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AN 1P Y UEK &5 AW HUATBAN TAP CH TOAN HOC VA TUOI TR

Kinh guii: Cdn bé, Phdng vién, Bién tap vién, Cong tdc vien
va ban doc Tap chi Todn hoc va Tudi tré

Trong hé théng Nha xuat ban Giao duc Viét Nam, Tap chi Toan hoc va
oo Tui tré 12 t& bao cb bé day truyén théng va lich sir phat trién 1au nhat, dat

nhidu thanh tich nhat. Phat hanh s6 dau tién vao nam 1964, trong 45 nam
qua, Tap chi da khéng ngiing nang cao chat lugng noi dung, md réng cac
chuy&n muc, d8i méi hinh thitc, phong phii héa cac hoat dong dé dap img nhu
cAu day - hoc bd mén Toan trong nha truéing va tao mot "san choi" kién thic
b8 ich, li tha cho ban doc yéu thich toan hoc.

Gan nita thé ki qua, Tap chi Toan hoc va Tudi tré da trd thanh ngudi ban
6ng hanh than thiét, tin cay, d6i véi nhiéu thé hé thay cb gido, phu huynh, ban doc va hoc sinh,
sinh vién y&u mdn Toan. Cé nhiéu Ii thuyét, quan diém, dinh nghia khac nhau vé toan hoc va tac
dung ciiatoan hoc; riéng Tap chiludn phan d4u bén bi véi muc tiéu chudn bi hanh trang cho tudi tré
|a: - Gilip cho hoc sinh phat trién trithéng minh, van dung t6t kha nang suy luan; - Bat néntang cho
cac nganh khoa hoc tu nhién khac; - Rén luyén cho hoc sinh tinh kién tri va tu lap; - Thong qua ve

dep clia toan hoc, hoc sinh ¢ th& cam thu nhimg cai dep t6n tai chung quanh, tir 6 gép phan tao
nén vé dep manh giau ctia dat nudc.

\/6i hanh trang nay va nha su day do tan tam clta cac thdy cb gido, su nd Iuc cla ban than,
nhiéu thé hé tré tudi da trd thanh nhifng nha toan hoc vu td, nhing nha khoa hoc ndi tiéng, nhing
doanh nhan thanh dat... La ban doc trung thanh clia Tap chi, céng hudng véi suthéng minh, sang
tao va kién tri, nhiéu hoc sinh da vugt qua nhiing Ki thi toan hoc Quéc gia, Khu vic va Quéc té mét
cach xuat sic: nhiéu ban tré da cé chia khoa vang, md canh clfa cac trudng Bai hoe trong nuéc,
trong Khu virc va Quéc té mot cach ttin. Bola diéu tu hao cla Tap chi Toan hoc va Tudi tré! Xing
dang véi tam huyét va ki vong clia nhing ngudi da khai sinh ra Tap chi nhu: GS. Ta Quang B,
GS.L&VanThiém, GS. Nguyén Canh Toan, GS. Hoang Tuy, GS. Hoang Ching va nhiéu nha toan
hoc, thiy c6 giao khac nira.

Nhéan dip Tap chiToan hocva Tudi tré tron 45 tudi, xin gifi |3i cAm on chan thanh dén cac nha
khoa hoc, cac tac gia, cong tac vién, thay cb gido, phu huynh va cac ban sinh vién, hoc sinh da
ludn Ging h&, hé trg t& Tap chi yéu quy clOachingta.

Kinh chic cac Uy vién Hoi dong bién tap, Can bo, Phéng vién, Bién tap vién, Céng tac vién
cling anh chi em tba soan Tap chi nhiéu sifc khoe, bt Iuc va slfic sang tao ludn déi dao.

Chiic Tap chi Toan hoc va Tudi tré tiép tuc dat nhiéu thanh tich trén chang dudng phat trién
méi; ludn xem suf ti€n bo va thanh cong cla ban doc la niém vui va hanh phuc ctia chinh minh.

Xin tran trong kinh chao!

Ha Nai, ngay 2 thang 11 nam 2009

CHU TICH HOI PONG QUAN TRI -
TONG GIAM POC NHA XUAT BAN GIAO DUC VIET NAM
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4 "KHONG' chum lai\ e
THANH HON Wil CAQ "~

NGUYEN CANH TOAN !

oc sinh rt so diém "Khoéng". Trong todn
I_ hoc s6 0 lai ¢6 cong 16n. Sau day la cau
chyiyén vé ba sd 0 da dung cich gay trd ngai
nhfim kich thich ngudi lam todn phai sang tao
dé phic phuc su trd ngai, nho vay ma day
todn hoc 1én cao.

1) S0 mi "Khong".

Theo dinh nghia ciia liiy thira thi a” 14 vo
nghia. Nhung nguoi 1am todn khong chiu coi
ng 1a vo nghia, boi néu thé thi s& phai chap

nhin nhiéu han ché khic vé sau. Vi a4 g

aﬂ

(m, n 14 s0 tw nhién vi m > n), con khim=n
thi v& trdi thanh 1 va v€ phai thanh a° nén that
13 hop 1i néu quy wdc «” = 1. Tir day trd di, coi
n!}u dudng da mo thong dé lin luot chdp nhan
cfic 86 mi am, cdc $6 mi hiu ti rdi vo ti va
cudi cung di dén him s6 mi y =a*. Ta hiy
tam dimg dé gidi thiéu mot s6 0 khic.

| ¥

s, i I
) Neuyén ham cua —.
&

m+l

INguy&n ham cha x™ i , 541 khic nhay

m+1
Y: mot hing s& bat ki. Nhung vin b& tic nay

+1=20.5 06 v&€ phdi gay trg ngai
nhimg ngui
lam todn day
¢ chiu thua.

Ho Xoay sang
tinh dién tich

cla hinh gidi

E'Uﬂg _]..l'=_1_

- X
5 A truc hoanh va

hai dutig

Y A

TOAN H
z'tﬁm

(Ha Néi)

thing vuéng goc voi truc hoanh & hai ¢
hoanh do 13 a (hing s6) va x (bién s
a). Theo 1i thuyét chung thi dién ﬂg

: ] ~ | :

mot ham cua x ¢6 dao ham bang —. Chia
: X

doan [a ; x] ra n phdn bang nhau réi tinh tong

dién tich cdc hinh chir nhat & hinh ve, sau dé

cho n — 4w thi duoe dién tich cin tim. N6 I

mét ham logarit véi co s6 1a giéi han cua

1 7] ‘ ; ﬂ ; y 44
(H-—— , khi m — +c0, D6 1a mot 50 siéu
m

viét xap xi bing 2,71828 duoc ki hiéu lae.

Nhu vay, 1an nay m + 1 = 0, tuong 1a dua tdi
diéu vo nghia, lai 1am xu4t hién s6 vdi logarit
€0 s0 e cha x duge ki hiéu 1a lnv. Xin hiy tam
dimg d€ gidi thidéu nét s& 0 thi ba.

3) Giai phuong trinh bac ba.

Phuong trinh bac hai gx2 +bx+c=0 sgcbl
r{ghlém n€u b2 -4gc <. Diéu niy khong
lam ai thic mic v nhimg phuong trinh 0
ngplém lai ing véi nhimg chuyén vo 1i, vi nhu
3-_:}1 Xdy mot Cﬁi-. phong ¢6 chu vi 20m nhung

ién tich 13 30m? Nhung huéng sang viéc gil
cdc phurong trinh bac ba thi lai gap viec bé e

kKhi mot phuon : d s
Stk g trinh bac h ia Vo
cach gidi co 0 nghiém. Fenas

Ta h‘z’__‘}f' lay Ph'-fﬂng trinh x? —x =0 1am vi dv:

Egum?f 10 €6 ba nghigm 1a Q, -1, 1. Nhumg
i hg : ﬁic: Phuong trinh d6 bing cdch sau 44
mac di cdch giaj rat hop Ii:

Ta ad:

l; iﬁfzn SO x thinh t6ng ciia hai 4n s0 y V4~

h6i phae, -0 hav; 16 thuge nhu the ndo, b
gidi. Thay y bing y + =, ta c6
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(»+ Y =-(w+2)=0
hay » + :‘ +3pz(v+2)~(y+2)=0
hay p* +2* +(y+2)3)yz-1)=0.
Vi v va z khong phdi 12 hai dn s6 doc lap nén
dén day ta budc cho chung moi lién hé
=1 =0,
Vay y vi z phdi nghiém ding hé phuong trinh
i 1
[_1- +23=0

i
_'!_.-': g
Vi

Vay v' va =' co tong va tich theo thit te bang 0
nén la hai nghiém cua phuong trinh

bac hai X'~ +_}L =

F=

vi

27

Nhimg phuong trinh nay c6 0 nghiém ().
Trong tinh hinh d6, da c6 ¥ kién tdo bao la
chap nhin cin bac hai clha -1, qua do ma co
can bic hai cia cac s6 am. Vai ki hiéu 1= J-1,

viée gidi phuong trinh X2 +;_}_~ = () cho ta hai

oy 1 i : IO
nghigm i X, =y =—=i, Xy =z =——+1I.
._NG 3-4' )
Con phai tim cin bic ba cha i va —i. Ching s€
c6 dang m + ni, trong d6 m va # 1i hai sO taue.
(m+ni)' =m? +3mini—3Imn? —pli==i.

Vi ddu +, taduoe m* —3mn* =0 (a)
InPn—n*=1 (b)

Tir (a) c6 m = 0 hodc vi m* =3n’.

e Véim=0,tr(b)con’=-1,nénn=-1.

Vil ta ¢6 mot cin bie ba cia i 13 1.

- : y I
Vi m® = 30 thi tir (b) c6 8a° = 1 nén n =

Vay nguﬁi —ira, i con ¢6 hai can bac ba la
3+l —J_+|
2 !
Do d6 y ¢6 ba gid tri 12
1. f3+i =3 +i
T R

Phii ldy v + z d€ co x, nhung ldy y nao cONg
. ! ¢l ;
vai 2 nio? Do tich yz phai bang 3 nén chi co

ba cich chon v vii z, do 1a
. ——I—i vt - —| thé thix=y+z2=0.
J3 f3

W ; —«..r 3+i

- Vil
23 23

. - thé& thi x=y+z=1.

33! vil —ﬁﬂ . the thi x=y+z=-1.

’Lf 243
Viy s6 voO nghia da giai quy€t duoc bé tac dé

tim dugc ding ba nghiém 0, 1, —1. That e y
nhu trong chuyén thin thoai, o tién i da hoa

phép cho viéc gidi phuong trinh x}=-x=0
duoc thong sudt.

Sau khi ba s6 0 di ra mit déc gia, ta hdy thu
xem néu ching chum lai véi nhau thi todn
hoc s& duge cdi g1?

Pi c6 ham @* thi bay gio co thé nght dén
hiam e*. No ¢ gi la? Pat y =e* thi lny = x;

]
I

dao ham ca hai V&, ta cd 2 =1 tic y =y. Vay
¥

dao hiim cua e* lai 1A e*. Biy gid ta hiy fim
cdc ham =6 y théa man diéu kién sau day:
y+ 3y =0

Do (e*)'=e' nén ta nghi dén hiim s6 y =e®*;
khi d6 y"=K3e® va y+p"=(1+K)et.
P2 v€ phai bing 0 ta phai 1y K =+i. Vay
budc diu ta fim duoc hai him s6 y=c¢* va
y=e™ thoa man di€u kién y+y"=0.

Nhung mot didu la lai xuat hién; sd ma 0 o
ldn Juot cic s6 mi dm, hit ti, vO ti cdn quan
niém :?qu.ﬂ::; by gitr lai dén luot cii s6 1 la
lang kia vat véo ngdi vio vi tri s6 mi thi that
]E.ft qud la. Hay cir din 1én xem. Ta thidy nuay
rang Ae" + Be™* trong d6 A va B 1a hai hang
50 bat ki cling thoa min diéu kién y + y" = 0. Ta
di di hoi xa véi e va i. Hiy o vé gdn. Cic
hé‘lm:,f"=su1wﬁ}r=cmv:cﬁngttﬁanﬁndiéu kién
y+y"=0. ROng ra thi ham y=Csinx+ Dcosx

trong déC'vhﬂlhhaihang s& bat ki
thoa man diéu kién y+y"=0, aher

Ed- RO qlﬁir.%céulun 30 org




D¢ xdc dinh duoc A, B, C, D thi phi chon
cho diéu I{i{:n ban ddu nghia la cho mot gia tri
x, cha x va yéu clu cdc gid tri twong '.'rllg cua y
vi v' phai 1a nhimg s6 Y, y'y cho ler-:.‘I'hcﬂ
mot 1i thuyét chung thi khi d6, ham y i'.l1 duy
nhit. Ta hdy 1y x, =0, 3= 1, Yo = i dé xem
A. B 1éi C, D bing bao nhiéu. Thay v =0 vio trong
y=Ae" + B va vdo trong y'=ide" —-15e™,
taduoc 1 =A + B, i =iA — 15, tu do suy ra
A=1B=0. Viy ham y=e* thoa min diu
kién ban ddu (khi x=0) lay =1,y =1i. Thay
0 vio trong y = Csinv + Dcosx va
y' = Ceosy — Dsinx, tadwgc D =1,1=C.

I =

Viy ham y = cosx + isinx ciing thoa man diéu
kién ban ddu (khix=0) lay=1,y =1 Do
tinh duy nhat cla y khi da xdc dinh céc diéu
kién ban diu, nén ta ¢d

e =cosx+isinx vi do d6 e =cosx—isinx

@l 4 p-ir S‘n cir ___E—ir
s sINX =

s £l

roi suy ra cosx =

That la ling! Khong ai ngé cic him luong
gidc siny, cosy rat thuc (€ lai ¢6 thé dién ta
thanh ham lay thira véi sur giip d&@ cua e vi i,
Neéu ldy cong thic e™ =cosx+isinx va cho
x = n thi ta duge e™ =-], hay e"+1=0.
That tuyet vai va la ling. Nam s6 dic biét 13
1,0, m, e, i ra doi & nhimg thoi dai rdt khic
nhau, v6i goc tich rdt khac nhau béng nhién
tu hoi lai trong cong thic trén. Co thé vi cong
thie trén v6i mot ban hoa tau that hay cua
ndm nhac cu rdt khiac nhau: 1, 0, 7, e. i. Todn
hoc that 14 dep va nén tho, Chua hét dau. Con
nhi€u. nhiéu 1am v6i e, véi i. Xin hdy ché hoc
I&n Dai hoc v cao hon nita. Xin tam dimgﬁ
day v6i nhimg bai hoc cin rit ra cho "c4ch
hoc” néi chung va “cdch hoe todn" néj riéng,.

* l{hﬁlnF nén chi quan tim dén kign thire, di
cho kién thirc 1a cdn, tham chi 1a hay, 1i la
(nhu e va i), '

* Nén chd y rén luyén tu duy. Ho i

r duy & bai nay? D6 1a bj;i h::::: ﬂ{;-f;t: gtlaf
" r!ﬁt bai 14 me de cla thinh cﬂné", tmngglhm.;
bai dd cd mim méng cha sur thinh cong. Naj
mot cach bdc hoc hon thi: "That bai vi th?m]-:
cong 13 mot cap pham trd d6i 1ap" cdn kigo

TOAN HOC
4 ‘ Clusipe SS 389(11-2009)

dung dé trdnh bi quan khi that b,

i vdn frarn 3
o i quan khi thanh coOng.

trdnh ch :
# Nén chu y ren luyén nhan L'ilL‘h; Nhan c4ch
néi dén trong bai nay la rH”U finh k“’{“ tri
chan 1", Sau khi i di gidi quyet duge vin d¢
idi phuong trinh bdc h“;”'}"‘l“ NEUat vin
f;hm] chiu. Ho bao "i" la cdi gi? No la 56 hay
khong Iﬂhéii 1a s67 La s0 sao duogc khi ng
khong phai la két qua cua sur can, dong, do,
4ém. Khong phai la s6 sao no dam tra tron
vio cdc s6 roi nhay mua nhu cac s07 Ngug;
dé xuéng ra i van kién tri chan Ii va chiénp
thing khi ma trong todn hoc dd co khai niém
to4n tir. Vi du 2V thi 2 & day khong phii Ia
5@ (hai vecto f»?} ma 12 mot ki hiéu dé chi vigc
phdi xay dung mot vecto md&i cung phuong,
ciing hudng vai V vadai gip doi V; iV cling
chi viéc phai xay dung mét vecto méi bing cach
quay ¥ di mot goc 90°, nguge chiéu kim déng
ho ; i2F s chi viéc phai quay lién ti€p hai lin,
vi chi quay 180" nén co —V tic {—ljir"j? =]
Ia thé. Tﬂﬁﬂ h{;}l: nhdy "pa}-' ma di xa.

//J g i thim truiong ca ngay xida
Ban  xanh, phigng 36 dung da ndng ving
© Khang rang trusng mdi ba tang
cﬂmq nha vich {4 licn ham trinh bom.
Thim {b'u%q_. % cé nhd Con
Ba mui nim dy... phan min Thiy oi
19 Con % khdp bén phuong toi
tan i Jide "ming dac % trao
Qudn him hai gach ba saa
(Imﬁ'f %, Con vdn ndim nao mhe nhot :
.f'fﬁ! dicu thit 3¢ hidu thii :
la chin 0 cuge doi cida Con. "
DAQ QUANG PIEN |
(S GE&M‘ Hung Yén)
“*“**mw

E ol
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o duge Ioi gidi cua mot bai toan kho, chung
ta ché voi vang thod méan, ma hay tiép tuc

e A s A
| gt P

NGUYEN |

e Xétx > 1,taco 1‘4-+-~J{;3+§:=-I+J1_;_3=3.
o Xétx* <1,tacd o 4/x2 +3 <1+4/143=3.

=

e R - S . T - .

phén tich moi lién hé gitra gid thiét va két luén da : b %
duroc van dung trong 18p ludn cua 1oi gidi bai toan. e Xét =1 tacen +m =3 (ding).
Xoay s6, tim toi nhiéu khi lai giip ching ta c6 by atk (g e o LW e |
o mot [0f gidi khéc, 07 gidi hay hon, ngén gon T d6 suyra PT (1) co hai nghie

han. Tir do gidp hoc todn himg tho hon va dat Lo AT o £ 2 ade sd NEUVEN X
duoc nhimg thanh céng trong hoc toén. G. Polya ©Bai toan 2. Tim tat ca cdc EWY

(1887 - 1985), nha toan hoc vé 1a nha sw pham  thod man x}+8=T/8x+1 (2)
Hoa Ky, gbc Hungary d3 khuyén rang: "Ngay khi
loi gidi ma ta da tim duoc da la tot roi thi tim
duyc mit &7 gidi khéc vén cd loi. That & sung
suang khi két qua tim dwoc xdc nhén nho hai il
ludn khac nhau. C6 duge mot ching co rdi,
ching ta con mudn tim thém mot chimg co nlra e 7 40 46 x> 0. Ta cb
ciing nhwr ching ta mudn so vao mot vat ma fa : :
d trong théy." (2) = (x +33} =49(8x + 1)

b i a :
Ching t6i cho ring dAy Ia mot phong cach hoc tét <X |ﬁ-‘-1 F 64 =392x + 49
todn ma céc ban hoc sinh phai can thugng xuyén <& x + lox” — 392x+15=0
rén luyén. Dudvi déy la cac thi du minh hoa. = {I 5 3][,1;'5 + 311-'1 - gx?' 3 43}:1 o B [ 5} =0
Bai toan 1. Gidi phuong trinh ¢ hoicx =3
i D (1) hoicx’ +3x'+ 92 +43x° + 129x - 5=03)
(Dé thi chon HSG QI, TP. HCM 2005-2006) Dé thay x = 0 khong 1a nghi¢m cua PT (3),
Mat sé sich todn va ddp dn cho 16i gidi nhu suy rax = 1. Do d6 Ve trdi cha (3) Ién hon 0,
m":: e 5 hay PT (3) khong cé nghiém nguyén.
Dit 1=yx2+3 (1> 0). Suy ra a2 g Vay PT (2) chi co mgt nghiém nguyénx=3.0

Khi dé PT (1) trd thanh
=Pyt o ot SRS X =)
SE+NE-1+1)=0

& hodic 2 + 1= 0 (v6 nghiém) hode x* — £+ 1=0
S +3~-t-2=0

S tE-1-2=0< 1=~ (loai) hodc t = 2. ‘ ;
Viyt=2.tach Jx2+3=2 @ xX=1ex=%tL OBai toin 3. Cho a, b la hai 56 khong dm.

(Dé thi vao 16p 10 chuyén Toan trutmg THPT chuyén
L& Héng Phong, TP. HCM 2001 —2002).

: |
Léi gigi. Dicu kign 8x + 1 20 < xz—g,

Cdch khde. Dé ¥ ring v6i x = 5 ta c6
TVBx+1<TV8x+x=21/x <2lx<x’ < +8.

Tir 46 suy ra x chi ¢6 thé 13 cic gia tri nguyén
0;1;2;3 ;4. Thirlai ta nhin duoc x =3
thoa mén PT (2). O

Chitng minh rang
Vay PT (1) ¢6 hai nghiémx=1 vax=-1.0 3@’ + 7b° > 9ab? (4)
Tir 13 gidi trén, v6i nhn xét eing x' 2 0.5 20 yrsr & o todin vé it ding thite c6 i gidi
Va 144143 =3 , ta c6 l6i giai khdc nhu sau: nhir sau.
TOAN HOC
S0 589 (1-2008) ! CTygilpe 5
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QOO IGIIIIOWI. c-!ﬂl'm ogele;

TRUONG THPT CHUYEN LE KHIET, QUANG NGAI
NAM HOC 2009 - 2010

(Thei gian lam bai: 150 phiit)

Ciu 1. (3.5 diém)
1) Tinh P=+/15a%~8a\/15+16 khi ”:‘*EJF\E'

2) Gidi phuong trinh v25-x2 —/10-x2 =3.
3) Cho phuong trinh X+ mx+n=0. Tim m
va n dé hiéu cic nghiém cua phuong trinh
bing 5 va hi¢u cdc ldp phuong cua cidc
nghiém do bang 35.

Cau 2. (2 diém)

1) Chimg minh rang neu b la so nguyen Lu
khac 3 thi s6 A = 3n + 1 + 20095° la hop so
véimoin e N.

2) Tim cdc s0 tr nhién n sao cho w* + 18n +2020

la s6 chinh phuong.
Cau 3. (1 diém)

Cho x > 0. Tim gid tri cta x dé biéu thirc

N=

_ dat gia tri 1on nhat.
(x+2010)

Ciud. (1,5 :i’fém}

Cho ba diém co dinh 4, B, C lh"'ln;: hang theo
thir tu do. Goi (0) la dudng tron tha:,r doi di
qua hai diém B va C. Tir A k€ hai tiep tuy:n
AE, AF véi dudng tron (f}} (E, I la céc tiep
diém). Goi [ 1a trung diém cua BC; FI cat
dudmg tron (0) tai diém thr hai K. Chimg
minh rﬂng:

1) Hai diém E, F I1-:i.|T| trén mot duong tron cd
dinh khi () thay doi.

2) EK song song vai AS.

Ciu 8. (2 diém)

1) Cho tir giac ABCD ndi tiép dll’i‘.u]'l” Lrurl ()

v AD la dudng kinh. Biét AB=BC=24/5cm;
CD = 6cm. Tinh ban kinh cua dudmg tron (7).

2) Cho ducmg tron (O ; R) va hai diém A4, B
nim bén ngodi dudmg tron sao cho OA 2R.
Tim didém M trén dudng tron (O : R) dé tung
MA + 2MB dat gid tri nho nhat.

TRAN VAN HANH
(GV DH Phgm Vian Bong, Quang Ngdi) gin thigu

e Khi @ =0 thi BDT (4) ¢6 dang 75" = 0 (ludn
ding do b = 0).

e Khi a = 0, tha ca hai vé BPT (4) cho a
ta co

3 2
(4) = 3+?(£J = 9[!3]—]
a a

3 2
= T(E] = Q[EJ +3=10 (3)
a a

Xét ham sb fix) — Tx' = 9% + 3, véix 2 0.
Ta cd
Tfix) = 49x° — 63x% + 21

e 34f+36r)+(21x1 .y “_:_3] 39
7

>0, véi ¥x =0,

6 “fuﬁl;é S48 589(11-2009)

Vay fix) = 0, ¥x = 0, suy ra BDT (5) dang,
hay BDT (4) ding.

Péng thirc xay ra khi va chikhia=b=0. 0
Viéc chimg minh BDT (5) la Lhﬂng dum glan

Tuy nhién, hanL Ki thudt "lam giam" ta cé
duge loi giai mai sau dd}“

Vib=0nén3da + 70" 234 + 6b°.
Ap dung BDT Cauchy cho cic s6 khong am

ta CG

3@’ + 6b° = 3a’ + 3p° + 3p°
23343367307 = 9ah?,

Vay 3a” + 7 2 94b?,

Diing thitc xay ra khi va chi khi g = b = 0.0

Cic ban hay Suy nghi xem, cic bai toan trén
con loi giai ndo khac nira chéng?

http://tieulun.hopto.org



LOT GIAI DE THI VAO LGP 10

NAM HOC 2009 - 2010

(Dé thi di ding trén THTT so 388, thang 10 nam 2009)

VONG 1
Ciul.1) Tacd A=9>0nén PT di cho ludn Can 3. (h. 1)
co hai nghiém phéan biét u = m, v=m - 3. 1) Vi IE, IF
NTaco +vV =17 m +(m-3) =17 thr tr la
em-3m-4=0< m=-1 hojc m=4. duf:rng ki'}h
Ciu2 1) Pitu=x+y; v =xy. HPT di cho duomg uon

tro thanh ({}]} "i{ﬂj}

, u2+2u-—2p=13ﬁ Sl e HEE I’T’ ﬁ:

. utv=11 v=11-=u. J:F'F = Ofe- o) Ry
Suy ra

Tir d6 tim duge hai nghiém (v ;v) 1a (5:6),  Fpp = |80° hay E, P. F thiang hang.
(-9 ; 20).

o Vdi (u ; v) = (5 ; 6), tim duoc hai nghigm
(x:la(2;:3)va(3;2). OO0, = ff*ﬁ': (1)
o Vdi (u; v) = (=9 ; 20), tim duge hai nghiém
(x;3)1a(—4;=5) va (-5 ; —4).

Két lugn. HPT di cho co bon nghiém.

2) Sir dung BPT Cauchy cho ba s6 duong ta ¢6

2} Ta co AQ) 10, = AQ\ PO (c.c.c) nen

Mt khac, vi 0K, O:K 1a cac dudng trung
binh cia AIEF nén tir giac JO,KO; la hinh
binh hanh. Do d6 Q10 = KO,

e,

P=[.::—-Ey)+3y+—u——l— > 6. Tir (1) va (2) suy ra O PO; = QKO, . Do 36
T px—By) thr gide O;PKO; ndi tiep.

Dang thire xdy ra khi va chi khi 3) Kéo dai A7 ciit (0) tai A’ (khéc D). Ta cé tir

x—8y =8y [x =16y x=4 gidc IBFA' 14 hinh chit nhit nén BF = 14" (3)
8y = : = 1},3 =_!_ " _},.=J_' Mit khac, IK // AE, IK Il A'F va K 1a trung
yx-8y) 64 L= 4 diém cia EF nén [ 1a trung diém cia 44" 4)
VONG 2
Ciu 1. 1) DK x > 7. Ta ¢6 PT dd cho tuong <> 3% —44x—64=0
duong véi Sx=16(vix27).
I+ 1=2x— 7 +2+/x(x-7) 2) D& thiy x = 0 khong 1a nghiém ciia PT da
Sx+8=2Jx2Tx cho. Xét.x # 0, chia hai vé PT cho x* ta dugs

S8 389 (11-2009) T?g.ﬂugoc
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4 ’ .
- +—'1—-3 Xx=—|=2=()
o \ X

432 g
= [x—: —3(1‘—;]+E=ﬂ.

X X

.
Pat r=x—= khi d6 PT trén co dang
X

F-3t+2=0et=2holict= 1.

.
sVair=2thix-—=2=x-2x-2=1
X

T l+\l'§ hoiic x=1-43.
=5 -

s VGit=1thi x-==]l & x*-x-2=0
5
&> x=-| holicx=2.

Tép nghiém S={-1; -3 1+43; 2}.
Céu 2. 1) Ta co6 PT di cho twong duong vii
x+yP+(x -y’ -2.13(x—y)+ 132 =169
S+ +(13-x+y)=169=12"+5"
Vix, yvlacéac s0 nguyén duong nén dé !hﬁy

U<x+y<I13;0<13-x+y<13.5uyra

x+y=12 . |x+p=5
hodc
| 3=x+y=3 13—x4 =12
= (x:)=0C:2) hodcix:y)=(10:2).

Viy PT dd cho ¢o hai nghiém nguyén duong
(x:»1a3:2)yva(lo;2).

2) Gia sir ton tai s6 nguyén td & p sao cho
1 LN 44
—=——t— ' = p(m’ + 1) (1)
p. m n?
Suy ra m'n” : p. Do p 13 sb nguyén t6 nén
mn : p, suy ra mi p hoic n : p. Két hop véi
(1) suy ra m?+n?:p. Dodom: pvan:p=
m=p,nzp. Khido
| g b I g I 3 I ol
n:Tpt opt pe
Mau thuan véi gia st

p m?

=p<2,

Céu 3. Dit P=2y+3:+5 : 3:+x+5+x+2y+5
I+x +2y 143z

TOAN

8 °* H‘ocl;e S6 389(11-2009)

) |
= 2 - :
= I+x |42y 1+3:}

Ap dung BDT quen thuge vai cac 50 duong
a’ i}{nﬂ']‘z_‘
b+

e

EI
— , 5Uy ra

Ding thire xay ra khi va chi khi %: ;
L

]
F+3z 29 1 +
24+x+2y 143z

s

> 24, =
I+x+2y+3z 7

Suy ra PE% . Ding thirc xay ra khi v chi khi

| +x=1+2y=1+3zvax+2y+32=18
— T R T Mgl 3 e

Céu 4. (h. 2)

1) Taco
MA'= MB'
I
= 4B {l
5 (1
NA'= NB'

1
==CH 3
> (2)

Hinh 2

Mt khac,

vi BAC = 45° nén ACAA’ va ABA'H vudng
can. Suy ra ACA'H = A4A'B (c.g.c), do do
CH=AB (3)

Lai c6 NA'C=NCA'=MAA'=MA'A
MA'N=AA'C =90° (4)

Tir (1), (2), (3), (@) suy ra A'MB'N 12 hinh vuéng.

nen

2) Do O va A" thude dudng trung truc canh
AC nén A'O L AC = OA'Y/B'H. Tuong ty ¢
OB'lIA'H, suy ra A'"HB'O 1a hinh binh hanh.
Do dé A'B' OH, MN ciit nhau tai trung diém
moi dudng,
LE QUOC HAN
(GV DH Vinh) gi6i thiéu

http://tieulun.hopto.org



Iﬁl nghiép THPT
va thi vao
ﬂai hoc

rong cdc ki thi tuyén sinh vao cdc
trudmg Pai hoc va Cao dang ching ta
thuong thdy cé bai todn Ei.;’u' mot hé

phuong trinh hodc cdc bdi todn giai phu'mln
trinh (PT) ma dé gidi duge no ta phai din vé
hé phuong trinh, Vi vay, dé chudn bi 16t cho
ki thi Dai hoc va Cao ding sdp tdi, ching ta
cin On tap Ki cdc bit todn thudc loar nay.

Trong bai bdo nay ching ta quan tim dén
cdch gidi mot s6 hé co bdn va don gidn.

L HE PO1 XUNG LOAI MOT

| Mot hé hai PT hai 4n x vi y dudc goi la doi

vitng loai mét néu khi doi vai tro x cho v thi

| cdc PT trong hé duge git nguyén.

' Dai vii hé dang nay, thong thudng chiing ta

. ! o jx+y=4
dua hé di cho vé hé dang co ban
xy=2=8
(A, B 1a cidc s0 thuc cho trudc).
% Thi du 1. Giai Iié plhicong trinh
me

;
{x! + P4t =B

X"+ Xy +

Lot giai. Ta c6
B=( +)7) —(0) =(x +)7 +0)x" +)" —x)

"+xp+)f =4 (X% + 2 =3
-.:::»-:I: :-.y'p. oy 4I Y

X =X+ =2 xy =1
:}‘x+_r=u"§ hoac *I+y=_‘E

.'UII:I' L_i}l':]_

Tirdo suy ra hé di cho c6 tit ca bén nghiém. O
* Thi du 2. (Khoi DR2004). Tim m dé he pluiomy
winh sav o6 nehicém e

\"r.‘l:-l--J_l_“—‘]

xvx +_1,-*\{:1_J =|=3m.

Mot 36 chir g

\mammmnlnq

PHAM VAN HUNG
(GV Khéi THPT chuyén BHKHTN,
DHQG Ha Noi )

Léi giai. Pt t=+Jx, v= \jr}_ uz0.vz20.
Hé dé cho tré thianh

u+v=I u+v=l
_—
w+vi=1=3m

.y =m.
Do d6 u va v 13 hai nghiém cha PT £ —f-+m=0 {*,1

Hé di cho ¢6 nghiém khi va chi khi PT (%)
cd hai nthem ¢t khong am. Diéu nay lm:mg
duong vai

A=1-d4m=0 I
P=mzl
*Thi du 3. (Khai D2007). Tim m dé hé
phucons trinh san o nghiérm Hhie:
1 B g
Y +—+VY+—=3
A 1
l -
X ~ ' +—= | 5m =10,
X P
sou e i | I
Lot gian. 1At x+—=u, y+—=
X ¢

(lul = 2, vl = 2). Hé di cho trd thinh

Uu+v=>3
uy =8—m.
Do do u, v 1a nghiém coa PT £ -5t +8-m=0 (*)

Hé da cho ¢6 nghiém khi va chi khi PT (*) ¢
hai nghiém r,, 1, thoa man Ir,| 2 2 va [t} > 2.

[u+v=5
11; 3P — 3{u+v)—15m-'lﬂ

s
Tir do suy ra EEmEZ hodcm=>22.0

X Thi du 4. Tim m dé hé phicone trinh sau
o nehiém e

X1+ w =]
R = |

S6 389 (11-2009)
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Laéi giai. Day la h¢ doi xing loai mot, tuy
nhién rdt kho dua duoc vé he PT tong val tich.

Trudc hét, tir (2) ¢6 Il < 1 valyl < 1. Hon nira
0<x<1via0<y< 1 That viy, néu ching
han -1 <x <0 thi ¥+ < 1, trdi vai (1), Lay
(1) trir di (2) theo vé ta duoc

X(=-x)+ ¥ (1-y)=0 (3)

Dé thay trong (3) mbi s6 hang déu khong am
x*(1-x)=0

yi(l-y)=0.

Heé ¢6 hai nghiém (v; ) 12 (0; 1), (1;0). 0

vity phiai co {

% Thi du 5. Giav ;JIH:E:‘HH trin

s

A |
\_?"’l". | 4 x-“}". ST ST S

Lot giai. DK x = El Chia ca hai vé& cia PT

cho Yx>0 ta duge PT twong duong

{/;l-p--l I:}'l'l —
[ A

I

El'ﬁl,!lﬂ— 410 4 — =
X

u +v=
ta duoc ké
1:.' +v' =17.

- : : e L T
Hé nay cho hai nghiém ' vil :

Do do nghiém coa Fl'dachola x =

-.1I—

BAI TAP
1. Giai cic he phuong trinh sau:

b . T e 3
Lk by=Jay=3 Sy 4 10=0
E”i Y- b) AT T Y
4

5 9 4]
L\Jri'l-ill y+1= +av+y-=1
L wkii9
Nk Yoo =
(E®ipig = S
o DT R d) 3
I3 ead s ¥ =17 Fplatl
Ay t—==
iy

2. Tim n: 6€ Bé phuomg trinh sau o6 nghiém
{.r ¥+ %4y =§
vkl y41)=m.

3. Tim m dé hé san ¢6 mot nghiem duy nhii
{.t+:1'+.;_"p =2m+1

Xy b yiv=md +m,

TOﬂN HOC
10  ° Clusifye S8 389(11-2009)

4. Tim m ¢ ciie phuong trinh sau ¢6 nghiém :
ia) :}'It -4+ Ul4 e I}j’{.l'rl —siny 4 ’{."rl FRINY = m

I HE POI XUNG LOAT HAT

Mot hé hai PT hai an v va y duge goi la hé dai
vimg loai hai néu khi d6i vai tro x cho y thi
PT nay bién thanh PT kia va nguoc lai.

D6i v6i hé dang niy, thong thuong ching ta
|4y mot PT trir di PT kia va dan vé dang
(x=y)Fl, =0
% Thi du 1. Giar hé phieng trinh
[x7 =y} =447 +8y (1)
|12 = x¥ = 4x2 + 8x (2)
Loi giai. Lay PT (1) trir di PT (2) theo vé ta dugc
x—yprl=ypi—xP +4(x2 - y?)+8(y —x)
& (x=yNx2 4+ -3(x+y)+xy+8)=0.
DE thay x? +y? =3(x+y)+xy+8
= (x=-1DP+(x-1y-D+{y-1P=5>0.
Do déx—y=0 <> x =y, thé vao (1) ta dugc x
=0;y=0.

Vay hé da cho chi co mdt nghiém duy nhat

(x;»=0;0.0

* Thi du 2. Cinine minh rang hé phong 1einh
Lt =) (1)
Lt p2 ] (2)

co dung ba nghiém thue phen bié:,

Loi giai. Lay PT (1) trir PT (2) theo vé 1a duoc
X (1=x) =32 (1= ) =0

= (1= M=-x)-(-x*)1-))=0

< (1=pX1+y+y X1 =x) =0 —xX1+x+2K1-1) =0

& (I-x)0-y)y-x)l+x+3)=0

®* Voi 1-x=0 thi hé¢ ¢6 nghiém (x ; v I

ST

® VGi 1-y=0 thi hé¢ ¢c6 nghi¢m (v ; y) [a

O 1)

®* V& y—x=0 thi x = v, th€ vao PT (1) ta
duoe x¥+x*-1=0,

http://tieulun.hopto.org



&t ham Fy) = '+ 1° = 1, dé thay do thi cua
ham £F(0) cat truc hodnh tai mot diém duy
nhat, nén hé ¢6 nghiém v = y = x; trong do v,
la nghiém cua phuong trinh x' +x? =1=0.

e Vi |4 x4y =0, truong hop nidy h¢ khong
6 them nghiém nio.

Viy hé co ding ba nghiém phan biét (x; v} la
Oz 1), (1 ;3 0) vh (vg 2 Xp). vOL X, 14 nghiém cua
e+ =-1=0.0

* Thi du 3. Giai hé plurong trind

{ 2 e

2x) :
i X+ - I;_ cam—————— .I':' _|_ _h' {I}
| x' —-2x+9
| 4
' 2xy .
!.,,- e g = _'I.' by {j'
'| ”rl'1--3|1'+*J

v
I.oi giai. Hién nhién x = y = 0 14 mot nghiém
cua hé. Duéi day xét x= 0 va y # 1.

Cong theo v& hai PT treng hé ta dugc

| 1 1]
Qay| ———mt———————|=x + y".
'[l‘ﬁx—l}3+3 -‘[J#—I]I+B]
1 I 1

Chi ¥ riny ——=<—:
/ {,’{r—l}f +8§ 2
e Vai vy >0 taco

E.ﬂ'r

1 1
| m————— e
| #(x=1)? +8 fl"{yul}1+HJ

S xy£x?i+ )y,

Bing thic xay ra khi va chi khix=y=1.

» Vi vy < 0. Kha nang nay khong thé xdy ra,
that vay, khong mdt tong quat gia sur v < 0,
v =0 = diing thic (1) khong the xay ra.

Vay hé co hai nghiém (x; y) 120 ; Q) va(l; 1).0
* Thi du 4. Giai hé phicong trinh
J.‘l’ ARy T L Y

4y’ -2y +2=3"" 41

Loi gigi. He di cho twong duong vai:
U 41 =3
't"|""«.||"l.-FE +| =3

vii x=l=u, y=l=w

JP 4141

XEét ham f(r) .-r-u".':’_ri ca f1{1) -—-m =11

Vel = fir) déng bi€n trén ¥ . Suy ra u="v,
Xét phuong trinh w+ Ju’ +1 = L

I
Taco I =

_\.."u3+l—u'

Jut +1-u=3"
Vay

u' +1 +u=3"

(1)
(2)

Lay PT (2) trit PT (1) theo vé ta co
2i= P -3 & -3 -2w=0
Xéthim sé Flu)=3"-3"-2u.
Tacod F'(u) = 3*.In3+3*In3~2
= In3.(3"+3)-2>0,YVuekk
(do In3>1 va 3" +3" 2 2).

Do dé F(u) ludn ludn déng bién. Vay u =0 la
nghiém duy nhit coa PT F(u) = 0.

Sty ra PT di cho 6 nghidm duy nhit (x; y) 1a
(1:1).0
* Thi du 5. Giai plutong trinh

(2 +2x=-5V +2{x> +2x-5)=x+5.

Loi gidgi. Pat x* +2x-5 =1, ta dugc hé PT
P2+2r=x+5
x1+2x=1+5.

Gidi hé nay ta duoc bon nghiém cua PT da

e “14421 -3+\17
chola x. =— ; v =—2—-——. 0

BAITAP

1. Giii cic hé phuomg trinh sau:

A I
e =yp+— —
V=) y b) {'Jr,\:—-l'!'q'.]'fj—-}'z:{

Jy-14J6-x =3

2y = x+—

X
2. Chimg minh ring h¢ phuong trinh sau ¢6 diing hai
nghiém(x ; v) thow min x >0, y> 0.

i

" = 2007 ~

d B
¢¥ = 2007 - —=—

; -1

; TOAN HOC
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Pl teinhe (PU) Tdaig gicte vl dlivn ki {chi yeu

Pl urL- iindy ced edif i o Ban Ked Qe feefit «aul 1rung fiakm

vid e e cetnig ) T eleng Sodi el Dint, feay v R J‘-'l"r} fuif?
- § AT Vil il v

: e xnven dhen dé cdpy rong e iler 1K .I'rJ-;H J ,.'r h- 0
i s 5 4 TP e i [l

- B D var Cetes eletine, FXit ven iiedes l.'rM.._ Wit '*’.“j" ':‘ g

' o vl s cedede dlien dhent 13 codele i chidn ighien i

winile fried y .
J i vi didu kign khong hé dé dang. Bicn kites Mran v

fehi T w0 nehiinme cira PT hidomig greis thtimg fa va Tgn v

kan | &7

dieire Dicn didn ot dng Ty o2 o KCwatl € 157)
i

Hem niio, viirte mgt PT Dty grade, (i e e
- hidn doi ke nlan c6 the thie deere ede PU co han ke

I . ; i i T F TP TTT thadartn Ve
nihau va o do thu dioe 53 ho neliidm cing ahee hinly thive cere lio reglidsing it ke .I'.'.lll'.n'l'.' .r'nruf.'r l:llu F iy Qo It ,r
j i . ; |.|I|:'.' ||r.l.'|'.'|' |"II.'4'||I |I-:.'l".ll' e wetl |'I||I|I'.l-' I'."._-'.'Iun-'_l'.'l il

v cde em hoc sinh o mar s& kT thude (phomg plieg )

——

.|.-. ety ol o v

|
W rfr i e
[

M . . . |
RIS .I.'ll_ M Qlle” el |.|I.'|'|'-I J!hll-l.'rll THlenl ||'|'|'I|I FIpEsr Mol |I|r-|.I I-|I|'_| i J_ll Hii

Ki THUAT Tim NGHIEM
cva PHUONG TRINH LUONG €IAC CO PIEU KIEN

| (GV THPT chuyén Nguyén Trai, Hai Duong)

1. Phuong phap bicu dien dicu kién va nghicm
thong qua cing mot ham so luong gidic

% Thi du 1. Giai phicong trinh

| cos? x — cos® x|

(1)

cos2x—tanlx = -
cos? x

Loi gidi. DK: cosx # 0. Khi d6
ll:lH::r 2eost x~]—tan?x=1-cosx—1—tan?x
cosx =-—]
&5 2cos’ x+cosx—1=0 &
| COSX — —.
D6i chiéu véi DK cosx # 0 ta thdy ci hai gid
tri trén déu thoa man.

‘s{@y PT {1) c6 nghiém Ia
x = m+2kn; x=%+zﬁm (keZ).O

(Nhdn xét. Trong PT (1), ta di bién déi PK vi
ngzhiém fim dugc thong qua him s6 y = cosy.
Tir d6 chuyén viéc déi chiéu diéu kién cua x
vé: doi chiéu diéu kién cia y don giian hon
nliiéu (giong nhu trong PT dai s6).

* Thi du 2. Gidi phuong trinh

I | 2
- = ’
COS X (&)

sin2x  sindx
TOANHOQC
: Cﬁﬁ]t!:é_ So6 389(11-2009)
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PHAN TUAN CONG
cosx # 0 [sinx # %1
Loi giai. DK: {sin2x# 0 < |sinx =0
sindx + 0 : : 45
SN X =1T—,
| 2
Khi do PT (2) <> dsinxcos2x+2cos2x =2
<> sinx(2sin* x +sinx -1} =0
A 1
<> SINXE l—l :{J-;—}.
s e WA
Péi chiéu véi PK, ta chon duoc sinx = =

Viay PT (2) co nghigm la

x=%+2&n : x=%“+zkn (keZ).O

2. Phuong phap sir dung phép bién doi
lrong gidic
* Thi du 3. Gidi phuong trinh

TR (2 —sin* 2x)sin3x

(3)
COs* x

Loi giai. DK: cosx # 0 < sinv# +1. Ta co
(3) & sin® x+cos' x = (2 —sin? 2x)sin3x
< (2-sin*2x)sin(1 = 2sin3x) =0

. |
<> sindx = 5 (*) (Do 2--sin*2x>1 véi moi x).

u & I
< Isinx—4sinx=—

e
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Thay sinx =+l vio (**) déu khong thoa min
aén cde nghiém cua (*) chinh 1A nghiém cua
PT (3). Vay nghiém cua PT (3) 1a
,\-:£+E - .t=5—ﬂ+1k—ﬂ{k eZ). D)

: R 18 3

< Nhdn xét. Trong PT (3), PK cosx # 0 bién doi
| thanh siny # £ 1, r6i thay sinx = £ | viio PT
| (**) déu khong thoa min din dén nghiém
| cha PT (**) chinh 13 nghiém cia PT I’_*lEr]. Hl:u.r
" viy, khong cin phai tim nghiém cu thé, ta van
' ¢6 thé doi chiéu duoe véi diéu kién.

" 3. Phuong phéap thar true tiép
Do vai nhimg PT ma PK va nghiém fim duoc
khé dua vé cting mot hiim s6 luong gifc, ta co
thé tim nghiém cu thé, réi thay vio DK dé
kiém tra lai.
* Thi du 4. Gidi phiong trinh

cos3x tan 5x = sin Ty (4)
Lot giai. DK: cos5x # 0. Khi d6

PT (4) < 2sin5xcos3x = 2sin7xcos3x
&< sin8x=sinl2x.

k
Tim duoc :n:=H : x=l+—ﬂ[.’tEE}
2 20 10
k k
o Vi x :? thi c¢1551-=cﬂs%E=cm; =)

e k=2m{melZ).

kmt
o Vi :c:-~ﬂ:—+E thi EDES.‘EZUUS(E-#—]?&Q,
20 10 4 2

—_— —

Vay PT (4) c6 nghiém 14
X=mn; J|:=i+‘|{:—1rt (mkeZ) O
2010
% Thi du 5. Gidi phiomg trinh
i o ﬁ{sinxumsx}

cotx —1

(3)

tanx +cot2x ;
cosx=()

sin2x#()
sinx#()

+cot2x #0)
Lo gidi. DK e —
cotx—1=0

Lsinx-tm.r#&
Khidé (5) < sin2x= ~J2sinx
‘sinx=0

& sinx(2cosx++/2) = 0 & 3
COSX = ———

e Rd rang siny = 0 vi pham PK cia bai todn.

‘.‘,Iri X=X =§—;IE+2.‘E‘]T

e VOi cosx =—— &
3 in

x=x ===+ 2kn

Dé thdy PK sinx # 0, cosx # 0 thoa man.

Thay tric tiép cdc nghiém x;, x; vao he

' =0 : e ! 5

b 1 ta thiy chi co x, thoa man.
sinx—cosx # U,

5 n
Vay nghiém cta PT (5) la x = :+.?.kﬂ. d

4. Phuong phip bicéu dién tréen duing tron
luyng giac |
Ta bi€u dién tréen dudng tron nhimg diém
khong thoa min DK (dinh ddu "x") va
nhimg diém nghiém tim dugc (duge dinh dau
"9"). Nhitng diém danh didu "0" ma khong
trung vai diém ddnh ddu "x" chinh la nhimg
dié¢m thoa man DK. Phuong phdp nay co higu
qua khi s6 diém khong thoa man DK I it va ¢
vi tri dic biét, déng thoi cdc phuong phép da
néu to ra khong hiéu qua.

<Nhdn xét. Mbi cung (hodc goc) luong gidc
duge biéu dién bdi mot diém trén dudng tron
lugng gidc (quy dinh goi tat la duong tron).

i) x=a + 2kn duoc biéu dién trén dudng
tron bor mot diém.

ii) x=a + kn dugc biéu dién trén dudmg tron
boi hai diém d6i xiing nhau qua géc O.

) x=a+

— biéu dién trén dudng tron

ud
bai ba diém cdch déu nhau, tao thanh ba dinh
mot tam giac déu noi ti€p dudng tron.

y : k2 du T
Téng qudt. x=a + ol (n 2 3) biéu dién trén
n

duemg tron bdi # di€m cich déu nhau, tao

thanh » dinh mot da gidc déu noi ti€p dudmg
tron.

% Thi du 6. Gidi phicong trinh

sinx+sin2x+sin3x
COSX + COS2X + cos3x

TOAN HQC
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|.oi gidi. DK: cosx+cos2x+cosdy # 0.
T kTN
X#—+ -'-;.—
e £ 9E 2 .Khi d6
x#t?-r 2km
; T N
PT(6) = tan2x=43 < FoE e (ne?).
iy Tre dutmg
: tron  lugng
| gidc: biéu dién
| T nn
| X=—4—
g
[ bai 4 diém
= (ddnh diu "0"):;
| biéu dién
T kT
X=—— i
g 2
Hinh 1 o iE{_J_ Sim

n rl

E
i 6 diém {dﬂﬂh dé’lu %"} (h. 1). Ta thdy c0 3
ElTl danh t:lé‘fu ‘0 khong trung vai dau "x

y PT (5) 6 nghiém la

I

I

|

I

|

|
‘:k']
|

5
::-j—t--I—;l_I',I'[: X —n+2.*ﬂ't 0
6 6
i du 7. Giai pluteng trinh
lcosx|+sin3x=0 (7)
Lot giai. » Khi cosxy = 0 thi
I=—§+k'ﬂ:
(< cosx+sin3x=0 & (*)
3n km
X=—+—
e & T
dn iy 2 .z v
Biéu dién (%)
i trén dudng tron
f lugng gidc ta
Y Moc 6 digm
dinh diu "0,

trong do ch: co

1z 3 diém nam bén
8 phai 1wuc Oy
Hinh 2 (cosx 2 0) (h. 2)
ung viv
;':.=~£+2k:r:; x1=»~3+2k1t;
4 8

]

3=-?i-s"+m (kD).

TOI-'!N ché S& 389(11-2009)

14

e Khi cosy < 0 thi (7) ¢ ~cosx+sin3x =0
tim durgic
B
x == 4 kn
e
A

MatEEL LRed
Biéu dién
trén dudmg tron
lwgng gidc ta
duge 6 diém
trong doé chi cé 3
diem ndm bén
trai truc Oy

(cosx < 0) (h. 3) img voi

5 On AT
.\:¢=E+2km X; :Tﬂh; % =-:1—+2k11:.

A =

g

Hinh 3

Vay PT (7) ¢6 nghiém la x,, x5, %;.
nhu trén. O

Xis s

5. Phuong phip tong hop

Khi timg phuong Frhdp riéng kho thuc hién, ta
c6 thé phdi hop ciac phuong phdp lai dé dai
chigu didu kién voi nghiém tim ducc lam cho
bai todn do phifc tap han.

* Thi du 8. Giai phueng trinh

log, [t»‘.inE —sin .r} +log, (Mn‘—r +L‘{.J51T} = afh)
2 2
Loi giai

ol gt -
51n-;—5mx=5|n§-+m::sf’,x (*)

PT8) < { *

o g
sin=—sinx> 0 e
Tacd(*) < 2sinx—sinx—1=0
1 s
X=X =—+2kTK
sinx =1 ;
|
= R — T . & T
SINY = —— 5
Tn
X=X — o JKTL
Nhin thiy - 6

. N a
B .u;mE'u siny; < 0 (khong thoa man (%))

(Xem tiép trang 28)
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(D VIETNAM

| Baid4,Chotam giac ABC, E la trung diém cua BC, tréncanh AC ]f'a}f diém D thoaAD =3DC,

CALCULATOR

PE THI HOC SINH GIOI GIAI TOAN TREN MAY TINH
cAM TAY VIETNAM CALCULATOR THANG 11/2009

Trudng ban té chire: Trdn Minh The
Chuyén vién Toan hoc sinh gidi may tinh cam tay
VIETNAM CALCULATOR UN-570RS  VN-500RS

Bai 1. Tinh gid tri cia bidu thire (ghi két qua gin dang dén 5 chi s6 thap phén).

N= jll}+ 1 lJZl}?s 12008 + j?[]+ 1 IJZIZII 12009 ++20+ 11420112010
Bai 2. Hay dung thuit toan trén may tinh VIETNAM CALCULATOR VN-570RS dé xac
dinh s6 nguyén t6 trong cac so saudiy: 3571 ;4681 ; 5281.
x + x

x+3°

Bai 3. Cho ham so flx) =

Tinh téng (trinh bay thuat todn va ghi két qua gan ding den 5 chir s6 thap phén).
S=fcot' 1)+ flcot’2) +flcot'3) + ... +flcot'99) + flcot'100)

cho biét goc A=40"va goc BDC=65". Tinh s do (d0, phut, gidy) clia céc goc BCAvaEAC.
H'aiS.TirpxhiétA:_ﬁC_::_, -P,,,-x" -(2x+3)"=33772562, véiP, 1a s6 hoan vi cia n phén
tir, A" 12 s0 chinh hgp chip k cia n phan tir, C, 1a 50 t6 hop chédp k cua n phén tir.

HET

Thdi gian giri bai du thi: Tir ngay 15 dén 30 hang thang.
Cong bd két qua: Ngay 8 hang thang.
Co ciu gidi thwérng:
-1 Giai nhat mdi giai gom 01 may tinh VN-570RS + 150.000 déng + Gidy khen.
-2 Giai nhi méi giai gom 01 may tinh VN-570RS + 50.000 dong + Gidy khen.
- 3 Giai ba moi giai gbm 01 may tinh VN-500RS + 50.000 dong + Giay khen.
- 3 Giai trién vong moi gidi |3 01 may tinh VN-500RS + Gidy khen.
N&i dung bai du' thi bao gom:
- Tén, ngay, thang, nam sinh, dja chi; Lop; Trudng.

.....

- Ldi giai chi tiét, trinh bay cac quy trinh an phim ro rang.
Bai du thi xin gui ve:
-Béng thu xin glri: CONG TY CO PHAN MAY TINH DIEN TU VIET NAM.
Piachi: 63/117 - ThaiHa Quan PpongDa HaNai. Dién thoai: 04.35378736.
- Bang email xin gui: btc_hocsinhgioitoan@maytinhdientu.com.vn
Moi théng tin vé cudc thi va danh sach ngudi tring thudng sé dugc dang tai website:
www.maytinhdientu.com.vn.
Thi sinh tham dw cudc thi lwu y: Bugc phép dung may CASIO fx-500MS va fx-570MS dé tham
di cudc thi vi 2 may nay cé cach st dung va chirc néng twong tu' vdi VN-500RS va VN-570RS.
Khéng dwgc ding may fx-500ES va fx-570ES vi trinh tu' bam phim cua dong may nay khac vdi may
VN-500RS va VN-570RS.

httptieatan-hepte-o!



CAC LOP THCS

Bai T1/389. (Lép 6). Chimg minh ring so
ciic chir so cua hai gd 20082009 4 72000 3
008*™ bing nhau.

Ld

NGUYEN DUC TAN
(IF'P. Hd Clii Minl)

Bai T2/389. (L6p 7). Tim gid tri nho nhit cia
biéu thirc 4 =1-xy; trong dé x va y la cac so
ﬂLy‘c thda man dicu kién

IE‘U’:}'} +.},1DH'J — EIIHIPJ_FIEI{H- i

NGUYEN TAN NGOC
(GV THCS Nhom M3, An Nhom, Binh Binh)

Bai T3/389. C6 ton tai hay khéng s6 nguyén
duomg # 530 cho n® 4 26" = 21200 7

PHAM MINH PHUONG
(GV THPT chuyén, DHSP Hd Ngi)

Bai T4/389. Cho tam gidc ABC vudng fai 4.
Tren cac canh A8, BC, CA theo thir i lay cac
diém D, E, F sao cho DE L BC va DE = DF.
(ol M la trung diém coa EF. Ching minh
ming BCM = BFE.

THAI NHAT PHUONG
(GV THCS Nguyén Van Trdi, Cam Nehiu,

Comn Ranlr, Khdanh How)
Bai T5/389. Cho x, y. z la céce 6 thyc thudc
Rhoang (0 ; 1). Ching minh ring

! | |

t =

(1= wl—z) z(l-x)
3

vz (1= x)l=y)l=z)
Ding thire xay ra khi nao?

PHAN MANH HA
(GV THPT Phan Thaic Triee, Yén Thanh
Nghé An) :

n
16 ' Cuniipt. .ok soun

CAC LOP THPT
Rai T6/389. Giai phuong trinh
Wx? dx+3 4 Ydx? -9x =3

VA =2+ 2 #3422 ~3x =2,
NGUYEN SANG
(i W)

Bai T7/389. Cho da gide 1oi A A...A, (n 23
ngoai tiép duong tron tim J. Chimg minh
ring vai diem M bat ki thi

}:LUH%{ MA —J4,) = 0.
I=l

PAU THANH KY
GV THPT Dién Chén IV, Nzhé An)
Bai T8/389. Tim tat cd cac hamso f: & > &
théa man dic¢u kién
flxy+ f(2)) =

val moi x, y, = thuge K.

xf{y) ;J:‘ff - i

TRAN NAM DUNG
(G Khow Todan, DBHKEHTN, DHOG TP. Ho Chi Minh)

TIEN TOT OLYMPIC TOAN
Bai T9/389. Cho cdc s6 duong a, b, ¢. Chimg

minh ring
a o o g2
— e
At

2 Va2 —ab+ 5 +\[b? —be+ &+ —cara .
NGUYEN MANH TUAN

N WSV Khou Bién, K49 DHBK Ha Ni)
Bai T10/389. Cho tam gidc ABC nhon, cdc
dudng ¢ao AD, BE, CF dong quy tai H. Trén
LEE Ia:fr diém K sao cho DK = DH. Trén DH
lay di&ﬂ? { sao cho IKD =9Q~ Ching minh
ring dudmg tron tdm /, ban kinh JK tiép xc
vui dudmg tron dudmg kinh BC.

NGUYEN MINH HA
GV THPT chuven, BHSP Ha Noi)

gu: 'E.HISH‘J. Cho (u,) la mot diy so dwong.
it ,

= i
i _H| -i" HE\ +*I': +--|+H;} \*[&I‘ H = I! 2" AR

G!ﬂ. Su Hyy) S “.S.lr "'I]Hu +“.u-|}
MM T 5

NGUYEN HOANG NAM
(Y THPT E*ﬂﬂ:ix, Gier Lat)

, vOi mol

http://tieulun.hopto.org
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B 1 12/389. Cho p la mdt s6 nguyén 16, v
cie s0 tr nhién m, n. ¢ thoa miin 2 < » < m va
g) = 1. Chumg minh ring L chia hét

chn pl (rong d6 C) 18 86 tn hqrp chip &
ctia i phan ). "
TRAN MINH HIEN
(G THPT choavén Quang Trunyg, Binh Plidac)

CAC DE VAT LI

'Hal 1.1/389. Mot doan mach dién AC co cac
linh kién: cac dién tro thuan cac cudn thudn
cim va cdc tu dign miic noi tiép. B 1a mot
diém trunr 40",

' a) Cho biew:

L ugp =l sin(10008) (V)

Uy =3 sin[1 000r - %) (V)
=107 sin(10001) (A)

Tim bi2u thirc cia u .

by Gitr neuyén cic linh kién cta mach dién,

tang tin so goc cua dong dién Ién 200057 thi

biéu thirc cta i', u' 4, u'pe nhu sau:
i'=10"%sin(20000)(A)

A = -%Sin[iﬂﬂm +%) (V)

2

T —ﬁ51n£2ﬂ{]ﬂt+ J{’U]

Tim biéu thire cha u' .
¢) Trén AB va BC ¢6 cde linh kién gi? Xac
dinh d6 1ém cua chang,

NGUYEN QUANG HAU
fHa Noi)sr)

Bai L2/389. Mot
hinh try dic durgc
gan vai mot 16 xo

-

= ) [~
khong khoi lugng, o / ,
nim ngang, sao e : [
ngang, sa0 "N ngsstins—

cho no co the lin _ T ,f,ﬁ:

khong trugt trén
mdt midt  phang
ngang (hinh ve).

Lo xo ¢6 do cimg k = 3,0 N/m. He dugc tha
tir nghi & mét vi tri ma lo xo bi kéo gidn

0.25m.

a) Hiy tinh déng nang tinh tién va dung nang
guay ctia hinh try khi n6 di qua vi tri can hiang.

b) Chimg minh rang, trong cdc diéu kién a:h
khdi tam caa hinh tru thue hién mot chuyen

o 5 e gt im
dong diéu hoa vai chu ki T =2n 3 trong
dd m la khoi lugng cta hinh tru.

NGUYEN VAN THU AN
(GV DHSP Ha Ndi)

PROBLEMS IN THIS ISSUE

FOR LOWER SECONDARY SCHOOL

T1/389. (For 6" grade). Prove that the
number of decimal digits in 200820 422009
and 2008 are equal,

| 12/389. (For 7" grade). Find the least value
. of the expression 4=1-xy, where x and y

are real numbers satisfying the following
condition:

T3/389. Does there exist a positive integer
number n such that n® + 26" = 21297

T4/389. Let ABC be a right triangle with right
angle at 4. On the sides AB, BC and (A,
choose D, E and F respectively such that

DE L BC and DE = DF. M is the midpoint of

EF. Prove that BCM = BFE.

T5/389. Let x, y, z be real numbers in the
interval (0 ; 1). Prove that

I ooty o)
x(1-y) »(l-2z) z(l-x)
3
xyz+(l=x)1=p)1-2)°
When does the equality occur?
(Xem tiep trang 28)
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* Bai T1/385. Ki hiéu S(n) la téng cdc chit 5o

cait 1. Tim 56 nguyén dicong n sao cho
Smy=n"=20092+ 11,

Lot giai. Vi s6 nguyén duong n bit ki viet
trong hé thip phan thi
n=a 10" +a, . 10" +...+a,.10+a,

2 4,y F..Fa +a; =5(n).

Gia su S(n)=n" —-20091+11 thitir S(n)<n
la cé

- =2000n+11<n = n*+11<2010n

= n+££2ﬂl[}
n

= n < 2010 (1)

Mait khic S, > 0 nén
ne —=20090+11>0 = n*+11> 20008

= n-r!—l— > 2009 = =2009 (2)
H

Tir (1) va (2) phai xay ra 2009 < n < 2010.

Thar wai n = 2009 ta thiy
2009- -2000.2009+11=11=2+9=5(2009).

Ddp s6. n =2009. 3

< Nhan xét. 1) Nhiéy ban gidi dén (1) va (2) 44 ket
lwin ngay # = 2009 miv khémg thir xem # = 2000 ¢
tioa man de bii hay khong. Nhiéu ban chia ra hai
truomg hap o = 2008, 0 = 2010 v st dung O < S(n) <
€ 1ap ludn cing diin dén két qui.

2) Cie ban saw c6 1o g 1ot

Phi Tho: Bii Cong Ciuimg, 6A1, THCS Lam Thao:
Vinh Phic: Nguvén Vier An, Plan Thi Vian Anh, Pai
Thi Hewipeg Yén, Ta Thanh Xudn, 6A1, THCS Yén LEI;.:.
Vii Minh Chiéh, 6B, THCS Lién Bio, TP. Vinh Yeén,
Khdng Trong Quang, 6A, THCS Déng Qué, Song Lo,

TOAN HOC

18 ‘: CTusibre S6 389(11-2009)

Lé Thao Amh, Nuguveén Thi Negec Anh, Triemy Thiy
Doy, Modng Hedi Ddang, Ngivén Thay Link A, Bi
Minh Pliamg, 6A1, THCS Hat Ba Trunmg, TX. Phic
Yeén, Som La: Tran Cong Minh, SA, TH Mac Ly, Moc
Chiu; Hal Phong: Neuvin Hitu Bdo Minh, 641, THCS
Hong Bing; Ninh Binh: g Minh Hién, 6A, THCS Phit
Digm, Kim Son; Ngheé An: Dao MV Linh, Binl Thi
Hdng Ngoe, Lé Hd Minh Tudn, Neovén Ddang Nguyen,
6A, Nuuyen Bia Khinh Hoa, Pham Vin Quyén, 6B,
THCS Ho Xuan Huong, Quynh Luu, Adn Hang Oudin,
G, Pl Lumg Ting Diemy, 6C, THCS Can Xuin
Huy, Dién Chaw, Bedn Xdn Ouyp, 6A2, THCS Tri Lan,
Con (.“lll._l-l'lgi Ha Tinh: .I"i'rl1,:.l'|'l'|.'1'-'£'” T.l'fr' .f.f:;f:g Numi, 6B,
THCS Xudn Di¢u, Can Loc; Thira Thién — Hué:
Nguyen Xuwin Ngoe, 6/1, THCS Phi Thanh, Phi Vang:
Quang Ngai: D4 Twin Kier, Pham Trung Anh, 6,
THCS Trin Humg Hao, Quing Ngii; Binh Dinh: Plium
Plugenig Theo, 6A5, THCS TTr. Phi My.

VIET HAI
w Bai T2/385. Trong hinh vuong ABCD ldy
hai diem P, Q suo cho BP song song
vl DO va BP? + DO = PQ’. Hay tinh dg lom
o PAQ.
) F A

Loi giai. Trén
nira mat phang
bod BC chita A h

ldy diém E sao \
0

cho BE | BP \
:

vi BE = DQ. Ta
chd BP? + BE?
=BF* +I(F = PE? (gia thiét), suy a PE=PQ (1)

c

Goi F la giao diEm cha BP véi AD, do
BP(/DQ suy ra ADQ = AFB.

Ma AFB+ ABF =90" = PBA + ABE

-] .@ = ABE.

Xét AABE va AADQ ¢6 AB= AD; ABE = ADO:
BE = DQ nén AAB = AADO (c.g.c).

{AE = AQ (2)
S Rk il el VY '
BAE = DAQ = QAE =90~ (3)

Tu (JE& (2) suy ra AAPQ = AAPE (c.c.c)
= PAQ = PAE (4)

Tir (3) va (4) suy ra PAQ =45, 0
{Nh:;n Xet. Tt ¢ cie ban tham gia giti bai déu cho

i giai ding vai phuong phip vé thém duimg phu. Cic
bin suu day c6 16 gidi o1 -

http://tieulun.hopto.org
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Wai Durong: Fredn Xdn Thang, 7/1, THCS Lé Quy Daon,
1P Hai Duong; Neghe An: Van ST Kidn, Hodng Mind
Piin, Nguvén Dinh Quy, Ha Thi Ha Plaamg, fm‘n:,i:
Hd Kiinh Linh, Hodng Minh T, Lé D Tudn, Tran
Bie Long, Nywyvén Thi Hwong, Pham Thi Thde
Nauvén, Buch Thi Luonyg Huvén, TA, Nyaven Hodi
Aude, Bibi The T, 7C, THCS HO Xudn Huong, Quinh
Lati. Pham The Thde Anh, Nguyeén Thi Nga, Ddu
iy H-t.iug.: Ouin, Vi Thi Thu Theie, 7D, THCS Cuo
Nudn Huy, Dien Chiu,

NGUYEN XUAN BINH

* Bii T3/385. So sdnh 2008 vai tang § gom
2009 so hang san:
2008 + 2007 ¥ 2008 4 2007°
2009 + 2008 20097 + 2008°
20082%° 4 2007207
Ejﬁgrmq 4 200 R0 '

N =

Lai giai. Vo ne N*, tacd

2008" + 20077 2008 (2009.2007)" — 2008

009" +3008" 20097 20094(2009" +2008")

_ (2008 -1y (2008
2006 (2009" +2008")

2008 +- 2007 2008" 2008

Do do 4 < i
2009 + 2008 2009 2009

Viiy vain=1, 2, ..., 2009, ta c6
2008
2009

. 2009 = 2008.3

8 <

“‘{Ffmfm xtl. 1) Nhiéu ban dii chimg minh rang:

4 i (XS 4 2007
VE neN* ih 2008" + 2007 {_2_‘ +

20000 4 2008 2000 4+ 2006
dén § <2009, I—ILM
2000 4 2008

.t dd ddn

, v ciing din dén § < 2008,

2) Cic ban ¢d i gi:’ii 1o 1

Yinh Phic: Plam Thi Khanh Linke, TAL Lé Tiing Lan:,
Nguvén Thi Them, Neonyen Minh Hiél, Noevds Thi
Hud, A1, L¢é Vian Ta, 9A1, THCS Yén Luey Bde Ninh:
Nguvén Thi Hwemg Ly, TAL1, THCS Dong Thg, Yén
Phong: Nghé An: Pham Vian Quyén, 6B, Nguyen Thi
Huemg, TA, Ddang Vin Hodng, 78, THCS H6 Xuin
Hummg, Quinh Luw; Ha Tinh: Ha Khduh Uyén, OA,
THCS 1 e Niuh, Dic The: Quang Triz Neuyén Hiu
Ardi, D1 THES Thimb C6,

TRAN HOL NAM

* Bii T4/385. Cho ba 3¢ ditomg a, b, ¢ thod
midn a + b+ ¢ =1, Tim gia tri nho nhdt cud
biéu thin
9 ¢
o= : TN : o
| - 2eh + be 4 ca)  abe
Loi gidi. Theo gid thi€ta + b + ¢ =1 1aco

¥ Hea+h+c)
P-n__._._ _____ —— e e

i {uz.i+4’;|+r;}'1 ~2Hab+be | ca) eth + ac 4 be
| |
Wt awidin A5 3[—i+—'+'"~J~

o +b +c° ab he  ca
ol P ) B 8
Sir dung BDT quen thude — + A P (*)

a b a+b
trong d6 «, b la cic 50 duong (dang thic xay

L ) Lopocs Ko
ra khi va chi khi ===), (THTT s&6 328,
g b

10/2004) ta co

| 9
L o4 _._.!_._ e L :_:r 4 N Rpi— E 3
ab bc ca ab+bc ca ab+bc+ca

Viy, lai s dung BDT (*) cho cic s6 duong ta co
(
o ) 36

+
at+b2+c? 2(ab+bc+ca)
qz

_{ﬂ—i-."1+:;'):' i

Dang thic xay rakhivichikhia=h=c= —; :
Do d6 gid tri nho nhit cha P la 81, dat duoc

khivichikhia=h=¢= %.CI

< Nhén xét. 1) Da 56 cic ban tham gia déu cho 1o gidi
ding. Mot sd ban khong chi ra e¢dc so dwomg khi sir
dung BDT (*). Ban £inh {/¥1 Niy, YB, THCS Lé Hiu
Lip, Hau Loc, Thanh Hod di néu vi gidi bii todn tong
quilt dudi diy. C6 thé st deng lién tigp BRT (%) &
chimg minh, xin dimh cho ban doc:

A - ;
Choa,n e N va n sd i dicomy x,, o, ..., x, thad
i Xy Xy b = 1 T gid oo nde it e bicw i

ne
P= s X
T T T AgAe...X
i_"[ I a8 Ll 1- i_.:__..'l.' .l.

T e e c—

4 N2y |
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"
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M) Nz b Dinde 130 Neiy, cide bin siu diy co o g
Wi Bie Ninh: Chie Huong Giang, DA, 'HCS Hin
Phuven, Luomg ‘T Nunven Vi Thanh, ‘~.J'.-"L I'HCS
Yeén Phong: Vinh Phic: £ Xuan Vidt, YA, THCS Lip
Thach: Newven Fhe Tiemn, Nuewven Thi Hué, Lé Thing
Lam. RAL Pham Thi Khanh Linh, 7AL THCS Yeén
Lac: Phi Tho: BDinhi Anh Hevng, UAR, Do Khanl
Lind. Vi Anh Tudin, AL, THCS Lam Thao; Nghé¢ An:
Frein D Diremg, 9A, THCS Dién Hig, Didn Chiwg Vg
Dury Vi, WA, THCS Hé Xudn Huomg, Quynh L Myd
Si Thank, Nenven Theé Tién, RE, THCS Ding Thai Mui,
Vinh: Ha Tinh: Tean Tien Dat, Lieemyg Anh Vi, KA,
FHCS Xuan Dicu, Can Loc, Thai Binh: Trwomy Vi
oo, 9A2, Phan hiéu hoc sinh gioi Thanh Né, Kién
Nuemg: Quang Triz Ngayen Hitu Anh, 91, THCS Thinh
Co, Tx. Quang Tri: Quang Ngai: Huynlr 8T Dan, 8C,
THCS Nghia My, Tu My; Thanh Hoa: Trin Mink
Heowing., 8D, THCS Ngoc Trao, Tx. Bim Son: Binh
Phude: Dinarg Twen Anh, BAY, THCS Tin Xudn, Tx.
Dong Xod,

PHAM THI BACH NGOC

* Bai 15/385. Cho dudmg tron () va B8, C 1a
haii diém ca dinh trén diwong ron sao cho BC
khong i qpuer tam cua (). A fa diem bt ki
nam trén cung lon BC (A khang trime voi B
vt C). M la diém di dong trén doan thane BC.
Cae duong f.lrl'-ti:Hl‘:;' eftict M leen [ttt sone soiy
velt AB va AC cat cde diomg thang AC va AB
i I ova I trong dng. Kli M thay doi irén
doan BC, vai moi diem A ta dit v L do dai
ngcen nhe? cria doan EF. Xae dinh vi tri cria A
vt M dle v dlui via tri fon nidt.

Loi gidai. » Vi moi diém n.
A, ta di xde dinh x. /\
* aa o _.'rll II'.
Gon D la diem doi ximg Lot ey
s > F = E ¥ -"-_:i:
Vi B qua "1'. Ke? fidhl PV IE Y
M cat CD tai I thi F la o U
1o % § k

trung diém cua M/, Mat
khic, AEMF la hinh
binh hach nén AE song

AE song song vi bing
IF hay AEFI 1a hinh
binh hinh, suy ra £F =
Al Néu goi /, |a hinh chiéu cha A trén CD thi
LLF = Al 2 Al,. Ddu bing xdy ra khi M 1A
giao diém cha BC véi dudng thing qua I, vi
song song voi AB (luu § vi BC khong la
duong kinh cia (@) vA A thuoc cung 16n BC

song va bang FM. Tir d6 i . |
BN M /L

TOAN HQC
* Clugitre  Sé 389(11-2009)

nén goe BAC nhon, do d6 goc CAD tu, suy ra
I, ndm trén doan CD, do d6 M nam trén doan

BC). Vay x = Al

o Xeic dinh vi tri ciia A dé x = Al lon nhit
Goi B, 12 hinh chi€u cia B trén CD. Ta co
x=Al, = l BB, & -I- B .
4 '
Ping thic xiy ra khi A la di€ém chinh giia
cung BC.

; | !
o Két ludn. v dat gid tri l[6n nhit (bang > B )

khi A 1a diém chinh giira cung l6n BC va M la
trung diém cia doan BC. O

<{Nhan xét. Bai twin nay di tim “cuc tri [6ng trong cuec
tri"’ nén kha hay vit khé, €6 it ban tham gia giai bar nay
vil it tiée khong cd ban niwo giar duing,

PHAN THI MINH NGUYET

* Bai T6/385. Tim gid tri ton nhdat va nhe
s et _ T 2
nheit cua biéw thie A= — A
23

thoa man he phuong trin

- W YoE

[x? 4 p* + 20+ = 2= A1)
L2 4 22 21— 143 0
lt.w +yz—=x+t+ 22612 0.

Lai giai. ¢ PI' da cho trong duong vai
[(x+1) +(p+2) =25 0
*{;—I}:+£=l44 (2)

(x+1)(t—1)+z(y+2)260 (3)

Tur (1) va (2) suy ra ton tai cic goc a, [ thoa
mén
x+l=5cosa, y+2=>5sina, 0<a <2m

(—-1=12cosf, z=12s5inf, 0< [ <2n

Thay vio BPT (3) ta duoc
60cos e cos f + 60sin @sin 3 = 60
=cos(a-pg)=21.

Do dé cos(a-f) =1, m 0<e, f<2n=a=f.
satn 1] , Juss 1
Ta ¢ AuE(ﬁsma—Z] +T4—4(I2cnsa+l} :

Sau khi bi¢n doi, ta duge

http://tieulun.hopto.org




01 4 . |
ks SIN + — cosa .

3600 5

Ap dung bét ding thitc Bunyacovski, ta ¢o
TR 601
—sing 4+ —Ccos@ | S ——.

(e rgema) <555

L P e

5

V601

iy e € SN+ —COS LY <
30 6 30
4201 601 4201 601
e} - = — L A< S i 3
3600 30 3600 30
=73
Ding thiic xdy ra khi va chi khi —Sina= beosa
5 24
S eosd = L ——=; sing =F——=.Viy
W 601 J601
cosct = P
Ot a0t J601
Max A = - + khi
3600 30 24

SINQ = ————,
Jo01

5
kil 0 e =N ——
ST oI J601
—— khi <

= 5e0a" 30 . 24
Sin @ = ——=

Jo01

Tir d6 dé dang chi ra (v, y, z, 1) Wwong &ag voi
oid tri 16n nhét va nho nhit cua A. O

MinAd

“{P-'h;:m xél. O ril nhidu ban tham gia g o giar v
lim theo cich trén. Cie ban sau ddy c6 biai gidi ol

Hai Duong: Nyoveén Xedn Khdnh, 10A4, TH PT Nam
Sich; Quang Ninh: Ngovén Xudn Hong, 10T, THPT
chuyén Ha Long; Nghé An: Nguyen Duy Hui, 10A7,
THET Do Luong 1, Nguvén Hiy Tai, 10A2, THPT Nghi
Lac 1: Ha Tinh: Ngavén Tudn Vi, 10A1, THFT Huong
S Pha Yeén: Vi Van Huy, 10A1, THPT Lé Hong
Phong, ‘Tay Hoi; Binh Dinh: Neuyén Dandi Nhdn,
1OA L, THIPT Phi Cat 11, Nenven Hiang Cutcng, TUA2,
THPT An Mhon II; Can Tho: Lé Hai Thinh, T0AL,
THIT chuyven Ly Tu Trong, TP Cin Tho.

NGUYEN ANH DUNG

* Bai T7/385. Dy xo () dioe xde dind: hoi:

=t ALV = 18l =i POTH =2,

ot R T e Tt
Cintng minh ring 5 la 86 chinh phitong

Vi i so e nhién n.

Lai gidi. (Theo da s6 cac ban). Nhan x€l rang
moi 86 hang caa day da cho déu nguyén. Vi
n=0,1aco
Ewl " e
ug =1 _{ _I_: 16~ 47,
5 5
Vai n=1,taco
up =t 161 = L 5isa =722
5 5

Vay biti todn ding vo 1 = 0,1.Xétmz2,1c0

Hy = iEHu—] — Up. 3

e, — 91, =, Uy

Tir diy suy ra
i.“rl _{}”.u—l :J - = {E}“” " B Mya }!‘

h.i-].}" “.'% _]E“u”u- R ”.li - Mg ] 8“" LT {I}I

Lin luot thay n=2,3,....1 vao (1), ta duge

-

us — 1 8wzt = uy = 1wy

wi —18ustn = uj — 1 &y

LH.I-::: - lg“n“n = "'I.l;: W Ig“"-l'!""f-":'

Cong theo v& n — 1 dang thufe trén, ta ihu duoc
wl -+l =18uu, = uf +ug —18uy (2)

Thay gid tri u,=9, u, = 161 vao (2) duoc

ur +ul, —18u,u, , =-80,

(Qu, —u,_ ¥
hay — =ni-].
8()
Do cdc s0 hang cua diy déu nguyén nén
- ek b -~ T 1 mn - '\
(Qu, —u,_, )45 nén 2u, —u, :4.5 va vi
vy Y, —u, =200, a e &.

u; =1
“5— = q*,dpem. O

Suy ra

< Nhan xét, Dy i mot bin todn vé diy s6 nguycs
yuen tr)iEI nén ¢ ral nhi¢u ban tham gia giai v da o
déu co loi giai dung. Ngoii cich giai di trinh by o
trén, mdt s0 ban con su dung phuong trinh dac tnmg
A* =184 #1=0 cua diy sai phin dé viét diy dudi dang

tudmg minh 1, -__]E[{.,;,Jr Jl:i'l}‘]iwl o ij_]“”]l

TOAN HOC
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a ey 0 | ikl 2
Tir o suy ””‘T. : L([‘J F/80) {"J—JHU} ] '

Tiép theo, sif dung khai trién nhi thie Newton, ta thu
duew: didu ciin clumg minh.

NGUYEN VAN MAU

+ Rai T8 385, Cho tam i ABC va cdicm P
Iit ki nddm trong tam gide, Goi A, B C’ lan
teton I hink chiéu cia P xudng doan BC, CA,
AB. Goi | va r ldn ot fa tam va ban kinh
chicme tron noi Hep tam giae ABC. Hdy tim
aidh tri mho nhdt ctia bidu thite

EJ 1
PA + PB'+ PU'+ o

LT

Lot giai. Goi

A By va L
theo thu tu la
hinh chidu

vudng oov cua
Jdiégm [/ 1&n BC,
C.r'!. "r-.! .".ln
Trong Lan: gl
-l'1.| .E_‘ [-:4_ (1§ L
B4 e o

B -’I|_{ == 2— < 5" - EIEAI - < 9w -
o Ade
SR = t <909,

Suy ra lam gidc A B,C, nhon, tir dé truc tam H

cua Ad BC, nam trong A4 BC,, nghia la /

niim trong AABC. Cling luu ¥ rang / 1a tim dudmg

(ron ngoui ticp A4BC nén 14 + 1B, +IC, = IH .
il b

batT = PA'+ PB'+ PC'+——.
; 2r

Tir cong thic hinh chiéu ta co

e gl S EET T, R P:“
e '_[;*.4',;,41 + PBIB +.PCIC, +_z"]

Y 14 PRI GG+ L)
r
2 i[{ﬁhﬁ;}ﬂf. +(PI + IB)IB, +
r
s My )

e H [ (e

BN et it ity .
S i[{m. + 1B, + IC,)PI + 32 +%]
:

TOAN HOC
* CTuditye SO 389(11-2009)

1}

Iy +-l—[uﬂ -zfﬁ.ﬂf)

2 :
TH -
v | 3l

. = i
= 3r +-J—{IF— Iy ———23r-
2r 2r

Ping thitc xdy ra khi va chi kKhi IP = IH , hay
P trung H (thoa man diéu kién P nﬁn] trong
tam gide ABC). Vay gid tri nho nhat cua biéu

3

thitc T bing 3:‘—%. dat duogc khi va chi
r
khi P 14 true tim tam gidc A, B,C,. O

< Nhan xét. $6 1o giai giri vé Toa soan khong nhiu.
Ciic ban sau c6 livi gidi ding vit gon hon ci;

Vinh Phiic: Nguyén Manh Quin, 11A1, THPT chuyén
Vinh Phiic; Biac Ninh: Trdn Anh Tuan, 11A1, THFT
Thuin Thanh 1: Hai Dwong: Lé Van Huynh, 12T1,
THPT chuvén MNguyén Trai; Ha Nam: Trin Trung
Kién, 11 Todn, THPFT chuyén Ha Nam; Ha Tinh: Plam
Heéne Linh, 10A1, THPT Mai Thic Loan, Léc Hi
Quang Nam: Sinh Thi Thu Trang, 19/ Toiin, THPT
chuyén  Npuyén Binh Khiem, TP. Tam Kv: Quang
Negai: T Pindt Diemg, 12A3, THPT 54 1 Pac Pho: Phuo
Yén: Va Van Huv, 10A1, THPT L& Hong Phong, Ty
Hoa: Bén Tre: Lé Plic Liv, 12 Todn, THPT chuyén
en Tre, :

HO QUANG VINH

*Bai L1/385. Mot

chiée  vong  khoi
licome m = 30g 1ol
khony ma  sat trén -
mat  thanh  thang
chimg. Vong duon
bude vao dan mét
- - M
L !

sei ddy nhe var gua
mat rong roc li tuonyg
o dinh ¢ khoang i

cdach | = 08m dén

thanh. Ddn con lai cria deay bude vao mat trong
veit Khov hiome M = 50e. Ban dan vong diov ird
o cting do cao vor réng roc (nbne hinh vé). The
nhe vong, hay xdae dinh

1} Qudng diéing ma vong dd tricor cho deén
khi nd diong tai lan thar nhat.

2) Vi toc crice vone khi né i eftic Vi 1l can hng.
Lot gidi. 1) Khi van 6c cua vong bang 0 thi
vin téc cua vat M ciing bing 0. Theo dinh

ludt bdo toan co nang thi do tang the nang cua
vat M bang do giam thé nang coa vong. Khi

http://tieulun.hopto.org



vong di xudng duge mot doan x thi vait M di - Cac s6 chi frén ampe ké A va von ké'V la:
len mot doan h =" +x7 —1. i e 5

- N—
Taco Mgh = mgx hay MNP +x* ={)=mx - i
2 ' R K,
_:*r.*"+x3=[-3x+a‘J , e g ]
9 f ; (V) —(V)—
Thay s0 ta dwoc 2 +x* = —x* +—xl+/°
8 ’ Sodd 1 So d6 2
I5
5 "'—1;: e o (J s do 1: ampe k&

e e - pel s : A el 12.6A, von ké V
2) Goi luc cang day 1a 7. Tai vi tri can bang i A2V
clia vong thi day hop vaéi phuong ngang goc 4,

- Ly L L L] v 'l Lol n ’_II‘I::
taco Tsmf@=megval =Mg, suyra o () 50 o 20 amp

A ol 12, von ké 'V

- m 3 3 |
sind === . ol chi 48V.

Da cao cua vong bi giam mot lugng: o O sudo 3: ampe ké' A clhi VA, von ke Vool

. H B e = uﬁﬁi‘lﬁl |

h= I.tﬂl‘lﬂ=%f =(),6m. Hay tinh dién ira'r etiet ampe Ké A

Loi giai. O so dé 1:

D6 cao coa vit ting mot luong: ) | |

. [ [ ﬁ‘hﬁ‘fﬂ—bl = r["'F_] (1)

h_-._z H—f—:-uzm ..Hl:r R|' R_'!' -',fl
cos
D6 giim (heé nang cua hé: AW, = mgh, — Mgh, (1) O so dé 2: Uy=h{(R+ "'} (2)
Goi v, vd v, ldn fugt [a vin toc cua vat M vi (5o dé 3: U, =R, (3)
vong khi ¢i qua vi tri ¢in bang. Do day khéng
] I Tir (2) va (3) suy ra
dan nén ¥ =wsinfl = el (2) 1, U,
- g s
D6 tang dong nang cua hé: 1'
B el Toh Thay (4) va (5) vio (1) ta duoc
e Mg () p=Uh Ul
0 Ll =0y =V :
b : . 1
[ir (1), (2), (3) ta tim duoc v.=, f? m/s. O et Uly' ot Uy Uil =U,lL
U,-rh, ' U U,

{th:ln xél, Ciic ban sau ¢6 i gidi ton

Thai Nguyén: Vi Onang Minh 11 Li, THPFT chuyén;
Nghé An: Wuewyven Ba Ding, A3K37, Vi Binh Hai,
AJK36, THET chuyén Phan Béi Chiw, TP, Vinh.,

U1U3f:- =U:rU3f| —U1U1=f3 —"IE(UJII _”I‘IJ}*

_ WU -UUL =-U UL

Suy ra ¢
NGUYEN XUAN QUANG L(UL -U, f_.)
* Bai L.2/385. Cho hai dién trer Ry, Ra, von ké” UI U, hay r = I 4 |
Vs ampe ké' A va mot hiu dién thé Uye khong L Ul -Ul GO Mgt 0L
thay dor. Lan gt mdc cde linh kién dién trén O -l Ay
theo ba sa o nfur hinh vé. Thay s6 tacé r=0,547C2. (]

, TOAN HOC
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& Nhin x¢f, Ciie ban san diy co e giiki 101

Lio Cui: Pham Ngoc Digp, 12 Todn, THPT chuyén
Lo Cai: Thai Npuyeén: Vi Qiang ﬂ'p'rr.l.fa,. .1 l.|..11 ”".'rj
chuyeén Thii Nguyeén; Phii Tho: Ngiyen H.'!_‘I.l'pra .”n'r'f.I,
10 Li. THPT chuyén Hong Vuomg: Ha f"~|l_J|_ N_-;H'.'e’:.rr
B Quang, V1AY, THPT Quang Chai. Ba Vi, r"'r'|,:;rr-|_-n
Fii Henle, 11AL THPT Phung Khic Hoan, Th_nch l_'!uul-,
Ha Nam: Duth Neoo Hai, D€, THCS Trian I’Inl: Phu Li:
Hai Phong: Oday Minh e, t_l’l‘HI. IHF| chuyén
Irdn Phia: Thanh Hda: Nywyven Mol Hidu, 11A3,
CHIPT Hau Loc 1L Moi Chi Dar, 11E, THPT Ha Trung;
Nghe An: Tran Thi Ngoc An, 12A1, Khol THPT
shuven, DH Vinh; Ha Tinh: Nguyen Trong Hevdnyg
Hign, 11 Todn 2, THPT chuyén Ha Tinh; Quang Ngai:
n.,n_,:',,.,.,;,,. Tun Dane, 12 Li, THPT chuyén Lé Kheét;
Khanh Hoa: Neuvén Hine Trang, 11A3, THPT Lé Quy
PDon: TP Ho Chi Minh: Lé Dai Nam, 11 Li, Truimg
FINK. DHOQG TP Ho Chi Minh; Bén Tre: Licu K
Vai. 10 LI, THPT chuyén B&n Tre; Ba Ria - Vang Tiu:
Mg Thanlt Huv, 12TAT7. THPT Ving Tiu; Binh
Binh: Neiven Fuic Toan, VYA Hudwde Kin Lini, 1277,
I'I.lP’I' chuyén L& Quy Don; Can Tho: Tran The Tiin,
Wyieven fong Placke g, 11A3, THPT chuyén Ly
L Trong. 3

NGUYEN VAN THUAN

L-1-%-1-1-2-1-1-%-2-2-2-2 2k 0 2

CUOC THI GIAI TOAN
KI NIEM 45 NAM
TAP CHI TOAN HOC VA TUOI TRE

* Bai TYITHCS. Gidi plusemg trinh

(e II =
Jat 4 0x =4 § v/l 1 =3y =2y 3.

Loi giai. (Theo ban Pham Qudc Viét, YA,
THCS Neayén Ty Tan, Bim Son, Quang Ngai).
X2 4+Ux—] >(

Tap xde dinh cla phuong trinh
i T {H—szt}.

Pit a=vx +9%—1, b=+11-3% (¢ =0.h=0).
Taco g txhb=2x+3 = a=2x+3-xb

s 4%y =0t +l =(2x+3-xh) +1 (1)
Ml Khie

(2x +3-xb) +1- (x* 4+-9x)

= (dx" 49+ 0 +12x—4x b —6xh) + 1= (x* +9x)
= x' (b —4b-+3)4+3x(1-2b)+ 10

m 'Gmﬂlﬁc& S§ 389(11-2009)

= x2(b-1)p =) +(11=H" NI -2b)410

(vi Ix=11-b%) :

= x2(h-1)(b=3)+2b" =& =22h +2]
Hbh=-1(b-3+(b=1)2H% +b~-21)
x2(h=1)b-3) +(h=1)(h=3)N2b+T)

= (b=1)b=3)x"+2h+T) (2)

Chiy x*+2b+7>0 doh=0. Tir (1), (2) c6

I

10
- ..'l."-"'-'
b=1 11-3x=1 9
- —
b=3 11-3x=9 T:_Ll
Phur Tar:
[ 19

iy 0 : “_.J_T?'q_{};{-_]___.?
—_— .

9
4 ?EJ.‘ +3-xbh= I—j-

&l = \"[_1'_1 -+-.'-J,1- —_I = E

r
-

® Y=

Led | b

co 9
- 7
1243 —abh=—.

Vay phuong trinh di cho ¢6 hat nghiém

5
x= < va x=—. O

<]
i

'q]"":hi:lll x€l, Npoii cich gidi trén con cich g ke
dung ki thudt nhan lién hop cua cin thic hoiae binh
phuong dua vé phuong trinh bic bon, Mzoin ban Vier,
cic ban sau cling co 160 giai o

Vinh Phac: Had (Quang Nign, 8B, THCS Nhr Thay.
Somg Lo, Ny Thé Bae, WAL, THCS Yeén Lac: Nghé
An: Tricemg £2:nh Bire, YR, THCS ],:. Hh.‘_‘l[i Qu;m;_ B
Laromg;, Quang Tri: Nunyvén L Anli, 91, THCS Thianh
Cé, TX. Quing ‘Iti; Binh Piah: Newvén Danh Nhan,
9A2, THCS My Ciit, Phit My. '

NGUY EN MiNH DUC
* Bai TIOTHCS. Cec diem X. Y. £ theo thur
fir thude cae canh BC, CA, AB cuie tam vide
:1{:'{" sao clho BX = CY = AZ. Clitag minh
rang, dam o gice. XYZ déu Ea va ol Ehi tam
cigle ABC dén.
Lai giai
B Bo dé 1. Néu cic tam gidc ABC vaA'B'C’
thoi man dié¢u kién AB=A'B"; AC = A'C"va
BC 2 B'C i BAC 2 B A'C.
Phép chimg minh Bo dé 1 danh cho doc gia.

http://tieulun.hopto.org



i. Bo dé 2. Néu cic tam giac ABC vaA'B'C’
AC‘ — A IC‘

‘thoa min diéu kitn AB=A'B" >
vaBC = B'C’thi ACB<A'C'B..
Cluimg minh. €6 hai trudng hop xay ra.
Trieomg hop 1. BC=B'C".
|Khidé AABC = A4'B'C' (c.c.c).
Dodé ACB=A'C'B",

Trudnyg J'm;:u B> 00

Khi d6 BAC > B'A'C’ (theo bé dé 1il5

Do da. ton tai diem C” nam trong goc BAC
520 cho BAC"=B'A'C' vi AC" = A'C'. D&
thily AABC" = AA'B'C' (c.g.c) (1).
Vi AB = AC nén trén doan BC t6n tai diém
C, sao cho AC, = AC.

Do do ¢6 ba kha ning cin xem xét.

| Khd nang 1. Tia AC" ring tia AC, . Khi dé
177 trunEC [uAC" A C' AC = f-h[“]l

| Dadé ACB < ’I-E B=AC"B (vi C" tring C,)
= A'C'B' (theo ( 1}).
K néime 2. Tia AC" ndm

trong eoc BAC, (h.1). A

Goi C'x Ia tia dGicia x /] \
tia C"C. Ta ¢6 g Lot
ACB=ACC"+ BCC" 1=\
< AC"x+ BC"x . Hinh |

= AC"BE=A'C'B' (theo (1)).

Khd ndng 3. 4.

Tia AC" nam ERESHPIEAR) e )
trong goc 8 "“\\“\7‘:\ { ¢
CAG (h.2). S
ViAC"'=AC Hinh 2

=AC, nén C"

nim ngnil tam gidc ACC, (2). Do dé
A E ACC (ViAC = AC))
{AC.C" (theo (2)).
= AC"C, (VIAC, =AC=A’C’ =AC")
< AC"B (theo (2))

e —

B' (theo (1)).

Tém lai, ta ludn cé ACB< A'C'B'. Ping

thire xay ra khi va chi khi BC = B°C".

Tro lai viée gidi bai todn.

Ki hiéu A, B, C theo thi tu chi s6 do cua cic
goc BAC,CBA, ACB cha tam gidc ABC.

Vi tam gidc XYZ déu nén ZX = XY = ¥Z. (o
hai trudng hop xay ra.

Trugmg hop

‘-.I .I-_ l-..
ZX = XY =YZ R
> BX =CY = 4Z (h.3) Al l
Khéng mait tinh tOng quat :’E :i:f ~E

giasur A2B=2C (1)

Hinh 3
Khi dé6 BC > CA > AB. o

Tir do, vdi chid y rflng BX =CY = AZ, ta co
XC>YA2ZB. Tkbodé2co C<A<EB (2)
Tir(1) va (2) suyraA = .

Vi‘d = B pen'BCT = W0, = NS el Sl
RY =CY)=AXCY = AYAZ {c.c.e). B db
C =A. Tém lai, tam gidc ABC déu.

Truomg hop 2 "“
=t — N Fa

< 89X =LV=4% (h. 4. ¥ I',"‘-ﬁ__
Khong mat tinh tong quat Lr‘ s

(3) S 1L Tk
Hinh 4

giast AZ2B=C

Tuong tu nhur trudmg hop 1:
XC2YAz ZB.

Viy, theo bo dé 2, suy ra Y:E; < ZYA < XZB.
Tir d6, véi chi ¥ ring VA7 = Z¥X = XZF
(= 60°), tacéd ZXB< XYC < Y74,

Vay theobo dé 1,tacé BZ = (X > AY.

Chii ¥ ring AZ=BX =CY suy ra ARz BC2CA
=CzdzB (4)

T (3) va(4)suyraA =B =C. dpem. O

< Nhan xét. Day A mot bai todn khé, rat tiée khong
ban ndo gidi ding bii todn niy.

NGUYEN MINH HA

TOAN HQC
b q mlr:g//tle%lo.org
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w Bai TYTHPT. Var bo cde 5o thie A = (a,,
gy oy @) 1 goi b cdc 2 - 1ong cua nd la bo
Kit od ode 38 00 |1'I|_I.'|'_I|.: el a Vil | S« J &= M Vel
ki ficu la A Vior bo so thuie A, biét rdang

A9 =12.2,3,3,3,4.4,4,4,4,5,5. 5, 6, 6).
Hdy tim téng binh phadang cde phdan tie cia A,
Lo giai. (Theo ban Nguyen The” Nam Huy,
10A, THPT Yén Phong, Bic Ninh).

n(n—1)

S6 ciic phin tr cia A 1A C = . Vay

nln-1 g
ta co ui-m_;-——-}=lj —— 85— )

Taco A =(a,, a, a,, a,, as, a) va

Z (a,+a,)? =[iu,]_ + 4[%&5 ]
i=] i=|

bEis p sl
Veérrdi la 2.2° +3.32 +5.4% +3.52 + 2.6° = 262.
T b
Viay [Eﬂ;] +4[Eﬂf]=2ﬁl (1)
1

1=l i=

! 2. (a+a)

L I<i< 1<
Laicd » a =—
(] 2

P B SS R YIS 26 i Bl

= |2 2
S 3 (2)
Tir (1) va (2) suy ra
& 192
Zﬂr] i 262-12 3 59 ~29.5. O

P 4 4

< Nhan xét. 1) C6 nhiéu cdch gidi bai todn trén. Pac
biét cd mdt 50 ban di chi ra ring tip A di cho la tap sau
PN heah i
=t—, — .= ,=,— ., —¢ (vd chi cO duy nhiit tip niy).
[2 I e g : 2 1P nay)
Mot cau hoi dat ra 1 Co phai tegmg img A — A2
ludn ludn la mor don dnh hay Ehdng?

2) Ngodi ban Huy, cic ban sau day cd i giai ot

Ha Nam: Trdn Trung Kién, 11 Todn, THPT chuyén Hi
Nam; Thanh Héa: Lé 7 Bdo, 11A1, THPT Le Lai,
Tho Xudn; Pdao Quang Hoa, 11T, THPT chuyén Lam
Som; Hai Dueng: Vi Mind Hei, 11 Toidn, THPT chuyén
Nguyén Trdi; Thira Thién — Hué: Dinht Quang Tudin,
12 Todn, BPHKH Hué&;, Bén Tre: Cuo Thinh Climy,
Pham Bdng Duy Quang, 11 Todn, THPT chuyén Bén
Tre; Phit Yén: VG Van Huy, 10A1, THPT Le Héng

Phong, Tay Hoa, Ddng Nai: Nguyén Thi Thanh Hoa,
I 1 Todn, THPT chuyén Luomg Thé Vinh.

DANG HUNG THANG
% Bai T10/THPT. Gid sie M la mor diém

netm trén doan thang AB choe tricge. Ve mot
phic cra dicong thang AB dimg ba nita diomg
trom o dwome kinh lan Tuot fa AM, BM, AB
Gioi I va r lan hieat L tam va hen kinh dicong
tron noi Hép tam pide cong ABM (cd canl
cong la ceae nia duwome tron vire dung). Chitng
minh rang khi M chuvén ding trén doan AB
thi quy tich cua [ ld mdt cung elip ma day
cung crua né di gua mot trong hai tiéu diém
ca elip do.

Lai giai

-Y

v A 0 ()

Goi O va H lan lugt la trung di€m cua AB va
hinh chiéu vudng goc cia [ trén AB. Chon O
lam g6c cha hé truc toa d6 Descartes vudng
goc Oxy, voi truc hodnh x’'Ox ma B € Ox va
truc tung y'Oy la trung truc cua AB.

£J_£u E=2c,:{;_w=211, m=2rz vi OH=x,
Hl=y. Th& thi OO, =n+n =c, 00, =n,
O =r va m=&+x, COsH =—r +x

Ngoai ra c-0l=0Q1-n=01-n(=r), vi
Ix; y).

Tur cic tam gidc OIH, O [H va O.JH vuong 6 H
ta duoc hé ba PT bac hai véi ba dn x, y va r;

(r+0Y =+ =(e 1)~ = (-+1) ~(x 1)
= ¥ (rong 6 c=r; +1) )

Khai trién réi nit gon hé hai PT d4u ciia hé (%)
ta duge hé hai PT bac nhit sau: .

http://tieulun.hopto.org



e ———

(e+h W= mX+on
‘[l‘ + 'FE ]?. = = J"| X = 1:11'|

l c(de? —17)
e (NN ) e
P N T (1)
F,
i | 3 d¢’t
_-:-—L"‘ll?‘ —F:I_—- 2
L T | 2 2 4302 (2]

!

wong do T = B+ Ry =}I“3 +3¢1)
al=n—"n-
T (1), (2) va (*) suy ra y =2r,
e 1)
2 +3c’

2cx

\’ﬂirz t3]5v:&f:

(4)

v+ 2c

5
Dit % =% o =y+§r. Sau khi khir tham s6 ¢

tr (2) va (3), ta thu duoc PT b 4 oD | (*%)
ai b
2 2 4
rong dd iy = —L'\J'IE, bl} :_HIJ\'E =—q va
3 3 3
2
-c2Xx%¢, ﬂ,‘;_}-'ﬂgf (5)

| Véi (**) va DK (5) ta thdy {/} la cung elip

A3B 6 day cung la AB (xem khi M = A hodic
M =B thi A va B 12 hai dudng tron "diém" va
khi d6 I = A hoidc B) cua elip (&) rd PT' (%)
véi truc 16m (chita 2 ticu diém) nam trén y'0y.

T 2 i
Déthiyx=¢ <> v=0,x=0& y=-3—r: & M=0

—— 2
& I = [, xdc dinh béi Ol =1’T=§f’ (6)

Cudi ciing. ta thaly ring elip (£) ¢d tam [a diém @
f

2' ] L —
Lﬂ : -Ec] A cde tidu diem F (03 0), i la F= 0

: +
wa 5[1];*-:1'] vai tiéu cu R =26 =§ﬂ- a

e —
S — =

—— - —
e —— — ==

<UNhan xét. 1) Vi he thire (1) duge chi ra & 101 gidl trén G
con tinh duge bin kinh /- cla dutmg (rom (7} ndi hiép (R,

e R

cong AMB theo o, 1, dudi dapg ===+—=":
- :

vik 1
(N +nm =)

2) Mot 56 ban sir dung dinh 1i Stewart vi sur dung phép
nghich ddo N(A, p=#4 /0y, = M. AM) dé thict 1ap

diing thire y = 2r (trwée khi sit dung toa do dé thiet lap
PT cua {/)).

3) Mot vii ban sit dung dinh nghfu ctia elip bang cich
chimg minh 10 + 10" = %.-"-B . trong do O' thude trung
trire ciia AB, nim khie phia véi I dgi véi (AB) va o0’ =
E..-*n’:-’ hodc sir dung finh cldt ddc trimg vé fdm soi cld

elip lién quun dén digmyg chudn. Theo hudng nay, ban
V' Van Huy, 10A1, THPT Lé Héng Phong, Tdy Hoa,
Phi Yén) dimg duimg thing A//AB, A ciing phia v6i /
d6i vii AB vii (A, (AB)) = AB rdi chimg minh duoe
£—=—1~, trong d6 fH° L A vi TH' = Dyl, A). T do suy
H' 2

ra (I} 1a mot cung elip ApB nhus I6i giai trén.

4) Ban Pdng Cinh Thién, 11A1, THPT chuyén Phan
Boi Chau, Nghé An sir dung phép nghich dio cue A,
phuong tich p = #4 /i, da chi ra duge cich dung

difm 7 khd dom gidn nhu suu. VE phia nira duimg tron
(0) dutmg kinh AB, dumg hai hinh vuéng ACDM va
BEFM va goi K, I lin lugt Ia trung diém cua EF. CD,
thé thi/= AK N Bl .

5) Mgodi hai ban Huy vi Thién, cdc byn sau ddy ximg
déng duge bi¢u duong:

Phit Tho: Hu Héng Viér, 10 Toan, THPT chuyén Hung
Vuong; Bac Ninh : Tran Ank Tudn, 11A1, THPT
Thuan Thanh 1; Vinh Phic: Kim Dinh Som, Nguyén
Manh Qudn, 11A1, THPT chuyén Vinh Phic; Ha
Tinh: Hé Pham Thifu, 10A1, THPT L& Hou Tric 1,
Huong Son; Thira Thién — Hué: Hinh Quang Tudn, 12
Todn, DHKH Hué; Quiang Nam: Nguyén Hdng Som,
11/1, THPT chuyén Nguyén Binh Khiém; Bén Tre:
Pham Vit Hodng, 10/10, THPT Nguyén Dinh Chiéu, Lé
Pluic Lit, 12 Toidn, THPT chuyén Bén Tre.

MGUYEM DANG PHAT

| THONG BAO

| Bit ddu tir thing
i chinh nhy sau:

{1 nam 2009, dia chi trang Web cta Tap chi Toan hoc va Tu6i tré co diéu
h“p-ﬁm,nxh-gd.‘mﬂuanhnﬂuu tre. Xin thong bio i cic ban doc.

THEE

TOAN HOC
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PROBLEMS.... {Tiéj! trang 17)

FOR UPPER SECONDARY SCHOOLS

T6/389. Solve the cq_uatinn
) v dx+3+Y4x? -9x-3

= i a ¥
- Byt 2x+2 +Y2x% -3x~2.

T7389. Let A4, be a convex polygon
(n 2 3) circumscribed around the circle
centered at ./. Prove that for any point M,

icméwﬂr _J4)=0.

i=l i

T8/389. Find all functions f R [k
satifying the condition
O+ yf(x)
fly+ f(2) =1 +z,

2
forallx,y,z in K.

TOWARDS MATHEMATICAL OLYMPIAD

TY9/389. Let
Prove that
2

s
ot

R
e —ab+ B +B —be+e + Jel —ca+a® .
T10/389. Let ABC be an acute triangle and

a, b, ¢ be positive numbers.

the altitudes AD BE CF meet at 4. On DE, |

choose a point K such that DK = DH. On

DH, choose a point [ such that IKD =90°.
Prove that the circle centered at [ with ra;liu:a
IK touches the circle whose diameter 1s BC.

T11/389. Let (u,) be a sequence of positive
numbers. Put S, =u' +ul +uj +...+u; for

n=1,2,..

L
Assume that u,,, <{(S, —Du, +u,_,)—, for
i+
any n=2,3, ... Find limuy,.
T12/389. 1 et p be a prime number and m, n, g
be natural numbers satisfying 2 £ n < m and
. g) = 1. Prove that C::FH is divisible by

p -t (The binomial coefficient C is the
number of ways of picking & unordered
clements from a set of n elements),

Translated by LE MINH HA

TOAN
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Ki THUAT TIM NGHIEM...
(Tiép trang 14)

. T ]
. sin—xzi—sinb =Slﬂ[—ﬁ+r’ﬁ‘TJ+E-

Biéu dién 1)

("
a=——+kn

3 !
trén duong tron

lirong gidc ta dudc ”

>
o 2 ol | |
2 diém déu cd

=

ke
1
.

| |
sinu“}ai (h. 4). \/
Do d6 x; thoa Hinh 4
man (**).
eI |
. sin%-sinr_-, =5m[ﬁ+ﬁm]+5.

Biéu dién ﬁ=?—;+kn trén dutng tron ta

duoc hai diém (h. 5).

T kLS
Tai difm —+m /TJ

12
khong théa man / H'R
: I ' |
sin 7 }—E, _{.- o /I +>
Viy x, khong thoa \ + i
man DK khi k Ié. bl A
Tém lai, PT (9) <o S

nghiém I Hinh 5 '

x=—%+2kﬂ:; I=?—“+4HTI(.I(.HE AR

BAI TAP VAN DUNG
Giai cdc phuong trinh sau:

1. 2tanx +cot2x=2sin2x +

e

2sin2x

5 3(sinx + tan x)

tanx —sinx
3. Zsinx+cotxy =2sin2x+1.

4. 3tan3x—lanx+§“—+s_lw-‘ﬂ-ﬂmsl [E..E}:ﬂ.
COs- X : A

. Esin(ix + %J: J1+8sin2xcos? 2y .

J1-cosx + 1+ cosx ‘
6. —=4dsinx,
COS X

—2cosx=2.

http://tieulun.hopto.org
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TREN TAP CHi TOAN HOC VA TUOI
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FOAN w VAT LA

TRE

Toan ‘I&. Vat I ndm hoc 2008 - 2009 drwoe khai dong ti thing 9 ndam 2008 dén thang &
' l:'llfl',E. -‘-'ﬂi'lﬂ" .fi'f.'!.l::rh_w.'ri’ Cude thi Gidi todn K-:' ruer 45 v Tapr cfii Todn hoe va
o é;”_-'f*“jﬂﬂﬂ cap THCS va THPT trén cd nude huong tng raf so6i nor. Nhiea ban

lat duoe nhiing bai todn khé danh cho THPT véi nhitng cdch gidi doc ddo, sdng tao.
g hioc sinh tham gia va doat nhiéu gidi la Ha Noi, Vinh Phie, Bdc Nink, Nghé An,

Iﬂfﬂ sdc man Todn lin ndy thugc vé hai ban: Nguyén Vin Thdng va Nguyen Manh
n Vat Ii thuic vé ban Nguyen Ngoc Duy. Chite mimg tdt ca cdc ban doat gidi cube thi

ap edc ban o cude thi tiép theo trong ndm hoc 2009 = 2010, Dudi ddy la danh sach 89 ban

Giai Xuat sac (2 giai)

. Neuyén Van Thang, 9B, THCS Ly Nhat
Quang, D6 Luong, Nehé An.

3. Nguyén Manh Qudn, 10A1, THPT chuyeén
Vinh Phiic.

(ziai Nhat (6 giai)

. Mewvén Hity Diing, 7TA, THCS Han Thuyén,
g l*ﬁ Ninh.
: !

Nguyen Quy, 10A1 Todn, khai THPT

chuygn, DHKHTN, PHQG Ha Noi.
3 m*, a8 Thuén Thanh 1,
Ba¢ Nih.

4. Neguyén Tang Thanh, 11A1, THPT chuyén
Lé Quy Pon, E*n g

5. Bio Trong AnK, 1MA4, THPT Nguyén Gia
Thiéu, Long Bién, Ha Noi.

6. Lé Phiic Liz, 12 Todn, THPT chuyén Bén
Tre, TX. Bén Tre, Bén Tre.

Giai Nhi (10 giai)

l. Neuyén Bdo Tram, 7A, THCS Hanh Phudc,
Nghia Hanh, Quang Ngai.

2 Vi Nuoe CS Nguyén Van
1 Ngoe Cuong, 86, TH &
(%61, Cam Nghia, Cam Ranh, Khanh Hoa.

. Nguyén The' Bdo, 9Al, THCS Yen Lac,
Vinh Phiic. !

L Levay Ti, 9A1, THCS Yeén Lac, Vinh Phuc.

|
g

‘ban doat giai Vit li nam hoc 2008 - 2009 duoe sdp xép theo thir tu diém va cap hoc.

seo0d000s0 00 D o000 o0 0000000

5. La Héng Qudn, 10T, THPT chuyén Lam
Som, Thanh Hoa,

6. Vé Van Huy, 10A1, THPT Lé Héng Phong,

Tay Hoa, Phu Yén.
7. Do Vi Thach, r 'I’rﬁ'f [PT chuyén,

DHSP Ha Noi.

8. Lé Van Tdan Quyén, WA2, THPT chuyén Lé
Quy Don, Pa Na
11

Q. Trdan Trung Kién, oan, THPT chuyén
Ha Nam.

10. Tran Nhar Tan, 12A1 Toan. khéi THPT
chuyén, BHKHTN, BHQG Ha Noi.
Giai Ba (32 giai)

. Nguyén Nhir Ngoc, 6A, THCS Nguyén Cao,
Qué V6, Bic Ninh.

Nguyén Thanh Céng, 6Ad, THCS Yén Lac.

Vinh Phic. * ‘
3. Nguyén Vin Cuemg, L THCS Nhit

Quang, D6 Luong, Nghé An. :

4, Neuyén Kim, TA, THCS
pong Ha, Quang Tri. -

5. Hoang Minh Phweng, TA1, THCS Yeén Lac,
Vinh Phuc. :

6. Neuyén Thi Huemg Ly, TAl, THCS Dong
Tho, Yén Phong, Bic Ninh.

7. Trinh Hong Ngoc, TAl, THCS Lim Th
Phii Tho. 6

—

-3

inh Phiing,

TOAN HOC
LTusitye..29...
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L B an i’,;}‘h, TA L THOS Lam Thao, Phu Tho.

%wﬁﬂ' i Nhe, 81, THCS Thanh Co,
TX. Quithg i, Quang Tri,

10, Trg Quan

Minh, 8/4, THCS Trin Huynh,
1. Ho Tan Vi, 8A, THESHanh Phude, Nghia

Hanh, Quang Negai.
12, Pham M¥ Li |, THCS Yén Lac, Yinh
Phuc.

13. V6 Duy Vin, 9A, THCS H6 Xuin Huong,
Quinh Luu, Nghé An.

14, Neuven Van Heang, 9B, THCS Ly Nhat
Quang, D6 Luong, Nghé An.

15. Cao Xudn Bung, 9B, THCS Cao Xuin Huy,
Dién Chiu, Nghé An.

6. Ly Phung Hodng, 9A 1, PTDL Nguyén Siéu,
Ciu Giay, Ha Noi.

17. Pham Quang Thinh, 91, THCS
Vuong, TP. Tuy Hoa, Pha Yén.

|8. Nguyén Hitu Anh, 91, THCS Thanh Cé6, TX.
Quang Tri, Quang Tri.

19. Lé Cao Thdang, 10A1, THPT Phan Chu
Trinh, Song Ciu, Phi Yén.

20. Tran Trong Huy, 10 Tagd PT chyyén L&
Hong Phong, Nam Pin *

21. Quang Tai Anh Pha, 10A1, K¥T, STHPT
chuyén Phan B&i Chau, TP. Vinh, Nghé An.

22. Mai Anh Bdng, 10 Toin, ong THPT
chuyén BHSP Ha Noi.

23. Tran Thé Khai, 11A1 Todn, khéi THPT
chuyén, PHKHTN, DPHQG H:a Noi.

24. Lé Quang Hiéu, 11CT, THPT chuyén
Nguyén Du, Buon Ma Thuot, Dak Lak.

25. Hoang Biti Khanh, 11A1, THPT chuyeén Lé
Quy Pén, Pa Nang.

26. Nguyeén. Hong Som, 11/1, THPT chuyén
Nguyén Binh Khiém, Tam Ky, Quang
Nam.

27. Lé Dai Thanh, 11A1, THPT chuyén Ly Tu
Trong, Cin Tho.

28. Phan Qudc Khdnh, 11A1, THPT chuyén
Vinh Phic.

29. Nguvén Tdn Hiumg, 11T, THPT chuyén Lé
Khiét, Quang Ngai.

30. Nguyén Som Thng, 12A2, THPT Ngo
Quyén, Chau Son, Ba Vi, Ha Noi.

TOAN
30 °* cﬁlﬁiﬂgcé 538 389(11-2009)

Hung

3l

3d

Trdn Thi Hong Van, [2A

Lé Viin

Hong Phong, Nam Pinh.

Huynh, 12T1,
Nguyén Trii, Hai Duong.

THPT chuyén

(iiai Khuyén khich (39 giai)

b2

b.

10.

11.

13.

14.

15.

16.

17.

15,

19

Pham Thi Vdn Anh, 6A1, THCS Yén Lac,
Vinh Phiic.

Pham Vdn Quyén, 6B, __ THCS Ho Xuan
Huong, Quynh Lumu, Nehé An.

Phan Hodng Thanh Tung, :ﬁ'll THCS Cao
Xuan Huy, Diép Ghiu, Nghé An.

. Hoang Danh Thet TAE*S Ho Xuén
Huong, Quynh Luu, Nghe An: :

Nguyén Ngdn Giang I, THCS Yén Lac,

Vinh Phiic.
Phan Thanh Ting, 7D, THCS Cao Xuan
Huy, Dién Chiu, Nghé An.

Neuyén Minh Hiéu, TALl, THCS Yén Lac,
Vinh Phiic.

Hodng Anh Tu, 71, THCS Marie-Curic, Ha
Noi.

. Pham Huy Hoang, BA5, THCS Giang Vo, Ba

Binh, Ha Noi.

Ha Quang Nhdn, 8B, THCS Nhu Thuy, Lap
Thach, Vinh Phiic.

Chu Huong Giang, 9A, THCS Han Thuyén,
Luong Tai, Bac Ninh, '

. Nguyén Danh Nhdin, 9A2, THCS My Cit,

Phu My, Binh Dinh.

Hodnyg Tjrgug Bicdmg, 9B, THCS Cao Nuin
Huy, Dién Chau, Nghé An.

Ddng Duy Linh, 9E, THCS Vin I ane Via
TA, Phi’lTh{_r. gy
Dodn Hiin , THPT chuye

Boi Chau, TP Vil S chuyén Phan

Neuvén Vi Minh 10A1,
Phan Boi 3 h,

Ngiyen Ngoe Trung, 10A1
Vinh Phuc.

Tran Minh Viong, 1 i '
chuyén DHKHTN, DHOGHa Nof -
Trinh Déng Sem, 10T, THPT ch .
Son, Thanh Hoa, e

IPT chuyén

I' chuyén

http://tieulun.hopto.org
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), Ha Hone Viét, ,1.”, Todn, THPT chuvye GRS g 5 o e
é. " Hung Vuong, Phu Tho. R s h’::nﬁ;;m Khoi. 11T, THPT chuyén Thai
' 21 Vi Pinh Long, IOA] Todn, khei THPT B g R O ok
. 3 chuyén, PHKHTN, PHQG Ha Noi, 31, {I'rf,:‘,';fi"ﬂif”’.ﬂ Ba, 11 Todn, THPT chuyén
'[ 12, Pinh Tién Diing, 10A1, THPT chuyén Vinh 1 Nwm'j“ PR o ‘I*::huyﬂn
! Phuc. S i y Lé Khiét, Quang f':nlgili.
j: .Plfr'i”” f]{fj .:'rjil-ll:;";" .II._;'!!:‘I}”!:_[I:IFI Hg“}rﬂ'“ rll‘ﬂ‘t 3:{. ﬁfi‘,!'.},{f” An T-f.”]rf I ]ﬂI, K " 'I'!—[irl. ;:hu}'ﬂll
Thanh, (du Gigy, Tt Nok. Phan Boi Chau, TP. vtn*@* An.
l \ khai THPT

24, Fls"i'um Hfﬁ*', 10A 10, THPT chuyén 34, Nguyén Thanh Ti,
Vinh Phdc. | chuyén DH Vinh, Nghé An.
25, Ta Hai Nam, 10T, °

Ehll}‘f!n [‘I'It'l.'['lgl ‘5:. f.[lfj .DI: - T ’ ¥ ; . -
- én Tudn Anh, 11A1, THPT chuyén Ly
Vuong, Phu Tho. Tu Trong, Can The.

2. Nguyén Dong 7 T, THPT chuyén Lé 36 7y6n BiTiune, 11A1, THPT chuyén Vinh Phic.
Quy Don, TP. Q hon. Binh Dinh, 36. Imuﬂufrreiw,g. I*] s y :
37, Lweng Vdan Thién, 11T, THPT chuyén

17. Neo Vin Diing, 10T, THPT chuyén Lam Luong Vin Tuy, Ninh Binh.

Som. Thanh Hoa. _ 1
' 38, Neuyén Hoang Higp, 12 Todn, THE
28, Kim Dinh Son, 11A1, THPT chuyén Vinh Phiic, c;ﬂ;}g; Hﬁcﬂgi’;ng_ iép

29. Vi Dai Nghia, 111, THPT chuyén Huynh 39, Qudch Bdng Hung, 12T, THPT chuyén Bac

Min Dat, TP. Rach Gid, Kién Giang. Ninh.
Giai Nhat (1 giai) 5. Lé Thanh Minh, 12C12, THPT Lé Van Huu,
3 Thiéu Hoa, Thanh Hoa.
I. Neuyén Negoc Duy, 12 Li, THPT chuyén L& BUSL 08, RN Lol
Khiét, Quang Ngai. 6. Lé Vén Giang, 12F, THPT chuyén Lam Son,

W P Thanh Hoa.
Lxiai Nhi (3 gian)
(Giai Khuyén Khich (7 giai)

Y21. Nyuyén Trung Hung, 10A3, K37, THPT
¢ ¥ chuyén Phan Boi Chau, Nghé An.
r §-F

e

. Neuyén Tdn Déng, 11 Li, THPT chuyén Lé&
Khiét, Quang Ngai.
2. Neuyén Vin Pong, 12A1, THPT Ngb

Ty, Lap Thach, Vinh Phiic. i W8 Tran Vy Nhdat Quang, 11 Li, THPT chuyén
: 8 r g . g ] am
3. Pham Dinh Tudn, 12A1, THPT Ké Sat, Bin "‘é -~ L‘E Khiét, Quang Ngai.
Giang, Hai Duong. Mt NTrdin Thity Anh, 11A, THPT chuyén Lé Quy
Giai Ba (6 w0, 8 ¥ RO, Long An.
ai Ba b .
il LN S MaNChi D, | 1E, THPT Ha Trung, Thanh Hoa
L. Neuyén Duy Manh, 10Al, THPT e 3 : A ;
\ Luu 1, Nghé An. ; ‘ puyén Hodng Hiép, 12 Toin, THPT
7 : : chuyén Bac Giang.
: 2. Hd Trong Hing, 10A3, K37, THPT chuyén
Phan Boi Chau, Nghé An. 6. Huynh Vinh Sang, 12A1, THPT TX. Sa Déc,

NeoV Piong Thap.
: iét Hilng, 12 Todn, THPT chuyén Bic Kan. ng
7. Trieong Céng Thanh, 12711, THPL Ngbé Gia

’ Ngl:}rafn Viin ng}réﬂ, 12Al, THPT K¢ Sat, Tu, Eakar, Pak Lak.

Binh Giang, Hai Duong.
: Y T2 2
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CHIU TRACH NHIEM XUAT BAN
" Chil tich Hoi déng Quin tri kiém
Tong Gidm doc NXB Léilﬂu due Viél Nam
NGO TRAN Al

BAN CO VAN KHOA HOC

GS. TSKH. NGUYEN CANH TOAN
GS. TSKH. TRAN VAN NHUNG
TS. NGUYEN VAN VONG Phé Téng Gidm d6e kiém
(GS. DOAN QUYNH Téng bién tap NXB Gido duc Viét Num
PGS. T5. TRAN VAN HAO NG QUY THAO

HOI DONG BIEN TAP

Tang hidn tdp : PGS. TS. PHAN DOAN THOAI Phd Téng hién tap : TS. PHAM THI BACH NGOC

Thit ki Ta soan - ThS. HO QUANG VINH

TS. TRAN DINH CHAU, ThS. NGUYEN ANH DUNG, TS. TRAN NAM DUNG, 7S. NGUYEN MINH DUC, TS. NGUYEN
MINH HA, TS. NGUYEN VIET HAI PGS. TS. LE QUGC HAN, ThS. PHAM VAN HUNG, PGS. 5. VU TIIANI KHIET,
GS. TSKH. NGUYEN VAN MAU, Ong NGUYEN KHAC MINH, TS. TRAN HOU NAM, PGS. TS. NGUYEN DANG PHAT,
PGS. TS. TA DUY PHUDNG, ThS. NGUYEN THE THACH, GS. TSKH. DANG HUNG THANG, ThS. VU KIM THUY,
PGS. TS. VU DUONG THUY, GS. TSKH. NGO VIET TRUNG.

TRONG SO NAY

Thu chiic ming nhan dip Ki niém 45 nam

2 L gl n 40 @ Dién dan day hoc toan — Math Teaching
Xudt ban Tap chi Toéin hoe va Tudi tré.

Forum
Phan Tudn Céng — Ki thuit tim nghiém
cua phudng trinh lugng gidac co didu

P, L — e

€© Noi chuyeén véi ban tré yéu toin
Nguyérn Canh Toan — Ba "KHONG" chum

lai thanh hon mii cao. M
l o ."ij; Quang Pién - Bai tho "Tham thav @ Pé ra ki nay — Problems in This Issue
4 B"f‘“ ol ﬁ T1/389, ..., T12/389, L.1/389, L.2/389.
e Danh cho Trung hoc Co s0 — For Lower :
Secondary School @ Giai bai ki trudge — Solutions to Previous

Nguyén Dite Tén—Mat phong cach hoc toan.

e DE thi vao 16p 10 chuyén toan Triding
THPT chuyén Lé Khiét, Quang Nedi . nam
hoe 2009 - 2010,

e Lii giai Dé thi vio ldp 10 Khéi THPT

Problems
(1ai cac bai etia si 385.

Cuf::::‘ thi giai toan Ki niem 45 nam fap
chi Todn hoc va Tudi tré — The M&Y 45"

: Annl\rersary Contest
hyén Pai hoe Vinh, nam hoe 2000 RO L |
1 chuyén Plai hoe ; pe 2010, Giai cie bai T9/TH
o CS, TIWTHCS, T9/THPT.
o Chuin bi thi vao dai hoc — University TLWTHET.

:l Entrance Preparation K&t qua Cude thi gig: Tas A |
2 3 " ek .. [odn va Vat li trén
| Pham Vin Hing — Mét 86 chi y khi gidi Tap chi Toan | o R LR
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mRIAAR mURT UIYEN MRTIN
95 netm xdy dung va trudng thanh

Trong hai ngay I4 va 15/11/2009.
Truwong THPT chuyén Nguyen Trai,
tinh Hdi Duong long trong t6 chirc
Lé ki niém 25 nam ngay thanh ldp
trudng va 45 ndm khoi pho thaong
chuyén Todn - Mot ngoi truong
hang ddu vé gido duc va cham soc
cdc tdi ndng tré thanh nhung cong
ddn xudt sac. Noi con nguoi duoc
phit trién toan dién va thich nghi voi
moi hodan canh.

Toan dac biét) ciia Tinh Hai Duong dugc thanh I4p tai
Thén Mac Xa, Xa Quang Phuc (sau 14 Xa Tai Son)
Huyén T( Ky, Tinh Hai Duong. Gitra nhimg ném D& Quéc My
pha hoai mién Béc, I6p Toan déc biét nay da trai qua biét bao
ngay thang cam go, lién tuc phai so tan va hoc @ nhiéu nai khac
nhau: T Ky, Nam Sach, TX. Hai Duong, Hung Yén. Cac thé hé
hoc sinh ngay dy da trudng thanh va trd thanh cacnha lanh dao,
tri thitc, doanh nhan xuat sac, dat nén mong cho viéc thanh lap
trrang Phd thong Nang khiu Tinh. Xuat phéat tir nhu cau cén
thiét ¢ mét mdi truong giao duc toan dien va dac biet dao tao
tai nang tré cho Tinh nha, ngay 22/12/1984, trudng Nang khiéu
Tinh Hai Hung (nay |4 trueng THPT chuyén Nguyén Trai) chinh
thirc duge thanh |ap theo Quyst dinh s6 327 QB/UB cla UBND
Tinh Hai Hung.

N am 1964, 16p phd théng chuyén Toan (duac goi 1a 16p

Trong subt 25 nam xay dung va phéat trién, thay va trd nha
trudng da nd luc phan ddu khdhg mét mai cho su nghiép trdng
nguai va da gat hai duge nhitng thanh tich dang tu hao.

HOC SINH

< 23 giai Qudc té va Khu vue trong dé 4 Huy chuong Vang,
7 Huy chuong bac, 9 Huy chuong Bdng va 3 Bang khen.

< 1068 giai Qudc gia, trong do 40 Gidi Nhat, 225 giai Nhi,
457 giai Ba, 346 giai Khuyén khich.

++ Hang nam ti1& dd tdt nghiép la 100%, ti 1& d& Pai hoc va Cao

A

“ 7 2
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Cac thdy co gido 16 Toan cua truong.

p

Hang sau dung gida: Higu trudny ThS. Phan Tuén Céng

GIAO VIEN

2+ § théy cd duge Nha nudc phong tng danh higu Nha gido Uuti.
4+ 1 ¢b gido duge Chi tich Nudce tang Huan chuong Lao dong

hang Ba.
<11 thay co duge Bo Gido duc va Dao tao ting Bang khen.

+» 44 thay co duoc tang danh hiéu Chién s Thi dua, Gido vién

Gidi cac.c3p (trong do c6 22 thay cd dat dude tir5 nam trdlén).
NHA TRUONG

«+ Bugc Cha tich Nudc tang Huan chuong Lao dong Hang Ba

(1994), Hang Nhi{2009).

%+ Buge Ch tich Hoi ddng Ba trudng ting Bang khen nam 1989
“» Lacdrdaukhdi THPT clia Tinh 3 ndm: 1997, 1998, 2009.

4+ Lién tuc cac nam dat danh hiéu tap thé Lao dong Xuat sic.

“* Nam hoc 2008-2009, truang duge cong nhan dat chudn
Clutic gia giai doan 2001-2010. :

“» Dang b nha trudng lién tuc dugc cong nhan 1a Bang bd
trong sach vimg manh, co thanh tich tigu bidu dugc Thanh uy
va Tinh uy bigu duang. :

++ Cong doan nha trudng lién tuc dat danh higy Céng doan vilng
manh xuat séc, duge Lién doan Lao dong Tinh Hai Duang 3

CorBon vi dén déu phong trao thi dua khi sunghiép nam nga_.ng
“+ Boan TNCS Hé Chi Minh cia truang lign tuc duoc cong

: nhan 1a Boan Truéng Tién tigh Xuat s3 :

dang trung binh 1a 95%. Cava Trung vong Boan tang Béng hh:n:: T
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