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NAM HOC 2008 - 2009
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' LTS. Hiwing wng phong trio thi dua "Xdy dung truimg hoe thin thign, hoe sinh tich cwe™ do
Bi Gido duc va Dio tgo viea phat dong, Tap chi THTT két hep vdi Dw dn Phit trién Gido dyc
THCS Il tham gia vio vigc djng vién gido vién tich ewe dii mdi phuong phidp giang hee, doi
mat kiém tra ddnh gid nham khuyén khich sy chuyén cin, tich cwe, chii diing, sdng tao v §
thive vieon én, rén luyén khi ning twr hoe cua hoe sinh, Hm_rf-tu khich hoc sinh dé xudt sing
kién, trao ddi hoc tdp theo nhom va ciing gido vién thice hign cdc gidi pluip dé viée day va hec
dat hi¢u qua cao. Nhin dip diu nim hoc mdi 2008-2009, tap chi THTT ding toan vin Chi thi
\ Ve vige phit djng phong trao thi dua va danh sdich Ban Chi dgo phong trio Ay,
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CHI THI
Ve viéc phat dong phong trae thi dua
""Xay dung trudng hoc than thién, hoc sinh tich cuc"
trong cac truong pho thong giai doan 2008-2013

Cang véi cac cude van dong “Noi khing vai
tieu cue trong thi cir va bénh thanh tich trong
gido duc” va “Moi thiv. c¢é gido la mor tém
gweomg dao dirc. tie hoc va sdang tao™ dé tiép tuc
tang cuong va nang cao hiéu qua cong tac gido
duc toan dién cho hoc sinh. B6 Gido duc va
Dao tao phat dong phong trio thi dua
“Xdv dirng triecong hoc than thién, hoc sinh tich
cuc” trong cac truomg phd théng giai doan
2008-2013 voi muc tiéu, yéu ciu va noi dung
nhu sau:

1. Muc tiéu

a) Huy dong sic manh téng hop cua cac luc
lwong trong va ngoai nha trudmg dé xay dung
méi trudmg gido duc an toan, than thién, hiéu
qua, phu hop vai dicu kién cua dia phuong va
dap (rng nhu cau xa hoi.

b) Phat huy tinh cha déng. tich cwe, sing tao
cua hoc sinh trong hoc tdp va cac hoat dong xa
hoi mot cach pha hop va hi¢u qua.

2. Yéu ciiu

a) Tap trung cic nguon lye dé giai quyét dit
diém nhirng yéu kém vé co s vat chat, thiét bi
triromg hoc: tao dieu kién cho hoc sinh khi dén
truong dugc an toan, thin thién, vui vé.

b) Tang cuomg su tham gia mét cach himg tha
cua hoc sinh trong cac hoat dong gido duc trong

nhi trudmg va tai cong dong voi thai do tr giac,
chu déng va ¥ thire sang tao.

¢) Phat huy sw chu dong, sang tao cua thay. ¢o
gido dap tng yéu cau déi méi phuong phap
gido duc trong dicu kién hoi nhap quoc 1é.

d) Huy déng va tao diéu kién dé c6 su tham gia
hoat dong da dang va phong phi cua cic 1o
chirc, ca nhan trong viée gido duc vin hoa.
truyén thong lich sir cach mang cho hoc sinh.

d) Phong trio thi dua phai dam bao tinh tr gidc,
khong giy ap luc qua tai trong cong viée cia
nha truong, sat voi dicu kién & co sé. Noi dung
cu thé cia phong trao la do co s& tir chon, ph
hgp vai dicu kién cia nha trudmg, 1am cho chit
lwong gido dyc duge nang 1én va co dau an cua
dia phuong mot cach manh mé.

3. Noi dung

a) Xay dung tricemg. lop xanh. sach. dep. an toén
- Bao dam trudng an toan, sach s&, co eiy xanh,
thodng mat va ngdy cing dep hon, ldp hoc du
anh sing, ban ghé hop lira tdi hoe sinh.

- Té chirc dé hoe sinh trong cay vao dip dau
Xuan va cham soc cay thuéng xuyén.

- Co du nha v¢ sinh duoc dat o vi tri phi hop
v@i canh quan truong hoe, dugce giir gin vé sinh
sach s¢.
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- Hoc sinh tich cye tham gia bao vé canh quan
moi truong, gitr vé sinh cac cong trinh cong
cong, nha truong, 1op hoe va cd nhan.

b) Day va hoc cé hiéu qua, phii hop véi ddc
diém lira tuoi cua hoc sinh o maoi dia phiong,
gitip cde em tuw tin trong hoc tap

- Théy, ¢ gido tich cyc doi mdi phuong phap
giang day nhiam khuyén khich sy chuyén can,
tich cue, chi dong, sang tao va y thirc vuon lén,
rén luyén kha nang tu hoc cia hoc sinh.

- Hoc sinh duoc khuyén khich dé xuat sang kién
va cung cac thay c¢é gido thuc hién cac giai
phap dé viéc day va hoc c6 hi¢u qua ngay cang
cao.

c) Ren luyén ki nang song cho hoc sinh

- Reén luyén ki néng tmg xu hop li val cdc tinh
hudng trong cudc song, thai quen va ki nang
lam viée, sinh hoat theo nhom.

- Rén luyén sirc khoe va y thic bio v¢ suc
khoe; ki nang phong, chéng tai nan giao thong,
dudi nude va cac tai nan thuong tich khac.

- Rén luyén ki ndng dng xu van héa. chung
song hoa binh, phong ngtra bao lyc va cac té
nan xa hoi.

d) To chite ede hoat dong tap thé vui twoi, lanh
manh

- T6 chirc cac hoat dong van nghé, the thao mot
cach thiét thue, khuyén khich sy tham gia chu
dong, tu giac cua hoc sinh.

- Tod chie cac trd choi din gian va cac hoat
ddng vui choi giai tri tich cue khac phi hop voi
lira tudi cua hoc sinh.

d) Hoc sinh tham gia tim hiéu. chim soc va
phdt huy gia tri cde di tich lich sie. van hoa.
cdch mang o dia phiong

- Mdi trudng déu nhén cham séc mét di tich
lich str, vdin héa hoic di tich cach mang ¢ dja
phuong, gop ph'm lam cho di tich ngay mot
sach dep hon, hip din hon: tuyén truyén, gici
thiéu cac cong trinh, di tich cua dia phuong voi
ban bé.

TOF!N HOC
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- Mai truomg co ké hoach va 1o chae gido duc
truyén théng vin hoa dan toc va tinh thin cach
mang mot cach hiéu qua cho tat ¢a hoe sinh;
phdi hop vai chinh quyén, doan thé va nhan dan
dia phuong phat huy gia tri cua cac di tich lich
sir, van hoa va cach mang cho cudc song cua
cong dong & dia phuong va khach du lich.

4. T6 chire thye hién

- Phong trao thi dua “Xay dung truong hoc than
rh:;m, hoc sinh tich ciec™ duge trién khai uaﬂ Vi

> hoach nam hm. cua nganh va cua timg
IILIUHE két thie mdi nam hoe déu ¢o danh gia,
khen thuong, pho bién dién hinh: tong két
phong trao thi dua vao cudi nam hoc 2012 - 2013,

- Bo Giao duc va Pao tao phf}i hop voi Bo Van
hoa, Thé thao va Du lich, Trung vong Doan
Thanh nién Cong san Ho Chi Minh va cac Bo.
nganh co lién quan to chire trien khai phong
trao thi dua “Xdy dimg tricong hoc thén thién,
hoc sinh tich cuc” & cac cip hoc pho thong
trong thang 7 nam 2008. Trén co so do, Cong
doan Gido duc Viét Nam, cac co quan, don
vi thuge Bo Gido dyc va Dao tao xay dung ké
hoach trién khai va 6 chire. hudng dan. kiém
tra viée thue hién theo chire nang. nhi¢ém vu cua
Vu Céng tac hoc sinh, sinh vién la co
quan llurmlg trie cia Bo Gido duc va Dao tao
trong viéc phdi hgp to chire trien khai thuc
hién.

minh.

- Cac So Giao duc va Pao tao bio cao Uy ban
nhén dan tinh, thanh phé truc thude trung wong
dé thong nhét chi dao thuc hién phong trio tai
dia phuong. thu hit sy tham gia, ho tro tich cye
ciia Hoi Khuyén hoc, Hai Cuu gido chire. Hoi
Cuwu chién binh, Héi Phu nir, cac co quan béo
chi. cac doanh nghiép, gia dinh va cd nhan dé to
chire phong trao thi dua.

Chi thi nay duogc phrﬁ bién va thue hién o 1it ca
cac tinh, thanh pho truc thuge Trung uong va
céc co s giao duc pho thong.
BO TRUONG
Nguyén Thién Nhin
(Pa ki)
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Ong Nguyén Thién Nhan, Phé Thi tuéng,
Bo truong B6 GD&DT - Trudng ban.

Ong N re{a'(gn Vinh  Hién, Thir truong
Bo GD&DT - Phé Trudng ban thuong trye.
(f}ng Pham Vii Lugn, Thir truémg Bo6 GD&DPT

- Pho Trudng ban.

. Ong Phimg Khidc Binh, Vy truong  Vu

Cong tac hoc sinh, sinh vién, Bo GD&DT
- Phé Trudng ban. :

. Ong Lé Qudn Tan, Vu truéng Vu Gido duc

Trung hoc, B6 GD&DT - Pho Trudng ban.

. Ong Lé Tién Thanh, Vu truéng Vy Gido duc

Tiéu hoc, B6 GD&DPT - Phé truong ban.

. Ba Neuyén Thi Ha, Uy vién Ban thuong vy

Trung wong Doan TNCS Hé Chi Minh, Quyén
Cha tich Hoi dong Bgi TU' - Phéd Trudng ban.

. Ong Dang Van Bai, Cuc truong Cuc Di san

Van hoa, B6 VH-TT&DL - Phé trudng ban.

. Ong Tran Pinh Chdu, Phod Vu truong,

Giam doc Ban diéu hanh Dy 4n Phat trién
Gido duc THCS 11 - Uy vién thuong trye.

10. Ba Vit Thi Thanh Binh, Phé Chu tich Cong

11

=]

5,

doan Gido duc Viét Nam - Uy vién.

. Ong DS Quée Anh, Vy truong, Giam déc
Co quan dai di¢n cua B6 GD&DT tai TP.
Hé Chi Minh - Uy vién.

12

13.

16.

20.

2. Ong Mong Ky Slay, Vu truong Vu Gido duc

Dan téc, BO GD&DPT - U)f vién.

Ong Vin Dinh Ung. Phé Chanh Vin phong,
Bo GD&DT - Uy vién.

. Ong Pham Ngoc Phirong, Pho Cuc truong

Cuc Co s& viit chat va Thiét bi trudmg hoc,
do choi tré em, By GD&DT - Uy vién.

: lf)ng Ngwyén Dinh Manh, Pho Vu truong

Vu Céng téc hoc sinh, sinh vién, B6 GD&DT
- Uy vién.

Ong Bii Van Qudn, Pho Cuc truong Cuc
Nha gido va Can bé Quan li Gido duyc,
Bo GD&DT - Uy vién.

. Ong Nguyén Lge, Phé Vién treong Vién

Khoa hoc Gido dyc Viét Nam - Uy vién.

. Ong Trdn Déng Thao, Tong Bién tap Bao

Gido duc va Thoi dai - Uy vién.

. Ong Pang Tir An. Vu truong, Truong ban

diéu phdi Dy dn Gido duc Tiéu hoc cho tré
em c6 hoan canh khoé khan - Uy vién,

Ong Trdn Van Thanh, Giam déc Dur an Phat
trien Gido duc THCS ving kho khan nhat -
Uy vién.

. Ong Trdn Nhw Tinh, Phé Vu  truong,

Trudng ban diéuqhénh Dy an Phat trién
Gido duc THPT - Uy vién,

DANH SACH TO THU Ki GIUP VIEC CHO BAN CHI PAO

. Ong Trdn Pinh Chdu, Pho Vu truong, Giam

ddc Ban diéu ha}nh Du an Phat trién Giao
duc THCS II - To trudng.

. Ong Pham Anh Tudn, Chuyén vién Vu Cong

tac hoc sinh, sinh vién, Bo GD&DT - Té pho.

. Ong Nguyén Xudn A4n Viét, Phé Trudng

phong Béo chi tuyén truyén. Vin phong Ba
GD&DT - Thanh vién.

. Ba Lé Thi Kim Dung, Chuyén vién chinh Vuy

Cong tac hoc sinh, sinh vién, Bo GD&DT -
Thanh vién.
Ong Dinh Manh Cirong, Chuyén vién chinh
Vu Gidgo dyc Trung hoc, B6 GD&DT -
Thanh vién.

6.

¥

9,

(f)ng Ngé Quang Oue, Chuyén vién chinh
Vu Gidgo dyc Tiéu hoc, B6 GD&DT -
Thanh vién,

Ong Hoang Trung Thénh, Chuyén vién
Vu Phap ché, B GD&DT - Thanh vién,

Ong Nguyén Xudn Thuy, Chuyén vién Phong
GD&DT Ha Pong, Ha Néi - Thanh vién.

Ba Nguyén Ha Minh, Chuyén vién Dy an
Phat trién Gido duyc THCS I1 - Thanh vién.

10. Ba Neuyén Thi Hanh, C huyén vién Phong

Téng hop., Vian phong Bé GD&DT -
Thanh vién.
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" Dé gidi mot bai todan Hinh hoc, thong thiong
ta phdi suy ldn dwa vao cdc hiéu biét vé
Hinh hoc. Tuy nhién, c¢é mét s6 bai todn

Hinh hoc néu biét khéo léo khai thdc thé

manh cia Pal so thi nhién khi ta thu dioc
két qua bdt nge thii vi. Dudi ddy ta xét mot
s6 bari todn nhi vay.

DANG 1. Diing phuong trinh vio dung hinh
@ Bai toan 1. Cho tam gidc ABC ¢6 AB = 6,

AC = 8, BC = 10. Hay dung DE song song vér
BC (D € AB,E € AC) sao cho BD + CE = DE.

n/\ E thoa min diéu kién

dé bai (h. 1).
B : ~ C patAD=ux
Hinh 1 (v6i 0 < x < 6) thi

BD =6 - x. Ap dung dinh li Thales, ta c6
E=A—‘D — Y Ex.

BC AB 3

EC _DB
AC

(6= x}+ %{6 -x) = g—.r & x=35.

Lot giai. Gia sirta da
dung duge DE /f BC

= CE = %(G—x) . Tirdé cé

Tir két qua nay dé dang suy ra cich dung DE.
Nhdan xét. C6 thé xét D, E tuong tng nim
trén tia déi cua tia AB, AC, giai tuong u ta
tinh dugc x = AD = 21.

3 Bai toan 2. Ding tam gidc ABC, biét edc
d¢ dai BC = a, diwong cao AH = h va phdn
widc AD = p.
Lot gidi. Gia sir da dung dugc tam giac ABC
¢d duong cao AH = h; phan gidc AD = p va
BC =a (h. 2}.

TOANHOC .
4 CTubilpe SO 375 (9-2008)

KHAI THAC ruf MANH CUA PAI $O
dé gidi mot so bai todn Hinh hoc

LE TIEN HUNG
(GV THCS Ma Pa Gui, Ba Huoai,
Lam Doéng)

A

b 2 0T D’
Hinh 2

Dung phan gidc ngoiai AD’, khi do cé AD L AD".
Dat DC=v. DD'=1(0<x<a: 0<x <)

Ta c6 tcosADD =AD, va
cos ADD' =1 —sin? ADD'
P’ P
r
Jp-m
Mt khic, theo tinh chit duong phan gidc ¢
DC DC( AC
DB DB (_EJ
% {—x

&> —=
ad—Xx d+i—X

20 =2a+Dx+ar=0
va? +t* . .
> I=(£¢+f)+ ol > min{ea, ) (loai);

9
_(::.'+4f)—\.|":;r'-'+rj
" 2

Tirdé suy ra t= (1)

(thoa man) (2).

hoac x

Viée dung tam gidc ABC tir cdc gid tri cua s, x
biéu thi bdi cdc cong thie (1) vi (2) xin danh
cho ban doc.
DANG 2. Dimg bat ding thic dé tim cuc
tri hinh hoc

IBai toan 3. Cho tam gidc ABC. Hinl chit
nhdt MNPQ c6 M, N niong ting thudc canh
AB, AC; hai dinh con lai P. Q nam trén canh

https://tieulun.hopto.org
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BC. Tim dién tich lén nhdt ¢é thé ciia hinh
ot nhat MNPQO.

A Lot giai.
bat BC = a,
AH =k MQ =x,
MN=v(D<x<h,
0 < y<a)(h. 3).

o H  F

s VI S = Soun +
1F1I

SumeatScenrtSumor

I 1
nén —ah =—ylh-x)+ xy+=—x(a-y)
> 7 2

“ i L

& y=—(h-x).
h

Suy ra Syypg = Xy = ;{—.\‘1' + hx)
T

al h? [h ]: a h* ah
I i AR 3 i
hl 4 2 h 4 4

Ping thire xay ra khi va chi khi xz;!, Vay

dién tich hinh chit nhat MNPQ Ién nhat khi
MN la dudmng trung binh cua AABC.

WBai toan 4. Cho diem M ¢o dinh thuic
mién trong ciia géc vuong xOy. Mar dicong
thang d gua M cdt Ox va Oy theo thit it tai A va
B. Xic dinh vi tri eria dicomg thang d sao cho:

a) Dién tich tam gidc OAB bé nhat,

b) OA + OB bé nhiit.

Lot gidi.

|.‘Il
\Hf\
Q M
d
-
() P A A
Hinh 4

Ke MP L OA,MQ L OB (h. 4). Bit OF = a,
00=b0A=x,0B=y.Taco
5.’1_15-‘ = Sr}_t.w * SrJHM » SUy rd

w=hbv+ay o -{i+£’—=‘[ ()
x ¥y
a) Ap dung bat ding thirc Cauchy, ta ¢6
ot
= ﬂ+£ =9 fi& :
i xy

Suy ra 25,4 = Xy = 4ab. Ding thic xay ra khi
va chi khi x = 2a va y = 2b. Lic dé d /f PQ.

Viy minS,, ., = 2ab, khi d /f PO.

b) Ap dung bét ding thic Bunyakowski, ta cé

-~

ol ny,

OA+O0B=x+v=(v+y) (ﬁ + -{)—J > (Ja +ufr.l.';}

Diéng thic xay ra khi va chi khi

4 :i Ay E . két hgp vdi (*) taco

-

x2 ¥ oy x

b [a -
TN

Tir d6 tim duoc y= JE{J(}+ er] .
Vay gid tri nho nhat ciia OA+OB la (Va+/b),
dat duoc khi

x=valVa+vb). y="b(Ja+b).

DANG 3. Ding do thi ham so dé giai bai
toin quy tich

W Bai toan 5. Cho dueng tron tam O diudng
kinh AB = 2R. Duwong tron (E) vita tiép xiic
vai duomg tron (O) vita 1iép xie voi diong
kinh AB. Tim guy tich tam E.

Loi giai.

Chon mat phing toa dé Oxy cé Ox trung vdi
AB nhu hinh 5.

Hinh 5

Gia str ta ¢é duong tron tam E(x ; y) tiép xic

vdi duong tron (O) tai M va tiép xidc voi AB

TORAN HOC
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[ o2 EE

DE'TH

VAO[GP T0THPT AMSTERDAM v THT CHUVAN/ANHAINOT

NAM HOC 2008 - 2009
(Thei gian lam bai: 150 phaf)

Cau 1 (2 diém)
Cho hé phuong trinh

w‘x+19—-,||'y+6:(m—ZUOS]yH
Jy+19=Jx+6=(m—2008)x +1
1) Giai hé phuong trinh khi m = 2008.

2) Chimg minh hé phuong trinh da cho c6
khéng qua mot nghiém khi m = 2008.

Cau 2 (2 diém)
V&i mébi s6 tu nhién n, ta dat

a,=3n"+6n+ 13.
1) Chitng minh rang: Néu hai s6 @, a, khong
chia hét cho 5 vi chia cho 5 ¢6 s6 du khic
nhau thi (a, + @,) chia hét cho 3.
2) Tim s6 tu nhién n & dé a, la s6 chinh
phuong.

Cau 3 (2 diém)

Cho a la s6 thay d6i thoa man—1<a < 1.
Tim gid tri 16n nhét cla b sao cho bit dang
thitc sau luén ding:

2 J1—a* +(b-1(V1+a? —1-a2 ) +5-4<0.

Cau 4 (3 diém)
Cho tam gidc ABC vuong tai A. V€ hai dudng
tron (Q,) va (O,) lan lugt c6 dudng kinh AB

" va AC. Goi H la giao diém thi hai cla (0,) va

(0,). Budng thing d thay doi di qua A cat cdc
dudng tron (0,), (0,) lan luat tai cdc diém D,
E sao cho A nam gitta D va E.

1) Ching minh ring dudng trung tryc cua
doan DE luon di qua mét diém c6 dinh khi
duong thing d thay doi.

2) Xéc dinh vi tri clia dudng thing d dé dién
tich t gidgc BDEC dat gid tri 16n nhat. Tinh gid
tri 16n nhat dé theo b va ¢, vdi b= AC, c = AB.
3) Puomg thing di qua trung diém doan DE
via vuong géc vai BC ciat BC tai diém K.
Ching minh ring KB* = BD" + KH".

Cau 5 (1 diém)

Cho A la tap hop gém 6 phin tir bat ki cua tap
hop (0:1:2;...; 14). Chimg minh ring ton
tai hai tap hgp con B, va B, cua tap hgp A (B,
B, khc nhau va khic réng) sao cho tong tat
ca cdc phén tir cha tap hgp B, bing tong tat ca
cdc phén i cua tap hop B,.

tai N. Suy ra O, E, M thang hang. Xét trudng
hop £ nam & nira trén truc hoanh, dp dung
dinh 1i Pythagore ta cé

EOQ? = ON* + EN?

& (MO - MEY = ON* + EN?

& (R _},]z = ).'2 + 1

&y = _.._.I_x3+£ (1*)
J 2R 2

Nhu vay toa do x vh y cla taim E thod mén
phuong trinh (*). Ngoai ra, E tiép xiic véi
dutmg kinh ABnéncé -R<x s R.

Do tinh dai xing suy ra quy tich tim £
la phan parabol c¢é phuong trinh (*) trong

TOANHOC .
6 & Crmt.':é So6 375 (9-2008)

khoing —R < x € R va phidn déi xing cla no
qua Ox.

<Nhan xét. Trong truong hop dudng tron
(E) ti€p xiic v6i dudng tron (O) va tiép xuc
v6i duong thing AB thi quy tich E la
parabol c6 phuong trinh (*) va parabol dai
xing vdi nd qua truc 0.

Trong khuén khé mot bai bdo khong thé dé
cap nhiéu dang todn Ii thd khédc. Hi vong
bai vi€t nay sé mang lai hing thu cho cdc
ban tré yéu todn ti€p tuc khidm phd, khai
thic thém nhiéu dang bai Ii thi va néu cd
thé xem xét vian dé ngugc lai: Khai thde
thé manh ciia Hinh hoc dé gidi mét s6 bai
todn Dai s6.
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Chuan bi
==X cho ki thi
tot nghiép THPT

n\\h va thi vao

A T Dai hoc

V4l Kl HNG |
GIAI PHUUNG TRINH LUONG GIAG

NGUYEN MINH NHIEN
(GV THPT Qué V6 s 1, Bac Ninh)

rong cic dé thi tuyén sinh vao Dai hoc,
Cao dang nhitng nam gin day, da so

cdc bai todn ve giai phuong trinh luong
gidc déu roi vho mot trong hai dang: Phiong
trinh dia vé dang tich hodc phicong trinh chita
d@n ¢ mdu. Nham gitip cdc ban 6n thi c6 két qua
tot, chiing toi xin gidi thiéu mot so ki nang
quan trong dé giai cac dang todn do.

I. PHUONG TRINH PUA VE DANG TiCH

1) Sir dung cic cong thite bién doi luong
gidc : cong thire bién doi tich thanh tong,
tong thanh tich, cong thire ha bac,...

% Thi du 1. Giai phicong trinh
sinvtsin2y+sindr+sindy+sinSa+sin6e =0 (1)

Lai giai.
PT (1) & (sin6x +sinx) +(sin5x +sin 2x)

+(sin4x +sin3x)=0

ke R H S5x x] 3.\'}
= 2sin— | | cos— +cos— |+cos— [=0
s 2 2 7

— 2sinEcos3—x(2-::osx+ N=0.
2 2 -
Giai cac PT sinr%xzﬂ . cosj—;=0: 2eosv+l =0

ta duge cdc ho nghiém ciia PT (1) 2 x="="

T Zkn
=—t—
i g

2r

% x-—-i~3—+2kx (vai k € 7).

Luu y. Khi nhém cde s6 hang chia sin (hodc
cosin) clia cdc géc vdi nhau, can dé y dén

nhiing géc sao cho tong hodc hiéu cic goc dé
bing nhau dé lam xudt hién nhan tr chung.

% Thi du 2. Giai plutong trinh

24303
8

(2)

cosdxcosix—sin3xsinix=

Lai gidi. PT (2) tuong duong voi

| ——

-cos?x(cosdx +cos2x) - % sin” x(cos2x — cosdx)

_2+32

[

&> cosdx(cosx+sin? x)+cos2x(cos x—sin* x)
2+342
4

= 2+ 3\,5
< cosdx+cos 2y =——

4
& 4cosdx +2(1+cosdx) = 26043
\E kx

o cosdy =— <= x:i—?-t—+—{kefrﬁi].
2 |7 P

*Luu y. Viéc khéo léo sir dung cong thic bién
déi tich thanh tong ¢é thé giup ta trinh duce
viée sir dung cong thirc luong gidc goc nhin ba.
% Thi du 3. Giai plitong trinh

2-3053[%—2x)+ Jcosdx=4cosx-1  (3)
Loi gidi.

‘It b

PT(3) e 1 +cos[: —4x]+ 3cosdx = dcos x|
&> sindx ++/3cosdx = 2(2cos?x — 1)

= is.i|1‘fl.1r:+—3*::0'5.4.1; =cos2y
2 2

= cos[-ix - %] = cos2x . PT ¢6 cic ho nghiém

n
X=—

12
2) Sir dung mot sé bién doi khac

+km; x=1+£n~,(keiﬁ)
36703

Dé da phirong trinh vé dang tich diéu quan
trong nhat van la lam sao dé phdt hién ra nhan
nt ching nhanh nhdt. Saw ddy la mor sé cong
thite bién doi ¢é thé gitip ta lam doe dién do.

TOAN HOC
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*) sin’x = (1 - cosx)(1 + cosx);

cos’x = (1 — sinx)(1 + siny):

cos2y = (cosy — sinv)(cosy + siny);
*) 1 + sin2x = (sinv + cosx)*:

1 — sin2x = (sinx — cosx)™:
SINX+COSX

*y 1 +tanr=
cosx

*) ﬁsin[r+§-]=sin X+COSX:

#) 1 + cos2y + sin2x = 2cosy(siny + cosy);
#) 1 —cos2x + sin2x = 2sinx(siny + cosy).

% Thi du 4. Gidi plutong trinh
2sinx(l+cos2x)+sin2x=1+2cosx (4)

Loi gidi.

PT (4) & 2sinx.2cos x+2sinxcosx =1+ 2cosx

<> (2cosx +1)(2sinxcosx-1)=0.

Phén con lai danh cho ban doc.

% Thi du 5. Gidi plutong trinh
cos2x +3sin2x+5sinx—3cosx =3 (5)

Ldi gidi. PT (5) tuong duong vdi
(6sinxcosx—3cosx)—(2sin” x—3sinx+2)=0
> Jcosx(2sinx—1)—(2sinx—1)(sinx—2)=0
< (2sinx=1)(3cosx—sinx+2)=0.

Phuong trinh nay tuong duong vai hai PT co
ban (xin danh cho ban doc giai tiép)

[l. PHUONG TRINH CHUA AN 0 MAU

Vi loai plutomg trinh nay khi giai néu khong
cdn than rat dé dan dén ldy thita hode thiéu
nghiém. Diéu quan trong ddu tién dé gidi
dang nav la ddr diéu kién va kiéem tra diéu
kién xdc dinh, Thong thuomg ta hay ding
duong tron hiong gide dé loai nghiém. Ngoai
ra , ta ciing gdp nhiéu PT chita tan, cot . Khi
dé cé thé sit dung mért s6 cong thiie sau

sinfaxb
*) tang * tanh = __.(__} :
COSda.cosh
sin(bta)

*) cota + coth = 3
cosa.cosh

TOAN HOC
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cos(a—~h)
*) tana + coth = (— .
cOsa.5inh

—cos{a+h)
*) tana — cath = —
Cosa.sinkh

2

*) tana + cota = — :
sin2a

*) cola — tana = 2col2a ;

g cos(g—h
*) 1 + tana.tanb = ol i ki
cos.cosh

—cos(a+h)
*) 1 —tana.tanh = ———=~
cOsa.cosh

Cin luu ¥ cdc diéu kién xdc dinh cua timg
cong thic.

% Thi du 6. Gidi pluong trink

2cosdx
cotx=tanx+— (6)
sin 2x

o

Loi giai. DK : sin2x # 0 > x# — ke 7.
: 2cosdx
PT(6) <> cotx —tanx = ———
sin2x

2cosdx  2cosdx

sin 2x sin2x
<> cosdx =cos2y = x =pm hoac
nm
X=— mek.
3
Pai chiéu diéu kién ta duoe nghiém

T ,
x=t—+mr.(me#)
3
% Thidu 7. Giai phitong trinh

doos’x+2c087x 2siny—I)—sin2v—2[ sinv-+cosy) 0 (7)

2sin’ x—1
Loi gigi. DK : 2sin’ x~ 12 0 e cos2x =0

k
hay 1';f£+—“,(k e 7).
) TR

PT(7) < deos x(sinx+cosx) —2cosx(sinx +cosx)
- 2(sinx+cosx) =0
& 2(sinx+cosx)(cosx—1)(2cosx+1) =0

(Xem tiép trang 29)
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EPEECN P A TN

chuong nhung thuc chat vé ndi dung

gdm c6 hai phan. Phin hinh hoc khong
gian duge nghién cifu bing phuong phap tong
hop gém hai chuong: chuong I nghién ciu vé
cdc hinh da dién va cdc khai da dién, chuong I1
nghién cifu vé cdc mit tron xoay va cic khai
tron xoay. Phan
nay ké thira phan
nghién ciu v
dudng thing, mat
phing cing véi
quan hé song

E : dch gido khoa Hinh hoc 12 gém c6 ba

o

LA

Gidi thiéu sich gido khoa

tien dé vé thé tich. PE gidp hoc sinh hiéu rd
hai khéi da dién biang nhau, SGK c6 gidi thiéu
vé phép doi hinh trong khéong gian va khii
niém hai hinh bing nhau trong khong gian.
Viée tinh thé tich cic khéi da dién la mot noi
dung quan trong trong viéc gan Hinh hoc vai
thuc tién doi song va san xuat. Ngoai ra SGK
c6 gidi thiéu phan phan chia va lap ghép cic
khoi da dién dé ap dung vao viéc tinh thé tich
céc khéi da dién c6 hinh dang phic tap, dong
thoi ¢6 trinh bay dinh nghia khéi da dién 16i
va dinh li néi vé su ton tai cia nam loai da
dién déu.

2. Ve cic mat tron xoay

SGK c6 gidi thiéu hai yéu td quan trong cua
mat tron xoay la truc quay va duong sinh cua
mat tron xoay va lidn luot gidi thiéu su tao
thanh mat
noén, mat tru
vi mit cau.
SGK c6 chi ¥
phan biét ba

song va vuong
g6c trong khong
gian da dugc hoc
& 16p 11. Phin
Phitong phap toa
do trong khéng gian 1 phin ma rong, cling co
va tiép tuc phdt trién nhimg nodi dung ma hoc
sinh da dugc hoc vé phuong phdp toa do trong
mat phing thudc chuong trinh 16p 10, déng
thi m& rong va lam quen véi mot s6 ndi dung
mdi cua phuong phap toa do trong khong gian
khi nghién citu vé mit phing va dudng thang
trong khong gian.

1. Vé hinh da dién va khoi da dién

D6i véi cdp THPT thi hinh da dién la mot
khdi niém khé dua ra mét dinh nghia chinh
xdc va thuomg chi dimg lai ¢ dinh nghia c6
tinh chat mo ta nhu SGK Hinh hoc 12 da trinh
bay (trang 6 SGK HH 12). Yéu ciu doi vai
hoc sinh chi 1a nhan biét trong cdc hinh dua
ra, hinh nio 12 hinh da dién va hinh nao
khong phéi 1a hinh da dién. Véi méi khéi da
dién, ta cé thé do duge d6 1on phin khong
gian ma né chiém chd va dé chinh la thé tich
cia khoi da dién d6. SGK co gidi thiéu ba
tinh chét ctia thé tich ma thuc chat do la céic

NGUYEN MONG HY
(Chu bién SGK Hinh hoc 12) xoay, dong

ﬁ khii  niém:
] l DE@ @ madt tron xoay,

hinh tron xoay
va khoi tron

thoi gidi thiéu
cong thiic tinh dién tich xung quanh cua hinh
nén, hinh tru va thé tich cta khoi non, khoi
tru. D6i véi mit cdu SGK néu dinh nghia mat
cdu 13 tap hop nhitng diém M trong khong
gian cich diém O c6 dinh mot khodng khong
déi bing r (r > 0) va sau d6 cé néu lén nhin
xét ¢6 thé xem mat cdu nhu la mat ron xoay
duoc sinh ra bdi mot nira dudng tron quay
xung quanh tryc chia dutng kinh cia nira
dudng tron do. Tiep d6 SGK xét vi tri tuong
doi cha mat ciu véi mat phing va dudng
thang, déng thoi ng‘l thiéu cong thifc tinh
dién tich mat cdu va thé tich khéi ciu. Trong
viéc biéu dién hinh cau, SGK ¢6 luu y 161 viée
dung hinh chiéu vuéng goc dé biéu dién hinh
cdu cho truc quan hon va trinh duge cdc sai
s6t khi vé hinh biéu dién cia mat ciu noi,
ngoai ti€p cdc hinh da dién.
3. Vé phuong phap toa do trong khong gian

Khi trinh bay phuong trinh mat phing, SGK
chi trinh bay phuong trinh tong quét ciia mat

TOAN HOC
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phing di qua mot di€ém va cé vecto phdp
tuyén cho truéc. Muén lap phuong trinh tong
quait cia mot mat phéng (@) nao do thi vin dé
quan trong diu tién la phai tim vecto phép
tuyén ciia mat phing dé6. Khi néi vé vecto
phdp tuyén chia mat phing co thé gidi thi¢u vé
cdch tim vecto ¢ la tich cé huéng cla hai
vectd a va b khong cing phuong cho trudc

sao cho ¢ L@ va ¢ L b . Sau dé bing phuong
phdp toa do cdn xét diéu kién dé hai mat
phéng song song hoac vuéng goc, va lap cong
thife tinh khoang céch tir mot diém dén mot
mat phiang. Ngoai ra hoc sinh can dugc lam
quen v&i mot s6 truong hop riéng nhu phuong
trinh:

- Mt phang di qua géc toa do.

- Mat phing song song hodc chia truc Ox
(hodc Oy hodc Oz).

- Mat phing song song hodc trung véi mp
(Oxy) (hodc (Qyz) hoac (Ozx)).

- Mt phéing di qua céc diem A(a; 0;0), BO; b 0),
C(0:0;c)voiabe #0.

Cong thic tinh khoang cdch tir mot diém dén
mot mat phing 1a mot cong thitc quan trong.
Trong cdc bai tap tinh khoang céch giira hai
mat phing song song hodc tinh khoang cich
gita mot duong thing bat ki dén mot mat
phing song song véi dudng thang dé hoac
tinh khoang cich gitta hai dudng thing chéo
nhau, ching ta cdn phai ding dén cong thic
nay mot cdch linh hoat va sang tao.

Vé phuong trinh dudng thfmg trong khong
glan, SGK chi trinh bay vé percmg trinh tham
56 clia dudng thing va xét cdc diéu kién dé
hai duong thing chéo nhau, cat nhau song
song hodc vudéng goc val nhau.

Véi phuong phdp toa do trong khong gian
cling vdi nhn.mg kién thic vé hinh hoc khéng
gian da hoc & 16p 11, hoc sinh c& thé lam
quen vdi cdc dang toidn mdi véi nhiéu sdng
tao méi vé quan hé song song vl quen hé
vubng goc clia dudng thing va mit phing
trong khong gian.

TOAN HOC
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Trao doi vé sach giao khoa
GIAI TICH 12 NANG CAO

NGUYEN HUY DOAN
(Chu bién SGK Gidi tich 12 Nang cao)

Trang nhitng Idp boi dudng gido vién thuc hién
chuong trinh va SGK doi mdi, tic gid bai viét nay da
cd dip trao dai véi gido vién o cdc dia phuong trong
cd nudc vé noi dung cua SGK Gidi tich 12 ndng cao,
trong dé cé nhitng van dé duve dong dao gido vien
quan tdm. Bai viét nay mhdm gici thiéu va frao dii vii
ban doc ciia Tap chi THTT mot si van de nhu vay.

(0 vAN bE 1: Trong SGK Gidi tich 12 nang
cao, trang 7 ¢6 néu nhan xét: Gid sit ham so f
c6 dao ham trén khoang I. Néu f’(x)= 0 vor
moi x € I (hodc f *(x) <0 vdi moi x € I) va
[°(x) =0 chi tai m¢t 6 hitu han diém ciia 1 thi
ham s6' f dong bién (hode nghich bién) trén l.
C6 thé dp dung nhan xét doé dé gidi bai todn
sau day duge khong?

Bai todn: Chitng minh rang ham s6
flx)ysx+sinx

R (chi ¥ ring déi voi ham s6
=0 tai vo sé diém trén R ).

déng bién trén
dang xét tacd f'(x)

B4 Tra 1oi. Ta c6 thé ap dung nhan xét trong
SGK dé giai bai todn trén nhu sau:

Ta sé ching minh ham s6 f dong bién trén R
bing dinh nghia, tic la ching minh:

‘?’x..xg [ R.X] <X = lf{;\ﬁ) < .f{.l'g ) 5

Muén vay, khi di cho x; va x; ta chon mét
khodng (a : b) nao d6 chia x; vd x, (hién
nhién luon chon duge mot khoang nhu vdy).
Ta cé f'(x) = 1 + cosx > 0 véi moi r. RS rang
phuong trinh 1 + cosx = 0 chi ¢6 hitu han
nghiém trén khodng (a ; b). Vay trén khoing
(a ; b) him s6 f thoa man cdc diéu kién duge
néu trong nhin xét noi trén, nén ham s6 f
déng bién trén khoang do, tic la

f(x) < f(xy). D6 l1a diéu can ching minh.

(1) vAN PE 2: Dé tim tiém can xién cia do thi
2x?=3x+1

-1
hoc sinh da lam nhu sau :

ham s6 y = (khi x — +o), mot

https://tieulun.hopto.org
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j‘- F 1) Tir hinh chir
' nhat ABCD kich

; K|H ¢ thude 2 x T(cm),
M dung hinh vuéng

AEFG nhu &

A IE p  hinh 1 véi AE =
Hinh | = M(cm}.

Cat hinh chif nhat

ABCD thanh ba hinh da giic 161 KCD, MGD v
ABKMG. Gilt nguyén ngii gidc ABKMG, dat
AMGD vao vi tri AEBK, dat AKCD vao vj tri
AEFM, ta duge hinh vuong AEFG.

2) Tir hinh chit nhit ABCD kich thuéc
2 x 11(cm), dung hinh vuéng AEFG nhu & hinh
2 v6i AE = AG = V22 (cm). Cit hinh chir nhat
ABCD thanh bén hinh da gide 16i KCD, POD,
ABHG va HKPQG. Giir nguyén hinh chir nhat
ABHG, dat ngti gidac HKPQG vao vi tri ngii gidc
SNMHB, dat APQD vao vi tri AESN, dat AKCD
vio vi trf AEFM, ta'duge hinh vudng AEFG.

E j
§ N
Il.k‘f - ]
H P
Hinh 2

3) Chig minh chung cho hai tricéng hop trén.

Dat AB=a, AD = b, AE = AG = x v&i X2 = ab.
MC _GD

Tit AMGD o> AEAD ¢ - e
KROD AR oo it g
AD b

=>FM=x-MG=a=CD.
Tir d6 AMGD = AEBK, AKCD = AEFM.

Mot s6 ban glii bai giai nhung phan chia
thanh qua nhiéu manh.

PHI PHI

x2 —3x+1

‘..a— lim £ = lim —————z];

X—p+ X

0 x(2x-1)

T
I|m (y ax) = lim [M—x]

X—tao 2x—1

" -2x+1
= lim ==1.
x| Dy —|

Suy ra @3 thj ham s ¢6 tiém can xién la y = x|
(khi x = +,). Nhung dudng thing nay (véi

h =

Jrgy 2o oy 1 wecoitrre pavl e i, i
X# 5) lai tring v&i do thi ciia ham s6 di cho,

Ll

|
vi y= =x—1véi x#—.
i 2x-1 2

Vay két qua trén ¢6 ding khong?

BATra loi. Tir dinh nghia tiém can xién (SGK
Giai tich 12 ndng cao, trang 32), c6 thé thiy
ngay ring: Méi duting thang ciling la tiém can
Xién cua chinh né. Do d6 két qua ma hoc sinh
tim dugc trén day la hoan toan diing.

Chu ¥ ring ham s& dang xét khong c6 tiém
1
cén ding vi ]in} y= T
.I'*F;

OAN HOC
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[ TINTUC

KY THI OLYMPIC TOAN SINH VIEN QUOC TE
LAN THU 15
Lan déu tién Viét Nam tham dy ki thi Olympic Toan
Sinh vién Quéc t& cho cac truéng dai hoc lén tha 15
(IMC15) tai Bulgaria, bén sinh vién cia Trudng
DHKHTN, DHQG Ha Nai da mang vé 1 gidi Nhat, 1
gidi Nhiva 2 gidi Ba.
Poan Viét Nam tham dy dy ki thi lan nay gém co
GS.TSKH. Nguyén Vén Méu, Trudng doan, thanh
vién Héi dong Giam khdo, TS. Lé Huy Chudn, Phé
Truéng doan va 4 sinh vién truong PHKHTN, PHQG
Ha Nai: Hodng Manh Hong, K10, Hé C& Nhan Tai
nding; Lé Phi Huing, Nguyén Hing Tién, K11, Hé Cy
Nhén Tai néng; Nguyén Manh Todn, K50 Toan. Sinh
vién Hoang Manh Hong doat gidi Nhét, L& Phi Hung
doat gidi Nhi, gidi Ba thuéc vé hai sinh vién Nguyén
Hung Tién va Nguyén Manh Todn. Véi két qua nay
doan Viét Nam da gianh dugc 309 diém xép thi 16
totin dodin.
Bt ddu i nam 1994, ki thi IMC duoc 18 chie héng
nam cho sinh vién cdc truéng dai hoc trén thé gigi va
ngay cang thu hot sinh vién nhidu truéng dai hoc
tham gia. Ki thi nédm nay dién ro tai Dai hoc
American, Thanh ph& Blagoevgrad, Bulgaria, t
ngay 25 dén ngay 31 thang 7 nam 2008, véi sy tham
gia cba 283 thi sinh dén tr 90 trudng dai hoc cia 40
quéc gia khac nhau.
Cic thi sinh tham duy ki thi phdi trdi qua hai bai thi viét
béng tiéng Anh trong hai ngay, thei gian lam bai
di&n ra trong 5 gidy, m&i dé thi cé 6 bai todn vé Dai 58,
Gidi tich (thyc va phic) va Té hop ...Méi bai todn
dyoc8i dala 20 digm. Diém méi thi sinh la téng diém
cua hai bai thi. N&u mét doan cé tir ba thi sinh trdé lén
s& duoc tinh diém toan doan (diém toan doan duoc
tinh béng céch ldy t6ng diém cia ba thi sinh co diém
cao nhét).
Véi két qua trén, déi tuyén Viét Nam da thye sy gay
an trvong manh véi cac déi tuyén coa nhiéu trueng
dai hoc khac trén thé gidi - nhiing truéng 6 nhiéu
né&m kinh nghiém va thanh tich trong viéc tham dy ki
thi IMC nhy Dai hoe Téng hop Moscow, Pai hoc Téng
hop Belarus, Dai hoc Bach khoa Paris, Dai hoc
Princeton (Hoa Ky], ...
LE MAI
(Nguén: hitp://www.hus.edu.vn)

TOAN HOC
12 & cruml;é S3 375 (9-2008)

HO! THAO KHOA HOC
TUONG TAC TOAN HOC - VAT Li - THIEN VAN

Hai thao "Tuong tdc Todn ho - Vat § - Thién van® duot 18 chut
vio 8h ngay 17.8.2008 tai Phong Hai thdo, Vién Khoa hoc v
Cong nghé Viat Nam, sb 1 Moc Binh Ch, Qudn 1, TP. H3 Chi Minh

Hai thdo nham muc dich khang dinh vai tré quan trong khang
the thisu cba Khoa hoc Co bdn frong qud trinh hién dai hod
dét nudc, hoi nhap voi Quéc 1 va cdc ung dung thue tidn
frong moi truong Viét Nam. Tham gia héi thdo, cde ban tre da
giao luu @6i thoai véi cdc nha khoa hoc Viét Nam, tiép céin vai
cdc tri thiic hign dai, gip go cde nha khoa hoc tre Viet Nam
dang lam Nghién i sinh & cde nuc trén the gidi.

Cdc don vi ddng cai vd to chuc Hai thdo ndy gom co: Phan
vién Vit i TP Ho Chi Minh; Tap chi Todn hoc va Tudi tré; Dién
ddn Todn hoc (http /fdtenduniomhuc net); Dien dan Vat li
(http:// www.atlyvietnam.org) va Dien dan Thién vin hoc
(http:// www.vietastro.org). Bay la mdt hoat dang khoo hac
bd ich vn ki thi, hodn todn mién phi tham du @i véi cdc ban
yéu mén va quan 1am den khoa hoc

HAIHA

THEM 330 HOC SINH NGHED VUOT KAO, HOC TOT
CO SACH GIAO KHOA CHO NAM HOC MO

Ngay 22-8-2008 vy qua, tai Cung Thieu nhi Ha Nai, phai hop
vai Quy Bdo tra tré em TP Ha Noi, Nha Xuat ban Gido duc 10
chiic Lé trao tdng qua cho hoc sinh nghéo, vuat khe, hoc tot
lan thi tdm cho 8 Trung 1im bdo trg iré em va 13 quan,
huyén cua TP. Ha Nai.

Nam nay, ngndi 30 em duot nhdn hoc bang lién tuc 1 ndm
frudc (moi suat 1 trieu dong), 300 em duoc nhin 150 nghin
dong va mdt b sdch gido khoa ding cho niim hac mdi. Cac
em la nhimg tré ¢ nhieu thigt thoi: md céi, khuyét tat, bi
nhiem HIV.. Moi em cd hodn cdnh khdc nhau nhung cd diém
chung | d n6 luc @ gang vuot bac khdc phuc kho khan,
{hlen thang so phdn @& vuon lén frong hoc tap vd cudc song.
Trong 5o 330 hoc sinh ndy cd 88 em dat danh higu Hoc sinh
Gidi, Hoc sinh Xudt sdc trong ndm hoc 2007-2008.

Tinh 1 ndgm 2001 den nay, Nha Xuat ban Gido duc @@ trao
ting 2130 bd sich gido khoa va 2130 sudt hoc béng, 1ong tri
gid trén 800 trigu ddng cho hoc sinh TP. Ha Woi. Nam hac
2008-2009, NXBGD d pht dong rong ri phiéu uu fién gidm
gid 10% sdch gido khoa nham khuyen khich cgc em hoc sinh
vuot khd khén, phdn ddu vuon Ién chidm ngoan hoc gidi, dot
thanh fich trong hoc 1dp va tu dudng.
PV
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\.Tinh todn cuch ndo ?-~

hi nghién ctfu phin hudng dan sit dung
bét ki mdy tinh dién tir bo tdi (MTDTRT)

nio, ta cling cidn nam duge chic ning
cic phim va mot s6 phdn mém da cai dat san
trong mdy. Céc phan mém do khéng thé gitip
hoc sinh giai quyét tron ven dugc cong viéc
clia minh khi hoc todn, vi viy trong qua trinh
hoc, doi hoi hoc sinh phai van dung séng tao
kién thitc todn hoc dé ting hiéu qua viéc sir
dung mdy tinh dién tir bo tii. Sau day la mot
s6 van dung cho mdy tinh fx-570 (dugc sir
dung trong cdc ki thi Tét nghiép THPT va ki
thi tuyén sinh vao Pai hoc).

1. Tim UCLN va BCNN cua cic so
Trudic hét ta nhic lai mot tinh chit quen thude:

S i A O SITE
Néu —=— va phan s6 — 16i gidn thi
b d d

a) WIN@:P)=a:c(=b:d).
a.b

b) BCNN(H;b):m.

e Dura vio dé, ta ¢6 thé tim UCLN(a : b) nhd
MTBDTBT nhu sau:

Butée 1. Riit gon phan s6 9 agé duoc phan s6
AT >
téi gidn =
Birée 2. Tim d bing céch nhan phan s6 % vGi

- ’ » - ‘
miu s0 d cla no.

Bitoe 3. Két ludn. UCLN(a ; b)=a:c. O

e Tuong tu, BCNN(a ; b) duoc tim nhu sau:
Buege 1. Tim UCLN(a ; b).
ab

Butéc 2. Két lugn. BCNN{a;b)=—m ;
a.,

" Su: dunj saNj mo
MAY TiNH DIEN TU

NGUYEN PHUOC
(GV THCS Huong Long. Thaa Thién- Hué)

% Thi du 1. Tim UCLN(5472 ; 7752).
Buce 1. An lin luot cdc phim

5an2] [=] [732] [3]

Man hinh hién ra :—?

Bueoe 2. Tiép tuc an:

=

Man hinh hién ra 12.

Bude 3. An tiép

=

Man hinh hién s6 456.

Ddp s6. UCLN(5472; 7752) =456. 0

< Nhdn xét. Ta c6 thé tim udc chung 16n nhat
ctia nhiéu s6 dua vao nhan xét sau:

UCLN(a ; b ; ¢) = UCLN(UCLN(a ; b) ; ¢).

% Thi du 2. Tim BCNN (5670 ;
Butée 1. An lin lugt cdc phim
5670] [+ | [15408 [=]

<] B [
b I [se70] (=]

Man hinh hién ra s6 378
Ta nhan duge UCLN(5670 ; 15498) = 378.

Bigge 2. Tiép tuc dn cdc phim

1 [ 0] ) (588 [

Man hinh hién ra s6 232470.

Ddp s6. BCNN(5670 ; 15498) =
(Xem tiép trang 15)

15498).

232470.0

TOAN HOC
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Khi nghlén cttu cdc tinh chit cua tam gidc, ta
thiy c¢6 mot s6 diém dong vai tro dac biét va
ching ¢6 quan hé mat thi€t véi nhau. Thi du
nhu:

Méi lién hé giilia trong tam G, tryc tam H, tam
duong tron ngoai ti€p O, tam dudng tron
Fuler E cha mot tam gidc biéu thi qua hé

thic OG:GE: EH = 2:1:3;

Khoéng céch d clia hai tam dudng tron ngoai
ti€p, noi ti€p va cdc ban kinh cua ching R, r
biéu thi qua hé thic Euler: & = R~ 2rR.

Sau day ching ta s nghlen ctiu mot moi quan
hé khd dep cula diém trong tam va diém
Lemoine biéu thi qua méi tuong quan vé vi tri
hinh hoc ctia ching trong mo6i mot tam gidc.
Lemoine E.M. (Lo-Moan, 1840-1912) la nha
todn hoc Phdp dd nghién ciu tinh chét cla
diém Lemoine. Ta da biét 1ang diém Lemoine
ctia mot tam gidc la diém nam trong tam gidc
sao cho né la trong tam cua tam gidc c6 cdc
dinh la chan ba ditong vuéng géc ha tr diém do
xuéng ba canh cila tam gidc dé (Xem THIT e}
150, thang 4 nam 1986). Trudc hét ta hay
nghién ctu trong tam ctia mot tam gidc.

Cho tam gidc ABC; ké cdc trung tuyén AM,
BN, CP; G la trong tam tam gidc. Ta c6 thé
coi trung tuyén AM la tap hgp nhimng diém X
nim trong tam gidc sao cho dién tich céc tam
gidc XAB va XAC bing nhau, hay la tap hop
nhimg diém X ndm trong tam gidc ma céc
khoang céch tir X dén hai canh AB, AC ti I¢
nghich véi do dai cha cdc canh do. Tuong tu
xét d6i véi cic duong trung tuyén con lai. G
chinh la diém ma khoang cédch tir né dén ba
canh tam gidc tuong tng ti 1& nghich vai do
dai ba canh dé. Liéu c6 diém nao nam trong
tam g;éc ma khoang cdch tdi ba canh tam giac
tuong tng ti 1& thudn véi d6 dai cic canh dé
khong? Ta hdy di tim cau tra 1oi. Trudc hét

-

QC
" CTudilpe_SS 375 (9-2008)

TRONG TAM TAM GIAC

va diem LEMOINE

HOANG NGOC CANH
(GV THPT chuyén Ha Tinh)

lay do6i xing tia trung tuyén AM qua dudng
phén gidc trong AD cla goc A ta dugc tia AM|
(h.1). Suy ra doan AM, la tap hop nhing diém
thuoc mién tam gidc ABC sao cho khoang
céch tir diém d6 dén hai canh AB va AC u 1¢
thuan v6i do dai AB va AC. Tuong ty, xét doi
véi céc trung tuyén BN, CP c6 cic doan BN,
va CP,. Gid sit AM, cat BN, tai diém K. Gm
B F l4n luot 1a chan cla cdc dudng vudng
géc ha tir K xuéng cic canh BC, AB, AC thi
KF KE KH

e S e e |
1C (.

R6 rang K 1a diém ma
AB BC

khodng cich t6i ba canh tam gidc u 1¢ thuan
vdi do dai ba canh dé, déng thai dé thay CP,
di qua diém K.

B H i3

Hinh { Hinh 2

Theo dinh li Con rhim (Xem THTT sa 170,
thdng 6 nam 1989 hodc Tuyen chon theo
chuyén dé Todn hoec va Tuéi tre Quyén 3,
trang 173, NXBGD 2008) va hé thuc (1) ta
c6: KH+KE+KF=0 (2). Vay K chinh la
diém Lemoine. Néu ta goi cac duong AM,,
BN,, CP, la cdc dwomg doi trung cua tam giac
ABC thi diém Lemoine chinh la giao céc
duong doi trung.

Sau day la mot su md rong cua hé thire (2) dei
véi trudng hop diém K ndm ngoa: tam gidc
ABC. Trén hinh 3, xét mién mit phang (xBCy)
gém cdc diém nidm bén trong goéc xAy ma
khong nim trong tam gide ABC (*). Ta thir
dit cau héi: Trong mién (*) ¢6 nhimng diém
nao twong ty nhu diém G va diém K khong?

https://tieulun.hopto.org
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Xét tuong tu nhu
trén co: Tdp hop
nhitng  diém X
thuéc mién (*)
sao cho hai tam
gidc XAB va XBC
7 cé dién tich bang
nhauw la ta Bz
song song voi lia
Ay, nghia la tia
Bz la twdp hop
nhitng diém X thuéc mién (*) ma cdc khodng
cdch tir X dén hai cqnh AB va BC ti Ié nghich
vdi do dai cua cdc canh dé. Tuong tu, tia Cw
song song véi tia Ax la tdp hop nhitng diém X
thude mién (*) ma cdc khodng cdach tir X dén
hai canh AC va BC ti lé nghich véi dé dai cuia
cdc canh dé. Giao diém A, cla Bz vi Cw la
diém c6 vai trd nhu trong tam G clia tam gidc
(tie 14 diém c6 cdc khoang cich téi ba canh
tam gidc ABC tuong tng ti 1&¢ nghich véi do
dai ba canh dd). Ta lai co tia Bt déi xung vai
tia Bz qua dudng phan gidc cua géc xBC la tap
hop nhitng diém X thuéc mién (*) ma cic
khoang céch tir X dén hai canh AB va BC u l¢
thuan véi do dai cha cdce canh dé. Goi K, 1a
giao diém cua Br véi tia AK (K la diém
Lemoine). Ta ciing chimg minh dugc diém K,
¢6 tinh chat
K]Hr] —K1E| —Klﬁ :0

(Trong d6 H,, E,, F, lan lugt la chin cia cic
dudmg vuong goc ha tir K, xudng cdc dudng
thing BC, AB, AC).

Tuong ty, ta sé tim thém duogc cac diém B,, C,
thuéc mién ngoai tam gidc ABC ma khodng
cich tir méi diém dé tdi cdc canh tam gidc
tuong tng ti 1¢ nghich véi do dai cdc canh dé.
Con cic diém K,, K, thuéc mién ngoii tam
gidc ABC tung véi cac diém B, C, ¢6 vai trd
tuong tr K.

Hinh 3

Bai viét trén day 13 nhitng tim toi vé tuong
quan vi tr{ hinh hoc cua trong tam tam gidc va
diém Lemoine. Gid nhu c6 duge mét hé thic
dinh luong hodc mot bat ding thic nio dé
gilia chiing thi tuyét biét bao! Tadc gia mong
mubn nhu thé nhung "luc bat tong tam", rat
mong ban doc hudng tng vé van dé nay.

SUDUNG SANG TAO... (Tiép trang 13)

Bai tap ap dung

Xéc dinh a, b, ¢, d, e, f biét ring
a=UCLN(97110 ; 13695);

b = BCNN(20622 ; 8683);

¢ = UCLN(8992 ; 31472);

d = BCNN(708; 26903).

2. Riit gon biéu thite Ja+Vb

Trude hét ta ching minh bai toan sau:

Néu m va n la hai nghiém dwong ciia phiong
trinh bdc hai X —-ax+ % =0 (1)
thi \mi\fg =|-Jgi\f;‘

That viy, do m va n la hai nghiém duong cua
phuong trinh (1) néncém+n=avamn = %

Suy ra b = 4mn.

Tir do Jai\@ =\/m+ni\f4mn =\|'(\.Eix}§}: ;
Vay Jatvb = Nm+nl 2)

% Thi du 3. Tinh /38-12310 .

e An MODE / EQN, chon phuong trinh bic
hai a + bx + c = 0.

. Tié"i tuc 4n lién ti€p cac phim

- | dé chon hé s6 a.
[38] [=]dé chon he 56 b.
12 (=] [4] [5]

dé chon hé so c.

H tim duge x, = 20

Ei tim duge x, = 18

Viy m=20va n=18. Theo (2) ta ca
V38-12410 = [V20-V18] = 2/5-3y2.0
Bai tap ap dung

Riit gon cdc biéu thifc sau:

aAA= \#?0—2{)\1"5;
b) B= 73+124/35 ;
¢) € = v294-24-/90 .

TOAN HOC
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CAC LOP THCS

Bai T1/375. (Lap 6). Tim s6 tu nhién x va
céc chir s6 vy, z sao cho vdi méi s6 tu nhién
n 16n hon 1 déu c6 (5.107=2)x=3.y..)z,

trong d6 s§ y..yz (viét trong hé thap phan)
con—1chirsoy.
NGUYEN ANH THUAN
{GV THCS Trdn Vidn On, Hong Bang, Hdi Phong)

Bai T2/375. (Lép 7). Chimg minh ring

| x| | ] |x—y]
2008+|x| 2008+|y| 2008+|x—y|
vdi cdc s0 x, y bat ki.

NGUYEN PUC TAN
(TP. Hé Chi Minh)

Bai T3/375. Xét s6 nguyén n 1én hon 2008
sao cho hai s& 2n — 4015 va 3n — 6023 déu la
s6 chinh phuong. Hay tim s6 du khi chia n
cho 40.
BUI VAN TAO
(GV THCS Chanh Lo, TP. Qudng Ngdai)

Bai T4/375. Giai phuong trinh

1 1 x-1
‘Jx——— }i——= :
X X X

HA VAN NHAN
(GV THCS Hoding Xudn., Hodng Héa, Thanh Hda)

Bai T5/375. Cho tam gidc ABC can tai A va
BAC = 150". Dung cdc tam gidc AMB va
ANC sao cho cic tia AM, AN nam trong goc
BAC véi ABM = ACN = 90°, MAB=30°,
NAC = 60° . Trén doan thang MN ldy diém D
sao cho ND = 3MD. Dudng thing BD cit
duong thing AM va AN theo thir tu tai K va E.
Goi F la giao diém cha BC véi AN. Ching
minh rang

TOANHOC
¥ CTudifpé_ S8 575 (9-2008)
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1) Tam gidc NCE céan;
2) KF song song véi CD.
PHAM MINH PHUONG
{GV THPT chuvén DHSP Ha Noi)
CAC LOP THPT
Bai T6/375. Tim tat ca cdc cap s6 nguyén m,
n 16n hon 1 sao cho véi céc s6 thuce a, b, ¢ ma
a + b+ ¢ = 0 thi dang thic sau ding:

aqmn +hm R et a™ + bm +¢™m g -HIJ" +cM

m+n m n

TRAN TUAN ANH

(TP. Ho Chi Minh)
Bai T7/375. Cho s6 nguyén duong k va ba so
thuc duong «, b, ¢ thoa min abe < 1. Ching
minh rang i+—£’-+-—€—‘~2a+b+c,

bi— If.'k aﬁ
HAN NGOC pUC
{(Trung idm CNTT EVNIT, Ha Nai)

Bai T8/375. Cho dutng tron duong kinh
AB = 2R. Lay diém C trén duong tron (C khdc
A va B). Dubng tron ndi tiép tam gidc ABC
1i€p xic vdi hai canh AB va AC lan luot tai M
vi N. Hay tim gid tri 16n nhat ctia o dai doan
thang MN khi diém C chay trén dudng tron.

HO QUANG VINH

{Ha Nai)
TIEN TGI OLYMPIC TOAN

Bai T9/375. Cho day (x,) (n=0,1, 2, ...)
2x,+1

Xt

thoa min x, = 2 YA Xq= vdi moi

n=0,1,2 .. Tinh |Y x| trong dé [x] ki

hiéu sé nguyén ldn nhat*_]éhﬁng VUOT qua v,
PO THANH HAN
{GV THPT cluvén Bae Liéu)
Bai T10/375. Ching minh rang néu cdc so
duong a, b, ¢ théa man abc = 1 thi
a b i

- + =1
V83 4+l V8ad+1 V8h3 +1

VO QUOC BA CAN
(SV K32 lop YY0647 Al, DH Y Dige Cin Tho)
Bai T11/375. Cho ham sé f: R =R thoa man

f(l]):[}vﬁ-“’?

a2 haim doéng bién trén

https://tieulun.hopto.org
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R\{0}. Chimg minh ring véi cic s6 duong
X, ¥, ztaludénco
xf(y?—zx)+y.f(2* —xy)+z. f(x* - yz) 20.
PHAN THANH NAM
{5V khoa Todn —-Tin, DHEHTN
TP. Hd Chi Minh)

Bai T12/375. Cho tir dién A 4,454, . Goi B,
(i =1, 2, 3, 4) 1a hinh chiéu vudng géc cua
diém M nao do trong khong gian lén dudng
thing A A4, (coi A tring véi A,). Tim gid tri
nho nhatcha Y, Ai4..4.B;.

I=r=4
LE HOAI BAC
(GV THPT Nguvén Vin Cir, Xudn Son,
Chédn Pite, Ba Ria — Viing Tau)

CAC PE VAT LI
Bai L1/375. Mot quan sdt vién ngdi trén tau
hoa chuyén dong véi van téc v nhin thay trén
thanh toa xe mot hinh tam gidc ABC vubdng
géc tai B ma vecto AB cung hudng voi
chuyén dong cla toa tdu va géc BAC = 30"
Moét quan sat vién khdc dimg trén mat dat
thdy hinh tam gidc trén la mot hinh tam gidc

vuong can. Hay xdc dinh do 16n cua van toc v
theo toc do dnh séang.
NGUYEN QUANG HAU
(Hd Néi)

Bai L2/375. Mot
mach dién gém
mot  dién  ud
R = 8Q), mot cudn
day codién  wo

thudn r =2Q, dé tucam L = ziH va mot u
JI

dién ¢é dién dung C bién déi duge méac ndi
ti€p (hinh vé).
Cho biét hiéu dién thé hiéu dung gitta hai dau
doan mach U/ = 10V, cuong do dong dién
hiéu dung 7 = 0,704A va tan s6 dong dién
chay trong mach f= 50Hz.
1) Tinh do léch pha gitra cuéng dé dong dién
va hiéu dién thé.
2) Tinh dién dung C cua tu dién.
3) Pé dong dién trong mach dat cuc dai thi
phai tang hay giam dién dung C va ting hay
giam bao nhiéu? Tinh hiéu dién th& cuc dai &
hai dau cudn day khi dé.

NGUYEN VAN THUAN

(DHSP Ha Néi)

PROBLEMS IN

FOR LOWER SECONDARY SCHOOL
T1/375. (For 6™ grade). Find a natural
number x and two decimal digits ¥, z such
that(5.10"-2)x =3.y...yz for

number n > 1, where y...yz (in the decimal
system) contains n — | digits y.

any natural

T2/375. (For 7™ grade). Prove that
] il s RS
2008+ | x|  2008+|y| 2008+ |x—y|

for any x and y.

T3/375. Consider an integer n > 2008 such
that both 2n — 4015 and 3n — 6023 are perfect

squares. Find the remainder of the division of

n by 40.

T4/375. Solve the quation

1
|—— =

X—— -

T5/375. Let ABC be an isosceles triangle

with the apex angle at A and BAC = 150",
Construct the triangles AMB and ANC such
that the rays / AM and AN lie in the angle

BAC and ABM = A(,"J 900 , MAB = S
NAC =60°. Let D be a point on  MN such
that ND = 3MD. BD intersects with AM and

AN at K and E, respectively. BC and AN
meets at F . Prove that

1) NCE is an isosceles triangle;
2) KF and CD are parallel.

(Xem riép rang 29)

TOAN HOC
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I .
kv TRUGC | | |

/.r'} | II
i A i § 1 |
. —_.Jf L-\//_.‘.__ iy -;—'3:7- i
L | l".

-

)
* Bai T1/371. So sanh hai 50
A= ] va
2006 )
b B ‘
OIS JEW U PO D
2008 \ 2008 2008-)
1 1 1 \I.';'Lll]'-'

4

' T A e E
L2008 20082 20082007 )

Loi gidi. » Trude hét ta tinh téng sau, véi cic
s& tu nhién a, n déu 16n hon 1.

| 1
e e
it G 4 a’

Taco (a-1)S,=aS,—S,

( 1 1 I J (1 1 [ 1o ]
= | l+—t+—+d— ||ttt
a o a*! a o a! gt
= 1——1-<] — <~l— (1

a" ﬂ'—l
® fkp dung BDT (1) cho a = 2008 va moi n
béng 2, 3, ..., 2007 ta dugc

1 1 LTl
B= + + =+
2008 | 2008 2008

1 1 1 2007
+ - +.t
(2008 2008 200810‘”]

I 1Y I 2007
* ——+[——] +...+[-— (2)
2007 \ 2007 2007
e Lai dp dung BDT (1) cho a = 2007 va
n = 2007, ta duge
1 1 1 1
(3)

+ o R < =
2007 20072 20072997 2006
eTit(2)va(3)suyraB<A. O
< Nhin xét. Cic ban sau c6 15 gidi t5t:

Vinh Phiic: Té Thi Thu Ha, Nguyén Thu Hudng, Ta
Chiéu Xudn, Dao Thi Huong, Nguyén Thi Thanh Vdn,

Dé Thi Thu Uyén, Pham Thi Khdnh Link, 6A1, THCS
Yén Lac; Bac Ninh: Nguyén Niur Ngoe, 6A, THCS
Nguyén Cao, Qué Vo, Nguyén Hitu Ding, 6A, THCS
Han Thuyén, Luong Tai; Hai Dwong: Trdn Xudn
Thdng, 6/1, THCS Lé Quy Bon, TP. Hai Dwong: Thanh
Héa: Mai Thu Phieemg, 6A, THCS Ly Thuang Kiét, Ha
Trung; Ha Tinh: Phan Thi Cam Link, Ngé Kiéu Ngdn,
6A, THCS BC Xuin Diéu, Nghen, Can Loc: Dak Lak:
Biii Nguyén Tén Thi, 6A4, THCS Nguyén Binh Khiem,
Eakpam, Cumgar; TP. Hé Chi Minh: Pliam Tudn Huy.
6A1, THPT chuyén Trin Dai Nghia.

VIET HAI

* Bai T2/371. Cho tam gidc ABC ¢é diring

cao AD thoda man AD = DC = 3BD. Goi O va

H theo thir e la giao diém cua ba dwong

frung triec va trigc tam cua tam giac ABC
OH |

Chiing minh rang — = —.
e 4

Loi gidi. Goi Eva F
thit tu 12 trung diém F
ciia BC va AC, BH 1
cit AC tai K, ta c6 L/ Q

OE UC ERLAD, et
ba diém D, O, E thing

hiang va DF L AC (do AADC vuong can tai
D). Suy ra D,=D,=45°. Vi BK//DF nén
ABDH vuéng cantai D, dindén DB = DH (1).

1
Theo gi thiét BD = %BC; BE = SBC

= BD = ,'2_35 hay BD = DE (2)

Tir (1) va (2) suy ra DH = DE (3)
Hai tam gidc HDO va EDO c6 DO chung,
D =D, , DH = DE. Do d6 AHDO = AEDO
(c.g.c) = OH = OE ma OF = DE (do ADEO
vuéng can) nén OH = DE = BD.

OH 1 -

‘(th‘m xét. 1) Kha dong ban tham gia gini bai va déu gidi
diing. Mot s ban phdt hién ra dé bai cin thém gid thict
ABC < 90" (D nam giita B vi C) thi kél qua mdi ding.

2) Ciic ban sau day cd 1o gidi tét:

Phii Tho: Nguyén Duy Bitc, Lé Hiu Hodng, TA3,
THCS Lam Thao; Vinh Phie: Lé Biic Lirong, Phiing
Thi Yén, TA1, THCS Lap Thach; Hai Phong: Lé Diic
Chinh, TAl, THCS Hong Bang, Q. Hdng Bang;

https://tieulun.hopto.org
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Ha Noi: Hoang Anh Tii, 71, THCS Marie Curie; Nghé
An: Pham Thi Thye Trinh, 7B, THCS Cao Xuan Huy,
Dién Chau, Thdi Pinh Phic, 7D, THCS Ly Nhat
Quang, D6 Luong; Ha Tinh: Dwong Vin Hién, TB,
THCS Van Tri, Thach Ha; Duwong Thi Quinh Trang,
TA, Tran Qude Diing, 7B, THCS BC Xuin Diéu, Can
Loc; Quang Tri: Nguyén Vén Hdai Nhe, 71, THCS
Thanh Cd, TX. Quang Tri, Dwong Quéc Huy, 6G,
THCS Nguyén Trii, TX. Dong Ha; Quang Ngai: B
Ngoc Can, TA, THCS Nghia Diing, TP. Quing Ngii:
Pak Lak: Lé Quang Hiéu, TAS, THCS Huynh Thic
Khing; Khinh Hoa: Vi Ngoc Cwong, 7', THCS
Nauyén Van Trdi, Cam Nghia, Cam Ranh; Bac Liéu:
Nguyén Céng Diing, Tran Duc Tin, Ngé Quoc Viér,
7/1, THCS Trin Huynh, TX. Bac Liéu.

NGUYEN XUAN BINH

% Bai T3/371. Tim cdc s6 tw nhién x, v thoa
mdn diéu kién

=y + 207 +y) + 3xy + 17 (1)
Loi gidi. Cdch 1. Bién déi (1) thanh
(k=W +xy+ ) =22 +xy + ) +xy+ 17
S x-—y-DE+xy+y)=xy+17.
Dox,ye N nénxy+17>0va X +xy+y

= (x+£] +3‘L>0,
2 4

Suyrax—y—2>0.Vivayx2y+323 (2)
Laico x> +xy+y? <xy+17nén+y <17 (3)
Tu(2)va(3)suyrad<x<4vaxe N,nén
xe [3:4).

e Neux=3thitr(2)suyray=0.

e Néux=4thitr(2)suyray=0hoicy=1.
Trong céc cap s6 (x; y¥) € {(3:;0); (4;0); (4;

1)}, chicd (x; y)=(4; 1) thoéa méan (1).
Vayx=4;y=1.

Cdch 2. Bién déi (1) thanh

(=¥ +3px— ) =2(x— ¥V’ + Txy + 17 (4)
Do x, y € N nén tir dé bai suy rax—y>0va
x—-ye N*.
eNéuO<x-y<2thi(x—y)P’<2(x-y’va
3xy(x — y) £ 6xy thi VT(4) < VP (4) (loai).

o Néux—y24thi(x—y)'220x-y+2x—y)
> 2(x — )" + 32 va 3xy(x — y) = 12xy.

Suy ra VT(4) > VP(4) (loai).

e Viy x—y = 3, tir (4) suy ra xy = 4. Két hop véi
diéukienx,ye N tatimdugc x=4,y=1.0

<Nh{1n xét. 1) Rat nhiéu ban tham gia guri bii va cho
cich giai wong wr nhi trén. Ngodi ra, c6 ban con dét én
phua=x—y:b=xy(a. be N,az3) dua vé

3 v)
!J:m réi tim a, b.

3a-17

2) Céc ban sau day ¢d li gidi 1ot:
Ha Noi: Pham Huy Hodng, TAS5, THCS Giang VG,
Hodng Anh Tii, 71, THCS Marie Curie; Yinh Phiic:
Nguyén Manh Hing, 8A1, THCS Yén Lac, Nguyén
Manh Qudn, 9C, THCS Vinh Tuéng, Pinh Tién Diing,
9C, THCS Tam Duong; Phi Tho: Trinh Hdng Ngoc,
6Al, Ta Hdi Nam, 9A3, THCS Lam Thao, Tran Xudn
Thity, 8A1, THCS Cip Din: Bac Ninh: Nguyén Nhi
Ngoc, 6A, THCS Nguyén Cao, Qué Vo, Dé Vi Thach,
9A, THCS Yén Phong; Nam Binh: Nguvén Van QOuy,
9A, THCS Hai Hau; Thanh Héa: La Hang Qudn, 9B,
THCS Nguyén Chich, Bong Son; Nghé An: Cao Xudn
Khéc Bang, 8B, Trinh Qudn, 8A, THCS Cao Xuin Huy,
Dién Chau, Nguvén Vin Thdng, 8B, THCS Ly Nhat
Quang, D6 Luong; Quang Negai: Nguvén Thi Diém
My, 8A, THCS Hinh Trung, Ha Tdn Vi, Bdng Dinh
Duong, 8A, THCS Hanh Phude: Phu Yén: Pham
Quang Thinh, 91, THCS Hung Vuong, TP. Tuy Hoa;
biak Lak: Lé Quang Hicu, 9A5, THCS Huynh Thic
Khéng; Khinh Hoa: Trdn Thi Anh Nguyén, 9°, THCS
Nguyen Van Trdi, Cam Nghia, Cam Ranh.

PHAM THI BACH NGOC

% Bai T4/371. Cho a, b, ¢ la cde 50 thiee dirong.
Chitng minh rang

5 3 5 ] ¥ y]
2-p2  b2-c2 cl-g?
el i e N}
RN o+ Na+b

Dang thire xay ra khi nao ?

Lai gidi. (Theo ban Trieong Thanh Céng, 9A,
THCS Nguyén Khuyén, Eakar, Pak Lak).
Do vé trai cia BDT (1) khong déi trong phép
hodn vi vong quanh a, b, ¢, nén cé thé gid thiét
az>bz2c>0.Khidéoa*-p20: 0 —c*20;
sl (s ils sl iy
Jbh+e Jat+b Je+a Ja+b '
at=-b br-¢r c?-a’
4 3

-JE+ i xfc +a JE+ b

a?-b? +h3 —¢? +cz—a3 e

Ja+b Ja+b Ja+b
Vay BDT (1) duge ching minh. Ding thifc
xdy rakhivachikhia=b=c. 0
< Nhan xét. 1) Tit ci cdc ban tham gia déu c6 1oi gidi
ding. Ban Trinh £ing Sem, 9A, THCS Thi trin Quin

Lio, Yén Dinh, Thanh Hoéa da dua ra bii toin t0ng
quidi nhr sau:

Taco

TOAN HOC
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Vaia, b, c. m, n la cde 36 thiee dicomg, 1a lnén cé
am - bm bm e
+ 2 0.
(b+c)y (c+a)y (a+b)

CJN o) aiFT

(Véim=2,n= % thi ta c6 bit diing thite (1)),

2) Ngoai ban Cong va ban Son, cic ban ¢6 1o gidi ngan
gon lé:

Vinh Phic: Neuyén Kiéu Anh, Lé Van Tri, Nguyén Theé
Bdo, BA1; Nguvén Thi Kim Tuyén, 9A1, THCS Yén
Lac; Phit Tho: Tridu Thi Quinh Mai, 943, THCS Lam
Thao; Ha Noi: Hodng Anh Tii, 71, THCS Marie Curie:
Bic Ninh: Ha Ngoc Thinh, 9C, THCS Vi Viét, Thuén
Thanh; Ha Nam: Nguvén Tién Hoa, 9B, THCS Dinh
Cong Tring, Thanh Liém.

TRAN HOU NAM

* Bai T5/371. Gia su duong tron (S)) di qua
cdc dinh A va B cua tam gidc ABC cat canh
BC lan nita ¢ D. Puong tron (S,) di qua cdc
dinh B va C, cat canh AB lan nita ¢ E va cat
dwong tron (S)) ¢ F. Chimg minh rang néu
bon diéem A, C, D va E cing nam trén duong
trom tdm O thi BFO =90°,

Loi giai

(5;)

Tit gidgc BEFC noi tiép dudng tron (S2) nén
BCF = AEF (cing b véi BEF). Tuong tu,
BAF = FDC (cing bt véi BDF). Suy ra
AAEF ¢ ADCF.

Do d6, néu goi K, H 1an luot Ia trung diém cta
AE va DC thi AKAF «» AHDF (do KAF = HDF,
AK AE _AF

DI DG BED

Suy ra AKF = FHB, hay bén diém B, K, F, H
cling nam trén mét dudng tron.

TOAN HOC
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Mait khdc, do cdc diém A, E, D, C nam trén
duong tron tam O nén OK L AB, OH 1 BC,
suy ra B, K, O, H ndm trén dudng tron dudng
kinh BO.

Nhu vay, nam diém B, K, O, H, F cing nam
trén duong tron duong kinh BO, do do

BFO=90°.0
4Nh£}.n xét. 1) Biil wdn trén vin dang néu D v E lin
lwot 13 giao chia duémg tron (S)) véi duong thiing chira

canh BC, duimg tron (5 ) v6i dudng thing chira canh AB.

2) P 56 cdc ban gidi bii todn theo cich sau day:

Goi ¢, Oy lin lugt 13 tim cia cde dudng tron (S)) vi
(5.). Ta ching minh duge BO,00; la hinh binh hinh
(hiing cich ké duimg phu la tiép tuyen tai B coa duing
ton (). Tir d6, ©,0; di qua trung diém cla BO.
Két hop vdi nhan xét 0,0, di qua trung dicm cua BF
v vuong goe vdi BF d¢ c6 duogce ket qua. Diy cing la
mot 1o gidl dep vit ngin gon.

Mot o ban dua vio so sdnh v tinh todn cde goc cling
di dén BFO =90 . Mot s6 ban khic dua ra loi gidi dua
trén cic nhin xét :

e Piém O chinh Ia trung diém coa MN, ¢ dé BM, BN la
cic dudmg kinh cua cic duémg tron (S ) vi(S2) .

» Ba dudng thing CE. AD, BF déng quy tai mot diém,

3) Nhitng ban sau day o 100 giadi 161 hon ci ©

Thai Binh: Hodng Minh Lip. 9E, THCS Quang Trung,
Kién Xuong; Phi Yeén: Vé Van Huy, 9B, THCS
Nguyén Tit Thinh; Pham Biie Hing, 9H, THCS Luong
Thé Vinh, TP. Tuy Hol; Vinh Phic: Nguyén Manh
Qudn, 9C, THCS Vinh Cutmg; Thanh Hod: La Hong
Quen, 9B, THCS Nguyén Chich, Dong Son: Nam
Pinh: Nguvén Van Quy, 9A, THCS Hai Hau: Ha Nam:
Nguyén Tién Hod, 9B, THCS Binh Cong Tring. Thanh
Liem; Nghé An: Vi Dinh Long, 9D, THCS Ly Nhat
Quang, Do Luong; Binh Thi Quinh Trang, 9B, THCS
Bén Thuy, TP. Vinh; Phi Tho: Ta Hai Nam. 9A,,
THCS Lim Thao. X

PHAN THI MINH NGUYET

* Bai T6/371. Giai hé phirong trinh

y z t
—— + + =1
a-30 g-4 a-14 a-10
X y ] t
+—— +—— =1
b-30 b-4 b-14 bH-10
. ¥ +__z i, t 2
e=30 c¢-4 c-14 ¢-10
B JARLLE AT e}
d-30 d-4 d-14 d-10
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d la cde tham s6 doi mét
0:14;30}.
Loi gidi. Gia sit (x ; y; z ; 1) la nghiém cua hé
phuong trinh da cho, ki hiéu

X ¥ 2z 5

) = + + + -

1) u-30 wu-4 wu-14 wu-10
v6i u khong thude {4; 10; 14; 30} .

trong do a, b, c,
khdac nhau va khéng thudge {4 ; 1

Tir hé phuong trinh trong déu bai, suy ra
Sla)=f(B)=f(c)= f(d)=0

Bing cach quy déng mau s6, ta ¢ thé viét

H)= G(”)
S G Ty (- 10)

trong d6 G(u) 1a mot da thie bac bon véi hé
56 cla u* bing -1 vd G(a) = G(b) = G(c) =
G(d) = 0 nén G(n) = —(u—a)(u—b)(u—c)(u-d).
Do do
Rbrey s SEHL JIF sy £ 0
u—30 w—-4 wu-14 wu-10
- —(u—a)(u-b)(u—-c)(u-d)
 (u—30)(u—4)(u—~14)(u~10)
Nhan ca hai vé ctia (1) vdi i — 30, suy ra
x+[u—30][ Rcpp BN gy L —IJ
u—4 u—-I14 wu-10
—{u—a)(u—b)(u—c}(u—d]
(u—4](uul4}(rf—|0) ;
Thay u = 30, ta duoc
(30-a)(30-5)(30-¢)(30-d)
8320 ;
Tuong tu, nhin ca hai vé cia (1) voi
-k, r6i thay u=k (ke{4 10; 14}), ta duge
nghiém cta hé phuong trinh la

(D

X=—-

 (30-4)(30-b)(30-¢)(30-d)

. 8320

={4—u}(4—5){4—£')(4—d]

1560

- {]4—a)(l4-h}(}4—c}(l4—d}

" 640
{IO-—{:)(IU—b)(lU—c‘)(lU—d)

g 480

<Nl1iin xét. 1) Ban Trdn Thi Héng Van, 11A, THPT
chuyén Lé Hong Phong. Nam Binh dii néu ra vii giai hé
phuong trinh 16ng quit sau:

A A2 Xy

+ e =k
ady—my oy —=ny ady =y,
X x X
e e
as—my ax —na s —my
X X X
AEERLE . S e
Gy — 0y — M2 gy — iy,
vdi a;,m;, Kk 1 cic tham s8.a; =m;: i, je(l;2:..n).

Cic ban hay lam tha nhé!

2) Ciie ban sau day o6 lai gidi tot :

Bic Ninh: Nguyven Hitu Diing, 6A. THCS Hin Thuyén,
Luong Tai; Bac Giang: Nguvén Hoang Hiép, 11 Toin,
THPT chuyén Biac Giang: Ha Tinh: Trdn Quéc Ludt,
1AL, THPT Cao Thing. Huong Son: Quang Ngai:
Bii Vian Hang Linh, 10A3, 'HII"[ chuyen Leé Khiét,
TP. Quing Ngii; Pha Yén: Pham Quang Thinh, THCS
Hang Vuong, TP Tuy Hod; Binh Phudce: Vé Manh,
12A, Tran Phiwong Nam, 11A, THPT chuyén Quang
Trung; Binh BPinh: Huinh Kim Linh, 11T, THPT
Chuyén Lé Quy Bon, Quy Nhon ; TP Ho Chi Minh:
’H{H_\Ha Binh Clurong, 10A, PT Niang khicu, BHQG;
Cian Tho: Lé Bai Thanh, 10A1, THPT chuyén Ly Tu
Trong, TP Cin Tho, Kién Giang: Vi Dai Nghia, 11T,
THPT chuyén Huynh Min Bat, TP Rach Gii: Vinh
Long: Nguvén Han Ngoc Tru, 11T2, THPT chuyén
Nguyén Binh Khiem; Pak Lak: Truemg Thanh Cong,
OA, THCS Nguyén Khuyén, Lé Héang Theén, LITI, THPT
Nego Gia Tu, EaKar, Lé Duy Tung, Lé Cong Bat. 11CT,
THPT chuyén Nguyén Du, TP Budn Ma Thuat.

NGUYEN ANH DUNG

*Bai T7/371. Cho cdc s0 dwong a, b, c
Chitng minh rdng a"*< + b+ ¢ "2 1.

Loi giai. (Theo ban Lé Chi Tam, 10 Todan,
THPT Quéc hoc Hué, Thira Thién - Hué)

Néu mot trong ba s6 a, b, ¢ 16n hon hay bing |
thi BDT cén ching minh 14 hién nhién.

Néu 0 <@, b, ¢ <1, gia sit ¢ = min{a, b, c}.
Xét hai truding hop:

eNéua+b<lthib+c<lvac+a<l Ap
dung BDT Bernoulli ta cé

( | )h*r [ I—{IJMU (h+c)1-a)
— = l+— < |4
a a a

a+b+c . «
.Dodé ab* >

a a+b+e

s Vi oo >7c 3
a+b+c

Tuong tu cod he+e >
a+b+c

TOAN HOC
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Cong theo vé& cdc bat ding thic trén duoc
abh" e bl'+a + (‘“M} 1
*Véia+b>1,doc=min{a, b, c} suyra
a""“' + br-+u 4 {,:J-F-h }a.‘mr + brﬂf }” au+h 4 b-:nrh.

Ap dung BDT Bernoulli ta cé:
a=(1+(@-1))"*">1+@+b)a- 1)
b =(1+(B-1))*">1+@+b)b-1)
Tir d6
e S G TR S P (a+b)a+b-2)
=(@a+b-1Y+121.
Vay BDT chiing minh xong. Ping thiic khéng
xay ra. O :
<Nhan xét. 1) Mot 56 ban dp dung BDT Bernoulli
khong chinh xéic. BDT Bernoulli ¢é noi dung nhu sau:
sVailza>— ;x> hode x<0thi (1 +ar > 1 + ax
*VaiOza>-1:0<x<lthi(l+a)<]+ar
2) Ngoii ban Tdm, cic ban sau ciing cé 100 giai 161
Nguyén Anh Khoa, 10A1, THPT chuyén Lé Quy bon,
Da Ning; Mac Thé Truomg, 11A1, THPT chuyén Vinh
Phiic, Vinh Phiic. i

NGUYEN THANH HONG

* Bai T8/371. Trén ducng tron tam O bdn
kinh R ldy sdu diém D, E, F, G, H, K theo
thir tir d6 sao cho DE = FG = HK = R. Cdc
dieomg thang KD va EF cdt nhau tai A, EF va
GH cdt nhau tai B, GH véa KD cdt nhau tai C,
Chirng minh rang
OA. BC=0B. CA= 0OC. AB.

Léi giai. Vi i gidc
DEFK no6i tiép
dudng tron (O) nén
ADE=AFK (1)

Do i gidc KFGH
la hinh thang can,
suy ra KF//BC =

c H & B AFK=ABC (2)
Tir (1) va (2) tacé ADE=ABC .
Tir d6 AADE e~ AABC.

Tuong tv AHKC «» AABC; AGBF «» AABC.
D6 86 AUDE e AREC, vy th S
DE _KC
Tir gid thiét DE = DO = OK = HK = R, din
AD_OK

n :
DO KC

TOAN HOC
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Két hop véi ADO=0KC . ta nhan thay
AAD en AORE Doy, A0 4D

e

aC oK DE )

Lai vi AADE o» AABC (theo trén), nén
AD AR

==l (4)

DE  BC

Tur (3) va (4) thu duoe @_:ﬂ hay
oc B

OA.BC = OC.AB.

Chiing minh tuong ty, ta cling c6
OC.AB=0OB.CA.

Viay OA.BC = OB.CA = OC.AB (dpcm). O

< Nhan xét. Ngodi cich gidi nhu trén, mot s6 ban con
giai theo hudng: Sir dung Phép guay vecto, khdi niém
phiong tich ciia mét diém doi véi mér diwemg trén hoac
dinh Ii césin. Tat ca cdc 130 gidi gl vé Toa soan déu
diing. Nhitmg ban sau ¢6 1&i gidi gon hon ci:

Ha Noi: Nguvén Ngoc Mai, TA2, THCS Nguyén
Trudmg To, Pham Duy Long, 10T1, THPT chuyén Ha
Noi — Amsterdam, Pdo Trong Anh, 10A4, THPT
Nguyén Gia Thicu, Q. Long Bién, Nguvén Ngoc Trung,
Tran Thé Khdi, 10A1, Trdn Nhdr Tan, 11A1, khoi
THPT chuyén, DHKHTN, DPHQG Ha Noi, Nguyén Van
Hiéu, 10 Todn, THPT chuyén Nguyén Hué, TP. Hi
bang; Yén Bai: Nguvén Duy Cuwong, 11 Todan, THPT
Nguyén Tat Thinh; Thai Nguyén: Line Xudn Khéi,
I'l Todn, THPT chuyén Thai Nguyén; Ha Nam: Pham
Lan Asmh, 11A1, THPT chuyén Hi Nam: Bic Ninh:
Nguyén Ngoc Tdan, 9C, THCS Ha Min, Thuan Thanh:
Vinh Phic: Kim Dinh Son, Trdn Bd Trung, Khing
Hodng Thao, Mac Thé' Truomg, 11A1, THPT chuyén
Vinh Phic; Phi Tho: Ha Héng Viét, 10CT, THPT
chuyén Hung Vuong; Hai Dwong: Tran Van Hanh,
11AS, THPT Ninh Giang; Nam Binh: Tran Thi Hong
Vin, 11A, THPT chuyén Lé Hong Phong; Pa Ning:
Hodng Biii Khdnh, Lé Dinh Toan, 10A1, THPT chuyén
Le Quy Don; Lam Péng: Ddao Pluic Quang Tri, 11
Todn, THPT chuyén Thang Long,TP. Da Lat; Phu
Yén: Ngé Vin Cuimg, 11 Toin 1, THPT chuyén Luong
Van Chinh, TP. Tuy Hoa; Bén Tre: Lé Phic L,
Il Todin, THPT chuyén Bén Tre; TP. Ho Chi Minh:
Biii Trdn Long, 10T1, THPT chuyén Trin £ai Nghia.

HO QUANG VINH
* Bai T9/371. Cho tir gide ABCD ngoai tiép
dwong tron tam 1. Chitng minh rang
(Al + DI’ + (Bl + CI)* < (AB + CDY
Khi néo xay ra dang thirc ?
Loi gidi. (Theo ban Trdn Bd Trung, 11Al,
THPT chuyén Vinh Phic, Vinh Phiic)

Goi r 1a ban kinh cta dudng tron (7).
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T AB+ CD =AD + BC,
ta co

(Al + DIV + (BI + CI)?
<(AB+ CD)

< (Al + DIV + (Bl + CIY
<(AD + BC)?

S AP+ DPF - AD* +
. BP+CP-BC*+2A1.DI
+2BI.CI <2AD BC

< 2A1.DIcos AID + 2BI.CIcosBIC + 2A1.DI
+ 2B1.CI < 2AD .BC (Dinh Ii cosin)

& AI.DJ[HCOS[ISG" —g-gD

+ BI.C'!(I +c05{1 80¢ —g —%D < AD.BC

o r P 25in3A+D+ r i 2% 2 BHC
LA, D 4 i Y o
sin— sin— sin— sin—

2 2 282
Fod D][ B C)

< | reot—+rcot— || Foot—+rcot— |.

L 2 2 2 2
zsin'-’A:D 251n3B—+(1

P g B.C
sin—sin— sin—sin—

2 2
; D B+C
sin——sin——

< 2
el ST BB (T
sin—sin—sin—sin—

o B K o 2
cpdbD L B O o G A
& Xsin“——sin—sin— + 2sin® SIN—sin—
4 2 2
Gy el (1)
Ta cé
i L

- B.C 1[. g ) :
sIn—sin— <—| sin—+sin— | < sin~ :
2 2 4 2 2 4

.A.DI(.A.D]' . ,A+D
sin—sin— <—| sin—+sin— | <sin- .
2 i 2 2 4
Suy ra
.2A+D.B.C o oA D
2 sin sin—sin— + 2sin? sIn—sin—
2 2 2 2

Séls;inzA'{hDsin2 isils (2)
4 4
Vi COS[A+D+ B+CJ = msE =0, nén
4 2
, A+D , B+C A+D  B+C
sin sin—— = ¢os cos ,
4 4
Suy ra 4:;inzA-l_DsinE hs k)
. A+D A+D _ . B+C B+C
=72sin COS -.25in cos
4 4
, A+D . B+C
= sin sin (3)
T (1), (2) va(3) suy ra
(AI + DIV* + (Bl + C)* < (AB+ CD)~
Pyl o oot
Diang thitc xay ra khi vachikhi { . _
A=D.

Lic dé ABCD la hinh thang can véi hai ddy la
ADvaBC.O

<Nhan xét. 1) Bii todn ndy khong khé. C6 27 ban
tham gia gidi; nhiéu ban cho 1&i gidi qud dai: khong it
ban két luan: "Diing thic xay ra khi va chi khi ABCD 1a
hinh vudng“(!).

2) Ngoai loi gidi lugng gide mot vii ban con dua ra lai
gidi thudn tuy hinh hoe thorz qua ho dé sau:

Bo dé. Néu tit gidc ABCD neoai tiép dwemg trén (1) thi

1B + L] IB.IC = AB.BC.
iD

3) Xin néu &n mot s8 ban ¢4 loi giai twong déi 6 Ha
Noi: Nguyén Ngoe Mai, TA2, THCS Nguyén Truémg
To: Tran Thé' Khai, 10 Toin, Khéi THPT chuyén
BHKHTN, BHQG Ha Noi, Nguyén Manh Qudn, 11 Li,
THPT chuyén Nguyén Hué, Ha Dang, Neuvén Qudn
Dicong, 88, THCS Thanh Mai, Thanh Oai: Pa Nang:
Npuyén Anh Khoa, 10A1, Lé Vin Tdn Quvén, Dang Lé
Céng Tudn, 10A2, THPT chuyén Lé Quy Don; Can
Tha: Hé Dién Anh Tudn, 10A1, THPT Ly Tu Trong;
Vinh Long: Chdn Tudn Kiér, 11T1, THPT chuyén
Nguyén Binh Khiém; Pha Yén: Lé Héng Nam, 11
Toin 1, THPFT chuyén Luong Van Chinh; Hai Phong:
Vit Vdn Tudn, 11B2, THPT Vinh Bio; Ha Nam: Pham
Lan Anh, 11A1, THPT chuyén Ha Nam, Phu Ly.

NGUYEN MINH HA
% Bai T10/371. Cho phuwong trinh x’—ax—1 = ()

vari a la so nguvén diwong. Goi a la nghiém
dwong cua phwong trinh. Ddy so (x,) duoc

xdc dinh nh sau:

=t =l =001 L

TOAN HOC
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Chirng minh rﬁng’frin tai vé han s6 tw nhién n
sao cho x, chia hét cho a.

Loi giai. (Theo ban Ddo Trong Anh, 10A4,
THPT Nguyén Gia Thiéu, Long Bién, Ha Noi)
Piu tién ta chimg minh a la s6 vo ti. That vay,
néu « la so hitu ti thi « phdi 1a s6 nguyén (do
hé s6 cao nhit cia * 1a 1) vA a li ude cia 1.
Do dé a =1 suy ra a =0, tri gia thiét.

Dodé [ax, 1< ax, -, <[ax,- ] +1

5 A s

S[ﬁ]zxu-l _] (I‘)

Laicé &8 —aa—1=0,suyraa=a+ —
a

Xn
= =l

o
T xﬂ
=X, ., =| ax,+— |=ax, +| —
(24 (24

=ax,+x,-, — 1 (do (1)).
Vnﬁ}" Xyal Ex!r‘ = 1 (_Tﬂﬂd (J).
Tir d6, bang quy nap ta ¢6 v6i moi k € N,
nz2k+1,thi
-'fn+|E-rn—uJ.-+n"{k+1)(“10(13:’ (2)
Chonk+1=la(le N*),n+1=2a, tir(2) ta
co
Xy, =X, —la=a-la=0(mod a).
Viy x,;, chia hétchoa,¥1e N*. O
< Nhan xét. 1) Rit nhiéu ban trong khi ching minh hé
thie {i} = x,-1 — | di b qua viéc ching minh e la
i

50 vo ti. Néu khong ching minh c 1a s vo ti thi bat
dang thic [ax,-1] < @y, < [ax,-1]+ 1 chua chic
ding.

2) Cic ban sau day cd |& giai (ot

Vinh Phtic: Trin Bd Trung, 11AL, THPT chuyén Vinh
Phiic; Hai Phong: Nguyén Hiu Binh, 11B4, THPT
Pham Ngii Lio, Thuy Nguyén; Da Nang: Hodng Biii
Khanh, 10A1, THPT chuyén Lé Quy Pon; Ha Noi:
Trdn Nhat Tan, 11A1 Toin, khoi THPT chuyén

TOAN HOC
24 ¢ crmtgé S& 375 (9-2008)

PHKHTN, PHQG Ha Noi; Thiai Nguyén: Lin Xudn
Khoi, 11 Toin, THPT chuyén Thdi Nguyén: Vinh
Long: Phan Thi My Loi. 10 Todn, THPT chuyén
Nguyén Binh Khiém; Hai Duong: Vii Thanh Tii, 12A1.
THPT Binh Giang.

DANG HUNG THANG
% Bai T11/371. Xét ham 56 f:N—N sao cho

() f ey H)( f2nD)— ) -1)=301+2f () (1)
U’(ﬁ:)af‘(n}. heM : (2)

Goi M = {J??Ef{N).Z m < 2008}. Hai tgp hop
M ¢6 bao nhiéu phan tir ?

Lai gidi. (Theo ¥ ctia da 56 edc ban)

Ta viét lai (1) dudi dang

(fi2n + D)) +6(f2n) — fn)) = (A2m))* + 8f2n) + 4.

Két hop vdi (2), ta duge
(fQ2m)+4)* >(f(2m)2 +8f(2n)+4=(f (2n+1)) .
Suyra f(2n)+4> f(2n+1),Vne N.

Tiép theo, viét (1) dudi dang
(f(2n+1))- =(j'(2.i*1)+l)1 +6 f(n)+3,
suy ra (f(2n+1))> >(f(2n)+1)*, hay
f(2n+D)> f(2m)+1,VrelN.

Vay nén
f@2n)+4> F(2n+1)> f(2n)+1,¥neN (3)

Pé y ring tir (1) ta thay fi2n) va fi2n + 1)
cung tinh chin Ié nén tir (3) suy ra
f@n+)=f(2nm+2,vneN (4)

Khi dé (1) cé dang f(2n)=3f(n),¥neN (3)
Tiép theo ta ching minh (bang phuong phidp
quy nap) ham s6 f(n) la ham tang thuc su.
Tir (1) va (5) ta thu duoc f(1)=2>0= f(0).
Gia sir khang dinh ding t6i » , tic la
Sm+1)> f(m), m=0,1,,n
Xét cic trudng hgp n=2k+1 va n=2k vai
keN . Vd n=2k+1 thikhi do
fin+2)=f2k +3) =2k +2)+2
>f2k+2)=filn+1).
Véi m=2k thi theo gia thi€t quy nap
f(k+1)z f(k)+] nén

https://tieulun.hopto.org
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f(n+2)=f(2k+2)=3 f(k+1)Z23(f(k)+])
>3f(k)+2=f(2k)+2= f(2k+1)= f(n+1).

Viy ta da chiing minh dugc
0= f(0)y< f(1)< f(2)<...

Tinh todn cu thé tir (4) va (5) thu dugc
f(107)=2006, f(108)=2016>2008.

Nhu vy
0=.10)<fi1)<fi2) <f107)
= 2006 < 2008 < f{108) < ...

Do dé tap hop M c6 108 phan tr. O

4Nheﬁln xét. 1) Day 1 mot bii todn chaa dung ki nang
tinh todn vé day 6. Nhiéu ban gui 160 giai bai nay. Cic
ban sau diy co lm giai 64

Bic Giang: Nowvén Hoang Hidp, 11T THPT chuyén
Bic Giang; Bac Ninh: Ngwvén Tudn Linh, 11T THPT
chuyén Bac Ninh: Ba Ria - Vang Tau: Phan Duy
11A2 THPT Nguyén Du. Ba Ria; Dak Lak: Lé Dy
Timg 11T THPT chuyén Nguyén Du; Pa Ning:
Nguvén Anh Khoa, Lé Van Tdan Quyén. |0A2, Hodng
Biii Khanh, Newvén Tang Thand 10A1 THPT chuyén
Lé Quy Bon: Ha Nam: Ha Phong Anh, 11A1 THPT
chuyén Hi Nam; Ha Noi: Nguvén Ngoc Trung, Mai
Tién Khai, Lin Van Dan, Tran Thé Khai 10A1, Tran
Nhdt Tdn, 11A1 THPT chuyén Todn - Tin, DPHKHTN,
PBHQG Ha Nai, Ngayen Van Hiéu, 10T, THPT chuyeén
Nguyén Hué, Ha Bong: TP. Ho Chi Minh: Va Dire
Huy 11A THPT chuyén TpHCM; Thira Thién - Hue: Lé
Chi Tam. 10T THPT Quéc hoc: Lam Dong: Ddo Plic
Quang Tri, 11T, THPT chuyén Thing Long, TP. Di
Lat; Nam Binh: Trdn Thi Hang, Trdan Thi Hong Vin,
11A THPT chuyén Lé Hong Phong; Vinh Phic:

Ngwvén Tugn Duv, 12A10, Lé Duy Diing, Mac Theé'

Triwong, Khong Hoang Thao, 1IAL, Tran Bd Trung,
11A2 THPT chuyén Vinh Phic; Thai Nguyén: L
X in Khéi, 11T, THPT chuyén Thidi Nguyén.

NGUYEN VAN MAU
* Bai T12/371. Hdy xdc dinh dang cua tam
gidc ABC, biét rang cdac goc va cdc canh cua
tam giac thoa man dang thirc
ca

;
(1408 B) + ——(1 +cosC)

I{.’.
—f(]+cos,‘1)+
c+a a-+b

1+C

3 2 ¥, ¥ ¥
=E(u+b+c)- +cos* A+cos* B+cos (.

. e i ploppd pd
Lot giai. Tir dinh li c6sin ta co cosA= = X
Pl s [
f'-' b . f:_l_ i N
Do daé —H-c-'—(]—kcggA]: e [|+#j
b+c b+c 2be

_{:’J-‘r{‘]:‘ﬂ: _h+c_ a’
T 20b+0) 2 2b+e)

_5[!}+c}__fi_"[ e -
8 2 2{b+¢) 8 2
" 5(!:-+£'}_ud(2u-b—c): i S[b+r.'}_u

-’ b+e¢ uJ

8 o0 8lkre) ¢ 0 8 2
: - b
Tuong tu “ (1+cosB) < fevel B,
c+a 8 2
h 3
L (I+c05£‘)f5—5(”+ }—£—.
a+b 8 2
Boi vay
he cl ab - :
— (l+cos4)+——(1+cosB)+ (1+cosC)
h+c C+a a+h

Sé(ﬂ+h+¢.‘}—l(n+b+c) =~3i(u+h+c) (1)
4 2 4

&

Piing thirc xay ra khi vd chikhia=b=¢.

Mait khdc ching ta cé bit ding thic quen
2 3 ?

thudc: cos’A + cos’B + cos’C 2 i Suy ra

-

] 5
e (a+b+c) +cos’A + cos’B + cos’C

3 A 3[{a+h+c}3 ]
g bR+ = a2 ey
16 4 a\ 4

%{u + b+ ) (2)

IV

I

Bt ding thic trén trd thanh ding thic khi va
chi khi AABC la tam gidc déuvaa+bhb+c=2.

Tir (1) va (2) va gia thiét ta suy ra AABC la

tam gidc déu vdi canh bing § )

<Nh{m xét. Rat dong cic ban tham gia gidi bill nay va
tat ca cic ban déu giai dang. Trong sG d6 ¢6 cie ban sau:
Bac Ninh: Nguvén Ba Ticn, Tran Anh Tudn, 10A1,
THPT Thuin Thanh |; Ha Noi: Pae Troag Anlt, 10A4,
THPT Nguyén Gia Thiéu, Q. Long Bien; Pham Buic
Nam, 10A1, THPT Nguyén Tiat Thanh: Thanh Hoa:
Mai Chi Bar, 10E, THPT Ha Trung; Bdm Tricu Bar,
10B1, THPT Tricu Son 3; Nguvén Anh Linh, 1087,
THPT Hodng Hoa: Trdn Ngoo Trng, 10A3, THPT Hau
Lac I: Quang Ngai: Vieong Bind Tudn Nguvén, 10A3,
THPT s& 1 Bic Phd; Binh Binh: Ngo Ddng Tudn,
10A2, THPT V& Qué; Pha Yén: Lé Thi Bick Ly, 10A1,
THPT Lé Héng Phong, Tay Hoa.

NGUYEN MINH bUC

TOAN HOC
" CTusilpe 25
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K, * Bai L1/371.

Cho mach dién

i D R, nhwr  hinh vé

K R, R, la dién

B tro thudn voi

RI— R*‘ = R.

Diot I twong, ampe ké nhiét co dién tro khong

dang ké. Dat vao A, B mot hiéu dién thé xoay

chiéu. Biét umu khi khod K mo thi ampe ké

chi I,. Tim s6 chi cia ampe ké khi khoa K
dong.

Loi giai. » Khi khoa K md: Trong mét chu ki
bién doi ctia dong dién, nhiét luong toa ra trén

dién trd R, bing Qq-g_z'
R 2

e Khi khod K déng: Trong nira chu ki dau
dong dién chi chay qua Ry, trong nua chu ki
con lai dong dién chay qua ca hai dién tro.
Nhiét luong tod ra trén R, trong mot chu Ki
bing

mr s
i3 S 1
Q=T aR2 ¢ W
Mt khic O, =I?RT va Q»=I3RT )

J5

TU(]] Vi [2} ta tim du'{_ic I*_\ =?IL "
Vay s6 chi cia ampe k& khi khod K dong la

Jrg 2—‘2511]. E]

<Nh:_\n xét, Toa soun nhin dugc nhiéu bai gidi, wy
nhién khong ban nio giai dang bai nay.

NGUYEN XUAN QUANG

*Bai L2/371.
Trén mdt phing

Vo nim ngang co

R mot - hinh - try
l [ thing ding, co

B A d_u:rh. I:rfm kinh
day va mot
vong nho A néi véi hinh tru bang soi -:."a:n- ném
ngang AB co do dai ly (hinh vé nhin tir trén
!.ung) Vong nho A nhédn vén téc ban ddu

vo theo phwong ngang vudng goc vdéi day.
Tinh thoi gian chuyén dong trong mal phdng
cua A cho dén khi no gdp hinh tru. Bo qua ma
sat.

TOAN HOC
* Cludilyé

S& 375 (9-2008)

26

Loi giai.

Trong qué trinh
chuyén dong.
van téc cua
vong A luén
vudng goéc vai
day, do do luc
cang day tic dung lén vbng vudng goc vdi
v@n téc cua vong. Vi vay do lon van téc cua
vong li khéng doi.

Gia sir tai thoi diém ban dau, diém tiép xic
giita soi day va mat tru la B. Sau khoang thoi
gian dt rat nho, diém tiép xic gida soi day va
mat tru la By (hinh vé). D6 dai cung BB la
nho. Pat BB, =dl, tir hinh vé ta cd

BOB, = ABA =df.

Dé dang thay ring vo.df =1.df , RdO=dl.

Tir day suy ra Rvodr=Idl.
{ Iy
Tich phan hai vé: jfev,,m = [tal .

il Jlrj
Két qua tich phéan LhO ta Rvpt= -j’—
hay r:—f'if. d
ERV“

< Nhin xét. Cic ban sau day c6 loi gidi 6t

Nghé An: Hodng Cao Tii. 10A4, khai THPT chuyén,
Pai hoc Vinh, Nguyén Bd Tudn Anh, A3K36 THPT
chuyén Phan Bai Chau, TP. Vinh, Nguyén Quang Diing,
12A1, THPT Nam Din [; Quang Ngai: Nguyvén Ngoc
Duy, 11 Li, THPT chuyén Lé Khict; Ha Noi: Nevén
Manh Qudan, 11 Li, THPT chuyén Nguyén Hué: Hai
Phong: Trdn Heang Bd, 12 Toan, THPT NK Trin Phu;
Binh Phudc: Pham Vin Tém, 11 Li, THPT chuyen
Quang Trung.

NGUYEN VAN THUAN

Poc lai cho ding
Tréen THTT s6 374, thang 8 nam 2008 c6 mot 50 16i in
an. Xin chinh lai nhur sau:
*) Trang 17 (dong :AE coOt Lrii :

SO+ ¥ )= 200 = fLOf(n+ay+ .
#) Thay hinh vé trong noi dung d¢ bii L2/374 boi hind
vE sal A D

B L

Thanh that xin 161 cic tic gia vi ban doc,

THTT
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BAN CO BIET ?

Thudt todu
suyinghilnhuidongjvat

( jéc chuyén gia [BM da sing ché ra mot
mo hinh tinh todn mo phong ving ndo
sau, cho phép mdy tinh c6 thé suy nghi

va hanh dong nhu cac loai dong vat bac cao

c6 xuong song.

Hai chuyén gia Charles Peck va James Kozloski,
thuéc nhom nghién ciu Biometaphorical
Computing cta IBM, cho biét ho da tao ra
mot mo hinh todn hge mo phong nhitng hanh
vi clia viing v¢ ndo sau, phin ndo chi cé 0O
déng vat cé xuong séng (tién hod hon). Ving
ndo nay xur li cdc hanh vi phic tap cua dong
vat. Céc nghién cttu sau hon vé thudt todn nay
¢6 thé cho phép tao ra nhitng robot c6 thé
"nhin" nhu ngudi va thuc hién nhing quyét
dinh phlt hop khi xudt hién qud nhic¢u théng
tin tir cde thiét bi cam bién cung cap.

Chuyén gia Peck giai thich rang viing nio nay
bao goém khodng 28 ti t& bao. Trong do,
minicolumns la céc soi cé kich thudc dudng

Rk 1 e
kinh cht bing khoang 20 millimet chay doc

theo vung vo ndo. Khoing 200 triéu soi
minicolumns s& thu thap cdc dir liéu cam bién
va té chiic thong tin dé cung cép cho nhimg
viing ndo cao cdp hon. Cic sgi minicolumns
ciing giao ti€p vdi nhau thong qua cdc lién ket
twong hé gitra ching.

Mo hinh todn hoc ma IBM tao ra mo phong
hanh vi cua khoang 500.000 sgi minicolumns,
ducc lién két boi 400 triéu két noi. Véi mo
hinh nay, "ching t6i c6 thé biéu hién kha
nang tu 6 chic” va cdc hanh vi tuong tu nhu
cta dong vat trong the gidi thuc.

Peck néi: "Diéu ching t6i dang ¢6 gang thuc
hién 14 nghién ciru ndo bd boi mic do triru
tuong cao nhat ma khong lam che lip mat
chic ning bén trong".

Trong mot thir nghiém duge mo ta trén giay,
hé thang nay di c6 thé giai quyét van dé nhan
dang hinh anh thudng gay ra cdc 16i trén
nhitg hé théng mdy tinh thong thuong. That
li tl.n:mg mot ngay nao do hé thong nay co
thé gitip cdc nha khoa hoc hiéu duge toan
dién hon vé quy trinh xi li bén trong vo nio
duge thue hién nhu thé nio khi ching ta quan
sdt mol vat.

Vé co bian, mot hinh anh sé duge ndo bo ghi
nhan, phan tich thanh cdc mau sac, hinh dang,
bo cuc va cdc thude tinh khdc. Sau doé tat ca
cédc thong tin sé dugc tdi to6 hop lai va tao ra
nhitng ménh lénh dé nhimg loai dong vat béc
cao nhu con ngudi thay déi hanh vi ciia minh.
Hién cdc qud trinh xir li nay van chua duge
nghién ctru va nidm bt thiu ddo hoan toan.

Trong vong hai nim qua, cdc nha nghién cuiu
da ting cuong tim ki€ém mét mo hinh toidn hoc
mé phong hanh vi ty nhién. Mot s6 cong ti
nhu Cambrios cling dang c6 gang phdt trién
nhitng hop chat mdi bing cdch khai thic cau
triic clia cac protein do cdc loai virus sinh hoc
tao ra. Trong khi do, ngudi sing lap PalmOne,
ong Jeff Hawkins, lai dang lap ra mét cong ti
bian nhitng hé théng sir dung cic quy trinh suy
nghi nhu & ndo ngudi. Pong sing lap Intel va
la cha de dinh luat Moore, 6ng Gordon
Moore, lai cho ring mdy tinh s& khong the
suy nghi nhu con ngudi, trir khi né duge thiét
ké lai.

Trong mat bai phdt biéu, éng Hawkins cho
biét: V& ca ban, ndo bo suy nghi bang cich
thuc hién cdc du doan vé cdc su kién tuong
lai, thong qua viéc sodt lai mot lugng 1dn céc
dir kién kinh nghiém da c6 duogc trong qud
khit. Hawkins di dua ra mot ing dung nguyén
méu ¢6 kha nang ghi nhan cdc hinh dang ma
né "nhin" dugc trong qua khu.
IBM hién dang gidi thiéu ban nghién cifu cla
minh tai cudc Hoi thao Quoc t€ vé Céc thuat
toin tu nhién va thich ¥ng (Adaptive and
Natural Computing Algorithms) ¢ Coimbra,
Thé Nhi Ky.
NGUYEN VAN DINH
(K49XF, Dai hoc Xiy dimg Ha Néi)
(Nguén: http://www.ddtoanhoc.net)
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Oxyz thi mdr 1a tap hgp cic diém c6 toa d6 (v ; y ; z) thdéa man phuong trinh

Flx;y:z)=0.Néu F(x; v; z) la da thic bac n thi ta cé mdt bdc n. Chang han nhu mat
phang I3 mat bac nhat; mat tru, mat nén, mat cau déu la mat bac hai. Ta cling thay mdr trong
cdc hinh biéu dién.

F I \ rong chuong trinh todn & trudng phé thong, néu xét hé truc toa do Descartes vuong goc

Con trong van hoc, trong di song xd hoi. ... mat ¢6 nghia den va nghia bong nhu thé nio?
Cac ban hiy cho ¥ Kién va tim cdc thi du minh hoa (khong ké mét s6 danh tir riéng nhu; mat na.
Mt Trang, Mat Trai, mat tran, mat chi, ...).

E - i -
- T - -
Giai dap:
: |
- -

(Dé dang trén THTT s6 374 thdng 8.2008)

Lép 8, lop 9 co tat ca 14
mfn hoc duge ghi day du
trén O chir, trong dé c¢6 thé
doi vi tri : Pia Ii cho Vat Ii,
Héa hoce cho Tin hoc.

Toa soan da nhan duge rat
nhiéu bai cua ban doc. Dua
vio tén 14 moén hoc, da so
ban doc dd phat hién ra 16
in 6 chir & dé ra vi nhan xét
rit ding ring trong 6 chir
thi & vuong & hang thi ba tir
trén xuong dudi va cot tha
ba tir trii sang phai, cin la 6
triing dé dién thém chit N ctia mon NGU VAN,

Cic ban sau ¢6 101 giai t6t vi gui bii vé som, duoc nhan tang pham:
1y Dang Duy Linh, OE, THCS Van Lang, Viét Tri, Phi Tho:
2) Ha Vian Hién, 11A1, THPT Ng6 Gia Tu, Lap Thach, Vinh Phuc;
3) Phan Anh Viér, 10A1, THPT Lé Quy Don, TP. Ha Pong, Ha Noi;
4) Hoang Thi Van Anh, 9B, THCS Lé Hiru Lap, Hau Loc, Thanh Hoa;
5) Neguvén Ngoc Phién, 10 Toin Tin, THPT chuyén Lé Khiét, Quang Ngai:
6) Ve Van Huy, 10A1, THPT Lé Hong Phong, Tay Hoa, Phu Yén.
VAN KHANH

TOAN HOC |
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VAI KI NANG... (Tiép trang 8)

G g T 4
Tir do tim duge x = Tt + mm , hoac x = 2mm,
2n
hoiic x = .JCT +2mn (meZ).

Pai chigu diéu kién ta duge nghiém

2mm .
x=—,(me?).
3

% Thi du 8. Giai plitong trinh
g

Jtan3x +cot2x =2tanx + (8)

sindx
Loi giai.
PK - cos3dx#0,sin2x £ 0, cosx # 0, sindx 20

T kn kn
hay x2#—+— va x#—, (keZ (*)
TE 4 !
PT (8) tuong duong voi
2(tan3x—tan x)+(tan 3x +cot 2x) = — e
sindx

2sin 2x COSX 1)

cosdycosxy  cos3xsin2x ~ sindx

e dsindxsiny+2cos2xcosxy=2c0s3x

& 4sindxsin x+cos3x+cosxy=2cos3x

< dsindxsinx =cos3x—cosx
>8sin2xcos2xsinx=-2sin2xsinx (do DK (*))

1

cos2x=-—.
4
Ban doc tiép tuc hoan thanh not bai giai.
Pé két thic bai bio, mdi cdc ban hady giai
mot s6 bai tap sau.
Gidi cac plhicong trinh:

1. cosdr +cos2y—cosx— 1 =0;
2. (1 —tanx)( 1 + sin2x) = | + tanx;

; ; |
3 sin2x+siny————-—
sin2x  2sinx

1 4 ﬁ(ms_-;_— sinx) _

=2col2x;

tan v +cot 2 x cotx—1

! ! |
5. cosxeos2reosdy +sinysin2rsindx = E !
: £ L T
6. sind v —cos'y =cos2a tan[.r +EJlun[1 - E] :

o T
7. sinveosdy —sin? z.tL‘iRinz[E - ‘—]——_
4 2) 2

PROBLEMS... (Tiép trang 17)

FOR UPPER SECONDARY SCHOOL

T6/375. Find all pairs of integers m and #, both
greater than 1. such that the following equality

“.IPI'H +h.lJ|'|-I'I_‘_{-I'HiM am +hm+t.u| a” +hu _'_(-fl

m-+n m n
is true for all real numbers  a. b, ¢ satisfying
a+b+c=0.

T7/375. Let k be a positive integer and let a. b. «
be positive real numbers such that abe < 1. Prove

the Cl.]l.li’tlity i-q-—b 1—‘—- =a+b+e -
Bt ek cpt

T8/375. Let C be a point on a fixed circle
whose diameter is AB = 2R (C is different from
A and B). The incircle of ABC touches AR and
AC at M and N, respectively. Find the maximum
value of the length of MN when C moves on the
given fixed circle,

TOWARDS MATHEMATICAL OLYMPIAD

T9/375. Let (x,) (n=0. 1.2, ..) be a sequence such

2x,+]
that v,=2and y = Nt rallw=0.1,2, ..

- ]
Ay L

".
|

integer not exceeding .

T10/375. Prove that if  «, h. ¢ are positive
numbers whose product abe = 1, then

Determine Z.r,_ where [v] denote the largest
pal

d b ¢

—— Jﬁ e 2 | L
VBat+l RBP4

\."r;(-':‘ +1

T11/375. Let f: ¥ —= be a function such that

1wy . ; ;
fi0y = 0 and /) is a monotonic function on
)

=\0} Prove that

x. [ =zx)+y. f(22—xpy)+z.f(x?-yz)20
for all positive numbers x, y and .

T12/375. let A A,A;A; be a tetrahedron.
Denote by B, (7 =1, 2, 3. 4) the feet of the

altitude from a given point M onto A, 4, (where
we consider A, as identical to A)). Find the

smallest value of %" A4, AB, -

l<izd

Translated by LE MINH HA

TOAN HOC
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P
\,
(2%
=) %Y i
f“'-r.', o ',.-I
G l\ -\‘ A it
idi tri toan hoc __/

&

Gii: dip: SAP KEP i2 SO

(Dé ding trén THTT 56 373, thang 7.2008)

Ki hiéu cdc s6 cin
dién viao cac hinh
tron nhu & hinh 1.

¢ Goi T 1a tong bén
s6 trong bon hinh
tron sao cho méi
hinh tiép xdc vdi
hai hinh. Theo gia
thiét co

Hinh 1

T=l+a+c+6=c+6+g+h
=g+h+k+12=b+c+e+yg
=6+d+h+i

Tudé 3T =4T-T
=(l+a+c+0)+(g+h+k+12)+(b+c+e+yg)
+(O+d+h+D)—(c+6+g+h)

=l+a+b+c+0+d+e+g+h+i+k+12

=1+2+...+12=%:78.

Suyra]":—?—?:%.

(1)

* Goi § 1a téng bon s6 trong bén hinh tron xép
theo hing ngang (hodc cot doc). Theo gia
thiét co

S =l+c+g+12=a+6+h+k

=b+c+6+d=e+g+h+i (2)

Tirdé va (1) ¢6
45-260=45-T=(1+c+g+12)+(a+6+h+k)
+(b+c+6+d)+(e+g+h+0)—(c+06+g+h)

TOAN HOC

30 ¢ CTudilre S& 375 (9-2008)

=l+a+b+c+6+d+e+g+h+i+k+12

=1+2+.+12=78.
Suy ra 45 = 104 nén § = 26.

o Tiu(l),(2)vaT=5=26c6

13=1+12=b+e=06+h (3)
PB3=c+g=a+k=d+i (4)
l+a=b+d=g+h (5)
12+k=e+i=c+6 (6)
e Tir (3)congay h =17.
Thay vao (S)duoca=g +6 (7
Tk (6)cé6c=k+6 (8)
Thay vao (4) dugc g+ k=7 (9)

Suy ra (g :k) chi cd thé bing (2 ; 5); (5 ; 2);
(3;4); (4; 3). Thay lan luc: (g ; k) nhu thé vao
cic dang thiic (3), (4), (5). 6) suy ra c¢é bén
nghiém tng véicacsé h, g k. a,c.b.d, e, i

|h:g klalclb ;‘_ﬂ': e | i
7ls5|2]11]8 ]93] 4 [10]
7(5(2(11]8 309 ]10] 4
713|4|9 |10]8]2]5 |1
703]4]9 10|28 11]5

Hinh 3

Hinh 2
Hai nghié¢m dudc thé hién trén hinh 2. hinh 3.

4Nh.{m xét. Cic ban sau cd ln gidi t6t, duge nhan
tang phim:

Yén Bai: Newvén Thu Tluiy, 12 Toan, THPT chuyén
Nguyén Tat Thanh; Bac Ninh:V'i7 Hong Theii, 12 Toin,
THPT chuyén; Hia Noi: Vii Minh Thang, 11T1, K41,
THPT chuyén DHSP Ha Noi, Lé Tién Cueng, 10T,
THPT chuyén Hi Néi — Amsterdam, Pham Viér Ha,
11A2, THPT Tung Thién, TP Son Tay. Ha Nam: Phan
Thanh Hai, 11A1, THPT Kim Biing B: Thanh Haa: Lé
Hiuw Nguyén, 10B1, THPT Yén Binh Il; Nghé An:
Phan Ba Lée, 12A, THPT Hermann Gmeiner, TP.
Vinh; Quang Ngai: Lé Nguvén Khdnh, 10 Toin, THPT
chuyén Lé Khiet; Khanh Hoa: Nguyén Bdo N, 7/5,
THCS Nguyén Vin Trdi, Cam Nghia, Cam Ranh.

DAN QUYNH
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#
(DEwr

THONG BAB
lben ple v i s 2008 = 2009

"TTLY

ha xudt ban Gido dyc tran trong théng bao

dén cac Quy thm 0 gido va cic em hoc sinh
trong ca nude vé viée xudt ban va cung img sach
gido khoa (SGK) phuc vy nam hoc 2008-2009 :

2. SGK tir I6p 1 dén 16p 12, trong d6 SGK tir
16p 1 dén 1p 11 la sach tai ban, ndi dung khong
thay ddi so v6i sach da xudt ban tir nam 2007 tro
vé trudc. Riéng SGK lop 12 dugc in mdi, thay
cho sach cii da xudt ban tir nam 2007 trg vé trudc.

Bj SGK | Sé Gid bia
f | cudn (ding)
Lép 1 1V 40.800
Lép 2 6 38.900
Lép 3 6 42.300
Lop 4 ' 9 66.100
Ldp 5 L 9 67.200 |
Lép 6 12 83.500 |
Lop 7 13 97.000 |
Lop § 13 105.500 |
Lép 9 13 102.700 |
Lép 10 (chudn) 13 112.800
L.6p 11 (chuin) 13 114.200
Lép 12 (chudn) 13 124.000

(Ghi chi: Gia bd SGK chi tinh sdch ngoal ngir la Tlem_.
Anh. Ban danh muc gid ban le duge niém yét o it ca
cdc cra hang sach, nha sach va dai Ii ¢ ban SGK tai
céc tinh. thanh phé trong ca nudc.)

Ngodi ra, Nha xudt ban Gido duc td chire cung
img céc san pham phuc vu hoc sinh, gido vién
ndm hoc 2008-2009 :

8. Cic sach tham khao bb trg SGK tir 1ép 1
den I6p 12 (gdm cdc sach bai tap va vo bai tap
cia cic mén hoe do cac nhom tic gia SGK
bién =oan).

3. Cic sach tham khao - Nang cao kién thirc
¢ cdc linh vuc khoa hoc tir nhién, khoa hoe xa
hdi,... phuc vu cic ddi turong 1a thiy ¢b gido, cic
can bd quan li gido duc, cdc em hoc sinh, sinh
vién va cdc bic phu huynh hoc sinh....

4. Cic loai tranh anh, ban dé gido duc, cac
bang hinh, bang tiéng, dia CD-Rom gido khoa va

cdc loai thiét bi db dung day hoe phuc vu chuong
trinh, SGK hién hanh, dic biét la tranh anh, bin
do, bang dia, thiét bi phuc vu chuong trinh va
SGK mai lép 12,

8. Cic loai sich mau gido, truyén tranh,
truyén lich sir phuc vy nganh hoe Mam non do cic
nhém tac gia chuyén nganh trong nurde bién sogn
va mot s6 loai sach dugc hgp tic vai cdc nha XUt
ban nudc ngoai (Uc. M. Nhét, Canada. v.v...).

&. Cic loai tdp va hoc sinh phuc vu theo yéu
cu, cac loai sd ghi tén, ghi diém, hoc ba. bai soan
gido an theo mau quy dinh, phuc vu hoc sinh va
gido vién thudn loi trong hoc tép va gidng day.

Dé cung (g cdc san pham trén dén cic thay
cd gido, cdc em hoc sinh va cde trutmng hoc, Nha
xuit ban Gido duc clng véi cac Cong ti (CP) Sach
- TBTH & céc tinh, thanh phc":- té chire hai Thang
phat hianh cao diém dé phuc vu nam hoc mdi
2008-2009 :

* Thang phét hanh phuc vy He 2008:

Tir 15~ 5 dén 15 - 6.
* Thang phét hanh phuc vu Khai giang :
Tir 10 — 8 dén 10 - 9.

Dong thai vai viée phat hanh vé cung Umng céc
san phdm mdoi noi trén, Nha xudt ban Gido duc
phfu hgp vdi cac So Gido dyc - Dao tao, cac Céng
ti (CP) Sach - TBTH, céc t& chire xd hdi trién khai
cude van ddng ding lai SGK cii theo su chi dao
ciia B§ Gido duc va Pao tao.
Moi lién hé viéc mua - ban, trao ting SGK ci,
xin lién hé v&i Nha xuat ban Gido duc ¢ timg
khu vure ;
 TP. Ha Néi : S& 187B Giang Vo,
BT: 04 8362496.

% TP. Pa Ning : S& 15 Nguyén Chi Thanh,
BT :05113827373.

< TP. H6 Chi Minh : $6 231 Nguyén Van Cir,
DT : 08 8358423.

Va cic Cong ti (CP) Sich — TBTH tai céc tinh,
thanh phd trong ca nudc.

Trin trong thong bdo.

NHA XUAT BAN GIAC DUC
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XUAT BAN TU 1964

506 375(9.2008)

Toa soan ; 1878, phd Glang Va, Ha Nal

DT Blén tdp: 04.5121607

BT - Fax Phat hanh, Tri su : D4.5144272, 045121606
Emall: tapchitoanhoc_tusitre@yahoo.com.vn

Tup chi TOAN FOC i THDI T2E

BAN €O VAN KHOA HQC

CHIU TRACH NHIEM XUAT BAN

GS. TSKH. NGUYEN CANH TOAN Ch tich Héi déng Quan tri kiém I
5. TSKH, TRAN VAN NHUNG Téng Gidm doc NXB Gido duc
el s s NGO TRAN Al

TS. NGUYEN VAN VONG
GS. DOAN QUYNH
PGS. TS. TRAN VAN HAO

Phé Téng Giam doc kiém
Téng bién tap NXB Giao duc
NGUYEN QUY THAO
HOI PONG BIEN TAP
Téng bién tap : PGS. TS. PHAN DOAN THOAI Phé Téng bién tap : TS. PHAM THI BACH NGOC
TS. TRAN DINH CHAU, ThS. NGUYEN ANH DUNG, 7S .TRAN NAM DUNG, TS. NG UYEN MINH DUC,
TS. NGUYEN MINH HA, TS. NGUYEN VIET HAL PGS. TS. LE QbO( HAN, ThS. PHAM VAN HUNG,
PGS. TS. VU THANH KHIET, GS. TSKH. NGUYEN VAN MAU, Ong NG UYEN KHAC MINH,
7S, TRAN HUU NAM, PGS. TS. NGUYEN DANG PHAT, PGS, TS. TA DUY PHUQNG. ThS. NGUYEN THE THACH,
GS. TSKH. DAN(‘ HUNG THAN(r ThS. VIO KIM THUY, PGS. TS. VU DUONG THUY,
GS. TSKH. NGO VIET TRUNG, ThS. HO QUANG VINH.

TRONG SO NAY

o Nam hoc 2008 - 2009 Xdy dung truing @ Ban doc tim toi - Reader's Contributions
hoc than thién, hoc sinh tich cuc Hoang Ngoc Canh - Trong tim tam gidc
va diém Lemoine.
o Danh cho Trung hoc Co s — For Lower

Secondary Schools
Lé Tién Hing - Khai thac thé manh cua

Pé ra ki nay — Problems in This Issue
T1/375, ..., T12/375, L1/375, L2/375.
Giai bai ki trude — Solutions to Previous

Dai so dé giai mot s6 bai toan Hinh hoe.

Dé thi vao l6p 10 THPT Amsterdam va
THPT Chu Van An Ha Ngi, nam hgc
2008 - 2009.

Chuian bi thi vao dai hoc — University
Entrance Preparation(7)

Nguyén Minh Nhién - Vai ki ning giai
phudng trinh ludng giac.

Dién dan day hoc toin — Math Teaching
Forum

Nguyén Mong Hy - Gidi thidu sach gido
khoa Hinh hoe 12.

Nguyén Huy Doan — Trao doi vé sach
giao khoa Giai tich 12 Niang cao.

Toan hoc muon mau — Muliifarious
Mathematics

Tin tirc

6066 06 © O

Tinh toan cach niao? - How to calculate?
Nguyén Phude - Su dung sang tao may
tinh dién tu bd tai.

@ Problems.
Giai cac bai etla s6 371,

@ Ban co biét? — Do you know?
Nguyén Vdan Binh - Thuat toan giip
may tinh suy nghi nhu déng vat.

@ Cau lac bo

€D Giai tri toin hoc

@ NXBGD - Théng bio vé sach giao khoa
phue vu nam hoe 2008 — 2009.

Bia 1. L& ki K& hoach lién nganh trién khai phong trio
thi dua "Xay dung truomg hoc thin thién, hoe sinh tich
cuctai Ha Noi ngay 19/8/2008.

(Hdnyg tricde:

Ngéi gitee Phé Thi widng Chinh phu, Bo truong Bo GD&DT
Nguven Thién Nhin;

Ben trii ; Bo neomg B VH-TT&DL Heding Tudn Anh;

Ben phii: Bi th Thit nhat Trung womg Boin TNCS H Chi Minh Vo
Vin Thuing.

Mg seare: Mot s thisnh vien Ban chi dao phong trio thi dua)

FrLia TTTA A

Bia 3. Giii dip Cuac thi vui Giidi tri ngay he - dot 1.

https://tieulun.hopto.org
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i {2p evoc THI VI
GAITRINGAYHE i,

cd sdu bai do vui duoc ddng trén
% %) % tap chi THTT s6'371 (5.2008) vi 56 372
(6.2008). Tod soan THTT dd nhdn duoc

loi gidi ba bai dot thir nhdt cia nhiéu ban.
Mong cdc ban tiép tuc gui 167 gidi cho ba
bai cia dot thi hai. Hdy che doc ddp dn
ctia ba bai dot thit hai va danh sdch cdc
Bai 1. QM ban doat gidi cuoc thi vui trén THTT 56 376
(10.2008). Chiic edc ban may mdn.

=

Goi s0 luc giac déu, s6 ngii gidc déu, s6 canh va
s6 dinh ciia qua béng theo thitulam, n, ¢, d. Dugi day la ddp dn ba bai cia

T oo S g, o i dot thirnhat.
X€t s0 canh cua cdc ngii gide déu va cdc luc gidc :

déu tacé Sn=3m. Cétitca Sn+ 6mcanh (cling
sd dinh) clia cdc manh da.

M@éi canh clia qua bong la canh chung cla hai

manh da, méi dinh cta qua béng la dinh chung . “ 5 A
clia baméanh danén co Bai 2. GHEP THANH HINHVUONG
2c=3d=5n+6m=151=9m. Chii ¥ ring 2° + 3° + 6" = 7° nén ta ¢6 thé phan chia

Tircéc hé thife trén, chi cdn tim dugce n (hoacm)la  hinh vuong kich thude 6 x 6 (dm) thanh ba manh
tinh dugc cdc gid tri con lai. Cé thé tim n (hoacm)  roi ghép véi hai hinh vuéng kich thude 2 x 2 (dm)

biing hai cach dudi day. va 3 x 3 (dm) dé duoc hinh vuéng 7 x 7 (dm) nhu
Cach 1. Khi néi timg cap hai tdm gin nhau nhat (%hiflh 2 F:é B ot o o 0, S0
cua cdc hinh luc gide déu trén qua béng bing céc LRI hin. -
doan thiing thi ta duogc khéi da dién 12 méat ma cdc D _Ii »
mat la cdc ngll gidc déu va cac mat déu biang nhau L i
(h.1),nénn=12. " c C n

A

e e -
/‘ Hinh 3 .
’ e
i, -, 6 ' t
‘ < B4 3.31646’0”@ uy
Do bién s6 xe bi xoay nguoc mé van nhin thinh mot
Hinh 1 Hinh?2 sO nén cdc chirsé clias xe cd thé 120, 1,6, 8, 9.

Tir 5n = 3m suy ra m = 20 (vA bang s6 dinh clla  Xe mang bién s6 cé khong qud ba chit 6 nén sd
khoidadiénnay). Tirdé ¢ =90, d = 60. chinh phuong ma nha todn hoc nhin thay cé thé
Cdch 2. Khi n6i timg cap hai tam gan nhau nhat 18- 1: 9516, 81;100; 169; 196; 900 hoac 961

cta cdc hinh ngii gidc déu trén qua béng bing cdc Tuong ting s6 xe c6 thé 1a

doan thang thi ta dugc khoi da dién 20 mat ma cic

mat la cdc tam gidc déu va cic mat déu bangnhau  1:6;91,18;001;691,961,006 hoic 196.

(h. 2), nénm=20.

) Thir lai gia thiét ta thiy sé can tim la 18.
Tir 5n =3m suy ran = 12 (va bang s6 dinh cla
khéi dadiennay). Tirdéc=90,d=60. THTT

https://tieulun.hopto.org
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TUYEN CHON THE CHUYEN D
QUYEN4  TOAN HOC & TUOI TRE

Cudn sach bao gom cdc bai viét duoc chon loc trén fap chi THTT (chi yéu t
ndm 1992 den 2007), gom bon chuong danh cho THCS va THPT .

® Chuong I. Mt sd ki thudt gidi todn Trung hoc co' sg, gom hai phan:
Phiin mét néu nhiéu cdch gidi bai todn chua ciin thic; phan hai trinh bay cdch
vé hinh phy, cdch van dung cdc cong thiic vdo tinh todn va chung minh tinh
cht cia hinh phang.

o( J'mmg I1. Chuyén li thi vé cdc sd, gidi thidu ve thudt todn va mdy tinh, néu nhiing céu chuyén the vi vé cic
songj'fen,so nguyén 1u,\rellrl1 quy balmul:ucduysﬁ

® Chuong //1. Nhimg mbi lién hé ki diéu cia céc s6 ty'nhién, trinh bay vé ma phuong, hinh vudng lofin
Tiép theo | mdt s6 hé thuc lién hé giifa cdc s6 fu nhién.

U (bumg IV.Mét s6 bdi todn xac dinh mét hinh, gﬁm hai phan: Phiin mét frinh bay viéc xdc dinh goc
phang nhi dién, sou @6 dua ra mdt sb cich nnh thé tich cda hinh 1 dign khong gap trong sdch gido khoo;
phéin hai gidi thiéu mdt s bai fodn hinh hoc 16 hop.

Sdch ddy 200 trang, khd 19 x 26,5 cm. Gid hdn Ié: 38.500 dong.
e - TR TR B . e

e 44D DE THI TOAN CHON LOC
‘ TRUNG HOC CO SO (2005-2008)

43 ki Sch tuyén chon 45 dé thi chon loc ctip THCS 1 ném 2005 den 2008 cwa cic
Gie raunc Hoc co s tinh, thanh pho d phong trdo hoc todn 161. N6i dung cudn sch gom ba phan:
« Phan mét: Gisi thiéu cdc dang todn co'bdn thudng gdp.
® Phén hai: 45 Dé thi (gdm cdc dé thi vio lép 10 va dé thi chon hac sinh gioi lép 9).
- @ Phan ba: Hudng ddn gidi cdc dé thi.
: “oowe Sich ddy 180 trang, khd 17x 24cm. Gid ban Ié: 29.500 dang.

Céc ban ¢é thé mua céc &n phém trén tai tda soan THTT, cic so sé buu dién, cée Cang ti Sach
- Thiét bi fruéng hoc & céic dia phuong, céc ca hang such ca NXB Gido dyc. Céac don vi mua

nhiéu xin gui phi€u d&t mua séch (c6 ki 18n déng déu) vé tda soan theo dia chi:

TAP CHi TOAN HOC VA TUOI TRE, 187B GIANG VO, HA NOI.

D& biét them chi tiét xin lign hé véi Téa soan:

BT - FAX: 04.5121606. Email: tupchl!ounhoc_tuoifre@yahoo.com.vn

https://tieulun.hopto.org





