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I. TINH CHAT

Tich hai canh cia mgt tam gidge bang tich

dudng cao ung voi canh con lai voi dudng
kinh ctia duwong tron ngogi tiép tam gidc do.

Chirng minh. (h. 1)

Gia st AABC b
dudmg cao AH dudng
tron (O ; R) dudng
kinh 4D ngoai tiép B

A

tam gidgc. DE thdy i k
AAHB e AACD (g.g) A
b AH _AB g

AC AD

= AHAD = ACAB (*). O

Duai day, trong tam giac ABC ta ki hiéu g, b,
¢ lin luot 1a ba canh doi dién véi dinh 4, B,
C; O, R lan lugt la tdm va ban kinh dudng
trdn ngoai tiep tam giac; 1, r lan lugt 14 tim
vii bin kinh dudmg tron ndi tiep tam gidc; ha,
hy, b, lan luot 12 d6 dai duﬂng cao I, Iy, I. lan
luot la 46 dai duong phén giac trong k¢ tir cédc
dinh 4, B. C. Hé thirc (*) c6 dang bc = 2R.h,.

11. HE QUA
a) Néu AABC vudng tai 4 thi a = 2R, ta
duge mot hé thire trong tam gidc vudng la

be =a.h,.
X

b) Néu géc Bnhon thi 2R =b: ~-=——0.

Tuong ty, néu cic goc 4, B, C deu nhon thi
o b dEE
sind sinB sinC

._ af‘ﬂrh*‘# zkj,, ::aiw 2Rah, = 4R.S.sc

; abc
5 "'..'.. :;SJE 4R .l'

Cam Eaﬁh, Rﬁm}ﬁ}
I1I. AP DUNG
WBai toin 1. Cho dwong tron (O; R). Hai
ddy cung AB va CD vuong goc voi nhau.
(AD+BC) AC+BD)
AB+CD

Chiing minh rang =21

Lo gidgi, (h. 2)

Goi H la giao diém
cua AR va CD. Theo
tinh chat (*) ta co
ACAD = 2RAH va
BC.BD=2R.BH.

Suy ra

ACAD + BC.BD =
2R(AH + BH) = 2R AB. o
Tueng tw CA.CB+ DA.DB=2R.CD.

Do d6 AC.AD + BC.BD + CA.CB + DA.DB =
2R(AB + CD) = dpem. O

@Bii toin 2. Cho A la mot diém 6 dink
trén dudng tron (O ; R). Hai ddy cung thay
doi AB va AC Iuén thoa man ABAC = 3R,

a) Ching minh rang BC luén tiép xtic voi mot
ducng tron cé dinh.

b) Xdc dinh vi tri cua cde ddy cung AB va AC
dé dién tich tam gidc ABC lom nhit.

Lai gidi. (h. 3)

a) Ké AH 1 BC,
theo (*) ta cH
ABAC=2RAH
SR

-
E
:-E.

A

il
Vay BC luén tiép
xie voi  dudng

o e
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b) Ta cd OK + 04 > AK 2 AH nén Lai giai. Theo tinh chat (*) ta cO ah = 2R,
3R R he=2R fw cca=2R hy. Suy ra
Sayaly LA (abc) = 8R .ha by he

— (4R.S.150)* = 8R’ hahs. b

Do AH khéng déi nén S 1én nhat < BC lém

IR
nhﬁr.t > GK h-é '["[hg_l e 3 r}K — % o= B{__' £ E {}f.;- = S‘.]ﬂr Illl' _]--,I}”Jir,h rh‘,- ' l—]

|l

f—

Khi do A4ABC deu. O Y Bai toan 6. Cm?ﬁg minh rr:fﬂg Vi moi tam

%WBai toan 3. Cho tam gidc ABC ndi tiép gidc ABC ta co bat dang thirc

dudng tron (O ; R) véi dievng cao AH = RN2 . L AL
Goi D va K lan lwot 1a hinh chiéu vudng géc bc ca ab 2R
cua H xuong AB va AC. Chimg minh ring Léi gidi. Ta co
il A A
Sapk = = Sasc- R ). DL L 35
ADK= Sanc e + - +ub zﬁkhﬂ : !;jh +h.)
Loi giai Ta cé e [S,um" Sasc  Sasc
gidai. (h. 4) Ta co A = + + J
ADAB=AH = AK AC R ¢
sl ek K Lai ¢6 8 g0 =191C) Ly 45 dung BOT
AC AB g, o 1I .
Tir d6 suy ra } (a+b+ C}{~ ti=<ch —J = —. Suy ra dpem. O

_ BN\_H c 2okl 2
AADK e AACE B A 5
2 Cudi cung, m&i cde ban cing luyén tip thong

-, SpK =[AB] Hinh 4 qua mot s bai toan sau day.
Sqce \AC -

1. Tam giac nhon ABC ¢6 chu vi 2p va bin

s 2
=( AH? T=[ AH? ) ) [RH'EJ pish ~  Kinh dudng tron ngoai tiep R, chimg minh ring
AB.AC 2R.AH 2R g

a) sin A+sin B+sinC =~

@ Bai toan 4. Cho tam gidc ABC noi nep b) Suuc =2R* sind. Sil"Lg sinC’,
dwdmg tron (O | R) va ngoai r:é“p dudmg tron

(). Chitng minh ring 2. Chimg minh ring trong tam gidc ABC &2
L‘fl IB? f{: 2 s co cde bat dang thirc sau:
A ST 3)(@+b—cXb+c—afc+a—b)< 2R\ 2Rk
8
212 5oz b) I4* IB2 Jc? < S 3 ,
 Léi gidi. Ta co i ¢ 2 : 3 =1 (xem chimg Z?R ha h. b ;

bhe ca ab

2
minh trén THTT s6 265, thang 7/1999) €) hat+ by + p, > FAHIBHIC)
2R
 Tir diy va tirtinh chdt (*) suy ra 3. Chimg minh ring véi tam gide ARC bit ki @
P B I ,
pcm ) . ab bc ca
2RA, ZM ZR-FI, ¥ S O bit ding thiic —~+-—-+—ﬁ- < 6R.
© a

ﬂml todn 5. Ehml-g minh rﬁng d]‘,fn tich r------.‘------.---..ﬂﬂﬂ'-.--"-----.1
: L mﬁﬂ'dﬂﬂ'a‘:ﬂ fhfﬂnh theo cong thire
‘ ' NAM 2008

uﬁn’a‘hﬂﬁhﬂﬂ nﬂltncbqn 5#'““’“
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LOI GIAI BE THI VAO LOP 10 CHUYEN TOAN
- - RN W RE
TRUGNG THPT CHUYEN AGUYEN TRAT, HATDUGNG

NAM HOC 2008 - 2009
(Dé thi da ding trén THTT so 377 thdang 11 nim 2008)

Cau 1. Pat y = x* (v 2 0) thi PT (1) tré thanh

Vv =22m+ 1w+ 4m* =0 (2)
1) Vé&i m =2, PT (2) tré thanh

¥ = 10y + 16 = 0 < y =2 hodic y = 8 (thoa mén).

Pdp s6. PT (1) ¢6 bon nghiém

\'!_;_ME:EVI{E:_ZME .
2) Bé PT (1) c6 bon nghiém phén biét thi PT
(2) phai ¢ hai nghiém duong phén biét y, ¥,

A e £. 5 b I- L
nghialaA'>0, —>0 va —>0 < m>— va
a a
m#0.

Gid sir xf =x3 =y, X{ =x7 =), laco
17 = x +x3 +x3 +xf = 2(y2+)3)
=2(4(2m + 1) — 8m®) = 16m" +32m - 9=10

= m=—?1 (loai) hodc m=1:{thmi man).
Cau 2. s Véi b= %,tinhm}ctiép duge 4 =1,

e Vi E!::-E, lip phuong hai vé biéu thire 4
roi rit g{;}nsta dugc
A? =6b-2+3A43/(3b-1)* —b*(8b-3)
=6b -2 + 34(1 - 2b).
Suy ra A° = 3(1 = 2b)4 — (6b-2)=0

= -f(a) o) o

&5 4 = 1 =0 (do thira so thir hai duong).
Viy vai ba% thid=1.

Cau 3. Diéukién-1<x<9,-1y<9.
Trir theo vé hai phurong trinh cla hé ta duoc

JxHl 0=y =[y+1+49-x.
e Néu x>y thi J;,—I—l:--\-{ y+l va Jg—y:nfgﬂx .
nén a1 +4J9-y>y+1++9-x, méu thuan.

t.y&u: < y thi tuong tir suy ra
! -a{x-bi +'.',f?_~y'ﬂafy+l +~/9—x . méu thuan.

il

Viy x =y, thay vao PT thi nhat ctia hé da cho
ta duoc Vx+149-x=m (1)
1) Vi m = 245 thi PT (1) tré thinh
Jxrl+9=x=2.5 .

Binh phuong hai vé r6i riit gon ta duge
JxH)9-x)=5 X -8 +16=0=x=4,
HPT di cho ¢6 nghiém duy nhat (x : y) = (4 ; 4).

2) Gia sir (x ; ¥) = (xg ; xp) 1a m§t nghiém cia
HPT da cho, ta co V".?rn +1 +JEI-‘—::G =m

<> \:'(9—{3—,1;])+\,|"{E—_1;J}+1 =T .

Suy ra (8 — X0 ; 8 — xy) cing la nghiém cia HPT
di cho. Viy dé hé di cho c6 nghiém duy nhat thi
Xo=8 —xp hay xo=4. Thay vao (1) com= E\E.

Thir lai, voi m = 2+/5 thi theo céu 1) HPT 4&3&
cho c6 nghiém duy nhét (x ; yvi=(4:4).

Cau 4. Diéu kién x = 0.
Dit a= x++/2009 , B 2009 .
e

Thay x — a — V2009 vao biéu thirc b ta c6

16
b= — =(b—a)~/
Bigy = 2009 <= ab-2025=(b—a)/2009.

Péa,be Z thia=b, do dé ab — 2025 = 0,
Thdba=b=+45 = x=+45 - /2000

Thir lai, véi x = + 45 — \/2009 thi thiy a, b 1a
50 nguyén.

Cau 5. 1) Ta thdy EAP=EPA=MPB . Lai ¢b
DCA = DBA nén PMB = 90°

Tuong tu ta co PNB
= 90°. Viy bon diém
M N B . P .chng
thugc dudng tron
dudng kinh BP.

(Xem tiép trang 7)
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K3 LOI GIAI VA BINH LUANZKG

HOC SINH GI0

NAM 2008

(Tiép theo ki triwdc)

NGUYEN KHAC MINH

(Cuc Khao thi va Kiém dinh CLGD - BG GD&PT)

IBAI 7. Cho tam gidgc ABC, trung tuyén AD.
Cho dwong thang d vudng goc voi duong

thang AD. Xét diem M nam trén d. Goi Eva F

lan ot la trung diém cia MB va M . Duang
thang di qua E va vudng goc voi d cal duwong
thang AB tai P, dwong thang di qua F va
vudng goc voi t:’.’ et édwon g thang AC tai Q.
Chimg minh ring dwong thang di qua M va
vuong goc voli duong thang PO luin di qua
mot diem co dinh, khi diém M di dong trén
diecng thang d.

L giai, Chon hé truc toa d§ Oxy ¢6 O = D,
truc Oy trung vai dudng thang DA. (Ban doc
tur vé& hinh). Khi d6 Ox // d.
bat OA = a: do A khong tring D nén a # 0.
VideOynén A= (0:a).
Goi (b ; €) latoa dd cua B do B£Oynén b #0. Vi
B va € d6i ximg voi nhau qufn& C=(-h;—).
Suy ra AB=(b;c—a) va AC=(-bi—c—a). Do
d6, cac duémg thing AB va AC c6 PT la

AB: (a—cx+by—ab=0;

3 AC: (a+ex—by+ab=0. (1)
~ Ki higu (xy:vw)la toa dd cia M; do Med
* nén |y, 13 khoang cich giita d va Ox. Vi thé,

khi M di dong trén d thi x, thay doi va
¥ 81T nguyén gid tri. Pat y=h, tacd
i T _...b+:_r..:; _;c+h) AL :(x” -b;h—;] |
e iR R 2 2 2
Fi £kl dy 1a dudng thing di qua E va vudng géc
 véid, d; la dudng thang di qua F va vudng
cac durdng thang d, va 4, 1a;
i vi 'ﬂ&: -__;._.‘-E'Eﬁ_'-ﬂ.'.@, {2}

A6i mt khdc nhav. Chimg minh rang

Tur (1) va(2) suy ra

(b+x, (a—c)(b+x,))
= B = iy AT ).

P Hr| MA X a = J

Q=dyNAC= ‘K-‘-'Mz—f{.mf ME? -b))

Ay _bl:-'
L5

et 4
Do db PQ:lab:—

]. Vi vay, dudng
J

thang A di qua M (xy:h) va vudng goc vl
dudmg thing PQ c6 phuong trinh

a.x,; —be

=B X=X Y+ (y=h)=0 hay
bl{x—b—EJ— (a.xy —fn‘}(}'—ﬁ + & ]= 0.
(¥ a

Suy ra, khi M di dong trén d, duémg thang A
: ¥ -
ludn di qua diém co dinh [E h—h—), a

a a

* Loi ban, Véi viée dugce chi din phuong
phap Jtgie’:i trude khi lam bai, bai todn trén chi
¢6 thé sir dung dé kiém tra viéc thuge li thuyét
¢o ban trong pham vi chuong trinh Hinh hoc
I6p 10 THPT (chwong trinh chudn) hién hanh.
Trudmg hop khong duge chi din phuong phép
gidi tru6e khi lam bai, bai todn trén ciing chi
¢o the duge xép vao loai "bai tap SGK Hinh
hoc 10 theo chuong trinh néng caoc mon Todn
THPT hién hanh". Vi thé, cau hoi "V sao ¢
t6i 81,2% tong sd thi sinh du thi bi diém 09
bai win trén 7" [a mét cau hoi can duge nhing
Ngudi ¢d trich nhiém, tim huyét voi phong
rao hoe sinh gidi Todn bac phd thong, clb
nhu cic hoc sinh kha, gioi Todn bac ph
thong, quan tam giai dap thoa déng.

DBALG6. Cho x, , = {6t cdc $6 thire khong a

_ http://tieulun.hopto.
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'1‘ Lk 3 5 e S .;32-{
(x—y (y-=2F (-xF]

(0 + )&

Hoi dau bang xay ra khi nio ?

Lai gidi. Khong mat tong quat, gia sir z > y >
x> 0.

Dit y=x+a, z=x+a+b; a b>). Khi
d6, bitu thirc & vé trdi cua bat déng thire can
chimg minh dugc viét lai dudi dang

P(x,a.b)= (3x*+2(2a+b)x+a(a+b)) x

!
% s :
[H: b2 (a+b)? )

Tacéd

iy 1 i)
P=zala+ b)) —+ —+
i il o e+ b)?
a+b ala+b) a
- +
a b2 a+h
b a(a+b} o b
.::r b*
B il S OSETN
b? {1{:1+E1]
Déu bang & BDT cudi cling xay ra khl va chi
khi x=0va ala+b)=0b". Sl.l},r ra, dau bing &
BDT cia dé bai xay ra khi va chi khi x =0 va

y  f5-1

—

=1+

a+h

z 2

QBAI 5. Hoi ¢6 ta ca bao nhmr m tu nhién
chia lu*r cho 9 ma moi s6 qum 16 da 2008
chit 56 va trong do co it nhat hai chir 50 97

Loi giai. Gia sur X la tap hop gom tat ca cde
56 tu nhién thoa mén cac dicu kién cua dé bai.
Theo bai ra, ta can tim | X |. Ki higu:
.4"' = 1geN| a c6 khong qué 2008 chir s0};

= {acA* a=0 (mod ':'J‘,i}
Ag = {aed| trong cdc chir s cua a c6 ding k

chix 6 9}, k-0,2008.

Xét sb a bit ki thude A*; gia sir a ¢o m ¢hir
sé. Do khi viét thém céac chir s6 0 vao n%‘a}-‘y
trude mot sﬁ nhién ta khong lam thay
ﬁdﬁ nén I:ing céch viét thém 2008 — m chir
{ﬁvhnwtruﬁcsé a, ta 6 mot bicu dién

f...f'_'; s biéu dién d6 co dang 2008
S dalnty o Mﬁ ‘-;'; % dmu nhu vay la hlg'ﬂ dién
b e -11-'.:.."

(*). be ki hiéu biéu dién (*) cia a ;Jc:urn 2008
chir s6, duge ki hiéu ldn luot (tir tréi qua phai)

. Khi

thng av ”_-L chils ..

hot afl ity i) g

TR s

do, A ={ﬂ]f.{|!-..ﬂ_1{..-;g |trong cac chir sO a,. a; .

[ i ]

ding & chir s6 9 va

g C-l.’r':'
2008 |

Za =({mod 'EJ'}J#- k=0,2008 .

Cé thé tiép tuc giai bai todn theo mgt trong
hai cach sau:
Cach 1. Ta ¢6 X = A\(Ay v A;). Ter do, vi
Ag, Aic A va Ap ™Ay = & nén

X = || ~(|4]+|4]). (1)
Ta cé cac nhin xét sau:
Nhdn xét 1.1. |dg| = 9277 .
Chimg minh. Tir dinh nghia Ay d& thdy
E]H;g..ﬂgmg* eAp khi va chi khi g €{0;1;2....;8}
Vi=1,2007 v& a0

=9 — p, trong d6 r la s6
2007
nguyén thude doan [1; 9 ma r= > a (mod 9).
=l
Suy ra, ]A,;.| chinh bang s6 ddy 2007 chir sb c6
thé lap dugc tir cac chir s6 0, 1, 2, ... . 8.
Vi thé [ 4| =927

Nhdn xét 1.2. | 4| =2008.9200.

Cﬁumg minh. Dé thay, qn (trong dang biéu
dién (*)) thudc A, ¢ thé duge tao ra tir viéc
thire hién lién tiép hai bude sau:

* Bude 1. Tir cdc chir s6 0, 1, 2, ... , 8, lap
dﬁ}f gbm 2007 chir sb thoa mﬁn tung cac chir
s6 trong ddy chia hét cho 9;

o Br.r::r.-: 2. Vai day lap du-:;:ra: tr buwcre 1, ghi chix
56 9 vao ngay trude chir 56 diu tién hodic vao
ngay sau chir s6 cudi cing hodec vio gifra 2
chit 56 lién nhau cta day.

Lap ludn tuong twhﬁn chirng minh Nhin xét
1.1, ta Lhﬁ'_v cd 9°™° cach thue hién budc 1. Tir
do, do 1:{5 2008 cach thuc hién bude 2 nEn co

2008.9°" phueng dn thuc hién lién tiép hai

budc néu trén, M&i phuong én cho md‘jt s i

thudc A, hai phuong dn khac nhau cho hai sd

khic nhau. Vi thé | 4, [=2008,9200 .
ﬁé wlm _ .m%:ﬂties.hoptobrg




1 HEUDE =1

Tir cac nhdn xét trén va do | 4 |=1+

nén tir (1) ta duoe ],Jf|="}m-]ie-b-_m;:Ir":;'q-ﬂ-:"—mrE .
2008

Cach 2. Taco X=|) 4 . Tir do, vi 4g, 4, ....
k=l
2008

A>ys d6i mot rdi nhau nén | X| =Y |4| (2)
Ta ¢6 nhidn xét sau: 4

Nhan xét 2. Ayl = 1 va | A4, i gl s
Vk=0,2007 .

Chimg minh. Hién nhién ta c6 [4ygg] = 1.
Aetke{0; 1;2; ... ;2007).

DE thay, s0 (trong dang biéu dién (*)) thudc A,
¢6 the duge tao ra tir viée thyc hién lién tiép hai
burée sau:

* Bude 1. Chon k vi tri trong day gém 2008 vj tri
trong roi dién vio mdi vi tri mét chir s6 9

* Buge 2. Vai 2008 — k vi tri trong con lai,
dién vao mdi vi tri mot chir sd khéc 9 sao cho
tong cac chir s6 duge dién (& bude nay) chia
hét cho 9.
Tuong ty phin chimg minh Nhin xét 1.1 &
Céch 1, ta chimg minh dugc: ¢6 9" ~*! cich
thire hién bude 2. Tir d6, do cd C4, cdch thuc
hién bude 1 nén c6 M~ 4=1 4 . phirong 4n
thue hién lién tiép hai budc néu trén. MO
phirong dn cho mét s6 thude A;, hai phuong én
khéc nhau cho hai s6 khdc nhau. Vi the
| Ay |=9774,Chyy,

Tir Nhiin xét trén va (2) ta duoc
2007

| A =1+ E"}m"*.{:‘.;m
b=l

e 1+1 %glﬂﬂl-& Ct _tgzﬂuﬂwﬁ i S|
ol = L n0s - 2008
= l+};(l [)2008 _g200s _D(J()8 92007 —l:l
10008 _2017.92%7 +§ B
- 5 !

Léi ban. Dya trén ¥ tuong chimg minh céc
Nhin xét 1 va 2, ¢6 thé chimg minh duge két
ql_ui g quat sau :

"Cho k va n la cdc 56 nguyén théa man
I <k<n Goi Tla tgp hop tit ca cdc 56 tir
nhién chia hét cho 9 ma méi sé gém 67 da n
chit 56 va trong do co it nhdt k chit 56 9. Ta cé
[T|=1, néu k=n, va [T|=9"*'Ck. néy k <

n". Dua vao két qua trén, co thé tim |X] theo
008
cong thiee | X|= ) | 4,.|.

k=2

WBAI 3. Dat m = 2007™* Hoi cé tdt ca bao

nhsézr.ﬁﬁ- lte nhién nma n < mva n2n + Y58 + 2)

chia hét cho m?

Loi giai. Dé thay (m, 10) = 1. Do dé

n2n+ 1)(5n+2) =0 (mod m)

< 10n(10n + 5)(10n + 4) = 0 (mod m) (*)

Ta ¢6 m = 3*"°223°" Deé cho tién, dit

10n = x; 3% = g, va 223°™ = ., Khi d6,

do (g1, g2) = 1 nén
x(x+3)x+4)=0(mod 1

s (x+3)(x+4)=0(modgq,) (1) 0
X(x+3)(x+4)=0(modg,) (2)

Dé thay

e (1) xay ra khi va chi khi x =0 (mod g, ) hodc

x=-3 (mod g,) hoicx=—4 (mod g, ):

¢ (2) xay ra khi va chi khi x = 0 (mod ¢, ) hoiic
x=-3 (mod g; ) hodicx=—4 (maod q,).

Do do tir (I), vdi luu ¥ x = 0 (mod 10), suy ra
# 1a 50 twr nhién thoa méan cac diéu kién cia dé

bai khi va chi khi n:T‘%, vi x 13 sé nguyén
thoa médn hé diéu kién (con néi: x la nghiém
x=0({modl0)

cua hé) sau; yiimadg)

(1)

x=r(modg,)
0=x<10qq;

trong dé 7,7, €{0;— 4;— ¥

Tiép theo, ta s& chimg minh (mg v&i méi cip
(5 ;ﬁjrﬂlda mén ri,r;E{ﬂ;-ﬂi;-S}, hé (1) co
duy nhat nghiém.

That vay, xét cip (r:r,) ty ¥ théa min ;
ﬁ,r;E{ﬂ;-—-ﬁT-;—ﬁ}. Dat my=10g, va m,=10g,. |
taco (m, )= (my, g,)= 1. Do d6 ton tai

B e e L
1
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céc so nguyen s, s sao cho simy=l(modg,)
va s;mm=l(modyg,). Suy ra SO A=HS5M + 150
thoa man dé-ng, thoi cac digy kién: @ = 0 (mod ]'L]-}
vaias n(mod g,), i=1, 2 Vi viy, chon s6
nguyén x sao cho x= a(modlOq,q,) va
€[0:104,9: ), ta ¢6 x 14 nghiém cua hé (II),

Gia str, he (IT) c6 hai nghiém x va x' (x > x). Khi
dé, do x,x'e[0:104,g,) va x=x'(mod10gq,4,)
nén O<x—x'<10q,q, va x-x x'=0(modl0g,q,).

Méu thudn nhan duoc chimg t hé (1) ¢6 duy
nhat nghiém.

Tém lai, ta duoe dieu mudn chimg minh.

Dé thay, frng vo1 hai ¢ap (7 ;7 ) khac nhau, ta s&
¢6 hai s6 x khac nhau la nghttm cua hai hé (1)
twong tmg. Tir day, vi 6 tat ca 3° "'Ea"-:.ap{r, ")
doi mot khac nhau nén sé -:c: 9 80 x la nghiém
ciia 9 hé (][} nrmg img. Vi mdi sb x cho ta ding
mét 50 1 va haz SO X khac nhau cho hai s6 n khéc

nhau nén b tat ca 9 sd » thoa man cac didu kién
clia dé bai, 0

 Chii y. Theo Quy dinh cua B6 GD&BT tai
cong vin s0 1403/THPT ngay 25/02/2002,
cac thi nmh dugc phép sir dun?_: dinh li Trung
Qun}{: ve cac s0 du nhu mot két qua SGK. Vi
thr., doi voi bai lam cua thi sinh Hmﬂg VEU
cdu trinh bay phan chirng minh hé (11) ¢6 duy
u{mr nghiém; thay cho phan do, thi sinh chi
can néu ndi dung sau: "Vi 10, ¢,, ¢, d6i mdt
nguyén to ciing nhau nén hé (1) co duy nhat
nghiém (theo dinh If Trung Quéc vé céc 5o du)".

Thay cho Ii két. Tai IMO2008, to chirc tai
Madrid - Tdy Ban Nha tir ngay 10/7 dén ngay
22/7/2008, lanh dao nhiéu doan da gip go,
trao doi vdi ngudi 1.*1&1 bai na}f vé dé thi chon
hoc sinh giéi Qubc gia mén Todn 6p 12
THPT cna Viét Nam. Xin néu ra diy mot
tmng cac y kién cta ho: “C hing t6i thich cac
deé thi ciia nrGe 6ng vi trong dé ¢ nhiéu bai
todn (tiéng Anh la problem) hay, tha vi. Vi
thé, ching toi rit ngac nhién Khi dé thi nam
nay (2008) cia nuwde 6ng chi gom toan bai
tdp (ticng Anh 13 exercise) ma khdong ¢6 mot
bai todn nao!”.

LOI GIAL.. (Tiép trang 3)

STV OIE | Bd'vi OF L Fd. suy m t gike OFAE
nbi nép Tir d6

OFE = OAE = 90° - AOE = 90° -
Tuong Wy OLF = BDC . Viy AOFE o3 ABCD.

Suy Ta E_.E'f.._-_l

BD  CL 2
cua AACD), hay B = 2EQ.

3) Goi K va M Uin lugt 14 hinh chieu vubng gée ciia
Olén AB va CD. Tacod

AB® = ABH® = 4R - 4HCY,
CD = 4DK® = AR - 4K (P Tir d6

Sicao= = ABCD = 2R —R* .PO? + HO*.KO!
2

(o O + OK* = %) M

Tt d6, min Sycup = 28 v R? = PO? , xay ra khi va chi
kﬁﬂ-ﬂhmnﬂﬁﬂhﬂn CD la duémg kinh

 dudmg trdn (O'; R)

Mat khie, HO KO <
ﬂ!l}hﬂﬂﬁﬂﬂ‘ f'ﬂ’

PBC = BCD.

(do EF 1a duong trung binh

:' B :
:., e H 1'.II- Wi
iy SR

Viy max S;epp = 2R — PP, xay ra khi va chi khi
HO = KO « T giac PHOK la hinh vuéng.

Cau 6. Trude hét ta chtmg} mmh BDT
(s = by) = (" = B')(x" - y7)
Thit vay, (1) & —2axby = o + b7
&> (ax — by)" = 0 (d(ng).
Bing thire xay ra khi va chi khi ax = by,
Sirdung BET (1) ta ¢

2
[Er—}']l E[%.dr—lj}'} 2 %“M - 0%y = 20
(do 16x* — 9)” 2 144), Suy ra |

3
2c—y+12 25 +1 holic2x—y+ 12 -24/5 +1.

Tirddsuyra|2x—y+ 1] 2 2/5-1.
Pang thirc xdy ra khi va chi khi
Br =9y, 2x —y = ~2+/5 va 16x* - 97 = 144

& x=- - viy= ~ -
5 N
HOANG VAN BAC

(GV THCS Vi Hi, Binh Giang, Hii Duon
gidi thiéu) E' &

(1)

»

TOAN HOC
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Ue cdutrdc e thi chon hoc sinh gidi Quc gia

MON TOAN LGP

1. MO PAU

Nham dam bao cd thé xdy dung duoe mét dé thi
dap img yéu cdu ning cao hiéu qua va chit
lugng coa viée dinh gig, phan loai ning lyre,
trinh dé hoc sinh dir thi chon hoe sinh gidi Quée
gia mon Toan I6p 12 THPT, tao tién dé tét cho
viée tuyén chon hoc sinh vao Déi tuyén Quéc
gia dy thi Olympic Toén hoe Quéc t. Té chim
thi mén Toan Ki thi chon hoc sinh gidi Quéc gia
16p 12 THPT nam 2008 da kién nghi céc cdp c6
thim quyén xem xét, giam sé cau hoi trong dé
thi tir 7 ciu xudng 4 hoiic § ciu. dong thoi ting
thoi gian lam bai tr 180 phit lén 240 phit (néu
vin o chire thi trong 01 budi). Rén canh dé, Bé
Gido duc va Pio tao (GD&DT) ciing da nhan
duge y kien gop y cua mot sb gido vién day
Toan & cac truong THPT chuyén, ring dé thi
gom qué nhiéu cau, thi sinh khéng thé lam hét
trong thoi gian 180 pht, dén dén tinh trang ti 1¢
hoc sinh dat giai & mén Todn qua thép; tir do, dé
nghi gidm so cAu trong dé thi hodge ting thoi gian
1am bai,

Tiép thu cac ¥ Kién néu trén va trén co s tham
khio ¥ kién cua edc S& GD-PT, B§ GD&DT da
quyét dinh diéu chinh Céu tric dé thi chon hoc
sinh gioi Quoc gia mén Toan l6p 12 THPT theo
hwéng gidm s6 cdu trong dé thi. Dudi ddy 1a Cu
tric d¢ thi (mon Toan) nam 2009, da duge Bo

GD&DT an dinh tai cong vin sb 11723/BGDPT
= KTKBCLGD ngiy 24/12/2008.

2. CAU TRUC PE THI

a. 56 lwgmg cau, chu f{é cua cde cdu va theoi
fwomg lam bai: De thi gébm 05 (ndm) céu thude
05 phin mén: Dai s6. Giai tich, Hinh hoc, Sé
‘hoc v T6 hop toan hoc: véi thai lugng 1am bai
la 180 phit; ey thé nhyr sau:

Ciiu 1. Dai s6 (Phua;?g trinh, bat phuong trinh,
h¢ phuong trinh, hé bat phuong trinh: Bit diing
thirc dai s6; Da thire: Phuong trinh ham trén tap
56 hiru 1, phuong trinh ham khing lién tuc trén
tdp 56 thyc; ... ).

e Clu 2. Gii tich (Gigi han cia dy 56, cia ham sé

Hﬁm’gm"tﬁmmnnrmﬁpsémm;...}.

12 THPT NAM 2009

Ciu 3. Hinh hoc (Hinh hoc tong hop; Phuong
phap toa dd trong mit phang va trong khéng

gian),
Céu 4. S6 hoc

Ciiu 5. To hop todn hoc

b. Phén bo diém cho cdc cdu: Diém téi da cho
de thi la 20 diém, dugc phan bé cho cic ciu

nhir sau:

® Ciu | va Cau 2: mét cau 5 diém va mot cdu
4 diem;

e Ciu 3: 5 diém:

¢ Céu 4 va Cau 5: mdi ciu 3 diém.

3. POI LOT BAN LUAN

Nhitng diéu dwoc trinh bay dudi diy 14 y kién
ca nhin cia nguoi viet bai nay

e Ciiu triic néu trén s€ gop pllfm tao diéu kién dé
T6 soan thao dé thi c6 thé xay dung dugc mat
de thi gém cac tinh huéng Todn hoe ¢6 mirc do
chuyén mén gan véi mirc "bai toan” (problem)
hen mire "bai tip” (exercise).

* Viéc mot hoc sinh gioi Todn dat ra muc tiéu
"phai Jam het (trong thoni gian lam bai cho phép}
tt ca edc cau trong dé thi mén Toan" cua Ki thi
tot nghi¢p THPT hay tuyén sinh Dai hoe 14 mét
dicu hop i, Tuy nhién, trong Ki thi chon hoc
sinh gioi Quoc gia mén Toan 16p 12 THPT. bit
luan de}: thi gom nhiéu ciu hay it cdu, s& la mot
sai lim néu moi thi sinh dat ra cho minh mat
muyc tiéu tuong ty, mac di moi thi sinh déu la
mat hoe sinh gidi Toan.

* Cho dit cau triic dé thi da dwoc didu chinh
theo huéng nhiéu ngudi mong mudn, ti 1§ thi
sinh dat gidi trong Ki thi chon hoc sinh gioi
Qude gia mén Tean I6p 12 THPT nam 2009
van s& thdp néu céc thi sinh khéng duge tuyén
chon t6t & cdp co sg, khong duge chudn bj tot

s

vé chuyén mén, vé tam I thi vii vé dédu phip.

NGUYEN KHAC MINH
(Cue Khdo thi va Kidm dinh CLGD =85 GD& DT

I
http://tieulun.hopto.org | it
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IuI nghiép THPT
va thivao
ﬂai hoc

Cao ding nhimg nam gin day, ching

ta gip khd nhiéu bai todn giai hé phuong
trinh (HPT). Ngc:i'ii nhl,”mg hé d6i xing loai 1,
loai 2 co bin mi cdc ban da biél cich giai,
trong bai bdo nay ching t0i Xin gl thiéu thém
v6i cdc ban mot so dang toan Ve giai HPT v
nhitmg phuong phdp dé giai chiing.

F I \rong cdc dé thi tuyén sinh vao Dai hoc,

L PHUONG PHAP BIEN POI TUONG DUONG

Phuong phdp nay chi y&u 1a st dung céc ki
ning bién d6i dong nhét dac biét la ki ning
phan tich nhim dwa mot PT trong hé vé dang
dom gian (c6 thé rat x theo y hodc nguoc lai)
r6i theé viao PT con lai trong hé.

LOAI 1. Trong hé co mot phuong trinh bdac
nhdt véi dn x hodc y, khi dé ta tim cdch rit y
theo x hodc nguoe lat.

% Thi du 1. Giai hé phicong trinh
{x*[_}'+l}{x+y+l} =3x —dx+1 (1)
()
Lai gigi. Ta thdy x = 0 khong thoa man PT (2).
i

xy+x+1=x*

Vi M0 MRS 1o X Ay o (1)

ta duoc

xt —1] ey |

¥

X -+

: e =3x% —4x+1
= (%2 ~1)(2x* —1) = (x—1)(3x-1)

= (x-1)(2x3 + 2x? = x~1) = (x~=1)(3x~1)

' - x =0 (loai)
#(Jn;ul]{Zxa +2x2 —dx) =0 x=1

x==2.

| '.chﬁhmng:uerntx,ymu -1, (-2 —-—::EI

.;r

Mer s ‘Itméﬂ*ﬂ
hr:*! i[kf_ W'HW\U

NGU 'T'[:LN MINH NH]ET\
(GV THPT Qué’Va I, Bac Ninh)

LOAI 2. Mdt p}m‘rﬂ:g trinh trong hé co thé
dwa vé dang tich cua cde phuong trinh bdc
nhdt hai dan.

* Thi du 2. Giai hé phuong trinh
(1)

(2)

XY+x+y=x‘— 2yt
.'I.'JZ_F ~yJx—-1=2x-2y

Laoi gidi. Diéukiénxz1;y20.
PT(l)e xt—xy~-2)* =(x+y)=0

e (x+y)(x-2y-1)=0
o> x—2y-1=0(tirdidukiéntacd x+ y>0)
&> x=2y+1 thay vao PT (2) va bién doi ta dugc
[_y+l](@—2)=ﬂ = y=2(doy=20)
:bx=5,H¢. cé.nghj{:m (x:9=(3:2).0

LOAI 3. ﬁ{gil PT ciia hé la PT bac hai theo
mot dn, chang han dé la an y. Liic dé ta xem x
la tham 56 va biéu dién ditoc y qua x bang
cidch giai PT bdc hai dn .

% Thi du 3. Giai hé phicong trinh

{ yi=(5x+4)(4-x)
I

- dxe

()
(2)

—4xy+16x -8y +16 =0

Lai gidi. Bién d6i PT (2) vé dang
yE—(4x+8)y—5x2 +16x+16=0.
Coi PT (2) 1a PT bac hai dn y (tham s6 x) ta cé

A' =952, tir d6 [J":E“q
y=4-x,

e Vi v = 5x + 4, thay viio (1) duoe

4
(5x+4)" =(Bx+4)(4-x) | ¥~ 5 =¥ =0
x=1) ::,'}ysﬁ 4




* VGl y =4 - x, thay vio (1) duoac ]
E'Eflf HEX+Y— “ ”||3_5_ 2:};-1-..__ :

= '= . : X—yp

(4—x]2=(5x+4){4-1)¢=} & Tt aof gl ) £t
pel=yp=4. out+vi =13
HE ¢6 ba nghiém (x ; y) 12 duow he TR
| R
a " 4 ]
(0;4), (4.{]},(—3 : ﬂJ' O Giagi hétadugc u=2, v=1 (do lul > 7 % -
£ ok = <), lr dg
| ta co hé
II. PHUONG PHAP PAT AN PHU
Dié - o x+y+ =20 fx+p=1 [r=1
1ém quan trong nhat trong viéc giai he 1a X+ ¥ *ﬁ*i I -

phﬁt hle.[l an ph'l.l 1{=1f(_r‘_p):11=g(xj},.)c‘j R I—y:] J:[] ]

ngay tgnngd ti;ng phuong trinh hodc xuét hién
sau mot sO phép bién d6i hing ding thic co  [II. PHUONG L P 1 !
ban hodc phép chia cho mét bidu thic khac 0 ' i

dé dua hé v dijﬂg don gién hon. LOAI 1. Mt ﬂfi‘!'m'ﬁg trinh trong hé cé .ﬁ".gmg

Ix) = fiy) , phuong trink con lai eii
4 kLo " r : al giip la gion
% Thi du 4. Gidi hé phicong trinh f:{?” duge x, y dé trén dé ham 56 f dom diéu,
b o y(y+ ;.;} i (1) LI do suyrax = v, '
{{xz o 1}{}’+ X — 2} =3 2) ® Thi du 6. Gidi hé phuong trinh
Lﬁgi&i- Ta. Lhﬁy }1 . U kh.ﬁng th{ia mﬁ.ﬂ Frl:l} {I'} —-5I =2 .1"'3 -5.}_-' ﬁ}
[ X2 +1 x3 4yt =]
+y+x=4 E v e k}f 2
nén HPTes| i gidi, TUPT (2)tac6 < 1, y* < |

x? 41 =1, <,
{J"‘*‘-’E'-.E}:l,
L

y X€ét ham s6 ,f{f]:ﬂ—ﬁr, IE[—]ZII co
2 ; .
Pat u="‘;1,v=y+x~2 ta c6 {””E ff{ EI}‘SIE“M‘]- Vte[-1;1]. Do dé ham
o uv =1, f) nghich bién trén khoan (=1 : 1) nén tir
Gidi he duge 1 =v = 1, tir d6 ta c6 he FT (1) suy ra x= . Thay vﬁn PT (2) ta duce
{13+l=y ¥4x~1=0,
X4 y=3 bat

: "o = Id E U = i 2 ‘
HE ndy ban doc ¢6 thé giai duoe dé dang. va g1a1 PT tuong ing ta duoc

@ n -1
H#cﬁhmng.’mﬁm{.r;y]i&{i:Z}W‘i{-—E:E}.EI <5y ;JE:’}':I:%E-H‘&'D
* Thi du 5. Gigi he¢ phiromg trinh E

| LOAI 2, e g5 Xten W NS (PR
: i g loai hai ma khi gial
dxy+4(x? +yi)+ (x d 7 =7 :f::;hi "i;ﬂﬂ iééﬁ Mot trong hai PT ciia hé ¢0
: : ty ’ X) = 0 hode = i) trone d6 18 |
ok ham don dig, I g 44 |
2 Sy *Thi du 7. G;; i
s 1 7. Gidi h phuong trink
Lo gidi. Didu kién x + vy 2 0. Kh; ! r‘—-——-——~g 4
; : : Y #0.Khi 6 1a c6 s X —Dx4 2 = 31 4] #
: 2 3
jHx+y) +{3_"'-"J"} +(.t+ e Lai gici VY -2y 42 =31 41, l
! . J*’] Eﬁll.f?@t d=x-1b=y-1 tadughe
: ﬂ+\l'ﬂ2+l = 38 \ a‘l
B+b7 11 = 30 (2

http://tieulun .hopt_c*fyrg
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&

Trux theo v€ hai PT trén, ta duoc

g+Nal +1+30 =b+ Vb2 +1+3 (3)

Xéthamso f(t)=t+~12+1+3, c6
i1+t
)= +31n3.
A ) Vit +1
VINE #1542 2t =\ 11+ >0= (1) > 0,
do d6 hium s6 f{r) dong bién trén K.
Tir dé PT (3) < a = b thay vao PT (1) ta duge
a+-Ja? +1 =73 (4)
Theo nhan xét trén thi a ++/a* +1 > 0 nén
PT@4) & In(a++/a? +1)-aln3=0.

Xétham 56 g(a)=In(a++/a* +1)-aln3 cs

¢(a)=—=—

nén ham s6 g(a) nghich bién wrén Rva do
PT (4) c6 nghiém @ = 0 nén PT (4) c6 nghiém
duy nhdt a = 0. Tir dé ta duge nghiém cua hé
bandiula(x; v =(1; 1) 0

~In3<l-In3<0.VacR,

(V. PHUONG PHAP DANH GIA

Vi phuemg phip nay, cén luu ¢ phat hién céc
biéu thic khong 4m trong hé vi nam vimg
ciich viin dung céic bt ding thic co ban.

% Thi du 8. Gidi hé phuong trinh
, 3

X o
x? =2x+9
2xy

y+ =y +x.
f ﬂy -2y+9

Lﬂgﬂi Enngthmﬁhmﬂcﬁahe ta dugc

~% 1
Ry st o

Tacs Y32 —2x+9 =(x-1)" +822

S 2o 20| _
g J‘e:‘ﬂ#-fﬂ ?ﬂlﬂ.ﬁ pot-

=x2+y

e R <|»| ma theo BDT

?E’B*i neén VT(1) < VR(D).

L
o LR

. . . = Y ey
Diu bang xay ra kh { ' thu lai ta
x=yp=0
dugc nghiém (x; y)cuahé la(0;0),(1;1). O
% Thi du 9. Giai hé phicong trinh
p==x'+3x+4
x=2y'—-by—_2.
Lot gidi. He da cho tuong duong vai
y-2=—{x+l]2(.ra-2) (1)
e 2
x-2=2(y+1) (y-2) (2)

N&u x> 2 thitir (1) suy ra y— 2 < 0 diéu nay méu
thudin véi PT(2) ¢6 (x — 2) va (y — 2) cing dau.

Tuwong tu vdi x < 2 ta cling suy ra diéu vo Ii.
Vay nghiémciahé lax=y=2.0

Hi vong mot sd thi du trén sé gitip ban phin
nao ki néng gim HPI. B¢ két thic bai viét moi
cdc ban cling giai cdc hé phuong trinh sau

) xy—3x—-2y=16 2 x*(2+3y)=8
xt+yt-2x—4y=33 ~|x()*-2)=6

(x2 +3y=9

4 +4(2x—3)y? —48y —48x+155 =0

KE{I3+2I—_}J-1}=I2{}-‘+1)
¥ +dx+1+In(y? +2x)=0

'J; +JI+2 +'\,|'rI+4 :,‘]’_}r—] +\||I};‘._3+\‘,’y,_5
9)
X+y+xt+3% =44 '

bl o T
2+xy+yt—y=0,

o




et 00 TRUGC K THI

PE SO 1
(L'hoi gian lam bai: 180 phiir)

I. PHAN CHUNG Lap phuong trinh dudmg thing di qua diém

Cau 1 (2 diém) M(1:1) cat (dy), (d,) twong tng tai A, B sao
1) Khéo st va v& d6 thi cia ham s& cho 2MA +MB =0.
x—2 ; ;
y= o (C). 2) Trong khéng gian véi hé truc toa do vudng

g0c Oxyz, cho mit phing (P) c6 phuong trinh
x+2y-2z+1=0 va hai diém A 7;=1),
B(4;2:0). Lap phuong trinh dudng thing

(d) 1 hinh chi€u vuong gée cia dudmng thing
AB trén mat phang (P).

2) Chitng minh rang v&i moi gi tri thuc ciia
m, dudng thing y=-x+m (d) luon cit dé
thi (C) tai hai diém phan biét A, B. Tim gid uj
nho nhét cia do dai doan thing AB.

Kol 2.(2 digm) . Cau Ta (1 diém)
1) Giai phuong trinh 3%, 22x1 = 6. Ki hiéu x,, x, ld hai nghiém phife cia phuong
sy [1hth‘-.'l r'z:._'_ =[-|,r" 2 4
2) Giai phuong trinh i s }1‘" x 1 2x+1 Iinh gid trj cdc
"t 7 56 phiic = vl s
ta.n(x—g]tan(x+§].sin3x =sinx+sin2x. ] 3

THEO CHUONG TRINH NANG CA©O
Cau 6b (2 diém)
Til'lh lhé tf":h h]t'lh ﬂhdp SABC h]E'rt S.l""l = d, _I_} T:I'Dng ['I']_E[ ph;ing -;'rﬁjl h{n II'I.IL‘ [l.'.‘.'.::_'l l:'I'L::l 1..'1_]'::,]-1?‘
5B = b,S{_‘:—.c,ﬁ=ﬁﬂﬂ,§ﬁ?=9ﬂﬂ1{f@é:]2{]ﬂ, goc Oxy, cho hyperbol (H) ¢ phuong trinh

Cau 3 (1 diem)

2 2
Caud (1 diém) % —% =1. Gia st (d) 1a mot tiép tuyén thay
g i h d:?'ri 1:-& I la mot trong hai 1iéu diém coa fff).
Tinh tich phan / = f : T ke FM vubng géc véi (d). Ching minh ring
g [sin x++/3.cos 1) M lubn nim trén mot dudmg tron c6 dinh, viét

phueng trinh dudng tron dé.

2) Trong khong gian vé6i hé truc toa do vudng
g6c Oxyz, cho ba diém A(1:0:0), B(0:2:0),

Cau 5 (1 diém)
Tim gid tri nho nhét cia biéu thikc

P =,,‘Iﬂg§x+l +Jlng§y+l+\hﬂg§z+d C{{}éﬂﬂ]rTﬂﬂlﬂ@d@lmctﬂmcﬂatﬂmgiécAB{?,
trong . ¥, 2 la cic 86 duong thoa man diéu ‘
kign;:::ﬂy : ; : Cau 7b (1 diém)

_ Ngudi ta st dung 5 cudn sdch Todn, 6 cudn
: PHAN nh chi lam metr VatLi, 7 cudn Hod hoc (cdc cubn sdch cling

i E;ng hai ﬂ;ﬁﬁﬂﬁ L. o o loai giong nhau) dé lam giai thudng cho 9 hoc
i sinh, mbi hoc sinh dugc hai cuén séch khéc

' _ THEO CHUONG TRINH CHUAN loai. Trong s6 9 hoc sinh trén cd hai ban Ngoc
Cau 6a (2 diem) va Thao. Tim xdc sudt d€ hai ban Ngoc va

_lf:' mﬂmmmcﬁmmm Ay
o xryl=0 (), x—y-1=0 (dy). NGUYEN ANH DUNG

(Hda Néi)

T T g
. . | : X ¥ x 3 . ey v
T ﬁ_. ’ ﬁ“ M http://tieulun.hopto.org I

e



Lé trao gidi thucng QUA CAU VANG
VA PHAN THUONG NU SINH VIEN CNTT TIEU BIEU NAM 2008

gay 30/12/2008 vira qua, tai Phong hop

Chinh phii 56 1 Hoang Hoa Thdam, Trung
wong Poan TNCS H6 Chi Minh, B Khoa hoc
va Cong nghé da phdi hup 10 chic Lé wrao Gidi
muang Cong nghé Thong tin (CNTT) thanh
nién mang tén Qud Cau Vang va Phdn thuong
Nit sinh vién tiéu biéu trong linh vie CNTT
nam 2008. Thay mat Chinh phu, Phé Thu tuéng
Nguyén Thién Nhan di trao gidi thudng
Qua Cau Vang cho 10 guong mat tré tiéu biéu
via trao Phan thudng Nit sinh tiéu biéu trong
linh viee CNTT cho 40 nit sinh vién (trong dé ¢6
14 nir sinh thuée cic trubng Cao dang va 26 nir
sinh thudc cic truimg Dai hoc).

10 ¢4 nhan doat gidi thuéng Qua Cdu Ving nam
2008 déu c6 san phdm CNTT, cong trinh
nghién ciu, nhimg sdng ki€n, nhimg gidi phip
ki thuat da va dang duoc dp dung trong thuc t€
rdt thanh cong. Ngudi 16n tuoi nhit sinh nam
1973 1a ThS. Trdn Quang Tudn, Bi thy Doan
TNCS Bo Khoa hoc va Cong nghé; nguoi it tudi

nhdt 14 em Tran Nguyén Bao Trung, sinh ndm
1991, hoc sinh 16p 12 trudng THPT chuyén Lé
Quy Dén, Da Nang,

40 nir sinh vién duoc nhan phin thuong 14n nay
da 50 déu cb két qua hoc tap trén 8,0; tham gia
tich cuc cong tic Poan, Hoi cla truong,...trong
dd6 c6 nhitng em dac biét xudt sac nhuw Vii Tuyét
Nhung, Hoc vién An Ninh; Pham Quynh Nga,
khoa CNTT, bH KHTN, DHQG Tp. H6 Chi
Minh; Pham Vdn Anh, khoa CNTT, DH Cong
nghé, DHQG Ha Noi...

Phat trién CNTT la dinh hudng 16n clia Pang va
Nhi nude nhim chudn bi cho d4t nude bude vio
ki nguyén Kinh t€ tri thirc, buéc vao thdi ki hoi
nhdp quéc té. Cac tai nang iré dugc trao tang
Giai thuéng Qué Cdu Vang va Phin thuong nir
sinh tiéu biéu trong linh vic CNTT 14 nhimg hat
gidng quy clia qudc gia dé gdp phdn tao ra doi
ngll nhin lwve CNTT ddp g yéu cdu phat trién
cua dit nuée.

L& Ki NIEM 10 DAM ThAND LAP
CONG TI CONG NGHE TIN HOC NHA TRUGNG

1€, ti Cong nghé Tin hoc
&%}@wﬁ long trong & chic

N gy 19/12/2008 vira qua, tai Trung tam hoi
L& ki

10 nam ngdy thanh 1ap (19/12/1998
=197 vin sut tharn dur dong déo cla céc vi
dai bidu, cie eong tic vién than thiét, cdc ban be
dong nghiép vi can bo cong ti.

Vin mue téu hoat déng duy nhat cha cong ti la
truyén bd, thigt ké cdc img dung Cong nghe
Thong un dp dung cho hoc sinh, gia dinh, gi':ifér
vién vd nha triimg nham nang cao hitu qua
giang day cia gifo vién, c6 vil niém say mé hoc
tip cua hoc sinh trong nha trudng ciing nhu tai
gia dinh. Cho d€n nay, cOng ti di hoan thién
hom 50 sin phdm phin mém déng géi cho
nganh gido duc. Cic sin phdm cia cong Ui it da
dang tir cac dia CD ddéng goi phuc vu hoc tép,
ndng cao ki¢n thire, thu gidn gidi tri dén cic phin

mém phuc vu chuyén sau phife tap nhu
Learning Math, TKB, School Viewer, IQB,
TKBU, EMU; tir cdc sin phdm déng géi chay
trén PC don 1é dén cdc gidi phdp tmg dung trén
mang may tinh. Céng ti School@net di dang ki
ban quyén tic gia vi nhin hiéu thuong mai véi
hom 30 san pham quan trong clia minh, 1a mot
lrong cac cong ti ¢6 s6 luomg ban quyén tdc gia
phan mém dugc dang ki nhiéu nhdt tai Viet
Nam. Cdc san phdm cla cong ti da tri€n khai tai
hau hét 63 S¢ gido duc v6i gdn 2000 tnrmg hoc,
3000 gido vién, hang nghin phu huynh hoc sinh
trén toan qudc.

Tap chi Todn hoc va Tudi tré xin chic mimg su
Itm manh cla cong ti School@net va hi vong
rang trén chang dudmg mdi cong ti sé phat huy
hon nita tiém nang va th€ manh cla cdc san
phdm phan mém phuc vu cho nganh gido duc.

Py
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Co hao nhiéy
HINH VUGNG MORLEY?
10 620 020

(Ha Noi)
Chiing ta da biét két qua nédi tiéng sau:

chia ba cdc géc trong tai bon dinh hink Vitong
dd cho.

Vin dé dat ra 13 ¢4 hay khong cdc hinh vuong
ma cdc dinh Ia giao cia nhimg dwing chia ba
g0c trong tai bén dinh cig hinh vuéng cho
trudc ABCD? Péng thoi ¢6 bao nhiéu hinh
vuong Morley ciia hinh vuong ABCD?

Cdch giai

Trong mat phang toa dé Descartes vuéng géc
Oxy , chon O vi a theo thit tu 1a tAm v bdn
Kinh dudmg tron (0) ngoat tiép hinh vuéng da

cho ABCD. Cicdinh A B ¢ . D theo thit tir
cd toa do

Dinh 1i Morley. Cho tam gidac ABC. Cdc tia
Aa,, Aa, chia ba géc BAC. cdc tia Bb,, Bb,
chia ba gic ABC, cdc tia C 21y Ce, chia ba géc
ACB va cdc tia d méi dinh tinh theo chiéu kim
dong hé. Goi D, E. F theo thit e la giao diém
clia cde tia Aa, va Cc,, Aa, va Bb,, Bb, va Ck, -.
thi DEF la tam gidc déu (h. 1). - :

Tam gidc déu DEF duoc goi 1a tam gidc
Morley cua tam gidc ABC.

(.
L -~ o H\. . r Hh“x\_ )
/
"\ 1 F
& L
\*LL b

Hinh 1 ,
Néu xét tiép cic dudmg thing chia ba, cic géc Hinh 2
ngodi cha tam gidc ABC thi cdc giao di€m . 1
clia ching ta c6 thém dwoc mot s6 tam gidc  Ki hiéu Aq,, Aq, 1 céc tia ¢6 dinh A sao cho

 déu nir. M=ﬂ"&g=f.

Trong cutn Lang man todn hoc (NXBGD 6

nam 1999), GS. Hoang Quy da mé rong khai

e

niém hinh Morley déi véi cdc da gidc khéc,
- trong d6 <6 hinh vudng nhu sau.

i m viuong Morley cua hinh vuong ABCD la

 hinh vuéng ma dinh la giao cia nhitng tia

Nhu vay Aa,, Aa, la céc tia chia ba géc trong
tai dinh A ciia hinh vuong ABCD. Tuong tu,
13y cdc tia Bb,, Bb, chia ba géc trong tai dinh
B; cic tia Cc,, Cc, chia ba g6c trong tai dinh
C, céc tia Dd,, Dd, chia ba goc trong tai dinh

http://tieulun.hopto.org




D. D¢ don gidn, ta ki hiéu cdc tiadé la a,, a,, _ S s B R
by, by €1y €3, dy, ds. Chiing ta c6 mot tap gom Hmh vuong (3) 6 cic dinh la glauhdli'm cua
8x 7 Cac cap ta (a, ; by), (b, ; &), (c;: ), va (d; ; a,).
28 (: T} cap tia khong phan biét thit tv  Bén kinh dutng tron ngoai tiép cua hinh vudng
(3) 1a
tir 8 tia noi trén.

i
B =05ay4-2v3.
Ta co cdc nhan xét :

» Cic dinh A, B, C, D 1a anh clia A qua cic Hinh vuéng (4) ¢6 cic dinh la giao diém cua
. cdc céip tia (a, ; d)), (b, ; d,), (c; ; &), (d;; c;)-
~ phép quay () tam O , gbéc quay i.—, Vi

5 Ban kinh dutmg tron ngoal tiép cua hinh vudng
1=0,1,2,3 (4) la
T
e Cic tia a,, b, ¢\, d, 14 anh cua tia a, qua 3= ”'IH"E =a(2-+3).
cic phép quay (Q;). No6i cich khic, phép

Hinh vudng (3) va (4) d6i ximg v&l nhau qua
quay tdm O, vii goc quay Itl: bién tia @, ruc tung.

thanh b, ; bi€n b, thanh c,; bién ¢, thanh 4;;
bién d, thanh a;

Hinh vuong (5) c6 cdc dinh la giao diém cua
cic cAptia(a, ; d,), (b; ; a). (o5 ; by), (d;, €7).
Bin kinh dudmg tron ngoai ti€p cua hinh

» Cdctia a,, by, ¢;, d; la anh clha tia a, qua  wvudng (3) la

cdc phép quay (0)); r=0,5a2.(3-1).

tTrc:-ng 86 28 cap Ha i lrlén ,mﬁ 4;;:51:} ;ll'ﬂi}g Hinh vuéng (6) ¢é cdc dinh 1a giao diém cua
UI;}% Eﬂ;jfdiﬂngq.v{j}; rﬁ]au‘nﬂlﬂ..i gllﬂ;;hd:] 1.-.1:; cac L&P lia {b] s fl}: [.f-'] s d[}n fd| : {I;Js [ﬂ'] . b|}
a.ffc,, . cilp tia con la au ta ;i : ] Vot T :
e, ﬁﬂi 8 tif gide, Viin dé con lai Ia phii sip Bin kinh duéng tron ngoai tiép cua hinh vudng

: f : (6) la
x€p thich hop dé tim ra dugc c6 bao nhiéu

s =0,5a./4 i
Tir nhin xét: Anh etia giao diém mot cdp tia

hinh vuong trong s 6 t gidc do.

nae dé (trong s6 24 cdp ndi wrén) qua cde Vi nhdn xét vé cdc hinh vuong Morley
phép quay (Qpvaii=0, 1, 3: 3 ld fﬁ”h cia o C4c hinh vuéng noéi trén déu nhan O lam tam.
mot hinh vuéng, ching ta chimg minh dugc  Ching dugc sip xép theo thif tr nhé dén (theo
rang: ¢6 6 hinh vuong Morley sau day cla '

dt dai ban kinh dudmg trin ngoai ti€p) nhur sau
hinh vudng ABCD. : e
By Sl P =t 5T,
Hinh vuéng (1) chinh 13 hinh vuéng ABCD c6 g} : | .
cic dinh la giao di€m ciia cdp tia nhu sau: * Hai hinh vuong (3) va (6) d6i xing véi

A (a,; ay), Blb, ; by), Cle,; c;), D(d}; d,). nhau qua truc tung.

Hinh vuong (2) c6 cdc dinh 12 giao diém cia * Hinh vudng (4) la anh cia hinh vuong (1)
cdc cdp tia (ay; b)), (b, ; ¢,), (e, ;d,) va Quaphépvitutam O. Hinh vuong (2) va hinh
(dy : @,), ban kinh vdng trdn ngoai tiép cha YUONE (5) la anh cha nhau qua phép vi tir tAm
hinh vuéng (2) 12 . Hinh vubdng (6) 14 dnh cia hinh vuong (3)

n = ,,,%_(3 i \ﬁ), qua pheép quay tam O, géc quay %‘
90 60 920 620 620 6
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CAC LOP THPT

Bai T6/379. Cho tam gidc ABC. Chimg minh
rang

1
084 oos Boos Cﬂé 00s(B—C) aos(C'~A) cos(4-B),

PHAM DINH TRUGNG
(K4S khoa Todn - Tin BDHKHTN, HHQG Hd N{fr.r'}

Bai T7/379. Giaj phuong trinh

CAC LOP THCS

Bai T1/379. (Lép 6). Tim cic g nguyén a, b 5 (4 +6" +9 ]= 25" +2.16"
thoa man

PHAM VAN TRUOING

a' +ab + b = g'b>. (SV lop BK 79- K52 DH Bich Khoa Ha Nei)

NGUYEN BUC TAN
(TP. Ha Chi Minh)

Bai T2/379. (Lép 7) Cho tam gidc ABC can
tai A ¢6 BAC= 90°. Ldy diém M nim gitia A
va C, ha AH va CK ciing vudng géc véi BM

(H, K thuéc BM) sao cho BH = HK + KC.
Tinh d6 16n cla géc BAC.

NGUYEN TAN NGOC
GV THCS Nhon My, An Nhon, Binh Bink)

Bai T3/379. Giai phueng trinh

BT e
x+1

Bai T8/379. Ching minh ring hinh hop béi
sdu ntra hinh cdu c6 dudng kinh 13 sdu canh
cua mot t dién thi chua tir dién do.

IRAN NGOC CUONG
(GV THPT Muéng Qua, Con Cudng, Nghé An)

TIEN TGI OLYMPIC TOAN

Bai T9/379. Cho tam gidc ABC. Liy cdc cap
diém A4, 4,;B,B,;C,,C, theo thit ty thusc
cdc canh BC, CA, AB sao cho luc giic
44,8, B,C\C, 16i, c6 cic cap canh dai dien

CAO XUAN NAM
(GV THFT chuvén Ha Giang)

Bai T4/379. Tim a, b d€ gid tri 16n nhat cia
bidu thite [jx+1-2~(ax+5) véi 3<x<4 1a

nho nhit. t ;
NGUYEN VAN KHAI
(GV khoa Tadn - Tin DHSP Ha Noi)

Bai T5/379. Cho hinh chir nhat ABCD, / 13
trung diém cia CD, E thude canh AB. Qua /
ke IM vuodng géc véi DE, cit AD & H. Qua /
ke IN vudng goc véi CE, cit BC 6 K. Goi G Ia
giao di¢m coa Ef vi HK. Chimg minh ring

a) Nam diém E, G, N, K, B cing thude mo
dutmg won.

~ b) Nam diém E, G, M, H, A cing thuoc mot
SRR I T (Ha Noi)

bing nhau va dién tich cia cdc tam gidc
AAA,, BBB, CC,C, bing nhauu. Ching
minh rang cdc dudng thing A,B,, B,C,, C A,
dong quy.

LE VIET AN
(K40- TKKD, BH Kinh 16 Hué
Thira Thién Hué)

Bai T10/379. Cho a, b, ¢ 1a céc s thue duong
thoa man

V' +5° + 0+ 3 + Y+ 2 +abe =3,
Chimg minh ring gia tri nho nhat cla biéu
3

¢ b? c® :
thiic P= + + ban
" +¢*  ?+al ot b F
¥32.m, trong 46 m 1 nghiém ctia phuong

trinh ©* + 541 - 162 = 0,

NGUYEN TAT THU
(GV'THFT Lé Hong Phong, Bién Hoa, Déng Nai)

http://tieulun.hopto.org
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Bai T11/379. Cho ham s6 f: N — R duoc xdc
dinhbdi f0) =0, A1) = 1 va
fin+2)=2011fin+ 1) +fin) =0.
Lay ngdu nhién n tir tap cdc 0 wrnhién {0, 1, 2,
..., 2008). Tinh xdc sudl sao cho fin) 1a mot s6
nguyén 1.
KIEU BINH MINH
(Phii Tho)

Bai T12/379. Tim tat ca cdic ham sd flx) lién
tuc trén [0 ; 1], cd dao ham trén (0 ; 1) va thoa
man hai diéu kién sau:

a) 20 f(x)+11f(x)+2009<0, vxe(0;1)
2009
b)f0)=f{1) =————.
11
PO VAN THU
(SV Idp K26 khoa Todn, DHSP Ha Ngi 2)

CAC PE VAT LI
Bai 1.1/379. Mot thidu kinh héi tu H, tiéu cuc
f, = 10cm dat trude va doéng truc véi mot thiu

M Y

FOR LOWER SECONDARY SCHOOLS

- T1/379. (For 6" grade) Find all pairs of
integers a, b such that
a' +ab + b*=a'b.
T2/379. (For T" grade) Let ABC be an isosceles

triangle (at vertex A) such that B4C' > 9, Choose

a point M on AC, and let AH and CK be the
altitudes from A and C onto BM respectively
(H, K are the feet of these altitudes) such that
BH = HK + KC. Find the angle BAC.

T3/379. Solve for x

52 +7

+4.$:%3~Jr‘§—1~
x+1

Kinh phan ki P, tiéu cu f, = —5cm. Hai thiu
Kinh dat cach nhau mot khoang 0,0, = a =
15cm (hinh vé). Mot vat sing AB dat trude H,
qua hé H + P cho anh ao A,B, 16n gdp do6i vat.
Hay xdc dinh vi tri cia vat AB (tic la tinh
O\A =d,).
NGUYEN QUANG HAU
(Ha Noi)

Bai L2/379. Cho mach dién xoay chiéu gém
dién tro R, cudn day c6 d6 tu cam L, tu dién
¢ dién dung C mic ndi ti€p (hinh ve).

TRy [ C p
Pién dp tic thoi gida hai ddu doan mach AB
i 1 =175v2c0s100t (V) céc dién dp hiéu dung
Up =25V Uy =25V ; U =175V,

a) Xdc dinh hé s8 céng sufit cua doan mach

AB.

b) Cho R=250), tinh cong suit tiéu thu
trung binh ciia doan mach AB trong khoang

y ey T :
théri gian tr § = 8 dén £; = = (Vai T 1a chu

ki cua dong dién trong mach).

PHAM XUAN MAI
(GV THFT chuyén Nguven Trai, Hai Diwong)

Lol R R R R N T T Tk T T T Tpee—

T4/379. Find a, b such that the maximum
value of the expression f|.'x+1|—2|—{:1r+b}|
where ~3<x<4 is smallest possible.

T5/379. Let ABCD be a rectangular, let [ be
the midpoint of CD, and let E be a point on
AB. The altitude onto DE through I meets DE
and AD at M and H respectively. The altitude
onto CE through / meets CE and BC at N and

K. respectively. El intersects with HK at G.
Prove that

a) The points £, G, N, K, B lie on the same
circle.

b) The points E, G, M, H, A lie on the same
circle.

(Xem tiép trang 31)
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% Bai T1/375. Tim s6 e nhién x va cdac chii
50 ¥, z sao cho vt méi sé nye rhén

n lon hon | déu co (2.10"-2)x =3.v..1

lrong do 56 y..yvz (viél trong hé thap phdan)
con—1 chitsd'y,

m———

Lai giai. Néu x > 1 thi

(5.100 =2)x 250107 —1).1>3(10" 1)>3.y.. 52
trong do6 biéu thife cudi ciing bén phai cé n — 1
chtséyvdi0<y<9,0<:z<9, khi d6 khong
¢d v, z naao thoa man dé bai.

Vay chic thé xdyrax =0, ldc dé y =z = 0,
théa man dé bai. O

< Nhén xét. Nhiéu ban da tinh to4n chi tiét hai v cia

ding thiic & dé bai nén cb 1&i giai dai hon. Cic ban sau
cd lin gidi ngan gon:

Vinh Phiic: Newvén Thanh Céng, Nguvén Vin Hdi A,
Nguyén Van Hai B, 6A1, THCS Yén Lac; Nghé An:
Nguyén Vdn Cudng, 6D, THCS Ly Nhit Quang, D6
Luomg: TP. Cin Tho: Huinh Thiv Clic, 6A9, THCS
Poian Thi Diém,

VIET HAI
* Bai T2/375. Chioig minh rdng
Lxl I}'i_} | x—yl

+* o
2008 +1x1 2008+1yi 2008+ 1x-—yl
Vi cac 50 X, ¥ bet ki
Lot gidi. Trude hét ta ching minh b dé sau:

Cho lal = Ibl. Khi dé ta cé
L]

2008+ |a|  2008+|b|

That vay, tir lal = 1b] suy ra
2008 + lal = 2008 + bl >0

2008 _ 2008
2008+ |a|  2008+|5|

] l——M._ > |.._._2ﬂ._ﬁ§__
2008+ | a | 2008+ | b |
| a | s | b
2008+ |a| 2008+ |k

—

Tra lai bai todn. Ta c6 I + Wzl-yl20.
Ap dung b6 dé tren suy ra

[xl+ly] o jx=yi
2008+ | x|+]y|  2008+|x—y]

o | x| | ¥

=

2008+ | x| +|y| 2008+ |x|+|y|

S| E=y -
2008+ | x-y| e
Mit khdc, — 1> ki (2)
2008+ x| 2008+|x|+]|y|

2008+ | v| 2008+ |x|+]|y]
T (1), (2) va (3) ta co

| x| Bd | x—y|
+ > dpem).
2008+| x| 2008+]y| 2008+ x—y| P

Ping thite xay ra khi x = 0 hodc y=0. 3

“'{Nh@n Xét. 1) T4t cd cdc ban tham gia oin bl déu

HHHHH

cho 1én gidi ding. Tuy nhién, nhiéu ban khong néu diéu
Kién xdy ra dang thirc,

2) Cac ban sau day c6 1o giai 161

Bic Giang: Nguyén Minh Tri, TA4, THCS Yén Lu,
Yén Ding; Bac Ninh: Nguvén Thi Huwemg Ly, TAL
THCS Dong Tho, Yén Phong; Phi Tho: Trinh Héne
Ngoc, Nguyén Thiy Hdng, Nguyén Thi Mai Anh, Vi
Tudn Link, TAl, THCS Lam Thao; Ha Néi: Trdn
Quang Todn, TA0, THCS Lwong Thé Vinh., Q.Ciu
Gidy; Hai Duong: Trdn Xudn Thdng, 7/1, THCS Lg
Quy Pon, TP. Hai Mirang: Cdn Tha: Bid Xedn Himg.

7/1, THCS Chau Van Liém, TP. Cin Tho; Vinh Phiic:

Lé Thi Son, Bdo Thi Hiuweng, Hodng Minh Phueng.

Nguvén Ngan Giang, Hg:a_vﬁ:i Thi Thu Ha, Te Thi Thi

Hé, Nguvén Thu Tiiiy, Nguyén Thi Kim Ank, Phan Thi

Khdnh Linh, Nguvén Thi Bich Thiy, Hodng Ha Linh,

Pd Thi Thu Uyén, Ta Chi¢u Xudn, TAL, THCS Yén Lac,

NGUYEN XUAN BINH
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% Bai T3/375. Xét 36 nguvén n I
sao cho hai .‘-r.].l.ff — 40135 va 3n

vo chinh phuwong. Hay tim so dw kh
cho 4.

Léi gidi. (Theo ban Nguyen Vdn Hodng, 8B,

THCS Ly Nhét Quang, D6 Luong, Nghé An).
Ta c6 hai nhan xét don gian sau:

1) M6t s6 chinh phurong 1é khi chia cho 8 chi
cosodulal.

2) Mot s8 chinh phuong khi chia cho 5 chi ¢6
56 du 13 0; 1 hodc 4.

o Tir dé bai va theo nhan xét 1, ta ¢6
2n—=4015-1:8 = n :4 = 3n-6023 lass

chinh phuong 1. Theo nhan xét 1, ta lai ¢6
In-6023 -1 8 =3ni8 (%)

® Theo nhin xét 2, ta cd 2n — 4015 chia cho 5
du 0; 1 hodc 4 nén 6n chia cho 5 dir 0; 3 hodc 2.
Cing vy 3n — 6023 chia cho 5 du 0; | hoic 4
nén 6n chia cho 5 dur 1; 3 hodc 4.

Dodé6rn—-3:5 =>n-3:5 (**).

Tir (*) va (**) suy ra n chia cho 40 du 8.

(Chd ¢ ring: t6n tai s8 nguyén n théa man
biii todn, chang han chon n = 2048, khi d6
2n-4015=9% 36023 =11%. O

{Hhﬁn xeét. 1) Néu dat 2n - 4015 = a.3In-06023=p
(a, b e &) thia, blicic s6 16, Khi d6 ol nhan xét 2, ta
ciing chimg minh duge (*) va (**).

2) Tdt ci céc ban déu tim ra ding két qua. Mot s6 ban
14p luan cdn dii. Cic ban c6 1i gidi gon gang la;

Vinh Phiie: Lé Vin Tii, Pham M7 Linh, 9A1: Kim Ank,

- T6 Tly Thu Ha, Nguyén Thi Thu Ha, Minh Hisu.

Quang Minh, TAl, THCS Yén Lac; Nghé An: Nguyén
Vian Hitng, Nguvén Vin Thdng, Truong Dink Diie, 9B,
THCS Ly Nhat Quang, D6 Lirong, Nguvén Hitu Thang,

8A, THCS H6 Xuan Huong, Quinh Lwu: Bac Liéu:
Tréin Quang Minh, 84, THCS Tridn Huynh TX. Bac Liéu.

TRAN HOU NAM
* Bai T4/375. Gidi phiceme trinh
S B e e
s ik g Bt sl
A 'I.’ X

(L)

] s TET
m hom 2008
o I:.-'l.\..I cle 1 Ilq..

11 ,l.|'.'-l 1

Khi da

Lai giai
: : . | . ]

' Cdch 1. Didu kith x——20; 1-—20
X X

e x21 hoic -1 £x<0.

Vi diéu kién trén, ta co

[ ot i )

(1) = u'Tl\w’x+1—\j% —IJ:{}

x =] o
.
— LI
1’.1.-4'1""\{"-3:'__'_!:{]
X

[ x =1 (thoa man)

v.l'+|=.\l‘|i+] {2;'
i X

P e TSNS L Ll (3)
e g X

¢ Néu —1 < x < 0 thi v€ trdi cua (3) lubn am,
con vé phai khéng am.

* Vay x = |, Khi d6 hai vé cua (3) khéng am,
ta dugc

(3o x*+l-x=2,[x(x—1)
e (2 +1-x)? =4x(x—1)
X =2x'—-x2+2x+1=0
3
> x1+i1)—2(x+lJ-l=D
. T X

r I 2
o x___.) ChiRal s

' <
l+\,."'§

2

(Do x > 1).

Cdch 2. Piéu kién x> 1 hodc -1 < x <0,

* Nhin thidy x = 1 1a nghiém cia PT (1).
® Vdi x> 1 hoiic -1 < x < 0, ta dat

{ | || 1
x x-a. l“;-—-b(czzﬂ:b:-l]].

a’—bh=x-1

el

e

= =X,
Xad a+b=x

A G e
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Suy ra {a+b}+{a—b}=x—~l+1 < 2a=a*+1
S@-1V=0a=1.
!

vivﬂ}' I—;Z]‘:}I=l+\j§.
x>1 .
Vay tap nghiém cia PT (1) 1a {I : 1+2£}. |

"‘{NhQIn xét. 1) Rt nhiéu ban tham gia giai bia nay.
Tuy nhién, khong it ban dat diéu kién sai (chi chox <0

hodc x = 1). Dac biét con sai 14m trong phép doi nrong
ducng sau:

\I'x+]—1-1|f£;§=ﬂ = a.'x{x+£j—~.";—w.l'.1'-l =0

(Ching chi twong duong khi x> 1 ma thoi), din dén ket

ludn x = . cling 14 nghiém ().

2) Cdc ban sau day cé 1oi giai 16t

Pha Tho; Lé Hiu floang, BA3, THUS Lam Thao, Diing
Duy Link, 9E, THCS Van Lang, Ding Trung Anh, V5
Duy Tdn, 9A, THCS H8 Xuan Huong; Nghé An:
Hodng Vidn Déng, Truomg BDink P, 9B, Lé Dinh
Tudn, 9C, THCS Ly Nhat Quang, Do Luong, Cao Xudn
Bang, 9B, THCS Cao Xuan Huy; Vinh Phic: Mai Thi
Thanh Hdng, 83C, THCS Vinh Yén, Lé Tudn Anh. 8A.
THCS Dai Béng, Nguyén Ngdn Giang, TAL, Pham Thi
My Linh, Ta Thi Viét Chinh, 9A1, THCS Yén Lac, Ha
Trung Higu, 8A, THCS Tam Duong; Hai Duong:
Nguyén Thi Thanh Yén, 942, THCS Phd Thii. Kim
Thanh; Béc Ninh: Nguyén Vdn Thanh, 9A, THCS Yén
Phong, Nguyén Ngoc Tdn, 9C, THCS Ha Min, Thuin
Thanh, T'ran Thi Ngoe, 9B, THCS Tir Son; Ha Tinh:
Nguyén Thi Cdm Nhung, 9/1, THCS L& Van Thiém,
TP. HA Tinh: Khanh Hoa: Vi Ngoc Cuemg, 8/6. THCS
Nguyén Van Trdi, Cam Nghia, Cam Ranh.

PHAM THI BACH NGOC

* Bai TS/375. Cho tam gide ABC cdn tai A
va BAC = 150%, Dung cde tam gidc AMB va
ANC sao cho cdc tia AM, AN ndm trong géc
BAC vii ABM = ACN = 90°, MAB=30°,
NAC = 60°. Trén doan thdne MN Idy diém D
Jao che ND = 3MD. Duimg thing BD cdi
dudmg thdng AM va AN theo thit tw tai K va E,

Got F la giao diém ciia BC véi AN. C himg
minh rdng

1) Tam gidgc NCE cén;
2) KF song song véi CD.

Lai giai

1) Do BAE = BAC - CAN = 150° — 60> = g¢e

nén BM//AE, suy ra AL = oo
BM DM
Thales), do dé6 NE =3BM.

=3 (dinh Ii

Xét hai tam gidc vubng ABM va CAN, ta c6

BM = AB.tan3(° = iﬁi
J_'

3
CN = AC.tan60° = AC/3 .
Do AB = AC nén CN = 3BM.
Vay CN = NE hay tam gidc NCE can.

2) Vi tam gidc NCE cin c6 ANC =30° nen
NEC =15°, tam gidc ABC can ma BAC =150°
nén ABC =15°. Viy .:ﬁf'z.;i‘ﬁ?, hay tir
giac ABEC noi ti€p, suy ra CBE = CAE = 6(°.
K€t hop véi KAF =90° ~30° =60r , ta c6 1t gidc

ABKF noi ti€p, ma FAB=90° nén FKB = 90°
hay FK | BE,

Do tit gidc ABEC n6i ti€p nén BCE = RAE=9F.
Tam gidc vudbng BCE c¢6 CBE=60° nén

RE=2BC, s 22adM o1 s pr spn

BE MN 4
Suy ra hai tam gidc BDC va BCE déng dang, do

dé CDB =90° hay (DLED. Vay KE{CD. [

<Nhan xét. 1) Rat nhi€u ban da tham gix gidi bai todn
nay vi hdu hét déu cho 18i giai ding, Cdc ban chua hoc
vé 1i 56 lugng gidc trong fam gidc vudng hay 1f gide ndi
li€p da giai bai todn trén theo cdch dua vio cdc phét
hién sau: AABK cin tai A, AAFK = AAFC, AABC ddng
dang véi ANEC, tam gidc nira déu (tam gide vudng c6

http://tieulun.hopto.org



mot goc bang 60°) co canh goc vuong ke véi goc 60°
bang nira canh huyen. ..

23 Céc ban sau diy co 1o giai 6t :

Kién Giang: Trdn Van Héi, 9', THCS Mai Thi Héng
Hanh: Pa Nang: Do Tran Tudn Anh, 9/5, THCS
Nguyén Khuyén: Thanh Héa: Dinh Uy Nay, 8B,
THCS Lé Hiu Lap, Hau Loc; Bac Ninh: Nguvén Thi
Hyomg Ly, 7A,, THCS Dong Theo, Yén Phong; Nguyén
Ngoc Tdn, 9C, THCS Ha Man, Thuin Thanh; Nguyen
Thi Xudn, 9/1, Song HS, Thudn Thanh; Binh Binh:
Tran Mink Bdo, 9A,, THCS Trin Hung Pao, Quy
Nhon; Vinh Phae: Nguyén The Anh, Tran Quang Pike,
gD, THCS Lap Thach; Pham My Linh, 9A,. THCS Yén
Lac; Ha Noi: Nguyen Huy Vii, 9A,, Lé Minh Phiic,
0A,, THCS Giang Vo, Ba Dinh; Nghé An: Lé Ngoc
Nguyén, Vé Duy Vdn, 9A, THCS HOo Xuin Huong,
Quinh L Tudng Thi Hién, 9B, THCS Béi Son, D6
Luong; Newyén Vian Thang, 9B, THCS Ly Nhat Quang,
Pé Luong, Phi Tho: Kim Huyén Trang, 9A,, THCS
Lam Thao: Hai Phong: Trinh Neoc Tii. 8A,, Nguyén
Ditc Toan, 9A,, THCS Héng Bang; Ha Tinh: Thdi
Dodn Minh, 9B, THCS Xuin Diéu, Nghen, Can Loc
Nyguyen Thi Ceirn Nhung, 91, TIICS Le Vin Thiém.

PHAN THI MINH NGUYET

% Bai T6/375. Tim tdt cd cdc cdp 6 nguyén
m. i lém hon | sao cho vdi cdac s6 thic a, b, ¢
maa+ b + ¢ =0 thi dang thite sau dung:
Hmrrr+hm+rr+cmﬂr am +h" ™ a4+ s e 1}
_— — S e — — ' — —_— |I
m+n mi ' M

Lai gidi. 1) Diéu kién cdn
Gid sir cap s6 nguyén m, n thod man yéu ciu

clia bdi todn. Trong hé thuc (1), thay
a=lib==1; c=0, taducc

BT A=D1+ (1)

m+n m n

(2)

NEu m, n 1a cdc s6 nguyén le thi v& trdi cua
(2) khiic 0 con vé& phai bing 0, ding thic
~ N&u m, n la céc s6 nguyén chan thi he thic
(2) tré thanh Ly e hay (m-2)(n-2)=4.

m+n  mn
Suyram=4, n=4

Nhumg khi d6 trong (1), thay a = 1, b = =1,

c=2. 18 ch "ﬂ‘=%g :W:ET:, Céap gid n nay
cua m, n kKhong thoi man bai todn.

Ta xét truong hop m, n khéc tinh chan le. Vi
vai tro clia m, n nhu nhau nén cd thé gia thiét
m la s0 chan, n la s6 I¢.

Trong (1), thay a=b=-1, ¢ =2, ta duoc
_2 4+ 2H|'+H o 2 _|_:l’rrn —2+ zrr
"+ n m R

hay

pn(=2+2m1) =(m+n)(2+27)(-2+2")  (3)

Ma (2+427)(-2+2")=2m"-2.2"4+2.2" -4
< 2(—2+2“’”’] , nén tir (3) suy ra

mn<2(m+n)=>(m-2)(n-2)<4 (4)

Vimchian, nlé va m=2,n23 nén tur (4) suy

m=2
ra
m=4,n=3.

Lai thdy m = 4, n = 3 khong thod man (3).

Vdi m = 2, thay vao (3) va rit gon, ta dugc
4_;14_]2:(6—”}2” =nch. o do o =3
hodc n=>5.

Vay chi c6 thé
(m;n) e {{2;3).(2:5],{3;2).{3;5]} :

2) Picu kién du
GiasitcicsOthiuca b, cthbamna+ b+ =0,
ta s& chimg minh (1) thoa man vé1 cac cip s6
(m ,; n) nhu trén.
bit S,=a"+b"+c", neN, ta cin ching
¥ S:',. Sz S‘-]. Sjl S.E SS
nh —=—.— Vi —=— —
L R e TR X
Tacd Sy =a+b+ec=0;

ah+bc+ca =%((a+b+c}z —(a® +b? +.;-1})
1

?2

@’ + b +¢* ~3abe
=(a+b+c)(a®+b% +¢? ~ab—bc-ca)=0
a+b+er 8
AP e
Do d6 theo dinh i Viet¢ a, b, ¢ 1a nghiém cla
phuong trinh béc ba

2

suy ra abc =

TOAN HOC
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x:*—rlSzx—S}
2 3

=)

| S
— x.-r+3 ,__L‘i'zxn-rl —— = n

Trong (3), lan luot thay x bing a, b, ¢ réi cong

cdc dang thirc thu dugc theo vé, ta duge
I S;

5'.!?--.1- L ESI -S.l.'*'l '_--EL'S'J:I =0 {ﬁ]
Tir (6) ta thay
e Voin=1,suyra S, =—%S§ (7N
: T, T
e Vdin=2suyra —=> =2 3
i T (%)

* VGi n = 4, sir dung (7), (8), ta dé dang cé
SR

TRRR e

(9

Vay céc cap s6 nguyén phai tim la
(min) €{(2:3).(2:5).(3:2).(3:3)} . O

< Nhan xét. 1) Day 13 bai toin khé, nhiéu ban da lam
thi€u phén diéu kién di.

2) Cic ban sau day o6 léi giai 16t :

Ninh Binh: Nguyén D6 Thanh Duy, 11 Todn, THPT
Luong Vin Tuy; Nam Binh: Tran Thi Hdng Vin, 12A,
THFT chuyén L& Héng Phong: Bic Giang: Nguvén
Hodng Hiép, 12 Toin, THPFT chuyén Bic Giang; Vinh
Phiic: Nguyén Manh Qudn, 10A1, THPT chuyén Vinh
Phic; Ha Nam: Tran Trung Kién, 11 Toin, THPT
chuyén Hi Nam; Bac Ninh: Qudch Pdang Himg, 12
Todn THPT chuyén Bac Ninh; Nghé An: Quang Tai
Anh Phu, 10A1, THPT Phan B&i Chiu, TP Vinh;
Quang Nam: Nguyén Hodai Phuong, 11/1, THPT
chuyén Nguyén Binh Khiém, Tam Ky, Pa Ning:
Hodang Bii Khdnh, 11A1, THPT chuyén L& Qui Pén,
TP Da Ning: Lam Bdng: Pdo Phic Quang Tri, 11
Todn, THFT chuyén Thing Long, Da Lat.

NGUYEN ANH DUNG

% Bai T7/375. Cho s6 nguyén dicong k vi ba
30 thic ditong a, b, ¢ thog mdn abe < 1.
Chitng minh rdng 25 2 ks
x BE ok o

=a+h+o

- Lai gidi. Cdch . Ap dung BDT Cauchy cho #
$6 duong, tacé

sl SaR, i ’ﬂ a
:H-W{Ehlwak 'IJT " d:aln lﬂ — kr"’a‘" -
e, . k-lsff g

(5)

Twong wr co
b b 4 L
——t(f-)o2k.~ ; '{".' +h=Naz k.-,

£ L V| il

Cong theo vé ba BDT trén ta duoc

¢ G (a b ¢
—+—+—+(k=1a+b+c) 2k
R { s Ih+c +.f.'.J ‘)

Mat khdc, dp dung BDT Cauchy cho ba so
duong ta co

" R B

—+—+ }E‘HJ 3 > da (do abc £ 1
-+ —=+=23Y— = - abe £ 1).
h b ¢ be Yabe ]
- b By T B
I'tromg fur, . bl 2e'D ib; £+f_ - > 3.

oo g a b
Cong theo vé ba BOT trén ta duoc
gob &
—t—k = g+ b+ (2)
g:C.8 '
TH{IJ\'EIEEJF}U}’F&ﬂ-“-f+l;‘.:"-.r+.lr_'l+f

' AN S o

Ding thirc xay ra khi vachikhiga=h=¢ = 1.
; w AR R e
Cach2. Xétfik)= —+—+— vwéi k>0
W

Ta chimg minh ik + 1) = fik), k=0 (3)
Tur (2) suy ra BDT (3) diing véi k= 0.

Gia sit BDT (3) diing véi k = a, tac 13

) b G () b =

1Em.u-l-l :

Tir day, sirdung BDT Cauchy ta ¢6

w4l
{'l

fn+2)+fin+1)2fin+2) +fin)
a a b b € c
(brﬂl bn) (f +Eﬂ)+(ﬂ-“”: + J
5
+
[ Lid

m+2
f.'.l'"
b? e
2
dire2 T +a T
f] a 2

Suy ra fin + 2) > fin + 1}. Vay theo nguyén li
quy nap ta vé fik) 2 fio), vk 1 (dpem).

Biing thife xiy ra khi vi chi khia = b= c = 1. O

<Nhan xét, Khi
cho k&

s 2

2

=2fin + 1).

nhigu ban tham gia gidi vi hiu hét
qué ding. Céc ban sau day cé 1o gidi 1t:

Ha Nok: Dao Trong Anh, 11A4, THPT N '
: \ n guyén Gia e

R}Hu. Long Bien; Nguyén Khanh Viér, 11A2 Todn,
Vit Thaeh, 10T, Nguyvén Vin Quy, 10A1 Todn. khoi




e e e

-

THPT chuyén, DHKHTN, BHQG Ha Noi; Nguvén Diie
Manh, 10A2, THPT chuyén DHSP Ha Noi; Nguyén Son
Ting, 12A2, THPT Ngd Quyén, Chau Son, Ba Vi
Thanh Hoa: Dink Quang Loc, Nguyén Thai Hodn, 16p

A3, THPT Hau Loc I; La Hong Qudn, Ngo Vidn Diing,
10T, THPT chuyén Lam Som; Hodng 57 QOuy, 10AS5,
THPT Luong Biac Bang; Can Tho: Hé Dién Tudn Anh,
L1A1, THPT chuyén Ly Tu Trong; Trdn Thuy Duong,
10A6, THPT Tra Noée; Vinh Phie: Phan Qude Khdnh,

L1AL, Dinh Tién Ding, Neuvén Ngoc Trung, Lé Tudn
T, 10A1, Pham Hiou Dire, 10A10, THPT chuyén Vinh
Phiic: Khuong Manh Thang, 10A2, THPT Nga Gia Tu,
Quang Tri: Nguven Dire Lam, 10Todn, THPT chuyén
Lé Quy Don: Nam Pinh: Triemg Quang Huy, 11B,
THPT Le Hong Phong; Tuyén Quang: Nguyén Manh
Die, 12Toan, THPT chuyén Tuyén Quang; Hai
Duong: Nink Van Quv, 11A, THPT Kim Thinh; Nghé
An: Nguyén Vin Minh, Quang Téi Anh Phii, 10A1,
Nguyén Vidn An, 11A1, THPT chuyén Phan Bai Chiu;
Ha Tinh: Tran Kim Quy, 10 Todn Tin 11, Thidu Pdng
Ba, 11Toén, THPT chuyén Ha Tink; Bac Ninh: Qudch
Ddng Hung, 12 Todn, THPT chuyén Bic Ninh; Thai
Nguyén: Nguyén Hitw Thiomg, 10 Ly, THPFT chuyén
Thil Nguyen, Ninh Binh: Liomg Vdn Thién, 11CT,
THPT choyén Luong Van Tuy; Quing Nam: Nguyén

Hodi Phuemg, 11/1, THPT chuyén Nguyén Binh
Khigm, Tam Ky.

NGUYEN THANH HONG

* Bai T8/375. Cho dweng tron dicing kinh
AB = 2R. Ldy diém C trén diome tron (C khdce
A va B). Dudng tron noi tiép tam gide ABC
nép xiic van hai canh AB va AC ldn lwat tai M
va N. Hay tim gia tri lon nhat cia do dai

dogn thang MN khi diéem C chay trén dicemg
freim. i

L gidi

Goi [ va r theo tha tr 1a tAm va ban Kinh
dudmg tron noi ti€p AABC; K 1a giao diém cta
MN vé&i IA. Dat CAB =& , khi dé

I 4’;‘5

MK = IM. ms% RS 4

Suy ra MN = 2#'.1:@1:E (1)

Gia sir BC tiép xtic vai dudmg tron (/) tai diém
P. Vita gidc CN/P la hinh vudng nén
2r=CN +CP=AC + BC- AB

= AB(cosa +sinx —1) (2)
Tu (1) va (2) suy ra

p ¥
MN = AB(cosa +sing — H,{:Uﬁ-—ﬁ—

—

= AE(EsinEmsE — 2sin? E].EHSE
2 ? 2

=

~

E

= ABsin H(cas% —sin EJ 4

" i (¥ 4 3
Do dé MN? = AB? s5in? tz[cc}s-j— —5in EJ
2

= AB*sin’ a(l—sina). Hay

MN = ABVsin? & —sin® ar = 2R\/sin? ez —sin® e (3)

Ap dung BDT Cauchy cho ba s6 duong sina,
sing, 2 — 2sina, ta duge
sing.sine.(2—2sine)

5 [sinrx+sina’+{2—23in r::-:f}]'1 8
3 AT A
Tir (3) va (4) suy ra MN < 4’?@. Ding thic

xay ra khi vi chi khi sina = ~2—

3
Lic do BC =-‘EI3£ vt AC = ER'E.
%

Vay gid tri 16n nhét clia do dai doan thing MN

dat duoe khi va chi khi BC =i§ v

2R\5

AC iy v D¢ thiy c6 hai vi tri cia diém
TOAN HOC
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C trén dudng tron dudng kinh AB thoa man
diéu kién nay. O

{Nhgn xét. Nhiéu ban phai sir dung dén cong cu dao
ham dé tim gid tri 16n nhat cia do dai doan thing MN.
Tat ca cdc 1oi giai gl vé Toa soan déu ding. Nhirng
ban sau cd 1o giai t6r hon cd;

Ha Noi: Neuyén Vin Quy, 10A1 Todn, Trdn Nhdt Tdn,
12A1 Todn, kh6i THPT chuyén DPHKHTN, PHQG Hi
Noi, Mai Anh Bang, 10 Todn, P4 Vii Thach, 10T1, Vii
Minh Thdng, 11 Toedn 1, kh&i THPT chuyén DIISP Ha
Noi; Pha Tho: Ta Hdi Nam, 10T, THPT chuyén Hing
Vuong: Vinh Phic: Dinh Tién Diing, Nguyén Mani
Qudn, Nguvén Ngoc Trang, 10A1. Pham Hitu Dit.
10A10, Phan Quéde Khdnh, 11A1, THPT chuyén Vinh
Phiic; Nam Dinh: Nguvén Thi Hoa, 11 Todn, THPT
chuyén Lé Héng Phong; Thanh Héa: Trink Bdng Som,
Ngo Vian Ding, 10T, THPT chuyén Lam Son: Nghé
An: Do Chi Son Linh, 10A1, Newuyén Thanh Ti. 11A1L
Khér THPT chuyén BH Vinh, Dodn Vin Hing, Lé
Trung Hiéu, Nguyén Van Minh, Quang Tai Anh Phi,
10A1, THPT chuyén Phan Boi Chau, TP, Vinh, Hé Hitu
Qudn, 11A1, THPT Quynh Lwu [ Quang Nam:
Nguyén Héng Sem, 11/1, THPT chuyen Nguyén Binh
Khiem, Tam K¥; Pa Nang: Neuyén Hitw Minh Tudn,
10Al, Lé Van Tdn Quyén, 11A2, THPT chuyén Lé Quy
Dén; Lam Déng: Ddo Phic Quang Tri, 12 Todn,
THPT chuyén Thang Long, Pa Lat; Quang Ngai: Lé
Newyén Khanh, 11 Todn, THPT chuyén Lé Khiét; Phi
Yén: Vi Vian Huy, 10A1, THPT Lé Héng Phong, Tay
Hoa, Ngé Tdn Kha, 11A2, THPT Nguyén Hué, TP. Tuy
Hoa; Vinh Long: Chéu Tudn Kiér, 12T1, THPT
chuyén Nguyén Binh Khitm: Ca Mau: Nguvén Pham
Tudn Anh. 11T1, THPT chuyén Phan Ngoc Hién; Cén
Tho: Lé Dai Thanh, 11A1L, THPT chuyén Ly Ty Trong;
Bén Tre: Lé Phic Lit, 12 Todn, THPT chuyén Bén Tre:

TP. Hé Chi Minh: Bii Trdn Long. 11T. THPT chuyén
Trin Pai Nghia.

HO QUANG VINH

% Bii T9/375. Choe ddy (x,) (n=0, 1,2, ..)
2x, +1
X, +2

n=10 1, 2, ... Tinh [En} frong dé [x] ki
k=1
hiéu s nguyén lin nhat khong vt qud x.

Léi giai. Chimg minh bang quy nap theo
n tathdly ngay x, >0 v6imoin=0, 1,2, .

thoa man x, = 2 va x

nl =

VT mol

| Wlﬂﬂn& Xyl '-‘1'=gﬂ—[-'i 3 e
RN Xy +2 X, +2
s #’W 1 "l-ﬁ,mz.x"+] +].==.w—--——3{r' 3D .

e .._.'-_". ’T '. ; X +E.

X, +2

Tir d6 ta co cong thic truy hoi
Y=l 1 x =1

==, . ne
- AR L N, TR ANy

(1)

Do d6 vai moi n = 1, thi

Xy -] Xi— -] ]

I -‘fr; _! i
e e 00 S S

f 1xﬂ+i el

—
e

Suyra 3" (x, < =x, +1.

g 3.r1+l +

Boi vay x, = i=J+ 2
3.“;-1 _]‘
| | |

Frqegueliat s

=1+

vdi moi n = 1. Hé qua la

L ]' !
H{Z-rj: {H+§+'—+...+- :ﬂ-f-I__... {”4_].
k=1

22 E.Ir

Suy ra [i:-:kJ:n. a

k=l

- <Nhan xét. Bai todn trén c6 thé duoe gidi bing nhiéu
cach khdc nhau. Phat hién ra cong thirc (1) d€ co 1o
gidl gon gang, sdng siia nhu tén chi ¢ bén ban hoc
sinh sau;

Nghé An: Nguyén Thanh Ti. 11A1, khéi THPT chuyén
BH Vinh; Binh Pinh: Pang Van DE Nguvén Bdng
Himg, Nguyén Npoc Hiung, 11T, THPT chuyén L& Quy

Bén.

NGUYEN MINH BUC
* Bai T10/375. Chiing minh rdng néu cdc s
i‘—'r“'fﬂfg a, b, c thoa man abe = | thi

el h P
o T > |
V8 4+l BaP4l  JBBI4|

Lot gidi. {I'Ihm ban Pham Tudn Anh, 11Al,
THPT Théi Phic, Théi Thuy, Théi Binh).

Ta c6 /8¢ +1 = Ve +D(de? —20 4 )
< e+ +(4c? —2¢ 4 1)

o nd
5 24 +1,
(L
:"Er.'3+1 2c? 41
Tuong 1y . > b~, A S
VBa 41" 2a 41" Ry S 2p el

http://tieulun.hopto.org _




Ta ¢ chimg minh
a b :
i ¢
2ct+1 2a +1 2

chi ¥ rang BPT (1) twong duong vai

iy )

Ha'h? +bc +ca?) + 2(a + b 4 )
+ 2ab’ +bc? +ca’)+ (a+b+c)

2 8ab’c’ +Ha’b? +c?b? + 2g?)

+ 2a* +b2 +c?)+1 (2)

Taco 2a°h* +2ab® 2 2Vda*h! =4ath?  (3)

Tuong tu 2b%c? + 2he? > 4h22 (4)
20%a? + 2ca? = 4q2c? ()

Lai c6 2(a*h® +bc? + cia?)

>23a’b5c’ = 6 = 6a°b*P*(doabc = 1) (6)
@+ +¢ 233 abe =3 =1+2a%hc? (7)
a'+a22a, BP+b=2b, ct+ec=2c?  (8)

Cong cdc v& cua (3), (4), (5), (6)< (7), (8) ta
dwac (2).

B'iﬂgthfmxﬁyrak]ﬁfachiktﬂ.a=b=c= 1.0

{HMI! xét, Biii todn nay duge rit dong cdc ban tham
ia giki vil c6 phidu cich gidi khac nhau, C6 thé khang
th rdng bt ddng thire 13 mot thé manh cia hoc sinh
18t Num. Ciic ban sau day c6 15 giai ot
Vinh Phie: Phan Quoc Khdanh, 1141, THPT chuyén
Vinh Phie; Nam Pinh: Truomg Quang Huy. 11B,
THET cluyén Le Hong Phong; Ha Noiz Nguyén Khdnh
Vigt, 1142 Toan, khéi THPT chuyén DHKHTN,
DHQG Ha Noi; Nghe An: Nguvén Van An, 11Al,
K36, THPT chuyen Phan Boi Chau, TP. Vinh; Thanh
- Hoas pigyy Quang Anh, 10T, THPT chuyén Lam Sr:lﬁl_
- Quing Ninh: 7yinh Dic Anh. 11T, THPT chuyer “8
B Long, Humg Yén: Ta Mink Hing, 10A1. THPT
' Oy Binh Pinh: Nguvén Phic. 11 Todn, THPT
. Suiala guy bon

s f 5 DANG HUNG THANG

T11/375. Cho ham 56 f: R>R e

5 ﬁﬂ)_-_ “ﬂi I.[ﬂ l}d hdm déng bién rrfn
ﬁm 1 mii:.h rﬂng Ve rﬂ.:' s diiong

g ;.|.__|:::

Léi gidi. (Theo da s6 cdc ban).

Theo gia thiét thi ham s6 PAU) dong bién trén
!

()

RA{0}, nén t6n tai cic gidi han lim == va

=0~ f
Jf )

lim =—— . Chon d € R sao cho

f—0+ F
L8 < e el

f=0= =+ f

J@)

ta thu duge ham g(x) = !
d néu =0,

néuf =0

Dit 2 —zx=a, z2—xy=b vh ¥’ —yz=¢
thi xa+ yb+z¢=0. Khong mit tinh téng
qudt, gia sir @ = max{a.b,c}.

Doa+b+e=x +y? 422 —y—yz—2x20
nén az0. Do xa+yb+zc=0 nén yh=—-xa—zc
Vi zc=—xa—yb .

Ta bi&n déi vé trai cha (1):
T = xf(a)+ yf(b)+zf(c)

= xag(a)+ybg(b) + zcg(c) dudi dang

T =xag((a)—g(b))+zc(g(e)—g(b)) (2)

T =xa(g(a)-g(c))+ vb(g(b)-g(c)) (3)
Néu T <0 thitir (2), suyra o glc)-g(b) <0 (4)
Tir (3) suyra b(g(b)—g(c)) <0 (5)

Tir (4) va (5) ta thu duge (b—c)( g(h)—g(c)) <0
mau thudn, vi g(x) la ham déng bién trén R.

vay T 2 0, dpem. Ding thifc xay ra khi
Xx=y=2 l:l

< Nhan xét. Cic ban sau day cé [&i gidi ding:

Vinh Phiic: Nguvén Manh Qudn, 1041 THPT Chuyén
vinh Phic: Ha Noi: Neuyén Som Thing, 1242 THPT
Ngd Quyén, Ba Vi; Ha Nam: Trdn Trung Kién, 11T,
THPT Chuyén Ha Nam; Nghé An: Quang Téi Anh Phi,
10A1, THPT chuyén Phan Bgi Chau; Pia Ning: Neuvén
Tang Thanh, 11A1 THPT Chuyén Le Quy Pon; An Giang:
Naguyén Vn Phuse, 11T1 THPT Chuyen An Giang,

NGUYEN VAN MAU

http://tieulun.hopto.org
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* Bai T12/375. Cho ut dién A A AyA, . Goi
B i=1,2 3, 4)la hinh chiéu viuong gdc cua
diem M ndo do trong khong gian lén dicing
thang 4 A, (coi A triimg vai A Tim gia

tri nho nhat ciia Y. A A,,.AB,
1=5i<4
Lai giai. Coi A tring v6i A, ta ¢
z AtAi-r]'Af-Br 2 Z A:'A\«H-ArB:

I<isd 1sis4

> Y AAd..AM (i MB, 1L 4 4,
1€igd
s 5 A HAM A | < A,

I5isd - sis4 2
Vi 1<i<4, goi (P) 1a mat phing qua A4,
vuong goc v6i AA,,; (P(A,,)) 1a phan khong
gian gém mat phing (P,) va nia khong gian
ba (P), chita A,,,. Péng thic xay ra & (1)

& 440, TT AB(<i<a)
SMeF(Aa)lsisd) e Me (| F(4da).

1=i=4

()

D& dang kiém tra ring ()| B(A4,)#3@ ,

1=i=4
ching han, tAm mat cdu noi tiép wr dien
AAAA, thude mrLH (Ain) .

’Vﬂy gid tri nho nhét coa Y A4A.,.4B, bing
Al""ﬁ-l
S h. 0

- < Nhan xét. Ciic ban c6 18i gidi 16t 12:

Bac Ninh: Trdn Tudn Anh, 11A1, THPT Thuan Thanh 1,
- Qudch Bdng Himg, 12T, THPT chuyén; Ha Néi: Ddo
% d!:l‘lh 11A4, THPT Nguyén Gia Thiéu; Ninh

i'_'mw

Viédn Thién, 11T, THPT chuyén Luong
Tre: Lé Phiic Lit, 12T, THPT chuyén.

NGUYEN MINH HA

o i o i i i B1C = 0
én khde dimg trén mat ddt

rér t&mﬁrthﬁ tam gidc

viedng cdn. Hdy xac dinh doé fom ciia vin toe
theo toc do anh sang.

1 Lot gigi. Do
ke canh BC vuong

.
A N

B A’ A

géc vai van
toc cla toa tau
nén no co do
dai khéng doi,
con canh AB b
co ngan thanh
A'B d6i v6i quan sdt vién dimg yén trén
mat dit.

Theo thuyét twong déi hep thi
12
A'B=A48,[1-—.
ﬁll

Matkhdac A'B = BC =

Tir trén suy ra ,/l e 3
—-—:—— :-"'l: s
_J_
hay v:c,E,D

< Nhan xét, Céc ban c6 1i gidi 161 la:

Vinh Phic: Nguyén Thiéu Diing 10A2, Neuvén Vin

Béng 121, THPT Ngé Gia Tu, Lap Thach; Ha Nam::

Kidu Mm.fa Tudn 11 Li, THPT Chuyén: Thanh Hoa:

Nguyén Héng Linh, 12C10, Lé Thanh Minh 12CI12,

THPT L& Van Huwu, Thitu Hod: Nghé An: Newyén

Trung Himg, 10A3 THPT Chuyén Phan Boi Chau;

Quang Ngai: Nguvén Tdn Péng, 11 Li THPT Chuyén %
Lé Khiét; Binh Dinh: Nguyén Vinh Triét, 12TN2, Tt

THPT Téng Bat H4, Hodi Nhon, Phan Hitu Chi, 11 Li .
THPT Chuyén Lé Quy Pon. LS

ABtan30° =

s

NGUYEN XUAN QUANG

* Bai L.2/375,

Mat  mach dién
gom mor dién tre

R = 8Q), mér cuén R 3 1
diy c6 dien o T OROOROAF—

thudn r = 28, dé tt cdm [

3
= ——H va mot tu
In
d’:gu ¢ dién dung C bidn d6i dwoc mdc néi
tiép ;[’.-'rmh Vel
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Cho biét liéu dién thé hiéu dung giia hai dau
doan mach U = 10V, cuong di dong dién
hiéu dung I = 0,704A va tdn s6 dong dién
chay trong mach [ = 50H:z.

1) Tinh do léech pha giita cwong do dong dién
va hiéu dién thé.

2) Tinh dién dung C cua tu dién.

3) Dé dong dién trong mach dat cwe dai thi
phai tdng hay giam dién dung C va tdng hay
giam bao nhiéu? Tinh hiéu dién thé cyc dai ¢
hai ddu cudn day khi dé.

1) Téng tr& cia mach dién:
KEkos10
I 0,704

= 14,20

R+r 10

COS( = - -*ﬁD,Tﬁgﬂm%.

A=
Z. 14,2
Viy cuimg d6 dong dién va higu dién thé léch
| pha nhau %

2YIach Z; = Lmzzi.][}ﬂn =150
T

Mat khdc (R +r) +(Z, - Z,.)? = 2°

= (842) +(150~ Z0)? = (14,2)2.

| Tir day ta tim duge Z, = 160(Q) ; Zy =~ 140Q
| V6i Z, =160Q thi C; ~—— 10-F.

6.1
V6i Z, =140 thi G, EL.]‘E}" F.
d.n
! 3) bé dat I,mthlZL:Et-.Tﬂdﬁizliﬂ,
| Cw
= l
suyra C =—_10-3F.
4 5
‘, Vi Z, = 16042 thi dién dung phii tang thém

1
P, Vi T i
2 4n F. Véin Z~ =14002 thi dién dung

phai giim di ‘e ieE
: 2,0

Tong tro cua cudn day:
Enr — +Z;_'3 = *.,I'?.E +150° = ]EU{D}

Cudng dé dong dién cuc dai

{
irm:n. =_{L':“]'E_'E{AJ
rt+r 10

Hiéu dién th€ cuc dai giita hai ddu cuén
day 1a:
Bra s =2 Ly =l 150 = 1500V, £

4Nh$n xét. Cic ban sau day c6 1t giai ot

Vinh Phiic: Nguyén Van Déng, 12A1, THPT Ngo Gia
Tu, Lap Thach, Nguyén Huy Hodng, 12A1, Nguyén Thi
Trang, 12A4, THFT chuyén Vinh Phiic: Ha Néi: Trink
Bd Huy, 12TN2, THPT chuyén Nguyén Hué, Ha Dong;
Bac Giang: Ngé Héng, 12A1, THPT Tan Yeén 2; Ha
Nam: Kiéu Minh Tudn, 11Li, THPT chuyén Hi Nam:

Hai Duong: Pham Pinh Tudn, 12A1, THPT Ké Sat,

Binh Giang; Binh Pinh: Fham Cao Kiéu Ngoc, 12A1,

Trwong Qudc hoc Quy Nhon; Quang Ngdi: Neuven

Ngoc Duy, 12Li, TIIPT chuyén Lé Khiét.

NGUYEN VAN THUAN

Poc lai cho diing

Lai giai L2/368 do sa sudt nén co6 chd nhdm 13n.
Tirddng 104 trang 27 (s6 372 thang 6 n&m 2008).
Xin stra lai nhi sau:
"Tir cic diéu kién cha bai todn, ta cd
i 54 i B gk
Tai diém A thi Ry, =—, gia t6c clia 616 tai A [3
= |

lén nhit: a Ll 5 (m/s?

n M — =-.-...-.!_,u- = & :

L Rmm b2 { S]
2

i - i
Tai diém B thi R, = 57 gia (6 cia 616 tai B 1a
2

nho nhit: a,;, =

b
= -{;:—vl = 0,625 (m/s%).

Luc lam cho xe chuyén dong theo elip 12 lue ma

sit nghi, luc nay gay ra gia téc phap tuyén cho
otd. Khi gia téc cla oto cue dai thi

)
.Fnuj. =mﬂm Emg;l'z.

Mait khic F.. <kmg, nén kmg = mfz—r: ., suy

2
rak2£=ﬂ5‘
b*g +

Néu hé s ma sit & = 0,5 thi 610 khong bi t
khi chuyén déng theo elip." SR

Thanh that xin I8i ban doc.
THTT

TOAN HOC
S6 379 (1-2009) * e, 27
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lrong 5GK Bai so 10 Nang cao trang 110 ¢d
bal toan sau:
Chitne minh rang néuwa 2 0 va b 2 0 thi

a + b2 abla + b) (A
thang tiude xay ra khi nao?
(ian bal todn trén khéng coé gi khé khan. Tuy
nhién, néu ching ta biét khai thdc bat dang
thirc {(BE)T) trong bai todn thi ta ¢6 thé tim
duoc nhiéu bai todn hay va quen thudc. Sau
day la mot s6 huong khai théc.

Khai thac mot bat dang thic

TRONG SGK DAI SO10 NANG CAO

¥ HUONG 1. V6i a, b, ¢ 14 céc s6 duong,

r BDT (A) suy ra
gl L |
+—2—+—.
fBoe @ bt ab.
Tutong ty B, X “ gl

S S N
e3 bt ¢ b
¢ 1 n 1

t— 2 —

Cong theo v€ ba BDT trén ta duoc bai todn
sau day.

@IBai toan 1. Vai a, b, ¢ la cdc 56 duomng,
ey
gt g e Yy B e e e

ac

B e - BT S T gb b o
» Cling t BOT (A) tacé
.ﬂ"_-liﬂ_l e e K |
. — ¥ _— +

OBai todn 2. Vdi a, b, ¢ la cdc s duong,
chitng minh rdng
-k
g . e a
g S Bl
bE EE aﬂ bi‘ CE

a*

* Mat khéc, theo BDT giira trung binh cong

va trung binh nhan ta cd
b2  g..b eZ b ¢ G2 e @

Dﬂﬂﬁi+~£—+i21+i+_1._
SEedt 0t o b o

Ta dugc bai todn quen thuéc sau day,

WBai todn 3. Vi a, b, ¢ lg cde s& dicemg,
chitng minh rdng
a® +E:!E 3 cé 5 @b +bc+ca

3 a
g p nd abe

W HUONG 2. V4i g, b, ¢ Ia cic s d
b, 58 duong,
tr BDT (A) suy ra ;

okt
@ +b +abe ~ ab(a+b+¢)
Tuong tur

1 1
b3 i - ,
tci+abe  bela+b+c)

http://tieulun.hopto.org :




1 2 1

W Bai toan 7. Cho a, b, ¢ la cdc s6 duong,

1 . .
ci+a tabe  cala+b+ c) chitng minh rdn g
Tirdé ta €0 bai todn quen thude sau day. ( ¢ Ja+( B f ¥ ]3 .
WBai toan 4. Cho a, b, ¢ la cdc 55 duong, b+c¢ \c+a) \a+b) 8
chimg minh rang (Bai T9/328 — THTT s6 10/2004 khi k = 3)
1 1 1 b 2 , :
a+b +abe .-53 +¢3 +abe r:ﬁ +a +ahc a&g LRI 5
£ dectfh

_ . 3 e 800t
» Néu thém di€u kién abe = 1, ta ¢6 bai tosn il 5%/4{& L Ya¥+b® a+b
sau day.
ahd il b4

. TYNL o wkEiel <

WBai toan 5. Cho a, b, c ld cdc 56 diong, va VOB W =< e :
) g g, va 313 1 b+ 3 3 . 4
abe = 1, chimg minh rang b +c ¢ Ye*+a® c+a

1 1 1 i 1 . Vi a, b, ¢ 1a d6 dai ba canh ctia mét tam gidc, ta
. A 3 3 3 B
Rl Bt 41l g +] T LN il Tir dé ta duoc
b+c c+a a+b
- HU
HUONG 3. Ty BDT (A)suyra w¥Bai toan 8. Vdi a, b, ¢ la dg dadi ba canh
da® +b%) 2 a3 +b3 +3abla+b) = (a+b)?, ctia mot tam gide, chitmg minh rdng
@+b* _(a+bY § s h._w+ C <21
fién 2 3( 2 ) (B) ¥+ Y3 +a*  Yad + 5
¥ Wih SaLe’ (Bai T4/323 — THTT s6 5/2004)
Gia,b : O —+—2- : ;
e b A T Nhu vay I tir mot bi todn don gian trong SGK

: : néu ta biét cach khai thdc né thi ta sé tim duoc
Ket hgp v6i BET (B) ta c6 bai todn sau day. nhiéu diéu hay. Chic ban thanh céng.

OBaii toan 6. Cho a, b, ¢ la cdc s6 duong,
chimg minh rang "

1 ' {n’+ﬁ3}[l+l)afﬂ+b]?‘-
) a b

* Cling ty BDT (B), v6i a, b, c duong suy 12

Muhg xuﬁn Ky A I T}

Leard ¢ 3}1( c? ].
,w*'&(ﬁﬂ* (a+b) “4la b

- ..
e ) -

' DPAO TAM
(GV khoa Toan, PH Vinh f

L

‘--I-Ilﬁ---h---.-.q.l.-.-.---..-.-.-....

"q-_. e . L R N RN -'-*-—----.
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H dy tuong tuong ban dang tham gia trd choi
"Chi¢c ndn ki diéu" trén truyén hinh va
ban dang cé co hoi nhan duoc mot phdn qua cé
gid tri. Phin qua nay nam & mat trong ba chigc
hop, (hai chiéc cdn lai i rong).

Gid sir ban da chon mét chi€e hap nio dé nhung
chura md ra. Lic nay ngudi dan chwong trinh (la
ngudi biét 16 trong hop nao chita phin qui) sé
mo 1 chi€c hop réng trong 2 chifc con lai ra
(néu ca 2 hop déu réng thi chon hop bat ki). Sau
dé anh ta hoi ban la c6 déi chi€c hop ma ban
vira chon vl chiéc hop con lai chua mo hay
khong? Hoi ring néu ban déng v ddi thi xdc
suflt chon diing chiéc hop cé qua clia ban 14 bao
nhiéu?

Theo t61 nghi, khi ngudi din chuong trinh bo di
1 chi€c hop réng thi sé con lai 2 chi€éc hop. Nén
nfu déng ¥ déi thi xdic suflt chon ding hop cé

qua tang la %

Ban ¢6 nghi nhu t61 khong?

HOANG NGOC TUAN
(Khu Todn Thing, xd Lé Chi, Gia Lam, Ha Noi)

Gir'.:li dflp:r : |
BAl TOAN 10 NGHIEM ?

(Dé ddang trén THTT sd 376, thang 10.2008)

Loi gidi clia ban hoc sinh dang trén s& 376,
thang 10.2008 sai tir ché ldp ludn De MN nhe
nhdat kht va chi khi MN la dudng vudng goc
chung cua AC va A'B, nén

MN.AC =0
MN.A'B = 0. Vs

—."H_._,-_
i
-

do dai doan thdng
MN dat gid tri nho 1

nhat chua hin & cic

vi tri cia M, N sao cho MN 1a dudmg vudng géc
chung cua AC va A'B.

Co thé giai lai bai todn nhu sau:

, et O P
Ta cé MN~=-—+[ J =gt it Lol

—_——g
2 V2

= I__.E._z_p_a_l}ﬂz

o o5

a :
Suy ra MN = :E- Dang thic xay ra khi va chi

] W —
Bdi vi khi M, N LT
chuyén dong theo | 71/ -
thi tu rén AC va ! ,‘f
A'B nhimg ludtn bi o
ring budc bdi diéu 2 g TS TR S
kien AM = A'N thi A
VRS i

: a " ’
khi f = “E Luc d6 M, N lan luot la trung diém
cia AC va A'B. Do dé6 gia tri nho nhit cia MN

a i

la —2 Hon nita, lic ndy MN tao véi AC vi A'B
cic goc déu bang 60° (ban doc tr kiém tra). : b
Nhﬁng‘ bgp' sau co dép dn ding, chi ré sai ldm
trong 1&i giai:

Lé ﬂ:i’f Tin. 11A, THPT Dién Chau III, Mghé
An; Lé Duomg Tricong Giang, 10 Todn, THPT

chuyén Le Quy Don, Quing Tri: Nguyén Tdn
Hung, 11T, THPT chuyén Lé Khiét Quang

Ngai; Lé Phic Liz, 12 Toan, THPT chuyén Bén

Tre, Bén Tre; Nguyén Quéc Hune. SV |
DH9A1, PH An Giang, An Giang. e i

NGOC HIEN

http://tieulun.hopto.org = =
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G
Ting oan adm Ky Sitn

Nam Ky Stu sap 16, ta can lo toan, tinh todn sao
chochu foan moi viée ma lam toan vén gidi,

KY/X SUU =TOAN

@i tri toan hoc __/

Ban hay tr8 tai tinh todn dé dién cdc chi s6
hay cho cée chi céi sao cho phép nhén frén la
ﬂﬂng, frong dé m&i ch cdi (ké ca dav dat trén
¢hi dé), tuong ting véi mét chir s6 khac 0, cha
bl khae nhau ng véi ch 56 khac nhau, bié:'f
ting chr ¥ l¢&s binh phuong ca mét s8, cht U
hEF‘ phuong clia mét s6 khac 1. Ban tim ra
dap 58 bing cach naio 2

AN MINH

O O W EaE—

5 2
b) f(0) =f(D=——1

PROBLEMS... (Tiép trang 17)

FOR UPPER SECONDARY SCHOOLS

T6/379. Let

: ABC be a triangle. Prove the
Inequality

1
cosAcosBeosC < S-m.q{' B—C)cos(C — A)cos(A - B).

T7/379. Solve for x
3°(4* +6* +9%)=25*+2.16".

T8/379. Prove that the union of six hemispheres
whose diameters are the sides of a given
tetrahedron must contain the tetrahedron itself.

TOWARDS MATHEMATICAL OLYMPIAD

T9/379. Let ABC be a triangle. Choose the pair
of points A;,4;:B,,8:,C,,C; on the sides BC,
CA, and AB respectively such that
A A; BiB,C,C, is a convex hexagon with equal
opposite sides and the triangles AAA,, BB, B,
CC,C, have the same areas. Prove that the lines
A,B;, B,C,, C A, are colinear.

T10/379. Let a, b, ¢ be non - negative real
numbers such that

Ya? + b2 + 3B+ 3+ ¥ed + a® +abe=3.

Prove that the smallest value of the expression
3 3 i
L L
b2 +ct c?+a? a®+b?
where m is the real root of the equation
£+ 54t - 162 =0.

T11/379. Let f : N— K be the function with

initial values fi0)=0,f{1)=1 such that
fin+2)=2011fln + 1) + fin) = 0.

What is the probability that fin) is a prime

number, where n is a randomly chosen number

from the set of integers {0, 1,2, ..., 2008}?

: T12/379. Find all functions f{x) such that it is
| continuous on [ 1% i W

differentiable on the
open interval (0 ; 1) and the following two

: conditions are satisfied:
= a) 20 f(x)+1 1f(x)+2009<0,vx e(0:1) ;

009

Translated by LE MINH HA

TOAN HOC
. crllﬁité\tp://talhoptoorg
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XUAT BAN TU 1964

7 ﬂrﬁ Céa 70/?;% Wag 5{& 7?{57 7?5 Toa snan:TE?E,nhﬁiigrfugig:flgi%;
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BAN €O VAN KHOA HOC CHIU TRACH NHIEM XUAT BAN
ke Chu tich Héi déng Quan tri kiém
GS. TSKH. NGUYEN CANH TOAN Téng Giam doc NXB Gido duc
GS. TSKH. TRAN VAN NHUNG NGO TRAN Al
TS. NGUYEN VAN VONG Phé Téng Giam dée kism
GS. DPOAN QUYNH Téong bién tap NXB Gido due
PGS. TS. TRAN VAN HAO NGUYEN QUY THAO

HOI DONG BIEN TAP
Téng bién tap : PGS. TS. PHAN DOAN THOAI Phé Téng bién tap : TS, PHAM TH] BACH NGOC
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7S. TRAN HUU NAM, PGS. TS, NGUYEN DANG PHAT, PGS, TS. TA DUY PHUGNG, ThS, NGUYBN THE THACH,
GS. TSKH. DANG HUNG THANG, ThS. VU KIM THUY, PGS, TS. V(I DUONG THUY,

GS. TSKH. NGO VIET TRUNG, ThS. HO QUANG VINH.
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Thi Nhat Ph LR, T e Tr?‘:n Binh Vién — Cé bao nhiéu hinh
it todt anal GEo tar it vuing morley?
,"_nglg chuyén Nguyén Triai, Hai Duong, T1/379, ..., T12/379, L1/379, L2/379.

3

niim hoe 2008 — 2000,

o Nguyén Khae Minh - Loi giai va binh @ Giai bai ki trudc — Solutions to Previous
lufin ehe bai thi toan chon hoe sinh gidi P‘: oblems
Quéc gia THPT nam 2008, Giai céc bai ctha 26 375,

e f;'guyfn Khdc Minh — V& c&u tric dé thi @ Dién din day hoc tosn —

sinh gioi Quée gia mén Toan lap Math Teaching
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Trinh Xudn Tink — Khai thac mot bat
a Chusin bi thi vao dai hoc — University dang thite trong SGK Dai sg 10 niing cao.

¥oC wﬂ‘lﬁﬂh Nhién - Mét s6 phudng @ Sai lam & day — Where's Mistake?
gial hé phuong trinh. B
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1.

',': kip thei phong trdo thi dua do Phd
- Nguyen Thién Nhin phat dang.

U8 cd nhigu cai tién, sb hiong va

g lén 16 rét, nén cd thém nhieu
' :':T_-g'_'j‘.":.'ﬁl__. Todn hx vd d i f&ﬂﬂ}

Hoi nghi Hoi dong bién ¢tap va Cong tac vién

TAP CHi TOAN HOC VA TUOI TRE NAM 2008

gdy 11/12/2008 tai Dai Lai, Vinh Phic dd dién

ra Hai nghi Hoi dong bién tap va Cang tdc vien

Tap chi Todn hoc va Tudi iré cic tinh phio Bdc
aim 2008. Ben du Hoi nghi c6 GSTSKH Nguyén Canh
Toin, Nguyén Tong bién tp tap chi, GS. Badn Quynh, Ch
ich Hai dong ba mon Todn B GD&DT, GS. TSKH. Hd Huy
thoi, Nguyén Vién truong Vien Todn hoc Viet Nam,
15 Nguyen Quy’ Thao, Phd Tong Gidm doc kiém Tong bién
tip NXBGD, PGS. TS. Phan Dodn Thoai, Tong bién tdp tap
thi THTT, cdc uy vién Hoi dong bién tip, cdn b linh oo
o cdc don vi: Cong 1i Co phan Thiet ke vd Phdt hanh
Sdch Gido duc, Cong ti Co phan In Dién Hong, Cong fi Co
phan In SGK tai TPHa Nai, Céng 1i Sdch va Thiet bi trung
hoc Hai Duong, Cong 1i (o phan Sdch - Thigt bi Gido duc

Nom Binh, Xi nghiép In Ban da 1 B9 Quac phong, tap chi Todn
Tudi tho, cde cong tdc vien than thiet ti Ha Tinh, Nghé An tro

o va cdn bo Toa soon.

Tong bién tap THTT Phan Dodn Thoai #i bda cdo nhing dinh
hwing chinh trong hoat déng cua tap chi trong thoi gion toi
trong finh hinh dat nudc hai nhap vdi quac te. Pha tong hién tap
THTT Pham Thi Bach N goc bdo cdo vé cic hoat ddng dd lom duot
rong nm qua thng qua cic so ligu cu the va de xuat phuong
huing hoat dang trong ndm 2009 cla tap chi.

Pho Tong Gidm déc N guyén Quy Thao 4a phet bigu diio mang
Hoi nghi, dong thi tuyén duong cic cdn bd cia Toa soan, ngod
linh vire chinh Ia xuat ban tap chi hang thdng con tham gia cdc
hoat dang chinh tri nhu tham gia chim thi va bién soan hui‘gn
phamTodn hoc bang fiéng Anh lim qud tang cho cdc dai biéu
tham du Ki thi Olympic Todn hoc
Qudc té lan thi 48; ket hop vai Bon
il dgo phong frao thi dua 1o chit

than thién, hac sinh tich cuc phuc vu

r NHIET LIET CHAO MUNG CAC DAI BIEU VE DU HOI NGHI !
| CONG TAC VIEN TAP CHI TOAN HOC VA TUOI TRE NAM 2008 —
bin soan cuon Sa tay Jruong hoe B ~— :

Thi tuting kiem Ba trudng Bo GDEBT

ﬂﬂ“" thao ludn cio cdc cong fac
 Vién, nhigy y kien cho ring top dhi

L

9t hugng g chuyen muc duoe

HOI MGH) oy TAC ity ':

L o PN g e e
Rl
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Nhén dip ndy toa soan THTT da tang hoa chic ming cdc cdng fc
vien 1Gu ndm o thanh cia tap chiz GS. Nguyen Canh Toan,
GS. Hodn Quynh, PGS. Nguyen Bang Phat, Nha gido Nguyen Vn
T hiém, Nha gido Nguyeén Quang Hau.

Cudi Hai nghi ThS. H6 Quong Vinh bdo cdo Ket qua cudc thi
gidi Todn va Vat li trén top chi THTT nam hoc 2007 - 2008.
GS. Nguyén Canh Toan, TS. Nguyen Quy Theo, PGS. Phan Dodn fﬁiqf
dd trao thudng cho cdc em hoc sinh doat gidi Xuat sac va giai Nhat
cia e thi nay. Héi nghi dien ra trong khang khi dam am, soi noi
cua nhigu the hé say mé véi phong trdo day vd hoc fodn cia
nudt nha.

Budi chiéu cing ngdy, cdc dai bieu 8 cd chuyen tham quan thi
vi trén Ho Bai Lai va khu Di tich Ben tha Hai Ba Trung o huyén
Me Linh, tinh Yinh Phuc.

NGUYEN PHUC
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1. THAN NHAN TRUNG (1418 - 1499),
higu Hau Pho.

- Qué: Lang Yen Ninh, Yén Ding, Bac Nioh.
- 96 Tien si ndm 1469,

- Tic pl\ﬁm Thién Nom du ha tdp, Quynh
Uyén ciu ca, Chiéu Ling bi vin vi mét so
bai tho van trong Todn Vier thi fuc.

- Ld Dong Cdc doi hoc si, Nhap ndi phu
chinh; Phé sodi trong hoi Tao ddn nhi thap
bat 14 do Lé Thanh Tang lam Nguyén sodi;
1 Té i Quoc Tu Gidm.

- Ong soan viin bia 6 Quoc Tir Giim (1484)
trong @6 6 cu "Hién tai Id nguyén khi
R ﬂhﬂt& gio, ngﬂrin khi Mmﬁ;;f thé

s e rof Ién coo, nguyén khi suy
g L fﬂ !m yeéu roi xuong thap. Vi vdy

45 thdnh @é minh vvong chdng ai

khdng Idy viéc boi duong nhan tdi, ken
ch ﬂ# vun lrﬁif ngnrin kb im

. *r
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Giay phép XBso 67/GP-BYHTT cap ngay 15.6.2004
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- Tac pham: Phuong Am fién sinh thi van fip.
- Ong Xin fir quan, vé qué mé tnsing day hoc
3. PHAM BiNH HO (1768 - 1839)
hieu Dong Dd Tieu.

- Qué: Lang Ban Loan, Binh Giong, Hai Duong.

- Do Tu tdi.

- Tdc phﬁm Vi Trung tiy bit, Tang
fﬁuu'.*g ngav fuc, Chiv Phong fap thao,

q hmFﬁmg thi tap vi 15 qu-,ren sich khdc

vé Van, Su, Bin, rong d6 ¢ logi sdch gido
duc nhu: Qube st tidy hoc, Nhdt dung
thuting dcim.

- Buoc vua Minh Hung mdi ra lim o Vién

Han ldm, lam Té iy Qudc Tir Gigm nhung
it liu sou xin 10 quon va qué.

4. BOAN HUYEN (1808 - 1882),
hiéu Ung Khé.
- Qué: Lang Hou Thanh Oui, huyén Thanh
Oai, Ha Nai.
- B Cu nhén ndm 1831
- Tdic pham: Ung K hé van tép.
- Lam Béc hoc, hac tro Mﬁﬂundméu.
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- Qué: Lang To 0, xd Tan Trdo, huyén
Thanh Mién, Hoi Duong.
- B (v nhan nim 1894,

- Téic pham: Nam Bang thdo mac, Thiy Son

thi tdp, Van Uyén kim hi, Emr triéy
thi luc.

- Ong khdng ra lam quan, & nhé day hoc.
6. NGUYEN THUDNG HIEN (1868 - 1925),
higu Mai Son.
- (ué: Lang Lién Bat, huyén Ung Haa, Ha Noi.
- B Hodng gidp ndm 1889,
- Tde pham chinh: Nam Chi tip, Hac Thy

ngém bién, Mai Som ngdm tdp, Nam
Huong tdp, Mai Son ngdm thao_—

- Lam Boc hoc tinh Ninh Binh, Nom Binh. Linh
dao Viét Nom Quang phuc héi ching Phap.

Rat tige I ¢ ban gui ddp dn tor nlmq
khing ghi tén, ia chi dé duac ting pham.

GhlrhuI]Télliu Chit quon lanh doo
aia Qudc Ty Gltim.wm

o mdt finh hoiic

?Iﬁﬁ:hqc:ﬂmwmgqmmu# :

mm

Coidh ; 604 dong



	1-bf5d138664
	2-7797be7389
	3-1d4132278b
	4-0f02a89b60
	5-1767899dae
	6-e0203e48c6
	7-f107820521
	8-bcca327722
	9-ed3c30ecf5
	10-d8f2f14fb4
	11-3eaf50a203
	12-d9c9f098a4
	13-33edae7afa
	14-f36a04252e
	15-f1dd4ebb36
	16-560727c523
	17-f0b87cad23
	18-0c0acb93aa
	19-13f373aca5
	20-5564771d02
	21-c80ea6808b
	22-edfa7a3961
	23-89f5f999c7
	24-980328ee0f
	25-3475d64292
	26-3217f21e8c
	27-eef2bfd205
	28-4cc8c3bff7
	29-d2622ed875
	30-1b2aceea43
	31-06b3741424
	32-855a50f781
	33-6214ffc812
	34-95daa72189
	35-d48323ba5e



