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(6 S6 d6 NGULeN

TAM

(DE dang trén THTT s6 366 thdng 12.2007)

Co nhiéu cach ve t giac 161 ABCD ma cac dudng
thdng AB, CD cét nhau tai E (B ndm gitta A va E) va
céc duang thang AD, BC cat nhau tai F sao cho tam
doan thdng AB, BE, AD, DF, BC, CF, CD, CE déu co
s6 do nguyén (cung vai mét don vi do).

Mat cach 1am la dya vao cac bo s6 nguyen duong
Pythagore (x ; y ; z) théa man x* + y'= z* @€ dung cac
tam gi4c vuong ma cac canh cat nhau tao ra it giac
61, Ti tinh chat dng dang clia cac tam giac vudng (@
tinh duoc do dai cac canh cla tir giac do.

G

Ta c6 thé phan chia mdi hinh ch@r nhat ABCD kich
thudc a = 4a (cm) va b*x(b+1)* (cm) thanh hai da giac
(161 hodc 16m) réi ghép chung lai (khong chom lén
nhau) duge mét hinh vuong AEFG nhu @ hinh 3 va
hinh 4.

E F
3

E F B 4 &

i , 3| 4
B ; ( '.4| § \
2a o 8 3 4
A (s D A G D
Hinh 3

Phan chia hirh chi vhit,

1) Trén hinh 1
V& Ccac tUr giac

(4

chil y rang céc
tam giac ADE, ;
ABF,  ABF, i

AB,F, Géu dong dang va méi tam gidc cb ba canh tf 18
vai3: 4.5

2) Trén hinh 2 vé tUr
giac ABCD vdi goc
BAD tu c6 tinh chat
trén, trong dé cha ¥

ABCD, AB,C,D, (3‘;
AB,C,D vt G’§
gbc BAD nhon &
co tinh chat .‘%
trén, trong do {%}

rang cdc tam giac T:
DNE, NPF, QBF,
MCF déu ddng

dang va céac canh i
levai3: 4.5 con
tam giac ANE cd \
cac canh ti 1& vdi 38} 25.2\10

|
|
|
1
I
|
cylel

1352\10
Ng A

T:24:25. M F
Lam tuong tu ta c6 Hinh 2
dap an khac.

Nhén xét. Mot s6 ban khong c6 chu ¥ didu kién diém B

nam gilta A va E. Cac ban sau ¢6 10i giai dung:

1) Duong Van An, 12A1, THPT Chau Thanh, TX. Ba
Ria, Ba Ria — Ving Tau.

2) Trén Thé Phae, 12A1, THPT chuyén Nguyén Trai,
TP. Hai Dudng

R IR R BB HRB IR BRI I

e
L&

THANH HINH VUONG
Nhung néu phai phan chia mé hinh chir nhat (khong la
hinh vudng) kich thudc khac thanh cac da giac 167 r6i

ghép chang lai thanh hinh vuong thi sd lugng cac da
giac 16i duac chia cat phai nhiéu hon.

R

L&

(e

Danh cho ban doc

el 3583%1; 9]

Ban co thé phan chia mdi hinh chif nhat sau thanh 1
nhat bao nhiéu da giac 161 d& ghép ching lai dugc mot
hinh vudng:

1) Hinh chif nhat kich thudc 27 (cm)?

2) Hinh chtt nhat kich thudc 2x11 (cm)?
PHI PHI

L&

=0
RS

it

G
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TRUNG iiuc CO SO

rong cdc dé thi hoc sinh gioi THCS
cling nhu dé thi vio l1ép 10 THPT,

thuong c6 bai vé phuong trinh va hé
phuong trinh vo ti. Viée sit dung biéu thic
lién hgp cho cdc bai toan nay nhiéu khi cho ta
két qua nhanh chéng.

Trudc hét ta nhac lai mot s6 cong thite sau:

TT | Biéu thicc | Biéu thic lién hop | Tich
1 Mra“_t i‘v’E ‘J"K +'J_ A-B
2 QF'L_A_+QB "'E YaB+YB A+B
3 Wa-¥B  [Yar+¥ap+ip* | A-B

Duéi day 1a mot s6 thi du minh hoa.

% Thidu l. Giai PT V2x-3-[x=2x-6.
Lai giai. Dicu kién xZ%. Khi dé PT da cho

tuong duong vdi

BT \.E}(u' 2x-3 +\’,J_C)

=z o
e
«> hoic x = 3 (thoa man) hoic
Q_E-—.:;-i-—&:(] )
Tir DK ,rz%; I étyra 2_\1"2,1:—';5:-7;_}0

Do d6 PT (1) vé nghiém.
Viy PT da cho ¢6 nghiém duy nhat x=3. 0
* Thi du 2. Gidl PT x* + 9x + 20 =23x+10.

Lot giai. Diéu kién Y:’“l?’— Khi dé PT da

cho tuong duong véi

(Phong GD-DT Hong Linh, Ha Tinh)

2(\3x+10-1)3x+10+1D)
V3x+10+1
6(x+3)

V3x+10+1

<> hoidc x = -3 (thod mén) hoac

x+6~+—-——§——=0 (1)

J3x+10+1

6
o Vi x> -3 thi —
N3x+10+1

nén PT (1) vo nghiém.

(x+3)(x+6)=

e (x+3)(x+6)=

<3 vax+6>13,

3x+10+1
vax + 6 < 3 nén PT (1) v6 nghiém.

Vay PT da cho cé nghiém duy nhit x =-3.0

e L 6
o Véi ——<x<-3, tuong tu 6 ———>3
3 +

* Thi du 3. Gidi PT N2 +H245=3x+/x2+5 (*)
Lai gidi. Ta cé

() a2 +12-4=3(x-2)+(vx? +5-3)

b (Vx2+12-a)(x2 +12+4)

Jx2+12+4
(Vx2+5-3)(Vx2+5+3)

=3(x-2)+
VxZ+5+3
x* -4 x?-4
S =3(x-2)t———
Vxi+12+4 Vx2+543
<> hodc x = 2 (thoa mén) hoic
x+2 ks
-3- =0 (1)
vxi+12+4 Vxi+5+3

Do vx2+12>+x2+5, tir (*) suy ra 3x > 5,
dan dén x + 2 > 0, tir do suy ra

TOAN HOC

SG 372 (8-2008)  * CTugdifre
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Y x+2 <0

Nx2+543

nén PT (1) v6 nghiém. Vay x = 2 la nghiém
duy nhét cta phuong trinh (*). O

x+2
[x?+12 +4

Y

* Thi du 4. Gidi PT 2x2—11x+21=3/4x-4.
Loi gidi. PT da cho tuong duong vai

(x—=3)(2x-5) =

3(/4x-4-2)(3(4x-4)? +24x-4+4)
Y(ax—-4) +234x—-4+4

12(x-3
o (x-3)(2x-5)= )
Ydx-4)2 +2¥ax-4+4
) ; 12
& hodc x =3 hode 2x-5-——=0 (1)
12 +21+4
voi t=34x-4.
e Viix>3thizx—5>1 va T_lZ__( i,
4 17 +214+4
suy ra PT (1) vo nghiém.
12
seNMoired hide—S5<lve —=—rm L
1 +21+4

suy ra PT (1) v6 nghiém.

Vay PT da cho c6 nghiém duy nhit x = 3.0

—— b6x—4
% Thi du 5. Gidi PT \2x+4-22—x= f_ :
Vxt+4

Loi giai. Diéu kién -2 < x < 2. Khi d6 PT da
cho twong duong véi

(V2x+d-2v2-x)V2x+4+2V2-x) 2(3x-2)

J2x+4+242~x - Jx2+4
20x-2)  206xD) oo 2
V2x+4+242-x  Jx?*+4 3
hodc v2x+4+242—x=+/x*+4 (1)

Binh phuong hai vé cua (1) ta dugc

4J2(2+x)2-x)+(2—x)(x+4)=0

eV2-x(4 22+ )+ (x+42-x)=0 ()

TOAN HOC

2 *Cugilre S6 372 (6-2008)
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Dé thiy 42Q2+x)+(x+4)W2-x>0 vdi

-2 < x <2, do do tir (2) suy ra x = 2 (thoa

an iy 2
man). Vay PT da cho c6 hai nghiém x=— hoac
2
=211
Vx+l+4y-2=3 (1)
y+14+4x-2=3 (2)
Loi giai. Diéu kién x> 2 va y > 2. Tu HPT da
cho ta suy ra
VX —vx-2=,y+]—jy-2
W+l —Jx-2)(Vx+1+4/x-2)
=
Vx+l+dx=-2

y+1=yy=2)[y+1+/y-2)
Jy+l+yy=2 '

Tt d6 6 Vx+1+Vx-2=\y+1+y-2.

* Thi du 6. Giai HPT {

Néu x >y 2 2 thi et +/x-2 ;-\,"3;:1 +\."E;
Néu 2 < x < y thi X+l +yx=2 <\f;:i+v'y—2.
Do d6 x =y. Thay vao PT (1) ta duoc
Vx+l+4x-2=3 & J(x+])(x-2)=5-x (3)

Binh phuong hai vé cla (3), giai ra duoc x =3
(thoa man).

Vay hé di cho cé nghiém (x; y)=(3;3).0
% Thi du 7. Giai HPT
' 1 1
—+,[24+—=2 (2)

N

Lot giai. Diéu kién x > 0, y > 0. Tir hé da cho
suy ra

(Xem tiép trang 30)
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LO1 GIAI BE THI VAO LOP 10

NAM HOC 2007-2008 _

'I'rmg THPT chuyén PHAN BOI CHAU, Nghé

e An

() Jﬁf

i g
(4]

NGAY THU NHAT

Caul.a)Diéukiénx20,x# 1. Tacéd
P___3x+3xf; 3 (Vx4 )(Wx-1)-(x+2)Wx-2)
(Vx-1)(Vx+2)
Coxdxe2 (r)Vxe2) Jxe
C(r-DWx+2) Wa-)Wx+2) Va-t

b) Ddpsd. P=1+ 2.

Cau2.a)A'=(2m)y -22m - 1)=2>0,m,

nén PT (1) co hai nghiém phéan biét vdi moi m.

b) Gia st x,, x, 1a hai nghiém cta PT(1). Theo

dinh li Viéte ¢6 x, + x, = 2m. Do x, la nghiém

cua PT (1) nén cé 2x7 —4mx; +2m? —-1=0.

Lai c6 Q=(2x7 —4mx; +2m* —1)+4m(x, +x,)
= 4m(x, + x,) = 4m.2m = 8n’.

Tac6 Q>0 8m' >0 m=0.

Vay vai m # 0 thi PT (1) ¢6 hai nghiém phén
biét thoa man dé bai.
Cau 3. a) Dat u=+x+1; v=\/; (uz0,vz20).
: u+v =4 i+v=4

He da cho trd thanh < =

w4+ =8  |uy =4
v=2,trdéx=3vay=4. He¢
=(3;4).

Suyrau=2;
da cho c6 nghiém duy nhat (x ; y)

b) Ap dung BDT Cauchy cho hai s6 dudng ta cé

12x+l22\/g,suyra 2>y (1)
) x X
Ap dung (1) va BDT Cauchy cho hai s&
duong ta co
a9 Wy e v AT
7 1bx 16% ylex 16 4

Sl o k)
Vay gid tri nho nhat cta A la VL dat dugc

S 1
khi va chi khi x = . M y=

A
Caun 4. (h. 1). Do 'y
tam gidic ABC cin #_;’,’-" \_\
tai A nén AM 1 BM. f f.-'f 1
Lai ¢6 BD 1 AD, /|| )\f‘\
do dé6 i gide L "
ABMD noi tiép. /
Mat khéc, NI /71| \
dudong trung binh p& _i if C
cla tam gidc BMD v
nén NIi{/MD. Do dé Hinh 1
KNC = DMC .
Hon nita DMC = KAB (tmh chat tir gidc noi
ti€p ABMD). Suy ra KI\*C‘ KAB (1)

Vay ti gidc ABNK noi tiép.

b) Ta c6 NKC = ABC (1 gidc ABNK noi tiép).

Tir day va tir (1) c6 AABC v ANKC.

Suy ra EIC_=A_C Mat khic, dé thay NC=EBC,
CK 4

do d6 BC? =
Cau 5. (h. 2)

%BC.NC . %AC.CK.

Hinh 2
Do BN la tia phan gidc trong géc B cua tam

\; M 1
gidac BMC nén £=L =—.
] ! s

TOAN HOC
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e AT
Lai ¢c6 —=
AL

A i
St , suy ra BA la tia phan
2 BC
gidc ngoai cua tam gidc BMC.

Theo tinh chdt cua hai dudng phan gidc trong
va phan gidc ngoai suy ra BN L BA (dpcm).

NGAY THU HAI

Cau 6. a) Ta c6 PT di cho tuong duong vdi

2-120 x| 21
@ l
l+x=(x2-10  |x(x+])(x?=x-1)=0

1+/5

< x=-1 hodc x= :
2

b} Goi da thitc da cho 1a
Pxi=a*+ b+ e +dx+e(a#0).

Tirgia thiét ta co e = P(0): 7;

P(2)—-P(l)+ P(-2)- P(-1)=3a:7.dodd a: 7
P(2)—P(1)= P(-2)+ P(-1)=3b:7,dodd b: T:
c=P(l)+P(-1)-2e-a:T;
d=P(1)-P(-1)-b :7, suy ra dpcm.

Céu 7. a) Nhan PT thit nhit cioa hé véi 6, nhan
PT thit hai ctia hé véi 19x roi cong lai duge
Glxy) + 19(xy)* + 19xy +6=0

< v+ D2xy+ 3By +2) =0.

e Vdi xy = —1, thay vio PT thi nhédt cta hé
dugc x = 0 (khong thoa man).

s ik g (1
o Vdixy=——.timdugc (x;y)= | =1 AEJ.
3 2]

. S 1
s Voixy= . tim dugce (x; y) = ["_}- i JJ :

b) Byt A 14 vé trdi BDT cén chimg minh. Ta cé
ah? be?
1+52 1+¢? l+a?
( a?  be*  cad
- + -
U462 142 ]+a-)

ca’
A=a

=3 -

I -“ 1+b+e)’ 3
oo (2 arbed 3
vab Je 2a 6 2

Piéng thic xdy rakhi vachikhia=b=c=1.
Cau 8. a) Phan climg. Gia su bt ki hai hinh

chir nhat néo trong chin hinh chir nhéat nho /1,
H,...., H, déu co6 dién tich phan chung nho

hon -in
9

TOAN HQC

4 ' clusie S& 372 (6-2008)

Khi dé dién tich phdn /1, khéng bi phi bai H,
1én hon l—-(lj=E-;-: dién tich phan A, khong bi

|
phu boi H, va H, I6n hon I—E—E:a
tich phan H, khong bi pht bdi H,, ..., H lén

Y L 1B

hon % Nhu vy dién tich cta hinh chir nhat

Ién 1én hon I+§+z+.,.+l =5 (vo li).
9 9 9

Cau9.a)(h. 3)

Hinh 3

Ta ¢6 tir gidc BNHK noi tiép duong tron dudng
kinh BH ( BKH = BNH =90°). Goi I I trung
diém cua BH. Cic tam gidc KBH va KAC
vuong nén [KH =IHK va EKC=KCE. Lai
c6 IHK =DHC tix d6 ¢6 EKC +HKI = hay
EK | KI.

Tir dé ta c6 diéu phai chimg minh.

b) Keé duting kinh BF cta duong tron (0). Dé
thay tit giac AHCF la hinh binh hanh nén £ la
trung diém cua HF. Theo tinh chit dudng
trung binh ta cé O! // EH. Mat khic Of L BM
(duting ndi tam hai dudng tron vudng gbe vai
day cung chung}). Do dé EH 1 BM. Lai co
HM 1 BM (do BH la dudng kinh dudng tron

(1), suy ra E, H, M thang hang va EM L BM. o

https://tieulun.hopto.org
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NNM {%ﬁ@@ @,@@%@@@@
(PE C HUNG CHO CAC LOP CHUYEN TOAN; VAN, PHAP)
: (Théi gian lam bai: 150 phiit)

Cau l.(2 a’iﬁ}f?}

1) Rt gon biéu thic
F Vx(6 - V)
x—4
viix=0vaxz4d

2-3x
\f_x:+2

)-'-"\h

e

2 ~Nx

P

2) Khong giai phuong trinh 2 + 17x - 13 =0,

2 2
Ax + T +4x3

hay tinh gid tri clia biéu thic § =—— —=,
3xxy + 39
trong d6 x,, x, a hai nghiém cua phuong trinh

da cho.

Cau 2. (1 diém)

2

1) V& d6 thi (P) ciia ham 86 y = .

2) Tim gid tri cla m dé dudng thang (D) la dé
thi haim s6 v = m(x + 1) (m Khic 0) ti€p xic
v4i dé thi (P). Tim toa do tiép diém.

Cau 3. (2 diém).

Giai cdc phuong trinh va hé phuong trinh sau

Besae oy

S —x =+

Cau 10. Gia sur
tr gidc 161
ABCD thoa miin
AD + BC + BD

< 2428 (h. 4).

Ta thay,

28 < BD(AD + BC)
A‘D+B(."+B[I'j2 *)

=

Vay AD+BC+BD
=08

Titdo AD+BC +BD =228 .

A

\

D _
Hinh 4

{ N] ik --—'f—,; = 27
i P23
A
I A = _qu
lx+1 -3

Cau 4. (1 diém). Tim s6 tu nhién bé nhét bidt
rang khi chia s6 d6 cho 2005 thi dugc du la 23
con khi chia sa dé cho 2007 thi dugc du la 32.
Cau 5. (4 diém). Cho tam gidc déu ABC ndi
tiép dudng tron tim O, ban kinh R. Diém M di
dong trén cung nho BC, M khéac B va C. Day
cung AM cit day cung BC tai D.
1) Ching minh ring AM = BM + CM.
2) Chimg minh rang tich AD.AM 1a mot hang so.
3) Xac dinh vi tri diém M sao cho do dai doan
DM 16n nhat. Tinh gid tri 16n nhét nay theo R.
4y Tia CM cét tia AB tai K. Chiing minh ring
BC 1a tiép tuyén cua dudng tron ngoai ti€p
tam gidc BKM.
NGUYEN PUC TAN
(TP. Hé Chi Minh) gidi thiéu.

Ping thitc xay ra
khi va chi khi cdc
ding thifc o (*)
xay ra, tic la khi
AD 1 BD,

BC 1 BD va
AD + BC =BD
FR5k

Dung hinh binh
hanh CADE ta
¢6 ABDE vudng céan tai B.

Do dé AC =DE= BD+2=245.

D
Hinh 5

THAI VIET THAO
(S¢ GD-PT Nghé An) gi6i thiéu.

TOAN HOC

S6 572 (6-2008) ! CTugilre 5
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Chudn b

cho ki thi

tot nghiép THPT
va thi vao

Dai hoc

T MO

Mot s6-phuong phap
TIM GIA TRILONNHAT
va GIA TRINHO NHAT

DANG THANH HA
(GV Hoc vién Phong khéng -
Khéng qudn, Ha Tay)

ai todn tim gid tri lon nhdt (GTLN),
B gid tri nho nhdt (GTNN) cua mot

biéu thitc hodc mot ham so la bai
todn thuong xudt hién o cdc cdu IV, cdu V,
trong cdc ki thi tuyén sinh vao Pai hoc va
Cao ddng hay edc ki thi hoe sinh gioi cdc cdp.
Bai viét xin trinh bay mot sé phuong phdp
co bdn dé gidi cdc bai todn thuéc dang nay.

Phuong phap 1. UGC LUONG GIA TRI CUA
BIEU THUC HOAC CUA HAM SO

Phuong phap nay chli yéu sit dung cdc bét dang
thic quen thudc (Cauchy, Bunyakovski, ...)
hoic cdc BDT co ban dé ude lugng gid tri cla
biéu thic hodc clia him s&. Tir dé tim diéu
kién xdy ra ddu dang thic dé suy ra GTLN,
GTNN can tim.

% Thi du 1. Cho x, y, z la cdc sé thuc duong

thay doi va thod man diéu kién xyz = 1. Tim
gid tri nho nhat cua biéu thitc
x2(y+2) 2 (z+x) 22 (x+y)

P_y\/_+2 B A xx+2mfy

Loi gidi. Ap dung BDT Cauchy cho hai s&

1
duong, ta co y+222.,."yz=2\/: .Tudo
X

TOAN HOC
& q'-“f’lt!: Sé 372 (6-2008)

xz[y+z)22x2\/1=2xxf;, suy ra
X

x2(y+z) 2xx
y\{—+2zv{_ yﬁ+2 2z

Xét hai BDT tuong tu nifa, ta thu dugc

T nfy+2nz 742 Nf_r wr+2v\jw

Pat a:x\f’;,bzy\/;,c::zxfrz?;th‘l a, b, c la

céc s6 duong va abc = 1.

Ta cé

a b c

{1)«:»}122{ J:zs 2)

b+2¢ c+2a a+2b

Ap dung BDT Bunyakovski ta c6

(a(b+2c)+b(c+2a)+c(a+2b)) x

]2 (a+b+c}3.

[ a b ¢

+ +
b+2¢c c+2a a+2b
(a+b +.:*)2

Tedé S2——m———— 2
3(ab+be+ca)
T (2)suyra P2 2.

Vay GTNN cia P la 2, dat duge khi va chi khi
Vi

% Thi du 2. Cho x, y, z la ba s¢ thuc duong
thay déi. Tim gid tri nhé nhdt cia biéu thiic

QO=x Ty : +y[l+l]+z i+—I— :
i oy 2 xy

Lai giai. Ta co

7 xit gt

PLT
=t (1)
¢ e D xyz
Dé thdy x2+ y?+2z* 2 xp+)yz+zx (2)

Tir (1) va (2) ta thiy

Q)['.;_z‘l' : J+[%~+l]+[§+lj
x ¥ z

https://tieulun.hopto.org
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Ap dung BDT Cauchy cho ba s duong ta duge

2 2 2

K lealil e T

2o ST iy A

Hoan toan tuong tu ta tha Q>£+§-+§——2
e Lt

Véay GTNN cua Q la % dat dugc khi va chi
khix=y=z=1.0]

Phuong phiap 2. XET CHIEU BIEN THIEN
CUA HAM SO
Str dung cong cu dao ham, thiét lap bang bién
thién cliia ham s6 y = fix) trén tip xdc dinh cla
no, tir dé suy ra GTLN, GTNN ciia ham s6 dé.
* Thi du 3. Cho hai s6 thuc x, y khédc 0 thay
doi thod man diéu kién(x+y)xy=x*+)?—xy.
Tim gid tri lén nhdt cia biéu thitc A =L+~E—‘
3y
Loi giai. Tir gia thiét c6
e (x+y)(x? —xy+?) _f x+y]2 _{ 153 ]2

£y S

X ¥
bat x=ty, ciing tir gia thié’t{x+y)3y:x3+ﬁ—3y

suy ra(t+1)y> =(12 —1+1)y2.

e 2
Do i, gl r+1; Bast r+1_
1+t t+1
2 5 2
s N s
el t2—1+1
Xer iy 6 (L) ol
12 —t+1 (2=1+1)"

Giai PT f'(1)=0 ta duge £ =1.

ol o FRERE] s -
Lai co llmf{f):hm—? = tr d6 ta co

= f—m o —f 4

bang bién thién

! -0 -1 1 +o0
f(1) - 0 + 0 -
Jir)

Tir bang bién thién, ta ¢c6 GTLN clia A 1a f *(1)

= 16, dat duoc khi vachikhix=y = % a

* Thi du 4. Cho x, y la cédc s& thic thay doi.
Tim gid tri nhé nhdt cia biéu thitc
B =J(x—1)_ +3° +\/(x+l)_ +y? +‘y—2{ :

Léi gidi. Trén mat phing véi hé truc toa do
Oxy, xét cac diém M(=1 + x; —y); N(1 +x; y).

Tacoé OM + ON 2 MN, suyra

Ja= 02 () 402 2 A2y 22,102 (1)
Dang thitc xay ra khi va chi khi x = 0.

Tir (1) tacé B2 2,f1+y? +[y-2| 2)

Xétham s6 f(y)=2./1+)* +|y—2| 3

Véi y22,tacéd f(y)=241+y? +y-2 la ham
s6 déng bién. Véi vy < 2, ta cd
2y

7(y)=2 I+y2+2—}*g.f'(}'):\/@_l'

Gidi PT f(y)=0, ta duge y=-—j—§- .

Lap bang bién thién cta ham sé f(y):
!

3
*
o5

y o0

it ~ 0 + i
243 /

Tir bang bién thién ham s6, ta cd

minB = 2+43 @(x;y)z[ﬂ;%]. )

fiv)

Phuong phap 3. TIM MIEN GIA TRI CUA
HAM SO

Cho ham s y = f{x) x4c dinh trén tap X c .
bé tim GTLN, GTNN cia ham y=f(x) ta

TOAN HOC

SG 372 (6-2008) ¢ CTidilve
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tim mién gid tri clia y, tic la tim diéu kién cua
tham s6 y dé phuong trinh y = f{x) (4n x) cé
nghiém trén tap X.

% Thi du 5. Cho x la s& thic ditong thay doi.
Tim gid tri nho nhdt cia ham sé

y=xt Ix3+n]- (1)

N

kd - l
Loi giai. Tacé (1) &, [x"+—=y-X
x

y>x
s — 2. 2
=yi-2xy |2yx?-y*x+1=0.

5 e e 3
Deé iim tap gid trl cua y=x+,/x"+—, fa um
X

tAt c4 cdc gid tri clia y sao cho PT (dn x):
2y —yx+1=0

c6 nghiém thoamin 0<x<y (2)
Pit flx) = 2yx2—y?x+1.
Do fi0) =1 > 0; ﬁ_\‘) = 13+1>0; y > 0 nén
J' 8}>0
(2) & oy=2.
k 4y

Vay tap gid tri cia y [a [2, +0). Tir d6 GTNN
clia y 1a 2, dat duge khi va chi khi x=-%.

% Thi du 6. Xdc dinh cdc 56 thiee a, b sao cho

ax+h

ham s6'y = — cé gid tri lon nhdt bang 4,
x2 +

va gid tri nhé nhdt bdang —1.

Loi gidi. Him s6 c6 tap xdc dinh la K. Ta tim
tap gid tri clia ham y, nghia la tim tat ca gid tri

ciia tham s& y sao cho PT - H}J =y (an x) c6
x4

nghiém xe R (1)

Tacé(l) <& 2 -ax+y—-b=0 (2)

TOAN HOC
8 ! Clugilpe SO 572 (6-2008)

Néu y = 0, thi (2) & ax+b=0, PT nay c6
a#0

nghié¢m <
a=b=0.

Néu y # 0, thi PT (2) c6 nghiém

oSA=a?-4y(y-b)20
b-b +a* b+h?+a?

(Do |b|<Vb? +a® nén
b—~b* +a? S b+~b*+a?

2 R 2 :
Tir d6 suy ra tap gid tricua y la

[h— b*+a? b+\l{;73 +a? }

maxy=
Vay -
: b—+b2+a?
min y =—2'—""— i

Tir gia thiét dé bai ta tim duoc (a5 b) = (4 3)
hodc (a; b) = (-4 ; 3).

Pé két thic bai viét, moi cdc ban luyén tap
theo céc phuong phap da néu & trén qua céc
bai todn sau.

1. Cho x > y > 0 la cdc s6 thuc thay déi. Tim
gid tri nhé nhdt cua biéu thitc
1

P=x+ =
w{x—y)
2. Xic dinh s6 thuc k sao cho ham so
ksi ]
y=2SIXT 5 GINN nho hon —1.
cosx+2

3. Cho x # 0 ; y # 0 la edc s6 thie thay doi.
Tim GTNN cua biéu thiic

4. Tim GTLN va GTNN ciia ham sé

y=x++4-x7.
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=111

et e TRUGC K THI

HUGNG DAN GIAI BE SO 2
(Dé ding trén THTT 56 370, thing 4 nam 2008)

Ciu 1. 1) Ban doc ty giai.

2) PK dé (C,,) c6 ba diém cuc tri la m < 2.
Céc diém cuc tri cia (Cy) 14 A(0 ; m*=Sm+5);

B(—2-m;1-m); C(N2-m;l-m).
des&.mz?—%@.
Ciu 2. 1) Dua PT vé dang

X bl
COS—.COSX.CO5— | =—.
2 2 16

Str dung cong thirc bién dbi tich thanh tong

giai hai PT cosi.cosx.cosﬁz—
2 2 4

; X S 1
va COS—,COSX.COS—=——,
2 2 4

ta duoc cac ho nghiém cua PT da cho 1a

x=£+k£:x= iz—n+m2:rt (k,me#). .
g cr 3

—J<x<l,xz0

2) bK {

y=-2iy=-1.
Pua PT thir nhit cia hé vé dang

logi-x(2 + ¥) +loga., (1 -x)=2.
Dit ¢ = log,_,(2+ ), tim dugc £ = 1, két hop
vii PT thir hai cia hé, dbi chiéu véi PK trén,
tim dugc nghiém (x ; y) = (=2 1).

1

L= 1]3‘ L dx

» »
x? x3

I
Céu 3. 1) Dua [ vé dang f:[[
1

3

Diing phuong phép dbi bién sb, dat r:—é— ~1.
2

Ddp s6. 1= 6.
2) T a' + b za’b+ab’ . suy ra
2a* +bY Yz at +a@*b+bt +ab’ =(a® +b* ) a+b).

¥ at + bt

]

sarb 100

o s sl

i > =—| .
P ) 2ab Ba )

Tuong tu cho cac BDT con lai, suy ra dpem.

Cau 4. Dip s6. 1) A(1 ;0 =1) ; goe (d,(P)) =300
2) Hai dudmg thing thoa man dé bai cd PT

x—1 4 z+1
A — = —
Sl e e
(As) x| ¥ z |

TR RS AR TR
Ciu 5a. 1) Pdp so. Hai dudng tron thdoa min
de bai c6 PT
(C:lx—1) +iy—2) = 10;
(Ca): (x — 17)2 + (y — 10)* = 250.
2) Pat S 1a vé trdi hé thirc can chimg minh,
lvuy C2=Ct=1va Ct=Ci* tathiy
28 = A(CLY +n(C2R +..4+n(Cor 2 +n(C2)? (1)
Tir (1+x)"(1+x)" =(1+x)**, ¥x € R. So sanh
hé s ciia x” trong khai trién nhi thirc Newton
cia (I+x)"(1+x)" va (1+x)>" tasuyra
(ChPHC) +..HCR ) =C3, 2)

Tir (1) va (2) ¢6 dpem.
Ciu 5b. 1) PK x > 0 va x # |. Pua PT vé
dang log,(x+3)+log,|x-1|=log,(4x).
Xét hai kha ning 0 <x < 1 vax > 1, ddi chiéu
voi DK ta tim dugc hai nghiém cua PT 1a
x=-3+23vax=3.
a~/29

;-
HUYNH TAN CHAU
(GV THPT chuyén Lwong Van Chanh,
Tuy Hoa, Phu Yén)

2) Ddp s6. R =

) TOAN HOC
$§ 372 (6-2008)  ‘ CRysilye 9
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PE SO 4
(Théi gian lam bai: 180 phut)

I. PHAN CHUNG

Ciu 1. (2 diém)

Cho ham s§ y=x3-2x? -(nr—l}x+nr (1)
1) Khao sat sy bién thién va v& do thi cia
ham so khim=1.

2) Trong trudong hop ham sb (1) dbng bién
trong tap s& thye R, tim m de dign tich hinh
phéing gii han bai do thi ciia ham s6 (1) va
hai truc Ox. Oy ¢6 dién tich bang 1.

Cau 2.(2 diém)

1) Giai phuong trinh nghi¢m thye:
1 - tan x.tan 2x = cOS 3x.

2) Tim tht ca céc gid tri cia tham sb k d¢ phuong

I = = -~ - » i
trinh \J(k +1)4" 2" +k =1 - 2% ¢b nghiém.
Ciu 3.(2 diém)

1) Trong mét phing v&i hé toa dd Oxy cho
elip (F): x* + 4y* = 4. Qua diém M(1; 2) ké
hai dutmg thing lan luet tiép xiic véi (E) tai
A va B. Lap phuong trinh dudng thing di qua
hai diém A4 va B.

2) Cho tam gidc ABC thoa man
cos24 +J§(c0523+00320)+§2—=(}.
Tinh dd 16n ba goc cia tam gide do.

Cén 4. (2 diém)
1) Tinh tich phén

o
=

2) Cho ba sb thyc duong x, v, z thoa min
didu kién 2 Jxy +xz =1.

Tim gid tri nhé nhit cia biéu thirc
Zx- Dxy
e

e y z
I1. PHAN TU CHON. Thi sinh chon cdu 5a
hodc cau 5b.

Céu Sa. (Theo chwong trinh THPT khing
phadn ban) (2 diém)

1) Trong khong gian vé&i hé truc toa do Oxyz
cho hai duong thing

2y—4=0
{Cf!)i{x+ 4

Lap phuong trinh mat cdu ¢ ban kinh nho
nhat tiép xic véi ca hai duong thing trén.

PR - ‘a 4 fa = ’
2) Co tat ca bao nhiéu so tu nhién chan co
4 chit sb, sao cho trong mdi s6 d6 chik so
dirng sau 16n hon chir sO dirng lién trude no?

Céu 5b. (Theo chiwong trinh THPT phan ban
thi diem) (2 diém)
1) Cho hinh chop tir gide S.ABCD. Day
ABCD 1a hinh vudng canh bang a, S4 vudng
gbc vai mat phang (ABCD) va SA4 = a. Tinh
dién tich cia thiet dién tao bdi hinh chop voi
mit phiing qua 4 vudng goc véi canh SC.
2) Giai bat phuong trinh

log,: ;3<log,2 (x€R).

NGUYEN LAI

(GV THPT Luwong Vin Chanh,
Tuy Hoa, Phu Yén)

+xc05x].e5i“"dx .

o — I —————— Ve T b —

. THONG BAO TANG GIA TAP CHI
Thei gian cuéi ném- 2007 va déu ném 2008 gid gidy trén thi truomg lign tuc tang. Ciing vi thé, chi phi

dé xuéit ban Tap chi da téing theo. D& dém bdo cho tap chi vén duoc in trén gidy voi chét luong 16t vé phuc
vy cho nhy cdu cia ban doc, Tap chi quyét dinh diéu chinh gid bdn Tap chi Todn hoc va Tuéi fré fr
5000 déng/cuén lén 6000 déng/cusn.

Théi gian p dyng: 1o quy 11 (1 thang 7) ném 2008.

Tap chi Todn hoc va Tudi tré xin théng béo dé ban doc duoc biéh.

Xin trdn frong cdm on.

/

e s e e i B B S
CE—————

..__._,_,.__.___”..._________.._,____......——___u-———-——n—--———-.-—————-————u-

TOAN HOC

“ Clugilre Sé& 372 (6-2008)
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& CAU

HOI 1. (cua ban Nguyén Thanh
Tung, 12A11. THPT Lwong Dac Bang,

Hoang Hod, Thanh Ho4)

Bai toan.Tim gid tri ciia m sao cho phirong trinh
(m=2)2"83% L 2m-6)xTo82% —2(m-1)=0 (1)

1
cd hai nghiém phan bi¢t thudc khoang (q ;2 E

Dady la bai toan ra trong dé thi thir Pai hoc clia
trudmng em. f)ap st clia mdt s ban 1a 10sm<11;
em va mét so ban khac déu nhat tri ring dap
s6 149 <m < 10 va m = 11 mdi la ding. Vay
mong toa soan cho mgt cach giai dung.

¢ TRA LOL
bit 1 = logox, thi x=27; x
Pat u=2'", khi d6 PT (1) c6 dang

(m=2)u" =2(m+Du +(2m—-6)=0 (2)

g
2|thit e(—

A

—logax :2—53‘

Vaix e l:Dvaue]l;2)

0| —

L
4,

Hurn nita, u=2"13 ham sd chin theo ¢ nén
moi u € (1 ;2) s& c6 hai gia tri d&i nhau coa
t e(-1 ;1) va do do s& co hai gia tri cua

X e [1;2}.
2
* Véi m=10 thi PT (2) dn u ¢6 hai nghiém 1A

o % A thinbe, F1: 2 Ti d6 PT (19 o6 ba

nghiém thudc &;z}(khang thord mEn);

* Vai m #10 thi nghiém cua PT (2} (néu c6)
luén khac 1. Vi vdy bai todn dua vé tim céc
gi tri khac 10 cia m dé PT (2) c6 ding mét
nghiém thudc khoang (1 ; 2).

Néu m = 2 thi PT (2) tré thinh -6 2 =0 <

u= —% (khong thoa man).

Néu m # 2 va m#10 thi PT (2) ¢6

A'=—ni* + 12m—11. Xay ra céc trudmg hop sau:

1) PT (2) c6 nghiém kép thude khoang (1 : 2)
—-m:+12m-11=0

tire 1a m+1 em=11.

<2

H=2

2) PT (2) ¢6 hai nghiém phéan biét uy, u; khic
1, trong d6 co ding 1 nghiém thudc khoang
(1;2). bt vé trai cua (2) 1a flu)

[f(2)=0

+Néu 1< < up = 2 thi J:, m=3 . khong cé

m—2

gia tri m ndo thoa man.

+Néu 1< uy< 2 <u hofic i< 1< w2 < 2 thi

ANA2) <0 < (m=9)m—10)<0 < 9 <m < 10,

Vay céac gia tri thoa mén didu kién bai toan la
9<m<10vam=11.

Két qua cia ban la ding! Chic ban dat két
qua cao trong céc ki thi sap toi.

@ CAU HOI 2. (cia ban Trwong Thi Hai
Yén, 12E, TTGDTX, Hai Duwong)

Bai toan.Co 12 chiéc banh ngot khdc nhau.
Hoi c6 bao nhiéu cdch xép cfmng vao 6 chiéc
hop gidng nhau, méi hop co 2 chiée banh?

Cich 1. S6 cich ghép cip 2 bénh bing
C7,=66. Vi vay so cach xép banh vao 6 hop
bang C& =9085768.

Cich 2. Chon 2 banh xép vao hép thir nhit, ¢o
C?, céch. Vi mbi cach chon banh vao hp thir
nhat, c6 C3, cich chon 2 banh vao hép thir hai.
Trir 4 banh da chon, cé C§ cach chon 2 banh
vao hop thir ba. Trir 6 banh da chon, c& CF
cdch chon 2 banh vao hdp thir tu. Trir 8 banh da
chon, cd C3 cach chon 2 banh vao hdp thir nim.
Trir 10 banh da chon, ¢ C3 cach chon 2 banh
vao hép thir su. Vi kha niing xép 2 banh vio
cac hop la nhu nhau va theo quy téc nhén, ta co
s& cach xép banh vao 6 hdp thoa man bai ra la

6C7,CHCCIC3C3 =44906400 céch.
Ban c6 nhin xét thé nao vé hai cach giai trén?

THTT

. TOAN HOC
So6 372 (6-2008) & usitpe 11
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PHUONG PHAP

GIRT TOAR

¢Bai toan 1. Trong khong gian cho diém M
khéng thuoc mdt phang (@), tinh khodng cach
d(M : (@) tix M dén mdt phdng ().

Phuwong phdp gidi
Cdch 1. +Dung MH L mp((:r) tai f.

+ Tinh do dai doan thang MH.

Khi d6 d(M; (@) = MH.
Céch 2. Tim dudng thing A qua M va A cat
mp(a) tai I, trén A chon diém A (A # [; A # M),

e dMi(a)) _ IM

lic d6 ————= = —

, din dén két qua:
d(4;(a)) 14

A0 5 (@) = o d(A (a0).

Chii ¥. 1) Néu trén mp () ta tim dugc dudng
thing a thich hgp ndo dé ma a L mp(f), voi
mp(f) chita M thi ta nén lam theo cich 1.

2) Néu tim duge mot dudng thing thich hop

di qua M cit mp(a) tai / thi ta nén lam theo
cach 2.

&IBai toan 2. Trong khong gian cho hai
dwong thdng chéo nhau a va b. Tinh khodng
cdch giita a va b (ki hiéu d(a; b) la khoang
cdch giita hai duong thatng a va b).

Phuong phdp gidi

Cdch 1. (Ap dung cho trudng hgp a L b).

+ Dung mat phing(e) chita b va (@) L a tai A.
+ Dung AB L b tai B.

Khidé dia; b) =

Cdch 2. Diung mp(a) chita b va mp(a)/fa, khi
dé d(a s by =dla; (@) =dM ; (a)) véi M € a.

TOAN HOC

12 ' Clugilpa S8 572 (6-2008)

Tinh Kfoang cach i mol giém dén m phang

TRAN DUC THIEN)
(GV THPT chuyén Hung Yén)

Trong SGK Hinh hoc lop 11 ta dd biél cdc phuong phdp tinh khoang
cich tir mot diém dén mdt mal phdng vd khodng cdch giita hai dwing
thing chéo nhau. C6 hai bai fodn co bdn saun ddy.

Cdch 3. + Dung mp(a) chita a va mp(a)//b.
+ Dyng mp(/) chia b va mp(f)//a.
Khidéd(a; by=d((a): ().

BAL TAP AP DUNG
Bai 1. Cho hinh chép S.ABCD cé day ABCD la
hinh vuéng canh a; SA L mp(ABCD); SA = a J3.

Goi G la trong tdm tam gidc SAB. Tinh khodng
cdch tie diém G dén mp(SAC).

Lai gidi 2

Cdch 1. Goi O

& tim hinh

vudng ABCD.

Puong  thang

BG cit mp(SAC)

tai F (h. 1). k

Khi d6 Hinh 1
d(G,(SAC) _FG _1 . OB 1 SA
d(B:(SACY) FB 3’ OBLAC
= OB L mp(SAC) nén d(B ; (SAC)) = OB =
"Wiﬁ Viy d(G ; (SAC)) = ]3 “\;2 “:;2

Cdch 2. Dung dudng thang di qua G va song
song vai SA, cit AB tai N khi d6 d(G ; (SAC))
=d(GN : (SAC)) = d(N ; (SAC)). Dung NH 1LAC

tai H, ta ¢6 NH L mp(SAC), suy ra
N
d+ SAC) = NH. Mo T A _FO L e
OB AB FB 3
a2
NH = —OB=£ Vay d(G; (SAC)) = ;; .0

https://tieulun.hopto.org
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Bai 2. Cho hinh chép S.ABCD cé day ABCD
la hinh thoi tém O, canh a, BAD= 60°,
SO 1L mp(ABCD) va S-C):BTG.
a) Tinh khodng cach tw O va tiv A dén mp(SBC).
b) Tinh khodng cdch giita AD va SB.
S Loi gidi.
a) Dung OILBC
tai 7 (h. 2).
Nhin thidyBC L
mp(SOI). Dung
OH 1 SItai H,
lic dé do
{OHLSI )
_ nén
OH L BC

Hinh 2
OH L mp(SBC). Vay d(O ; (SBC)) = OH. Tu

)C 3
gia thiét, ta thay OI = e a\f’_

4
Kéo dai Of cét AD tai J, lic d6 IJ L AD va

ol

IJ =20l =

Ta thdy AISJ déu, dung

JL L Sitai LthiJL L mp(SBC) vaJL =50 = 3%;

Vi AD//mp(SBC) nén d(A ; (ABC)) = d(J; (ABC))

=JL = ? Lai c6 OH = %JL:E‘S&‘ suy ra

d(0; (SBC)) = 3?“ va d(A ; (SBC)) = 37”

b) Do AD/fmp(SBC) suy ra
d(AD ; SB) =d(AD ; (SBC))=JL = ;12 .0

Bai 3. Cho ldng tru ABC.A'B'C’ ¢é cdc mdt bén
déu la hinh vuong canh a. Goi D, E, F lan luot
la trung diém cdc canh BC, A'C’, C'B". Tinh
khodng cdch giita cdc cdp dudng thang sau:

a) DE va AB’;
b) A'Bva B'C".

A’ E c’

Lot gidi. a) (h.3)
Ta thdy DF cit
BC tai K I
trung diém cla
méi dutng. Goi
E’ la trung diém
AC thi E'K//AB’,

ma B'C cit mp(DFEE") tai K va AB'//mp(DFEL"),
suy ra d(AB'; DE)=d(AB'; DFEE"))
=d(B': (DFEE")y=d(C ; (DFEE)).

Liy M’ 1a trung diém DE’ va CM’ cit AB tai
: 1 3
(DFEE") = CM’ = 5(::14:%.

-

J

M. Taco d(C ;

Vay d(AB’; DE) = £

b) (h. 4).
Vi B'C'//mp(BA'C)
va A'B thudc
mp(BA'C) nén
d(A'B; B'C)

= d(B'C", (BA())

= d(F; (BA'D)).
Dung FH L A'D tai

— “h C
H thi FH vuodng

o ; Hinh 4
gbéc voi mit phang
(A'BC), dodé d(F ; (BA'D)) =FH.

e 1 | T
M ZF D a2
. 3a? N av’—
nén FH- =Tﬁ suy ra FH = :
%
Vay d(A'B ; B'C") = “*{E_l s
CAC BAI TAP TU GIAI

Bai 1. Cho ling tru dimg ABC A'B'C’ vi AA" = |; day
ABC 1a tam gidc vuong tai A c6 BC =2, AB= V3

a) Tinh khodng cach tir A d€n mat phéng (BCC'B").
b) Tinh khoang céch tir A dén mat phang (A'BC).

Bai 2. Cho hinh vuéng ABCD canh a; [ la trung diém

canh AB. Dung ST L mp(ABCD) va SI' = % Goi M, N.

P lin luot 14 trung di€m cia cdc canh BC, SD, SB.
'I‘mh khoang cach giita cdc cédp dudmg thang NP va
AC; MN va AP.

Bai 3. Cho hai tia Ax va By chéo nhau, géc gita Ax
va By bang 60° va AB = a la doan vudng géc chung
ctia ching. Trén By lay duEm C sao cho BC = a. Goi
D 1a hinh chi€u vuéng géc clia C trén Ax.

a) Tinh khodng céch tir C dén mp(ABD) ;

b) Tinh khoang cédch gitta AC va BD.

Bai 4. Cho hinh chép SABCD, diy ABCD la hinh thoi
tam O, SO L mp(ABCD) ; AC =4, BD =2; 50 =3 ..
Goi M la trung diém cia SC. Tinh:

a) Tinh khoang céch tir A dén mp(SBC);

b) Tinh khodng cédch giita SA va BM.

TOAN HOC
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( j ing nhu SGK Pai s¢' & Gidi tich 11
ndng cao, SGK Gidi tich [2 ndng cao
ti€p tuc quén triét va phdt trién quan

diém bién soan SGK Pai s6 10 nang cao la :

Sat thure, tic la sdt véi thuc tién
hoc dudng, thuc tién dai
sdng va thuc tién khoa
hoe.

Truc quan, tic la
col truc quan la
phuong phdp chu
dao giup HS tiép
thu kién thifc.

mémmm
Kis oy hoc

1) Noi dung KHAO SAT VA VE PO THI
CUA HAM SO (chuong 1) ¢6 nhiing
diém dang chii ¥ sau:

— Mic du khéng yéu cdu khao sét tinh 161 16m

cua do thi, nhtmg do ¥ nghla quan trong cua

diém uén khi vé do thi ctia ham s6 nén SGK
khong thé bo qua khdi niém va cich tim diém
udn. Tuy nhién, diém uén chi duoc gidi thiéu
mot cich don gian, truc quan thong qua hinh

anh "ti€p tuyén xuyén qua dudng cong" vi

gin vGi viée khio st su bién thién va vé dé

thi ctia nhitng hiam da thiec.

— Ngay tir I6p 11, da khong cé khdi niém gidi
han tai « chung chung ma chi ¢6 gidi han tai
+w, gidi han tai —o, gidi han +w© va

gidi han —o . Do dé yéu cdu

va cdch tim cdc dudng

tiém can cia mot dudng
cong cing cd nhiéu
diém khac trudc.
Ching han, khi tim
tiém cin ngang

cia ham s6 f,

trude day thudng

3 chi phai tim mot
o GHTOHRNIGH)
la rnuc, do 3eu t
e w ok
tranh ham lam; phai xét ca hai gidi
tranh céng théing 2 han : lim f(x) va
e NGUYEN HUY DOAN Lo

(Chu bién SGK Gidi tich 12 NC)

Péi méi, tic 1a déi méi

hinh thitc SGK; gép phéin

doi mdi phuong phdp day hoc va
phuong phdp danh gia.

Khi bién soan SGK, cdc tdc gia da c6 ging
thé hién ding noi dung va chudn kién thic
chuong trinh mén Todn Trung hoc Phé thong
dugc ban hanh theo Quyét dinh s6 16 / 2006/
Qb - BGDDT ngay 05-5-2006 cua Bo trudng
Bé Gido duc va Dio tao, trén co so tiép thu
cdc ¥ kién tdm huyét cla rdt nhiéu cin bo,
gido vién trong ca nudc sau hai nim giang
day thi diém SGK Gidi tich 12 ban KHTN
(b6 I). Du6i day, chiing t6i mudén nhdn manh
mot s6 ndi dung cu thé cling véi nhitng diém
khdc so véi SGK chinh Ii hgp nhdt nam 2000.

TOAN HOC

¢ Clugilye  S6 372 (6-2008)
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lim f(x). D& thi

ham s6 cd tiém cdn ngang

khi chi cdn mér trong hai gici

han dé 1a ton tai va hitu han. Néu hai

gidi han do ldn lugt la y; va y, thi khi y; # y,,

do thi ham s6 s& c6 hai tiém c4n ngang 1A

y =y vay=y,;conkhiy, =y, dothicomot

tiém cén ngang y = y,. Diéu d6 ciing xdy ra

tuong tu déi véi tiém can xién.

Cing nhu vay, khi tim tiém cén dimg, ta phai

xét tat ca cdc diém x; sao cho mét trong cic
gidi han liTﬁ f(x)va I_i{nﬁf(x)lé +00 hodc —oo,

Ping ra, cin phai co thuit ngit riéng phin
biét cdc tiém can nhu thé, nhung dé tranh dua

https://tieulun.hopto.org
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vao khdi niém méi, cic tic gia van su dung
thuét ngir nhu ct. Khi can lam r6 thi viét them
"khi x = +" hay "khi x - —", dat trong
ngoic don.

— Vé cac buoc khao sdt ham sd, néu theo so
do trudc day thi ngoai bang bién thién, hoc
sinh thuong phai lap ca bang xét ddu dao
ham; thuc chat bang nay ciing la mot phin
cta bang bi€n thién ma thoi. Trong SGK Gidi
tich 12 ndng cao, céc tic gia da cai tién vé thi
tr nhitng viéc phai lam khi thuc hién budc 2
(xét su bién thién ctia ham s8). Cu thé. cic
cong viéc khong dung dén dao ham (xét céc
dudng tiém can, cdc gidi han tai vo cuc) ducge
thue hién trude, sau dé mdi tinh dao ham va
thuc hién céc viéc co lién quan dén dao ham.
Cich lam nay cho phép dua ngay céc két qua
nhan duge khi xét tiém can va gidi han tai vo
cuc vio bang xét ddu dao ham dé c6 bang
bién thién. Nhu vay hoc sinh chi phai lap mot
bang bién thién duy nhit ma théi.

2) Noi dung HAM SO MU VA HAM SO
LOGARIT (chuong 2) c6 nhimg diém
ding chua ¥ sau:

~ O cdc I6p dudi, hoc sinh chi duge hoc can
béc hal va mot it vé cin bac ba ma chua duogc
hoc vé can bac n. Do dé chuong trinh Giai
tich 12 phai "ganh" thém viéc gidi thiéu khai
niém va cdc phép todn vé cin bac n. Diéu nay
s€ la mot kho khan cho ca thay gido lan hoc
sinh vi khong ¢ nhiéu thoi gian luyén tap ki
nang thuc hién cdc phép tinh vé can thitc. Vi
vy, gido vién khong nén khai thdc nhiéu bai
todn khé vé bién déi can thitc.

— Khong xét cdic phuong trinh, bat phudng
trinh chita tham s& ciling nhu cic phuong
trinh, bit phuong trinh chita 4n déng théi & co
s6 va s6 mi (nhu x*'=1) hay chia an
dong thoi & co s6 va biéu thic dudi dau
logarit (nhu logu.(,r:2 - 1) = 1). Cac phuong
trinh nhu thé thudng cd 16i giai phic tap va
tham chi con gay nhiéu tranh cdi (chéng han,
cd nén coi x = —1 1a nghiém cua phuong trinh
x**-! =1 dudc hay khong?).

3) Noi dung NGUYEN HAM VA TICH
PHAN (chirong 3) ¢6 nhimg diém ding
chu ¥ sau:

~ Theo chuong trinh, hoc sinh khong duoc
hoc cdc khai niém dao ham mot bén va dao
him cha him sd trén mot doan. Diéu dé din
dén nhitng khé khin nhat dinh khi ndéi dén
nguyén ham cta ham s6 trén moét doan - diéu
khong thé tranh khoi néu muén dinh nghia
tich phén nhds cong thiic Newton-Leibnitz. Pé
khic phuc diéu nay, khdi niém nguyén ham
trén doan [a ; b] duge giai thich nhu sau:

Ham s6 £ 1a nguyén ham cua f trén doan [a ; b]
néu F '(x) = fix) v6i moi x € [a ; b], trong do
cic dang thiic F '(a) = fla) va F '(b) = fib)
tuong tng dugc hiéu i

FO-FO)_ o0 i FOFO_ o

x—a b x=-h

Giai phdp niy tuy cong kénh nhung dé chip
nhéan vi thuc &, cac vin dé ti€p theo hiau nhu
khéng néi gi dén cdc gidi han dy nita.

lim
X—rar

— Céc tich phan cua ham f trén doan [a ; b]
déu c6 chung mot gia thiét: Ham f xdc dinh
va lién tuc trén doan [a ; b]. Diéu d6 din dén
nhitng diéu t&€ nhi khi chon bai tap. Thi du:

1

\f; 1

nén yéu cau tinh tich phén Iﬁl—zdx khéng

e Dohamso y = khéng xédc dinh khix=0

phi hop véi chuong trinh va SGK.
i
e Viham s6 y = x3 khong xdc dinh khi x 0
1

nén khéng thé viét tich phan j;’f;dx duéi
=]

4
dang Ix3 dx.
=)
4) Noi dung SO PHUC (chwong 4) cb
nhimg diém ding chi y sau:

— Khi hoc sinh chua hoc s6 phiic thi "s6 thuc”
thuonz dugc ndi gon la "so". Nhung ké tir
chuong nay trd di, moi ménh dé c6 lién quan
dén s6 thuc déu phai dugc phat biéu rd rang...

(Xem tiép trang 30)

: TOAN HOQC
So 372 (6-2008) & umwe
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CAC LOP THCS

Bai T1/372. (Lép 6) Cho
b R DT e
pab i 2l Gl
Chimg minh ring gia tri ciia 4 1 s khong
nguyen.
NGUYEN bUC TAN
(TP. Hé Chi Minh)
Bai T2f3'?2 (Lop 7) Cho da thirc béc ba
P(x)=x' - 7x* + 14x - 8, Ching minh rang
v&i mdi s tu nhién n déu ton tai bd ba sb
nguyén phén biét a;, a;, a; thod min hai
diéu kién sau :
i)|ai—a}<5,voi ¥Yije {l,2 3};
i) P(a;) # 0 va P(a)) : 3" véivie {1,2, 3).
NGUYEN KIM CUONG
(GV THPT chuyén Ha Giang)
Bai T3/372. Tim céc sb nguyén x, y thoa
man diéu kién

Yx+{x+.. +\f_uy(gom m diu cin)

véi m, n la céc so ty nhién lén hon 2.

HAN QUOC TRI
(TTGDTX Phit Ninh, TTr. Phong Chéu, Phii Tho)

Bai T4/372. Cho x > 2. Ching minh riing

7 8x?
st e T
2 (x-2)(x+2)
NGUYEN VAN NHIEM

(GV THPT chuyén Lam Son, Thanh Hod)

Bai T5/372. Cho ngii giac ABCDE ndi tiép
duong tron tdm O ban kinh R véi AB = CD
= EA = R Goi M, N theo thu ty 12 trung
diém cia BC va DE. Chirng minh réng tam
giac AMN la tam giac déu.

PHAM TUAN KHAT
(Hai Phong)

~ TOAN HQC
16 *“Tusifge S6 372 (6-2008)

CAC LOP THPT
Bai T6/372. Ton tai hay khong hai s& nguyén
dlrnng phén bi¢t a, b sao cho b™+ n chia hét
cho @"+ n v6i moi sé nguyén duong n ?

LE XUAN DAL
(GV THPT chuyén Vink Phiic)

Bai T7/372. Goi S la tap hop céc cip sb
thue (a, A) thoa min diéu kién phuong trinh
X - +ox— f=0 co ba nghiém thuc (khéng
nhét thiét phan biét) 1én hon 1. Tim gi4 tri l6n
nhat cta biéu thic 7=8a —38 khi(a. fe S.

DAO MANH THANG
(GV THPT chuyén Hing Viong, Phii Tho)

Bai T8/372. Cho tam gidc nhon ABC véi O
la tim dudng tron Euler cia nd. Pudng tron
ngoai tiép tam gidc ABC véi bdn kinh R cat
AQ, BQ, CQ lan nira tai M, N, P theo thu

+ 1 .;_.L}i

QM ON QP R

NGUYEN XUAN HUNG
(GV THPT chuyén Amsterdam- Ha Néi)

TIEN TOI OLYMPIC TOAN

Bai T9/372. Tim phén nguyén cia A, biét
|I X
[‘ﬁﬂ = JI Slremone s T e
& 4=4" " 2008 f 2008
voi x 1a sé thuc thudc doan [-2008 ; 2008],
m, n 1a céc 0 tu nhién thoa méan m=nz2.
NGUYEN VAN Al
(GV THPT Lé Thé Hiéu, Cam L&, Quang Tri)

Bai T10/372. Goi S la tdp hop cac bo n (n > 1)
so thue (ay, as, ..., @) thod min diéu kién

tu. Chimg minh ring

3.)a? =502 (1

=l

a) Chirng minh ring

2008
min |a; —a;|<
I<i< j<n n(n? -1)

()

b) Hay xay dung bd s6 (@), ay, -, @,) thod mén
diéu kién (1) va dat déu bing & diéu kién (2).
HAN NGOC pUC

(Trung tim CNTT EVNIT, 16 Lé Dai Hanh,
Hai Ba Trung, Ha Noi)

by
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Bai T11/372. Cho ham sé fix) xéc dinh trén
[1;-+e) \."fi thoa min hai diéu kién sau:

) S :

i) £(x)+2007(f(x+1))" =f(x+1) v6i moi
el el

n—s+a| (1) I (2} f(n) )
NGUYEN TAI CHUNG

(GV THPT KBang, Gia Lai)

Bai T12/372. Cac dudng phin giic trong
AA,, BB, CC, cia tam giac ABC cé chuvip
cit cae doan thang B\Cy, C14., 4B, tuong
ing tai 42, B2, C1. Puong théng qua A, song
song voi BC cat AB, AC theo thir tu tai A4,
Ay. Dudng thing qua B, song song vai CA
cit BC, BA theo thir tu tai Bs, 84 Pudng
thing qua C song song v&i AB cit CA, CB
theo thir tu tai Cy, Cy. Chimg minh ring
AS.} "‘BC.] + CA4+B.A] A C,B + 4(:‘3 ﬁp
DBiéng thirc xay ra khi nao?

HO QUANG VINH

(Ha Nai)

CAC BE VAT LI
Bai L1/372. Vé phia diu cia mot con tiu

dang chu\en dong voi gia tbc khong dbi
2,00 m/s*, ngudi ta dit mot may phong bong

tennis. May phong ra mét qua bong vai van
te 25,0 m/s déi voi tdu va huéng vé phia
dudi con tdu. Qua bong dat duoc dd cao
10,0 m. B6 qua sirc can cua khong khi. Hoi

a) Ba 1on gbc ném (goc tao boi phuong ném
va san tau) 14 bao nhiéu ?

b) Piém cham san tau cach may phong bao xa ?

TO GIANG
(Ha Noiy Suru tdm

Bai L2/372. MGt xylanh
dat thing dimg co tiét dién
S = 40 cm? duoc chia lam 8
hai ngian B va C boi mét

pitténg (hinh v&). Trong luc A
tic dung lén pittong c6 dg C
l6n F = 60N. Lic diu hai
ngin B va C chira khi sao
cho pittdng nam diing chinh gitra xylanh va
thé tich méi ngan 1a V =24 [. Ap suit cilia
khi & ngin B 1a p = 1.5. 10 N/m”. Sau d6
ngudi ta cho thém khi vao ngén B dé tang ap
sudt khi & ngén B lén gip doi. Pittdng dich
chuyén xuong dudi (ma sat khong déang ke)
Tinh céng ma khi & ngin B da thyc hién dé
diy pzttong xuong dudi. Nhiét d6 cua khi o
ngin C coi nhu khong ddi.

HUYNH CONG PANG LE HOA
(GV THPT chuyén Bac Liéu) suu tim

PROBLEMS IN THIS ISSUE

FOR LOWER SECONDARY SCHOOLS

T1/372. (For 6™ grade). Let
= pelosie] 1
et e T3 T T pp00

Prove that 4 is not an integer.

T2/372. (For 7™ grade)

Let P(x)=x’—7x* + 14x — 8. Prove that for
every natural number n, there exists a triple
of distinct intergers a;, a;, a; such that the
following two conditions are satisfied:

i) Jlai—a] <5, Vi je {1,2,3};
i) P(a) = 0 and P(a;) : 5" foralli e {1.2,3}.

T3/372. Find all pairs of intergers x, y such

that "\fx+n.”;‘x+...+”x)r£ =y (m times)

where m, n are positive intergers which are
greater than 2.

T4/372. Given x > 2. Prove the inequality

X 8xd

e e
2 (x-2)(x+2)
T5/372. A pentagon ABCDE is inscribed in
a circle with center at O and radius R such
that AB = CD = EA = R. Let M, N be
respectively the midpoints of BC and DE.
Prove that AMN is an equilateral triangle.

(Xem tiép trang 27)
: TOAN HOC
56 372 (6-2008) ¢ Cruéiwé 17
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% Bai T1/368. X¢ét n diém lién tiép A\, Az, As,

. A, ciing thugc mdt dieong thang sao cho
A |.f'I: 5 _f'f"__;I'. AzAy An |.-'1|-.. Tim n, biét
rang trén dwong thang do co tar ca 2025
doan thang nhdgn mot trong cdc diém da cho
lam trung diém.

Léi gidi. Ta thay trong n diém thoa man dé
bai (hinh v&) thi

A, va A, khong Ia trung diém ctia doan thing néo
A, va A, 1a trung diém cla 1 doan thing

A, Vi A, 1a trung diém clia 2 doan thing

A, VA A,;,, 1a trung diém cla i — | doan thing
véimoii=2,3,..ma2isn

RTINS e U X

Xét hai truong hop sau:

sNeunlé, n=2k+1(keN)thik<k+1=
n—k<n-k+1nén cé mét diém chinh giita
Ay, 12 trung diém cia k doan thing, do d6 s6
doan thing nhan mét trong cdc diém di cho
lam trung diém bing
S=1+2+..+k=-2)+ k-1 +k
+k-D+k-2)+...+2+1

hay S = k(k — 1) + k=K.

Theo gid thiét & = 2025 nén k = 45 va n = 2k
+1=91.

eNéunchin,n=2k (keN") thik<k+1s=
n — k + 1 nén khéng cé diém chinh gitta, do
d6 s6 doan thing théa man yéu cdu bang
§ = k(k = 1). Ta thay S la s6 chian ma 2025 Ia
s6 1é, do d6 khong ¢6 n diém nhu the. O

TOAN HOC
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4Nh$n xét. Mot s6 ban nhim ldn khi cho dap s li
n =89, hoic n = 90, hoac n = 2027, Cic ban co loi gidi
1ot 1a: ,

Phii Tho: Trinh Héng Ngoc, Vit Tudn Linh, Nguyén
Thi Mai Anh, 6A1, THCS Lam Thao; Lang Son: Vi
Ngoc Nhdt Minh, 6A. THCS Chu Van An, TP. Lang
Son; Bic Ninh: Ngwvén Niur Ngoe, 6A, THCS Nguyén
Cao, Qué Vo; Thanh Héa: Mai Thu Pluong, 6A,
THCS Ly Thuong Kiét, Ha Trung; Ha Tinh: V& Thi
Minh Thu, 6C, Phan Thi Cam Linh. 6A, Dang Thi My
Link, 6A, THCS BC Xuan Digu, TTr. Nghen,
Can Loc. x

VIET HAI

¥ Bai T2/368. Cho fam gidc ABC vuong o A.
Trén mea mdt phing be BC khong chita diém
A vé edc diém D, E sao cho BD vudng goc va
bang BA, BE vudng goc va béang BC. Goi M
la trung diém cua doan thang CE. Chitng
minh rdng ba diém A, D, M thang hang.

e Néu AB = AC thi

M = D, bai todn diing.

* Vi AB#AC; AABC P
va ADBE C{’);A_{? = BD,
BC=BE(gt), ARC=DBE
(cung phu vdéi CBD),
do dé AABC = ADBE
(c.gc) = BDE:E{H&
= 90". Goi F 1a giao
diém cta ED va AC. Ta ¢6 AB//DF (cung vudng
gbc v6i BD), AF//BD (cting vudng goc voi AB)
nén AABD = ADFA (g.c.g). Két hop voi AB = BD
taco AB=BD = DF = AF (1)
Trong cdc tam gide vuong BEC va FEC taco

BM =FM = %E{? (2)

Tir (1) va (2) suy ra A, D, M cung thudc duong
trung truc ctia doan BF. Vay ba diém A, D, M
thang hang. O

< Nhan xét. 1) Bi todn c6 nhiéu cdch giai. Ching
han, ¢6 thé 12y giao diém M, clha AD va EC roi ching
minh M, 1d trung diém cua EC; hoic ching minh
ADB + BDE + EDM = 180"

2) Bai todn vin dung khi D, E cung thude nirfa mat
phiing bir BC, chifa A.

3) Cic ban sau day c6 1o gidi tot:

Vinh Phic: Nguyén Minh Hiéi, Pham Thi Khdanh
Linh, 6A2, THCS Yén Lac, Ha Dinh Dic, 6A, Hd
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Quang Nhdn, 7B, THCS Nhu Thuy, Lap Thach; Ha
Noéi: Hoang Anh T, 71, THCS Marie Curie, Lé Minh
Phiic, TAS, THCS Giang Va, Q. Ba Dinh; Hai Phong:
Nguvén Hoang An, TAI THCS Héng Bang; Thanh
Héa: Mai Thu Phuong, 6A, THCS Ly Thutmg Kiét, Ha
Trung, Lé Quang Tho, Mai Thanh Hoa, TA, THCS Lé
Hiru Lap, Hau Loc; Nghé An: Nguyén Vin Bdo, TD,
THCS Ly Nhat Quang, Do Luong; Ha Tinh: Nguyén
Thi Kim Oanh. 7G, THCS Bic Hdng, Héng Linh;
Quang Binh: Phan Thi Thanh Ngoc, TA, THCS Quich
Xuén Ky, Bd Trach; Quang Ngai: Ddng Dinh Pucng,
7A, THCS Hanh Phude, Nghia Hinh; Khanh Hoa: Vi
Ngoc Cuong, 7', THCS Nguyén Van Trdi, Cam Nghia,
Cam Ranh; Bac Liéuw: Nguyén Céng Ding, Trdn
Quang Mink, 7/1, THCS Trén Huynh, Tx. Bac Liéu.

NGUYEN XUAN BINH
* Bai T3/368. Tim cdc
dwong sao cho

2xy—=1=z(x—-1)y-1) (1)

80 X, ¥, Z HEUVén

Loi gidi. Véi cic s6 x, y, z nguyén duong ta
cO 2xy—11las6le nén z(x— 1)(y — 1) la s5 1é.
Do d6 x va y 1a s& chan, con z 12 s6 1é.

Khéng mat tinh téng quat, ta co thé gia thiét
b 7y

Cichl. Pta=x—1,b=y~1(a, bléva
a=b), PT (1) trd thanh
1

Qa+ 1)Yb+1)-1=zab = —2—+E+—ENI(2}
a b ab
da+

a?

a(4a+l)=4+lEN.

a? a
(xiysay=Ad: 2 7).

e Néu g = b thi EN

, Suy ra

, hay a = 1. Tim dugc

eNéua>h=>1.
+Xétb>4thia> 5. Khidé
0< E+2+L<E E+] 19-—:1.
ge i cahis g 20 20
nén E-I-E‘FLEN.
a b ab

Vayb<4,blénénb e |1;3).

+ Xétb =1, tir (2) suy ra EE N* via>1. Do
déa=3.'ﬁmduqe(x;y;g)=(2;4;5).

+ Xétbh=3,tir (2) suyra §+-£EN' vaa>3.
Dodéa=17.

Tim duge (x;y;z)=(4;8;3).

Cdch 2. Bién d6i PT (1) vé dang
(E=2x-20z-2)y-2)=2+2 (3)

e Néuz=1thi PT (3)cddang (x+ 1)(y + 1) =3,
mau thuln véi x 2 2, y 2 2, Vay z 2 3. Khi dé
(z-2x—-z2@2-2y-z22z-2)=2z-4>0.
Két hop véi PT (3) suy ra’+2>(‘ 4) &
z-2)z-T<20<=2<z<7mi:zle nén
g3 83

e Vaiz=3thi(x-3)(y-3) =

x=3=5 X=8
o
y=3=1 y=T.

5 vaxzynén

*VEiz=5thi(Bx-50Cy-5=Tvax2y
Ix-5=7 x=4

nén =
3}'—.5‘31 y—_nz.

e Véiz =7 thi (5x—7)(5y—7) =9, tim dugc

(x;¥)=02,2).

Két lugn. Do vai tro x, y nhu nhau nén PT (1)
céSnghiem (x:y:;2)1a(2;2;7,2;:4:5),
(4:2;5),4:;8;3),(8:4;3.0

<Nhan xét. 1) Mot 56 ban di nhan ra bai todn nay la
cich phat bidu dudi dang khdc cta bai T3/355 va co
cich giai twong tu. Nhiéu ban con nhidm lin khi ddl‘lh
gld(chdnghmm‘x—3r“v—3_->(x—3)(y- ) >
(v — 3)* (7)) hotic khi két luan nghiém (cich viét (x; v ; 2)
s (8 4; 3)= ... li khéng chinh xdc).

2) Céc ban sau day co 1&i giai 6t

Ha Noi: Nguyén Thi Diéu Linh, 9H, THCS Lé Quy
Bon, Q. Cau Gidy; Vinh Phic: Vi Trung Hicu, 6A,
Pham Thi Ngoc Phi, 7, THCS Lap thach, Nguyén
Ngdn Giang, 6A1, THCS Yén Lac; Phi Tho: Tridu Thi
Quynh Mat, Ta Hdi Nam, 9A3, THCS Lim Thao; Ha
Nam: Nguyén Tién Héa, 9B, THCS Dinh Céng Tring,
Thanh Liém; Bic Ninh: Nguyén Ngoc Long, 9A,
THCS Vi Kiét, Thuan Thanh; Thanh Héa: Nguyén
Thanh Tung, 9G, THCS Trin Mai Linh; Nghé An: Cao
Xudn Bang, 8B, THCS Cao Xuin Huy, Dién Chau;
Khanh Héa: Trdn Thi Anh Nguyén, 97, THCS Nguyén
Van Trdi, Cam Nghm Cam Ranh; Kién Giang: Trdn
Minh Hai, 9A3, THCS Ban Tén Dinh, Gidng Riéng.

PHAM THI BACH NGOC
* Bai T4/368. Giai phwong trinh

4x-x2=3\/4-310-3x (1)

0
Loi gidi. Diéu kién: Ik SX= L
27 3

¢ Ta thidy x = 3 la m6t nghiém ctia (1).

TOAN HOC
' Cudilre 19
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e Néu % <x<3thi 3JW4-3J10-3x <3;

(x—Dx-3)<0= dx— >3
Dodo VT(1)> VP (1).

eNéud<xy= lE?thi W4-3410-3x >3,

(x-1D(x-3)>0=4x— X <3.
Dodo VT(1) < VP(1).
Vay x = 3 1a nghiém duy nhit ctia (1). O
< Nhan xét. 1) Neudata=x-2,b= V10 -3x 20,

= J4-3J10 — 3x 20, thi tir (1) ta c6 he

a® =4 -3¢
b2 =4 -3a vaib20,c20,
|c2 =4-3b :

Dé thiy @ = 0. Da vai trd clia @, b, ¢ trong hé la binh
ding nén ta ching minh dugca=b=¢c=1. Vayx=3.

2) Cic ban co6 1oi gidi tot 1

Phii Tho: Nguyén Trucng Giang, 9A2, THCS Gidy
Phong Chau, Phit Ninh, Nguyén Quéc Hing, 8E, THCS
Van Lang, TP. Viét Tri; Vinh Phite: Nguyén Thi Kim
Tuyén, QAI THCS Yeén Lac, Ly Duy Cuong, 9C, THCS
Vinh Tuémg; Bac Ninh: Nguyén Trong Nghia, 6C,
THCS Yeén Phong; Thii Binh: Ta Minh Ting, 9A2,
THCS TTr. Diém Dién, Thai Thuy; Nam Dinh: Nguyén
Vdn Quy, 9A, Bii Vidn Vigng, 9B, THCS Hai Hau;
Thanh Héa: Pinh Uyt Ndy, 7B, THCS Lé Hiu Lap,
Hau Lac, La Héong Qudn, 9B, THCS Nzuyén Chich,
Pong Son; Nghé An: Nguvén Héng Ngoc Thach, 9A,
THCS Ding Thai Mai, TP. Vinh.

TRAN HOU NAM

* Bai T5/368. Cho tam gidc ABC vuong o A.
Ké phan gide AD. Goi M va N lan lwot la hinh
chiéu cud D trén AB va AC. BN cdt CM tai K,

AK cét DM tai I Tinh s6 do cua goc BID.

Lai giai
Trusmg hop 1. AB < AC, hic nay I nam giita
Mva D (h. 1).

A

B D C
Hinh 1

TOAN HO ;
5 umtr;c S§ 372 (6-2008)
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Goi E 1a giao diém clha BN va MD, I 1a giao
diém ctia CM va DN. Tir gia thiét bai ra, ta
thy t gidc AMDN la hinh vuong va

MF BD hM BM ME
FC DC MA DN ED'
suy ra EF//CD, hay EF [/BC (1)
Theo dinh li Thales, ta c6
AN DN _NC _NF _NF
AB AB AC AM AN _

din dén ANAF «» AABN. Tir do NAF =NBA
= AF 1 BN. Lap luan tuong tu c6 AE L CM.
Do dé K la truc tam tam gidc AEF, suy ra
AK | EF (2)

Tir (1) va (2) ta thay Al L BD, két hgp vai
DM L AB, suy ra I la tryc tam tam gidc ABD.
Vay BID=180°—BAD=135°.

Triomg hop 2. AB > AC, liic nay D nam giita

Mval(h. 2). P

M

B\:&'

Hinh 2

Thuc hién cong viéc tuong tu nhu trudng hop 1
chiing ta tim duoc BID=45°,
Truomg hop 3. AB = AC, lic nay D tring véi [
nén goc BID khong xdc dinh.
Tém lai- « Néu AB< AC thi BID =135,

o Néu AB> AC thi BID=45°, O

l{Nhan xé1. Nhiéu ban chi gidi bl todn trong trudng
hap 1 nim giita M va D nén chi dua ra mot dédp s6

BID=135° (1). Piém m&u chét cua bai todn la chiral la

triec tam ciia AABD. Pa s6 cdc ban déu sit dung dinh li
Céva cho AABC véi ba dudng ddng quy: BN, CM va
AK dé chitng minh tinh chit nay. Cic ban sau co loi
gidl ding:

Bic Ninh: Nguyén Van Long, 9A, THCS Yén Phong,
Ha Ngoc Thinh, 9C, THCS Vi Kiét, Thuin Thanh;

https://tieulun.hopto.org
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Ha Nam: Nguyén Tién Hoa, Lé Minh Thiéu, 9B, THCS
Binh Cong Trang, Thanh Liém; Thai Binh: Nguyén
Pha, Xém 2, Tra Giang, Kién Xuong, Ta Minh Thing,
9A2, THCS TTr. Diem bién, Thdi Thuy; Nam BPinh:
Mai Ngoc D, 9A11, THCS Phung Chi Kién, TP. Nam
Binh, Nguyén Vdan Quy, 9A, THCS Hai Hau; Thanh
Hoa: La Hong Qudn, 9B, THCS Nguyén Chich, Péng
Son, Nguyén Thanh Tung, 9G, THCS Trdn Mai Ninh,
TP. Thanh Héa; Nghé An: Hodng Vin Dong, Nguyén
Vin Thang, 8B, THCS Ly Nhat Quang, D6 Luong, Liu
Tudn Quang, 9B, THCS Cao Xuin Huy, Dién Chiu;
Phi Yén: Pham Quang Thinh, 91, THCS Hing Vuong,
TP. Tuy Hoa.

HO QUANG VINH

#* Bai T6/368. Cho da thic

fx) =20092° — x* — x* — x? - 2006x + 1.
Chitng minh rang, véi n la s6 nguyén uy y
thi cac so fin), fifin). ARAR,
nEUVEN ] citng nhe.

Loi gidi. Dat £,(x) = f(f(..f(x)...)) véi f c6 mat
k lan & vé phai. Gia sir k = 1 1a s6 tu nhién bat
ki va p la mot udc s6 nguyén to cua fi(n). Ta
c6 fi, (n) = f(f(n)) = f0) =1 (mod p);

Jiian) =fifi, (n)) =f(1) = 1 (mod p).

Biing quy nap dé dang chiing minh ducc
fu(n) =1 (mod p) véi moi m > k.

. doi mot

Tic 1a fi(n) va f (n) nguyén t6 cung nhau vdi
moi m > k. Do k la mot s6 nguyén tuy v nén

suy ra fin), fifin)), fififin))), .. db6i mot

nguyén t6 cling nhau.

< Nhan xét. 1) Diém méu chét cita bai todn 1a sit dung
két qud : Néu a = b (mod g) thi hia) = h(b) (mod gq) véi
hix) la mit da thite hé 56" nguyén bét ki. Mot s¢ ban di
tdng quét bii todn cho da thic fix) dang

fix) = x(x = DQ(x) + 1,
trong dé ({x) [a mot da thire hé 56 nguyén tuy y.

2) Cdc ban sau cé 1o gidi ot

Vinh Phic: Trdn Quang 5w, 11A1, THPT chuyén Vinh
Phie; Tran Thi Pliiong, 10A1, THPT Ngé Gia Tu, Lap
Thach; Ha Noi: Nguyén Khdanh Viét, 10A2 Todn, Khéi
THPT chuyén, DPHKHTN - BHQG Ha Noi; Vi Minh
Thang, 10 Todn 1, Nguvén Quy Tudn, 11T, Khai THPT
chuyén, DHSP Ha Noi; Hai Duong: Trin Vin Hanh,
11A5, THPT Ninh Giang; Hi Nam: Nguyén Vin
Hiung, 11 Todn, THPT chuyén Ha Nam; Nghé An:
Lang Vidn Thanh, 12A, BTVH Hou Nghi Viét — Lao,
Ha Tay; Ha Tinh: Thiéu Pdng Ba, 10 Todn, Dieng
Danh, 12T, THPT chuyén Hi Tinh; Quang Tri:
Nguyen Thi Diém Thuy, 10A2, THPT Hudng Héa.

THANH HONG

% Bai T7/368. Tim cdc so a b dé _!'I'I.!.‘LI\'.!‘ e+

dat gia tri nho nhat. Hay tinh gid tri nho
mhet do.

Loi gidi. Ki hiéu f(x) =x +ax+b, th¢ thi
fOy=b, f(d)=4a+b+2, f(16)=16a+b+4.
Do dé 4/(4)- f(16)-3 f(0)
=4(4a+b+2)—(16a+b+4)-3b=4.

Pat M = max | f(x)|, suy ra

0=x<16
8M 2| £(16)| +4|f(4)]+3|£(0)| (1)
Lai c6 | £(16)[+ 4|/ (4)]+3[ f(0)
2[4f (@)~ f(16)-3/(0)=4 (2)
Pang thifc & (2) xdy ra khi f{16) = fi0) = —f(4).
ol
{16a+b+4zb T
Ta duoc =
da+b+2=-b b:—l
>

Nguge lai véia = —E.b = e ta co

I 1
f(le_\/;—;x_i

hay f(9)=—5(+x-2] +3 O

Khi 0<x<l6=>-2<+x-2<2

:>0£(\.E-2)2£4.Suyrd.

I 3 1o 1
s-z[ﬂ—z) +=S=2|f0)<o

; : I
Do d6 ham s0 (3) co M = }ma)l(ﬁ!j [x}| =-£ Vi
=z=l6

gidtridodatdugc khix=0, x=4, x=16.

Tir (1), (2) suy ra M 2—;— va dau déng thic
dat dugc vé ham so f(x) = Jx —%x—%.

RN R G e e
2 s
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{Nh{m xét. 1) Nhiéu ban sau khi dua ra BDT
8M>|f(16)|+4|f(4)+3|f(0) 24 v thy ring

[Faef+4|f@)+3 =4 khiah—%,bz——li- , da voi ket

luéin mian%. Lam nhu vay 1a khong chat ché va

khong ddy du.
2) C6 thé gidi bai todn bing cich xét cic trudng hop:

a:a—i. ae:—i. nhung 16i gidi khéng dugc wr nhién.

3) Céc ban sau day co loi giai tot

Nghé An: Dodn Vdn Ting, 11A1, THPT Quynh Luu 3,
Quynh Lwu; Hai Dwong: D5 Thi Thu Thde, 12T1,
THPT Nguyén Trai; Ha Noi: Mai Tién Khai, 10A2
Todn, Khéi THPT chuyén DPHKHTN, PHQG; TP Hué:
Va Thanh Van, 11 Toan, Khél THPT chuyén , DPHKH Hué,

NGUYEN ANH DUNG

* Bai T8/368. Duong fron noi ,-'frj_;'; tam gide

ABC tiép xuc voi cde canh BC, CA, AB theo

thir tie tai A', B', C'. Chitng minh J'Li'i?_{;'
AB* + BC*® + CA”

> AB.BC'+BC'.C'A'+CA. A'B

> BC"+CA?+A'B”,

Ding thirc xay ra khi nao?

Loi gid. 2

B A C
Dat AC'=AB'=x; BC'=BA'=y,CA'=CB' =2,

. B
Khi d6 BC' = 2x.sm§; A = 2y.5ln5;
A'B'-—-2z.sin%. Bat ding thic cin chiing

minh tuong duong vai
xt+ 422

> x2 (ZSin i] + yz[Zsin—B—}-J- z (ZSin EJ
2 2 2

A . 4B Lo
?._ 4 i i 4 * ik AT 2 dg S
X ( sin 2)+];2( sin 2) b [ sin 2]( )

4

I

29 T?ﬁ'}'u;gg S6 372 (6-2008)

» Nhin xét ring, néu x> = y* = z* thi
sin‘—4~ < sinﬁﬂsini,
2 2
T BDPT Chebyshev cho hai diy don diéu
nguge chiéu la ¥ ; y* ; 2 va

e

25in£;25]nE;25inE ta thu dugc
2 2 2

x? [ZSin d] +y3[235nﬁ)+ i (ZSinij
2 2 2

< é—(xz + 32 +zz)[23in§+ Zsing+25ing}

Mt khic do sin£+sin£+sin-c—£ g , nén
- 2 2 i)

C+y+r2
e ZSinﬁ +y1[251n£ +zz[2sin£J (1)
2 2 2
e Luu ¥ rdng véi sini < Sinﬁ < sinE thi
2 2 2
lesinf-{i- > yz.sinE 2 zz.sin£
2 2 2

Lai dp dung BDT Chebyshev cho hai day don
diéu nguge chiéu la

l ] A .l - .
dx%sin—; 4y° smE; 4z%sin £
s 2 2

L e
va sin—;sin—;sin— ta thu dugc
o ) 2

x2 élsin2£ + y? 4sin2£J+zz[4sin3£\!
2 2 2)

. 4x? sin-A-+4y2 sin*"i-a{+4.=:2 sin E] x
3 2 2 2

[P

Y

[‘ ¥ R C]
Sin—+4+sin—4+ 51—
% 2 2

A B SR
2] 2sin— 2| 2sin— |+ 22| 2sin— |(2
x(sm2]+y[sm2] z(smz](}

Tir (1) va (2) ta thdy BDT (*) duge chiing
minh. Ding thiic & (1) hoac (2) xdy ra khi va
chi khi tam gidc ABC déu. O

(Nh{m xét. 1) Ban Nguyén Duy Khdnh, 12C, THPT
L& Quy Pon, Truc Ninh, Nam Binh di sit dung ket qui:

1A
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+sm£ < Ir_ —J-

1

la bdn kinh durmg trom ngoai l[epﬁ noi tiép AABC, de dé

xuidt BDT manh hon:
. J; i
2R

A ;
sin 5 I-xm trong do R, r lin lugt

AB* +BC*+ CA" 2

, A C'2+-:“ AZ+ A 32]

l o
2 ZR]
2) Tat ci cdc |4 gidi gifi vé Toa soan déu ding. Cic
ban sau cd 1é gidl gon hon cé:

Ha Noi: Tran Thé” Khdi, 10A1, Hodng Anh Tudn,
[1AL, Trink Ngoc Dicng, 12A1, Kh6i THPT chuyén,
PHKHTN — DHQG Ha Ngi; Vinh Phic: Kim Binh
Seon, 10A1, Nguvén Hodng Hdi, Khéng Hodang Thao,
Nguyén Huy Hoang, Trdn Quang Sy, 11A1, THPT
chuyén Vinh Phic; Hai Duong: Trdn Vdn Hanh, 11A5,
THPT Ninh Giang, Vii Thanh Ti. 11A1, THPT Ké Sat,
Binh Giang, Nguyén Ditc Anh, Nguyén Thi Nhan,
10A2, THPT Ti Ky; Nam Binh: Trdn Thi Héng Vdn,
11A, THPT chuyén Lé Hong Phong; Nghé An: Nguyén
Thi Kim Thu, 10A2, Khai THPT chuyén DH Vinh; Pa
Nang: Pham Trong Khéi, 11A2, THPT chuyén Lé Quy
bon; Phi Yén: Dweong Xidn Vinh, 11A1, THPT Phan
Pinh Phung, Song Cdu; Vinh Long: Chdu Tudn Kiét,
1AL, Huynh Minh Tudn, 11A2, THPT chuyén Nguyén
Binh Khiém.

Mot s& ban quén ghi tén va dia chi vao bai Jim cia minh.

HO LE MAI

* Bai T9/368.
ta phdn tich k thanh tich cdc thira s6 nguyén
] (}{*Irrin'o nhat thiét phdan biét, ching han
k=18 = 33.2). Goi ."(f{] frr um: cua tdt ca
cdc ."hm: $0 Jr) Tim hine w C lon nhdt sao

Vai s0 nguyén dirong k bat ki,

cho T(k) =z C Ink, vai moi s6 nguyén duong k.

Loi giai. (Theo ban Nguyén Vin Hiing,
11 Toan, THPT chuyén Ha Nam).

Xethk=3tacoT(AN=CIn3 = C < —— ). —i(l)
In3  In3
3
Ta s& chitng minh T'(k) = ﬁ Ink (2)
n
That vay giasttk= p™...ps" = T(k) =ia,-_q—.

i=l

Chi ¥ ring ham sé I—JL— déng bién trén
nx

(3; +0),dods 2 » 2 néu p, > 3.

Inp; In3

g 4
Vi p, = 2 ta cling co = —Ei.
In2 In4 In3
Wiy = B véi moi p,. Thanh thir
Inp, In3

3
a;p; = —a; In p;
" In3 o

=Tk =Y ap, E%Zm In p;
n

=] i=|

= iln,"'c.
In3

Vay BDT (2) dugc chitng minh.

Tir (1) va (2) suy ra Cpax =%. a
n

<Nhin xét. 1) Tit cad cic ban tham gia gidi bai todn
nay déu lam ding. Ngoai ban Hing, cic ban sau diy cd
lii gidi o

Vinh Phic: Tran Quang Si, 11A1, THPT chuyén Vinh
Phic; Ha Noi: Vi Minh Thdng, Luu Vdn Dan, 10A1,
DHEKHTN - DHQG Ha Noi; Hai Duong: B Tién
Manh, 12A1, THPT chuyén Nguyén Trdi; Pa Nang:
Pham Trong Khéi, 11A2, THPT chuyén L& Quy Don;
Kién Giang: Bui Tran Minh Thanh, 11 Toidn, THPT
chuyén Kién Giang; Tuyén Quang: Nguyén ST Qudn,
11B1, THPT Ham Yén; TP. H6 Chi Minh: Nguvén
Huinh Hae, 11 Todn, THPT chuyén Lé Hong Phong.

2) Ban Nguyén Huynh Hac ¢6 nhin x€ét ding 13 bai todn
cdn quy ude T(1) = I, vi s6 | khong phan tich duoe
thanh thira 6 nguyén td. V& quy wde dé ta luon co

T(l) = l>%ln1#0. Do vay bat dang thitc ding vdi
n

moi 56 nguyén duong k.
DPANG HUNG THANG

* Bai T10/368. Cho ede s6 thiee khéng dm
a, b, ¢ cé tong binh phwong béing 3. Tim gid
tri lim mhdt cua bicu thie

&= ah abe.

+ j;{-" L L'{J"I

Loi gidi. Do vai trd cua céc s6 a, b, ¢ trong
bai todn ¢6 tinh hodn vi vong quanh, nén
khong mat tinh téng quat ta gia sit b 12 s6 0
gitra hai s6 a va ¢, lic d6 (b —a)(b—¢) 0.

Tacd P = ab? +bc? +ca’ —abe

= (bc? +a?b) +(ab® + ca® —a*b - abe)
=b(c*+a*)+alb-a)b-c)
[ ct+a? t+a?
< blc2+a®y=2 152 :
et s >
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(O day ta ding bat dang thic Cauchy cho ba
c2+a* ¢t +a?

56 b, : ).
2 2
Ping thiic xay ra khi va chi khi
APl i o
a(;b ]-l(—bc ]3{:l e,
a(b-a)(b-c =
. a=0b=1lc=+2.
Jia c +a
2

Vay gid tri [én nhét ca P bang 2. O

< Nhan xét. Day 12 bai todn hoi la v6i nhiéu ban hoc
sinh (xét 86 0 giita hai s& con lai), cdc ki thudt con lai
khong c6 gi mdi la. Cic ban THCS sau c6 1&i gidi t6t:
Phii Tho: Neuvén Quoc Hing, 8E, THCS Vian Lang,
TP. Viét Tri; Bac Ninh: Ha Ngoc Thinh, 9C, THCS Vi
Kiét, Thuin Thanh; Vinh Phic: Nguyen Ddng Hiéu,
Nguyén Manh Qudn, 9C, THCS Vinh Tutmng; Ha Tay:
Nguyén Qudan Duong, 8B, THCS Thanh Mai, Thanh
Oai; Thai Binh: Ta Minh Ttng, 9A2, THCS TTr. Diém
Dién, Thai Thuy; Nghé An: Trinh Vdn Qudn, 8A,
THCS Cao Xuan Huy, Dién Chéu; Phi Yén: Pham
Pite Hing, 9H, THCS Luong The Vinh, Pham Quang
Thinh, 91, THCS Hing Vuong, TP. Tuy Hoa.

NGUYEN MINH bUC
* Bai T11/368. Cho day 6 (x,) (n=1,2

diroe xdac dinh boi:

Xy =X —X2 20 =X ... +x207 2008 (e

N*) (1)

Tim lim mx,.
Loi gidi. (Theo da s cac ban). Trudc hét, ta
co cac két qua sau.

Pinh li 1. (Trung binh Cesaro). Néu day so

(u,) c6 gidi han hitu han la a thi ddy sé cdc
1 =

trung binh céng (—-(u] + U7 +...+u,;)] ciing
n

cé gidi han la a.

Dinh 1i nay cé thé phat bicu dudi dang tuong
duong sau:

TOAN HOC
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Pinh li 2. (Dinh li Stolz). Néu  1im (14, —u,)=a

= 00

ui]

thi lim —=ga.

n—+w  F} l
Ta chi cdn ching minh cho truong hop a = 0
Vi lim (. — ;) = 0nén v6i moi &> 0 ludén

M
ton tai N, sao cho v6i moi n = N, taco
| sy =t | < € . Khi d6, véi moi n > N, ta c6
Uy

1
21 <= (|aawy [+ twon —u
n rn

Na | +“'+1uﬂ' —Up D

1 £
< luy, | =+ (n—Np)—.
n n
Giit N, c6 dinh, ta ¢6 thé tim duge N, > N, sao

| e .
cho F|u%|<£. Khi dé v6i moi n > N, ta sé
|

. sl
—l<2e.Vaynén lim —=0.
n A4 M

co

Quay trd lai bai toan. Tir gia thiét suy ra

XXy = X3 — X3 +...4 x3008 52009 (2)
Cong theo vé clia (1) va (2), ta dugc
B
Xnel = -
1+ x,
1 et s ¢
Vid<x, = 5 < 1 nén dé thiy ngay rang
x,>0 véimoin e N°.
Ta chitng minh bing quy nap BDT sau
1
Xy <—— v0i¥ne N (3

-+l
Ta thdy (3) ding v6i n = 1. Gia st (3) ding
véi n = k, ta chiing minh n6 cling ding v6i
n=k+ 1, nghiala x;, E—l— . That vy
k+2
i (1= (e +1)x; ) + (k +2)x{

T Sl >0
k+2 (k+2)xe +1)

I e

& T

1 e
do 0<x; < o (theo gia thiét quy nap).
+

Tirdésuyra lim x,=0.

H—ro0
oo B T S
Xét higu -—= 208
Xn+1 X XnXnsl I — Xn
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Suy ra ]im( ] —L] i
e Xy Xy

Tir d6 theo dinh Ii trung binh Cesaro thi

lim L:] hay lim (mx,)=1.0

H—»4o0 j‘}x” MH—>+

<Nhan xét. Day 12 bai todn vé giéi han cita day s
cin sir dung két qua bé trg cia dinh Ii trung binh
Cesaro hoac dinh 1i Stolz, vi vay khon}, cd nhiédu 1o giai
giri 161 tha soan, da s6 cdc ban déu giai theo cich trén.
Cic ban sau day cd 1 gidi dang:

Vinh Phiic: Pham Vin Thanh, Nguyén Haaﬂg Hdi,
Trdan Quang Sw, Nguyén Huy Hoang, Khéng Hodng
Thao, 11A1, THPT chuyén Vinh Phic ; Ha Noi: Mai
Tién Khdi, Heang Téin Vinh, 10A2, chuyén Todn Tin,
PHKHTN Ha Noi;: Ha Tay: Nguyén Van Quyén, 11T,
THPT chuyén Nguyén Hué; DPa Nang: Hodng B
Khanh, 10A1, THPT chuyén Lé Quy Dén; Hai Phong:
Nguyén Hiiu Dink, 11B4, THPT Pham Ngii Lao; Hai
Duwong: Bii Tién Manh, D6 Thi Thu Thdo. 12T1, THPT
chuyén Nguyén Trii; Quang Ninh: Pham Diic Manh,
I2T, THPT chuyén Ha Long: Kién Giang: Bii Trdn
Minh Thanh, Vit Dai Nghta, 11T, THPT chuyén Huynh
Man Bat, TP. Rach Gia.

NGUYEN VAN MAU

* Bai T12/368. Gid sir ABCD la mét tir dién
€O cdc dwong cao c;'mw quy. Goi R la bhdn
kinh mdt cau ngoai tié p nr dién; hy, hy by hy
theo thir twr la do dai cdc dirong cao ha tir cdc
dinh A, B, C, D cua tir dién; R,, R>, Rs, !u
theo n’*n ti la ban kinh dwong tron m,rrm.r liép
cde mat doi dién cdc dinh A, B, C, D cua tir
dién. Chieng minh bat dang thire

l 1 1 1

—— — e
A+2N2R  h+2V2R  h+2N2R
Ddng thirc xay ra khi néo

z— {*j

.'E’.h +._.\ LR; R

Loi gigi. (Theo ban Nguyén Piic Cong, 11A1,
THPT Do Luong I, Nghé An).

Ké dudng cao AA,, AA, = h,. Goi O va 0O,
lan luot la thm mit cdu ngoai tiép tir dién
va dudng tron ngoai ti€p ABCD. Thé thi
00, L mp(BCD) tai 0,, dat 00, =d,. Tacé O B
=0/C=0D=R vad R} +d} = R? (1)

Mit khdc, dé thdy AA, < AO, < AQ + 00,
nghiala h, R +d, (2)

Suyra B +2RN2 < R+(d+242R)  (3)

Lai theo BDT Bunyakovski ta cé
(d +242R ) < (12 + (22)2)(d? + R?) = 9R? (4)

Va do dé, dai chiéu (3) va (4) ta duge BPT:
b +2R~2 < 4R (5)
Déu déng thic xay ra & (5) khi va chi khi dau
dang thic dong thoi xay ra & (2), (3) va (4),
nghia la khi va chi khi O € (A0Q,), O, = A, va
Ry: d =22 hay R=2d2, trong d6 R +dP = R,

do dé d, = %R - Vi vay ABCD 1a mot chép tam

gidc "tya can” dinh A titc 13 AB = AC = AD.
chimg minh tuong tu, ta dugc ba BPT niia
nhu (5), trong déchisdi e (1,2, 3, 4}:

2574 SRCr L 5
hE2RJ3 AR

Tir d6 ta cé BDT cin ching minh.

Pang thic & (*) xay ra khi va chi khi ABCD [a
mot hinh chop tam gidc "twa can” ¢ moi dinh
A, B, C, D cita né, c6 nghia ABCD 13 mot i
dién déu (AB= AC = AD = BC = BD=CD). 0

B +2RN2 <4R &

<i\"hi1n Xét. 1) Lai giai trén day 15 ring hoan toin
khong sit dung dén gia thiél cla bii todn doi hoi ABCD
phéi I mat tir dién trye tim, b vay gia thigt do 1a thia,
2) Ngodi ban Nguyén Dite Céng, cic han sau diy déy
ding duge bidu duong:

Ha Noi: Trinh Ngoc Dwong, 12A2 Todn, Khai THPT
chuyén Todn — Tin, DHKHTN, BHQG Ha Nai : Ha
Tay: Pham Viét Ha, 11A2, THPT Tung Thién, Son
Tay; Thanh Héa: Lé Xiein Thing, 11A1, THPT Triéu
Son 3; Ba Ria — Viing Thw: Duong Vin An, 12A1,
THPT Chau Thanh.

NGUYEN DANG PHAT

TOAN HOC
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* Bai L1/368. Phia
selenoit ddt thiang dirng c6 mot tam bia ciing
nam ngang, trén dé ddat mot vong tron nho
siéu dan ¢ dwong kinh la D lam tir ddy kim

logi co dwang

D kinh tiét dién
/ﬁﬁfjé( day la ¢f|r.
r" - /3 (d, << D). Nai

K solenoit vori

%}{ r.r‘qurjn va Ity

: dien (hinh vé),

dong khoa K
thi vong tron sé nay lén khf hiéu dién thé
U > Uy (Uy la hiéu dién thé xdc dinh). Thay
VOng (ron trén béng vong siéu din khdc ciing
kim logi trén va cing dwong kinh D con
duwong kinh tiét dién ddy la d». Hoi hiéu dién
thé nguon dién la bao nhiéu dé khi dong khoa
K thi vong vira dwgc thay nay lén? Biet do tr

oo i E=ils (14D o
cam ctia vong la L = kD.In| : | (k la hang
T

(rén cua mot hinh

s0), dién tro thudn ctia solenoit va ddy noi
duoc bo qua.

Loi gidi. Chon géc thoi gian ¢ = 0 1a lic dong
khéa K. Ap dung dinh luat Ohm cho mach:

freprad Mit khéac i = ¢’ nén ta cé
c

]
+—(g-CU)Y=0.
q Lc{q )

Phuong trinh trén c6 nghiém
q—CU = Asin(at + @).

Sir dung diéu kién ban ddu t=0,¢ =0, =0
ta ducc g = CU(1 — cosat) (1)

Cuong do dong dién trong mach:
i=q =CUwmsinot (2)

Goi @ 1 tit thong do solenoit giti qua vong, i
la cudng d6 dong dién chay trong vong, L, 12
d6 tu cam cia vong. Ta co: @ = -L,J, =

O+ Li=0= i,,=—%.Tﬁ thong @ ti 1é

véi cudng do déng dién cuc dai trong solenoit
va dién tich cta vong day: @~ [,D* ~ U.D".

TOAN HOC
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2
Dodo I, ~ L5

. Lyc tic dung lén vong

cuc dai ti 1& v6i duong kinh cla vong va
cudng do dong dién cuc dai trong solenoit va

: 5 D2
trong day siéu dan: F ~ Dig.fo. ~ :

Trong luc téc dung lén vong ti 1¢ véi Dd’.
Dé vong bit dau nay lén thi
D3U? d
~Dd? = U ~fL,,—-
L, VI D

4
Trong truong hop dau: U ~ d, [In [ld_ﬂﬂ :

1

Trutng hop sau: U' ~ d{l [1 :D]i] 3

o | =

b=

2.

Pé vong nay lén duge thi

1,4D 32
d In 4
(] _'2_ 1 D
b d | 1,4D
dy

<Nhan xét. Ban Nguyén Manh Quan, 11 Li, THPT
chuyén Nguyén Hue, Ha Tay co lui gidi t6t.

NGUYEN XUAN QUANG

* Bai L2/368. Mdr 6 6 chuyén dong voi van
fr}c khéng déi v = 90km/h theo mot dwong kin
nam ngang co dang elip voi ban truc lon
a = 500m va ban truc nhé b = 250m. Tim gia
16¢ cwe dai va gia toc cuc tiéu clia 6 16. Hé so
ma sdt k giita mdt dwong va l6p 6 16 bing bao
nhiéu dé 6 16 khong bi trugt tuyét khi chuyén
dong theo elip do?

Loi gidi. Vi vin t6c cia 0 to ¢6 do 16n khong
d6i khi chuyén dong theo elip nén thanh phén
gia t8c ti€p tuyén clia 6 té bing khong. Do dé,
tai bét ki diém nao trén elip, gia t6c cua 0 0
bing thanh phdn gia téc phip tuyén: d=d,,

2
védolén a=a, = %’ v6i R 1 bin kinh cong

clia quy dao tai diém dang xét.

https://tieulun.hopto.org
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i Quy dao clia 6 to

b Q :~'/ quy dao s& nho
nhit khi 6 t6 ¢ A

|5 la elip nén ban
— - :
\ kinh cong cua
[4] A Y
(} 5 A -
nhit R = Ky, tal
| A va 16n nht
va nho nhit khi 6 t6 & B. R = Ry, tai B (hinh
ve), do do gia téc cia 6 to s€ 1on

TaiA: @ =l = R‘ =2,5m/s’ (1)
THE . a= Gue= R“L 1250k (@

Luc lam cho xe chuyén déng theo elip 1a luc ma
sit f,,, do mat duong tic dung lén lop xe; luc
nay c6 phuong hudng vao tam O.

Luc ma sit nay gdy nén gia toc phdp tuyén,

2
my
DEN fme =—— (3}

PROBLEMS... (Tiép trang 17)
FOR UPPER SECONDARY SCHOOLS
T6/372. Do there exist two distinct positive

integers a, b such that 5™ n is @ multiple of &'+ n
for every postive integer n?

T7/372. Let S be the set of all pairs of real numbers
(ct. B such that the equation x* —6x" +ex— =0
has three real roots (not necessarily disctint) and
they are all greater than 1. Find the maximum
value of T=8a -3f for (a, e S.

T8/372. Let ABC be an acute triangle and denote
by O the center of its Euler's circle. The
circumcircle of ABC, which has radius R, meets
AQ, BQ, and CQ respectively at M N, and P.

: . 1 1 e
Prove the inequality —+ —_—z—
OM ON QP R

TOWARDS MATHEMATICAL OLYMPIAD
T9/372. Find the interger part of

A=JI—L +"\'jl T
2008 2008

where x is a real number in [-2008 ; 2008], and
m, n are natural numbers, mznz2.

T10/372. Let S be denote the set of all n-tuples
(n > 1) of real numbers (a, a3, ..., a,) such that

Vat & gidi han truot Khi f,,, dat gid tri cuc dai
kN (& day N 1 a phan luc cia mat duong lén 6
t6, N=mg). Vi bai todn dé cip ding dén
trudng hop nay nén ta dat f,, = &V (4)

Thay N =mg,tir(3) va (4)tacd

(3)

Vi v va g khong déi, nén tir (5) ta thay k cd
gid tri I6n nhat khi R = Ry, (tai diém A).

pl

ng in

Vay khi hé s6 ma sat & 20,25 thi 6 t6 khong
bi truot khi chuyén déng theo elip. O

=0,25; (& day ldy g =10m/s?)

krnax =

<Nhan xét. Ban Nguyén Manh Qudn, 11 Li, THPT
chuyén Nguyén Hué, Ha Tay ¢6 10i giai tot.

NGUYEN VAN THUAN
H
3 ot <502 (1)
i=]
a) Prove that min |a; —a,| £ ﬂ{-)-?-— (2)
Iz jen n(nl—])

b) Give an example of an n-tuple (a;, aa, ... @n)
such that condition (1) holds and for which there
is an equality in (2).

T11/372. A function fix), whose domain is the

interval [1 ; +ec) , has the following two properties:
1

; e e

i) f(1) 5008 ,

i) f(x)+2007( f(x+1))" =/ (x+]) forallx e [1 ;+o0).

2

Find the limit lim [—f("} *IQ ++M]

a2 fn) )
T12/372. The angle-bisectors A4,, BBy, CC, of 2
triangle ABC with perimeter p meet B,Cy, C,4,,
and A,B, respectively at 43, By, and C;. The line
through A, and parallel to BC meets 48, AC at
As, Ay. Construct the points Bs, By and C3, Cy in
a similar way. Prove the inequality
AB.-.; ar H'Cq + CA.q + BA; “+ CB3 a AC_'; = P

When does equality holds?
Translated by LE MINH HA

TOAN HOC
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CUOC VAN PONG

Ploe sink s d

e L L L L L e e

&

mtagé

rong tinh hinh gia cd cac mat hing

tieu ding déu co nhiéu bién dong

perc tap. anh huong dén doi song
clia ngudi dan, dac biét 1a cic h§ ngheo,
thyc hanh chu truong tiét kiém, chong ling
ph1 theo tinh than chi dao cia Chinh phu,
ngay 13-3-2008, B6 Gido duc va Dao tao da
co cong van s6 2034/BGDDT-VP chi dao
cdc SO Gido duc & Ddo tao trong ca nude to
chitc tuyén truyén vén dong Hoc sinh sir
d:,mg lai sach gr’do khoa (SGK) cil, phat dong
céc hinh thirc quyén gop, tang ban, xay dung
tu SGK dung chung nhdm s dung SGK
trong nhleu nam. Tiep do, ngay 19- "5 2008,
cOng vin sb 4313/BGDDT-VP vé cudc van
dong Hoc sinh tdng SGK cii cho nha
rrmmg, B¢ Giao duc va Dao tao hmmg dan
cde So Gido duc & Dao tao mdt s6 cong
viéc cu thé cin thuc hién nhu: TS chic
Tudn 1é quyeén gop sdch gido khoa cil vao
dip bé giang nam hoc 2007-2008; céc
truong phai sir dung Kinh phi t6i thwu tir
6-10% tong ngdn sach chi cho GDPT hang
nim dé mua sim trang thiét bi, SGK cho
thu vién ting cuong ti SGK ding chung;
tang cuong luong sich cho hoc sinh muon
tir 15-20%. nham dam bao moi hgc sinh, dic
biét 1 hoc sinh nghéo co du SGK dé hoc.

Hudng mg cude van dong nay, Nha xuat
ban Gido duc {NXBGD} di chi dao cac don
vi thanh vién, cac Cong ti Sach - Thiét bi
truong hoc ¢ cac dia phuung trién khai thuc
hién_cdc hoat dong cu the nhu : tuyén
truyen rong rdi chu truong nay cua Bé Gido
duc va Pao tao dén cac thdy cd gido, cac
bac phu huynh céc em hoc sinh td chirc tt
Tudn 1€ taing SGK cii tai cac trm:mg hoc.
Trong hai thing phat hanh Sach gmo duc
phuc vu ndam hoc 2008 - 2009, cic cong ti
Sach - Thiét bi truomg hoc s& td chire céc
cira hang mua SGK cii. S séch nay mot

TOFIN HOC
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a0

e o e

phan s& ban lai cho hoc sinh voi gia ré, mot
phan s& ting cho cdc hoc sinh néheo khéng
du tién mua sach va tang cho cac Thu vién
truong  hoc. Tinh dén ngay 26-5-2008,
NXBGD da trich 3 795 500 000 dong cho
cac cong ti Sach-Thiét bi trang hoc dé t&
chirc mua - ban SGK cii, céc dia phm:mg da
t6 chire 1 263 diém mua - ban SGK cii va sb
lugng SGK_d& mua va quyén gop dugc
trong tudn 1& dau tién la 39 785 ban. Tham
muu vai SU'GD -DT chi dao cac truang tiép
tuc cuing co ti SGK dung chung cho hoc
sinh mwon sach. Ngoai ra, NXBGD c6 cong
van sb 996/NXBGD ngdy 25-5-2008 phai
hop v&i S¢ GD-DT chi dao céc cong ti
Sach- Thlct bi trudng hoc hudng din cac
trudng phd théng tai dia phuong théng ké sb
lwgng hoc sinh con thuong binh (c6 hang),
con liét s7 dé cAp khong SGK. Té chirc tang
SGK cho céc trudng két nghia. Phéi hop véi
Quy bao trg tre em TP. Ha Noi, Da Niéng,
TP. H6 Chi Minh t& chitc tang SGK cho hoc
sinh ngheo, vuot khé. Hudng dén cac Cong
ti Sach - Thiét bi trudng hoc phét phieu uu
tién giam gia SGK 10 - 12% cho cic dbi
tugng hoc sinh nghéo, hoc sinh hoc gidi gia
dinh chinh sdch. Pam bao vdo nim hoc mdi
khéng dé mét hoce sinh nao vi thieu SGK ma
bé hoc.

Theo danh gid cta du ludn bdo chi, cudc
vin dong Hoc sinh sir dung lai SGK cii va
ting SGK cii cho tui sdach dz'mg chung ciia
nha Irmmg ciia B Giao duc va Dao tao vai
sy dong gop tich cue cia NXBGD ch.u: chiin
s& dat duge hiéu qua cao khéng chi vé mat
giao duc (hoc sinh ¢ y thirc bao quan tot
SGK dé hoc va tang lai cho cdc ban hoc sinh
nghen) vé mat kinh té ma con 26p phan vao
viéc thue hién nhitng chi truong chinh sach
vé kinh t&, xa hoi. chinh tri cia Dang va
Chinh phu trong tinh hinh hién nay.

https://tieulun.hopto.org
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Lin lhu nhat i luu: 2007 2008

i thi HSG danh cho hoc sinh lop 10 va lép 11 khu vic Duyén hai Bdc bo ldn thic nhdt deoc 16 chife tai

jg Hai Phong vio ngdy 3/5/2008 voi su tham gia cia sdu doi tuyén thudc sdu tinh: Thdi Binh, Ha Nam,
Hai Duong, Qudng Ninh, Hung Yén va Hai Phong. Ki thi dién ra trong 1 ngay véi ldt cd cde bo mon.

Séng 16 chiic thi, chiéu cham va cong b gidi thuong. Poi tuyén cia méi tinh & moéi mon, méi khai déu cé ba hoe
sinth tham du. Ki thi la san choi bé ich cho hoc sinh gioi va gép phdr cé vii phong trio hoc sinh gioi ciia khu viee.

DE THI MON TOAN LOP 10
(Then gian lam bai: 180 phiit)

Bai 1. (4 diém). Giai phuong trinh

VI —5x+6+vx 3 +yx+21 =y +19x 42,
Bai 2. (4 diém). Tt giac ABCD 16i, noi tiép
thoa man CD =AD + BC. Ching minh ring
cac dudng phéan gidc goc ﬂB, gbe ABC
va canh CD déng quy.

Bai 3. (4 d:em} Tim tat ca cic s nguyén té

p sao cho p* — p + 1 la lap phuong ctia mot
sO tu nhién.

Bii 4. (4 diém). Cho cic s6 a,, a,, ...,
2008
[-2 ; 2] sao cho ) g; = 0. Ching minh

1=1

I"ql:’.tllﬂ'i £

rang |a]3 B ok F agm}g!é 4016.

Bai 5. (4 diém). Cho mot 2008 — gide c6
tinh chat: T4t ca cac dinh c6 toa do nguyén
va d6 dai cla tat ca cdc canh la nhiing s6
nguyén. Ching minh ring chu vi cia da
gidc la mot s6 chan.

PE THI MON TOAN LGP 11
(Thoi gian lam bai: 180 phut)

Bai 1. (4 diém). Giai hé phuong trinh

logs x + +/(logy x — I)2 +1 = % +1

Bai 2. (4 diém). Cho céc s6 thuc duong x, y, 2

thoa man 2=+ Z + ¥ — |, Tim gid o 16n
L z
ok . 1 1 1
nhét cta biéu thic 4 = + + g
l-x l-p 1-z

Bai 3. (4 diém). Cho K la tam dudng tron
noi tiep tam giac ABC. B,, C, theo thi ty 1a
trung diém cta AC va AB. Dudng thang C,K
cit duong thang AC tai B,, dudng thang B,K
cit dudng thing AB tai C,. Gia st dién tich
tam gidc ABC bing dién tich tam gidc
AB,C,. Tinh do 16n géc BAC .

Bai 4. (4 diém). Tén tai hay khéng ham s6
f:+ B — R, fix) khong déng nhit bing 0,
thoa mén déng thoi hai diéu kién sau:

Dfxy+x+y+D=yflx+ D +xfiy+1)+
flx+ D+fiy+ 1), v, yeR,

i) f(x—y) = (%) - 7(12%) vxy e R?

Bai 5. (4 diém). Cho tap hop S gém 2008

phéin ti. Gia st §,, S, ..., S, 1a 50 tap con

cia § thoa mian cac diéu kién sau;

Is] = 100, ¥i = 1,50 (ki hiéuls| 1 s& phén
50

trcta S) va | S, =
1=l

tai haitdp con S, §; (véi { # j) ma L'S,FMS',| =>4,

S . Chimng minh ring tén

DANG XUAN SON
(GV THPT NK Trén Phii, Hdi Phong) gidi thiéu

RE T DL L e e P P P P P L P L R R P P LD

e TOAN HOC
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UNIT 9

Problem. Pyramid EARLY has rectangular
base EARL and apex Y, ER = +1105 , and EY
is perpendicular to RY. If EA, EY, RY, and LY

are distinct integers, compute the area of the
smallest face of the pyramid.

Vocabulary
pyramid (n.) = hinh chép
apex (n.) = dinh

perpendicular (adj.) = vuong goéc.

* DUNG BIEU THUC... (Tiép trang 2)

g baisl
y Wy
B el i i I e
Mtddcod J24+—+—= [2+—+— (3)
Néux>y>0thi ,[2+ +1 < 2+1+ 1
Eux>y e Pl e el
X \f(; }J \{;

Néu 0 < x < y thi

Viy tr (3) suy ra x = v. Thay vao PT (1) ta co

2+l=2—L_. Binh phuong hai vé duoc

O — — — o o— ] S— 1 — S — W — S — ) — 0 S— 0 — ] — 0 —
—_

Solution. (Cho ban doc gl veé) x b
] 4 .
VU THE KHOI 2+—=4+——— < x =4 (thoa man).
(Institute of Mathematics) - x Vx _
L LLL 111 —---ll-lc_on-nl-ll—ol—ll—l--llJ- V'a,-_‘)" hé dﬁ Cho Cé nghiem (x; }‘) = (4 ; 4)' D

MOT SO LUU Y... (Tiép trang 15)

Thi du: Phuong trinh x' — 1 = 0 c6 mot
nghiém thue duy nhét la x = 1.

— Trong SGK c¢6 néu mot s6 bai toan lién
quan dén biéu dién hinh hoc clia s& phiic.
Diéu d6 chi dé minh hoa, gay hing thd va
giip hoc sinh hiéu rd hon vé s6 phiic. Gido
vién khong nén cho thém cdc bai toan di siu
vao ting dung cua s6 phitc trong hinh hoc.

Dé két thuc bai viét nay, chang téi xin néu
mot nhan xét rat dang chu y trong viéc thuc
hién chuong trinh va SGK mdi, la: cd khong
it gido vién van chua tir bd dugc théi quen
giang day theo ndi dung ctia SGK Cai cach
Gi4o duc; hon nira, nhiéu gido vién yéu ciu
ki nang giai bai tap cao qua mifc can thiét,
vuat xa quy dinh cla chuong trinh va SGK
(cA vé mitc dd khé 1an sé luong bai ta12p).
Phai chang d6 clng la mot trong nhiéu
nguyén nhan khién du luan xa héi cho rang
chuong trinh va SGK hién nay la "qué tai" ?

TOAN HOC
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I Dé ket thic bai viét xin mai cdc ban giai cdc
| PT va HPT sau:

1. )32 T3 2 =32 —Sx—1 2 344 ;
| 1

|
b) - :
Vo3 w42 xa2+0et e Hx

2.a)x3—-3x2—8x+40=8Y4x+4 :
b) v{x3 +x2-1 +\fx3 +x24+2=3,

3.a) ——-{S—x:3—=3+\fx—x1 :

b) V22—l /22 —3x—2 =y 22+ 2432342

4. Giai cdc hé phuong trinh sau.

) Vx+10+4y-2=6

d et

Jy+10+x-2=6;

% {(xdk\ﬁ(m?-kxi (+/2007+y7)=2007

2x2+y2=3x-2y+2.
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D $0ng

Chon ai,ai chon
BAY GIO CHON Ai?

ot giam déc xi nghiép mudn tuyén
chon mét nhén vién mdi trong sé

hang tram (ing cir vién. Ong ta phong
vin m‘ng ngudi moét. Sau moi cude phong van
ong ta cé mot va chi mot trong hai lua chon:

1. Nhin ngudi dugc phong vdn vao lam viéc.
Cu6c phong vdn cham dit, nhng nger XEp
hang sau dé dé duoc phong van c6 thé ra vé.

2. Khong nhan nguoi dugc phong vidn. Nguwi
nay ra \ré khéng tro lai nita. Ngudi xép hang
lién sau dé tiép tuc duoc phong van.

Chi y la ong ta khong duoc thay dai ¥ kién. Céi
khé cua ong giam doc 13 & ché: Néu chip nhan
ngudi dang phong van, thi biét dau sé& bo qua
mot ngudi khic sau do c¢6 kha nang t6t hon?
Con néu bo qua ngudi dang phong van, thi liéu
nhilng ngudi sau cé ai bang dugec ngudi nay
khong? Chon sém qud c6 thé "hd", chon muon
qua ¢ the "ot"! Dimg lai & dau la toi wu?

Nam 1960 Martin Gardner da dua ra bai todn nay
lin ddu tién nhu 12 mét "trd choi toin hoc”.
Trong bai todn cta Gardner dua ra héi do, néu
¢6 100 (ng cu vién, ngudi ta di chu‘ng t0 ring
nha tuyén dung nén bo qua 37 truong hop dau
tién, ma chi chon tng cir vién dat yéu ciu tir
ngLro’l thit 38 tré di. Ngum ta néi ring, mot cich
tong qudt, kich c5 coa mau dau
tién chiém ti 1¢ 0,37 cua ong s6. Chii ¥ ring

1 y e - P
0,37~— (e la cu s0 cla logarit ty nhién).

e
Tat nhién chién thuat trén that bai néu dé lot
mat nguoi sing gid nhit ndm trong s6 37 ngudi
bi bo roi. Nhung lam sao duoc, vi day la van dé
"kha nang cao nhét dé tim ngudi sdng gid", chi

khong phai "bién phép t6i uu dé tim ngudi sing
gia" trong s6 100 nguai! Co rat nhiéu giai phip
da dugc dua ra, dac biét giai phap trong do
ngudi ta xét dén viéc 61 uu hoda sy sip xép trung
binh cua iing cir vién.

Cic nha nghién ciu Thuy Bién Kimmo
Eriksson va Pontus Strimling de Visteras, ciing
nhu Jonas Sjostrand & Stockholm di chi ¥ dén
truong hop cé nhiéu nha tuyén chon va cdc ing
clt vién ¢6 nhiéu lya chon cic ong chii. Bang
ciach gidn tiép, ho trinh bay bai todn dudi dang
hon nhan: Mot s6 16n nam va nir gap nhau timg
cap. Ho chon nhau dé sinh déi (nam, nit), ngudi
nay chon ngudi kia dé tiép xiic; hop thi thanh
doi, khong thi bo dé chon ngudi khic. Méi
ngudi chi dugc chon ngudi khdc 1 lin. khong
dugc chon di roi chon lai. Gia st moi ngudi chi
dugc chon toi da 1a N ngudi. Két qua chinh thie
dugc cdc nha nghién citu dua ra la;

Néu N kha 1én, cac thanh vién hanh dong khon
ngoan nhat cd thé duge, v khong phéi horp v
nhau (khong cho nI'_mu biét y klE:l’quUEl minh vé
ngudi khac), thi méi ngudi c6 thé hi vong két
hon v6i ngudi khdc & luot ngudi tiép xiic thit m
véi m =~ VN . Thi du néu s& ngudi cé thé tiép
xtic la 50, thi hi vong cao nhdt tim dugc ¥ trung
nhdn & ngudi ti€p xic thit 7.

Céc tac gia cho ring néu cdc thanh vién c6 hop
tic v ban bac v6i nhau thi con s6 VN c¢6 thé

rit xudng thiap hon thanh 'J%N . Nhung kha

ning phol hop nhau rdt kho, vi ¢é nhiing quyén
lgi riéng doi choi
nhau, ai ciing
muén tim nguoi
ung ¥ nhit, khong
muén ngudi khac
"phong" tay trén...
Tac gia bai viét
nay cing khéng
hicu cdc nha
nghién ciu lay

cic so \W

& dau, nhung _
ciing thuét lai dé ©
vul ciing ban doc.

PHAN THANH QUANG

{Theo Benoir Rirtaud
trong Recherche s6 1/2005).

Sb 372 (6-2008) T?ﬁmgg %1
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Malhemalicd and ’Z/aaﬂz Magwe
BAN €O VAN KHOA HOC
3S. TSKH. NGUYEN CANH TOAN
GS. TSKH, TRAN VAN NHUNG
TS. NGUYEN VAN VONG
GS. DPOAN QUYNH
PGS. TS. TRAN VAN HAO

CHIU TRACH NHIEM XUAT BAN
Chu tich Héi dong Quan tri kigém
Tong Giam déc NXB Gido duc
NGO TRAN Al
Phé Téng Giam ddc kiém
Téng bién tap NXB Giao duc
NGUYEN QUY THAO
HQI DPONG BIEN TAP
Téng bién tap : PGS. TS. PHAN DOAN THOAI Phé Ta‘ng bién tép : TS. PHAM TH| BACH NGOC
TS. TRAN DINH CHAU, ThS. NGUYEN ANH DUNG, TS .TRAN NAM DUNG, TS. NGUYEN MINH bUC,
TS. NGUYEN MINH HA, TS. NGUYEN VIET HAI PGS. TS. LE QUOC HAN, ThS. PHAM VAN HUNG,
PGS. TS. VU THANH KHIET, GS. TSKH. \JGUYEN VAN MAU, Ong NGUYEN KHAC MINH,
TS. TRAN HUU NAM, PGS. TS. NGUYEN DANG PHAT, TS. TA DUY PHUONG, ThS. NGUYEN THE THACH,
GS. TSKH. DPANG HUNG THANG, ThS. VU KIM THUY, PGS. TS. VU DUONG THUY,
GS. TSKH. NGO VIET TRUNG, ThS. HO QUANG VINH.

TRONG SO NAY

@ Pé ra ki nay — Problems in This Issue
T1/372, ..., T12/372, L1/372, L2/372.

Danh cho Trung hoc Co sd — For Lower
Secondary Schools A

Lé Bd Hodang - Dung biéu thic lién hgp vao
gidi phuong trinh va h¢ phuong trinh vo ti Giai bai Ki trude - Solutions to Previous
Problems.

Léi gidi dé thi vao 16p 10 Trugng THPT oblems.
chuyén Phan Béi Chdu, Nghé An, nam Giai cac bai cua so 368.

hoe 2007-2008. PV - Cude van dong Hoc sinh st dung lai

SGK ci va ting SGK cho nha trudng cua

9@9@@@@ @

Bién tp : NGUYEN THANH HONG, HO QUANG VINH.
Tri su, phdt hanh : HCANG THANH DUC, VU ANH THU :

Dé thi vao 16p 10 chuyén Truong DHSP
TP. Ho Chi Minh, nim hoe 2007 — 2008.

Chuidn bi thi vao dai hoc — University
Entrance Preparation

Dédng Thanh Hdi - Mst s8 phuong phap
tim gia tri ldn nhét va gia tri nhd nhat.
Thir sitc trudge ki thi

- Hudng dfn giai Dé s8 2.

- Dé sd 4.

Giai dip thic mac

Phuong phép giii todn—Math Problem Solving
Trin Duc Thién — Tinh khoang cach ti
mot diém dén mit, phang va khoang cach
glda hal duong thang chéo nhau.

Dién dan day hoc toan — Math Teaching
Forum

Nguyén Huy Doan ~ Mot s6 diém cin luu
¥ khi day — hoc Giai tich 12 ning cao.

Bé Gido duc va Dao tao.

€D bang Xuan Son - Ki thi hoe sinh giéi

THPT chuyén khu vye Duyén hai Bée bo
lan thi nhat, nam hoc 2007-2008.

Tiéng Anh qua cac bai toan va 1oi giai —
English through Math Problems and Solutions
Vii Thé Khoi — Unit 9.

@ Toan hoe & doi song - Math and Life

Phan Thanh Quang — Chon ail, al chon
bay gid chon al.

Bia 2. Todn hoc muén mau — Multifarious
Mathematics

Bia 3. Caiun lac bé — Math Club
Bia 4. Cudc thi vui Giai tri ngay he

- Mi thugt : MINH THO
Gké’b&n  NGUYEN THI CANH
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rong Toan hoc, dicmg thang 1a khdi
niém duge xdc dinh bdi cdc uén dé;

diring dai s6 bdc n trong mit phiang toa
do 1a tap hop cdc diém co6 toa d6 (x ; y) ma
thod min phuong trinh F(x ; y) = 0, trong dé
F(x : v) la da thiic bac n cua hai bién x, v; noi
riéng diomg biéu dién gia tri mot him s goi la

NHLI' THE NAO7

do thi cia ham s& éo‘ zhk{trgfuﬂff co trong cac
hinh vé, L

Con trong ki tl
hoc, ... duong
nhu the nao® Banthay tim ¢dc thi dii niinh hoa
cho nghia béng*etia dmr,gag fﬁong qud cac lﬁimh
ngi, tuc ngil, ca dao; Qﬂu AL, nh‘Lrnﬂr chi
xem dudngAa damh-tir v Khong ka #Cic nghm
khac biét’han nhu: duting I_E c,ha"ld,ncgt, cong

dudng, thodoiDudng,...). i}
-

Giai dap: THANG BA, MOT sO SV KIEN L{Ch‘ sV

(Pé ddng trén THTT 56 369, thdng 3.2008)

o Ngiy 6.3.1946 tai Ha Noi, Hiép dinh So b6
Phip - Viét duoc ki két, cong nhan Viét
Nam & mot Quéc gia tu do trong Lién bang
Déng Duong thude khoi Lién hiép Phdp. Ta
ki Hiép dinh nay dé day quan Tuong Gidi
Thach ra khoi mién Bac Viét Nam.

s+ Ngay 8.3.1899 tai hai thanh phé Chicago va
New York & Hoa Ky di né ra cuoc diau
tranh cta nit cong nhan nganh dét may doi
tang luong, giam gid lam.

Ngay 26-27.8.1910 Dai héi lin thit hai Phu
nit Qudc t& hop tai Cépenhagen, Pan Mach,
da quyét dinh lay ngay 8.3 lam ngay Qudc
t& Phu nu.

Ngay 9.3.1945 Nhat dao chinh Phip tai
Dong Duong. Pang Céng san Pong Duong
ra chi thi Nhdr Phdp ban nhau va héanh
déng cua chiing ta, vach huéng cho cic 16
chie Viét Minh chudn bi khai nghia gianh
Chinh quyén.

o Ngay 19.3.1950 khoang 300.000 déng bio
Sai Gon biéu tinh chéng My, sau trd thanh
Negiay toan guoc chéng MV cho dén khi
thong nhit dat nudc.

Ngay 19.3 ciing la Ngay truyén thong cua
Bo doi Pac cong tir 1967.

++ Ngay 26.3.1931 Hoi nghi Ban Chap hanh
Trung uong Dang Cong san Pong Duong ra
Nghi quyét thanh lap Poian Thanh nién
Cong sin Déng Duong. Sau nay Poan déi
tén thanh Poan Thanh nién Lao dong Viét
Nam, réi thanh Poan Thanh nién Cong sin
Hé Chi Minh. Ngay 22.3.1961 Pai hoi
Doan Thanh nién Lao déng Viét Nam quyét
dinh lay ngay 26.3 lam ngay ki niém thanh
lap Poan.

Cdc ban co tén sau dd trd léi tot, duoe nhdn
tang pham:

1} Hodng Phiic Ngnvén, 10 Toan — Tin, THPT
chuyén Lé Khiét, TP. Quang Ngai. Quang Ngai.

2) Lé Trung Van, 12C1, THPT WVan
Quing Ngai.

3) Nguvén Thi Loan, 10A1,
Luong, Nghé An.

Tuemg,

THPT Do Luong 2. Do

4y Tran Ngoc Ching, 9E, THCS Vinh Tan. TP.
Vinh, Nghé An.
VAN KHANH
------ -----------------------—--------'

-
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- ? ~ - -
@ A @ﬁ GlAl TRINGAY HE
. [‘[®C Cae ban & hodn think ba b 85 vi: Q1ud bling, Ghép think
\ Q hink vuing v Bidh &5 xe buit chica? Lan nay THIT gifi
V/U‘-I . thifu tigp vi cdc ban ba bdi T8 vui thii vi mZa. Hay g2t
son Adp dn cia cdc bai dwedi 38y vé Toa sogn trebe ngdy
3L/8/2008 nké!

+ THO TJ GIAQ

Bai

15 : _ 5i PA = . a
Ve MaI t n the ghi mét A .
Ban ¢ ‘ —I hir ljl I
t s
Bai 5. XE LUA TRANH NHAU
ai dodin xe lba, méi dodin kéo 30 toa gap nhau tai mét quéing duodr g (nht hinh v8) mé& & dé

sai 6. Vldn déng vién din kinh Yéutoan

- - - " I # -~ o a - . - - § A 5 " oy o $ . A
[rong mét cude thi Marathon, céc vein dt:_‘-ﬂQ vién da ng ki theo thi kv bt déu ko sé 1. Mét van dong vien

yéu todn dé nhan ra réing téng céc s6 déing ki nhd hon s8 déng ki cda anh ta béng t8ng céc sé dang ki lén
hon sé déing ki coa anh ta va néu gép déi 56 vain déng vién tham du ta duoc mét s8 chinh phuong. Biét
réing s& véin déng vién tham gia ndm frong khoding t 100 dén 500. Hay xac dinh s& véan déng vién tham
giava s& déng ki cia ngudi vain déng vién yéu todn dé.
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