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HOAT DONG ¢UA TAP ¢Hi TOAN HOC & TUOI TRE
% THTT vdi ngdy Bdo chi Cach mang Viét Nam

ang 20.6.2008 tai Hai truéng B Nha xudt ban
S Gido dyc tai Ha N&i, Toa sogn Tap chi THTT da

16 chirc ki niém 83 nam ngary Bao chi Cach mang
Vigt Nam két hop véi hop Hai déng bign tap ndm
2008. Dan dy ¢6 GS. TSKH Nguyédn Cénh Todn,
nguyén Téng bién t&p Tap chi THTT; GS. TSKH Ngé
Viét Trung, Vién trudng Vién Toan hoc Viét Nam;
GS. TSKH Nguyén Vén Méu, Phé Chu tich Hai Toén
hoc Vit Nam, Cho tich Héi Todn hoc Ha Nai; TS Trén
Binh Chéu, Giém déc Dy én THCS, B Gido dyc véa Do
tao. Vé phia Nha xuét ban Gide duc ¢ PGS. TS Phan
Dodin Thoai, Phé Téng bién téap NXBGD kiém Téng bién
tap Tap chi THTT; Ong L& Tri To, Chéanh Van pheng
NXBGD; Th.S Vi Kim Thuy, Phé Téng bién tap Tap chi
Todn Tudi tho; Ba Phan Thi Thuan, Phé Truéng phong
QLXB-TTTT NXBGD; Ban Giam déc Céng ti C& phén In
Dién Héng; Dai dign Céng ti Phat héanh Béo chi Trung
vong; Céc Oy vién Hai dong bién tép, cac céng tac vién

than thiét coa Tap chi vé todan thé can bé Toa soan. TS
Pham Thi Bach Ngoc, Phé Téng bién tap da béo cdo tong
két hoat déng cla Tap chi trong ném vira qua va séu
thang déu nam 2008. Tiép dé lé cée y kién phdt bigu coa
GS. TSKH Nguyén Cénh Toén, GS. TSKH Nguyn Vian Mau,
GS. TSKH. Ngé Viét Trung, PGS. TSKH Vi Binh Héa,
Th.S Nguyén Anh Diing... xoay quanh viée cdi tién vé ndi
dung v hinh thie tap chi sao cho phithop finh hinh méi.

Budi toa dam ket thoc trong khéng khi vuivé, damam
cua nhing thé hé viét béo, doc béo va xay dyng t&
Tap chiToan hoc & Tuditré.

Nhan dip néry THTT xin chén thanh cém on cac don vi
Nha xuét ban Gido dyc, Céng ti phat hanh Béo chi
Trung vong, Céng ti c& phdn in Dién Héng, Céng ti
C& phén in SGK tai TP. Ha Nai, NXB Gido dyc fai TP.
H& Chi Minh, Tap chi Toan Tusi The da gui léng hoa
va thigp chic ming dén tap chi.

& THTT véi Hoi nghi Tap hudn gido vién cot cdn tai Hai Phong

rang ctc ngay tir 3 dén 9.7.2008 tgi Thi xa D6 Son, Hai Phang,

Ba Gido duc va Dao too da td chic Hai nghi Tap hudn gido

vian ¢dt can thye hign chuong trinh SGK 1op 12 THPT nam hoc
2008-2009 chomédn Todn vi mén Tigng Anh cio 32 tinh, thanh phd phia Béc.
Nhén dip néy, dodn can b3 Tap chi Todn hoc & Tudi tré da tang tap chi s 372-
thing & nam 2008 (cd béi gioi thigu SGK Gii Tich 12 méi) cho cdc gio vien
Totin tham dytdp hudn, déng théi 18 chix budi froo doi vai cac fac gia vigt SO,
cac cfn b cla Sé Gido duc- Do oo va cic gido vién cdt can man Todn véngidung
viyphuong hung hoot dng cla fop chi rong finh hinh méi. Cac gia vién Todn 1t
wui ming dén nhdn coc dn phdm cda Top chi Totn hoc & Tuditré da xudt b trong
hé gian qua vt mong raing trong thi gion 161 1ap chi 52 cd nhigu dai mai, co
nhiéu dn phdm hoy phyc v rding i hon cho cac ban doc trong & nutr.
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TRUNG HOC CO SO

nay ai cling biét. Nhung cang hoc 1én, dac

biét 1a khi thiét lap dugc cac céng thic
Iien hé gilra cac ham s6 lugng giac, ngu’m hoc
cam thay Luang giac nhu mot bé phan cla Ela!
s6 (va Giai tich). Céc dang toan co ban cla
Lu‘ong giac hoan toan maét di hinh anh déc tru’ng
clia Hinh hoc phang, vén 1a cdi nguén clia
ching. Hon nia, chung ta clu'cmg nhu chi thdy
vai trd quan trong cla viéc sl dung cong cu
luang giac dé giai cac bai toan hinh hoc, ma it
thdy vai trd clia hinh hoc trong viéc giai cac bai
toan lugng gidc. Dudi day, ching ta vdi hanh
trang la cac bai toan lugng gidc sé tro vé
"Thanh dia Hinh hoc phang Euclide”. Mat cudc
tré vé ngudh kha th vi, vi cac ban sé thay mot
loat bai toan lugng giac khéng don gian c?m:sc
giai bang cong cu chinh 1a céac kién thirc hinh
hoc phang véi mét kién thic lugng gla-: duy
nhat: Bjnh nghia ham s6 lugng gidc cla céc
goc nhon.

L ugng giac ¢6 ngudn gdc tir Hinh hoc, diéu

1. Tinh gia tri ham s6 lugng gidc cia mot
s0 goc gan dac biét

Khi méi ti€p xic véi mon Lugng gidc, cdc
ban da biét cdch tinh him s6 lugng gidc cua
cac goc nhon dic biét nhu 30°, 45°, 60°, ...
V6i nhimg gdéc co moi lién quan véi cic gée do
(chiing han: 15° = 45° - 30°; 18°=90°:5: ...),
ta tam goi 1a géc gan ddc biét.

w2 Bai toan 1. a) Tinh sin 18°.

b) Chitng minh dang thitc cos36°. cos72° =

va 36° =
Dung tam gidic ABC c¢6 AB = AC =
BAC = 36°. Khi d6 ABC = ACB = 72°. Dung

Lai giai. a) Nhdn xét. 18° = 3? ik

IJ vil

RS HUONG UE um P
"T Wik ditHank b phiig Eclicle”

LE QUGC HAN
(GV DH Vinh, Nghé An)
duong phan gidc BM cua tam giac ABC. Khi
do ABCM can tai B (do BMC= ABM + BAM
= 36° +36° = 72° = BCA, 4
tir 46 BM = BC = a (h. 1).

Hon nita AABM cén tai M, ;
K L

vi c6 ABM=BAM = 36° b M
nén AM = BM = a.

Vi BM la phan giiac trong

cia AABC nén B N
AM _ BA e Hinh [
MC ~ BC b—-a a
suy ra ﬁ:'f‘({b—bz:ﬂ, tir dd Ez\u":)—]‘

b 2

Ké AH L BC, khi dé BH = HC = % va BAH

\.IS—I

AB ZE? 4

= HA("— 18° nén sinl8° = BH i
b) Ké MK 1 AB, khi do AK = KB = g nén

MK _ b
AM 2a

c0s36° = cos fc_fsz:f =

Mat khic cos72° = BH e

AB  2b

nén cos36®. cos72° = i A0 l

2a 26 4
Chid y rang néu chi st dung kién thic luong
gidc thi lon giai coa bai todn trén cling khong
don gian chiit nio.

3 TOAN HQC
86 373 (7-2008) ' CTusitre 1
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w9 Bai toan 2. Tinh tan15°.

A K D Loi giai. Ta sit dung
4 bai todn quen thudc

sau day: "Trong hinh

viiong  ABCD  canh

bing a lav diém M sao
che MBC=MCB= 15°.
7 Khi dé tam gicic ADM

la tam gidc déu".

Goi H va K thi t 1a
trung diém AD va BC
(h. 2). Khi d6 HK di qua M, HK = AB = a va
MH | BC nén

Hinh 2

5 e M
tanl5° = tan MBH =— (1)
BH
Vi AAMD la tam gidc déu canh a va MK la
a3
dudng cao nén MK = . Do dé
2
[ a2-3
=R = - 2 o B
2 2

Ta lai c6 BH = HC :t—; nén thay vao (1) ta cé

tanl3°=2-+3.0
2. Chitng minh bit ding thirc va dang thiic
luong giace
WBai toan 3. Cho x va v la hai géc nhon
thod man diéu kién x + y = 30°. Clitng minh
hdt dang thite
cotx + coty 2 2{2+~Jr3].

Lot gidi. Dyng tam giac ABC ¢é CAB=x,
CBA = Vv vaAB =atuy y.

Goi M 1a diém chinh
gilta cua cung ACB.
Khi d6 ACB = 150°
(vi x+y=30°va
AMB = ACB = 150°,
suy ra

MAB =MBA = 15°
(h. 3).

Hinh 3

TOAN HOC ,
2 *Clusilrée S5 373 (7-2008)

Goi H va K thir tr la chan cdc dudng vudng
géc ha tir € va M xudéng AB. Khi do

CH < MK = AK.tanl5° = g(z-ﬁ} (xem
két qua bai toan 2).

Lai ¢c6 AH = CH cotx, HB = CH.coty nén

AH + HB = CH. (cotx + coty)

< MK(cotx + coty)

EJ (2— \.-'E}

=a< (cotx + coty). Suy ra

48]

coLy + coty 2 ’1{2'—\4"3).
Ping thic xay ra khi va chi khi x=y=15°.0

Chii v 1) Tir bai todn 3 ¢6 thé suy ra két qua
nhu sau:

Néu x va y la hai géc nhon thay doi nhung
luén thoda min diéu kién x + vy = 30° thi gid tri
nho nhédt ctia biéu thic cotxr + coty bang
2(2++/3) khix=y=15

2) Tong quat, Néu x, v 14 hai géc nhon thay
déi nhung luén luén thoa min diéu kién
X+ v = a, trong dé « la géc nhon cho trude

: S 4 e a
thi cotr + coty dat gid tri nho nhat la 2cot =
. a
khix=y=—.
s

3. Ching minh mét s6 hé thic trong
tam giac

Trude hét, ta dua vao mot khai niém mdi so

vdi sdch gido khoa toan THCS hién hanh.

Cho tam gide ABC. Pwong tron tiép xiic vor
mot canh ctia tam gidc va hai canh kia kéo
dai dioc goi la diong trén bang 1iép ciia tam
gidc. Nhu vay, mot tam gidc ABC co ba
dudng tron bang tiép ung voi ba goc 4, B, €
cla tam gide do. Xét dudng tron bang tiép goc
A. Tam I, cha dudng tron nay la giao diém
ciia dudng phan gidc trong cua géc BAC va
hai dudmg phan gidc ngoai cla cdc goc ABC
vi ACB cia tam gidc ABC. Goi H, E, F theo
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thit tu 1A chan duong vuong goc ha tir /, xuéng  Tuong tu
BC. AB. AC. Khi do [ H = f,r!{‘ =1F=r.1a pr=pp-ayr.r,=pp->b.
bin kinh dudng tron bang tiép goc A (h. 4).

Do do
rr, ., =pl(p-a)+(p-b)+(p-c)).
=p3p-(a+b+c)=p (1)
Lai co

LT e o e
A

A ik B : tdnB (:‘ ]( ."I
= p.tan—.p.tan—+ p.tan—. .taﬂ—'""P.lﬂ.] —. plan—

5 A B e P
= p- tanE.Lan—i+tan?tan?+tan+atan— (2)

AR S
Hinh 4 Tir (1) va (2) ta da gidi duoc bai todn sau.
DiatAB=c,CA=bBC=avalp=a+b+c.
Tecb AEL AP =48 & BE 4 AC 4 CF OBai toan 4. Chiing minh rang trong tam

gide ABC ta cd hé thiic
=BC+AC+AB=a+b+c ¥

A e S
Do d6 AE = AF = p. tan ?E‘ .I':II'IE-P tdnE .[dﬂ—_z'—+ tan—z—— .tan; = 1.
Trong tam gidc vuong AEI, co i :
BAI TAP REN LUYEN
e =142 =T rens = ptan
an —=—— =— nén r, = ptan—. . .
A e e 1. a) Tinh sin15° va cos15°

B C b) Chitng minh rang tan36°.tan72° = J5.
Tuong tu ¢6 ry, = ptan P i pl;m?.

2. Cho a va f 14 hai géc nhon thea mén dicu
Goi § la dién tich tam gidc ABC. Theo cong kién a+ =45°

thic Heroncd S = p(p—alp—-b)p-c). a) Chimg minh hé thic
Mat khic § = Saare + Saar = Sag,c NéN tane + tanf + tanetanf = 1.

28=hr +oF —Aar, =B+t —alx b ing pih RTE A R

: L T
=(a+b+c-2a)r,=(2p-2a).r,. B e v ik

F- £ 3. Chiing minh ring trong tam gidc ABC ta c6
S -Uandise cic hé thic:
A B c
) . ] col— +col— 4+ oot—
Tuong tu co : ! 2 ; -
gnreq fp=———m, = ' A B C
p-b s =cot— .cot— . cot—.
2 2 2
tir 46 r,.n, = S =p(p —c). b) cos’A + cos’B + cos’C + 2cosA.cosB.cosC = 1.

(p-—aXp-b)

. TOAN HOC
S5 575 (7-2008)  * CTugilyé 3
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L07 GIAI BE THI VAD. LOP 10 CHUYEN TRUONG BHSP TP HO CHi MINH

NABT HOC 20072008

Pé chung cho- céc lop chuyen Toén, Van, Phép
(D8 thi da dang'trén THTT s6 372, rbang 6 ndm 2008)

Caul. 1) Taco
Jx(16-vx)-(+2vx ) (x +2)
(Vx+2)(Vx-2)

A=

2) Ta ¢6 a.c = -2.13 = =26 < 0 nén phuong

trinh ¢6 hai nghiém phan biét x| ; x,.
Theo hé thire Viete ta co

I
X +X=—— ) XXy=——o.
i 9 5

Tiu do
4x%+?x1x3 +4.\'-§

I.S‘:_'—
BTF.\': +3x .\'E‘ 3xpx (2 +x0)
Can2. NTXD: R

Bang gia 1

_ A% +X: ) X%

TOAN HOC

v

4 *clusilre S6 373 (7-2008)

2) Ta ¢6 PT hoanh do giao diém cta (D) va (P)
la %_- =m(x+1) hay ¥ = 2mx—-2m=0 (¥

Ta ¢6 (D) ti€p xiic véi (P} & FT (¥) co
nghigmképo A'=0mm+2)=0

S m=-2(dom=0).

V&i m = -2 thi PT (*) ¢6 nghiém kép x = - 2,
suy ra y =2, Toa d6 ti€p diem la (-2 : 2).
Caul. Dbatx-x+1=y(y>0).PTda
cho tré thainh

13

y-—-12=0 =y - 12y-13=0

:
< yv=-1<0 (loai) hoic y = 13.
Véiv=131acor’ —-x—-12=0
& x =4 hoic x = 3.
Viay tap nghiém cua PT la {-3: 4].
DDK:x=- 1 y#3. Dat——_X i

x+1 y- 3

5X+Y=27
2X -3Y =4.
Giai hé trén ta duoe nghiém (X Y)=(5:2).

Khi dé hé PT da cho trd thanh {

e : 3
o Tt X=15,taco —=5, tim dugec x = —.
x+1 4

eTu¥Y=2tacd L5 , tim dugc y = 6.

y=3
L 5
Viay hé PT da cho c6 nghiém (x ; y) = [—E; ]
Cau 4. Goi s6 cén tim 1a n. Theo gia thiét ta
cé n=2005x+23=2007y + 32 (x,y € N).
Tir dé suy ra 2y + 9 = 2005(x — y).

(Xem tiép trang 7)
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Chuan bi
cho ki thi

16t nghiép THPT
va thi vao

Dai hoc

Pé thi Tuyén sinh dai hoc mén Todn Khoi A
nim nay sdt voi chwong trinh phr: thong. Dé
thi gom 5 ciu, moi cdu cé hai j nho: ¥y 1)
trong cic cdu déu riit co bin, 7 2) khé hon
nham phan logi trinh @6 hoc sinh. Cau kho
nhit t ‘ong. dé la cau IV 2. Sau diy la loi
giai mot 56 ciu trong dé thi va mjt so hea y
vé cidc 1o giai do.

CAU 1. Cho ham so
S i i o 5P (1)

L x+3m
véi mi la tham so thuece.
1) Khdo st sw bién thién va vé do thi ham s6
(D khim=1.

2) Tim eac gia tri cua m Je goc giita hai dwong
tiém cdn cua do thi ham so (1) bang 45°.

fm —2
x+3m

Huwdng din gidi. 2) y=mx -2+

; Falg SR o 5 e s B
Khi m-,tg va m # 0. do thi c6 tiém cin dimg

x = —3m va tiém cén xién y = mx — 2. Hai
dudng tiém can nay hop vé&i nhau mot goc
45" khi va chi khi duong tiém cén xién tao
vdi truc hoanh mot goc 45° hodc 135°,

Ta duge m = tan45° = | hodic m = tan135° = -1,

LUU Y. Hai duémg tiém cdn ding va xién tao v&i nhau
mdt goc « thi tiém cdn xién tao v6i truc hoanh goc
90" — @ hofic 90° + . Khi do hé sb goe cla tiém cén
xién la k = coter hodc k = —cota.

Ta ciing c6 thé giai cdch khac xdc dinh vecto phép tuyén

BAI LUYEN TAP. Tim 1dt cd cde gid tri ciia m dé géc
giita hai dwdng tiém cdn cua d'o thi ham s
e m+l}xz+(4m 3 x+m— bangm,

X—m

B bian

DE THI TUYEN SINH DAI HOC

KHOI A nam 2008

NGUYEN ANH DUNG

(Ha N6i)
CAU IL 1) Giai phuong trinh
I + - : =4sin(?—n—-x).
Gi% . L [ 37:] \ 4
A TR, e ey
2

Hudng ddn giii. PT da cho tuong duong voi
1— e —4sin[x i EJ :
sinx cosx 4

PK sinx # 0. cosx # 0 hay sin2x # 0.

Bién dbi PT thanh

JF51n[x+ j( +wf_sm2x)

ﬁcip .5(5 = _E A kﬂ; x= ,E 4 IJ;m;

5
_‘&‘.-_——u]-[--i-kTE
8

(ke Z).

LUU Y. Khi bién d6i PT lugng giac vé dang tich nén
luu ¥ ¢éc cong thirc sau dé nhan biét thira sd chung

5iNx +Cosx = J_sm[x+zj = xﬁcu:[r—ﬁj;
4 4
cns::—simr:»ﬁsin[z-—x] J_cos(x+4]

CAU IL 2) Gidi hé phwong trinh
! ) S
+y+xiy+xpi+xy=—
(x,yeR)
x* + y? + xy(l + 2x) =—=

Hudng diin gidgi. Hé PT tuong duong voi
5
(x2 +y)+xp(x* +y) G i

(x*+y)P +xy=—

TOAN HOC

S§ 375 (7-2008) * t!:e

https://tieulun.hopto.org



https:www.facebook. com/letrungldenmath

https:/sites. google. com/site/letrungldenmath

g | un

. : U+ uv4v=—
. ]u =x%+} e
Bt Jtacohé - :
I .

v =xy s J
. ut+y=——
[ s
Trir theo vé cua PT thir hai cho PT thir nhat, ta

duge w(u—v—1)=0, hay u=0hodcu-v-1=0.
e Vi u =0, ta duge
B
2 4y=0 X
» { V4
5 e o
Xy =- [25
f r-l l e M
AR
L - I 3
e V& u—-v-1=0,timduge u=-—, v=—-
2 2
I.r3 . L___}_}_ 253 +x-3=0 x=1
b e e 1' LT 3
e o i , iaper
\Uf— 5 2 2
Dap s6: Hé co hai nghiém (x ; y) la
o — i 1
(4[5 JE] [1;_§,J_
V4" Ve 2
a A ~ 2 t
CAU IV. 1) Tinh tich phan [ = I i * dx
5 €0s2x
Huwdng din gidi. Ta c6
: ; :
12[ ?tanx. dx-—J tan’ x 4o
jcosix —sin’x 5 cos?x(1—tan? x)
|
3 e
Pit t=tanx thi [ = j . Tirdé
'| ﬂ
-..'ﬁl.f 1
F==1t +1]d.r+—— —_— di
JR = J
10
=—— +-1n{2+ \-'E).
93 2
LUU Y. Khi tim tich phéin dang ffm dx hosc
cos 2x
fm dx , ta viét
5in 2x

cos 2x = cos? x{] — tan? .r] : sin2x=2cosx.tanx .

Sau do dua

RAi dat ' r = tanx, lic do dt =

) COS= X
chiing vé cdc tich phén co ban.

TOAN HOC
6 *clsipe S8 373 (7-2008)

CAU 1V. 2) Tim cdc gid trj cua tham sé m dé
phieong trinh sau co ding hai nghiém thuc
phdn biét

Y2x +N2x+ 246 x +2J6-x

Hirdng din giai. Dat vé trai cua PT la fix).
xe[0:6]. Tacéd

1
:.—__-___.._
AL 2.4/(2xy 2

1 (me R).

el 1

+-——— — =
3 Je—2
2 4 3
G —(_ _2#_]__, ot
2y 6-x  V2xf6-x
Nhin thay hai s6 hang cua f'(x) ludn cung

dau véi nhau nén f'(x) =026 -x=2x &
=2

Lép bang bién thién

X 0 2 s
f'(x) is 0 -
3@5+6
- A g
2.6 + 236 12 +243

ta thay PT f{x) = m c6 hai nghiém thyc phén
a e -

biét khi 26 +2J6<m<32+6.

LU'U Y. Day la bai toan khé vé (ing dung khao sat ham

s6 dé bién luin nghiém cua PT. Viée tinh dao ham va

xét ddu cua dao ham la khong don gian. Boi hoi hoc

sinh co ki nang tinh todn vimg méi gidi duge.

BAI LUYEN TAP. Bién ludn theo m so nghiém cua

phwong trinh 3x+2-myx? +3=0.

CAU Va. 2) Cho khai trién
4257 =+ ot Fa,x?,

trong do neN' va cdc hé 56 ay.a.....ay thoa

.+ n _ 4096. Tim s6
27

mdn hé thitc ag + o
lin nhd:{ trong cdc .520 A0 s e nenlln -

Huéng dan gidi.

it fix) = (1+2x)" =ap + @x +... + @ X" thi

an

l — N I:J] i —_—
f[EJ—Z —GQ_J‘E"' 2— 4096,

suyra A= e n=12,
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12
Tir (1426 = 3.CH(22)* suy ra
K=f
rie S e R Bl ¢ 0 R

Taco

Make Nnénk<7.

oy
Tuongty —21 < k> 7.

i+
Dodéoag<ag <...< g, dy = o = .. = d)3.
Viy hé s0 16n nhat 12 ay = 28.C3, =126720.
LUU Y. Khi tim hé sé ¢6 gia tri 16n nhét khi khai trién

(ax + b)“ . ta lam nhu sau :

Tim hé s6 a. a; | . xét BPT a; < ay : hé sb 6 gia
tri 1ém nhat weonmg dng vai chi 56 & 1on nhat thoa man
BDT trén.

BAI LUYEN TAP. Tim sa hang Ién nhdt trong khai
trién ('! + \5}” biéi rang C} = e
CAU Vb. 1) Gidi phirong trinh
logy1(2x% + x~1) +log..i (2x 1)’ = 4.
Huéng din giai. DK x> iE x#1.PT dugce
bién doi thanh

logzei(x+1)+ 2log,, 1 (2x—1)-3=0.
Bat i—= lOg]_*_i(I + l) ¥ ta dl.I'UC

t=1
r+E—3=0c>r?—3r+2:0<:>-{

PT ¢6 hai nghiémx=2vax= Z-

LUU Y. Néu trong PT ¢6 s6 hang log,x) v(x) thi ta c6
didu kién tuong (mg 13 w(x) >0, w(x) 2 1, v(x) > 0

vadat ¢ = logy,y vix) lic do logy .y u(x) = l
i
BAI LUYEN TAP. Giai bat phwong trinh

8
loga, — + logg 32x > 4,
r B

X

LO1 GIAL.. (Tiép trang 4)

Dé thdy v = 998 Ia gid tri nho nhét thod man
2y + 9 : 2005. Vay s6 n nho nhit cin tim 1a
n=2007.998 + 32 = 2003018.

Cau 5.

1) Trén doan
MA ldy diém
E sao cho
ME = BM.
Dé thdy tam
gidc  MBE
déu. Suy ra
MB = EB.
Laico
MBC+CBE = CBE+EBA = 60°

= MBC=EBA ; AB=CB.

Tir d6 suy ra ABAE = ABCM (c.g.c), din dén
EA=MC.

Vay AM = ME + EA=MB + MC.

2) Ta c6 AAMB o» AABD (g.g) (vi c6 gbc
BAM chung vd AMB=ABD = 60°), do d6
AM AB = .
L2 =22 Vay AM.AD = AB® (khong déi).
AB AD

3) Ke duong kinh AF cua duong tron (O) cit
BC tai H. Dé thdy AH 1 BC. Ta cé AM la day
cung cia dudng tron (0) nén AM < AF (1)

Lai ¢6 AH L BC nén AH < AD 2)
Tir (1) va (2) suy ra MD < HF. Vay MD 16n
nhat bing HF khi va chi khi M tring F. Khi d6

DMzHFzg‘

K

sdAC ~sdBM _ sdBC —sdBM

4) Ta c6 BEM =
2 2

:Eﬂj = Wﬁ ¥

Viy goc tao bdi tia BC vai day cung BM cua
dudng tron qua ba diém K, B, M bing s6 do
goc chin cung BM ctlia dudng tron dé. Suy ra
BC la tiép tuyén cua duong tron ngoai tiép
tam gidc BKM.

NGUYEN PUC TAN
(T'P. Hé Chi Minh) gidi thi¢u.

TOAN HOC
' CTusilye 7
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PHUONG PHAP

GIXT TOAR

Sué dung tinh, chat eia cde phén ti
THUOC DOAN[0; 1], [1; 1]

NGUYEN LUU
(GV THPT chuyén Ha Tinh)

Gi bai todn cé thé ¢é nhiéu cdch gidgi khdc nhau, néu ching ta
biét khai thdc gid thiét mot cdch twong tan thi co thé tim ra
nhitng loi gidi hay. Tuy nhién véi cdc bai todn khé thi viéc tim ra duoc
mot loi gidgi hay mot phiwong phdp giai chung cho cd lép bai todn do lai

cang phiic tap. Poi vai mot sé bai todn vdi gid thiét dd cho néu ta chudn hoa cdc hién so, dua cdc bién 50
nay vé cdc bién so mdi, ldy gia (ri trong [0 5 1] hoac [-1 ; 1] thi ta nhan duoc cdc bai todn don gian hon rat
nhiéu. D€ lam duoe diéu dé chiing ta cdn mot s tinh chat co ban sau dady.
a)Neu0<x<lthix2x*2x'2.2x"nell".
b)Néu -1 <x<lthilxl 2x*2x' 2 2. 2x ke N'.

¢)Néu xi¥ +x3% + ..+xi" =Lke N',ne M* thilx;| <1, vdimoii=1,2,..,0n

. = P 1 o) ¥ . X
d) Néu xt* +x3* +..+ x3k =t** (k,n € N*,t= 0) thi ‘ -
- ']

< lLvimeii=1,2,..,n

¢) Néu -1 <x,y 1 thi cé thé dat x = sina, y = cosc

Sau day la m¢t 56 thi du minh hoa.

% Thi du 1. Cho X+v'+2" =k, k> 0 cho midc.
Tim gid tri Ion nhdt (GTLN ) ciia biéu thite

I i 1 - o 2 ',
A=k tyz+20)+—(F (-2 (z—xP+22(x-)P).

=c¢ ta dua

Bl F
S A TR

Lot giai. Dat =
bai todn vé dang

Cho at+b*+c2=1.Tim GILN cua biéu thic
A= kz{ Mm%(az(b—c)l#(c—a]l +c-’-{a—b}ﬁj.

Tir gia thiét, lién hé téi tinh chit ¢) suy ra
a<l:P<l;c*<1.Dodo

ALK (ﬂhbcﬂm—;((b—c)? He—ay Ha-by )] = k2.

VayﬂdatGTLNl“aklkhixzy=z=i-§—.I'_']

*Thidu 2. Cho a, beel0;2]lvaa+ b+ec=3.
Chiing minh rdng @+ b° + <5

TOAN HOC _
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Loi gidi. Pay 1a bai todn ¢6 thé gidi bang
nhiéu cach nhu bién déi twong dwong su dung
cic hing ding thitc, sau dé sir dung cdc bat
ding thic co ban d€ dénh gid, hodc sit dung
phuong phdp quy vé mot bién réi dung dao
ham. Sau day ta s& sir dung phuong phép da
néu dé giai.

R& rang véi gia thiét nhu trén thi ba bién a, b,
¢ déu thuoc doan [0 : 2). Ta cé thé dua ba
toan vé bai todn mdi vdi ba bién thudée doan
[<1; 1] nhu sau:
Pita=1+x.b=1+y,c=1+zthethild=l,
WM<l,lzl<lvax+yt+z=0 (*)

Tacod + b+ =1 +xF + (1 +y + (1 +2)

=34 2x+y+)+ P+ P+ 2=3+2 4y 42

Bai todn trén tro thanh:

Chitng minh rdng voi cac diéu kién (*) thi
P+y+2<2.

Vai trod céc $6 X, ¥, z nhu nhau nén c6 the gia
thist -1 <x<y=<z=l.

https://tieulun.hopto.org



=0 81|

https:'www. facebool. com/letrungldenmath

hittps:/sites.google. com/site/letrunglidenmath

VixX +y + 22 <ld+ Iyl + Izl (1) nén khi xét
diu cia x, v, z chi c6 thé xay ra cic truong
hop sau:

1) =1 <x <y <:z<0. The thi
l+lyl+lzl=—(x+y+2)=0

N-1<x<y<0<z<1 Théthi
kl++ld=—x-y+z==(x+y+2)+2z

=Jze ).

3)—-1<x<0<y<z=1l Théthi

el+yl+ld=—x+y+z=-2+(x+y+2)
=-=Ox =3

4)0 < x<y<z<]. Truong hop ndy khong
thé xdy ra, vi x + y + z = 0. Nhu vay ta

luon ¢6 Il + Iyl + Izl = 2, ket hop voi (1) ta
¢6 bat ding thirc cin ching minh. O
Qua viéc gidi bai todn trén ta thay vdi diéu
kién ctia cdc bién da cho thuéc cdc doan rong
hon va chifa cdc doan [0 ; 1] hoac [-1 ; 1] ta
¢6 thé chudn hoa dé dua bai toan vé xét cic

bién trén cdc doan [0 ; 1] hodc [-1: 1].

% Thi du 3. Tam gidc ABC ¢é dé dar ba canh
théa man hé thice @*% = p2008 4 2008
Chiine minh rdng tam gide ABC cd ba géc nhon.
Lai gidi. Cach [. Tir déing thic da cho va dé ¥
dén tinh chat d) ta c6 ngay cdch giai:

Tir q2008 = p2008 4 22008 gyy rag>bvaa>c.

b ¢
Suyra 0<—<1; 0<—<l.
[4) o

Hé thiic di cho & dé bai tuong duong vdi

[b ]EH-IJE [C‘ ]EUUS [h]j [C]2
P=|— +| = <|=| +|—] -
d ; a a a

Tir dé cé b* + ¢ < @*. Tu dinh Ii ¢ésin cho
AABC ta thiy cosA > 0 nén géc A nhon.

Vi a 14 canh 16n nhat nén A la géc 16n nhat,
suy ra dpcm.

Cach 2. Sir dung nhi thitc Newton. Bién doi
2008 _

@008 — p2008 | 2008 o

(@?)100% = (b2 +¢2)'0% — M v6i M > 0.

Tudésuyraa’<b*+c.0

Str dung cdc phuong phap gidi trén ta c6 the
giai bii todn tong quat hon:

Tam gide ABC ¢6é dé dai ba canh théa man hé
thitc a" =b"+¢", ne N, n=>3. Chimg minh
rdng tam gidac ABC c6 ba géc nhon.

% Thi du 4. Chitng minh rdng

T e iy a0 e =
_---\-;:.'”_nh-;ﬂr):r..f.I_H,..[.nr.uu 5-"3[%,'”_4(.3 4+ 008 4 20008

véimoia, b, c e R.

Loi giai. bay la mot bai toan hay vé ching
minh bét ding thic. Néu dé ¥ tdi 1ong céc lay
thira déng bac dudi ddu can lam ta lién tudng
ngay dén tinh chét ¢), d) da ntu o trén. Tu do
ta co cach giai sau:

Pat w[]nJ(FEUGE+b"[J[]E+( 2008 = ¢ > () (1)

o Néut=0thia=b=c=0, xay ra ding thic
dung.

e Néuis>0thith(l)tacd

2008 2008 2008
/ Lt t
a

1;, l
Suyra |—|£1;
¢ I

HRIRSRC R R

Hﬂ.‘j" a2‘009 o bZDG‘? +CEO{W < {20’09

<1; <1 vacd

s 20 200 20 200 200 2008 8y 08 (7]
Ta ¢6 thé dua ra bai todn tong quédt hon:

Chiing minh bdt dang thite

2t gt 4ot 4 4ot < 3ﬁcrﬁﬁ'+c§*+...+a§"
voimoik,ne N*, qieR,i=1,2,..,n
% Thi du 5. Gidi hé phicong trinh

(%342 =27

& ; 3

|x*+y*=81.

Loi giai. Pat x = 3x;; y = 3y,, hé trén c6 dang
x +y7 =1

o
xi +y =1.

TOAN HOC
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Tir PT thit hai ctia hé suy ra

Xt £l i <l= nlLl; | <l £l
Mat khdc tir PT thit nhét cha hé ta cé:
xi=1-y). Kéthopvéi (*) suyra0<x, <1,
twong tu 0 <y, < 1. Tiép tuc trir theo vé clia
hai PT cho nhau ta ¢ x'(1—-x)+y}(1-»)=0.
Suyrax,=0;y,=1hoicx, =1; y,=0.

Tir do6 hé da cho ¢6 céc nghiém (x; y) 1a (0 ; 3)
va(3;0).0

R& rang diy la hé doi xing loai I, néu giai
bing phuong phip thong thudng, sit dung
dinh Ii Viéte thi kha phc tap.

Véi cdc giai trén ta c6 thé dua ra bdi fodn
téng qudt hon:
Giai hé phitong trinh

ke N, a#0 cho trudc,

% Thi du 6. Trong cdc nghiém ciia hé

x?4y2=9
22+ =16
xt+yzz12

tim nghiém sao cho 16ng x + z dat gid tri
Idn nhdt.

Lot gidi. Tu hai PT ddu cla hé, vi c6 téng cic
binh phuong lam cho ta nghi dén viéc chuan
hoa dua bai todn vé xét cdc bién trén doan
[0;1];[-1;1]. H¢ da cho tuong duong véi hé

A e ¥ : 'S
bat —=sina; = =cosa; —=s5inf; —=cosf.
3 3 4 4

TOAN HOC
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Thay vao bat phuong trinh thit ba clha hé
ta co

sing .cosff + cosasinf = 1, hay sin(a + ) = 1.
Tir d6 suy ra
sinfe+ fl=1 o a+ f= %+2ftﬂ,k€ Z.

Mat khéac x + z = 3sina + 4sinf

3sina + 45in(-;- -+ ERnJ

3sina +4cosa <+/3? + 4 sin(a + @) < 5.

i

: 3
Véy x + z dat GTLN bang 5 khi tana "

Lh | L

khi do cose =i—§— , sin =1

Tir dé ta nhan dugc

012 16 1Z
X;yizit)=|—i—;—:— | hoic
izt [5 g SJ %

L SO . e | TR
x;yszi)=|——;——;——;——1|. O
i ) { S S 5]
Bai todn trén c6 thé giai tryc ti€p béng cich sir
dung bat ding thitc Bunyakovski.

BAI TAP PE NGHI
1. Giai hé phuong trinh

¥ -3x=3y' -3y

2008 4 2008 — |

2.Choa,b,c>0via+b+c=3 Tim GTLN
clia biéu thitc

Q =6(ab + bc + ca) + alb — ¢)* + b(c - a)*

+ cla - b)Y

3.Choa+b+c=0vaa, b, ce[-1;1]. Tim
GTLN cia biéu thic

P =a24)!:4 + l'l}?\.("]ﬁ + r_2|:':|2{
4. Cho x va y Ia hai s6 thay doi thoa man
X +y* =4, Tim GTNN cia biéu thiic

K =x\f2+y+yxf2+x.

5.Chox,y,ze[0;1]vax+y+z22 Tim
GTNN cuia biéu thiic

S=(1+x)1+y)(1+2).

https://tieulun.hopto.org
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T rong hinh hoc giai tich ching ta da xdy
dung dwoc cong thire tinh khodng cdch
tir mét diém dén mot dwong .Ehang hodc mot
mdt phang ... Trong bai viét nay chung t0i da
ra dinh nghia vé khoang cdch tong qudt hon
— dé la khodng cdch giita hai tdp hop diém
(goi la hinh), dong thoi néu ra mgt cdch tinh
khoang cach gitta ching.

I. Khoang cich tir mét diém dén mot hinh
Trén mat phﬁng ta n6i do dai AT la khoang
cach tir diem A dén hinh (H) (hinh (H) dugc
x€t & bai bdo nay la cac hinh hinh hoc dang
quen thude nhu elip, parabol, hyperbol) néu
T e(H) vaAT<AM voi moi M e (H). Ki
hicu lad ((H)=AT .

< Nhin xét 1.
* Néu diém A thude hinh (H) thi d,(H)= 0.

* Néu co dLI‘UnE thing A thoa man hai tinh chit:

i)Ava (H] nam khéc phia so voi A ;
i) A tiép xuc voi (H) tai diém T ma AT LA
thi d (H)=AT.

* Thi du 1. Cho hsnh(m={(x; y)|f}+y25|}

va diem A(0 ; -2). Hay tinh khoang cdch fir
diem A den hinh (H).

Loi gigi. (h. 1).

m D& thiy. A khong
Lo R thude (F), bién ciia
Tr; : (H) la elip (E) co

a'.\ 3
| PI: %—I—JJ:L (E)
> nhan duong y = -1
Hinh 1 lam tiép tuyena

TiNH KHOANG CACH

BUI TUAN NGOC - DANG XUAN SON
(GV THPT NK Tréin Phti, Hi Phong)

tai tiép diém T(0 ; —1). A va (H) nam khac phia
sovéi AvaA LAT . Viy d(H)=AT=1.0

* Thi dy 2. Cho hinh (H) = {(x:y)|y2x?}

va diém A(3 ; 0). Tinh khodng cdch tir diém A
dén hinh (H).

Loi gidgi. (h. 2).
DE thiy, A4
khéng thude
hinh (H). bién
g (Hy ol
parabol (P) coé
P =

Tiép tuyén A vai
(P) tai T(a:a®)
cd hé sb goc la

Hinh 2

2a. Vecto phap tuyén cua (P) tai T'la n=(2a:-1),
n cing phuong véi AT =(a-3 ;a*) néu;
2a -1

= = 283 +a-3=0<a=1 nén T(1;1).
a3 a?

Do d6, d,(H)=AT=+5.0

I1. Khoang cach giira hai hinh

Cho hai hinh (H) va (I, ta n6i do dai AT
(A e (H), T € (H") la khoang cach giita hai
hinh (F) va (FI) néu MN < AT, v&i moi M € (H).
N e (H) . Ki hidu la d((H), (H)) = AT

<Nhgn xét 2. Dé tim khoang cach gifra hai
hinh (H) va (H') (trong d6 (H) hodc (H) la
cic duong cong béc hai quen thugc, ta tim
tiép tuyén véi hinh nay sao cho nd gén hinh

; TOAN HOC
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kia nhit. Tiép tuyén :?'ly phan chia mit ph"‘mv
thanh hai phan ma moi hinh dang xét nam vé
hai phan khac nhau cua tiép tuyén do.

% Thi du 3. Cho (P): y=x'va dwdng thing
(N: y=4dx-1. Tinh khoang cdch tir () t6i (P).

Loi gidi. (h. 3).
Dé thidy. () FA
khong cat (P). \ L /
Goi A la I T i P
duong  thing /f’; /
song song Voi N AT e

() va tiep xtlc f/ j,f"

vai (P). Khi do Vi

hé s6 goc cua
AldAk=4va Hinh 3

ticp diém T ¢6

hoénh do thoa man: 2x = 4, suy ra T'(2: 4). Khoang

cach can tim 1a d((N.(P)=d; (D= m

v17

* Thi dy 4. Cho dudng elip (E) co phwong

2 2

trinh i—+%:l va hai dwéng thing
(a): 2x+y~1=0 va (b): 2x+y+6=0.
Tinh khodng cdch gifta dwong thang (a) va

(E); giita dwong thang (b) va (E).

Lai giii, ( h. 4).

[ e~ P Tlt‘p tuyen vai (£
A e S T - S song voi (a)
—____7(F) la dudng thing A
— i co dang:
0 T x+y+e=0,
; Diéu kién can va du
Hinh 4

dé A tiép xic voi
§ (F)lad44 +9=

e>e=15, ta dwge hai  dudng thang.
A:2x+y-5=0 va A2x+y+3=0, cling tiép
xiic vai (E). D& thdy, (¢) ndm gitra A va A' nén
d((a).(E))=0, con A' nam gitta b vd A nén

(B (B =ds (A=
i)

* Thi du 5
() c6 phirong trinh y=x*+x* 16i duong (1)

. Tim khoang edch tir dwong cong

co phiong trinh y = 6x - 5,

TOAN HOC
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Loi gidi. Tiép tuyén vai (C) song song voi (h
la duong thing A c6 hé sé goc k = 6, do do
tiép diém c6 hoanh dé la nghiém cta PT:

4x3 +2x—6=0 2(x-D(2x% +2x+3)=0

<=x=1.Dodé Acé PT dang:
y=6(x-1)+2=6x—4.

Ta chimg minh dugc x*+x*26x-4>6x-

v6i moi x, do d6 A chia mat phan}, thanh ha:
phin ma (C) va () nam vé hai nira mt phang bo

& A. Nhir vay, d(). (C) = () = . O
V37

*Thi du 6. Tim khoang cach giita hai

parabol (P): y=x2 va (C): y=-x?+12x-36.

Lai gidi. (h. 5).
Ta thay (P) va (O) \ V4

4 Al
khéng cat nhau, Py \ /
ticp luan vii (P) N MIE -

\-._.-'.’; -“""‘-..‘_ : ,‘;’_.\
tai M (a:a-) la A / o
cO vecto phap tuyen / A (©)
s -. & ff \ ;rf_-'r LY
la m =(2a:-1). tiep /
tuyén voi (C) tai A

Hinh 3

N(bh:-b*+12h-36) la

A’ ¢6 vecto phap tuyen la m=(—2b+12:—1). Poan
MN la ngan nhat néu A/A' va vuéng géc voi MN.

* A va A" song song voi nhau khi va chi
khi2a=-2b+12.

* MN va m, ciung phuong khi va chi khi
206 = J(b=hy *)
-2b+12 —1

Vi MN = (b—a:—(b-6Y—a?). giai PT (¥)

duoc nghiém b =35 . suy ra MN=52.0

® Thi du 7. Tim hai diém trén moi nhdnh do

1
thi (C) c6 phwong frinh y=x+— sao cho

. e
khoang cdach gitta hai diém do la nho nhat.
e o I ( | o
Loi gidi. Lay M|a;a+— | NLFJ :h+_g vii
a

ab<0 thi ching khong cing thudc mot
nhanh cta (C ). Tiép tuyén vai (C) tai M, N

twong tng la A, A' lan lugt c6 vecto phap e~

https://tieulun.hopto.org
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Gt e e

T CAU HOIL. (cua ban Ha Van Toan, 12G,
THPT Mai Anh Tuan, Nga Son, Thanh Hoa)
Bai toan.Tim hai diém A va B thic tw ndm
trén hai do thi ham so y = x~ + 8x + 13 (C})
va y = -3x" + 8x — 9 ((3) sao cho khoang
cdach AB la ngdn nhat.

Dang todn niy trong SGK chua dé cap dén,
em loay hoay mii chua biét cich giai nhu thé
nao ? Em mong toa soan giai dap gihp.

¢ TRA LOL

Do Ae{("l ), B €(C3) nén lr:hun;D cd toa do
A(a:a +8a+13), B(b; -3b* + 8h - 9). Flep
[uycn vai (Cy)tai A 12 d ¢6 vecto phdp tuyen

n =2a+8; —1). Tiép tuyén v6i (Cy) tai B
la & ¢o vecto phap tuyén E= (-6b+8; -1).

Doan thing AB la ngin nhat khi va chi khi
dild va AB L d, dan dén HPT

a=-3

- —
—6b+8 1 y Ty

b-a -3b°—a*+8b—8a-22

2a+8=-6b+8 {

Tim duge A(-3:
cach AB1a 2+4/5.

Ban ¢6 thé tham khao thém bai viét Tink khoang
cach giita hai  hinh trong muc “khoang cach gilta
hai parabol” & ciing s0 bao nay.

- 2y va B(l; — 4). Khoang

> TRA LOI CAL (Dé bai toan
dang ¢ s6 372)

Chon 2 banh xép vao hdp thir nhit, cd
C% cach. Véi mdi cach chon banh vao hp

HOI 2.

thir nhit. ¢6 C2 cach chon 2 banh vao hop
thir hai.Trir 4 banh da chon, ¢c6 C§cach chon
2 banh vao hdp thir ba. Trir 6 banh da chon,
co C% cach chon banh vao hdp thir tu. Trir 8
banh di chon, ¢d Cj cach chon banh vao hdp
thir nam. Trir 10 banh da chon, ¢ C3 céch
chon banh vao hop thir sau. Vi cac hop banh
gmng nhau nén khong ccm phin bigt thi tr
gitta cdc hdp, do dé mdi cach xép nhu lap
lufin trén da duoc lap lai 6! 1an.Vi vay sé co
écﬁcﬁu(ﬁgcg(&c%:lﬂ}% céch xép 12 banh

khac nhau vao 6 hop gidng nhau.

Hai céch giai ciia bai toan ban Yén néu ra déu sai.
Tuyén duong ban Phan Bd Lde, khoa 2006-2009,
THPT Hermann Gmeiner, Vinh, Nghé An da co dap
an ding,

THIT

G ) el
tuyen la m =[1—}—,—]], nz-[lub—z,_]]_

Poan MN ngén nhét néu A, A' song song voi
nhau va MN,n ciing phuong.

- =1-—l-:‘»a=—b
a’ b?

g —a—l] : w=(2a;23+g}
a a

*) MN vi m cing phuong khi va chi khi

(vi ab <0), N(

1
2a —2(a+“}@a ;
ok, \F
az

3 1
Vay M, N can tim ¢6 hoanh dg l1a +—. 0
dy i

Nhan déy ching t6i xin dwa ra mot sd bai tap
cung cau hoi mo dé ban doc tham khao thém.
BAI TAP

. g aom
1. Tim khoang cach tir hyperbol (H): e =1
Zx-1.
2. Tim khoéng céch gilia hai nhanh cta db thi

tai dudng thang (d) cé phuong trinh y =

1_

coPT: y=

x=2
3. Dua thi du tinh khoang cach tir mdt diém
nam trong elip (£) t&i (£).
4. Dua thi du tinh khoang cach tir mot diém
nam trong parabol (P) tdi (P).
5. Pua thi du tinh khoang cach tir mot diém
dén @6 thi ham da thirc béc ba.
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I. GIOI THIEU SACH GIAO KHOA HINH
HOC 12 NANG CAO

Can ci vao Chuong trinh cuon SGK  Hinh
hoc 12 nang cao bao gom 3 chuong sau day.

Chirong 1. Khoi da dién va thé tich ciia chiing
§1. Khdi niém ve khai da dién

§2. Phép ddi xitng qua mit phing va sy bang
nhau cua cic khoi da dién

§3. Phép vi tu va su dong dang ctia khoi da dién
§4. Thé tich cna khéi da dién

Chutong 11. Mdr cau, mdt tru, mdt nén
§1. Mat cdu, khéi cau

§2. Khdi niém vé mét tron xoay

§3. Mit tru, hinh tru va khéi tru

§4. Mat nén, hinh nén va khéi nén

Chueong IT . Phuong phdp toa dé trong khing gian
§1. He toa do trong khong gian

§2. Phuong trinh mat phang

§3. Phuong trinh duding thang

IL. YEU CAU VA MUC PO

1. Yéu cau va mirc do kién thirc

Céc kién thirc dua vao chuong trinh Hinh hoc
12 Nang cao khd nhiéu v moét s6 van dé kha
phiic tap vé mat li thuyét. Nhung tinh thin cla
chuong trinh chi nham gidi thiéu cdc khai
niém 1a chit yéu, bd qua cic chimg minh té
nhi va phiic tap. Sau day xin néu mot so vi du:

% Vé khoi da dién : Trong doi séng hang
ngay hoc sinh thuéng gap cdc khoi da di¢n,
véi mudn hinh muén vé khic nhau. C6 thé mo
ta mot cach dé hiéu: “Khéi da dién la mot
phdn khéng gian dugc gici han béi mér s6 da
gide phdng”. Tuy nhién do khong phéi la

TOAN HOC
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VAN NHU CUONG
(Chu bién Hinh hoc 12 néng cao)

mot dinh nghid, boi vi khai niém “gior han
bdi ...” chua duge dinh nghia. SGK khong thé
dua ra rnc_)t dinh nghia chinh xdc khdi niém
hinh da dién va nhét la khoi da dién, vi qua
phuc tap. Bai vay, khi hoc xong chuong nay
chiing ta khong thé doi hoi hoc sinh phai tra
11 cau hoi kiéu nhu: "Thé nao la hinh da
dién?" hay "Thé ndo la khéi da dién?" Yéu
cdu déi v6i hoc sinh chi 12 nhan biét, chang
han trong mot s6 cdc hinh khéi dua ra thi cdi
nao la khoi da dién, cai nao khong phai la
khoi da dién.

* Vé thé tich cdc khoi da dién: SGK cé dua
ra dinh nghia chinh xdc thé tich c4c khéi da
dién: “Thé tich cia mél khéi da dién la mot
s6 dwong théa mdn ba diéu kién: i) Hai khot
da dién bdng nhau thi cé thé tich bang nhau.
i) Mét khoi da dién duge phdn chia thanh
cdc khoi da dién nho thi thé tich cita né bdang
tong thé tich cdc khéi da dién nhe. iii) Khoi
ldp phitong ¢é canh bdng 1 thi cé thé tich
bang 1”. Dinh nghia dé khéng c6 gi khé hiéu
nhung d&i vdi cau hoi “Thé tich cd ton tai va
duy nhdt hay khéng ?” thi SGK khéng thé dé
cép dén vi qud khé déi véi hoc sinh. Muc tiéu
clia ching ta 1a hoc sinh biét duge céch tinh
thé tich cla cac khéi lang tru, khéi chop va
mot sé khéi phic tap hon. Vi du khi chia mot
khéi chop thanh hai phﬁn b&i mot mat phang
nao dé, thi ho cé thé hinh dung ra cich tinh
thé tich cia méi phén.

* Vé su bdng nhau cia cdc khéi da dién:
Khi néi vé thé tich khoi da dién ta phéi dua
ra tién dé : "Hai khoi da dién bang nhau thi
cé thé tich bang nhau”. Nhu vay phéi dinh
nghia khdi niém bdng nhau ciia hai khéi da
dién va dé 1am diéu d6 phai dua ra khai ni¢m
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vé phép doi hinh. Qua vi du vé phép doi xing
qua mat phing ta ¢6 thé dinh nghia phép doi
hinh nhu 12 mot phép bién hinh bao tén
khodng cédch, va cu6i clng ta chi yéu ciu
lam cho hoc sinh hiéu ring: Hinh H bdng
hinh H' néu cé thé thice hién lién tiép mot sé
phép doi xitng qua cdc mdt phdng dé bién
hinh H thanh hinh H'.

Lién quan dén sy bing nhau cua cdc khéi da
dién ta chi § dén ménh dé : “Cho hai khoi da
dién H va H'. Néu ¢é6 m¢t phép dot hinh f
bién tdp hop cdc dinh cia H thanh tdp hop
cdc dinh ctia H' thi f bién H thanh H’, va do
dé H bdng H’” Ménh dé dé khong diing trong
trudmg hop téng quat ma chi ding néu H va
H’ 1a nhitng kh6i da dién 16i.

2. Yéu ciu vé kha niang thue hanh

Nhu vay, vé mat li thuyét yéu ciu déi véi hoc
sinh 14 khd nhe nhang. Dé&i vdi kha nang thuc
hanh, yéu cdu cé phin cao hon. Trudc mot bai
todn dat ra, hoc sinh phdi biét duoc cic
phuong phdp cé thé tién hanh dé giai quyét,
biét lua chon mot trong cdc phuong phap va
lap ra mot chuong trinh cdc cong viéc phai
lam. Sau d6 yéu cdu hoc sinh phai c6 ki ning
thuc hién céc cong viéc cu thé da dé ra.

L4y vi du bai todn "Tim khodng cdch giita hai
ditong thdng chéo nhau d va d’ khi cho biét
plitong trinh ciia hai dwong thdang dé”. C6
nhién dé lam dugc bai todn nay, hoc sinh phai
biét khdi niém vé khoang cich giita hai duéng
théng chéo nhau cling cdc tinh chdt lién quan
da biét & 16p 11. Sau do thay gido c6 thé hudng
déin ho dé di dén mét s6 cach lam sau day:

Cdch 1. Goi (P) 1a mat phang di qua d va
song song v6i d’, thi khoang cich A can tim
bang khoang cach tir mét diém thudc d’ toi
mp(P). Vay chuong trinh 1am viéc la nhu sau:

a) Viét phuong trinh mat phing (P) di qua d
va song song vai d’.

b) Liy mot diém M ndo d6 tén 4’ va tim
khoang cdnh h tir M téi (P).

Cdch 2. Tim mot diém P trén d va diém P’
trén d’ sao cho dudng thing PP’ vudng géc

véi ca d va d roi tinh do dai doan thang PP’.
Vay chuong trinh lam viéc Ia nhu sau:

a) Tim toa do diém P trén d, phu thuoc tham s6
t, va toa do diém P’ trén d” phu thudc tham s6 £
vi r'. Viét diéu kien PP'u=0 va PP .u'=0 dé
di dén he phuong trinh bac nhit véi hai an la ¢ va
£ (u,u' thaty la vecto chi phuong clia d va d)

¢) Giai hé phuong trinh dé tim nghiém r va 1,
tie 14 tim duoc toa do diém P va P,

d) Tinh d6 dai h ctia doan thang PP’.

Cdch 3. Dung céach tinh thé tich hinh hop.
Viéc 1am cu thé nhu sau:

a) Tim toa do cic vecto chi phuong u va u'
clia hai duding thang d va d’.

b) Tim toa d6 diém M trén d, toa do diém M’
trén d’, 16i tim toa d6 cua vecto MM'.

¢) Tinh tich ¢6 huéng n={u.'| va do dii
|T{| clia né. Do dai d6 chinh 1a dién tich hinh

binh hanh dung trén hai canh OA, OA’ ma

OA=u va OA'=u'.
d) Tinh tich vé huéng a=[;, E]. MM . Khi dé
| & | 1a thé tich hinh hop dung trén ba canh OA,
OA’, 0B véi OA=u , OA'=1' vaOB=MM'.

e) Tinh khoidng cdch h theo cong thikc:
<]

h=-—.
7]
3. Doi vai hoc sinh cac 16p chuyén, 16p chon
P6i véi mot s6 hoc sinh khd gidi, chuong
trinh ¢6 thé 1a nhe vd SGK chua di siu vao
mét s6 vin dé. Theo ching toi, déi vai cic
hoc sinh d6, ¢6 thé cho cdc em tim hiéu thém
mot s6 vin dé sau diy:
1) Céc phép doi hinh va céc phép dong dang
trong khong gian.
2) Thé tich va dién tich xung quanh clia céic
khoi tron xoay.
3) Phuong trinh dudng tron trong hé toa do
Oxyz, Chum mat cau. Chum mat phang.

TOAN HOC
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CAC LOP THCS

Bai T1/373. (Lép 6) Viétcacsd 1,2, 3, .
2007 thanh day theo thir tu tuy ¥ ta ducrc so
A. Hoi s6 4 + 2008 27 + 2009 c6 phai la sb
chinh phuong khéng ?

DAO HUY TRUONG
(GV THCS Béc Binh, Ldp Thach, Vinh Phiic)

Bai T2/373. (Lép 7) Cho hai da thirc
Six) = (x = 2)°°% + (2x — 3)™7 + 2006x
\"é. g(};) : 2009 2{}07}‘_”[]3_'_ 2{}05} D{J?

Gia sur fx) sau khi khai trién va thu gon ta
tim duge tdng tit ca cdc hé sé cua né 1a .
Hay tinh s va tinh gia trj cha g(s).

NGUYEN TAN NGOC
(GV THCS Nhon My, An Nhon, Binh Dinh)
Bai T3/373. Tim nghiém nguyén duong clia
hé phuong trinh
TEplr=1I3
x*+y* + 2z =495.
NGUYEN THI HIEN
(SV Iép Y5C, DH Y Khoa, Ha Ngi)
Bai T4/373. Cho g, b, ¢ la cac sb thuc khong

im thoa mian diéu kién &> + 5+ ¢> = 1. Tim
gid tri I6n nhit cia biéu thirc

(a+b+c) +a(2bc-1)+b(2ac-1)+c(2ab-1).

NGUYEN TIEN LAM
(GV THCS Nguyén Hué, Cam L, Quang Tri)
Bai T5/373. Cho tam gidc ABC ¢6 géc BAC
khdc 90°, dudmg cao AH va trung tuyén AM.
Trén céc tia AB va AC theo thi tu ldy céc
diém E va F sao cho ME = MF = MA. Goi K

la diém ddi ximg ctia H qua M. Ching minh
rang E, M, K, F ctng thudc mét dudmng tron.

THAI NHE_&T PHUCONG
(GV THCS Nguyén Vin Troi, Cam Nghia,
Cam Ranh, Khdnh Hod)

~ TOAN HOC
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CAC LOP THPT
Bai T6/373. Giai phuong trinh

e C
Vr+xi -1 *-g-\-{_(x—])w

VI HONG PHONG
(GV THPT Tién Du 1, Tién Du, Bic Nink)

Bai T7/373. Chirng minh 'r.%m,g trong tam

giac nhon ABC ta ludn co bat dang thire

qm"A stB sin2C
i

sin ?B sin2C  sin24

TRAN QUOC HOAN
(.S‘J "K501C4, BH Cdng Nghé, DHOG Ha Nai)

ta.nA tduB tanC’
tanB !.HI'IC tdl'l.fi

Bai T8/373. Dudng trdn tdm [ ndi tiép tam
giac ABC tiép xtic v&i cic canh BC, CA, AB
lan lwot tai A| » Bi, Ci. Goi p, S, R theo tha tr
la nwra chu vi, dién tich, ban kinh dudng tron
ngoai tiép tam gidc ABC:; : pi & nura chu vi tam
gidc' 4,8,C;. Chirng minh bét ding thirc
pS
o
Diéng thirc xay ra khi nao?
NGUYEN TIEN LAM
(SV K50418S, khoa Su pham, DHOG Ha Néi)

P1

TIEN TG1 OLYMPIC TOAN
Bai T9/373. Cho tip hop khac réng A
(A c N ) théoa man diéu kién: Néu a< 4 thi
4a va [a] ciing thude A (ki hiéu [x] 1a sé
nguyén lén nhat khéng vugt qui x). Ching
minh ring 4 = N,
TRAN MINH HIEN
(GV THPT chuvén Quang Trung, Binh Phudc)

Bai T10/373. Cho a la s6 tu nhién khong
nho hon 3. Xét day so (4, )(n=1, 2, ...) ¢

; £ . U A
tinh chat #; = a va up = u,— Ii?":|+l VOl
moi n = 1, .. Chirng minh ring ton tai
ke N sao cho u, =u, voi moin=k.

NGUYEN HOANG NAM
(GV THPT K'Bang, Gia Lai)

https://tieulun.hopto.org
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Bai T11/373. Xéc dinh tit ca cic da thir
v(i hé so thue P(x), O(x) va R(x) thoa mén

didu kién P(x) = JO(x) = R(x) véi moi

50 thuc x.

NGUYEN DUY THAI SON
(GV THPT chuvén Lé Ouy Pén. Pa Ning)

Bai T12/373. Cho tir di¢n ABCD c¢o trong
tim G, ban kinh m#t cau ngoai tiép R.
Chdmng minh rang

GA+GB+GC+GD+4R 2
2
—~_(AB+AC+AD+BC+CD+DB).

4O

TRAN QUANG HUNG
(SV K4941T DH KHTN, DHQOG Ha Ni)

CAC DE VAT LI
Bai L1/373. Cho hé co hoc nhu hinh vé&.
Céc vat 1 va vat 2 ¢ cung khm lugng M,
cac vat 3 va vat 4 co cung khéi lugng m. Bo
qua moi ma sat. Khéi lugng cac rong roc
khéng dang ké. Tim gia toc ciia méi vat.

NGUYEN XUAN QUANG
(GV THPT chuyén Ha Noi - Amsterdami)

Bai L.2/373. Mt guong cau Idm ¢6 tiéu cu
S = 12 cm, anh cia vit AB hing dugc trén
man anh la 4,8, = 9mm. Néu dat gitra vit
va guong mot ban mit song song trong sudt
c6 do day e = 2cm va co chiét suat » thi phai
dich chuyén man anh di mét doan 13 cm
maoi himg duqc anh cua vt la 4,8, = 12mm.
Hay tinh chlet sudt ».

man
) u (-_:E

NGUYEN QUANG HAU
(Ha Ngi)

PROBLEMS IN THIS ISSUE

FOR LOWER SECONDARY SCHOOLS

T1/373. (For 6" grade)

Write the numbers 1, 2, 3, ..., 2007 in an
arbitrary order and let 4 be the resulting
number. Can A4 + 2008*"7 + 2009 be a
perfect square 7

T2/373. (For 7" grade)
Consider the following two polynomials:

S = (x — 2)% + (2x — 3% + 2006x
and gU"} X _'H[Jl.i' : EUU?yEDﬁg + 2005}}2(]0? )
Let s be denote the sum of all the

coefficients of f{x) (after expansion). Find s,
and the value of g(s).

T3/373. Find all positive integer solutions
of the following system of two equations
x+y+z=15
X +y +z =495

T4/373. Let a, b, ¢ be non-negative real
numbers such that &* + B>+ ¢* = 1. Find
the maximum value of the expression

(a+b+c) +a(@bc—1)+b(2ac—1)+c(2ab-1).

T5/373. Given a triangle ABC where ABC
is not a right angle. Let AH and AM denote,
respectively, the altitude and the median
throught vertex 4. Choose a point £ on the
ray AB and F on the ray AC such that ME
= MF = MA. Let X be reflection point of H
over M. Prove that the four points £, M, K,
and F lie on a single circle.

FOR UPPER SECONDARY SCHOOLS
T6/373. Solve for x

Vx+xt -1 ~£(x—1)\f_

(Xem tiép trang 27)

OAN HOC
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* Bai T1/369. Vi mdi s6 twe nhién n lom hon
6, goi A, la tdp hop cdc so tw whién nho hon n

— n g
va khong nho hon —. Hay tim n sao cho

trong A, khéng cé 56 chinh phwong nao.

Loi gidi. Gia sit 4, 1a tap hop cdc s6 thoa
man dé bai. Goi s6 chinh phuong 16n nhit ma

nho hon = 1a 72 thi theo gia thiét c6
3
m? {g{:né{m-lwl)z (1)

Vin>6néntu(l)cém=2 (2)

Lai tt (D e 2m* <n<(m+ 1),

do dé 2mt<m’ +2m + 1
hay m' <2m+ 1

suy ra m < 2m

hay m(2—m)=0.

Vi m > 2 theo (2) nén bét dang thic trén chi
xay ra khi m = 2. Thay m = 2 vao (1) cé

4<§ <n<9%suyra8<n<9.

Vay chi c¢6 thé n = 9. Thir lai thay A, = {5, 6,
7, 8} thoa man diéu kién dé bai. O

"‘{Nhén xét. 1) Mot s6 ban lap luan khong chit ché, cé
ban xét qua nhiéu trudng hop hoac khong thir lai dé
thiy ton tai tip A, nhu thé. C6 ban viét khong chudn

xdc nhu sau: g <A, <n.
2) Cdc ban sau cd léi giai ding:

Vinh Phiie: Nguyen Thi Thu Puong, Nguyén Ngin
Giang, Pham Thi Khanh Linh, Hodng Minh Phiong,

TOAN HOC
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6A1, THCS Yeén Lac; Thanh Héa: Mar Thu Plitong,
6A, THCS Ly Thudng Kiét, Hi Trung: Ha Tinh: Phan
Thi Cam Linh, Dang Thi M7 Linh, Ngo Kiéu Ngin,
Bdo Thi Phuong Thie, 6A, THCS BC Xuéin Digu, TTr.
Nghen, Can Loc.
VIET HAI

* Bai T2/369. Cho tam gidc nhon ABC c¢o
goc BAC=60°. Trén cdc canh AC va AB theo
thit tw lay cdac diem E va F sao cho
EBC=FCB=30°. Chitng minh ring

S e T
BF = FE = .F.-( = _’}'—

Loi gidi. Ta c6

ABC+ACB=120°
= ABE+ACF=60°
= FEB+EFC (1)

Tad C dung tia
vuéng goc vdi
BC, cat BE tai K, ta ¢c6 AOCK déu (vi
KOC=KCO = 60°), do d6 BO = OC = CK.
Mat khic, FEEhEEE (= 60° - ‘:I—Eﬁ') nén
AFBO = AECK (g.c.g) = BF = CE.

Bay gi¢ gia st BF = CE > FE (trudng hop
ngugc lai ching minh tuong tu). Khi dé
FEB};EEE va ﬁbﬁ,n&n f@—kgﬁb
> FBE+ECF = 60°, trai véi (1).

Viytac6é BE=CF =FE (2)
Ha BH | CF (H thuéc FC). Trong tam gidc
vuéng BCH ¢6 BCH = 30°, nén BH =%BC‘

Vi BF > BH nén BF E%BC 3)

Ding thic xay ra khi F = H <> ABC la tam
gidc deu. Tir (2) va (3) ta c6 diéu phai ching
minh. O

< Nhan xét. 1) Day I3 bai todn hay vi twong d6i khé.
Ngoai cich gidi trén day, mot s6 ban dung thém tam
gidc déu BCM (nfim trong nita mit phing bér BC, chita
A) va chiing minh AMEF déu, ciing din dén két qua
ciin ching minh . Ta con cé ket qui: diém O cich déu
ba dinh clia AABC.

https://tieulun.hopto.org
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2) Cic ban sau day co 10 gidi 6t

Ha Noi: Lé Minh Phic, TAS, THCS Giang Va, Q. Ba
Pinh; Vinh Phiie: Nguvén Thu Hiudng, Nguvén Thanh
Cong, Dao Thi Thanh Hea, D6 Thi Thu Uyén, Nguyén
Ngdn Giang, Pham Thi Khdanh Linh, 6A1, THCS Yén
Lac: Bac Ninh: Nguyén Nhe Ngoc, 6A, THCS Nguyén
Cao, Qué Va: Nghé An: Hé Khanh Duy, TA, THCS Hé
Auin Huong, Quynh Luu; Quang Ngai: Ddng Dinh
Pudng, TA, THCS Hanh Phudc, Nghia Hanh; Khinh
Hoa: Vi Ngoc Cuwong, 7', THCS Nguyén Vin Trbi,
Cam Nghia, Cam Ranh; Bac Liéu: T'rdn Quang Minh,
Nguyén Céng Ditng, Trdn ic Tin, 7/1, THCS Trin
Huynh, Tx. Bac Liéu. 3

NGUYEN XUAN BINH

* Bai T3/369. Tim bon s6 nguvén a, b, ¢, d
phdn biét trong tap hop {10 ; 21 : 37 : 51}

sao cho ab + be —ad = 637 : (1)

Loi gidi. Trong bon s6 a, b, ¢, d ¢6 ba s6 1é va
mot s6 chan. Xét cac trudng hop:

e d=10thia, b, clé = ab+ bc - 10a 12 s6
chan, mau thuln véi (1). Trudng hop nay bi loai.

ec=10thia, b,d|é = ab+ 10b - ad 14 s6
chan, méau thuén véi (1). Trudng hop nay bi loai.

e b =10 thi 10(a + ¢) — ad = 637 suy ra ad c6
tén cung la 3. Truong hop nay ciing bi loai vi
trong ba s6: 21; 37; 51 khong cé hai s6 nio
ma tich co6 tan cing la 3.

® a = 10 thi 10(b — d) = 637 — bc = bc ¢6 tin
cingla7=b,c € {21; 37; 51}.

Do be 2 21.37 =777 > 637 nén 637 — bc < 0.
Viy b<d. Suyrab € {21; 37).

- Véi b = 21 thi ¢ = 37; d = 51: khéong théa
mén (1).

—Va6ib=37thi ¢=21,d=>51 thdaman (1).

Vaiva=10,b=37,c=21,d =51 1a hiin s8
can tim. O

<(!'\i'lui_m xét. 1) Ca rit nhiéu cich khic nhau dé giai bai
nay. T4t cic ban déu tim ding két qua, tuy nhién mot
s0 ban lap Judn con dai va khong chat ché.

2) Cic ban ¢6 l&n giai ngiin gon li:

Phi Tho: Nguyén Truemg Giang, 9A2, THCS Gidy
Phong Chau, Phit Ninh; Vinh Phic: Phing Ngoc Quy,
Nguyén Thi Kim Tuyén, 9A1, Nguyén Trong Hiép,
6A1, THCS Yén Lac; Bic Ninh: Nguyén Quang Ruc,
9A, THCS Yeén Phong; Thai Binh: Nguvén Thi Lé

Dung, 9E, THCS TTr. Dong Hung; Nghé An: Vil Dink
Long, 9D, Nguyén Vin Thdng, 8B, THCS Ly Nhat
Quang, D6 Lwong, Mac Thi Mai Mai, 8A, THCS Hé
Xuan Huong, Quynh Luu; Bac Liéu: Trdn Quang
Minh, 7/1, THCS Trin Huynh, Tx. Bac Liéu.

TRAN HOU NAM

* Bai T4/369. Giai phirong trinh
(x+3)/(d-)(12+x)=28—x (1)

Loi gidi. Cdch 1. (Theo da sa cdc ban).

Diéu kién dé PT (1) ¢6 nghiém la

{(4—x)(12+x) =0 hos {—I 2<x<4
(x+3)(28-x)20  |-3<x<28

&-3<x<4 =)

Véi diéu kién (*)

(1)< (x+3)2(4-x)(12-x)=(28—x)?

< x*+14x3 +10x2 -272x+352=0

& (x2+6x-22)(x2+8x-16)=0

[x2 +6x-22=0

| X2 +8x-16=0

_x; :—3+J§T, x;==3-+31,

x5 =—4+432, x, =—4-442.

L=

Déi chiéu véi diéu kién (*) chi c6 x, va x,
thoa man.

Cach 2. Dat u = x + 3; v = J(4—x)(12+x)
(véiv = 0). Khi d6 PT (1) tro thanh
=u-1
2w=i+vV-leow-vi=le [v 8
v=u+l.

e Viiv=u—-120tacd

x+321 k=2
{{4—x](12+x)=(x+2)3 o {rﬁ +6x-22=0
o x=-3+31.
sVdiv=u+120tacéd

x+3=-1
{(4-x)(12+x)=(x+4]2
& x=—4+44/2.
Vay PT (1) 6 tap nghiém la {/31-3;4/2-4}. O

x=—4
=5
x2+8x-16=0

TOAN HOC
' Clusilre 19

Sé 373 (7-2008)

https://tieulun.hopto.org



httos:www. facebook. com/letrungldenmath

https:sites. google. com/siteletrunglienmath

“(th’_m xét, 1) C6 nhidu ban tham gia giai bai todn
niy. Tuy nhién, khong it ban dat diéu kién 1a -12 <x <4
rdi di dén két luan PT (1) cd 4 nghiém la —3+31

4+42 ().
2 Ciic ban sau day ¢6 Loi gidi gon va chinh xde;

Ha Noi: Nguyén Thi Diéu Linh, 9H, THCS Lé Quy
Pon. Q. Ciu Gidy; Ha Tay: Nguyén Thanh Ting, 9B,
THCS Son Tay; Bac Ninh: Do Vi Thach, Nguyén
Quang Ruc, 9A, THCS Yén Phong, Bam Thi Thanh
Hicong, 8B, THCS Tit Son; Vinh Phiic: D6 Céng Hudn,
Nguyén Thé Bdo, 8A1, THCS Yén Lac: Dinh Tién
Diing, 9C, THCS Tam Duong: Phi Tho: Nguyén
Triemg Giang, 9A2, THCS Gidy Phong Chau, Phu
Ninh, Triéu Thi Quynh Mai, 9A3, THCS Lam Thao; Ha
Nam: Nguyén Tién Hoa, 9B, THCS Dinh Cong Tréing;
Thanh Hoa: La Hong Qudn, Lé Anh Tudn, 9B, THCS
Nguyén Chich, Trinh Xudn Son, 9A, THCS TTr. Quan
Lao. Lé Van Kién, 9C, THCS Lé Quy Don, Bim Son;
Nghé An: Vii Hong Ai, Cao Xudn Thién Bang, Hodng
Trong Duong, 8B, THCS Cao Xuin Huy, Truong Dinh
Diic, 8B, THCS Ly Nhat Quang, Do Luong; Quang
Tri: Nguyén Hiu Anh, 81, THCS Thanh C6; Phi Yen:
Pham Quang Thinh, Nguyén Phuée Thinh, 91, THCS
Hing Vuong.
PHAM THI BACH NGOC

* Bai T5/369.

BAC #4535

Cho tam giage ABC voi

' noi tiep dwrang tron () va ngogi

tiép dwomg tron (I) sao cho AIO=90°. Trén
tia BC ldy diém D sao cho BD = AB + AC.
Oua D ke dwong thang tiép xic voi dwong
tron (O) tgi E. }"J'cfp tuvén tai B cua dwong
ron (O) cat duong thang DE o F; CF cat
duwong tron () ldn nita tai K. Goi G la trong
tam ctia tam giae ABC. Chirng minh ring IG
song song voi EK.

Loi gidi. Gia sit tia Al cat dudng tron (O) tai
P.Khidé PB=PC =PI

(1)

TOAN HOC
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St dung dinh Ii Ptolemy cho ti gidc ndi tiep
ABPC, ta thu dudgc
AB.PC + AC.PB = BC PA (2)
Tir (1) va (2) suy ra AB + AC = 2BC (3)
Goi N 1a giao diém ctia AP va BC. Theo tinh
chit dudng phén gidc, ta thiy
IA BA _CA_BA+CA _BA+CA
IN BN CN BN+CN BC
14
Tu(B)va(@)tacd —=2
(3)va(4) N

(4)
(3)

Néu goi M 1a trung diém ctia BC thi % =2(6)
Tir (5) va (6) suy ra IG//BC (N
Tir (3) va gid thiét BD = AB + AC = BC = CD.

Lai vi AFBK «» AFCB va AFEK <> AFCE nén
BK _FB  FE_EK
B FPo EC CE
FB = FE,

. két hop véi BC = CD,

BK EK

€D CE
BKE = ECD = ABKE > ADCE. Din dén
CDE = KBE = KEF . Do d6 KE//CD, hay
KEJ/BC (8)
Ti (7) va (8) ta thiy IG/EK (dpcm). O

suy Tra Ngoai ra

{Nh{m xét. 1) D€ giai bai todn niy ching ta di qua
hai cong doan:

*) Dang dinh Ii Ptolemy cho tir gidc ndi tiép ABPC vi
tinh chat duéng phan gidc trong cdc tam gidc ABN va
ACN dé ching minh [G//BC.

*) Sir dung két qua BKEC la ni gide diéu hoa (ut gide
néi 1iép cé tich cdc cdp canh ddi bang nhau) suy ra
ABKE < ADCE. Tir d6 di dén két qui KE//BC.
2) Cdc ban sau cd lén giai tat hon ci:
Vinh Phiic: Dinh Tién Diing, 9C, THCS Tam Duong:
Bic Ninh: Dé Vi Thach, Nguyén Hiu Trudng, 9A,
THCS Yén Phong; Hai Phong: Bui Dic Anh, 9Al,
THCS Trin Phd, Q. Lé Chan; Ha Nam: Nguyén Tién
Héa, 9B, THCS Pinh Cong Tring, Thanh Liém :
Thai Binh: Ta Minh Ting, Vii Hodng Giang, 9A2, Ta
Bé Trung, 9A4, Phan hiéu chdt luong cao, THCS
TTr. Diém Pién, Thdi Thuy; Nam Dinh: Nguyen Van
Quy, 9A, THCS Hai Hau, Thanh Hoéa: La Heng Qudn,
9B, THCS Nguyén Chich, Pong Son, Lé Vin Kién, 9C,
THCS Lé Quy Pén, Bim Son; Nghé An: Vit Dinh Long,
9D, THCS Ly Nhat Quang, Do Luong; Phii Yén: Pham
Quang Thinh, Nguyén Phuie Thinh, 91, THCS Hing
Vuong, Pham Dic Huy, 9H, THCS Luong The Vinh,
TP. Tuy Hoa.

HO QUANG VINH
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* Bai T6/369. Cho a,, as. ... a, ld cde 56 nEuVén
dheong tuy v thoa man hai diéu kién sau:

sl

Da; <2008 véimoii=1,2,..n
i) Boi so chune nho nhat cia hai s6 bar ki
trong ching déu lom hon 2008,

= )

Chirng minh rang E :

=1 Y

Loi giai. Gia su k, 1a s6 cdc s6 nguyén duong,

la boi cha a; va khéng vuot qua 2008. Cic s6

nay la a, 2a,, ..., ka. Do d6 ka, < 2008 < (k, +

290—8-‘ o day [a] 1a s6
d; |

nguyen [on nhat khéng vuot qud a.

l)a,. Suy ra k; =

Neéu trong cdc 56 1, 2, 3, ..., 2008 c6 mot s6 nao
do chia heét cho dong thoi hai trong cédc s6 a,,
. ..., @, thi tir gia thiét ii) suy ra s6 dé phai I6n
L [2003

hon 2008, vo Ii . Tirds 3

=1

} < 2008.
a;
Mait khac

—

Fo&s 5 2008
d; J a

—1l,vdimoii=1,2, .. n

[

Do dé Qj[ i —IJ < 2008.
=1 oy
no"y
Suyra Y e <2008 + n < 2.2008.
i=l a.'

it
Vay zl <2. Ta co diéu phai chimg minh. 0
i=l &

< Nhan xét. 1) Mot s6 ban da ching minh bai todn
tong quidt hon, khi thay gia thigt cia bai todn ban didu
nhur sau:

g mi=1G2, .0

i1) Bot 56 chung nho nhdt cia hai s6 bdt ki trong chiing
déu lon hem m.

Cich gidi tuong twr nhur trén.

2) Ciic ban sau day cd 1o gidi 1ot

Nghé An: Nguyén Diic Céng, 11A1, THPT Do Luong
L. D6 Luong; Pdng Canh Vién, THPT chuyén Phan Boi
Chau, Vinh; Ha Tay: Nguyén Son Tiing, 11A2, THPT
Nad Quyén, Chau Son, Ba Vi; Ha Noi: Newvén Khinh
Vier, 10A2 Todn, Tran Thé Khai, 10A1 Toin, Trdn
Nhdt Tdn, 11Al Toin, Khai PTCTT, BDHKHTN.
BHQG Hi Nai: Hai Dwong: Trdn Vin Hanh, 11AS,

THPT Ninh Giang; TP. Hé Chi Minh: V& Bic Huy,
[ 1A, THPT Nang Khiéu,
THANH HONG

* Bai T7/369. Chirng minh heit ding thire
1. 1 1Y 45

(3a+2b+c) —+—4
a8 ey 2

trong do cdc 56 a, b, ¢ thudc doan [1 : 2].
Ddu bang xay ra khi néo ?

Ldi gidi. Ta s& ching minh ring:

Néu cic s0 a, b, ¢ thudc doan [1;2] thi cé :

(a+b+c](-l-+i+l}5]0 (1)
a b ¢
3a+25+c'£g(a+b+c) (2)

 Clutng minh bdt dang thite (1):
Ta cd (1) twong duang vdi
'I 1
E+£+£+i+f+ig? (3
b 8 4 o B
Vi vai tro clia a, b, ¢ nhu nhau nén khong mat
tinh tong quat, c6 thé gia thiéta > b > ¢. Khi
dé, ta cd

L EEI:(I—E](IHEJE:D
a h a b

T (4)
a b a
va 2>, 3213[1--‘-‘- I—EJEU
b P b c
::;»E'-"-+J—}£l-.tE (5)
b e
Cong theo v€ cdc bat dang thic (4), (5), ta
dugic Ei+E+£+é£”'+£+i,dodc’n
e ke c a

E+£+£—+§+E+££2+2[E+£J (6)
LT TR S ¢ 4

Mat khéc, cé

1€as2, IECSZ:.%((J—EC){C—ZH]EU

:>2.-:4r3+2z'3Sia:;‘ﬁ:‘>£+£$E (7)
TRy R

Tu (6), (7), suy ra

e S N

—+'—+—+~—+—+—52+2.é=?.
A . | 2
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Bat dang thic (1) duge chitng minh.

Ding thic xay ra khi a = b = 2, ¢ = 1 hoic
b=c=1,a=2vacichodn viclaa, b, c.

e Chiing minh bdt ddng thirc (2):
Tacod

3(a+h+c’)—-(3a+2b+c}:i(b+56w3a)20
(vib+5¢ 2 6 =2 3a ), suy ra (2) dugce chiing minh.
Ping thic xayrakhia =2,b=c=1.

Tit cac bat dang thitc (1), (2) suy ra

(3a+ Zb+c)(l+—l- + J—]

a b c

ﬂg(a+b+c)[l+l+i]£2‘m=£_
4 a b c 4 2

Bt ding thic trong ddu bai dugc ching minh.
D4u bing xayrakhia=2,b=c=1.0

< Nhan xét. 1) C6 thé gidi bai todn bang cich dat

flab.e)=(3a+ 2!:-+4:]{-E +%+l} roi 14n lugt ching
a c

minh ring f(a,b,c) £ f(2,b,c) v fi2.b.c) < i;-

2) Cic ban sau day cd 1&i giadi ot :

Hia Noi: Lim Vdn Pan, 10A1 Toin, Khdi PTCTT
DHKHTN - PHQG ; Pham Bic Nam, 10Al, THPT
Nguyén Tit Thanh, Ciu Gidy: Thai Nguyén : Trdn
Manh Tudn, 10 Todn, THPT Chuyén Thdi Nguyén;
Bic Ninh : Trdan Anh Tudn, 10A1, THPT Thuan Thanh 1 ;
Nguyén Hitu Trudng, D6 Vi Thach, 9A, THCS Yén
Phong; Thanh Hoa : Ha Vin Toean, 12G, THPT Mai
Anh Tudn, Nga Son; Nghé An : Dodn Vin Tung, 11A,
THPT Quynh Luru 3; Thira Thién - Hué : Lé Thanh
Phiic, 10 Todn, THPT Quéc Hoc Hué, Vd Thanh Vin,
11 Todn, Khdi Chuyén, PHKH Hué: Phi Yén:
Nguyén Binh Thi, 10T1, THPT Chuyén Luong Vin
Chanh, TP Tuy Hoa; Pak Lak: Lé Quang Hiéu, 10
Chuyén Todn, THPT Chuyén Nguyén Du.

NGUYEN ANH DUNG
* Bai T8/369. Cho tam giac ABC ngi !E'(-’;p
dwang tron (O) va ¢6 dg dai cdc canh BC = a,
CA = b, AB = ¢. Goi A, By, C; theo thu tw ld
trung diém cdc canh BC, CA, AB; 4y, By, (3
theo thit tw 1a diém chinh giita cdc cung BC
(khdng chira A), CA (khong chita B), AB
(khéng chita C). V& cdc dwong tron (O),

TOAN HOC .
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(O1), (O3) theo thir tw co dwong kinh la A4,
B\B,, C,Cs. Chitng minh bat dang thire

-._j1_,-].’
op D cp .x{’-‘ R
Laion '},"j-'t.’_:;) Fele oy 2 et

-
:

Dang thirc xay ra khi nao?

Loi giai. (Theo ban Hoang Minh Ldp, 9E,
THCS Quang Trung, Kién Xwong, Thai Binh).

Trude hét, xin phdt biéu khong chiing minh
bé dé quen thudc sau:

e B6 dé. Cho tam gidc ABC néi tiép duong
tron (O). Puémg trén (O°) tiép xiic voi (0) tai
diém M thuéc cung BC khéng chita A. Cadc
diém A’, B’, C' thuéc (Q') sao cho AA’, BB’
CC' tiép xic voi (O°). Khi do
BC.AA'= CA.BB' + AB.CC".

C6 thé tim thdy phép chiing minh bé dé trén &
bai T11/359, THTT s& 363, thang 9 nam 2007.

o Trd lai viée gidl
bai todn. Liy diém
X thudc dudng tron
(0,) sao cho AX
tiép xdc vdi duong
tron (0,). Ap dung
b6 dé ta co

B

()

BC.AX = CA.BA, + A,

AB.CA,

= (CA + CB)B—; e U
22

Punoy = AX? = & :L] . Tuong tu nhu trén
& IIF 2

ta co FPH-TG;} :w; FE?.-‘:O;.] = (a-;_.)} .

P o o
Suy Ta ‘qr‘i-’fﬂtl + 5]33[0:] +r!C'_f{G.”

i((b +c)? +(c+a)* +(a+b)?)

2
= ——(W;H) +il—2((b_c)3+(c~a}1+{a—b)2)
5 {atb¥e) C)—_ Diéng thic xay ra khi va chi

e /) X
khi tam gidc ABC déu. O

< Nhin xét. 1) Rét nhiéu ban tham gia gidi va déu gidi
ding, tuy nhién mot s6 ban cho 101 gidi hoi dai (vi
khong biél sir dung bo dé néu trén).

https://tieulun.hopto.org
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2) Xin néu tén mot s6 ban co loi gidi tot:

Thii Nguyén: Trdn Manh Twudn, 10T, THPT chuyén
Thdi Nguyén; Nghé An: Nguyén Cdnh Thién, 10Al,
THPT chuyén Phan Boi Chéu, Npuvén Hitu Héng
Qudn, 11A1, khéi THPT chuyén Dai hoc Vinh, TP.
Vinh; Thira Thién — Hué: Vé Thanh Vdn, 11T, Khéi
THFT chuyén, DHKH Huég, Vinh Long: Phan Thi M7
Loi, 10T1, Chdu Tuan Kiér, 11T1, Huynh Minh Tudn,
IITZ THPT chuyén [\guvcn Binh Khiém, TX. Vinh Long.

NGUYEN MINH HA

*Bai T9/369. Tim tdt ca cdc so nguvén

dwong x, y, z, n thoa mdn diéu kién
x!+yl+zl =5 nl

frong do ki hieuk!=1.2. ... . k.

Loi giai. (Theo ban Vi Minh Théng, 10T,
Khoi THPT chuyén DHSP Ha Noi).

Khéng giam téng quat gia sir x > y > z. Khi d6
S5l <3xl<5x! dindénn<x=n+1<xa
laicd S5ml >x!lZ(n+ 1) nénS>n+1=
ol = P R

eVdin=1thix!+y!l+z!=5suyrax<2.

~Néux=1thiy=1, z=1 (loai).

-Neux=2thiyl +z! =
y=2,z=1.
Maydxi vzl =022 1k

3ma2>y>znén

e Vain=2thix! + y! +z! = l0suyrax <3,
Tuong tuthtvéix=1,2,3véichiylax>y
=ztathuoduge (x;y:2)=(3:2:2).

o Voin=3thix! +y! +z! =30suyrax<4.
Tuong tu thit véix=1,2,3,4 (chiy x> y>z)
ta khong tim dugc bo (x ; y ; z) nao thdéa min
yéu cdu dé bai.
Viagtacobe;yizon)=(2:2:1: 1,211 :21).
fhs25 2] 2 T 21223250,
[ZeP=m oy ]

< Nhan xét. 1) Mot 56 ban khi gid thiét x > y > z v
tim dugc hai nghiém (2;2;1;1)va(3;2;2;2)da
ket ludn d6 la tdt ca cic nghiém cia bai todn (!).

2) Cdc ban sau day co o1 giai tot:

Vinh Phite: Nguyén Hai Qudn, 10A1, THPT chuyén
Vinh Phic, Lé Van Tii, 8A1, THCS Yén Lac; Ha Nai:
Pham Duy Long, 10T1, THPT chuyéen Ha Noi -
Amsterdam, Npuyén Khdnh Viér, 10A2 Toin, THPT
chuyén BHKHTN ~ DHQG Ha Noi; Nam Dinh: Trdn
Thi Héng Vén, 11A, THPT chuyén Lé Héng Phong;

Hai Dwong: Doan Thé Ha, 10A1, THFT chuyén
Nguyén Trdi; Thanh Héa: Ha Vdn Todn, 12G, THCS
Mai Anh Tudn, Nga Son, Nghé An: Vi Binh Long, 9E,
THCS Ly Nhat Quang, Do Luong; Binh Dinh: Nguyén
BDang Hung. 10T, THPT chuyén Lé Quy Bon; Pa
Ning: Lé Vidn Tdn Quyén, 10A2, THPT chuyén Lé
Quy bén. ]
PANG HUNG THANG

* Bai T10/369. Cho hai 56 thie a, b thuéc
khoang (0 ; 4). Day 56 (a,). (n=0, 1, ...
xde dinh hdi:

) dwere

Hana +ay)
TR = 4

1 —\EJ : {"_-.w: - .__7,_
y [ Qs + 3/ Gy
Chirng minh rang day so (a,). (n =20, 1, ...)
co gidi han va fim gioi han do.

Loi gidi. it x, = min{a,.a,,.},n=0,1,2, ...
Chd ¥ ring véi moi s6 thuc x, ymaO<x<y<4
e e ) ()
x +y
Do dé chitng minh bang quy nap theo n ta ¢é
0<a,<4,véimoin=0.Cing tir (1) ta suy ra
2(ah'+'| +an

Ty = >2x, > x, 2)
Ny + \/7

Héquala x,,, 2 x,.

Nhuvay 0 <x, <x; <x; <..<4. Tudé suyra
ton tai lim x, va gidi han nay thudc khodng

H—b+a0

(0 4].
Th2 el a2 2l 24fe.

Béi Va}’ Xnia = min{an+2 ,ﬂ',,+3} 2 2\!; (3)
bat x = lim x,. Tir (3), cho # —+w, ta nhin

=40

dugc x22x. Suy ra x > 4, do dé x = 4, vi
O<x<4,
Tém lai lim x,, = 4. Trong khi déx, <a, <4

vdimoin=0,1,..

Theodinh li kep taco két luan  lim g,=4.0
m—ta0

<Nh§1n xét. Mot s6 ban hoc sinh dd nhan xét: day la

bai todn 1, trang 166 trong quyén sich "Tuyén tap dé

thi Olympic 30-4 ldn XII - 2006" cia NXBGD. Lin gidi

trén gon gang hon I gidi trong quyén sich dé.

NGUYEN MINH BUC

TOAN HOC
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* Bai T11/369. Xdc dinh ham so f:R* >R

sao cho

N &\ gl \

f o 22008\

H265 ) ‘\' (1)

L

FUfGN+ f(x) i 26°™
Loi gidi. (Dua theo y ctia nhiéu ban)
Pat 26 =a thia > 0va (1) c6 dang
F(fE)+f(x)=(a* +a)x,Vx e R* (2)
Kihieu f,(x)=/(f(..f(x)..)) . fulx) = x.

n lan

Thay x bdi f,(x), tir (2) ta thu duge

L2 (X)+ fra (X)=(a* +a) f,(x) .¥x € R* hay
(foea () =af 1 () H(@+D(fon (X)—afu (x))=0.
Yre R*.

V&i méi x = x, > 0 ¢6 dinh cho trude, xét day
1y = Xy U = f(1t,) 1 =0, 1, ... ta thu duge
1, >0, Ups Hlpy (@ +a)1, =0, n=0.123.. (3)

Pay la diy sai phan bac hai véi phuong trinh
dac trung tuong ing A’+A-(a*+a)=0 6
hai nghiém phan biét 4 =a, 4, =—(a+1) nén
diy (3) c6 nghiém dang
u,=ca"+c (= (a+1)",n=0,1,2, ..
Viu,>0,n=0,1,2,..nénvéin=2k ke N,

2%
a W
ta thu dugc ¢, ::—c',[u-— vavoin=2k+1,
a+1

2641
kel tathudugc ¢ < [—G—J ’
a+l

i 1k . 2k+1
Suyra | —| <& «:c][—-— . kelN.
a+l

a+1

Cho n — +o0, ta thu duge ¢, = 0. Khi d6 u, =
ga”, n=0,1,2,..Dodéu,=c, vau =an,
hay flx,) = ax, véi moi x, > 0. Ta thu dugc
ham sé fix) = ax, ham s6 nay thoa min diéu
kién bai ra. O

‘QNh:’_m xét. Dy 13 mot bai todn chira dung ki€n thic
ning cao vé gial tich gan vdi phuong trinh sai phin
bac hai, dang digu ti¢m cin va ham hgp. Dua vio cich
giai, mot s6 ban con cho cic md rong cla bai todin
{thay s 267%™ bai cdc s6 duong tiy ¥). Cdc ban cd
li giai tot:

Ha Néi: Pham Ditc Nam, 10A1, THPT Nguyén Tal
Thanh. Dao Trong Anh, 10A4, THPT Nguyen Gia

Thiéu, Luw Vén Ban, Nguvén Ngoc Trung, Tran Thé
Khdi, Tran Nhdt Tan, 10A1T, Khai PTCTT DHEKHTN,
Vii Minh Thdng, 10T1, Khéi THPT chuyén DHSP Ha
Nai; Bac Ninh: Qudch Pdng Hung. Npuyén Viét Tiép,
I1T. THPT chuyén Bic Ninh: Vinh Phic: Nguven
Hoang Hai, Vit Thi Thu Ha, 11A1, THPT chuyén Vinh
Phic; Ha Nam: Lai Van An, 11T, THPT chuyén Ha
Nam: Thai Binh: Hodng Minh Lap, 98, THCS Quang
Trung, Kién Xwong: Quang Ninh: Pham Dite Manh,
Ddng Thu Hweng, 12T, THPT chuyén Ha Long: Hai
Duong: DG Thi Thi Thde, 12T1, THPT chuycn
Nguyen Trdi, Tran Van Hanh, 11AS, THPT Ninh
Giang. Vi Thanh Ti, 11A1, THPT Ke Sat, Binh Giang:
Thanh Héa: Nguvén Cac Tudi, 11T, THPT Lam Son:
Nghé An: Nguyén Vin An. 10A1K36. THPT chuyen
Phan Boi Chau, Nguyén Hitw Héng Quan, Nguyén Tidn
Diing, 11A1, THPT chuyén DH Vinh: Da Nang: ¢
Van Tdn Quvén, Nguvén e Tdam, 10A2, THPT
chuyén Lé Quy Pon; Binh Phwde: Trdn Phuong Nam,
1A, THPT chuyén Quang Trung; Phd Yén: Lé Vin
Thdo. 11T1, THPT chuyén Luong Van Chinh, Tuy
Hoa: Pdk Lik: Triong Céng Thanh, THPT chuyén
Ngo Gia Tur. -
NGUYEN VAN MAU

% Bai T12/369. Goi S la dién tich toan phan
cria mot tir di¢n. Chieng minh rang tong dién
tich tat ca cde thiét dién tao boi cac mdt
phdng phén gidc cdc goc nhi dién cua nir dién
do khong lom hon --\{6- S.

Loi gidi. (Dua theo Lé Xudan Thang, 11Al,
THPT Triéu Son 3, Thanh Hoa).

Goi s, 14 dién tich mate, (cUng la mat tam
gidc A, Ay A) déi dién dinh 4 (1 = 1,2, 3, 4)
ciia tr dién A,A,AA,; A4 (A A) = (anay)
la géc nhi dién canh A4 A, tao boi hai mat
ai.q; va By 1a do 16n cua goc nhi dién nay.
(i, j k. 1) = 11,2, 3,4}). Goi 4; la giao di€ém
cia mat phan gide (A44,4y) cua nhi dién
;i:;IJ. va canh 44, s, =s(AMA;4y) la dién
tich thiét dién
cua i dién
dugc xét, xac
dinh boi mat
phin gidc do
(hinh vE).
Truée hét, dé
dang  chung
minh hai bo
dé sau day.

https://tieulun.hopto.org
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Bé dé 1. Trong mot ur dién, t6ng cosin cdc
nhi dién khéng lén hon 2: ) cos@, <2 (1)

Bo dé 2. Thé'tich V ciia mot i dién diwoce tinh

theo cdc dién tich s,. s, ciia hai mdt ¢é canh

chung vai do dai la a va do lén nhi dién canh

dé la a bai céng thite sau:

_ 25s:sina
3a

v (2)

Tro lai bai todn:

Dung 4 H L(4A4;4)=Hva AK 144 =K,
ta duoe HK L A,A; va do d6, HKA, =6y 1a
do I6n nhi dien 4,4, . Mat khic, A 44,4, 1
thiét dién phan gidc cta nhi dién canh ﬂj

nén A, thuoc Acdr, i

V(A Ay dsdy) =V =

WA A4 Ay) + va(AAid;Ay) = v, + vy,
dong thoi do 16n cta hai nhi dién
ﬁf ( Ay, Agy)va A_;}; ( Aw,A; ) bang nhau

canh vay:

X 1
va bang —249” . Tir d6, theo (2) ta dugc

a,
W ¢ g e
. (8 + 55 )85 SN -
1;_ b 2.\';. & s5In 9},;’ o ( / % } y
34,4

. Tirdo
34,4,

kf
28,8 COS

- 3)

Sg + 5

5;
trong do s; = s(A4; 4, 4;). Tir (3) thu duge
Sy S sy cusH—H (4)
Ngoai ra, dé ¥ ring ta con c6 BDT:
A M
ZS,QS,I S-B'[Zh] (5)
i=]

T cic BDT (1), (4), (5) va dp dung BDT
Bunyakovski cho hai b$ 6 s6 duong ta dugc:

Y sy < Z[J-Hcos%}
< [(Esus) Zoos 2

2

.[%{i] < Sf (dpcm).

=

1A

3 4
i(2)
8 i=1
Chii thich: i, j, k. 1} = {1, 2, 3, 4}. Dé dé
theo doi hon, trong hinh v& trén ciing nhu
trong lap luén ta c6 thé gan cho 7, k, i va j lin
lugt lay gia tri 1,2, 3 va 4.

Déng thic xay ra khi va chi khi 6, = 6,
O =0, 0= 05, =5, =5, =5,v2 6, = ),
it dién déu. O
4Nha‘,1n xét. 1) Mot s ban khong sit dung ba dé 1, ma
thay vio dé sir dung céng thic hinh chiéu:

54 =85, €080, 4 + 5, costh, + 5, c058,,

hoac sir dung BDT luong gidc:
: T 6

cm—r:é ﬁ:;:Js.r + w}f—_- (véix € [0, ]
28 24

cing thu duoc BT cin tim.

2) Naoii ban Lé Xudn Thdng, cic ban sau day cé 10
giai ding: Pham Buic Nam, 10A1, THPT Nguyén Tit
Thinh, Ha Néi; Vit Thanh Ta, 11A1, THPT Ké Sat,
Binh Giang, Hai Duong,

NGUYEN DANG PHAT

* Bai L1/369. Mot dong xu ¢d bé day d va
dieong kinh D chua dicge tich dién. Tai mor
diem trén truc qua tdam vidng 2oc vai mdt
dong xu va cdch tim mot khoang L co dat
mot dién tich diem Q. Cho biétd << D << [
Vi E l.

a) Tinh dién tich heong tmg irén cdc mdr
dong xu.

b) Tinh luc twong tdac dién giita dong xu véi
dién tich diém Q.

Lot giai. a) Gia st Q > 0,do d < D < L nén
dién trudmg do dién tich Q gy ra trong déng

xu coi 1a déu va ¢6 cudng do E = béng

xu la vat din can bing nén & hai mat xudt

hién cdc dién tich huong éng véi dién tich —g

va g sao cho dién truong gay bdi cdc dién tich

huong tng triét tiéu vdi dién trudng gay boi
sl : lo

dién tich Q trong dong xu. Dovady —=E

€0

TOAN HOC
" Cusitre 25
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o) D
> ‘1’1 :&'HE':_% = ng____;_,
& 4n [F 161°

4
Mat déng xu gan dién tich Q hon s& mang
dién tich —g, mat xa mang dién tich —q.

b) Do déng xu ¢ khd xa dién tich Q nén xem
tuong tic gitta dong xu va dién tich Q nhu cic
dién tich diém véi nhau, duong nhién luc tong
hap sé la luc hdt.

o kQ  kQ | 2kgQd
L-dY (L+dY P
o 2

Lo g
32mey I?

< Nhan xét. Cc ban sau c6 1 giai ding:

Ha Tay: Nguvén Manh Qudn, 11 Li, THPT chuyén
Nguyén Hué; Vinh Phic: Mac Thé Trugng, [1AL,
THPT chuyén Vinh Phic; Hai Phong: Tran Hodng B4,
12 Todn, THPT chuyén Trin Phu; Thanh Héa: Nguyén
Thanh Tang, 12A11, THPT Luong Bic Bing, Hodng
Hoa, Nguyén Duy Hing, 12F, THPT chuyén Lam Son;
Quang Ngii: Nguyén Ngoc Duy, 11 Li, THPT chuyén
Lé Khiét. 3

NGUYEN XUAN QUANG

* Bai L.2/369. Mot vit khoi liwong m = 1 kg
diroe ném thang ding lén tie mdt de it. Hiéu do
lém vdn toc liic ném lén va liic roi tro lai mdt
ddt la Av = | m/s. Tinh céng sudt trung binh
cuia lwe can khing khi trong thoi gian chuyén
done, néu lyc can ti 1é thudn véi vdn toc
chuyén dong cua vdl.

Loi giai. Chon truc toa do Ox thing ding,

goc O tai mit dit. chiéu duong theo chiéu
chuyén dong.

a) Xét truong hop vdt duge ném lén
Theo dinh luat II Newton, phuong trinh
chuyén déng cla vat cé dang:

dv

i ¢ L _l
md{ av—mg (1)

trong d6 « la hé s ti lé.
Suy ra mdv = —avdt — mgdt = —adx — mgdr .
Goi 1 1a khoang thoi gian tir khi bat ddu ném

dén khi vat 1én dén do cao cuc dai H, ta co:

TOAN HOC
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0 H N
jmdv == [adx - jm,edr:
- 0 0
& diy w la do 1n van t6c cla vat Khi vira bi
ném. Tich phan ta duoc:
—mv; = —aH —mgt, (2)

b) Xét truomg hop vdt roi xuéng
Khi vat roi xuéng, phuong trinh chuyén déng
cla vat co dang:

mi‘iz—-av+mg (3)
dt

Suy ra mdv = —avdt + mgdr = —adx + mgdr .

Goi 1, la khoang thoi gian khi vat roi tit do
cao cuc dai H t6i mat dat, ta cé

vz 0 2
jmdv == _[.:Idx + rjmgd:
0 H 0

O day v, l1a do lon van t6c cla vat khi roi téi
mat dat. Tich phan ta duoc:

mv, =aH +mgt, 4)
Tir (2) va (4) suy ra
m(vy +va)=mg(t +12) = mgt (5)
ha}.’ i W +'|."2

g

trong do ¢ la thoi gian tir khi bat ddu ném vat
dén khi vat roi tro lai téi mét dat.

Céng cua luc can bing d6 bién thién dong
ning clia vat:

4, =

mvi _mvi _mn-v)(v+w)

S 2
Cong sudt trung binh cia lyc can la:
A _mgw-v) 1101

N=—
! 2 2

<Nh{ln xét, Cic ban sau ddy cd 1o gidi 60
Bic Ninh: Nguyén Vdan Khdnh, 11 Li, THPT chuyén
Béc Ninh; Vinh Philc: Pham Ngoc Xuvén, Trin Minh
Thu, 10A2, THPT Ngé Gia Tu, Lap Thach: Quing
Ngai: Nguyén Ngoec Duy, 11 Li, THPT chuyén Lé
Khiét; Hai Phong: Trdn Hoang Bd, 12 Toin, THPT
chuyén Trian Phi.

=5(W).0

NGUYEN VAN THUAN
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Hét' thdo khoa hoc
GIAI TICH HIEN DAL
TRONG NGHIEN CUV
va iing dung

rong hai ngéy 14 va 15 thang 6 ném

2008, Hai Todn hoc Ha N&i, trudng

Dai hoc Khoa hoc Ty nhién va Sé Gido
dyc - Déo tao Hai Duong déng 18 chire Hai
thdo khoa hoc «Gidi tich hién dai trong nghién
ctu va Ung dung" tgi thanh phé Hai Duong.
Pay la hai thdo khoa hoc nhém khéi déng cho
chuong trinh trong diém Dai hoc Quéc gia Ha
Nbi vé xéy dyng nhém nghién ctu khoa hoc
QGTD 0809 vé Gidi tich hién dai va tng dung
trong khoa hoc méi truong va tinh todn vat liéu.
Nhiéu nha khoa hoc, chuyén gia cla cdc
truaing Dai hoc Khoa hoc Ty nhién Ha Néi, Bai
hoc Su pham Ha N&i, Dai hoc Thuy Loi, Vién
Todn hoc, Vu Gido duc Trung hoc, Tap chi
Todn hoc va Tudi tré, Nha xuét ban Gido duc
v cdc gido vién cua cac tinh Hai Duong, Théi
Binh, Qudng Ninh, Lang Son, Hung Yén tham
gia hai thao va béo cdo tai cac phién toan thé.
Hai nghi hén hanh dugc dén tiép TS. Nguyén
Vinh Hién, Thi Truéng Bé Gido dyc va Bao
tgo. Ba Dang Thi Bich Lign, Phé Cho Tich UBND
Tinh Héi Duong, dén chic mimg, bay té nhing
tu haio vé truyén théng higu hoc cda finh Hdi
Duong va fin tuéng réng sau hdi nghi nay
phong fréo gido duc Hai Duong cang phat
trién hon nGa.

PV

PROBLEMS... (Tiép trang 17)

T7/373. Prove that in any acute triangle
ABC. the following inequality holds.

tmAd tanB tanC _sin24 sin2B sin2C
—_— e ——— :2 e 4~ e + et
tanB tanC tanAd sin2B sin2C sin24

T8/373. The incircle of a triangle ABC
meets BC. CA, and AB respectively at 4, ,
By, C; Let p, S, R be respectively. half of
the perimeter, the arca and the circumradius
of ABC; Let p; be half of the perimeter of
A,B,C,. Prove the inequality
;)f < p—q

2R
When does equality occur?

TOWARDS MATHEMATICAL OLYMPIAD

T9/373. Let A ( Ac N ) be a non-empty set
satisfying the condition: If ae 4 then 4a
and [\G] are also in A ([x] is the integer
part of x). Prove that 4 = N.

T10/373. Let a be a natural number which is

greater than 3 and consider the sequence
(u,)(n=1,2, ...) defined inductively by

u
u =aand iy = Uy— I:f}'l for all

s

n = 1. 2. .... Prove that there exists ke N’
such that u, =u, forall n= k.

T11/373. Find all polynomials with real
coefficients P(x), O(x) and R(x) such that

JP(x) — JO(x) = R(x) forall x.

T12/373. Let ABCD be a tetrahedron with
the centroid & and the circumradius R.
Prove that

GA+GB+GC+GD+4R 2
i(AB+A{?+AD+S{T+1’JD+,’JB).

J6

Translated by LE MINH HA

TOAN HOC
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héng chi say mé tim hi€u nhiéu hon
nia “dhitng chir s6 thiap phan cua
nhung s6 vo ti nhu s6 m, ngudi ta con

tim hiéu vé cdc tinh chit cla nerng chir s6
ndm sau dau phdy clia cic s hitu ti. Cdc chix
sd thap phan d6 d6i khi c6 nhimng tinh chit
kha ki la. Trong nhiéu truong hop, khi tich
doi réi cong céc phan nhimg chi s6 thap phan
clia cdc s6 hiru ti, ta thiy nhimg chudi s& 9
xudt hién. Trong moét céng trinh clia minh,
nhé todn hoc Phdp E. Midy da xdc dinh nhing
dicu kién xudt hién hién tugng nay.

Dol véi cdc 6 hiru ti (s6 thap phan hitu han
hoac s6 thap phan v6 han tudn hoan), ngudi ta

luén thady mot yéu t6" nhdc di nhic lai vo

han. Ching han, véi 5 (0,3333...) “yéu t6” vé

han d6 Ia "3": véi 3?3 (3.142857142857...)

o

“yéu t6” vo6 han dé la "142857"; véi I

1
(0,181818...), “yéu 13" dé la "18"; véi 4
(0,750000...), yéu t6 dé 1a "0".

Ném 1802, Henry Goodwyn c6 § tudng la

ling la tdch cdc yé&u t6 v6 han 1am hai phin cé
s6 chif s6 bang nhau, réi cong hai phan dé lai.

” GBS e G e
Chang han, vdi e hai 56 ¢ tlr yéu & vo han

TOAN HOC
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142847 1a 142 va 857 va téng cia chiing la

2 shei
999; vai T tac6 1 va 8 vditong 1a 9.

Khong phai chi ¢6 hai thi du lam xuét hién
bat ngd chudi chit s6 "9". Nhung hién tuong
nay khéng phai lic nao ciing xay ra. Do dé
cau hoi “Trong nhitng tricomg hop nao xudt
hién nhiing chudi s6'9? duge dat ra!

Trong mot cong trinh cong bd nam 1836 tai
mot nha xudt ban & Nantes, £. Midy da cung
cdp mot két qua khai qudt diu tién, duge goi
1a "Dinh Ii Midy". Dinh li nay cho nhimg diéu
kién du vé tlr s& p va méu s6 ¢ cha mot phan
s6 dé cho phép cong hai nita ciia véu t§ vo
han cua ﬁ
q

p la mét s6 nguyén té (p chi chia hét cho
chinh né va cho 1) thi tinh chat ndi trén ludn
dung, tat nhién véi diéu kién la yéu t6 vo han
gom c6 mot s6 chin cic chit s6.

Dinh Ii Midy, sau khi dugc cong bé lan dau
tién, da bi lang quén. Noi dung cua dinh Ii
duoc kham phd va duge chitng minh lai nhiéu
lan, trong moét s6 tai liéu xudt ban. Gin day,
Joseph Lewittes & trudng Dai hoc New York,
da tim lai duoc dinh 1i dé & tai liéu xudt ban
goc. Khong ngd cé nhiéu diéu ngac nhién vi
cdc y tuong ma Midy néi trong dinh Ii cua
minh c¢é rdt nhi€u hé qua, con manh nha
nhicu su khdi quat hod ma mét s6 tic gia sau
d6 da tim ra dwgc. Tuy nhién trong céng
trinh cia minh, Lewittes di tim ra mot s&
két qua hoan toin mdi va khd tong quét
(hitp:iifr.arxiv.orglabsimath. NT/0605182, 2006),
trong do phai ké dén nhu céc didu kién da dé
tdch yéu t6 vo han thanh ba phin bang nhau
roi cong lai, cling tao ra nhitng chudi sé 9. Thi

la ¢6 mot chudi $6 9. Thi du, néu

du véi % c6 yéu td vo han 1a "142857", cho

14 + 28 + 57 = 99. Hay téng quét hon nita
cho viéc tach y€u t& v6 han thanh n phan biang
nhau. D6 la cic két qua rét sau sic vé mat ban
chit s8 hoc.

NGUYEN VAN THIEM (Ha Noi)
(Theo La Recherche thang 10. 2006)
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Giéi tri toén hoc_/

— Téng bon s6 trong bén
hinh tron xé&p theo hang
ngang hodc theo ¢t doc déu
bing nhau;

4 n n’
SAP XEP 12 SO
Hay dién 12 s6 tir 1 dén 12

vao cdc hinh tron & hinh bén
sao cho:

— Téng bén s6 trong bon hinh trén sao cho méi hinh

ti€p xuc vdi hai hinh trong s6 dé déu biing nhau.

Giai dap bai: DUFOME di Nnean nhat
(Dé dang trén THTT 56 369, thang 3.2008)

Véi méi diém 13 diu mit cia mot sé chin
(2n) doan dudng (céc diém B, D, K) thi s6
doan dudng di vao bang s6 doan duong di ra
(bing n) nén chi cdn di qua mot lan cdc doan
duong néi véi dinh dé .

Véi méi diém 1a ddu mut cia mot s6 1é (2n— 1)
doan dudng (céc diém A, C, E, F, G, H) thi
sau n lan di vao va n lan di ra phai di lap lai
mét doan dudng nao d6. Cic cip diém cé
doan dudng néi lién nhau nhu thé 1a (E, F),
(G. H), (A. C), do dé ta chon cdc duong di lap
lai 1a EF va GH, con doan AC khong can lap
lai khi xuat phat tir A va két thuc o C.

Mot cich di la

ABCFBEFEKFGKHGHDGCADC
Téng s6 do dai dudng di clia cich di doé la
452 + 502 + 68.2 + 36.3 + 60.3 + 483 +
14.2 + 32.2 + 27

=209.2+ 144.3 + 27 = 877 (km).

Chu y: C6 nhiéu cach chon duong di véi tong

s0 do dai 1a 877km.

Cac ban cd lap luan ding la

1) Nguyén Trucng Giang, 9A2, THPT Giay
Phong Chéu, Phit Ninh, Phit Tho.

2) Nguyén Hitu Thanh, 10A1 Todn, khéi
THPT chuyén DPHKHTN, DHQG Ha Noi.

3) Vii Hong Thdi, 11 Todn, THPT chuyén Bac
Ninh.

4) Nguyén Van Thiéu, 10A4, K62, THPT Ngo
Si Lién, TP. Bac Giang.

5) Pham Minh Khoa, 11A1, THPT Dién Chau 3,
Dién Chau, Nghé An.

6) Nguyén Vdn Dung, 110, Thon Téan Trai 1,
Vinh Giang, Vinh Linh, Quang Tri.

PAN QUYNH

TOAN HOC
‘ Tuditre 29
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Mot bai toan cé ndi dung:

Gidi phitong trinh

I 3
lg(x+10)+—lgx* =2lg4 (1)

Lai giai bai toan nay duge mét hoc sinh dé xuét
nhu sau.

Piéu kién x > —10. Khi do
(1) < lglx+ 10) + lgx =2 - 1g4

& lgx(x + 10) = Ig-l =
& x(x+10)=25
oS+ 10x-25=0.
Suy ra x= =5 +542 .
Do x> —10 chon dugec x = -5+ 503 .
Viy phuong trinh da cho cé nghiém duy nhat
x=-5+5v2.

Ban hay cho biét y kién clia minh vé 16i giai cla
ban hoc sinh trén. Con cach giai cha ban nhu
thé nao?

PHAM THI THANH
(Ha Néi)

Sach sap phat hanh

Gigi dép bai:

oo ki cb dfin?

(D& déing trén THTT s6 369, thdng 3.2008)

o1 giai cua Nam
str dung cong thic

Chiing ta déu thay rang
khong ding vi ban dy da
sai sauw: a* =(ab)® (1)

R6 rang trong hdu hét cdc truong hop thi
a¥ #(ab) . Khi dat r=2%n= thi 1 22%i0xva
12 #2%inx |V thé cdc phép bién doi tiép theo
14 hoan toan sai lam.

Cé thé gidi lai bai todn dé nhu sau:

Piéu kién 0 < sinx < 1. Dat ¢ = \Fsinx (120).
Bit phuong trinh da cho trd thanh

Tt St e (1
Sir dung bat dé‘iﬂgﬂthﬁc Cauchy ta thay
2 2:3 > 2_\{2”:3 > 7 '2'2r7- % z'zrf (2)

Tir (1) va (2) ta suy ra
t=0 [sinx=0

|

(I}@r:r*@[ ;
sinx=1.

Két ludn. Bat phuong trinh da cho ¢6 cédc ho

nghiém la x=4n; x= 1:- +2mn (k.meZ).

Nhan xét. Hiu hét cdc bii gui vé Toa soan déu chi
ding chd sai trong 151 giai ciia Nam, dong thoi dua ra
duoe loi giai ding cho bai todn niy. Sau diy li nhiing
ban c6 dap an tat: Trén Vdn Hanh, 11AS, THPT Ninh
Giang, Hai Duong: Phan Thanh Hdi, 11A1, THPT B
Kim Bing, Ha Nam; Dinh Xudn Loc, 11 Todn, THPT
chuyén Lé Hong Phong, Nam Binh: Nguvén Thanh
Ting, 11T, THPT Lam Son, Thanh Hoa; Nguyen Thi
Thity An, 12G, THPT Nghia £an, Nghé An; Trdn Quéc
Ludt, L 1A, THPT Cao Thing, Huong Son, Ha Tinh.

NGOC HIEN

?

QUYEN 4

~

ginh bac THCS va bac THPT, cdc thay cb gido, cécbic phu huynh hoc sinh va cdc ban yéu todn.
Séch day khoang 200 trang, khé 19 x 26,5 cm. Gid bia: 38.500 déng, s& duoc phat hanh vho cubi

thang 8 nam 2008.
Moi chi ti&t xin lién hé:

Tap chi Todn hoc vd Tufi tré, 187B Gidng Vé Ha Noi. DT-FAX: 04.5121606.
Email: tapchitoanhoc_tuoitre@yahoo.com.vn

ST T Tl

TUYEN CHON THEO CHUYEN DE
TOAN HOC & TUOI TRE

Déy 1a cubn sdch tiép theo (Quyén 4) thude bs sdch Tuyén chon theo Chuyén dé Todn hoc va Tudi
tr& bao gém céc bai viét duge chon loc trén tap chi THTT. Cubn sdch rat thiét thue va bé ich cho hoc

- - -t L L PR T TRl

-
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(Do

ha xudt ban Gido duc trdn trong théng bao

dén cac Quy thay co gido va cac em hoc sinh
trong ca nudc vé viéc xuat ban va cung tmg sach
gido khoa (SGK) phuc vu nam hoc 2008- 20009 :

2. SGK tir 1dp 1 dén 16p 12, trong dd SGK tir
Iép 1 den lgp 11 la sach tai ban, ndi dung khong
thay dbi so véi sach da xudt ban tir ndm 2007 tros
vé trude. Riéng SGK 16p 12 duge in moi. thay
cho sach cii da xuat ban tir nam 2007 trd vé trudc.

THONG BAO
gisoJkhoalphucivulnamihocs2 00 L2009

X201

Bj SGK S6 il e

. | eudn (dong)
Lép 1 6 40.800
Lép 2 | 6 38.900
Lop 3 6 42.300
Lép 4 9 66.100
Lép 5 9 67.200
Lép 6 12 83.500
Lap 7 13 97.000
Lop 8 13 105.500
Lép 9 13 102.700
Lép 10 (chuan) 3 112.800
Lop 11 (chuan) 13 114.200
Lop 12 [chLmn] l 13 124.000

{Ghi cha: Gid b SGK chi tinh sach ngoai ngir 1& Tleng
Anh. Ban danh muc gia ban lé dugc niém yét ¢ At ca
céc cira hang séch, nhé sach va dgi I co ban SGK tai
cac tinh. thanh pho trong cé nude.)

Ngoai ra, Nha xudt ban Giao duc t6 chirc cung
g cac san pham phuc vy hoc sinh, gido vién
nam hoc 2008-2009 ;

®. Cic sich tham khao bd trg SGK tir 16p |
dén 16p 12 (gbm cac sach bii tp va vo bai tdp
cia cac mdn hoc do cdc nhéom tac gia SGK
bién soan).

. Cac sach tham khao - Ning cao kién thirc
& cac linh vuc khoa hoc trr nhién, khoa hoc xd
hdi.... phuc vu cic ddi tugng la thay co gido, cic
can bd quan li gidgo duc, cac em hoc sinh, sinh
vién va cdc bac phu huynh hgc sinh....

4. Cic loai tranh anh, ban do gido duc, cac
bang hinh, bang tiéng, dia CD-Rom gido khoa va

cac loai thiét bi dd dung day hoc phuc vu chuong
trinh, SGK hién hanh, dac biét la tranh anh, ban
dd, bang dia, thiet bj phuc vu chuong trinh va
SGK mai I6p 12.

$. Cic loai sach mau gido, truyén tranh,
truyén lich st phuc vu nganh hoc Mam non do céc
nhom tac gia chuyén nganh trong nudoc bién soan
va mét sb loai sach duge hop, tic véi cac nha xuat
ban nudc ngoai (Uc, M1, Nhat, Canada, v.v...).

&. Céc loai tdp v& hoc sinh phuc vy theo yéu
ciu, cac loai s ghi tén, ghi diém, hoc ba, bai soan
gido an theo mau quy dinh, phuc vu hoc sinh va
gido vién thudn lgi trong hoc tép va giang day.

Pé cung mg cic san phim trén dén cic thiy
co glao. cac em hoc sinh va cac trudgng hoc, Nha
xuit ban Gido duc cling vdi cac Cong ti (CP) Sach

- TBTH & cdc tinh, thanh phé t6 chirc hai Thang
phat hanh cao diém dé phuc vy nam hoc moi
2008-2009 :

* Thang phat hanh phuc vu Hé 2008:

Tir15-5dén 15 - 6.
* Théang phat hanh phuc vy Khai giang :
Tir 10— 8 dén 10— 9.

E)ong thai véi vige phat hanh va cung tng cac
san phdm méi néi trén, Nha xuat ban Gido dyc
phéi hop vai cac S& Gido duc - Pao tao, cac Cong
ti (CP) Séch - TBTH, céc t6 chirc x3 hi trién khai
cudc van dong dang lai SGK cii theo sy chi dao
ciia B9 Giao duc va Pao tao.
Moi lién hé viéc mua - ban, trao ting SGK ¢,
xin lién hé véi Nha xuit ban Gido duc o timg
khu wire :
% TP. Ha Noi : S5 187B Giang Va,
bT: 04 8562496.

« TP. Pa Ning : S 15 Nguy&n Chi Thanh,
BT 05 1 3827373,

< TP. Hd Chi Minh : $5 231 Nguyén Vin Ci,
BT : 08 8358423,

Vi cac Cong ti (CP) Sach — TBTH tai cac tinh,
thanh pho trong ca nude.

Trin trong thoéng bao.

NHA XUAT BAN GIAO DUC

https://tieulun.hopto.org
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: p » A 2 XUAT BAN TU 1964
74# Cét 70/4 % Q'Oe ia 7%9 728 Tba soan : 1878, nh%c&igrfﬁ? gf-lﬁ?l?l
M@M&lﬂ@w M Wcud‘/t, MW BT - Fax Phat kanh, Tri su 3&151'::2!'?; gigmgﬁﬁ

Email: tapchitoanhoc tunlire@yahoo.com.un

BAN €O VAN KHOA HOC CHIU TRACH NHIEM XUAT BAN
GS. TSKH. NGUYEN CANH TOAN Chu tich Héi déng Quan tri kiém

i i i Téng Giam déc NXB Gido duc
GS. TSKH. TRAN VAN NHUNG NGO TRAN Al

TS. NGUYEN VAN VONG Phé Téng Giam doe kiém

GS. BDM\:I QUYNH Tong bién tap NXB Giao due
PGS. TS. TRAN VAN HAO NGUYEN QUY THAO
HOI DPONG BIEN TAP
Téng bién tap : PGS. TS. PHAN DOAN THOAI Phé Ta‘ng bién tap : T5. PHAM TH| BACH NGOC

7S. TRAN T]INH CHAU, ThS. NG U"(’EN ANH DUNG, TS TRAN NAM DONG, TS. NG UYEN MINH BUC,
TS. NGUYEN MINH HA, TS. NGUYEM VIET HAI, PGS. TS. LE QUC)C‘ HAN, ThS. P HAM VAN HUNG,
PGS. TS. VU THANH KHIET, GS. TSKH. NGUYEN VAN MAU, Ong NGUYEN hHA(‘ MINH,
TS. TRAN HUU NAM, PGS. TS. NGUYEN Df\l\eG PHAT, PGS. TS. TA DUY PHUONG, ThS. NG UYEN THE THACH.
GS. TSKH. DANG HUNG TH:\N(.: ThS. VU KIM THUY PGS. TS. VU DUONG THUY
GS. TSKH. NGO VIET TRUNG, ThS. HO QUANG VINH.

TRONG SO NAY

Danh cho Trung hoc Co s& — For Lower @ Pé ra ki nay — Problems in This Issue

Secondary Schools T1/373, .., T12/373, L1/373, L2/373.

Lé Quoc Han - Cung lugng giac hanh

hudng vé coi ngudn. "Thanh dia Hinh hoc Syl

phing Euclide". @ Giai bai ki trudgc - Solutions to Previous
5 Problems.

Loi giai Dé thi vao 16p 10 chuyén Truong Gidi cic bai chia 6 |
3 dc b s6 369,

DHSP TP, Hé Chi Minh, nm hoe 2007 - 2008, e e

PV - Héi thdo khoa hoce Giai tich hién

Chuan bi thi vao dai hoc — University dai trong nghién citu va tg dung

Entrance Preparation
Ngu;,'en Anh Diing - Binh lufn Dé thi S
tuyén sinh Dai hoe Khoi A nam 2008. @ Lich sir toan hoc — History of Maths

Nguyén Van Thiém - Digu bi mat cna

Phuong phap giai toan—Math Problem Sulwng nhimg chudi s6 9.

Nguyen Luu - Si dung tinh chat cua

cac phan ti thude doan [0; 1], [-1; 1] dé eelte
giai toan. @ Giai tri toin hoc — Math Recreation

Ban doc tim toi - Reader's Contributions L

Biii Tudn Ngoc — Dang Xudn Son — Tinh @ Sai lam O dau — Where's Mistake?

khoang cach giita hai hinh.

@ NXBGD - Théng bao vé sach gido khoa

Giai dap thic mac
phuc vy ndm hoe 2008 — 2009.

9660@0

Dién dan day hoc todn — Math Teaching
Forum
Vin Nhy Cuong - Gidi thigu Sach gido

Bia 3 Toin hoc mudén mau — Multifarious

khoa Hinh hoc 12 Ning cao. Mathematics
Bién tdp : NGUYEN THANH HONG, HO QUANG VINH. Mi thuat : MINH THO
Tri s, phdt hanh : HOANG THANH DUC, VU ANH THU Ché'ban : NGUYEN THI OANH
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2) Céc hinh tron ¢6 ban kinh 7, R 16n nhat khi
canh manh gidy hinh vuéng la tiép tuyén
ngoai cta hai duong tron nho tiép xic nhau
nhu & hinh vé. Lic dé canh hinh vudng bang

a = AOH+P)= -L+rj=2.r«[i+1) ~ 6,828
faner tancr

2908 o A o

Véi a = 290 (mm) thi r =

va R=1,613r = 68.4(mm).

Nhan xét. Mot s6 ban chon canh hinh vudng song song

(hodc vuong goc) vai dudng ndi tam @ va tam mot hinh

tron nho thi chwa phai t6t nhat, vi lic d6é canh hinh

vuong bang 20F = 2(R + 2r) = 2(0OH + r).

Cic ban c6 1o gian ding la:

Iy Nguvén Binh The, 10T1, THFT chuyén Luong Vin
Chinh, TP. Tuy Hoa, Phi Yeén.

2) Trdn Vidn Hanh, 11A5, THPT Ninh Giang, Hai Duong.

| PRAN cHa TU @1ic
Goi tam hinh tron trung tam 1a O: hai hinh Manﬁ bon wgiac

tron nho tam A vi tam B tiép xic ngoai vdi

nhau tai H thi ta 6 OA = OB = R + r v dienltich bﬁns nhau

CH L AB. AH = HB = r (hinh vE).

THIT s6

Nguoi chi mot manh vuon ta gidc 161 ABCD
muon phan chia manh vuon dé thanh bon
manh vuon nho hinh tf gidc ¢ dién tich bang
nhau dé tréng bén loai hoa bing cdch tim mot
diém K bén trong ABCD 16i phan chia manh
vuon ABCD theo cic doan thz‘ing KM, KN,
KP, KO, trong do M, N, P, Q theo thu tu la
trung diém cia AB, BC, CD, DA. Goi E la
giao diém cta AC va BD.

Déanh cho ban doc
Ban hiay xdc dinh
diém K co tinh

. _360° AT ‘ chét trén trong moi
Taco a =—16—-'- 22030 va s = sinae = 10,3827, truomg hop sau:

tanga = 0,1142 1) Diém E la trung
W dancm it
A 2) Diém E khdc
ha |'l : céc trung diém cta AC va BD.
hay —=—-1 = 1,613.
il PHI PHI

https://tieulun.hopto.org
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NAM

ai hoc dan lap Thang Long 1a trudng dan lap dao
Dtao bac dai hoc dau tién cla Viét Nam. Trudng

duoc thanh Iap theo quyét dinh s 1687/KH-TV
ngay 15/12/1988 ciia Bé Pai hoc, Trung hoc chuyén nghiép
va Day nghé vdi tén ban dau la Trung tam dai hoc dan lap
Thang Long. Sau do, theo quyét dinh sd 441/Tg cla Thi
tréng Chinh phl ngay 9/8/1994, Trung tam dai hoc dan lap
Thang Long chuyén thanh Dai hoc dan 1ap Thang Long.
Hién nay, Hoi ddng quan tri gém 9 thanh vién, dirng du la
GS. TSKH Hoang Xuan Sinh (Ch tich). Ban giam hiéu diéu
hanh cac hoat dong ciia Nha trudng, dimg dau la TS. Phan
Huy Phu (Higu trudng). Tat ca cac van bang cla truang déu
doBo Gigo duc va Daotao cap.

Tirnam dau thanh lap, truang chico 74 hoc sinh chuyén
nganh Toan Tin va I6p hoc thué tai Trung Quan 'Y té, 138
Giang V6. Bén nay,dugc su quan tam cla Uy ban Nhan dan
thanh phd Ha Noi, su n luc clia Hoi déng Quan tri, ban Giam
hiéu, gido vien va hoc sinh, Nha trudng da b khuén vién
khang trang theo tiéu chudn Qudc t& rong han 2 ha véi he
théing lién hoan gdm: tod nha danh cho sinh vién hoc, toa nha
danh cho gido vién va chuyén gia lam viéc, nha Thé chét, toa
nha lam Hoitruang va hai gidng dudng, toa nhalam Thu vién.

Nguyén tic hoat déng:

o Gigoducbacdai hocchatluong cao.

o Phuang phap ca nhan hoa.

o Quanliva giam sathiéu qua.

o Ban Gi&m hiéu bigtldng nghe.

o Tatca cho trithire hdi nhap Qudc t&, khuyén khich tai
nang ca nhanvadap ing vdithi truéng lao dong.

Céc nganh daotao ctatrudng:

o Khoa Toan va Tin hoc: Toan Tin ing dung, Céng nghé
thong tin, Mang may tinh va Vién thong, He thang
thong tin quan i,

o Khoa Quéan Ii: K& toan, Tai chinh Ngan hang, Quan tri
kinh doanh, Marketting, Quan If bénh vién.

o Khoa Ngoai ngtt: Tiéng Anh, Tiéng Phép, Tiéng Nhat,
Tiéng Trung.

o Khoa Khoa hoc X hoiva Nhan van: Cong tacxa hoi,
VietNam hoc.

ISSN : 0866-8035

Chisé: 12884
Miso: SBTOTMS

DAI HOC DAN LAP THANG LONG
Yy diing va ppledt Luithn

o KhoaKhoa hoc Sifc khoé: Diéu dudng, Y t€ cang cong.
o Khoa Congnghé: Cong nghéturdong.

Hé thng tin chi:

Tuy theo kha nang va diéu kién, méi sinh vién co thé tu
chon cac mén hoc va chd dong sap xép ké hoach hoc tap
cho banthan. Sinh vién hoc gidi c6 thé ra trudng sam.

Sinh vién @ &t c& cac khoa phéi hoc 2 ngoai nglr : Anh
vaPhap hodc Anh va Nhat,

Théigian daotao: 4 nam hoc.

K&t qua hoc sinh tot nghiép:

Theo diéu tra cla Ngan hang Thé gici nam 1996 va Dy én
phét trién Dai hoc ndm 2001, i Ié sinh vién cla trudng co viéc
lam ngay sau khi 6t nghiép [&n Irat 14 95% va 85%. Nhiéusinh
vién da tiép tuc hoc churong trinh sau dai hoc G frong nudc va
du hoc dcacnude nhu M, Phap, Bircva Nhat Ban.

Trung thanh véi hign chuong clia trugng la "Téat ca cho tri
thire hoi nhdp Quéc té, khuyén khich tai ndng cé nhan va
dap trng vai thy treang lao déng.". 20 ndm xay dung va phat
trién, Pai hoc dan lap Thang Long da vuot len moi khé khan
dé gitr vitng muc tiéu dé ra tir ngay thanh lap, dong gop tich
cire cho nén gido duc ciia dat nudce, cho su phdn vinh clia
dan toc. Pai hoc dan 1ap Thang Long - mét dia chi dang tin
cay cho cac hoc sinh cudi cap THPT Iya chon.

Diachicuatruéng:
K.u'l;!.lp':’

e T e S g 2 13 ME _WAEF Mam
na |'|J.'|l_}" |IIJ:.'Iq|rIX-I_JI|'_J|r-I “a oI = Vigl Nam

o
X: (84-415636775

w.thanglong.edu.vn

Gidly phép XB 56 67/GP-BVHTT c&p ngay 15.6.2004
In tai Cong ty CPin Dien Hong, 187B Giang Vo, Ha Noi
In xong vandp luu chiéu thing 7 nam 2008

Gi4:6000dong
Sau nghin déng

https://tieulun.hopto.org

Il snrrassansnennnn e RN R R R R RN R RN EERERREREREERERERERRRERREREER]EIER B B i





