ¢ 1a céc sd thue khong im thoa

mén a2 +b2+c? +abc=4. Ching minh rang
abc+2zab+bc+cazabe |

3. Cho ba s thuc a, b, ¢ thudc doan [-1: 1].
Ching minh rang
|(a —b](b—c']‘+ (b—c’)(c—a}l+l[c—a](u —b)l

Egllja—b](b—c}[c—aﬂ :

4. Chimg minh ring vdi ba :56 thyc @, b, ¢ bét
ki thudc doan [1 ; 2] ta c6 bat dang thic
(a+b+c}[l+—l-+~l-]£lo.
RN T
5. Cho cic séithue d, b, ¢ thude doan [0 ; 1].
Chirng minh rang
a(l=b)+b(1-c)+c(1-a) 1.

TOAN HOC
‘ CTusilre 9

Sé& 397 (7-2010)

https://tieulun.hopto.org



hitps:iiwww. facebool. com/letrunglienmath

hitps:iisites. google. com/site/ Tetrunglienmath

Ké chuyén vé cac nha toan hoc

Thin ding Tedn hoc Terence Tao [2]

THAN DONG TOAN HOC
TERENCE TAO

TRAN VAN NHUNG

(Tt Sng Thu ki H6i déng Chire danh Gido su Nha nudc)

Muc dich chinh cia bal béo nay laviét vé thin ddng Todn hoc, Giao sw Terence Tao, nguroi
- glanh dwgc Glal theong Fields ndm 31 tudl. Nhung téc gia cang két hop ndl thém vé Gido

sw Ngé Bao Chéu, ngwoi Viét Nam dau tién la ieng vién gianh Gial thwong Fleld; va vé Gido
sw Vid Ha Van, mét ngwdi ban co nhiéu céng trinh khoa hoc chung véi Tao.

T heo Thong bido cia HGi Todn hoc Hoa
Ky [1] s0 thing 5 ndm 2010, Terence
Tao (ngudi Australia gbc Hoa) va
Enrico Bombieri (nguoi Italia) cung dugc
trao giai thuong ndm 2010 cua Quy Vua
Faisal voi so0 tién thuong chung xap xi
200.000 USD. Giai thuong khoa hoc nay luin
phién danh cho cic linh vuc todn hoc, héa
hoc, vat 1f va sinh hoc. Ca hai nha todn hoc
nay trude dé déu da duge trao Giai thl.r(mg
Fields, giai thuong cao quy nht trén the gioi
danh cho cdc nha todn hoc dic biét Xuét sdc
chwa qud tudi 40 (twong duong giai Nobel
danh cho cédc nganh khoa hoc khéc).

Terence Tao da boc 1 néng luc todn hoc ral
dic biét cuia minh tir khi cdn nho va vi thé
nguoi ta goi anh la than dong todn hoc, con
Gido su John Garnert cua Truong Dai hoc
Los Angeles, California ( UCLA, Hoa Ky) thi
gm anh l1a “Mozart cua todn hoc”. Anh sinh
ngay 17.7.1975 tai Adelaide (Australia). B
me anh déu 13 ngudi Hoa, nhip cu tr Hong
Kong vio Australia. B4 anh la bdc si nhi
khoa, me anh nhén bang Cur nhén tai Tmorng
Bai hoc Hong Kong va ting la gido vién todn
bac THPT tai Hong Kong. Bé anh ké lai ring
trong mdt cudc gdp mit gia dinh, khi mdi
2 tudi anh di day Todn va tiéng Anh cho mat
cdu bé 5 tudi. K]‘n dugce hoi: Tai sao Tao biét
s0 va chir 2, bd anh tra 16i : Anh hoc dugc tur
chuong [rlnh truyén hinh Sesame Street.

N Gido su Miraca Gross, mft chuyén gia
nghién ciru vé gido duc tai nang tai Truong

TOAN HOC
* CTudilpe_ S8 397 (7-2010)

10

Dai hoc New South Wales (Australia), da viét
hin mét ban ludn van vé Tao va tai lidu nay
da duogc xuat ban badi Prufrock Press. Trong
d6 ba nhéc lai mot ki niém dang nhé vé kha
nang dac biét cua Tao khi anh chua day 4 tubi:

“Cdu bé lam nham trong deiue phep tinh nhén
ede 56 ¢6 hai chir 5o, trong khi toi, mot ﬂgerm
dén dé phong van cdu dy, Im cdn dén biit va
gidy dé kiém tra lai két qua."

Pé dinh huéng cho con minh, Billy Tao (bd
cua Terence Tao) da tham khao y ki¢n cua
nhirng chuyén gia vé gaao duc cho nhimg dua
tré thién tai. Ong nghi: "Dé ldy duge mot tim
bang G dg i con tré, hay dé tro thanh
ng:.fm phd ki luc, thi chdng cd nghia Ii gi. Téi
cd mgt mé hinh kim ty thdp tri thiee, voi mgt
cdi nén rgng va sau do kim ty thdp co thé lén
cao hon. Néu ban chi nhanh chdng di lén nhuw
mot cdi cot, thi chac chan ban sé de bi lung
lay o trén dinh va roi do sup xuong". Va Billy
Tao da sdp xép cho cdc gido su todn hoc 1am
thdy day con minh. Nho d6 ma Terence Tao
da c6 mdt sy nghiép tuyét voi.

Nguoi viét bai bio nay (TVN) cho rang suy
nghi trén cua Billy Tao khong chi ding trong
linh vuc todn hoc va cdc khoa hoc ma con
ding theo ca nghia rong hon cho bt cir ai
muon tré thanh mét con nguoi thanh dat, hai
hoa va hanh phic : Du la mdt than dong hay
mdt hoc sinh, sinh vién binh thuong, ngoai
viéc hoc tap, nghlen clru chuyen mdn (duong
nhién véi toc dd va két qua ¢6 Ihc rat khdc
nhau), ai cling can phai trau dbi thém nén
kién thie van héa du chic, du rong, dé dat
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chuyén moén cua minh trén dé. Va cudi cling
thi cén phai rén luyén dé co suc khoe va sy
déo dai lam nén tang cho tat ca nhung dicu
vira noi o trén, cho su nghlep »a cho viéc lam
nguoi. Vauvenargues da néi : "Ta phai cham
soc s khoe manh cua than thé dé giir gin su
khoe manh cua trf wé". Di véi ai ciing vy,
doi ngudi 1a mét cude chay Marathone chir
khong phai chi chay cu Ii ngan Qua céc birc
anh tdi thay Terence Tao rat khoe manh, vui
ol vi con rat dcp trai, c6 mot gia dinh hanh
phiic, khéng giong nhu mot vai than dong
khdc. Thi ra d¢ vun trong dugc mdt than
dong mot tai ndng dic biét cung can c¢o
nhirng Ong bo ba me, thiy c6 gido va moi
truong xual sac.

Than ding 7 tuéi Terence Tao dang lim bai thi
toan cang vl 10 sink vién trong nam 1983 [3].

Gido sie Terence Tao dang giang bai [2].

Khi 1&n 8 woi Tao da dat 760 (trén 800) diém
mdn Todn khi thi SAT va la mét trong hai
dira tré duy nhit dat trén 700 diém trong lich
sur cua chuong trinh nghién ctro tal ning dac
biét cua Johns Hopkins. Tir nam 1én 9 tudi

anh da theo hoc céc bai giang todn hoc ¢ bic
dai hoc. Nam 1986, khi mai 11 tudi, anh da
tham du Ki thi Olympic Todn hoc Quéc té
(IMO) danh cho hoc sinh THPT v lién tuc
trong ba nim 1986-1988 anh dcu tham gia va
lan lugt doat Huy chuong Dong Bac va
Vang. Anh la nguoi tré nhal cho dén nay
gianh Huy chuong Viang trong lich sir IMO
(bit dau tir IMO déu tién nam 1959 duoc 16
chirc tai Rumani). Tao 1ot nghi¢p dai hoc,
nhéan Bang Thac si tai Truong Dai hoc
Flinders (Australia) nam 17 tudi. Nam 1992,
anh gianh duoc hoc bong Fulbright dé lam
nghién ciru sinh tai Truong Dai hoc Princeton
(Hoa Ky) dudi sy hudng ddn cua Gido su
Elias Stein va nhdn Bing Tién si khi méi 20
tubi. Nam 24 tudi anh dugc phong Gido su
thuc thu (full professor) cua UCLA va la
gido su tr¢ nhat trong lich sir cua truong
dai hoc nay cho dén nay.

Tap chi NewScientist (22.8.2006) viét‘
"Terence Tao la nha todn hoc tré noi neng
cTen mirc ma nh:eu nha todn hoc trén thé gidi
déu muén 16i cuon anh vé bai todn cua minh
va anh tro thanh mor trong nhm:g Ong Thy
giai todn hop tdc ddc lee vi cde dong nghiép
trén thé giéi". Gido su C. L. Fefferman, nguoi
duoc nhan Giai thuong Fields, ndi : "Néu ban
bi bé tdc trong mgt bai todn, mot trong nhirng
cdch giai quyét la tim cdch 16i cuon Terence
Tao". Tao ngh1en cuu nhiéu Iinh vire cua todn
hoc nhu giai tich dlcu hoa, phuong trinh vi
phén dao ham riéng, to6 hop, Ii thuyét s6, xu li
tin hi¢u. Nam 2004, Ben Green va Terence
Tao cé—ng b0 mét tién an pham ching minh sy
ton tai cua cap SO c-:mg c6 do dai bat ki cia
cdc s6 nguyén t6 va nho d6 anh duge trao
Huy chuong cua Hoi Todn hoc Australia.
Gido su John Garnert (UCLA) con ndgi : "Tao
viét 36 bai bdo khoa hoc trong vong hai nam
va tat ca nhimg bai niy déu cd chat lwong
cao. Con 16i ndm ndo may mdan thi dwoc ba bai'.

Néam 2006, khi méi 31 tudi, tai Pai hoi Todn
hoc Qudc té 1an thir 25 ¢ Madrid, anh l1a mot
trong nhitng ngudi tré nhat, ngudi Australia
dau tién va la gido su dau tién cua UCLA

gianh dugc Giai thuong Fields vi nhimng doéng
gop to lon cua anh cho i thuyét phuong trinh
dao ham riéng, t6 hop, giai tich diéu hoa va Ii
thuyct 50 cong tinh. (Nam 1954, nha todn hoc

TOAN HOC

S6597 (7-20100  ‘ CTusilre 11

https://tieulun.hopto.org



hitos:'www. facebook. com/letrunglienmath

hitps:/isites. google. com/site/ letrunglienmath

ngudi Phdp Jean-Pierre Serre tr¢ thanh ngudi
tré nhit trong lich sir gianh duoc Giai thuang
Fields, & tudi 28 vi cho dén nay van la nguai
giir ky luc nay). Ngoai ra anh con gianh duoc
nhiéu giai thuong todn hoc cao quy khic va
dugc moi tham gia ban bién tép cua nhiéu ldp
chi todn hoc ndi tiéng thé gidi. Anh 13 Vién si
cua Vién Han 1am Khoa hoc Hoang gia Anh,
Vién Han 1dm Khoa hoc Australia, Vién Han
lim Khoa hoc va Ngh¢ thudt Hoa Ky, ... Hi¢n
nay Terence Tao dang song cing vl vg va
con trai tai Los Angeles (Hoa Ky).

O Viét | Nam ching ta cling ¢6 nhleu nha todn
hoc tre Xuat sac the hi¢n tai nang rit som. Toi
mudn néi du1 nhirng hoc sinh da timg doat
giai cao nhat trong cdc Ki thi hoc sinh gioi
todn toan mién Bac wr diu nhitng nim sdu
muoi cua thé ki trude, Ki thi hUL sinh gioi
todn Qude gia tir khi dat nude [honE nhit v
Ki thi Olympic Toén hoc Quéc & tr ndm
1974 cho dén nay & [6, 7).

Vi Ha Vian va ngwoi ban than thiét Terence Tao
(do trang) trong mot biva an (@i gia dinh anh 2],

Gido su Ngbd Bao Chdu, nguyén la hoc sinh
chuyén Todn, Truong Dai hoc Téng hop Ha
NOi (nay 1a DHKHTN, DHQG Ha Néi), la
mot gwong mat dién hinh cha sy thanh dat.
Anh sinh nim 1972 tai Ha No6i va la con trai
cua GS. TSKH Ngé Huy Can (nha Co hoc) va
PGS. TS Tran Luu Vén Hién (Bic si). Anh
duge trao giai thuong danh gid Clay cling voi

Giao su Gerard Lawmon niam 2004, dugc

phong Gido su cua Trudng Dai hoc Paris 11
nam 2004 khi anh 32 t6i, duge phong dic
cich Gido su Viét Nam vao nam 2005 va cho
dén nay anh l1a nguoi tre nhit dugc phong
Gido su ¢ Viét Nam. Tap chi "The Time" binh

TOAN HOC
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chon két qua cua anh vé chimg minh B dé Co
ban Langlands la mét trong 10 phét minh khoa
hoc tiéu biéu cia ndm 2009. Anh la mdt trong
20 nha todn hoc xudt sac dugc maéi doc bdo
cdo toan thc dai mdt gio tai Dai hor Todn hoc
thé giGi sap duge 16 chic tai An D6 trong nim
2010 va la (g vién sing gid nhdn Giai thuong
Fields lan nay.

Gido su Vi Ha Vdn, nguyén la hoc sinh
chuyén Todn Truong THPT Chu Vian An -
Ha Nbi, 1a mét ngum ban thdn cua Terence
Tao. Hai nguoi da clung cdng bd 15 bai bdo
khoa hoc va cudn sdch chuyén khio Addirive
Combinatorics (To hgp cong tinh) duoc gidi
todn hoc dinh gid cao. Gido su Vit Ha Van
sinh nam 1970 tai Ha NGi va 1a con cua nha
tho Vii Quan Phuwong, ngudi dong huong Hai
Hiu cua téi. Vi Ha Vian duoc phong Gido su
cua Truong Pai hoc Rutgf,rs (Hoa Ky), duoc
trao giai thuong cao quy Polya cua Hoi Toin
hoc Cong nghi¢p va Ung dung Hoa Ky
(SIAM) va dugc phong Gido su Viét Nam
ndm 2009. Diéu khdc nhau 1 & chd : Terence
Tao mang Qudc tich Australia, cdn gén nhu tit
ca nhimng nhi todn hoc Viét Nam tr¢ thanh dat
ma 161 biét, trong d6 ¢ Ngé Bao Chdu, Vil Ha
Van, ..., déu mang Qudc tich Vigt Nam.

Ban doc nao mudn tim hiéu thém vé nhimg
nha todn hoc dugc nhdn Giai thuong Fields
¢6 thé tim doc cudn sich cua GS. TSKH Ha
Huy Khodi [5]. Téc gia bai bio cim on GS.
TSKH Ns;'u}efn Duy Tien (DHKHTN, DHQG
Ha Ngi) da doc ban thao bai bdo va cho nhiéu
26p ¥ bd ich. ’

Tai liéu tham khio

[1] Notices of the Americal Mathematical Society, Ma$ 2010

[2]- hitp:dwww mathvn.com/2008/1 2/thn-ng-ton-he-
ence-tan-ngi-tr-nhi-c.html

hitp:fwwsw. mathvi.com/20 1002/ vu-hi-van-mot -

trong-hai-giao-siu-loan.himl

[3] hup:ffwww.smh.com.aw/news/national/mozart-of-
maths/2006/08/25/1 156012745894 humil

(4] hup:/fvi.wikipedia.org/wiki/Terence Tao
151 Ha Huy Khodi : Cdc nhi tedn hoc dugc giai thudng
Fields ( 1936-2006 ), Nhi xual ban Gido duc, 2007,
|6] hup:www diendantoanhoc. net!vmifindex.phploption=
com_cchoardd view=paosilist

&forum=1 2&topic=45 & [temid=474tccbpds

7] hup:/ =Thanhtich
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1. Cic bat ding thire co dién

e Bdr dang thite Cauchy, mang tén nha todn
hoc Phip Agustin Louis Cauchy (1789—-1857):

ty +éi +...+d 5 '
Nl W0 l=], T

n

that ra da duoc biét tir thoi thuong co. Trong
cdac kim w thip ¢ Ai Cap (nam 2900-1167
trude Cong nguyén), ngudi ta da tim thay cdc
hinh vé& duoc khic trén da lién quan dén bat
diing thiic niy, véi n= 2. Tuy nhién, A. L. Cauchy
duge xem la nguoi ddu tién ching minh bat
dang thic do trong trudng hop tong quit mot
cdch chat ché va da sir dung né moét cach ¢d
hiéu qua trong cdc cong trinh nghién cifu todn
hoc cua minh.

Ngiy nay di c¢6 hang chuc cich chimg minh
BDT Cauchy, dua trén cdc phuong phip chinh
nhu: Bién doi dong nhdt, Quy nap todn hoc;
Sit dung tinh chdt ham 16i; Phwong phdp phdn
chirng, .... Trong d6, phuong phép chimng
minh quy nap theo hai chiéu thuan nghich
theo 161 la doc ddo hon ca. Noi dung phuong
phip do nhu sau:

Birge [, Ching minh BDT Cauchy cho trudng
hop 1 = 2" bing quy nap theo m (quy nap tién).

Biroe 2. Gia su BDT Cauchy ding véi n + 1,
LhU'Il}:. minh BDT dé diing véi n bang cdch dat
ay +a +... -y,

il = (quy nap lii).

® Bdt dang thite Cauchy — Schwarz

(ayby +aaby +..+a,b, )P

<(af+@ +..+a2 b +bi+..+b2),i= 1,2, ... n.

Sé siéu viét €

ding thic ¢4 dien

4 04c bit
LE QUOC HAN

(GV Khoa Toan - Truong Pai hoc Vinh)

cling ¢6 nhiéu tng dung trong todn hoc. D¢
chiing minh bat dang thitc nay, ¢6 thé ding
ddng nhat thirc Cauchy—Lagrange noi tiéng:

Zw Zb- —[Zu by ] +3 (aib; - ab;)’

=] i=l >}

hodc st dung nhin xét: Tam thic bdc hai
fin=Ar +2Bt+C20.% tthi A'<0hay -

B <AC ,véi A=Ya?, B=Y a b, C=3b? .
i= i=1

=1

Bit ding thitc Cauchy—Schwarz con dugc goi
la bat dang thitc Bunyakovsky.

e Bdt ddng thitc Bernoulli, mang tén nha toin
hoc Thuy si Jacob Bernoulli 1 (1654-1705):

Vdi moi 56" thuc a thod man a > —1 va voi sé
nguyén diomg n tuy ¥ taluén cé (1 +a)' 2 1 + na.

Bat ding thiie Bemoulli c6 nhiéu tng dung
trong todn hoc. D& chiimg minh BDT nay, ¢ thé
diing phuong phdp quy nap theo n hodc sir dung
cong thie khai trién nhi thitc Newton (a + b)".
Ngoai ba bit déng thic quen thudc trén, danh
sdch “céic bit dang thic co dién” con ¢6 mot
s6 bat dang thic kinh dién khéc.

® Bdt ddng thic Hélder, mang tén nha todn hoc
Puic Hilder (1859-1937):

~s[§|aw’f+{§|b.-rf]"f.

ot e i o]
trong dé p, ¢ 1a hai s6 duong thoa min —+—=1.
P 4

"
Zc;,- b;
P

Bit ding thic Bunyakovsky la trudng hop
riéng cua BDT Hélder khip =g = 2.

TOAN HOC
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e Bdt ddng thite Minkowski, mang tén nha
todn hoc Dic H. Minkowski (1864—1909):

1 1 i
[i(n.ﬂa—)f’)“ s{iaﬁ’]” +[ibﬁ’]” ,
=] i=l i=l

trong do a,, b, li nhitng s6 duong va p21.

e Bdt ddng thitc Tchebychev, mang tén nha
toin hoc Nga P. L. Tehebychev (1821-1894):

Néua 2a,2...2a,b,2b2..2b, (hoic
s s S g e s 20 1
ﬂlbrr +“3bn--'| +ot arlbi =

n
@+ttt b+ 4B, <a;b, +ailn +..+a,b,

n n 5
2. So ¢ va phép tinh logarit

Vio gilra thé ki XVII, céc nha todn hoc quan

tim dén didy so u,,:[]-i-l] véi n li so
n

nguyén duong. Ding BDT Bernoulli ta thdy
ngay u, > 2. Sit dung BDT Cauchy, c6 thé
chitng minh duoc u, < 3. Nhu vay 2 < u, < 3.
Hon nita, u, ., > u,. Nhu vay, khi n — +eo, 1,
s€ tién tGi mot giGi han hitu han nao do6. Gidi
han niy khong phdi 1a s6 hitu ti hay “s6 vo ti
quen thudc” (cdc s6 chia can thic), ma la
mot s6 “vo i khong quen thude™: s6 vo ti siéu
viét (!). Cic nha todn hoc goi s6 dd la s6 e va
néi rang diy (u,) hoi tu vé e. Diéu bat ngo
nhit 14 ho da chimg minh dugc ring

e:]+l+i+...+i+.._, trong do n! = 1.2...n.
1 2 n!

PE ti€p tuc cau chuyén, chic chidn cdc ban da
biét phép trir 1a phép todn nguoc cua phép
cong, phép chia la phép todn nguoc cua phép
nhan. Mot cau hoi dat ra hét sic ty nhién:
Viy phép todn nguoc cua phép nang lén luy
thira 14 phép toin nao? Ngoai phép khai can
con ¢o phép todn 14y logarit.

Cho a 12 mét s6 duong khic 1, b 1a mot s6
duong va n la s6 thoa man " = b. Khi d6 phép
todn tim » khi biét @ va b duoc goi 1a phép rodn
ldy ldgarit (co 86 a cua b), ki hiéu n = log,b.

Hai trutmg hop duge cic nha todn hoc quan tam:

TOAN HOC

14 * clugifre SO 397 (7-2010)

e Khi @ = 10 thi ta noi rang n 12 légarit thdp
phdn cia b va viét n = Igh hoac n = logn.
e Khi a = e thi ta néi n 1a logarit nw nhién hay
l6garit Neper cua b va viét n = Inb. Cach goi
thit hai niy dé tuong nhd nha todn hoc Anh
J. Neper (1550-1617), nguti da phat minh ra
phép todn logarit. That ding ngac nhién khi
cdc nha todn hoc déu tién tim thdy két qua
1 ¥ 1 1
| ——4———+.. 4+ (D) —+..=In2. ()
e T n
Cic s0 sidu viét 7 va e duge lién hé véi nhau
boi hé thiic e = —1 (Cong thite Euler), trong
dé i* = —1. Hé thitc nay nhan dugc tir cong
thitr ' Moivre, mang tén nha todn hoc Phap
Abraham De Moivire (1667—1754):
(cos@+ising)” = cos(ng) + isin(n@)
hﬂ}" (eilp}n P En.' qr?.
Cuéi cling, xin néu lén so do lién hé giita ba
phép todn: phép nang lén luy thira, phép khai
can va phép lay logarit.

avan

Tim b

[TRIUN]
(TR il

Biét

-—
-

Phép ndng lén

luy thira

|[":'.cp khai L".L!‘.I Phép lay logarn

Pé két thiic, mdi cdc ban hily gidi cdc bii tap sau.
Bai 1. Ching minh céc bat déng thic Cauchy,
Bunyakovsky, Bernoulli.
Bai 2. Gia su a,, a,, ...
duong. Chimg minh ring

, a, la cdc s0 thuc

n
5vie 1
ke
[ da [

Yads...a, <

2 2 2
Mt t.ta, SJaL taj+..+al

h in

Bai 3. Gia su u,,=[l+——] trong dé n la s6
n

nguyén duong. Chimg minh rang
g 2<i, <3; i A

https://tieulun.hopto.org
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(Dé diing trén THTT sé 388 thing 10.2009)

Tathiy 1 +2+3 +...+45=45%23=5 x 207
= 9 x 115. Dudi day trinh bay mot cich xép
56 dé thuc hién. Ta x&p 45 s0 trong mét bang
hinh chir nhat gom 5 hang ngang va 9 hang
doc sao cho téng 5 s6 & mdi hang doc bang
115; ¢6 thé chon sao cho trong moi hang doc

téng hai sb dau tién bing 46 va tong ba sd

con lai bing 67 nhu & bang sau:

ey eyl & 1T B %
i N\

45 4743 42 41, 40 3% ,38—3]

W 11 1z 15 ]4\15 I(}/l?‘. 18

23 24 25 26 27 '19=200 21 22

136 34 32 30 28 35 33 31 29

Tiép d6 & m&i hang doc chon mét sb dé dugce
9 50 (khong trung vai cic s0 da chon) sao cho
tong cua 9 s6 dé bang 207. Mot cich chon
nhu thé cho ddp dn nhu ¢ hinh vé.

Chii y. Bai toan c6 nhiu ddp dn, ching han
tr hinh v& bén c6 thé :
e DI 5 56 rén dudng thing huéng tam nay
sang dudng thing hudng tim khdc ma van
theo thir tu vong tron;

* Poi 9 séﬁ vong tron nay sang vong tron
khdc mi van gilr thir ty duong thing hudng
tdm;

Giai dap: THE CO 3
Trang di truéc chiéu hét sau 3 nuéc
(mfrs.é 388 thding 10.2009)

1.¥g7 £e7 2.Wb2 £d6 3.Wg2#

Nhgn xét. Ban Vii Hoang Minh, TA10, THCS Giang Vo, Ha
N#i, giai t6t va duge nhin ting pham.

LE THANHTU |
(Dai Ki¢n tuong Quoc 1é)

» D6i cap hai s6 dau tién (hodc bd ba s6 cubi)
trong ba vong tron nam gilta sang c@p hai s6
dau tién (hodc b ba so cudi) khdc, nhung vin
gitr thir ty vdng tron (ching han doi 10, 23,
36 cho 27, 28, 14).

Céc ban sau c6 1oi giai tot, dugc nhén ting
pham:

1) Phan Dwc Minh, 11A15, THPT Thai
Phién, Hai Phong;

2) Ngé Ngoc Pong, 10T, THPT chuyén L
Quy Pén, Binh Binh;

3) Trinh Thi Hai Yén, 12B1, THPT Triéu Son 111,
Thanh Héa, ) : :

4) Nguyen Vén Tién, 12T5, THPT Lyc Ngan I,
Bic Giang;

5) Nguyén Vén Hai, 28 Tan Try, P.15, Q. Tan
Binh, TP. H6 Chi Minh.

DAN QUYNH

, TOAN HOC
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CAC LOP THCS

Bai T1/397. (Lép 6). So sdnh hai phan sd
1010010 2[10#ie
A=——— vi B="———.
20103“”] 30103[“[}

PHAM VAN KHANH
(GV THCS Giang V6, Ha Ngi)

Bai T2/397. (Lép 7). Cho tam gide ABC c6
BAC > 60° . Chig minh ring AB + AC < 2BC.

LE THI LIEU
(GV THCS Lé Loi, Quy Nhem, Binh Dinh)

Bai T3/397. Tim phan du khi chia 32" cho
273 “trong dé n 1 s6 nguyén duong.

NGUYEN TUAN NGOC
(GV THPT chuvén Tién Giang)

Bai T4/397. Cho tam gidac ABC. Dung hinh
binh hanh AMPN sao cho cdc diém M, N lan
luot thude cic canh AB, AC; diém P nim bén
trong tam gidc ABC. Goi @ la giao diém cua
duong thiang AP vi canh BC. Chimg minh ring
AM .AN.PQ = P
ABACAD 27

Hay xdc dinh vi trf diém P dé dng thirc xay ra.
DUONG VAN SON
(Hoc vién Cao hoc, OH Vink)
Bai T5/397. Giai phuong trinh
[H 5—x ] _—192(Jx +1)
J’; 41 5\1’,".: —,\:-.,’T .

PHAN THE HAI
(GV COSP Ba Ria, Viing Tau)

TOAN HOC
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CAC LOP THPT
Bai T6/397. Cho hai dudng tron (O)) va (02)
cét nhau tai hai diém K va L sao cho cdc diém
0; vd O, & vé& cling mdt nira mat phing ba
chira doan thing KL. Tiép tuyén tai K cua
dudmg tron (Oy) cit duomg tron (0,) tai A. Tiép
tuyén tai K caa dudmg tron (Os) cit dudng tron
(0)) tai B. Tinh dién tich tam gidc AKB, biét

: ot 1
ring AL =3, BL=6va tanAKB =—5.

NGUYEN DE
(Hai Phong)

Bai T7/397. Cho a, b, ¢ 1a céic 56 thuc duong thoa
min a+b+c=3.Ching minh bat ding thirc

{"E‘P%‘i—% +52(a+b)b+c)c+a).
Dz:mg thirc xay ra khi nao?
VU THANH TU
(SV KS4CC, Khoa CNTT, BH Cing nghé, BHQG Ha Nai)
Bai T8/397. Giai h¢ phuong trinh
X=Birha 282
y=3x"+2x?
z=3y*+2y2,
HOANG THE NGHIA
(GV THPT Ngoc Ha, Ha Giang)

TIEN TOI OLYMPIC TOAN

Bai T9/397. Cho tam gidc ABC c6 ba géc nhon.
Goi a, b, ¢ 124 dd dai ba canh va &, b, A
12 d§ dai cdc dudng cao twong tng. Ki hi¢u r,
R lan lugt 1a bin kinh dudng tron néi tiép.
ngoai tiép tam giic d6. Ching minh ring
9R
a*+b*+c?
1 1 1 1
et ——=t——5—
hy +flphe  y+flch, b +-fhhy,  2r

TRAN HONG SON
(S GD-DT Thei Binh)

https://tieulun.hopto.org
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Bai T10/397. Vi mdi tap A gom n diém
phan biét trong mat phang (n > 2), ki hiéu
1(A) 1a tdp cic vecto c6 diém dau va diém
cudi déu thuge A. Hay xdc dinh gid tri 16n
nhit vi gid tri nho nhat cua 17(A)l,

(Ki hiéu I7(A) 14 sb phan tu cua tdp T(A)).
DINH VAN KHAM
(GV THPT chuyén Luwong Van Tuy, Ninh Binh)
Bai T11/397. Cho ham s f1ién tye trén R va
thoa min hai diéu kién
f(2012)=2011
fx).filx)=1, ¥xe B.
Ki hiéu f.(x)= f(f...f(x))). Hay tinh f{2010).
b -
s kin £
HUYNH TAN CHAU
(GV THPT chuyén Lirong Véan Chdnh, Phi Yén)

Bai T12/397. Cho day s6 (x,) (n=1, 2, ...)

dugc xdc dinh béi x, =2,1 va
v, —2+fx; +8x,—4

2
V6i mdi s6 nguyén dwong n, dit y, =

Tim lim y,.

NGUYEN HOANG NAM
(GV THPT Téy Son, Binh Binh)

CAC PE VAT LI

Bai L1/397. Mot hat ¢6 khéi luong m chuyén
dong trén mét phing ngang, nhiin, dudi tic
dung cua mot luc c6 d 1on khong dcn Fvaco
phurcrng quay trong mit phing nay véi van toc
g6e khong d6i @ Gia st Lic + = 0 hat dimg
yén, hiay tinh
a Van téc ctia hat theo thoi gian.
b) Quing dudng hat di duoc giira hai lan dimg
lién tiép va véan toc trung binh cuia hat trong
théi gian do.

TRAN KHANH HAI

(Thira Thién — Hué)

Bai 1.2/397. Mt qua cdu nho lam bing hop
kim chi va kém ¢ nhiét d6 r, = 140°C, du‘rrc
tha vao mdt chiée cde dit nim ngang chira
200g nude ¢ nhiét do
1, = 30°C (hinh v&). Nhiét
do cua nudc va cua e_ e
—qua cdu
qua cdu khi ¢6 cin bing
nhi¢t la 1, = 31,8"C. Khi
qua cau cin bing trong
nudoc thi né khong cham diy cbc va thé tich
nudc trong coc tang 1én so voi trude khi tha
1a 50cm’. Tim khoi luong cua chi va kém
trong qua cau néi trén. Cho hu,l khéi Tugng
riéng cua nudce 1a D = 1000kg/m’; nhiét dun,r:,
riéng cua nuoc 1a ¢p = 4.2 l-Jﬂq, dn cua chi la
1 = 0,13kl/kg.do, cua kém la ¢; = 0,38 kl/kg.do.
Ba qua su trao doi nhiét vai cOc vd moi trudng.
NGUYEN QUANG HAU
(Hé Ngi)

PROBLEMS IN THIS ISSUE

FOR LOWER SECONDARY SCHOOLS
T1/397. (For 6™ grade). Compare the following
two fractions

IDIGIUHJ Z(HUMI{J
201{:,'-mn B W 30103010
T2/397. (For 7 grade). Let ABC be a triangle
with BAC 2 60°. Prove that AB + AC<2BC.
13/397. Find the remainder when dividing
3*" by 2%, where n is a positive integer.
T4/397. let ABC be a triangle. Construct a
parallelogram AMPN so that the points M, N

are in AB, AC respectively; P lies inside the
tnangle ABC. Let Q be the intersection of the
line AP and BC. Prove that

AMANPQ _ |
ABACAQ ~ 27’
Find the position of 7 when the equality occurs.

T5/397. Solve the equation

{H 5-x ]3:'—192{\!}“)
' \/;-H S\f(,—‘.:—,w[;.

(Xem ricfp trang 29)

TOAN HOC
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* Bai T1/393. Cho 2010 56 1w nhién a,, aa,

s, ... apin thoa mdn diéu kién

I I | 1 S } 1005
al' a' al' T oal,, 1024
Hay tinh
{ =@ | oo | Doos ap
! !e'.-‘ ﬂ; u_:?lJ'_IJ
Loi giai
1 1 1 1
Pbit B=—-H+ F—+t..+

1 1 11 [ *
4 d; 3010

e Néu c6 it nhdat mdt sO tu nhién g; nao do

mi g; =1 thi i—l suyra B>1 ma@a:l

all 1024
trai gia thiét. Viy tat ca cdc sb ay, as, ...,
déu 1om hon 1.

dapio

* Néu tat ca cic s0 dq, da, ..., 4010 déu béﬂg 2

thi B :ixzi}lO - , théa min gia thiét.
2 1024

1
e Néu ¢6 it nhat mét sé a, >2 thi —<—
all 2!|

o Bamx 010 =20 it thibe
2 1024

Vivai=m=a3=...= o= 2.

Thay viio biéu thirc A, ta dugc
A=2x%2010=4020. 3

< Nhiin xét. Céc ban sau ¢6 16i gidi ding:

Phit Tho: Neuyén Thanh Quang, 6A4, THCS Gidy
Phong Chiu, Phit Ninh; Vinh Phie: Khéng Trong
Ounang, 6A, THCS DOI’IE Qué, Song 1o, Lé Van

TOFIN HOC
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Quang, Nguvén Thi Lan, Ngn}'é'g Héng Ngoc, BA,
THCS Lip Thach; Ha Nam: Do Ddang Dueng, 6A,
THCS Dinh Cong Trdng, Thanh Liém; Hai Phong:
Ngnyen Khdnh Himg, 6A1, THCS Héng Bang, Ngo
Quyén; Nghé An: Ddu Huong Giang, 6A, THCS Cao
Xuiin Huy, Dién Chéau: Ha Tinh: Pham Huyén Trang,
Tran Thi Mruh Hang, 6B, Vo Tra My, Ngmen Thi
Thirong, Tran Phwong Tho, Nguyén Bdo Quang,
Nguyén Lé Tudn Anh, 6C, 'TIIL.S- Xuén Diéu, Can Loc;
TP. Hd Chi Minh: Bé N::rnen Vinh Huy, 6A3, THPT
chuyén Trin Dai Nghia.
VIET HAI

* Bai T2/393. Che tam gidc ABC cd gic B

va gbc C nhon. Vé duong phdn gidc BD va

ducng cao AH cua tam gidc dé. Biet rang
ADB=AHD=a . Tinh 56 do gic «.
Loi giai
E
A
B H C
Tir gia thiét ta c6

o =ADB = DBC +BCA-'——2—+BCA

— ABC +2BCA=2a. Trén tia dbi cua tia

AB liy diém E sao cho ACE = ACB.
Khi d6 tam gidc EBC c6 D la gmo diém ba

duong phan gidc va EBC + FCB =2a, hay

2a = LEE:EE—C-QO"-

BEC =180° -
=DHC (do AHD=a). Suy ra ADEC =
ADHC (g.c.g) = CE = CH. Tt 46, lai co

ACEA = ACHA (c.g.c) nén CEA=CHA=%",
suy ra AHD=AED.

Viy a=AHD= ﬁ_ﬂgg_ats“ o

< Nhin xét. Bii todn khong qua khé, miu chét 1a dy
dodn duge sé do cia goc « dé ¢é hudng giai ding.
Ngoai loi giai trén ddy, mét s& ban con ding phuong
phdp phan chimg, loai trir cde tuomg hop &> 45°, @< 45"
dé két ludn @ = 45", Céc ban sau dy c6 10 gidi trong
dbi bt

https://tieulun.hopto.org
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Hii Phong: Lwong Thé Son, TA1, THCS H{’:-n.g Bang;
Ha Tinh: Thin Ngoc Phirong Chi, quﬂr Thi Hieong
Giang, Tran Thuc Vién, TA, THCS Xuiin Digu, Can
Loc; Quiang Ngii: Tong Thanh Nguyén, TA, THCS
Hanh Phudc, Nehia Hanh,
NGUYEN XUAN BINH
* Bai T3/393. cud
phieang trinh
yi=x042x+=1000.

Tim nghiém nguyén

Lot giai. (Theo da 56 edc ban).
Véi lxl 2 5 tacé 2x* >1000
= P42 100052 =y~
Mit khdc (x* +1)* —y*

=2+ 33y D=l 1 22 =1000)

= X" +3x*+1001 >0 voi Vx, nén x* +1>y.

Viy ta c6 x* < y < x” + 1. Diéu nay khong thé
Xay ra vai x, y nguyén.

Suyralxl <4 hay xe{0;%]; £2; £3; +4}.
Kiém tra truc tiép ta thiy x = 0, y = —10 Ia
nghiém cua phuong trinh da cho. O

<Nllin xét. Cdc ban tham gia déu gidi ding bai nay.
Cic ban co 161 giai gon la:

Vinh Phiic: D6 Xudn Viér, 9A, THCS Lip Thach; Phi
Tho: Dinh Ank Hoang, 9A3, THCS Lam Thao; Hai
Phong: Lé Die Tién, 9A1, THCS Le Khidnh Thién,
Kién An; Thanh Héa: Nguyen Hiéu, 8A, THCS Xuin
Loc, Hiu Léc; Quing Binh: Lé Nhie Nguyén, 10 Todn,
THPT chuyén Quiang Binh; Qudng Ngfi: Pham Vier
Hoang, 9B, THCS Lé Hong Phong, TP. Quang Ngii.

TRAN HOU NAM

* Bai T4/393. Tim gid tri nho nhdt cua
bicu thire
¢ b i d
P= f: -
bte+d—a c+d+a-b dtatbc atiHced

trong di a, b, ¢, d la do dai cde canh cua motr

1 eice loi.

Loi gidgi. Datx=b+c+d—a;, y=c+d+a—b;

g=d+atb—r; t=atbte—-d, suyra
y+zt+i—x Z+t+x—y

rp oot R e e o
4 4

t+x+y—z

x+y+z—t
= e ; :—-—-——-}__

4 4

Vi a, b, ¢, d 12 d6 dai cdc canh cia mdt tur
gidc 16i nén x, y, z, t 1a cic so duong. Do d6

Zrt-HE— ¥

1{ y+z+1-.
P=— iis r+
4 x y

t+x+y-z x+y+z-—t
P s S ]
!

Z
L%, + i+£]+ T3
X x x 1 y z
+ i+2-+ i+£J—4
¥ 1 =

Ap dung két qua: Voi m > 0; n > 0 lubn cé

m
i 2, ding thirc xay ra khi m = n, ta cé

n m

PE&(2+2+2+2+2+2—4) ) e

1 =

Vay Ppnin = 2, dat duge khi va chi khi tr gidc
da cho 14 hinh thei. O

‘(thjn xét. 1) Da sd cdc ban gidi theo cdch trén. C6

2 2 2
ban dp dung BET ot g = fah

X ¥ x+y
sd dwong, hoic BDT Bunyakovsky ciing cho két qua
nhir trén, Mat 56 ban di néu vi chimg minh bai todn
tng qudt (bang cich dp dung BOT Cauchy cho n sé
duong) nhu sau:

voi x, y 1a cédc

a, la do dai cde canh ciia mot da gidc n
S=a +a+..+a, Khidétaci

Cho ay, aj, ...,
canh (n = 3). Bat
a a & .. N

R o = ’
S-—ay 8~ "n=2

8 —2£-‘|

Bang thitc xay ra khi va chi khia) = ay= ... = a,, nic ld
da gide n canh od tdt ca cde canh bdng nhau.

2) Céc ban sau diy c6 1&i giai tot:

Ha Nji: Neavén Phuong Linh, 9A8, THCS Nguyen
Truomg Té, Thai Binh: Ngu}eﬁ Thi Minh Thu, 9A,
THCS Tén Lip, Vii Thu; Nam Binh: Bii Trong Diing,
9A, THCS Ngé Dong, Giao Thuy, Ha Nam: Dé Ddang
Duong, 6A, THCS Dinh Cong Tring: Vinh Phic:
Hoang Ha Plirong, 9B, THCS Vinh Yén, Nguyén Vin
Hdu, 9A1, THCS Yén Lac; Thanh Hoa: Hodng Huy
Ligu, 8B, THCS Nhir Bd 51, Lé Thi Phuong Mai, 9A3,
THCS Nguyén Van Trdi, L& Van Huy. 9C, THCS Van

TOAN HOC
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‘Thiing, Neuvén Hién, 8A, THCS Xuin Léc, Hiu Loc;
\;.,Iu An: Cao Minh Son, Cao Van Kién, 9D, THCS
Cao Xuin Huy, Dién Chau, Pa Hom{ Qudn, Phan
Thanh Ting, 8D, Tran Trung Hiéu, 9A, THCS Hoa
Hiéu 11, TX. Thdi How Phi Thy: Dinh Anh Hodng,
9A3, Nwm—vr Thi Mai Anh, BAL, Tran Ngpc Hidu, 9A3,
THCS Lim Thao; Quang Ngdi: Nguvén Bao Trim,
Bai Thi fHan Ny, 8A, THCS “dllh Phurde, Nghia Hanh;
Bén Tre: Lé Hu Minh Thao, 9", IH(_S TP. Bén Tre;
Ninh Thudn: Hoang Trdn Minh, THES 1y To
Trong, TP. Phan Rang.

PHAM THI BACH NGOC

* Bai T5/393. Cho tam gidc ABC can tai C.
'L';m 0, 1 rhw thir tue i tdm dieong tron ngogi
mp fcki I.'-.f‘ri tam gidge ABC, D la diém thudc
canh BC sao cho DO goc voi Bl
Ching minh rang DI song song vai AC.

vHONg

Loi gidi. Do tam gidgc ACB cin tai Cnén C, [,
O, M thing hang va CM L AB, trong d6 M 1a
trung diém cua AB.

Ta ching minh cho truong h{;p/ﬁ < 60",
tte O nam gida [/ vi C. Truong hop

¢ ACB > 60" ching
minh tuong tu, con
truong hop dic biét
ACB=aP thi O=1
vi DI, AC cung
vuong goc voi Bl
nén ID // CA.

Goi H la giao diém
cua DO va Bl 1a cé

HOI = IBM (vi cung phu véi BIM = HIO)

= IBD (do IB la phiin gidc cua E}?E)
suy ra IOD + IBD = 180 .
Dén dén OIBD la i giéc ndi tiép => OID=0BD
ma QED = EED (do OB = OC)nén OID=0CB
= OQID=0CA.DodéID I/ CA.O
qwh;m xét. 1) Cdc ban gui bai déu cho loi giai ding,

nhung chi €6 it ban phin chia truomg hop dé chimg
minh, mét s& ban chia nhim thianh ba truomg hop:

ACB nhon, vudng hojc th. Ba 56 céic ban gidi trong
nhur trén. Mét s6 ban dua ra cich giai khdc nhu chimg
ACDI @ ACOA hodc liy thém K 1a diém chinh gia
cung nha AC, nhung ciich giai nhu trén 12 gon hon cd.

TOAN HOC

20 * CTudilge S& 397 (7-2010)

2) Cdc ban sau déy co !m giai ding va gon: Hii Duong:
Pham Quy Cudng, 9A', THCS Vu Hiru, Binh Giang.
Nam Binh: Trinh Thi Vigr Ha, 9A*, THCS Trin Damr,
Ninh, TP. Nam Dinh; Khanh Hoa: Vi Ngoc Cueng, 9
THCS Nguyén Van Tri, Cam Nghia, Cam Ranh.

PHAN THI MINH NGUYET

* Bai T6/393. Cho a, b, ¢ la cdc 56 thuc
dwong thoa man diéu kién
I I I )
F e =1 (1)
a+b+l b+c+l c+a+l

Chirng minh rang

a+b+czab+ be+ ca
Loi gidi. (Theo da s6 cdc ban).

Ap dung BDT Bunyakovsky cho hai bo ba sd
duong ta c6
(a+b+)a+b+c)2@+b+o)

(b+c+ 1}b+c +a’)2(a +b+c);
(c+a+Dc+a+b)2(@+b+c).

K&t hop véi (1) suy ra
2a+b+c)+a? +b* +c?

z
(a+b+c)?
1 1 l
> + + =1
a+b+1 b+c+l c+a+l

Viy2a+b+o)+d + P+ 2a+b+e)
& a+b+ce2ab+ be + ca(dpem).
Diéng thirc xay ra khi vichikhia=b=c¢=1.0
< Nhin xét. 1) C6 khd nhicu ban tham gia gidi bai
todn trén, hau hét déu cho két qua ding. Bai todn trén
¢6 thé tong quat nhu sau:
Hwdng 1. (Theo ban Tran Dic Khoi, 1012, THPT
chuyén Ha Tinh) Choe cdc s6 thiee duwemg a, b, ¢, x, v, 2
thoa mdn xz < 3 va

i 1 1

t b =y,
yla+b}+z yib+c)+z

vic+a)t+z
Chuiing minh ring

la+b+e)zie— l)(uz+ B+ r'z];' +(xz + )(ab + be + ca)v.

Huwdmg 2. (Theo ban Kfmng Hinu Higp, 11 Todn, THPT

chuyén Bcn Tre) Che cdc 56 thue dwong ay, 4y, ..., a,
i

v 56 kvai 0 <k <n thoa mdn dicu kign Z =k,

P +1

I
trong do 5= Zm.
i=1
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"
Cliuing mink rang (n—k)s=2k Z aiaj .

1:.;':']

l{_j
Chirng minh hai bai todn téng quét trén twong tir nhu
ching minh bii todn ban d_;iu. Ngoai ra, dua theo hudng
tdng quit thir nhat, co thé tong quit b todn caa hudng 2
hon nira, xin dinh cho ban doc.
2) Ngodi ban Khai v ban Hiép, ba ban sau ciling cd 11
giai 161 vil néu duge bai todn témg quit: Lé Vdn Trong,
10A2, THPT Dgi Cén, Vinh Phiic; Nguyén Van Diing,
Vi Ddng Minh, 11A1, THPT Keé Sit, Binh Giang, Hai
Duong,.

NGUYEN THANH HONG

* Bai T7/393. Cho ngit gidc n{]r'. H'C:p ABCDIL
vai AC/DE  va f{“:’};’f—fﬂ trong do M la
trung diém cua dogn BD. Chimg minh rang
dirang thang BE di gua trung diém cua doan
thang AC.

Lot gidgi. Chon diém
F trén dudng tron
ngoai tiép ngl gidc
ABCDE sao cho
CF//BD. Khi do,
ta thiy ABCM =
ADFM (c.g.c)

=> BMC = DMF.
Két hop voi gia thiét BMC = M ta duoc
AMB=DMF, suy ra ba diém A, M, F
thang hang.

VIiACHDE nén AE=CDvA CE=AD.

Tirdd CB.CE=CBAD= DA IF (1)
ABAE =AB.CD = BA.BF (2)

Mit khic, do AF di qua trung diém M cua BD,
nén S,, =S, din dén BA.BF = DA.DF
(luu y sin ABF = sin ADF) 3)
Tir (1), (2) va (3) suy ra CB.CE = AB.AE,
két hop voi sinaﬁ = sin ,ﬂfé, ta duoc
Secr = Sapr. Do do BE di qua trung diém cua
doan thang AC. O

< Nhin xét. Mgt sé ban st dung tinh chét cia ni gidc
diéu hoa, hang diém diéu hoa va chivm diéu hoa ciing
di dén két qua bai todn. Tét ca cdc 161 giai gui vé Toa
soan déu dung. Xin néu tén nhimg ban cd 101 giai gon
hon ca.

Ha Ni: Lé Minh Phiic, 9AS5, THCS Giang Vo, Ng:f}'é:n
Phirong Linh, 9A8, THCS Nguyén Trudng Té, Ngivén
Ngoc Som, 11 Todn 1, THPT chuyén PHSP Ha Noi;
Hai Phong: Phan Pire Minh, 11AS, THPT Thii Phién;
Vinh Phiic: Ngiyén Manh Quén, 11A1, THPT chuyén
Vinh Phiic; Phd Tho: Dinh Anh Hodng, Trdan Ngpc
Hiéu, 9A3, THCS Lam Thao: Hai Dwong: Dang Xudn
Bdch, 10 Todn, THPT chuyén Nguyén Trii; Nam
Dinh: Trdn Trong Huy, 11 Todn, THPT chuyén Lg
Hong Phong: Nghé An: Lé Dinh Tai, 7TA2, THCS Vin
Yén, Nguyén Vén Hodang, 10T7, THPT B l-Lr;mg I:
Ha Tinh: Tran Va Hoang, 10 Todn 1. Trdn Thi
Phuwong Thao, 10 Todn 2, THPT chuyén Ha Tinh; Ba
Ning: Neuvén Hie Minh Tudn, | 1AL, THPT chuyén
Lé Quy Bon; Quang Nam: Nguyén Hong Son, 12/1,
THPT chuyén Nguyén Binh Khiém; Pha Yén: Phan
Minht Tri, 11 Todn, THPT chuyén Lwong Van Chinh,
TP. Tuy Hoa, Va Van Huy, 1AL, THPT L& Héng
Phong, Ty Hoa: Bén Tre: Khing Him Hiép, 11 Toin,
THPT chuyén Bén Tre; TP. Ho Chi Minh: Nguyén
Ngoe Quang, 10SN1, THPT chuyén Lé Hong Phong.

HO QUANG VINH

* Bai T8/393. Cho nr dién OABC ¢6 gic
tam dién dinh O vudng. Chiing minh rang

3
cotAB.cotBC+eotBC.cotCA+cotCA.cot ;’1!{‘5;

trong do cot AB la ki hiéu cotang cua goc nhi
dien canhfi AB. .

Lot giai. Dat OA =a ;
08 = by OC =.c: Ta
c6OA L mp(OBC).

Ké OM vudng goc vai
BC, theo dinh Ii ba %)
duong vubng goc thi

AM LBC va OALOM nén B

cotBC = cotm = 9&1
0A

Trong tam gidc vudng OBC c6

sl ol g by
oM? b NEErE
M be
Ta duge cotBC = e = : ;
OA  ab?+c?

Twong tu, cé
ca ab

—_— cOtAB = — .
bye? +al ca? +b?

colCA =

Do dé
cotAB.cot BC +cot BC.cotCA + cotCA.cotAB

TOAN HOC

S6 597 (7-2010) & CTugifre 21

https://tieulun.hopto.org



https:www. facebools. com/letrungldenmath

https:sites. google. com/site/letrunglienmath

b'z o 2

J(uz +h*)(b* +¢?) i J{bz +c2)(c?+a?)
e a5 i

Ap dung bét ding thic Cauchy cho hai s6
duong, ta ¢d

2 2 2
b {1[ g s j )
JGE +b2)(6* +c? a’+b* b +c?

2 2
: ﬁl[ b f ] (3
('j;. +02 {c +a?) 2\ br4e? i +al
a° a?

a’ l{ o j) @)
’l .+-ﬂ a -|-b C2+a2 a*+b-

Cong theo vé cua (2), (3), (4) va két hop voi
(1), ta dugce

col AB.cot BC +cot BC.cotCA+cot CA.cot AB < % :

Diing thirc xay ra khi va chi khi OA=0B=0C.0

4-.\1!15_‘111 x6t. 1) C6 thé giai bii todn bang cdch chimg
to ring
cot ABcot BC + cot BC.cotCA +cotCAcot AB
=cosA+cosfl +cosC S%
Trong doé A, B, C la ba gbe coa tam gide ABC.
2) Ciic ban sau déy 6 1&i giai tot:
Haii Duong : Pham Bire Viegng, Nguyén Ngoc Thién,
10A1, THPT Thanh Mién I; Phii The: Nguyén Quéc
Hing, 10 Todn, THPT chuyén Hung Vuong; Nghé An:
Nguyén Van Hodang, 10T7, THPT 50 Lwong I; Quing
Tri : Nguyén Triegng Sinh, 10 Todn, THPT chuyén Lé
Quy Bon, Lé Quang Dic, 11A1, THPT Hai Lang;
Quiing Ngii : Nynen Hugnh Bao Anh, 11T, THPT
chuyén L& Khiét: Binh Hmh Ngn)en Danh Nhén,
10A1, THPT Phir Cit 11; Bén Tre: K.’mngf Hire Hiép,
11 Todn, THPT chuyén Bén Tre; Tién Giang: 3%
Onang Binh, 11 Todn, THPT chuy:,n']wn Giang: Vinh
Long . Dwong Thanh Hing, 11 T2, THPT Lhuyén
Nguyén Binh Khigm,

NGUYEN ANH DUNG

* Bai 1T9/393. Cho tam gidc ABC nhon, cdc
dirong cao BK va CL cdt nhau tai H. Mot
diromg thang di qua H cat AB, AC lan heot tai
P, Q. Chirmg minh rang HP = HQ khi va chi
khi MP= MQ, vdi '
canh BC.

TOﬁN HOC
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Loi gidi. Cdch 1. (Theo ban Nguyén Hong
Son, 12/1, THPT chuyén Nguyén Binh

Khiém, Quding Nam) (h.1). "

Goi [ 1a truc tdm
cua tam  piic P

BHP, I thuéec CH ( ‘
R
>

va PI L BH;
,,‘“

BI 1 PH (1)
B ww

L~}

P

Diéu kién can. Ti
(1), chi y ring

QC 1L PH, suy ra

PI // CQ. Do dé Hinh 1 Q
AHIP =AHCQ

(g.c.g). Suy ra HI = HC. Tu dé, chd y ring
MB = MC, suy ra HM I/ IB (2) _

Tu (1) va (2) suyra HM L PQ.
Viy, chi y ring HP = HQ, ta c6 MP = MQ.

Diéu kién i, Goi R 1a diém déi ximg cua Q
qua M. Ta thdy BRCQ li hinh binh hanh (3).

Tir (3) suy ra BR/CQ. Tir d6, chu y ring
PI//CQ (xem chimg minh diéu kién cén), suy
ra BRIIPI (4).

Mt khdc, chd § rang MP = MQ = MR, ta ¢6
RP 1 PQ. Két hop voi (1), suy ra RP//BI (3).
Tir (4) va (5) suy ra BRPI 1a hinh binh hanh (6).
Tir (3) va (6) suy ra CQIP la hinh binh hanh.
Do @6 HP = HQ.

Céch 2. (Theo ban Nguyén

Manh Quan, 11A1, THPT
chuyén Vinh Phuc).

Goi (M) la dudng tron
dudng kinh BC (h.2).

. B M C
Ap dung dinh Ii Menelaus Hinh 2

cho tam gidc APQ v6i cic P

cdt yén BHK, CHL, ta cé
BAHPKQ _, CAHQIP

BP HQ KA CO HP LA

Tir d6, chd ¥ ring

https://tieulun.hopto.org
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CQ@ = %;[MJ, ta co

HPY _CAKA BPLP _ Buu)
HQ) BALA COKQ Hywy

Vz_’iy }'.f.)'}:J[fQﬁ-ﬁw‘w] :-J/‘EJJI[M) @M"= MQ D

<Nhin xét. 1) Khd nhiéu ban tham gia giai, tuy nhién
nhiéu Ién giai dai, nhiéu loi khéng chinh xdc (ddc biét
1a cde 1o giai st dung dinh If Con Budm).

2) P& ¢6 mat i giai chinh xdc bang dinh 1i Con
Budm, dinh Ii ndy can duge phdt bicu trong dang tdng
quit hon nhu sau:

Pinh If Con Bwdm téng qudt. Tir gidc ABCD néi tiép
dwdng tron (Q). P = AC N BD. Mgt dwdng thing qua
P et (O) tai E, F; cat AB, CD theo thir nr tai G, H;
car CB, AD theo the i tai 1, J. Khi do

1 1 1 1 | 1

: =——=——— (h.3)
PE PF PG PH Pl Pl

Hinh 3

Su dung khidi ni¢m cyc v dbi cuc, ta s& c6 mot phép
chimg minh ngin gon cho dinh 1i Con Budm hodn chinh.
3) Bai todn vén ding khi tam gidc ABC tii,

4) Xin néu n mot sd ban ¢é & gidi tuong déi 1ot

Ha Npi: Nguyén Van Quy, 11A1, Khéi THPT chuyén
DHKHTN, BHQG Ha Ngi; Hai Dmmg: Nguyen Ngoc
Thién, 10A1, THPT Thanh Mién I; Bén Tre: Nguyén
Thi Twemg Lam, 10T, THPT chuyén‘BE*n Tre; Pha
Yén: Va Van Huy, 11A1, THPT L& Hong Phong, Tay
Hoa. Quing Nam: Nguyén Thi Da Thao, 10/3, THPT
Trin Van Du; Binh Binh: Nguyén Danh Nhan, 10A1,
THPT Phu Cdt I TP H8 Chi Minh: Trdn Anh Vi,
11CT, THPT chuyén Nguyén Du.

NGUYEN MINH HA

* Bai T10/393. Tim 1t ca cdc 56 thuc k va m
sao cho

k(x + _r'." +2)+ mayz 2 (x+ vy + z)’

vori moi x, v, z khdng dm.

Lot giai. (Theo ban Pdang Hitu Trong, 11A1,
THPT Quy Hop 2, Nghé An).

* Diéu kién can. Cho x =y = z > 0 ta duge
3k +m=227.Chox=y>0,z=0tadugck =24

o Diéu kién dii. Gia st k 2 4, 3k + m 2 27. Khi
a6 k(2 + y? + 22)+ mxyz

Zk(x®+ y + 2+ (27 -3k)xz

=483+ + 2+ 150z +(k—D(F +y* +21 —30z)

Z4(x*+y?+z3)+15xyz, dok24 va

x*+ y?+ 23 23xyz (BDT trung binh cing —
trung binh nhén).

Bai todn duge giai, néu ta chirmg minh duoc
4P+ +2)+1509z2 (x+y+2) (1)

& P+yr++inz

2 xy(x+y)+xz(x+2)+yz(y+2)

& Ax—yx—2)+ W y—2)y—0+2z—xKz—y =20 (2)

Pé ching minh (2), khong giam tong quit ta
gia su x = y 2 z. Khi d6 (2) twong duong vai

Tlx < Y~y y=gi Y= y—%)
+z{x—y+y—-z}y—-220

& 2x— ¥ +x(x =3 y— - ylx—yiy=2)
+z(x=yXNy—-+z(y—z)* 20

& x(x=yP+y—zF +(x—yy—-zlx—y+2z)20
& wx—yP+Ay—-PF Hx—yXy-2kx—y+2)20 (3)

Vix 2y 2 z nén bt ding thirc (3) ding. Véy
bat dang thirc (1) duge chimg minh. O

< Nhin xét. 1) Da s6 cdc ban khi din dén bit ding
thire (1) déu néi d6 14 Bdr dang thire Schar va két thue
chimg minh & diy.

Bét ddng thirc Schur duge phét biéu dudi dang: Vi ba
56 thyc khong &m x, y, z va sh nguyén khdng dm # ta cé
bét diang thirc:
Xx-yx-D+yy-Ny-0+z-z-y20.
2) Ciic ban sau déy c6 léi giai tt:

Vinh Phite: Ham Van Ti, 10A3, THPT Doi Cén; Phi
Tho: Nguyén Quéc Hing, 10 Todn, THPT chuyén
Hing Vwong; Nam Dinh: Tran Quang Huy, 10A1,
THPT Hai Hiu A; Hai Dwong: Bang Xudn Bdch, 10
Todn, THPT chuyén Nguyén Trai; Thai Binh: Dinh
Thi Nho, 10 Todn, THPT chuyén Thii Binh; Nghé An:
Phan _Nguyé‘n Thanh Son. 10A1, THPT Dién Chau 3;
Da Ning: Nguyvén Hime Minh Tuan, 11T, THPT chuyén
Lé Quy Bon; Quing Ngii: Lwong Khdnh Léc, 10
Toiin, THPT chuyén Lé Khiét; Ca Mau: Nguyén Pham
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Tudn Anh, 12T1, THPT chuyén Phan Ngoc Hién: Bin
Tre: Khing Hi Hiép, 11 Toan, THPT chuyén Bén Tre.

DANG HUNG THANG

so thue (x,) voi

* Bai T11/393. Cho day
n=1,2, .. thoa man In(l+x])+nx,=1 voi
moi $6 nguyén duwong n. ]

n(l — nx, 3
llm — -~

5

Tim

Loi gidgi. Voi mdi ne N ta dit
[y =mn(+x*)+nx-1, xe R.
2 (x+1)?

Tacd flL.ix)= ~+n= +n-
; L L4zt
f.(x)=0 & n=l,x=-1. Dodé f.(x) 1a

ham s tang thuc su. Chi y f,(0)=-1<0,

.f;;[lj=ll{l+%}:>0, suy ra ¢6 duy nhat
n?,

n

120,

mot s0 x,€R thoa man f,(x,)=0 va

O<x, < l . Boi vy
n

. n{l—nx, ndn(1+x7)
lim —= = lim ———
ft—rtoo _"" Ao _‘"
1
= lim [n.x‘,. In(1+x2)2 ]: I
e

|
Do limIn(l1+x?)2 =1
1ol
vi nx, =1=In(1+x2) = 1 khi n — 400,
vi x, =0 khi 1 — +ea).
w . o H(+nx) n = ;
Chuy 2 =—+n" = +eo khi n—ea O
't" 'rl'l
< Nhiin xét. 1) Do so sudt dé todn dd bj in nhim

nl 1+
thinh hm ﬂ
it _\'”

vil ban doc.

, 1ha soan thanh thar xin 16i tic gia

2) Day la bai todn gidi han dang co ban, khing qud
khé, Co6 mdt ban hoc sinh dd viet duge ca har gidi
han trén 132 Nguyén Manh Qudn, 11A1, THPT chuyén
Vinh Phiic.

NGUYEN MINH bUC

* Bai T12/393. Tim rat ca cde ham sé lién
twe [:R

B —R thoa man diéu kién
.,u'"{.\' i I,u'"{'_\"}}';2_1.'1‘-_}"[:.1.:].‘-3'.1‘._\'65 2
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Lai gidi (Theo da sé cdc ban).

Nhén xét ring f 1a m§t don dnh. Thét vay,
néu f(y)=f(y,) thi ing véi mdi x ta cé
Fflx+faN= flx+f(y))

hay 2y, + f(x) =2y, + f(x), tirc y, = y,. Tiép
theo, tir didu kién (1) cua bai ra, ta cé tap gid
tri ctia haim “f (néu ton tai) 12 R, nén ton tai
aeR d&& f(a)=0

T (1), img véi y = a, ta thu duge
flx+ f(a))=2a+ f(x) hay
f(x)=2a+ f(x), thc a=0 va f(0)=0.

Tir (1), Gng véi x =0, ta thu duge
S(f(y)=2y+ f(0)=2y, hay
f(f))=2yVye R (2)

Tiép tuc thay x= f(1) trong (1) v sir dung
(2), ta thu ducc

FU@+fd=2y+ 1)
=2y+2t=2(y+1}= f(f(y+1)),
hay f(x+y)= f(x)+ f(y).¥x,ye R (3)
(do tinh don dnh cua f).
Tir d6 (3) 1a phuong trinh ham Cauchy (cdng
tinh v lién tuc) nén cé nghiém f(x)=bx.
Thé vao (1), ta thu duge b*x=2x,Vxe R

nén b= iﬁ.

Thir lai, ta thay hai ham sb f(x)=%+2x thoa
min bai ra. O

"’(’Vh.m xét. I) Ngoai cich ycu trén, mdt 56 ban con
sir dung (2) dé dua trye tiép vé phuong trinh ham
Cauchy dang f(x+2y)= flx)+2f(y) V. ye R
cling cd thé chuyén doi vé dang (3) dugc.

2) Cde ban sau diy co I gian ding:

Thai Nguyén: Liu S§ Ting, 11A1, THPT Bai Ti; Pha
Tho: Ty Hai Nam, 11T1, THPT chuyén Hing Vwong;
Bac Giang: Vi Thanh Par, 10T, THFT chuyén Bic
Giang; Ha Nam: Ddng Duy Hién, N:;mm Vun Tinh,
10CT, THPT chuyén Bién Hoa; Ha Nji: Neuyén Vin
Quy, 11A1, Khdi chuyén DHKHTN Ha Noi, Nguyén
Ngoe Son, 11T1, THPT chuyén DHSP Hi Nu: Hung
Yén: Luwong Pue Hiéw, 10T1, THPT chuyén Hung
Yén: Thai Binh: Hinh Thi Nhoe, 10T, THPT chuyén
Thdi Binh, Vi Huy Hoang, 10A1, THPT Tay Thuy
Anh, Newyén Thi Minh Hwomg, 11A THPT Ly Bon;
Hii Dwong: Pham e Viegng, 10A1, THPT Thanh
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Mién, L Hire Pluic, Ngrnen 'L’mr An, f)r;m,! Xudn
Beich, 10T, THPT chuyén Nguyén Trdi; Hai Phong:
Phan {hic Minh, 11A15, THPT Thdi Phién; Nam
Dinh: Ngé Thi Thu Ha. 11T, THPT chuyén Lé Hong
Phong: Thanh Hoa: Trinh Ddng Son, La Hiong Qudn,
11T, Lé Van Tuan, 107, Dae Quang Hoa, 11T, THPT
chuyén Lam Son; Ngh§é An: Nguyén Van Hoang,
1077, THPT D& Luong 1, Ché Hedang Thing, HAI
THPT chuyén Phan Bgi Chiu; Thira Thién - Hut Lé
Vidn Phii Corong, 10CT, THPT chuyén DHKH Hué: Da
\.‘ing,. Ni{uu‘n Hitn Mink Tuen, 11Al, THPT chuyén
L& Quy BPon; Quing Nam: anen Thi Da Thao,
10A3, THPT Trin \.’an Du, Neuyén Hing Son, 12/1,
THPT chuyén Nguyén Binh Khiém: Quéing Ngii:
Pham Viee Nhd@, 11T, Ngwvén Podan Neee Ti, 10T,
Ngnvén Hutnh Bde Anh, 11T, Pham Thanh Céng,
Trweng Dinh Sdch, 10T1, THPT chuyén Lé Khiét; Phi
Yén: Phan Mink Tri, 11T, THPT chuyén Luong Vian
Chénh:; Kon Tum: Tran Thi Ank Nhung, 11A1, THPT
r.I1u'.cn Kon Tum: Khinh Hoa: Nguyén Dinly Ludn,
LOT, THPT chuyén L& Quy Dén, Nha Trang: Cin The:
Lé Dgi Thanh, 12A1, THPT chuyén Ly Tu Trong.

NGUYEN VAN MAU

* Bai L1/393, [oc
inh R = 30m voi toc do khong doi
= 314 mfs. Hoe sinh B chay dudi theo hoc
/ vl phdr tie tam dwong tron da. Trong
sinft B ludn chay trén bdan kinh
not tam ved hoc sinh A var toc do khong doi
v = 2u. Hoi san bao Idn thi hoe sinh B duoi

TR _|I|l- W NI I|- -I

sinh A chav theo dwong

trea |'l-=c i "l

it cieent, noc

Lot giai. Vin toc gdéc cua hoe sinh A 12

W = % . Khi hoc sinh 8 dén diem M (OM = r)

thi vecto van toc cua B hgp vai OM mot
gﬁi_‘(ﬂ.

Vi hai hoe sinh luén dimg wrén mot bin kinh
nén r cing quay quanh tdm voi van toc

’ v.sin
gocw, hayw=

@ N, ¥
= . =—
Do dé sing e

¥

Vi 0 < r <R, nén trong qué trinh dudi bét, géc
@ thay doi tir 0 déng.

Xét trong khoang thoi gian rat nho At , géc @
taing thmAg, r ting thémAr , ta co

Ar=2RA(sin@) = 2R(sin(¢+ A@) - sing)

= 2R.2cos{¢ + -%‘E}Sil]-ajﬁ

~ 2R.2cos¢.~‘ﬂ‘5@ = 2RA@cOSQ .
Do vin téc theo phuong bdn kinh 1a v.cos@
Ar &Qj

nén Al = ——n—
Zw.’i’:.osgo w

Viy thoi gian hoc sinh B dudi kip hoc sinh A 1a

g2 .5 e
w Ot

=Y A=

‘(Nh:}n x€t, Cice ban cd 01 giai ding:

Yin |_5‘£i'l: 'Ngu_\'é-u Newn Migh, 10 Li, THPT chuyén
Nguyén Tat Thanh; Pha Tho: Nguyén Thi Thu Hién,
10 Li, THPT chuyén Hung Vuong; Thai Binh: To Bd

Trung, 11AL THPT Dong Thuy Anh, Vi Huy Hodng
10A1, THPT Tay Thai Thuy: Nguvén Thi Huyén
Trang, 10 Todan, THPT chuvén Thii Binh; Nghé An:

.-\'gr:_\'tiu Tién Ding, Al K12, THPT Quy Hop 2
Newvén Thanh .Sm:_ 10A 1. THPT Dién Chiu 3; Ql.l.ll'llg
Ngiii: Ngd Thé Binh, 11 Li, THPT chuyén L& Khidt;
Binh Binh: Tran Minh Buo. 10 TL, THPT chuyén Le
Quy Dén; Bén Tre: Lién Khac Vi, 10 Li. THPT
chuyén Bén Tre; Can Tho: Nguvén Plioe Long
uang, 11A3, THPT chuyén L¥ Tu Trong.
NGUYEN XUAN QUANG

* Bai Mot hat 6 khoi lwgmg m

chuvén

1.2/393.

dong dwdi wic dong cua mot lue

F=—amr, trong dé o la mdt hang so
dieong, r la bdn kinh vecier cua hat doi voi
gOC tog do. Tim guv dao chuyén dong ctia

hat, néu tai thei J:Lnr han dan hat ¢d toa do

F=RAd va vdn toc v=y, ._Jf'. trong dé i, j ldn

firgrt e cede vector dom vi cua cde true Ox, Oy,

Léi gidgi. Trude hét ta tim cic phuong trinh
chuyén dong thanh phan cua hat theo cac wuc
toa do.

TOAN HOC
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« Theo phuong Ox, tacé F, =ma, =mx’, Taciinge v, =y = A,JEcos(JE.: +;01)
suyra —amx=mx hay X +ax=0 (1) .
Khi r = 0 thi v, = v, suy ra

Phuong trinh (1) €6 nghiém vy = A}.Jc;cosqi?; (9)

x=A, sin(\J’Ei‘ + ¢7|] (2) Vo

Giai hé (8) va (9) ta duge @ =0,4, = J_
Tur didu kién ban dau £ =0, x = rg, suy ra a

= A,sing, (3) vay y= -visin[\r{&.r) (10)
Ja
Mit khic, v, =x = A‘JECGS[JEJ + got] : !
2 -
Khi t=0,v,=0,suyra Tir (5) va (10) suy ra [i] _{J&y] =1
0=AJacosg, (4) 0 Vo

3 Tir d6 quy dao cla hat 1a mt dudng elip. m
Giai hé hai PT (3) va (4) ta dugc @} =—A =h. 4o
2 < Nhin xét. Céic ban sau diy c6 10i giai ding:

i Thai Nguyén: Vii Quang Minh, 11 Li, THPT chuyén

? T i ,. : z i ,

Vay x=nsin V'E’.I-{-— , hay _1':1;{1)&(\1'(_11] (5) Thdi Nguyén; Nam Dinh: Lé Quang Trung, 11 .Li,

\ 2 THPT chuyén L& Hong Phong; Ha Nam: Dinh Ngoc

Hai, 10 Li, THPT chuyén Ha Nam, Can Tho: Nguyén
Long Phugic Duomg, 11A3, THPT chuyén Ly Tu Trong.

e Theo phuong Oy, ta ¢6 F, =ma, =my", £ 2
: ' NGUYEN VAN THUAN

suyra —amy=my hay y +ay =0 (6)

5 . T
Phuong trinh (6) ¢6 nghiém Doc lai cho diing.

y=Asin(Jars+ ?2) (D Do so suit, d& bai T12/396 (trang 17 56 bio 396)
X ‘ di in nham HB’ va HC'. D¢ nghi sua lai la HB va
Tur diéu kién ban dau 1 =0, y =0, suy ra HC. Thanh that xin 15i tic gia va ban doc.
0=A,sing, (8) THTT

Tap chi Toan hoc va Tudi tré tran trong gi6i thiéu bd séchw
TUYEN CHON THEO CHUYEN DE
CHUAN BI CHO KI THI TOT NGHIEP THPT.
VA THI VAO DAL HOC, CAO DANG MON TOAN

B6 sach gom 2 tap:
# Tap 1: Dai sb, Luong giac, Giai tich
# Tap 2: Hinh hoc, T8 hop - Xac suat, S6 phirc

Cubn sach bao gém cac bai viet clia nhiéu tac gia duoc chon loc tir chuyén muc "Chuan bi
cho ki thi tdt nghiép THPT va thivao Dai hoc" trén Tap chi THTT tir nhiéu nam qua va duoc

sap xép theo cac chuyén de trong "Cau tric beé thi Tot nghiép THPT, thi tuyén sinh BH-
CD" ciia Bo GD&DT, cudi méi cuon sach la cac dé tu luyén.

Day la tai liéu tham khao rat bd ich cho giao vién Toan va hoc sinh THPT, giup cho cac hoc
sinh cuoi cap THPT on tap tot cho cac ki thi t6t nghiép THPT va thi vao cac truong Pai

A &

hoc, Cao dang, déng thoi co thé dung dé bdi dudng hoc sinh gioi.
Sach sé duoc phat hanh vao dau nam hoc méi.

\. i

TOAN HOC .
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EPEECTNY EP A TN

TAN NU THANH THUY
(GV THPT chuyén Luong Thé Vinh, Bong Nai)

ot s6 hoc sinh thuong gip khé khan
_khi phai tinh thé tich cia khoi tron
xoay tao thanh khi quay mét hinh phang
quanh truc tung trong diéu kién khong it
duoc x theo y dé dang. Bai viét nay s& gilp
cdc em giai quyét vudng méc trén.
I LI THUYET
1) The tich khoi tron xoay tao thanh Khi
hinh phiang quay quanh truc hoanh
Cho hinh phing (H) gi¢i han béi bon dudng
(C): y= f(x)lién tuc trén [a;b]
Truc hoanh x'Ox
(d):x=a;{d;): x=b
Khi dé thé tich khoi tron xoay (K) (h. 1) tao

thanh khi quay (H) quanh truc hoanh mot
vong la

b b
Vio =nf(f(x)) de=m[ydr.

d

Hinh 1

2) Thé tich khoi tron xoay tao thanh khi
hinh phang quay quanh truc tung
Cho hinh phéng (H) gi6i han béi bén dudng
(C):y=f(x)lién tuc trén[a;b]
Truc tung y'Oy
(d)):y=c; (dy):y=d véic=min{f(a), [ (&)},
d=max{ f(a),f(b)}.

a) Truomg hop 1. Ty = flx) lién tuc trén [a ; b]
& x = g(y) lién tuc trén [c; d].

Khi d6 thé tich khdi tron xoay (7) (h.2) tao
thanh khi quay (H) quanh truc tung mét vong 1a

o d
Vin= nf(g(»)’dy = nfx*dy.

b) Truéng hop 2. Khéng nit duge x theo y dé
dang, ta 1am nhu sau:
+ Chimg minh ham s y = f{x) lién tuc va don
diéu trén [a ; b), lic d6 tdn tai ham s6 nguoc
x = g(y) lién tuc va don diéu trén [c ; d].

d 3 d
+Détinh Vin =1 [(g(y) dy = m[x*dy ;

& [

Ta ddi bién g(y) = x va dy = f(x)dx. Khi d6
d b
Vi = nf(8(») dy = nfx*f'(x)dx.
IL. BAI TAP AP DUNG

@Bai toan 1. Cho hinh phing (H) giéi han
bdicécddthi{(?):y:xe";(ﬂ}:y:x;{d}:x: I
a) Tinh thé tich ,khc’ff tron xeay (K) tao thanh
khi cho hinh phang (H) quay mét vong quanh
truc hoanh.

b) Tinh thé tich khoi tron xoay (T) tao thanh
khi cho hinh phang (H) quay mét vong quanh
fric tung.

1 i i
Vp, = n[j(xe*fdx—szdx}
o o
1
Tinh/ = [ x’¢™dx bang cich tich phin timg
0

phan hai lan thu duoc [ = %(e2 -1).

TOAN HOC
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Vay Vig, :g(ez —l)—§=%(3c¥ ~7) (dwtt).

b) + Goi (T;) 1a khai tru ¢6 chiéu cao h = e,
ban kinh ddy R = 1 thi V., = T.R" 1 = e (dvtt).

+ Goi (T») 12 khoi tron xoay sinh ra khi quay
quanh truc tung hinh phang (H;) gici han béi
truc tung ; (C) va(d): y=e.

Trong d6 (C): y = fix) = xe* lién tyc, tang trén
[0; 1] & x = g(y) lién tuc, tang trén [0 ; e].

Khi d6 V,,, =m[g(y)'dy.
[i]

* Poi bign x = g(y) voi y =xe* = dy= (" + x")dx.

*Pdiciny=0=>x=0vay=e=>x=1.
I 1

lf[a,--l}--=:|:_[_rc2(n:-‘ + xe* )x = J(x3 + x2)exdx
0 [}

= (4 - e) (dvtt).

+ Goi (Ts) 1a khdi trdon xoay sinh ra khi quay
quanh true tung hinh phang (H5) gici han béi (A),
truc hoanh vax = 1. Khi d6 Vi, = Vi — Vitnen
voi khoi tru 6 chiéu cao A = 1 va bdn
kinh ddy R = 1; kh6i nén 6 chiéu cao h = 1
va ban kinh day R =1 thi

1 2
Vi, =121 — —m.12.1 = = 7 (dvit).
(1) 3 3 (dvtt)

-V

} Ty}

Vay lq”’:".r".- = Vt?'ln "V{T'z

=%e - 4 —e)- %n: n[ic—l;i] (dvtt). O

©IBai toan 2. Tinh thé tich ctia khoi tron xoay
H 1ao thanh khi gquay quanh truc tung hinh
phéng (H) gici han boi ba dicmg (C) : y = cosx

Voi x e ‘i{} : «Tﬂ , truc tung va truc hoanh (h, 3).

Lot giai. Phuong
trinh hoanh d
giao diem cua
(C) wva truc
hoanh c6 dang

Hinh 3

TOAN HOC

928 ' Cludifre S8 397 (7-2010)

cosx=0 x= ~+kn (ke Z).

Tir y = cosx lién tuc v nghich bién trén

[D ﬂ suy ra x = g(y) lién tuc trén [0 ; 1]. Khi
x=0thiy=1; x=g thi y = 0. Do d6

1
Ve =mf(g(y)*dy

0

1}
= nj'xz{—-sin X)dx=mn(m—=2) (dvtt).

2
(Bing céch tich phan timg phdn hai lan véi
cdch dit u 12 da thirc, phan con lai 1a dv). O

& Bai toan 3.
Quay hinh phing
(H) gioi han boi
cde dwong (C):
y = xlnx, Truc
hoanh va (d):
x=e(h 4).

mot vong quarh
truc tung. Tinh thé
tich khoi tron xoay

Htao thanh.

/(0

(d)

Hinh 4

Loi gigi. + Goi (H,) 1a hinh phang gici han
béi (d): x = e; truc tung va 2 dudng thang: y = ¢;
y = 0. Goi 712 khoi tron xoay sinh ra khi cho
(H,) quay mét vong quanh y’Oy, thi Fla khéi
try tron xoay c6 ban kinh d4y R = e va chiéu
cao h=e. Do d6 V,=me’.e = me’ (dvtt).
+ Goi (H,) 12 hinh phing giéi han béi 4 db
thi: (ICY »=xoy s mue yOry =4, y==5
Khi d6

(C): x=g(y) lién tuctrén [0; €]
(H3): {Truc tung y'Oy
y=0, y=e.
Goi (K) 12 khdi trdn xoay tao thanh khi quay
(H,) quanh truc y'Oy. Khi dé

Vin = nJ(g(y)]zdy - nszdy.
0 4]
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PROBLEMS... (Tiép trang 17)
FOR UPPER SECONDARY SCHOOLS

T6/397. Two circles () and ((O;) meet at
points K and L such that their centers O, and
0> lie on the same side of the line KL. The
tangent line to (0)) at K meets (O,) at A. The
tangent line to (0,) at K meets (0)) at B. Find
the area of the triangle AKB, given that AL = 3,

BL=6and tan AKB = —%*

T7/397. Let a, b, ¢ be positive real numbers
satisfying a + b + ¢ = 3. Prove the following
inequality

Ja+ib+¥c+52@+b)b+c)c+a).

When does equality occur?

T8/397. Solve the system of equations

(x=3z+ 277
y=3x>+2x?
z=3y +252

FTOWARDS MATHEMATICAL OLYMPIAD
T9/397. Let ABC be an acute triangle. Leta, b, ¢
be the side lengths of the triangle and &, A, ke
be the length of the corresponding altitudes.
Let r. R be respectively the inradius and
circumradius of this triangle. Prove the
inequality

9R
a* +b? +c?

1 1 I (_l_.

< + + <
ho+Jhh o+ Jhh, b +hh, 2r

T10/397. Let A be the set of n distinct points
on the plane (n = 2), and 7(A) be the set of
vectors whose endpoints are in A. Find the
maximum and minimum value of [T{A)l.

(where IT(A)l denotes the cardinality of T(A)).

T11/397. Let f be a continuous function on K
satisfying the following two conditions

f(2012) = 2011
Fx).failx)=1, Vxe R
Denote f,(x)= f(f..f(x))). Find f(2010).
i limes f

TIZ3%]. let (1) 8 = 1, 3,
sequence given by x, =2,1 and

X, —2++x+8x, -4

2

T |

Xn4l =

T g 1
For each positive integer n, let y, =Y — A
i=) Xy~

Find lim y,.

A=+

Translated by LE MINH HA

* Doi bién g(y) = x voi y = xlnx
= dy = (Inx + 1)dx.

* Pdi cén y=0=x=liy=¢e=>x=e.

Lic d6 Vig = 7 [x*(Inx +Ddx,
|

3
_ ﬂ[ 2“'9“)%(@ ~1)=2 (56" -2) (@0,

dme? + 21

Vay V, =V, Vig= (@w. 0

IIL LUYEN TAP

1. Cho hinh phing (H) dugc gidi han bai céc
duong y = x°, truc x'Ox va dudng x = 1. Tinh

thé tich khdi tron xoay (K) tao thinh khi
quay (H) mdt vong quanh truc tung.

(DS: 25_7[ (dvtt)).

2. Cho hinh phang (H) gidi han boi hai dudmg
(C):y=|? —2.:1 -
(A):y=x+4.

a) Tinh thé tich khdi tron xoay (K) tao thinh
khi quay (H) mét vong quanh truc hoanh.
(DS: 125w (dvtt)).

b) Tinh thé tich khdi tron xoay (7) tao thanh
khi quay hinh (/) mét vong quanh truc tung

(DS: 176n

(dvit)).

TOAN HOC
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Bai 7. CHUYEN DU LICH MIEN PHI

Mt Cong ty Du lich té chirc mét chuycn tham quan mién ph1 cho 1000 du khdch may mian nhén Ki niém 1000
nim Thang Long — Ha Noi. M3i ngudi cdm mét vé Ién thu ¢ ghl s6 ghé clia minh. Doan tau c6 ding 1000 chd
ngoi. Tuy nhién, ngudi hanh khich [én tau dau tién lai mat vé, nén anh ta chon mot ghc bét ki. Nguéi khich
thir hai khi 1én tu sé ngm ¢hé cua minh (néu ghé chua c6 ai nbm) hodc chon mét ghc bat ki, néu sd ghé cua
anh ta di ¢6 ngudi ngdi. Qud trinh et tiép tuc nhu vay. Hoi ngudi hanh khéch cudi ciing 1én thu c6 thé ngdi &

ghé nan?

Bai 8. PI THAM HA NOI
Hai con song lon chay qua Ha Noi
li song Hong vi song Dudng véi
cic cdu Thing Long, Long Bién,
Chuong Duong, Vinh Tuy, Thanh
Tri (qua song Hong, vi céu
!)LLOIIE Dong Trii, Phi Déng (qua
song Dudng) (hinh 1). Ban Du
dmh di tham mot so di tich lich
sir, vin héa va lang nghé truyén
thong & Hia Néi, nhung muén di
qua 1t cd cdc cly cdu (bang 6 16
hoic xe mf}_},) moi cau mot 1an sao
cho gqua moi cdu thi dimg lai th:‘im
mét hodc hai dia diém, biét ring
trure kKhi qua chiée ciu diu tién
ban Du dén tham chi mot diém.
Hoi s6 dja diém ban Du di dugc
nhidu nhét 1a bao nhiéu? Ban hay
thir 1ap mot duémg di nhu thé.

HOANG NGUYEN

Bai 9. AT CHAU 1HOA
Nhin Ki ni¢m 1000 nidm Thang
Long — Ha Noi, hai ban tham gia
trd chot [hd}’ phlen nhau dat cic
chiu hoa vao cdc hinh tron (mdi
chiu vio mét hinh tron) dé tao
thinh cdc so 1010 — 2010 nhu &
hinh 2

Mdi ngudi, dén lugt minh, duqc
chon mot trong tdm chir s va dat
mot s6 chau hoa tiy ¥ (it nhét 13
mdt chiu) vio cic hinh tron chua
¢6 hoa & chir s6 da chon. Ai dit
chdu hoa cudi clng, hoin thi¢n
cbng vige, 1a thing. Ban hay trinh
bay phuong dn dé gianh thing lgi.

AN MINH

THANH HONG

‘ Dén Sec

Dija dao
MNam Héng

. Dén tho
Hai Ba Trung

Deén thér

Ciu . An Duong Vuong
Thing Long
.,_\QW
1 &
Ciu o

Déng Tril o ':-3?%

Liang
Chu tich

‘i&b
Ha Chi Minh >

7

Rﬁn‘*\, <
T i Vg
Chu Chuoné [;Uﬂ%r‘ I??‘hﬁDa" Séng Dudng
0 L
Dén

S " Hy
: dng
a 75

Ciu
Long B

Chiia Thay

Kicu Ky

Chia Trim gl
Bit Trang
Van Phic

Dr‘:q ther
MNguyen Trdi

GugH Bues

Hinh |

PRI - 289D

Hinh 2

https://tieulun.hopto.org




https:rwww. facebook com/detrungldenmath

https:/sites. google. com/site/letrunglienmath

BO GIAO DUC VA PAO TAO - CONG DOAN GIAO DUC VIET NAM
NHA XUAT BAN GIAO DUC VIET NAM - VU PHAP CHE
VU GIAO DUC TIEU HOC - VU GIAO DUC TRUNG HOC

THE LE ,
CUOC THI VIET CAU CHUYEN TINH HUONG
DAO DUC VA PHAP LUAY

L MUC BICH _

- Tao su chuyén bién tich cuc trong nhan thic va hanh @ang cia
ddi ngd gido vién, cdn bd qudn Iy gido dyc 3i vdi cdng tdc gido
duc Elgqlu due va gido duc phdp ludt trong nhd trudng, qua d6
nang cao chat lmmg gido duc dao duc va phdp ludt cho hoc sinh
b fiéu hac, trung hot co's6 va trung hoc phéd thing.

- Lam phong phu thém nhing c6u chuyén tinh huong dao duc va
finh huong phdp ludt gitp cho gido vién va hoc sinh cd thém tai
ligu @@ day fot, hoc tot mdn Dao duc & tiéu hoc va mén Gido
duc cing dan o trung hoc corsd; trung hoc pha théng.

1. NOI DUNE

Dya trén co'sd cdc chi dé vé dao duc va phdp ludt trong chuong
trinh va sch gido khoa hién hanh mén Bao dut o tieu ﬂqt, mbn
Gido duc cong dan & bdc THCS, THPT ya cdc van de ve dao duc

vd phdp ludt trong dai song xa hi de viet mhdmg cdw chuyén

vé tinh hvong dao dit, tinh hving phdp lvit the f;l'én

trong cde mdi quan hé vai ban than, gia inﬂ, nﬁ Iniﬁnﬂlvﬁ Xd

héi frong viéc #m_t hién cdc chuan myc dgo duc va phdp ludt cia

ngudi cong dan. Cy the nhu sou:

1. Cac gid tri vd chuin mue doo diic

-Bii vdi bn than: Song gidn di, frung thu, tiet kigm, tu lip,...

- D67 vdi nguoi khdc: Yéu thuong con nqudi, dodn ket, tuong

trg, khoan dung, Ié 6, biét on..

- Do vai céng viéc: Siéng néng, kién tri, 16n trong ki ludt, ndng

dong, sdng a0

- Di vdi cang dang, @t nudc, nhan fogi: Yéu qué huong dat

nudc; fich cuc tham gia cdc hoat ddng tdp the, hoat dong xa hai;
tén trong va hoc hdi cdc gid tri 1ot dep, tinh hoa cun cde dan toc
khdc; vun @dp tinh htu nghi va su hop fdc vdi cde nudc, bdo vé

héa bin '

- Doi vai méi truong tu nhién:Yéu thién nhign, song hoa hop
vdi thién nhién, cd y thiic bdo vé méi frudng tu nhién,.

2. Cdc vin dé phdp lvit

- Quyen tré em duoc bdo vé, cham séc v gido duc; Quyeén va
nghia vu cta cdng dan trong hén nhin va gia girh,.'

- Thut hién irdt tu, an todn gico thing; Phang chang & nan xd
hoi; Phong chong nhiém HIV/AIDS; Bdo vé méi truong va tdi

nguyén thién nhien,..

- Quyén hoc tiip, sting tao vd phdt trién cia cong dén; Bdo vé di

san van hod; Quyén s hiu tai son cia cng dén vd nghia vy fon

trong 1di san cda ngudi khdc; Nghia vu tén trong, bdo v tdi sdn

nhd nuge vd loi ich cong cong.—

- Quyén duoc phdp luéit bo ho vé tinh mang, than the, sirc

khoe, donh dy va nhén phim; Quyén ty do fin ngutng va 1on
ido; Quyén bau cv, ing c; Quyen khiéu nai, 1o cdo; Quyén

tham gia quan Iy nhd nugt v xd g&_i,_

- Thu hign phdp ludt; Céng dén binh dang trudc phdp ludt; Vi

pham phdp ludt v trdch nhigm phdp Iy -

HL. THE LOAI, BAN THAD

Thé loai :

Céu chuyén (c6 nhin vt, cd cdt truyén,.) gdn vdi tinh hudng v
cdich xt'r’if tinh hudng.

Bdn thdo ,

- B4 daii bai viét khang qud 700 chi (2 trang kho A4). :
- Bdi du thi duoc viet hodc ddnh mdy rd rdng, sach frén kho
gidy A4. Bdi du thi chun dang t6i trén sdch bdo, chuu st dung
irén cdc phuong tign thang tin dai ching khdc. .

- Tdc gid ghi rd ho tén, dia chi, 50 dién thoai (néu c6) vio cudi
bai du thi.

V. BOI TUONG DU THI

- Tat cd ngusi Viét Nam & trong nudc va nude ngodi quan fim
1di viéc gido duc dqo diic vd gido duc phdp ludt frong nhd truing
deu cd tha du thi

- Biic biat khuyén Khich, ddng vién cac nha qudn ly gito duc; cdc
thay gido, cd gido dang dung lop gidng day hodic gﬁ nghi huy,
nhiit Ia nhiing gido vién day mén Bgo dut o fieu hot vi mén Gido
duc cong dan & frung hot co 56, trung hoc phd théng cdc em hoc
Sl‘ilflrﬁ vién tham gi :

- Méi tdc gid 6 the gui t 1den 10 cdu chuyén tinh hudng du thi
V. THOI GIAN NHAN TAC PHAM DU THI

Bof I: T 8 thang 6 deén 31 thing 12 nim 2010 (theo dau buu
dién). So'ket vdo dip dau nam 2011, :

Bat 2: Két thic nhin bai vao thdng 9 nam 2011, tong két v trao
gidi vo dip ky niém Ngcy Nha gido Viét Nam (20,/11/2011).

V1. QUYEN LOT VA G1AI THUONG :
- Bdil du thi ¢6 chat luong sé duoe Ban 18 chc gidi thigu i!ﬁ:ﬂ
tdi trén bdo Gido duc ]ﬁdi dai va md1 s bdo, tap chi cia ngd
Gido duc, s& duoc xuat hdn thanh sdch dé phuc vy viéc day -
hoc mén Bao duc, mén Gido duc cdng ddn véi gidi thigu 16i ban doc
frong cd nudt (Nguii viét duot hudng nhuéin bt theo quy dinh).
- (o cdv gidi thudng:

+ Gidi Nhat : 10.000.000 déng

+ Gidi Nhi :  7.000.000 dong

+ Gigi Ba:  5.000.000 dang 1

+ Gidi Khoyén khich : 2.000.000 dong
So hrong moi gidi sé do Ban chi dao Cudc thi quyét dinh. Ngodi
ra, Bon g[hi dao Cude thi va Cong dodn Gido dyc Vigt Nom cd
hinh thic khen thudng thich @dng danh cho cdc S¢ Gido duc -
Bdo a0, cdc co 5o gido dyc o nhiey ngusi tham gia d thi ¢6 ket
qud.Ban Gidm khdo cham cdc bai du thi gom cdc vién | nha
khoa hac, nha su pham c6 uy tin thuc hién.

Badi dv thi gui theo dja chi :
Ban té chut
Cude thi viét Cav choyén tinh hoong doo dt vd phap vt
81 Trén Hung Bao — Quin Hodn Kiém — Ha Néi
BT : 04.38222 393 - BTDD : 0913 219 551
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XUAT BAN TU 1964

56 397 (7.2010)

Tda soan : 1878, phd Giang Vo, Ha Nbi

@7 Bién 1ap: 04.35121607

0T - Fax Phat hanh, Tri su : 045.35121606
Email: tapchitoanhoc luoitrec@yahoo.com.vn

CHIU TRACH NHIEM XUAT BAN
Chu tich Hoi dong Quin tr1 kiém
Téng Gidm ddic NXB Gido duc Viét Nam
NGU/T. NGO TRAN Al
Phé Tong Gidm dic kiém
Téng bién tap NJ&H Gi;in'dl,lc Viét Nam
75 NGUYEN QUY THAO

BAN €O VAN KHOA HOC
GS. TSKH. NGUYEN CANH TOAN
GS. TSKIH. TRAN VAN NHUNG
TS. NGUYEN VAN VONG
(s, Du;w QUYNH
PGS, TS. TRAN VAN HAO
HOI PONG BIEN TAP

Tong bién tap : TS. PHAM THI BACH NGQC Thu ki Téa soan : ThS., HO QUANG VINH

15. TRAN DINH CHAU, ThS. NGUYEN ANH DUNG, TS. TRAN NAM DUNG, 7S. NGUYEN MINH BUC, 7S. NGUYEN
MINIL HA, 75, NGUYEN VIET HAL PGS. TS, LE QUOC HAN, ThS. PHAM VAN HUNG, PGS. TS. VU_THANH KHIET,
GS. TSKH. NGUYEN VAN MAU, Ong NGUYEN KHAC MINH, 75. TRAN HOU NAM, PGS. TS. NGUYEN DANG PHAT,
PGS. TS. TA DUY PHUONG, ThS. NGUYEN THE THACH, GS. TSKH. DANG HUNG THANG, PGS, TS. PHAN DOAN THOAI,
ThS. VU KIM THUY, PGS. TS. VU DUONG THUY, GS. TSKH. NGO VIET TRUNG.

TRONG SO NAY

o Toa soan Tap chi Toan hoc va Tudi tré Ki
niém 85 nam ngay Bédo chi Cach mang
Viét Nam.

Danh cho Trung hoc Co so — For Lower
Secondary School

Cao Vdn Ding - St dung vai tro nhu
nhau ciia céc bién dé ching minh bt
dang thric.

Loi giai dé thi vao 16p 10 chuyén Toan
Trudng THPT chuyén Lé Quy Dén, Binh
Binh, nam hec 2009 - 2010.

Dé thi hoc sinh gidi 16p 9 thanh phé Hé Chi
Minh nam 2010.

Chuian bi thi vao dai hoc — University
Entrance Preparation

Nguyén Anh Diing — Binh luan vé dé thi
tuyén sinh dai hoc khéi A, nam 2010.

Ban doc tim toi — Reader's Contributions
Tran Ngoc Thang — Vé mit bai toan thi.

60 0606 ©

Ké chuyén vé cic nhi todn hoe
Tran Vin Nhung — Thin déng toan hoc
Terence Tao.

| B‘mu i - NGUYEN THANH HONG

Tu kho tang toan hoc — From Math
Treasure

Lé Quéc Hdn — Sé siéu viéc e va cac bat
dang thic co dién.

@ Giai tri toan hoc — Math Recreation

Dé ra ki niay — Problems in This Issue
T1/397, ..., T12/397, L1/397, L2/397.

Giai bai Ki trudc — Solutions to Previous
Problems

Giai cAc bai cna sé 393.

@ Dién dan day hoc toan — Math Teaching
Forum

Tén Nit Thanh Thity — Thé tich khéi tron
xoay.

Cude thi Mimg Thang Long — Ha Noi
tron 1000 tudi. Pot 3.

Thé 1& cude thi viét caAu chuyén tinh
huéng dao die va phap luat.

MINHTHO
-‘_NGU_Y@N THI OANH
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Dia chi: 187B Giang Vo, Q. Pong Da, Ha Noi
Tal* (04) 39947746, 35122068 - Fax: (04) 35123278

GIOT THIEU BO SﬂkCH
BAI TAP BIEN SOAN MO1 CAP THCS & THPT

Nam 2010, Cong ty CP Dich vy Xudt ban Gido duc Ha Noi thugc Nha xudt ban Gido dyc Viét Nam
td chitc bién soan, bién tdp By sach Bai tdp méi theo mén hoc ¢ cdp THCS va cdp THPT. Noi
dung méi cudn Bai tap dwoc bién soan bam sat véi Chuong trinh, SGK va Hudng ddn thue hién
chudn kién thike, ki ndng, theo tinh than d6i mdi day - hoc va kiém tra, ddnh gid cic mon hoc ¢
treong phd thong. Nhitng cau hoi va nhitng dang bai tap trong sach rat phong phu theo hai hinh
thitc tric nghiém va tu luan gip hoc sinh ty kiém tra vé muc d ndm kién thitc cng nhu rén
luyén ki nang lam bai dé dat két qua tot trong kiém tra, dinh gia dinh ki, ké ca cac ki thi cudi
cdp, thi vao cac trudmg Pai hoc va Cao ddng. B séch dugc bién soan cong phu do tép thé tac gia
cO uy tin va tam huyét (hau hét da bién soan SGK, gido vién gidi,..) va dji ngtl bién tap vién co
trinh d6 chuyén mén cao, giau kinh nghiém lam sach.

Nha xuat ban Gido duc Viét Nam tran trong gioi thidu Bo sach Bai tap bién soan moi gdm:
e B sach Bai tdp moi cdp THCS (42 cudn)
e B0 sach Bai tdp méi cdp THPT (54 cudn, danh cho hai ban: co ban va ning cao).

 BAITAP

Hstﬁ’

Moi chi tiét xin vui long lién hé:
Phong Ké heach - Kinh doanh
Cang ty CP Sach va Thiét by Gide duc mién Bac
187 B G ang Va, 0. Dong Da, Ha Nai.

Tel: (04)38562011 - Fax: (D4)38562493

Bai tap

TIENG ANH 12

MAMNG CAD
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7 TRUING PHG THANG NEWTON
e et NEWTON GRAMMAR SCHOOL

A\

TUYEN SINH NAM HOC 2010-2011

HE SONG NGU QUOC TE
HE BAN Quoc TE
TU LOP 1 DEN LOP 12

*Muc liéu ciia nha truong:
- Md hinh du hoc tai cho;
*Hoat dong ngoai khoa: - Hi nhap quéc 1é
- CLB: bong da, bong rd, ey
aerobic, ngoai ngil,
ki nang sdng, da ngoai...
- CLB: Boi (2 bé boi nam
trong khudn vién trudng) .

e e

GS. TSKH. Tran Vin Nhung
Chii tich HPOT nha triving (bén phdi)

A e

* Mél truong hoc tap li tudng:
- 20 hoc sinh/Idp, trang bi hién dai: diéu hoa,

may chiéu, camera,...

- Chuong trinh tiéng Anh chuyén sau, gido vién

i 'ﬂ An an nat HS Phem Minh Thanh deat gigi Ba

liéng Anh ban ng Ki thi Obympic Toan hoc biang tieng Anh
DIA CHi: CUNG THE THAO DUGI NUGC KHU LIEN HOP TEL: 04, 37857002/04. 37857003
THE THAC QUOC GIA. MT DINH, TU LIEM, HA NOI EMAIL: info@ngs.edu.vn

WEBSITE: www.ngs.edu.vn HOTLINE: 0903.277.662

1SSN 1 0866-8035 Gifly phép XBs6 510/GP-BTTTT céipngdy 13.4.2010 .
Chiso: 12884 ~ Intai Cong ty CPin Dién Hong, 187BGidng V6, HANO Gid : 8000d6ng
‘Témnghin dong

MisG: 8BTOTMO In x-:.mg viinop Iuu chiéu thang 7 nam 2010
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