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Thue chute ming ndam mdi

Ban doc yéu guy !

Nhip bude cua thai gian da da ranJ'g ta hiedre
sang ndm thie 6 cua thién nién ki mai. Ban dang
cam trén tay to tap chi Todn hoe va Tudi tré ddiu
tién cua nam thir 43, 56 343 dau Xudn Binh Tudt
Vi cac ban véu thich todan va dam mé Toan hoc va
Tudi tré thi do la sw dap wng nhitng cho mong cua

PGS.TS.Phan Doan Thoai cdc b (IR, Vai ehing -'Hf ;J'Mw ng ;r- F Idim bao thi
i e T B %
da la két gua cua nhiéu no lee, co &ang.

Moi nam chiing ta ¢6 nhitng ban doc mdéi voi nhitng nhu cd, sor thich mai. Chiing (6
nhdn diege nhitng yéu cdau maéi mé va cao hon tir dgc !: a va dang gang dap ing nhing ,; )i

hoi do. Nheng ¢ nhitng dé nghi rai khdac nhau m ir co ban muon tap chi chi déing

i { 4 .I'J i D \H 1O KA T CH { WAL T .'.' i el v P L, .l. I--i L
Tocdn, trong khi cd nhiéu ban lai muon khang chi ¢ 0 locdn ne .rl.rJ i co bai vé Vdr li, Tin ho

Tiéng Anh, Hoa hoe va ca mue Cdu lac bd. Tén tap chi la Tedan hoc va Tudi tre nén nai
dung cia né s¢é phong phi va da ff’f"'_fr diing nhwe 1én goi cua minh. Chinh chiing (61, nhithe

3 1 15 L P 3 Yo Filiiman T ale el
nguai lam bao f.r;un ciing mong ¢ de ban khonge chi gioi Todn ma con thao tiéng Anh, hiéu

hiét xi hoi. trau doi vén son o cua Tuoi wré. Nam mai 2006 Tap r'r'a.-' muon cai tién theo

R I, I P |'_ g 3 g " :.. I ) fr -I i ~
imr ne Todn phai todn hon - phuc va 10t hon cho viée hoc toan, phdt trién sdun hon If thuyét
e ke - :  —— Ty el BAA P, T, rpgan ) 3 ige] A
VI r veri thiee (6 hon, Tré cang tre niva. Mone cae ban tich cu

et .f.?e'li" .".'u',-'.-‘ chi

Nhdn dip nam maoi Tay

dat trong citoc Song, Hha

ONG BIEN TAF

TAP CHITOAN HOC VA TI Ol TRE

KET QUA CUOC THI OLYMPIC KHOA HOC QUOC TE LAN THU HAl
TAI INDONESIA CUA DOAN VIET NAM

LE KIM LONG
(Triwong dodn)

Cudc thi Olympic Khoa hoc Quoc & (1JSO:
International Junior Science Olympiad) duge 16 chic
lan ddu tién vao thing 12 nam 2004 tai Jakarta,
Indonesia, Ki thi II1SO lian thit hai duoc o chie tai
Yogyakarta, Indonesia tir 4 dén 13 thang 12 nam 2005.
Thing 10 nam 2005, B Gido duc va Bio tao giao cho
S& Gido duc va Piao tao tinh Vinh Phic chon doi tuyén
hoc sinh lop 9 d¢ dai dién cho Viét Nam. Trudng doin
la thiy Lé Kim Long (PHKHTN - PHQG Ha Noi),
Phé doan la thiy Lé f\llh Tuan (5¢ GD-DT Vinh Phic)
vi mot quan sat vién. Dol tuyén gébm 6 em hoc sinh
giol duge chon tir cdc truong THCS ctia cic huyén va

T tréi 5 hai: Minh Hidu, Hai Ha, Thé Hung R & 5 P - 5 o
Moy PHmnc, Ngioc v Mgesee Kk thi xa Vinh Yén, Phic Yén, Vinh Tugng, Lap Thach,

Binh Xuyén, Yén Lac. Cic em hoc smh Viét Nam
thuding ndi troéi mot trong cic mon nhu Todn, Vit i, "Hoii hoc va Sinh hoc trong khi néi dung thi la
Chu'dng trinh Irung hoc Co s& ctia nhiéu mon khoa hoc: Vat 1i, Hod hoc, Sinh hoc... Doi tuyén da
duge sy quan tam dac biét cha lanh dao tinh Vinh Phiic.

(Xem tiép trang 31)
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MOT SO PHUONG PHAP
GIAI PHUONG TRINH
CO CHUA PHAN NGUYEN

TRAN HA :
TRUNG HOC CO SO (GV THCS Tam D, Vinh Béo, Hdi Phong)

Trong céc ki thi hoc sinh gidi cap THCS, Loi gidi. Ta co

ching ta thudng gép nhitng bai todn lién quan g

dén ph'm nguyén, chiang han nhu: tinh phén 0< :-{%}-]«:] -

nguyén, chimg minh ding thire, bt ding thirc, e R e O [[ﬁ}jﬂ ] <2

olai plmcrn" trinh ¢6 chira phan nguyén... e [iﬂid 2 T 1 |3
Khéng it ban con nhidu ling ting khi giai WY

phueng trinh ¢ chira phan nguyén. Trong bai 5x

viét nay. ching tdi trao déi ciing cac ban yéu = 0< '6""'1? <2=102<5x<114

toan mot so phuong phap thuong ding dé giai 102 114

phwong trinh ¢6 chira phan nguyén. Hi vong s¢ = s S
dem lai doi diéu bo ich cho cac ban. : ;
Kethopvidix e Z, tadugex=21; x =22

Thir lai; x =21 thoa man.
Viy nghiém nguyén cia (2) lax = 21.

Phwong phap 1. Ding dinh nghia dé khur déu
phan nguyén

5 (neZ neZ .
[x]=ne Ins.r ens] & {Oﬂx—r.'{ i Vidu 3. Giai pfmzcmg trinh L5
] =2lx] —3=0 (3)
Vidu 1. Giai phicong trinh Loi giai. (3) © [x].([x] -2)=3 < [x] =3
Sa+1]_, , hodc [x] = -1 (vi [x] > [x] - 2).
ke il ) Néu[x]=3 < 3I<x<4,
JZJ:—IEZ Néu[x]=-1 o -1<x<0.
Loi gidi. (1) <> T+ 1 Viy nghiém cia (3) 14 :

[Uc_:?—z_\'ﬂe:l I<x<d4; -1<x<0.

Rx-1eZ Pr-leZ Phwong phép 2. Dit dn phu dé khir ddu phén
Q<;0<_:_?x+ﬁ<] <:>1tﬂ£_?_l_+6{5 nguyen

L 5 Vi du 4. Gidi phieong trinh

2x-1€Z | [?x—ﬁ}:]6x+3
@.{igé-’f?’l ¢>x-——5. 2 5

\7 7 16x+3

Li gidgi. Dit "=y, (ye Z) tacod

oy 5 2 |
Vay nghiém cia (1) lax = B

Sp=3 Tx-5 35y-101
= > = = i ’

X
Vi du 2. Tim nghiém nguvén cua phwong 16 3 48
trinh: Do do
: 35y-101 35y-101
2 X e i 1
|V_,_+_:”r 2 [ } y <0 Y=l
{_J H (2) 48 48

1
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IU] 149
J.‘

=0<-13y-101 <48 &

-

13

= y=-8,-9,-10;-11 (doy e Z).

Véi y = -8 thi -1-6~}5—+—3=—8 e
Véi y = -9 thi E‘Dii:_@ =3,

Ml gy gl o
I g L sdu e —]52

Vay tap nghiém cua (4) Ia
| 58 - 53 43

e ot -, =3}
16 16 16
Vi du 5. Gidal phwong irinh
¥ 6[x]+5=0 (5)

Lai g;:'rif'. Pit [x] =y (y e Z) thi tir (5) ta ¢
6y=x +5 Suyray>0.Laicoysx<y+1
nén it +5<e +5<t 1 r6 ot +5<6y

v —6y+5<0

«:_1.-2+2y+6<:>{ 5 Lys35.

fo’
yo—4y+6=0

Doye Zval<y<5nénye {1,2,3,4,5}.

ffx]=1

Véiy =1 thi l)‘{ =il
” i [[ﬂ:ﬁ [ <x<3
Giy=2thi§y 2 i~
]Lr =7 1 P
ox=47.
[x]=3 £1:<4
Vi y =3 thi 13 =+m
= J13.
[x] 45;x<5
Vi y = 4 thi = 1;—:_\@
ux—ﬁ.
[x]=5
V&iy =35 thi =25 & x=3

Viy tap nghiém cua (5) 1 {147 4/13.4/19,5}.

-2

Phwong phap 3. Xeét khoang cac gia (ri cua
bién dé khir ddu phan nguyén. Vai chi y ring:
Néu x > y thi [x] = [v].

Vidu 6. Giai phicong frinh

X =2 + [x] (6)
Léi gidi. (6) < [x] = x* (% - 2).
Ta xét cac truimg hop sau:
G —-‘-ﬁ i
* Néux™ =2 thi [ <> khong tdn tai x.
¥l
. 2 <x<2
o Néu x> < 2 thi {fxT:U - = {x]l =10
hoic 1.
2 2
p ofx=2)=0 "
Véi [x] =0 thi {ﬂﬂ.rd e x=10
e SR
e . 2 =2xT 1) .
Vi [x] =1 thi {—I“i:c{:(] S x=-1.
¥ (
-Néux23>2 thi r:nf_hoac i J_
[x]=0
cxr .
Suyral < [x]<€xdodo
] =207 = 2) = [+ (¢ - 2)
o -9 <1 =[x =
! 4 2 S
Tirdéox —2x" —1=0suyrax= \/’I—+\f5

(do [x] = 1).
Gia tri nay thudce khoang dang xét.
Vv tip nghiém ciia (6) 1a {1, 0, V1+4/2 }.

Xin mdi cde ban e thir sikc minh dé giai cdc
phirong trinh sau :

a) —f-q——x;
fas =k el
| B [ o
h)_ 3 ] [ 2 }
[1-x | Flf =3
el = :
93 }L o
(x)-x
d) 1-[x+1]= ,
) 1-[x+ T
e)x —3):2—[1]—

https://tieulun.hopto.org
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LOT GIAI PE THI TUYEN SINH VAO LOP 10
THPT CHUYEN LE KHIET, QUANG NGAI
NAM HOC 2005-2006

(Dé thi dang trén THTT 56 342, thdng 12 niam 2003)

Bai 1. 1) Ddp s6: 5.
2) Vi didu kién x = 0 va x = 4 thi

A_E-~ﬁ42+¢’§ 2Jx 4-2.Jx
4—x J—x d-—x foog
I 1-2Jx

Al o T
4 4-x 4

o x-8JF+16=4 o (Jr-4)? =4,

Gidi phuong trinh nay (cha y x # 4) ta dugc
b gty
3} a) Ddp so: PT dia cho cod hai nghiém

X = 2% i

el 1
= %

g : o 7 B
b) Hé da cho cé nghiém (x, v) = % I/II

Bai 2. 1) Ham 56 y=(2m + 1)x + 3 nghich
bién va do thi ctia nd di qua diém (1; 2) khi
2m+1<0
=m =1,

{2 =(2m+1)+3
2) Hé da cho tuong duong voi
y+m
2
(2-m* )y =2(2-m).
Hé c6 nghiém duy nhat khi va chi khi
2—m:¢0, hay m # xﬁ vémv&—ﬁ.
3) a) Phuong trinh da cho ¢o hai nghiém phén
bigtx,=m+3;0=m-2.
b) Phuong trinh ¢6 hai nghiém déu am khi
{m +3<0

m=2<0

N

o om <=3,

Bai 3. (h. 1) 1) Tir gia thiét c6 OAN = OMN

= 90" nén tir giac AOMN ndi tiép dugc trong
mot dudng tron.

2) Céch 1. Ta c6 MNO = MAO ; MPO=MBO
ma MAO+ MBO = 90° nén ONM +MPO = 90°,

din dén )
tam giac NOP
vudng tai 0.

Cdch 2. Vi n
ON va OP
tirang (rng 14 P
cAc tia phin
gidc cua
AOM vi
BOM nén
NOP .= 90".

Cdchr 3. Goi
I la trung
diém cua NP

thi Of=IN= [P =

l'L"

A 0 B
: Hinh 1

1
2
gidc NOP vudng tai O (dpem).

3) Nhin xét ring ON L AM va BD | AM, suy
ra ON//BD. Do O la trung diém 4B nén N la
trung diém AD. Chimg minh twong ty ta ciing
thiy P 1a trung diém cia BC.

Bai 4. (h. 2). Dung
DE L AC (E & AC).
Tam giac AED
vudng cin tai £ nén
AD=AEN2 (1).

(AN + BP), suy ra tam

Tapg ——5-— D

—]—4—]—}1(2). A E C
\AB AC Hinh 2

Tir (1), (2) dan dén

i R 1

X8 i o “nem,
AD AR e e

NGUYEN PUC TAN
(Sien tam vé bién soan)

3
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‘7{0’2 %0A
DUOT CON MAT TOAN HOC

Mbi tic phim hoi hoa mang ddu an ciia mét
tac gia nhét dinh, nIurnL, xac dinh duge tac
pham nao cua tac gia nao la mot diéu rat kho,
hau nhw ngoai thm tay cua ngll‘[ﬂ thucrng thire,
cung nhir nha nghién eclru, vi xdc suat dang rét
thap !

Diéu do ciing dé hiéu vi hiu nhu khong ¢6
mdt quan hé khach quan nao da chinh xac gita
tac pham va tac gia. Duong nhu khong thé toan
hoe héa méi quan hé dé duoe.

Tuy vay trong mét chimg muc nao do, ngudi
ta ciing co ging toan hoc hoa quan hé téc pham
- tac gia. Mdoi ddy ba nha nghién ctu Harry
Farid, Daniel Rockmore va Siwei Lyu cua
truong Dartmouth & Hanover, bang New
Hampsinre da c6 nhidu ¢ ging dang khich 1¢
vé vigc nay. Cac ong dd mét phan nao lugng
hoa mgt cach toan hoc dic diém ngh¢ thut cia
timg hoa si, dé biét xem mét biic tranh cho
trude ¢d do hoa si d6 v& khéng, Ho da tim ra
mot so dic diém thong ké cia nghé thuit ca
nhin va so sanh vai cac birc v& khac, D6 1a sd
lugng mau, gam mau thui)ng sit dung va cac tb
hop mau dm:rc cdc tac gia do wa ding ciling nhu
cich thé hién cdc nét vé, cic mang mau.. . Trac
ngh:em nhidu 14n trén nhidu bire tranh, ho da
c6 thé phan biét nhung, bure tranh do Bruegel vé
va nhirng bire tranh gia mang tén Bruegel.

Bang giai phép nay, ngudi ta hi vong c6 thé
phan biét tranh thét, tranh gia, va quan trong
nhat 1a phat hi¢n duoc nlurng birc tranh thét bi
mat cap...

PHAN THANH QUANG

(Theo Recherche sé 1/2005)

DE THI TUYEN SINH LGP 10

TRUONG THPT CHUYEN

LE QUY PON, BINH DINH
NAM HOC 2005 - 2006

(Thei gian lim bai @ 150 phiit)

Cau L. (1,5 diém)
Tim tap xdc dinh ctia ham sd
_~x +1+1—x

fx1|x=1]

Céu 2. (2 diém)

Cho a, b, ¢ la d§ dai cac canh va p la nira chu
vi clia mgt tam gide. Chimg minh rang
| 1 1 l"l | ]

kS + 2 —+—+—|.
p=a p-—b p—c \a b c

Ciu 3. (2,5 diém)

Gia sir x;, x, 14 hai nghiém cua phuong trinh
2)x — (m—1 )2 =10.

Tim cac gia tri cia m sao cho bat ddng thirc
sau la bat dang thirc ding:

2
x = mim—

2 VfX} +x—Hm-2) -3 j—xx; =1
Cau 4. (3 diém).
O mién trong cta mét hinh vudng canh bang |
cO mot tir giac 161 dién tich 1ém hon —. Chimng

minh ring ton tai mdt doan thang cé hai dau
mut & trén canh cia tr gidc, song song vai canh

e X e 1
ctia hinh vuong va c6 do dai lon hon =

“

Cau 5. (1 diém)
Tim cip sb tur nhién (m. n) théa man hé thire
s
m +n =m+n+8.

Dit mua tap chi Toan hoc va Tudi tré dai
han tai cac co sé Buu dién quén, huyén, thi
xii, thanh phé va céc tinh,

https://tieulun.hopto.org
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THU SUC TRUOC Ki THI

LTS. Miw thi tuyén sinh da dén gdan. Nhiéu
rrrrmag trung hoc pho thong trén ca nudc da bat
ddu té chire edc ki kiém tr a cho cdc ban hoc
sinh lop 12 truce khi thi 16t nghiép va thi vao
cde truong Bai hoc, Cao dang, Tr:mg hoc
chuyén nghiép. bé gmp edie ban 6n tdp dige 16t
han, bm ﬁ'mr tir 6 nay ching toi xin gam thiéu
mdt m dé kiém tra mon todn, nhir vdy hi vong
cde dé do sé gitip cde ban tu thie siec minh trong
mat khf}ang thai gian nhm dinh. Phan huéng
ddn gidi s¢ ddng o cdc s6 bdo tiép theo.

PESO 1

Ciu 1. (2 diém)

Cho ham s6 y = 2" - 3x” — | ()

1) Khao sat sy bién thién va vé db thi cia
ham sé.

2) Goi dj 1a duong thang di qua M (0; ~1) va
co hé sf}ggéc k. Tim k dé dudng thing d, cat (C)
tai ba diém phan biét.

Ciu 2. (3 diém)

1) Trong mit phang vdi hé truc toa do
Descartes vuong goc x(y, cho tam giac ABC ¢c6

A(1: 0), hai duong thing tuong ng chira dudng
cao ké tir B, €' cua tam giac thir ty co phuong
trinh:

-2py+1=0vadx+y—1=0.

Viét phuong trinh dudng tron ngoai tiép tam
gidc ABC.

2) Tim toa d0 truc tdim H cua tam giac ABC
trong khong gian Oxyz vaoi A(3; 0; 0), B(0; 2; 0),
C(0:0; 1)

3) Cho hinh chép tam gidc déu SABC, canh
day la a, canh bén la b. Tinh khoang cach tir 4
dén mat phang (SBC).

Céu 3. (2 diém)
1) Giai phuong trinh

pVP s g s g

2) Giai phuong trinh

. 2cosdx
cotgy = tgx + — ;
sin2x
Céhu 4. (2 diém)
I
45
1) Tinh tich phan : I = _[——-2—-i+—sﬂ—d_x |
+3x+2

2) Mgt truomg THPT cé 18 hoc sinh gioi toan
dién, trong d6 co 7 hoc sinh khéi 12, 6 hoc sinh
khéi 11, 5 hoc sinh khéi 10. Hoi ¢6 bao nhiéu
cach chon 8 hoe sinh trong so 18 hoc sinh trén
di dy trai hé sao cho mdi khdi co it nhat 1 hoc
sinh dugce chon ?

* Chu 1. (1 diém)
Tim céc goc 4, B, C cua tam giac ABC sao cho
@= $in“A + sinB - sin’C dat gid trj nho nhat.
PHAN TUAN CONG _
(GV trudng THPT chuyén Nguyén Trdi,
Hai Duong)

GIAI BAI .. «(Tiép trang 27)

Tir (6), (7). (8), (9), (10), ta nhan thay khi x
tang (tic la Ry, tang) thi d6 sdng cua cdc den By,
D, tang, con dé sdng cua cac deii D, D5, D5
giam.

Nhin xét. 1) Cé thé gidi ciu b) bang cdch xic dinh
cic biéu thirc vé su phu thude cla cuding do dong dién
vilo dién trér cla bign trd qua mdi dén, réi nhin xét.

2) Ciic ban sau day cd 1o gidi 161

Vinh Phiic: Vi Quang Hoda, 12A2, Vii Ngoc Quang,
12A3, THPT chuyén Vinh Phiie, £ Duy Chiing, 11A1,

THPT Ngo Gia Tu. Lip Thach; Bac Ninh: Nguyén
Xudn Nam, Neuyén Trong Pam, 12 Li, Newyén Thanh
Link, 10 Li, THPT chuyén Bic Ninh; Khanh Hoa:
Lé Thé Huy, 11 Li, THPT Lé Quy Don; Binh Pinh:
Li Vién Trugmg, 11A1, THPT Phi Cér I; Thanh Hoi:
Nguyén Bd Dudn, 12B2, THPT Hoing Hod I
Piac Liae: Pham Thi Thu Huémg, 11 Li, THPT chuyén
Nguyén Du; Thdi Binh: Nguyén Binh, 11AlL, THPT
Nam Tién Hai; Nghe An: Lé Dinh Diing, 10A1, THPT
chuyén, Dai hoc Vinh, Lé Dinh Khiét, 10A3, THPT
chuyén Phan Boi Chéiu; Hung Yén : Pham Hai Ludn,
11 Li, THPT chuyén Hung Yeén.
NGUYEN VAN THLU TAN

J
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DUNG TINH CHAT TIEP TUYEN
BA DUONG CONIC BE GIAI TOAN

PHAN CUNG PUC
(GV khéi PTCTT, BHKHTN-DHQOG Ha Nii)
. SRR
;33 duomg cong Elip (£) : ﬂ_2+§~ =1, Hyperbol (H) :
x_z_:: =1 vi Parabol (P): " = 2px thuémg duge goi chung I ba

duong conic vi do la ba nghi¢m hinh thu dugc khi cit mat non
tron xoay (cone} baug mat mét ph.’:ing O bai nay, ching i st
dung céc khai niém, cdc ki hiu, cie phuong trinh (PT) dang chinh
tic... cua ching da duge xay dyng trong sach gido khoa (SGK).

Khi gidi mét bai toan 6 lién quan dén tiép
tuyén coa ba dudng conic, hoc sinh 1hum1g co
thoi quen su dung "Phuong phap blﬂl tich",
nghﬂ la xuat phét tir PT cua tiép tuyén, viét PT
cac duong cd lién quan, tim toa do coa mot
diém banv-r cach giai h¢ PT hai duong di qua
dlem do, tim quy tich coa diém chuyen dong
I:aang, cach tim PT cua dudng quy tich... Pay la
mot phuong phap co ban, de trinh bay nhung
thuong ndng vé tinh toan va rat dé bi nham lan.
Do do, chung t6i mubn trao doi thém mot
phuong phap khac, d6 la "Phuong phap hinh
hoc". (_hL.I]}:, ta s€ khai thac céc tinh chat hinh
hoc cia tiép tuyén dé o o1 gidl thuan tiy hinh
hoc, trinh bay gon gang hon va it tinh toan hon.
Vi the sé tiét kiém dugc thoi gian khi lam bai
va nhat la trong phong thi.

Co s¢ li luan caa piurﬁng phap ndy la dinh li
da duge trinh bay trong céc bo SGK cii, chang
han cudn Hinh hoc 12 (GS. Van Nhu Cucmé,
chi bién).

Dinh i, Cho a‘rem M tiry y thuge c?'uong conic
(C). Goi (1) 1d tiép tuvén qua M doi voi (C).
Khi dé

1) Néu (C) la (E) thi (1) la phan gide ngodi
cua géc FyMF, .

2) Néw (C) la (H) thi (1) la phdn gidc trong
cua géc FLMF,

3) Néu (C) la (P) thi (1) la phdn gidc trong
cua goe FiMFE; .

(H la hink .-:a'*ru.' vuong goc cia M lén dwong
chudn (d)).

Cac két qua sau nhéan dugc truc hep tir dinh li
trén. Co thé chung minh cac két qua nay bing
phuong phdp giai tich. Cac ban hay thir xem.

Két qua 1. (Néu (C) la (E) hodce (H)).

Goi E;, E; theo thir tie la cde diém doi xitng
cia Fy, Fy qua (1) thi E;, M, F> thode Es M,
F}) thang hang va F1E; = F2E; = 2a
(xem h.l va h.2),

K

|
e

b
Hinh [

‘\

/

”f/ v
Hinh 2

Tir do néu cho M chuyén déng trén (C) thi
quy tich cioa £} la duong tron tam F5 ban kinh
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2a (ki hiéu (F; 2a)) va cia £; 1a dudng tron
(F|; 2a). Ngodi ra, néu goi Hy, Hy theo thir tyr 14
hinh chiéu vudng goc cla Fy, F> 1én (1) thi quy
tich cia Hy va H; la dudng tron (O; a).

Két qua 2. (Néu (C) la (P)).

Goi H la diém
doi xung cua F
qua (1) thi H thuge i
dudng chudn (d).
Goi K la hinh
chiéu vudng goc
cuia F lén (1) thi K
thudge truc fung
th. 3). / i

Bay gitr chiing ta i
dua mdt vai thi du

: Hinh 3

minh hoa.

Thi du 1. Gia su M la diém thuéc (E):
A

X

?+?—=J va (1) la tiép tupén qua M d6i véi
(E). Puomg thang (d) qua O, vuéng goc vdi (1)
cdit ME;, MF5 lan lirgt & M, M5, Tim quy tich
ciia cae diém My va M; khi M thay ddi trén (E).

Léi gidi. (h.4). Vi khi M thay dbi trén (E),
(d) L (r) nén d/fF\E, din dén M, ia trung diém

% 5 | : ;
cua E\F; nén FalMy = ;FEEI =a . Véy quy tich
ctia M la duong tron (F3; a).

3 __,—-"""'r—-‘-_'lj}.l

4

Twong tu, quy tich cua A la dudng tron
(F1: a).

(Céc ban tu lam phin dao).

Thi du 2. Cho diém M tiy ¥ thudc (H):

2 2

;-—2—;—2=1 va (1) la tié'p nryé'n cia (H) qua M.

https:/sites.google. com/site/letrunglienmath

(t) cdt truc tung & N. Goi Ny, N la hinh chiéu
vudng goc cua N lén MF;, MF. Chitng. minh

duong rhang (N N2 di qua mot diém ¢é dinh
khi M thay doi trén (H).

Lai giai.
(h. 5).
Puong
thang qua F;
song song

voi MFycat 7
NN, tai E.

Tir dinh Ii

trén ta thay
AMN|N- céan

tai M suy ra
AEF N, can ]
tai Fj = IGE = FiN, ma ANNF, = ANNF,
= FiN, = FoN,, Vay FiE = 3N, dan dén tir
giac FiEFaN; la hinh binh hanh. Do do hai
du’cmg chéo ctia no cit nhau tai trung dlem cua
mdi duong. Viy NNy ludn qua diém O cb dinh
(dpem).

Thi du 3. Cho parabol (P} y' = 2px. Hay
dung diomg tran (Qy) vira !rep xiic voi tia Ox
tai tiéu diém F vira tiép xic vai (P).

Loi  giai. 'y
(h. 6) Gia su F ™
dwong  tron H K \

(O7) tiep xtic K 0,
Vi (P) tai M. :
Tiep é - -

Hinlt 5

tuyen 0 =
chung (f) cua / '
[P) va dl'l'f)']’lg {1
tron (() qua \
M cit truc '

d {inh ¢
hoanh ¢ N. b
Do (1 1la
phin gidc trong cua HMF nén NMF=FNM .
Mit khac MM = NF nén ANMF déu, suy ra
MFN = 60".

Vay 61cm M 1a giao diém cua (P) véi duorng
ihﬁng cb dinh di qua F, 1ap vdi tia FO mét goc
60° vai (P). Tir d6 tam Op xac dinh va suy ra
cach dyng dudng tron (Oy). Bai toan co hai
nghiém hinh doi xtmg nhau qua Ox.

Cac ban hay glal lai cac thi du trén bang
phuong phap giai tich dé ¢6 s so sanh giira hai
phuong phap.

7
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NHUNG CACH TIEP CAN
MOT BAI TOAN TU NHIEU
GOC BO KHAC NHAU

NGUYEN DANG PHAT
(He Noi}

Trong ki thi chon hoc sinh gidi Quoc aia
THPT mén Toan, Bang A nam hoc 2004-2005
¢6 mot bai toan hinh hoc phing (bai 2) ma dé
va dap an da duoc gidi thiéu trén tap chi THTT
s6 340, thang 10/2005. Bai viét nay gisi thiéu
voi ban doc nhig cich tiép cin va khai thac
bai toan d6 dudi nhitng goc do khac nhau. Bé
ban doc dé theo ddi, trude hét xin nhic lai noi
dung dé toan.

Bai 2. Trong mdt phéing cho duwong tron (0)
tam O ban kinh R va hai diém A, B ¢6 dinh trén
dwdng tron dd sao cho chiing khong thang hang
vai O. Xét mot diem C trén (O), C khong tring
voi A va B. Dung cdc dieong tron sau: (Oy) di
qua A va tiép xic véi BC tai C, vt (O2) di qua
B, 1iép xiie véi AC tai C. Hai dwomg tron (O;)
va (Oy) cdt lgi nhau & diém D khde C. Chitng
minh rang :

I)CD <R;

2) Duéng thang CD ludn di qua mot diém ¢6
dinh khi C di ddng trén (O) va C khéng tritng
voi A va B.

Loi gidi 1. D6 chinh 1a dap an cia bai todn
trén THTT s6 340. Pap an nay 1a mét phuong
an giai ctia bai toan, trong do sir dung den dinh
li sin, dinh Ii cdsin va cong thirc bién dbi lugng
giac (Hinh hoc 10).

Loi giai nay khéng doi héi vé thém hinh phy
ma van lap ludn chat ch& khi xét diy du hai
truémg hop vé goc ACB cb thé nhon hay tu,
tuy viéc doi hoi can thiét phai huy déng dén cac
dinh If sin va cosin khéng duge ty nhién cho
lam. Vi vdly, chiing ta ¢6 co s& dé tin chéc ring
¢d nhi€u cach nhin (tiép cin) bai toan tir nhirng
goc do khac nhau sao cho I giai dira ra duoge
tir nhién hon.

Léi gidi 2. 1) Theo gia thiét thi cac cép doan
thing O|C, 00y va O,C, 00, theo thir t
vuong goc voi BC va CA. T dé suy ra
00,C0O;, la mot hinh binh hanh, vi vdy trung

diém [ cia OC ciing la trung diém cua O;0,.
Mt khdc, 010, 1a dudng trung trye ciua CD,
cit CD tai trung diém J cia né. Tir do suy ra
LJHOD va tam giac OCD la vudng & D. Boi vy
taco CD < OC = R, dpem. Ngoai ra, dé thay
rang: CDmay = R <> D=0 <> OC 1 AB.

2) Vi B khéng déi ximg véi 4 qua O nén day
AB chia dudng tron (O) thanh hai cung: cung
léon AyB chira goc nhon y va cung nhe Ay B
chira goc th y' = 180° - y. Ta xét hai trudng
hop:

e NéuC e AyB thi ACB =y<90% khido O
va D ndm cung phia véi C déi véi AB. Goi C' 1
giao diém thir hai cia tia CD va (0), the thi D
thuge doan CC’ va tia DC’ nam trong goc (giira
hai tia) ADB. Géc CDA 1a goc nodi tidp cia
dutmg tron (Oy) chan cung bit cua cung ADC

nén CDA = IBGU—%SGADC‘. Boi viy goc ADC"

S e e S e
ké bt cia CDA ¢6 s6 do ADC' = EsdADC va
do d6 ADC'= ACB , trong d6 goc (giira hai tia)
ACB la goc ngi tiép cia dudng tron (O) ¢b
moét canh chira day cung CA cua (O)) va canh
kia 14 tia tiép tuyén CB tai C cua ().

(Chinh vi 1 d6 ma ta ciing xem va goi gée
(giita hai tig) ADC', ké bit cia CDA c6 mot
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canh chira diay DA va canh kia DC' ma tia dbi

clia né chira day DC cua () la gdc nii tiép
suy r(ing'chf’fn Cung ADC ciia duwong tron (O))
ngoai tiep ACDA). Vai cach quan niém do va
ldp ludn tuong ty, ta duge: C'DB=ACRB (hai

ghe noi u'cfp ctia ((J7) cing chén cung Cﬁ).
Tir d6 ADB=AOB va D thugc cung AOB
chita gée AOB=2y cua dudng tron (40B),
ddng thoi dudng thing DC” ciing tire la duwong
thang CD di qua mét diém c6 dinh la trung
diém P ciia cung bii cia cung AOB  thuse
dwong tron (AOB).

e Néu C C e Ay’ Ay'B thi ACB = == ]80“—*{ >90",;
khi do D I}“am khac phia vdi C déi voi (4B) va
do do, D van nam cung phia voi O doi voi (4B).
Trong trudng hop nay d6i v&i (O)) va (0O;) theo
thir ty ta ¢6: ADC'= ACB' va CDB=A'CB (ban
doc tw vé hinh), trong d6 CB’ I tia ddi cia tia
CB; CA' la tia doi cha tia CA. Mit khac
ACB'=ACB = 180° - ACB= v. T do ADC

=€DB :IEABB —%,?(Lﬂ? va cac két luan rut
ra trong trudng hop goc ACB nhon d xét &
trén van con nguyén hiéu lyc.

Sau day céc phuong an giai tiép theo (chi dé
cép 11 giai phan 2) cia bai toan.

Lai giai 3. RS rang 161 giai 2 trén déy chi doi
hoi von kign thire hinh hoec mon Todn bic
THCS, nhung nhét thiét lap luan phai chat chg,
xét ddy du hai truomg hop vé géc ACB. Tuy
nhién, néu st dung gdc dinh hudng gifta hai
dirong Ihc%ng [modn] va giita hai vecto
[mod 2x] thi 1o giai sé ngin gon hon; ngoai ra,
con dé dang chi ra duoc quy tich cia diém D.
That véy, ta co:

(DA, DC) = (4D, AC) + (CA,CD) =
=(CA, CD)+ (CD, CB} = (CA, CB) [mod =x].
Tuong tu
(DC, DB)=(CD, CB) + (BC, BD) =
= (CA4, CD) + (CD, CB) = (CA, CB) [mod =].
Tir do suy ra:
(bd, DBy = 2(D4, DC) = XDC, DB) =
2(CA, CB) = (04, OB) [mod 2m].

Ping thic (DA, DB) = (OA, OB) [mod 2n]
néi lén rang: (DA, DB) =(04,0B) [mod 2x].

Sau do, ta dé dang két luan duoc ring:

Néu {C} 12 (O)\ {4, B} thi

(D} 14 AOB \ {4, B} ({C} - ki hiéu tp hop
cac dtém &y,
Co the chirng minh dleu d6 bang cach chi ra
ring néu mot dudng thing (tia) bat ki di | qua i
cit (0) & hai diém Cy, C; va cit cung AOB &
diém D thi hai cip dudng tron (), (07) va
(0')). (O%) ing véi hai diém C,, C, déu nhan D
la giao diém thir hai, khac C' cua chung (xem
hinh vg). Ngoal ra, cling tir cac dang thire thu
dugc vé goc dinh hu'cmg, két ludn néu ra & 10i
giai 2 van con nguyén hiéu lye.

Lai giai 4. Vi C di dfng trén () nhung
C # {4, B} nén ta lai dac biét cha y dén 4 va B,
hai vi tri bi loai trir cia diém C. Quan sat khi
C — A4 (hodic C —» B) ta nhan ra rang dén khi
C = A thi (0)) trd thanh "dwong tron diém A,
(CA) tro thanh tiép tuyén (44) tai 4 cia (O) va
() tring (0), D = C = A4 va do d6 (CD) ciing
chinh la (44). Ciing vay, cho C — B dén khi
C = B thi D= C = B va khi do (CD) chinh la
tiép tuyén (BB) tai B cua (O). Diéu dé khién ta
dir dodn (CD) di qua P = (44) m (BB). Goi E
via F theo thir tr 1a giao diém thi hai cua
(PA] vai (O;] va cia (PB) voi (02} The thi:
AEC = ACB = CFB rdi dat BAC =0 va
CBA = P thi ECA = a va BCF = [ (do
PAB=ABP = y). Tir d6 E, C, F thang hang,
EFI/AB, do d6 AE = BF. Tir day suy ra diém P
¢o cung phuong tich véi (Oy) va (0,); bai viy
P phai thugc dudng thing CD.

Lai giai 5. Vi ba dutmg thing AP, BP va CD
déu xuat phat tir cac dinh ctia tam gidc 4BC nén
viéc chimg minh (CD) di qua P co thé hi vong
nhd vao diéu kién du cta dinh 1i Céva. Ban doc
c6 thé ty kiém nghidm diéu nay trén co s& dinh
li Céva dudi dang lugng gidc.

Cudi cimg, diem C di dong trén (O) kéo theo
tam O; ca () (i = 1, 2) ciing chuyén déng theo.

Trong khi {D} 1a mét cung tron AOB\ {4, B}
thi {O;} (i =1, 2) lai la dudng tron loai bo di
hai diém. D& nghl ban doc chi rd hai dutng tron
quy tich do cua Oy va 0.

9
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LG1 GIA! BAI THI TOAN QuOC TE LAN THU 46 NAM 2005

Ki thi Todn Quéc & ldn thit 46 dwoc 6 chite tai
Mérida thude Mexico nr 9.7 2005 téi ngay 19.7.2005.

O bai bio dudi day chiing 16i xin gidi thiéu dé va loi
giai ciia sdu bai todn trong ki thi dé.
NGAY THU NHAT

Bai 1. Trén cdc canh cua tam gide déu ABC
chon sdu diém: A ;. Astrén BC; By, B> trén CA;
Cy, C5 trén AB. Cdc diém nay la dinh cria moét
luc gidc 16i A}A-B;B>C,C5 ¢6 sdu canh bang
nhau. Chimg minh rdng cdc dwdng thang A,B,,
B,C,va CA, déng quy.

Loi gidi. Bai toin nay cé thé gidi bang
nhiéu cach khac nhau. Sau day 1a mot 1oi giai
don gian.

Dung tam gidc déu PA,A, bén trong tam gidc
ABC (xem hinh vé&). Do tam giic ABC la tam
gidc déu, nén ta c6 PA,//AC va PA,//AB. Tit dé
suy ra cac tif gidc PA,BB, va PA|C,C, 1a cic
hinh thoi. Tam gidc PC|B, c6 ba canh bing
canh cua luc gidc AA,B,B,C,C, nén la tam
gidc déu.

Dit a=CGA, B= MACs, Y= A BB, .

Dung két qua géc ngoai cia tam gidc bang
tong cdc géc trong khong ké véi né, ta cé
a + B = 240°. Mat khdc, PA,B,B, va PA,C,C,
la cic hinh thoi, PA,A, va PC,B, la cic tam
gidc déu,tacé: a+y=240". Suyrap =v.

Mot cich tuong t, ta ciing cé B,C,C, = .

Tir d6 c6 ba tam gidc can B,CC,, CaArA| va

10

VU PINH HOA
(GV trucng DHSP Ha Noi)

A3 By B bang nhau. Suy ra tam gidc B,C»A, la
tam gidc déu. Nhu vay, cic duong thing A,B,,
B;C, va C}A, 1a cdc dudng trung truc cdc canh
ctia tam gidc B,C»>A; nén chiing déng quy.

Bai 2. Cho ay, as, ... la mét day sé nguyén vei
vé han 36 hang dwong va vé han sé hang dm.
Biét ring véi méi s6 nguyén dwong n, cdc sé a,
a3, ..., 4, cho n 56 du khdc nhau trong phép
chia cho n. Chitng minh rang méi sé nguyén
xudt hién diing mét lan trong dédy s6 nay.

Loi gidi. Ta c6 cdc nhan xét sau:

Nhdn xét 1. V6ii<jthiaq; # a;, vinéu a; = a;
thi tap hop {ay, ay, ..., a;} chi cho khong qua
J—1 56 dur khdc nhau trong phép chia cho j.

Nhdn xét 2. Néui<j < n, thila;—aj< n-1
vi néu m= la;—a| > n—1 thi cdc s6 a,, ay, ...., a,
cho ta nhiéu nh&t la m—1 s6 du trong phép chm
cho m ma thor.

Nhan xét 3. Vi méin21, {a,, a;, ...,
tdp hop gom n s6 nguyén lién tiép.

Chitng minh : Véi n21, ki hiéu i(n) va j(n)
thit tur 1a chi s6 cia s6 16n nhdt va s6 nho nhat
cla day ay, a,, ...., a,. Theo nhan xét 1, n 56 a,,
@3, ...., a, nhan n gid tri dé61 mot khiac nhau tir
Qi 101 @,y v 1a lay,,— ayyl 2 n-1.

o) I

Do lay,, = @yl < n—1 theo nhan xét 2, nén c6
laj,y = @il = n-1va {ay, a,, ....,a, } 1a tap hop
$0 (@i iguytl, oo s Gjuy= @jny+ (n-1)}.

Tir nhan xét 1, moi s6 nguyén xudt hién nhiéu
nhit mat lidn trong day da cho. Xét s6 nguyén x
tuy y. Do ddy da cho c¢6 v6 han s dm, nén tén
tai @; < x, twong tr do day cé v6 han s6 duong,

- nén ton tai a;> x. Vi n 2max(i,j), diy a,, a,,

.., a4, chira x theo nhian xét 3.
Bai 3. Cho x, y va z la cdc 56 thie duong sao
cho xyz 2 1. Chiing minh rang

SR S ) LYt
X —x T Z
5.3t i) i : 1}’ 7} g 5 2 20.
s i o Yok ik gy
Lot giai,

Bit dang thitic (BDT) cdn chiing minh tuong
duong vdi :
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oy

X hoi ? Y, Z tra 1oi.

HOI - S0 NAY

PHAI HIEU THE NAO ?

1. (1.06). Trong SGK Toan 7 tip mdt sau
§4. Hai duomng thang song song, co bai tdp 29/92.

"Cho gée nhon xOy va mot diém O’ Hay vé
mdt gée nhon x'O'y' b O’ #Ox va Oy//0.."

Hoc sinh sé& phai hiéu thé nao khi dau bai cho

"LOXNOx va OOy, khi d6 O%', Ox, OY'

va Oy la nhitng tia ? N'éu 1a dudmg thang thi d6
la céc ki hidu sai con néu la tia thi hoc sinh chua
duge hoe khai ni¢m hai tia song song bao gid.

Tim hiéu van dé nay thi thiy trong SGK,
SBT, SGV Toéan 7 va nhiéu‘ tai liéu tham khao
khéac con cd nhieu bai tip kiéu nhu vay.

Vi du bai tap 26/91 SGK "vé& cap goc so le
trong xAB, yBA c6 s6 do déu bang 120°, Héi hai
duong thang Ax, By co song song vai nhau
khong? Vi sao? Cac bai 44/81, 48/83, 49/83,
13/99 SBT Toan 7 tdp mdt... va rat nhiéu bai
tdp va loi giai trong cac tai liéu tham khao khac
mic nhién diung cac ki hiéu coi nhu di hoc hai
tia song song.

Ngay tir 1op 6 hoc sinh dd duge hoe : "Nguoi
ta dung cac chir cai thwong a, b, ..., m, p, .. . dé
dit tén cho cac duong thang {Toan 6 Tap mot
trang 103). Khi hoc §3: Duong thing di qua hai
diém, cac em duge biét thém: "Vi duong thﬁng
duoc xac dinh bai hai diém nén ta con lay tén
hai diém d6 de dit tén cho dudng thﬁng‘, ching
han ta goi tén dudng thing di qua hai diém 4, B
la duong thﬁng AB hodc du’cmg thang BA". Ta
con dit tén bang hai chir cai thuong, vi du
dudng thang xy hodic yx. Thé .con hoc sinh dugc
hoc khai niém tia la: Hinh gom dlem O va mot
phan dtmrng thing bi chia ra béi diém O duge
2oi la mot tia goc O

Ra sodt lai cac klen thire hoc sinh da hoc,
chiing toi thay viée dat va goi tén dudng thing,
tia chua khi nao ki hi¢u Ax hay By la duong
thé:mg. Hoc sinh mdi chi duge hoe hai dudng
thang song song chir chua dugc hoc hai tia song
song ciing nhu chua dugc hoc hai doan thing
song song (!). Vi vily cac em phai hiéu Ax, By la
hai duong thang thi co nham lan trong cach dit
tén tia? Con néu hiéu do 1a hai tia thi ta chua co
khai niém hai tia song song. Con & bai tip
29/92, 16 rang xOy va x'O'' 1a hai goc thi Ox,
Oy, O%' O'' 1a céc tia chir khdng thé 12 cac
dudng thing.

Trén diy la mét s6 suy nghi, ban khoin cia
t6i xin phép dugc néu ra mong céac tac gia
viét SGK Toan 7, cac ban déng nghiép ciing
trao doi.

NGUYEN ANH THUAN
(GV THCS Trdn Vin On, Hong Bang,
Hai Phong)

x? 4-})24-23ri?x2+y2+z2er2+y2+z2

=3

X+y'+zt X +y+ X +yi 42

Sir dung BDT Bunhiacopxki cho cdc s6 duong
va diéu kién xyz =1, ta c6

« +y +z )(yz+} +27)2 (&
> (,\ +y +z } , nghia 1a

q
fz(‘lz)lfz+},2+22)2 %

2 z i
X“+y +z

2y +2
ey ret x Y iz
Tuong tur :

2 {ZX+12+22 b
27 24y gt

Z4ylez

X2 +y 4z

30 B Al g
XY 427 _yxty +x

<= .
Ty

v
Cong theo v&€ cdc BDT trén va dp dung keét
qua A}'+}‘Z+ZISX2+}‘2+22, taco:

A
X4y +z

§iaago oy JRE G op
e A G
+ 2 4 2 <

2 2 LR

ol e e T R

<2ﬂ_y§f~_"_

2

- <3 (dpcm).
Kty +z°

Pang thitc xay ra khi va chi khi
x=y=z=1.

(Ki sau ddng tiép)
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HERE N, ’

SAL
THEM

FOAN HOOC SOF CAP

Trong THTT s6 339 (9/2005) va 340
(1 UJZDUS), chl'mg toi da giéri thiéu vdi ban doc
khai niém goc dinh hudng cia hai vecto va goc
dinh hudng cua hai ducmg thang cling mot vai
hé thirc lién quan to1 s6 do cua ching, Trong
bai nay, chung tbi sé glm thiu Ung dung cla
goc dinh huong trong viée giai mot sb bai toan
hinh hoe. '\flf;c str dyng goc dinh hurcmg sé glup
1 giai ngan gon, trong khi ding géc khéng co
huéng phas phu thudc vao hinh vé&, phai xét
nhiéu vi tri twong ddi cua cac hinh.

Trong bai nay thay cho céch néi bén diém A,

B, C, D cung thuge mét duong tron, ta néi bén
diém A, B, C, D dong vién.

Bai toan 1. Cho tam gidc ABC. Ve phia ngoai
né ta dung cde tam gide déu ABE, ACF. Goi G
la tam tam gidc ABE va K la trung diém ciia
doan EF. Chamg minh rang tam gide KGC
vudng vé cé mét géc bang 60°,

E

A r

Hinh |

Léi gidgi. Khong mat tinh tong quat gia sir
(4B, AC) la goc du‘o’ng (h. 1) Lay diém P sao
cho X 14 trung diém cia GP thi tir glac EGFP la
hinh binh hanh nén GE = PF. Tir gia thiét G la
tam tam giac déu ABE, ta c6 G4 = GE. Viy

GA=PF )
Tir gia thiét tam giac ACF déu, ta co
CA=CF 2)

ING DING 60C BINE HUONG
ST ? a .
VAC VIEC GIAE MOT SO
BAl TOAN HINE HOC
NGUYEN MINH HA
(GV DHSP Ha Noi)
Miit khac (FP, FC) = (GE, FC) (mod 2r)
(vi FP va GE cung huéng) nén
(FP.FC) = (GE,GA)+(GA.CA)+

+(CA,CF)+(CF ,FC) (mod 2m)

— (FP, FC) E——;f (AG AC) _—+ 7 (mod 2m)
— (FP,FC)= (4G, AC) (mod 2m.

Suy ra PFC =GAC (3)

Tir (1), (2), (3) suy ra: ACGA = ACPF. Tir d,
d& dang thiy CG = CP va GCP = ACF = 60°,

suy ra AKGC vudng tai K va KGC =60°.

Bai toan 2. Cho tam gicic ABC vai A4' BB’
CC' la cdc duong phdn giac trong. Goi M la
diém bat ki khong thuge BC, CA, AB. Cdc diém
X Y, Z theo thir tie la diém doi xing cua M qua
AA', BB', CC'. Ching minh rang AX, BY, CZ
é’ong guy hodc déi mot song song.

L giai. Trude hét xin phat biéu khong ching
minh mot nhin xét.

Nhin xét. Cho ba diém A, B, C va duong
th}éng A. Goi A", B C"theo thir tu 14 cac diém
doi ximg ctia A, B, C qua A. Khi do:

(AB,AC) = (A'C', A'B") (mod 2=).

Trd lai viée giai bai toan 2 (h.2).

Goi Ay, By, €| 1a cac diém d6i ximg cia M
qua BC, CA, AB. Dé thay AB; = AM= AC, (1).

Mat khac, theo nhédn xét trén, ta ¢d

(AX, AB,)=(AX, AC)+(AC,AB,) (mod 2n)
= (AX,AB|)=(AB,AM) +(AM,AC) (mod 2m)
= (AX,AB|)=(AB, AC) (mod 2m).

Tuong tw nhwr vay, ta co

(AX,AC|)= (AC,AB) (mod 21)
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Téc gia cta nhan xét trén 14 nha toan hoe ndi
tieng ngudi Pirc K.Gauss. Céc ban cé thé xem
chirmg minh nhin xét nay ¢ 101 giai bai T7/308
THTT s6 312 (6.2003).

Trd lai viée giai bai toan 3 (h. 3).

‘;!"I -
Hinh 3
Hinh 2
a) Goi P la giao cua EF voi dudng tron ngoai

Tir do suy ra tiép tam gidc BCE (P # E ). Tacé

(AX, AB,)+ (AX, AC,) =0 (mod 2m) (PF, PB) = (PE, PB) (mod 1)
nén AX 1a phan gidc goc B, AC, 2) (PF, PB) = (CE, CB) (mod m)

Tir (1), (2) suy ra: AX la trung trye cia doan {1 FRISICE & B (o )
B\Cy. Tuong tu nhu vy, BY, CZ theo thir tr la (PF, PB) = (DA, DB) (mod m)
trung tryc cua Cy4y, 4 B). (PF, PB) = (DF, DB) (mod ).

Tir d6, ta c6 két ludn sau: Suy ra bén diém B, P, O, F dong vién.

Néu A4, By. C; khong thing hang thi AX, BY, Tir d6 suy ra

7 g o 41 B COBBIRR AR gy G BT ED VTR
Bai todn 3. Cho ur gide ABCD ma cdc cdp = EF EP + FE. FP = EF(EP-FP)= EF’

canh doi khéng song song néi tiép dudng tron SRR 1 : 7

(0). Goi E, F 14n luot 13 giao diém cia AC va ﬁ), T_hf";“""‘“ e t"*“:k;’ . M, N thang hang

BD, AD va BC. Goi I, M, N theo thit i 1& trung (eI ¥: / nam ngoai doan MN).

diém cua EF, AB, CD. Chitng minh rdng: Ta thiy hai tam gidc JEM va INE c6 goc MIE
a) Penoy+ Prioy = EF chung nén &
b) AIEM o AINE. - AIEM e AINE <5 IE” = IM.IN

Léi gigi. Trude hét xin phdt bidu khéng < JE>=IM.IN
chimg minh mdt nhan xét quen thude. { : :

Nhin xét. Cho t& gidc ABCD ma cic clip ¢ —FE? =—(FA+ EB).=(FD+ EC)
canh ddi khong song song, Goi E, F, K lin luot . e R W
la giao diém cia AC va BD, AD va RC, ABva < EF® = FAFD+FARC+EBFD+EBEC

CD.Khids & EF* = FAFD+(FE+EA) EC+ EBFD+EBEC
a) Trung diém cha cic doan AC, BD, KF EAT M S
thing hang. @Ef‘zzyF{(O)+g’E;{O)+ FE.EC+ EB.FD
b) Tr}lng diém cia cic doan AB, DC, EF +EB.EC
thang hang. TN o L e
¢) Trung diém cia cc doan AD CB, KE © 0= FBEC + EB.FD
thang hang.

13
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& 0=FB.EC.cos(FB, EC) +
+ EB.FD.cos(EB, FD) N
Chi y ring néu 4 nim giita F vd D, B nim
gitta Fva Cthitacd:
(FB,EC) = (BC, EC) (mod 2n)

= (FB, EC)= (BC, AC) (mod 27)
= (FB, EC)= (BD, AD) (mod 2x)
= (FB, EC)= (BE, FD) (mod 2n)

= (FB, EC)=n+ (EB,FD) (mod 2m) (2)
Tuong tw néu D ndm giira F va 4, C nim giita
Fva B ta ciing c6 (2).
Suy ra
cos(FB, EC) = —cos(EB, FD) (3)

Mit khédc, AFAB o AFCD; AEAB o AEDC

. FB_AB EB

nen E—“CTL-]-:E = FB.EC = EB.FD (4)

Tir (3), (4) suy ra (1) dang. Tir d6 suy ra dpcm.

Bai toan 4. Cho tam gidc ABC. Goi M la
diém bat ki va H, K, L theo thit tw I hinh chiéu
cua M trén cdc dieong thang BC, CA, AB. Tim tdp
hop nhitng diém M sao cho H, K, L thing hang.

Léi giai. DE thay, khi M tring vai cac diém
4, B, C thi thoa man diéu kién dé bai.

A
1

Va4
[ \‘

Hinl 4

Khi M khic 4, B, C (h. 4) ta thy:
H, K, L thing hang
< (HK, HL)= 0 (mod 1)
< (HK, HM) + (HM, HL) = 0 (mod m) (1)
Chd ¥ ring, céc by bon diém K, M, H, Cva L,
M, H, B ddng vién.

14

(HM, HL) =(BM,BL) (modn) (2)

Tir (1), (2)tacéd : H, K, L thang hang
< (CK, CM) +(BM, BL) = 0 (mod )
<> (CA, CM) HBM, BA) = 0 (mod m)
< (CA, CM) = (B4, BM) (mod m)
< M, A, B, C dong vién.

Véy M thugc dudng tron ngoai tiép tam giac
ABC (khong ké cac diém 4, B, C).

Tom lai: H K, L thang hang < M thuge
dudng tron ngoai tiép tam gide ABC (khong ké
cac diém 4, B, C).

Duong thang chita ba diém H, K, L noi trén
dugc goi la dudng thang Simson cua tam giac
ABC {ing v&i diém M.

Bai toan 5. Cho tam gidc ABC ni tiép dweng
tron (0). MN la mgt dwuong kinh cua (0).
Chimg minh rang: Cdc dwong thang Simson
cua tam gidc ABC ung véi hai diém M, N thi
vuong goc vai nhau.

Léi giai. (h. 5) Goi X, ¥ la cac hinh chiéu cna
M trén AB, BC theo thir tw va Z T la cac hinh
chiéu ciia N trén AB, BC theo thi tu. Ta cén
chirng minh X¥ 1 ZT.

Taco: {(HK' HM ) =(CK,CM) (modm)

Hinh 5

Thét vdy, ta thdy, cic bo bdn diém M, B, X, ¥
va N, B, Z T dong vién.

Ta c6: (X7, ZT)

= (XY, MY) + (MY, NT) + (NT, ZT) ( modn)
= (XY, ZT) = (XB, MB) + 0 + (NB, ZB) (modn)
= (XY, ZT) = (NB, MB) ( modn) (vi XB, ZB
triing nhau)
— (XY, Z7) = %(modn) (vi MN 1a duémng kinh
cua ().

Suy ra Xt | ZT (dpcm).

(Ki sau dang tiép)
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Cuise thi vuc TOLITI 2006

Cugc thi do ba tap chi Todn hoc va Tudi tré, Vat li i va Tuoi tré, Tin hoc va
Nha trieong dong t6 chire. Dé thi sé dang trén cde s6 ra ede thang 1, 4, 7, 10
néim 2006. Thoi han nhdn bai giai la 2 thang sau khi dang dé (theo ddu buu

dién). Bai giai chi giri vé mot trong ba tap chi. Moi bai déu ghi ho tén, tudi,
dia chi. Ngodi phong bi @ ré BAI DU THI CUQC THI TOLITI 2006. Sau

ddy la dé cua dot 1.

Bai TOLITI-1. Soi gwong

Khi soi guong, anh ciia ban trong guong co
trai tim & bén phai (néu tim ciia ban & bén trai),
tire 12 khi soi
guong bén phai
va bén trai dao
nguge cho
nhau. Hoéi dicu
dd cod con ding
khéng khi ban
soi vao guong
nhur hinh v&?

Bai TOLITI-2. Can cic hinh

Bao nhiéu hinh tam gidc sé thing bﬁng vai
mét hinh tron trong hinh thir tw dua vao gia
thiét 12 3 hinh dau tién ?

v
TR

Bai TOLITI-3. Phép nhan ki la

Ban hay quan sat cach nhan ki la duéi day vai
hai s 1a 18 va 37. Két qua thu dugc [ hoan
toan dang. Ban hdy mé ta va ching minh tinh
ding dan cua cach nhan nay.

(mjm] 757
L?LL ®
PROBLEMS ... (Tiép trang 17)

the circumcenter and the centroid of triangle
ABC. Calculate the measure of the angle formed
by the lines AG and OG.

T12/343. Let ABCD be a tetrahedron such
that its altitudes are concurrent. Let R and r
be respectively the circumradius and the inradius
of the tetrahedron ABCD. Let Ry, Rg, R¢, Rpbe
respectively the circumradii of the tetrahedra
OBCD, OACD, OABD, OABC where O is
the circumcenter of the tetrahedron ABCD.
Prove that:

a) L_FL L_FL i .
RSB RS R AR
R R
VBRI +4RE 3R +4RE (3R +4RE
L R 3 L

J3R? +4R%

15
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CAC LOP THCS

Bai T1/343 (Lép 6). Tim x va y, biét ring
[x-2005| + [x~2006] + [y—2007] + [x~2008| = 3.

NGUYEN pUC TAN
(GV TP. H6 Chi Minh)

Bai T2/343 (Lap 7). Cho tam gidc ABC véi
BAC = 55", ABC = 115°. Trén tia phin giac
clia gbe ACB lay diém M sao cho MAC = 25°.
Tinh s6 do goc BMC.

VINH LINH
(GV Hai Diurarng)

Bai T3/343. Tim céc s6 tu nhién x, y, = thoa
min cac dleu k1en sau :

l)x +y = 2- :

i)x+y+zla sé nguyén to.

PHAM HOANG HA
(GV THPT chuyén Ngoai ngit, PHNN Ha Ngi)

Bai T4/343. Giai phuong trinh

Yx+86 - Yx-5=1.
HOANG TRONG LAM

(GV THCS TT Phii Bai, Hwong Thity, Thira Thién Hué)
Bai T5/343. Tim gia trj nho nhat cua biéu thic

a b*

= +
-1 (a-1
trong d6 a, b 13 cac s6 16n hon 1 va théa man
diéu kiégna + b < 4.

CAO XUAN NAM
(GV THPT chuyén Ha Giang)
Bai T6/343. Cho tam gidc ABC vé&i BC = a,
AB = AC = b (a > b). Dudng phin glac BD co
d6 dai bing canh bén. Chimg minh riing

22

PHAM HUY THONG
(GV Hé Néi)

Bai T7/343. Cho tam gidc ABC vdi céac
dudmg phéan gidc trong 44,, BB, CC,. Biét
rang A B,C, = 90°. Tinh sb do goc ABC.

NGUYEN VIET HA
{5V K276 Todn, BHSP Ha Néi 2}
CAC L ('}'P THPT

Bai T8/343. Vi mm so duong x, ki hiéu a(x)
la sO cac sé nguyén to khong lén hon x. Vi
mdi sb nguyen duofng m, ki higu b(m) la 56 cac

uoe nguyen to cua m. Chl.mg minh rang véi moi
s6 nguyén duong » ludn co

a(n)+a(;]+ +a( ) B(1)+b(2)+.. +b(n).
"
PHAN THANH NAM
(SV khoa Todn — Tin 2003, PHKHTN TPHCM)
Bai T9/343. Giai phuo*ng trinh :

V2 2% - (-4 5—T—3x+28=0,

TRAN DIEU MINH
(GV THPT chuyén Ly Tu Trong, Cdn Tho)

Bai T10/343. Khong ding may tinh, tim gia
tri ding cua goc nhon x thoa méan
1

J+(6+2-3-2)?
LE THUA THANH

(GV THPT BC Nguyén Hién, Da Néing)
Bai T11/343. Cho tam gidc ABC théa mén
a” = 45cotgA trong d6 BC = a va S 1a dién tich
tam gidc ABC. Goi O va G theo thir tu la tim
dudng tron ngo.';u tlep va trong tim tam gidc
ABC. Tinh goc gitra hai duong thang AG va 0G.

LUU XUAN TINH

(GV PTCTT DHSP Ha Néi)
Bai T12/343. Gia sir ABCD 1a mét tir dién truc
tam (céc dutng cao dong quy). Goi (O, R) la mit
cau ngoai tiep tr dién ABCD; r 14 ban kinh mat
cau ndi tlep fir dlen do; R4 Rp. R, Rp theo thir ty
la ban kinh mét cau ngoai tiép cac tir dién OBCD,

OACD, OABD, OABC. Chimg minh ring

1 | 1 ] 16
a) e —2—+—2—2—2;
R’ R ThR

COSx =

+—+
2 2
Ry Rp

R, i Rp : Re
J3R? +4R? \/3R3+4R§ R +4R2
Ry .f R

JiR2+4R2 3 &

NGUYEN HONG QUAN
(GV THPT Hong Ngu 2, Déng Thdp)

b)

+
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CAC PE VAT LI

Bai L15343 M6t chat diém chuyén dong
nhanh dan trén mot dudng tron ban kinh R (trén
mét phang nam ngang} sao cho tai mm diém gia
tc’jc tiép tuyén va gia toc phap tuyen ’nang nhau
vé dd 16n. Vin tée ban diu cua chat diém la Vo.
Sau mdt khoang thoi gian ¢ quing dudmng chat
diem di duoc 1a §.

a) Tim biéu thirc vin toc va gia tdc tic thoi
theo S,

b) Tim biéu thirc van toc va gia toc tic thoi
theo f;

¢) Tim biéu thirc S theo ¢.

LE HA KIET
(51 HOSLTN3, Bign — Dién ne, DHBK, TP HCM)

Bai L.2/343. Cho hai 106 xo L; va Ly. Khi kéo

bang mét luc = 0,6N thi L; gidn ra mdt doan

2cm, c¢on Ly gidn ra mot doan
dem. Méc hai 10 xo L va L,
vao hé nhu hinh bén. Vat co
khm lugng m = 40g (bo qua
khéi qung caa lo xo, rong
roc va ddy treo). Lic dau giir
cho hai 10 xo khéng bi bién
dang. Tha tay cho vit dao
dong khong van toc dau. Bo
qua mgi ma sat.

1) Ching to vat dao dong
diéu hoa ;

2) Tim glum'ng trinh dao dong cua vt m, cho
g=10m/s".

NGUYEN QUANG HAU
(Hér Noi)

PROBLEMS IN THIS ISSUE

FOR LOWER SECONDARY SCHOOLS

T1/343. (for 6™ grade)
Find the numbers x and y satisfying the
condition:

[x~2005| + |x—2006| + [y—2007] + [x-2008| =
T2/343. (for 7" grade)
Let ABC be a triangle with BAC = 55°

ABC = 115°. On the bisector of angle ACB,

take the point M so that MAC = 25°. Calculate
the measure of angle BMC.

T3/343. Find the natural numbers x, y, z
satisfying the following conditions:

iy’ +y =22,
i) x + y + z is a prime number,
T4/343. Solve the equation
Yx+86-Yx-5=1,
T5/343. Find the least value of the expression
at p?
G- (a1

where a, b are numbers greater than I,
satisfying the condition a + b < 4,

T6/343. Let ABC be an triangle with BC= q,
AB = AC = b (a > b). Suppose that the measure
of the angled bisector BD is equal to b.

Prove that []+ j[ﬂ—éJﬂ,
bI\b a

T7/343. Let ABC .be a triangle with
angled bisectors 44, BBy, CC). Suppose that
Aﬁ, = 90° Calculate the measure of
angle ABC.

FOR UPPER SCONDARY SCHOOLS

T8/343. For every positive number x, let a(x)
denote the number of prime numbers not
exceeding x and for every positive integer m, let
b(m) denote the number of prime divisors of m.
Prove that for every positive integer n, we have

a(n)+a[-§) +-...+a[£)= B(1)+b(2)+..4+b(n).
H
T9/343. Solve the equation

%"x_z—ﬂf__ —(x—4)Wx-7-3x+28=0.

T10/343. Not using calculators, find the exact
measure of acute angle x satisfying
1

R
T11/343. Let ABC be a triangle satisfying the
condition a” = 4ScotgA, where BC = g and § is
the area of AABC. Let O and G be respectively

(Xem tiép trang 15)

COSx =

17
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Giai bai

Bai T1/339 (Lap 6). S5 5°

‘o

viél trong hé thap
phdan co bao nhiéu chii 56
Loi giai, (Cha cdc ban truong THCS Hai Ba
Trung, TX Phiic Yén, Vinh Phic).
Nhdn xét. S6 a ¢6 n chit s6 khi va chi khi
1 e pelD’,
Cach 1. Ta thdy
5% = 535 515 2 535 (575 = 633 1959 ()
[P e st mhie s8agr -
Tir (1), (2) suy ra 52 i
Mat khdc
550 _ 534 516 _ 534(54)4 — 5% g5t 3)
10M = 5% 2% = 5 (293 27 = 5% 512% 128 @)
Tir (3), (4) suy ra 1M 59
Viy ta co
10% < 5% < 10 nen 5% ¢6 35 chi s6.
Cdch 2. Gia sit 5 ¢6 m chir s6 va 2%
chit sé.
Tacs 107 L <57 < 10" a 10" ' < 2% < 10
Tirdo 1P 10 e 5™ 2 e 1 1
hay 10" 2 < 10% < 10™*"

néenm+n-2<50<m+n
hay 50 <m +n < 52.
Do dém+n=>51 (5)

Mat khac, tir 2% = (2'9)° = 1024% va

0" = (10%° = 1000° suy ra 10" < 2%,

Tir 2% = (2%5.4 = 2565.4 va 300° =(32)* .10"2
<10%10" = 10" suy ra 2% < 10"°.4 < 10'€,

Vay 10"° < 2 < 10° nén 2% ¢6 16 chit s6 (6).

Tir (5), (6) suy ram = 51 — 16 = 35, nghia la

5% ¢6 35 chit s6.

cO n

Nhian xét. 1) Mot 56 ban tinh todn dén s6 qud ldn (s6

c6 6 chir $6) hoac tinh iy thita cla s6 thip phin nén
phtic tap hon hai cich giai néu trén.

18

2) Cic ban sau ¢6 lo1 giai ding v gon, trong d6 co cic
ban gidl bing hai cich :

Vinh Phiic: Hodng Bao Chdu, Nguyén Duy Hiumg,
Tran Thi Mai Ly, Phing Thi Thiiy Nga, Pdo Xudn
Diemg, D4 Huy Hai, 6A1, THCS Hai Ba Trung, TX Phiic
Yén, Nguyén Ngoc Tho, Nguyén Héng Chuyén, D
Céng Hudn, Nguyén Thi Hudn, Nguyén Xudn Thanh,
6A1, THCS Yén Lac ; Ha Noi: Nguvén Hoang Giang,
6E, THCS Ly Quy Dén, Ciu Gidy; Quang Ninh:
Dé Thdi Ching, 6A1, THCS Nguyén Trii, Usng Bi;
Thanh Héa: Cao Thanh Ting, 6A, THCS Nhit Bi 57,
Hodng Héa; Hai Duwong: Nguvén Pic Nguyén, 6A,
THCS Pham Su Manh, Kinh Mon; Quang Ngai: Cao
Thi Nhdt Linh, 6D, THCS Hanh Phudc, Liong Son Hdi,
6A, THCS Hanh Trung, Nghia Hanh; Binh BDinh:
Truong Thi Hong Nguyén, 6A2, Nguyén Thi Hdi Hudng,
6A3, THCS Nga May, Phin Cit.

VIET HAI

Bai T2/339 (Lop 7). Tim gic iri nho nhdt ctia cédc

IR " ab : -
phan sé cd dang — trong dé a, b, ¢, d la
ac+bd

cdc 56 nguyén dwong thoa man diéu kién

a+b=c+d=2006
Loloisl DR e o L i R i
actbd M ab b a
Nhdn xét: M dat gid tri nho nhdt khi ﬁ dat

gid tri 1dn nhat (vi M > 0).
Ta co a+b=c+d =2006 nén 1 < a, b, ¢, d < 2005.

. : ; d iy

Dé ¥ rang trong hai phan s& % va — bao gi¢r
a

cling c6 mot phan sé khong vuot qua 1 (vi néu

c d a "y L] 3
E}l vi —> 1l thic+d>a+b). Giastr, ching
a

han S,
b

o Néu d < 2004 thi 4 <2004 (via =z 1). Khi
a

L _ELC vl anns )
M b a

e Néud=2005thic=1.Khidé

1 1 2005

do

E b a

Vitas 1incs ﬁgnzm‘:’

<1005. (@)

Véia =1 thi b= 2005, tacé
1.1, 2068 2005841
M 2005 1 2005

4020026
2005

(3)
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Tir (1) (2) (3) va nhan xét trén ta thdy gid tri

2005

nho nhit cia M la va dat duoc khi

1 b =d=2005 hoic g =

¢ c = 2003,
d=
Nhén XéL. l) Ngoii lén giai trén dily, mdi 0 ban con dat
a=1+mb=2005-m(me N, 6 0<m<2004),
c=1+nd=2005-ni{ne M,0<n<2004).
Rai chi ra ring ab = 2005 + m(2004 — m) = 2004,
ac + bd = 1 + 2005% - m(2004 — n) = n(2004 —m) <
I +2005°.

a
‘b=

ab . 2005

FE T , din dén két

Tir d6 suy ra M =

ludn nhu trén.

2) Ban Nguyén Hodng Hai, 9A3, THCS Lam Thao,
Phii Tho, cin dua ra vi chimg minh duge bii todn 10ng
quat:

"Cho cdc 8 nguyén duong a, b, ¢, d thoa man diéu
kigna+b=c+d=m+ | (mnguyén duong).

Khi da

i — 6 gid iri nho nhil bing —— . dal

ac+ me+1
duockhia=c=1l,b=d=mholca=c=mb=d=1".

3) Ciéc ban sau day od 1o giai tdt:

Vinh Phic: Dweong Hong Qudn, TA, THCS Lap
Thach, huyén Lap Thach; Trdn Thi Mai Ly, 6Al, Dé
Huy Hai, 6A2, THCS Hai Ba Trung, TX Phic Yén;
Thanh Héa: Neuyén Thi Thu Ha, 6B, Trinh Quang
Diing, 7TA, THCS Lé Htu Lap, Hau Loc; Nghé An: Lé
Thi Thdo, Bdng Thi Lan Hiong, Nguyén Héng Lam, TC,
THCS Hé6 Xuin Huong, Quynh Liwu; Nam Binh:
Nguyén Ddang Khang, TA9, THCS Phing Chi Kién, TP
Nam Binh ; Khanh Hoa: Trdn Thi Anh Nguyén, 'F?,
THCS Nguyén Van Tréi, Cam Nghia, Cam Ranh.

NGUYEN XUAN BINH

Bai T3/339. Phireng trinh
£ 2006 2008 _ By gR0es
co nghiém nguvén duong khong ?
Loi giai. Gia su x, y 1a hai s6 nguyén duong
thoa man phuong trinh
Ilf![]5+ 2UM15 ZOO?E{HH (1)

Vai trd cha x, y trong phuong trinh nhu nhau,
nén khong mat tinh tdng quat, ta c6 thé gia thiét
1 <x<y<2007.

Tir bat ding thifc trén, vi y 1a s6 nguyén nén
y+1 < 2007.

Dodd 20072 >(y+1)**" =

¥ 120052 +..+2005y+1.

Dé y rang, 1at ca cdc s6 hang trong khai trién
& vé& phai déu duong nén ta dugc bat dang thic:

20072005 }yznnﬁ +2005 yzmat
2054 05 o205 2005 50y 5, 2004
— 2005 5005y 2%4

Lai c6 y2x2l nén x
2005:°" = x>2005,

Ta duoe 2005<x<y<2007.

Do «x, v la hai s6 nguyén nén tir bat dang thiic
trén suy ra x = y = 2006.

Nhung khi d6, vé€ trdi cua (1) la mot s6 chan
con 'v€ phéi la mot s6 1é, mau thuén,

Viy khong cé hai s6 nguyén duong x, y nao
thoa mén phuong trinh trong dé bai.

2005 2004
> 2005y -3

Nhan xét. 1) Co rit nhiéu ban tham gia giai bai toin
nay vi hiu hét 1am theo cdch trén. Trong béi di sir dung
khai tri€n nhj thic:

n!
klln—k)
2) Néu khong sir dung khai trién trén, ta cd thé ching

minh bit ding thic quen thude sau bing phuong phédp
quy nap (cdc ban hay tr chiing minh):

Néu a > 0 vir n 1a mét 56 nguyén duong lon hon 1 thi

(@+b) = a"+na"'b+..+ P T ST L

(@a+1y" > a" +na"!

3) Bai todn trén la mot trudng hop dac biét caa dinh i
Iém Fermat khing dinh ring phuong trinh x" +y" = 2"
trong dé x, v, z la cdc 56 nguyén cling khic 0 va n 1a 56 wr
nhién ldn hon 2, khong ¢6 nghiém nguyén.

Pén nam 1993, dinh li niy dd duoc Andrew Wiles
(nguiri Anh) chitng minh. Binh Ii di nhu mét su thich
thac ddi vai cdc nhi todn hoc trong sudt thin gian hon
350 ndm .

Ciéc ban sau day cd 1& gidi w6t

Yinh Phic: Ha Ngoc Thity, Lé Anh Diing, BA, THCS
Thai Hoa, Lap Thach; Nguyén Thi Giang A, TAl, THCS
Yeén Lac, Yén Lac; Kim Dinh Som, 8D, THCS Lién Bio,
TX Vinh Yén; Ha Noi: Lé Quang Huy, TH1, THCS
Trrng Vuong, Q Hoan Ki€m ; Nguyven Thi Quynh Trang,
7C. THCS Mai Lam, Dong Anh; Dé Duic Kién, Pham
Duy Long, 8H, THCS L& Quy Dan, Ciu Gidy; Thanh
Héa: Nguyén Trong Cuing, 8B, THCS Nguyén Chich,
Dong Son;, Nguyen Thi Linh, Lé Thi Thicong, Hodng Thi
Quinh, 8D, Cao Thanh Ting, 6A, THCS Nhitr Ba 5§,
Hodng Héa; Trinh Thi Hué, 8A, THCS Dinh Binh, Yén
Binh; Lé Pite Hiing, 8B, THCS Trin Phi, Nong Cing ;
Ha Tay: Neuvén Ddc Hiung, 7A, THCS Son Tiy,
TX Son Tay ; Hai Phong: Nguyén Quang Hiéu, 8C8
THCS Chu Viin An, Ngo Quyén; Nguyén Quy Duy, BAL,
THCS Héng Bang ; Phi The: Nguyén Trugng Giang,
7A2, THCS Gidy Phong Chau, Phit Ninh ; Nghé An:
Hodng Trung Pire, Tang Van Binh, Nguyén Thi Té Uyén,
Vé Vin Cong, Duemg Hoang Hung, Hoang Thi Lé
Quyén, Nguyén Thi Kim Chi, Lé Tudn ST, 8B, Truong Thi
Hién Luong, Thidi Tﬁ_f Mai Anh, 8C, Pham Thé Hodng,
Dinh Viét Tri, Vii Dinh Long, TA, THCS Ly Nhat Quang,
b Luong; Vil Dike Hodn, Phan Huy Cao, 8C, Ddu Thé'
Vii, 7B, THCS Cao Xuan Huy, Dién Chau; Hé Hin
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Quan, Nguyén 5§ Hodng, 8C, THCS Hé Xuan Huong,
Quynh Luu ; Ha Tay: Kiéu Thanh Khiém, 8A, THCS
Tam Hung, Thanh Oai ; Quang Tri: Tricong Xudn Nhd,
8A, THCS Nguyén Hue, Dong Ha; Lé Tdm Thu, TA,
THCS Tri¢u Trach, Triéu Phong ; Nam Binh: Pham Thi
Diép, 6A, THCS Yén Tho, Y Yén; Luu Thu Hanh, 8A4,
THCS Trdn Bang Ninh, TP Nam Binh...
NGUYEN ANH DUNG

Bai T4/339. Giai plwong trinh

——3
2427 +24x+ 28 o

\ 3
Loi gidi. Vit lai phuong trinh di cho dudi dang:

|’ 2 f
24(9{‘—;4)4_4:1_'_ M

Diéu kién: x = —— {*} Dit9x+4=y20.
Khi dé (1) tro thanh

\/: =1+ 1’ Y o 4«,f
=1+ —=
Theo bt dang thiic Cauchy: J—<

2 2
Do dé: 4,ﬁ%+4 <2y+d o 4[%+4] <
g

\J||£1+L(J.

6»'

|
N
(]

Nhan xét. 1) Chi cé mot ban 1am sai, con lai déu tim
ra ding két qua. Cich giai ciia cfic ban 13 kha ph-:mg phi
nhyv ding BET Cauchy Bunhiacopxki, dat dn phu, khir
cin thic dé dua vé phuong trinh da thic bac cao cé
nghiém dac biét,... Tuy nhién phuong phdp gidi b sir
dung BDT Camhy hay Bunhiacopxki cho loi giai gon
gang hon.

2) Céc ban c6 1&i gidi t6t 1a: Hai Duwong: Nguyvén Huy
Heang, 8B, THCS Phd Thai, Kim Thinh, Hai Duong;
Phi Tho: Triéu Tudn Link, 8B, THCS Vin Lang, Viét
Tri, Vinh Phic: Vii Thi Tuyét, TA, Nguyvén Thi Trinh,
8C, THCS Tu Lap, Mé Linh; Ha Tay: Nguyén Hitu
Ngoc Linh, 8A2, THCS Vong Xuyén, Phic Tho; Thai
Binh: Nguyén Quéc Trwomg, 8A, THCS Nam Hung,
Tién Héi, Neuyén Minh Biic, 9C, THCS Trutng Son,
Nong Cong, Mai Trung Nghia, 9B, THCS Lé leu Lap,
Hau Ldc; Nghé An: Lé Thi Ngoc Mai, SN 152D,
Nguyén Vin Troi, Bén Thuy, TP Vinh.

TRAN HUU NAM

20

Bai T5/339. Cho cic s6 thue diong x;, x4, x3,
Xy, X5 théa man diéu kién
s 2 s 2
Xy Hxy iy + XA
Tim gid tri nho nhdt ciia biéu thire

P= s + J -+ J +
{+ x,x, 1+ XX 5 I+ XX,
1 !
T
5 f'+.1'5.

x%=2005.

+

f+.rJ.r s

f
Loi giai. Ap dung BDT Cauchy cho hai s6
. 14+xpx

1+x;.x 402°

1 = 1+x; x5 - 1+x)x, =L.
l+xx, 4022 (1+x,x,).402% 201

Ding thirc xay ra khi va chi khi x,x, = 401.
Tuong tu, ta cd

ta co

duong

1 1+ x4.05 i 15
I+x,x; 4022  201°
1 2 1+ x40y EL;
14+x37, 4022 201
1 2 1+x,405 2__1_-;
1+x,X5 402° 201
1 1+x5x, :_;L.
1+x5x, 4022 201
Suy ra
S4x x4+ +X3.04 + X X5+
I 0 X x32r4+t4 X5 +XgX; 2—-?——(1)
402 201

Ping thifc xay ra khi va chi khi x,x, = Xyx3 =
XaXg = XgXs = X:.xl = 401
2 g

" a i
Ap dung BDT ab< ,taco

3 3 =
T R S e S
L8 SOty da i X

2 2 2 2 2
= XP+x3 X3+ X2 €22 =2005 (2)
Tie (1) va (2) suy ra
F+5+2005 . <:>P2—5—.
402> 201 402

Dang thitc xy ra khi vi chi khi x, = x,
V401 .

Xy =Xg5=
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Viy gid tri nho nhét cia P bang —— khi va
402

chi khi x; = X, = x3 = x4 = x5 = V401

Nhan xét. 1) C6 rat nhiéu ban tham gia gidi bai niy va
déu lam ding. Tuy nhién da s8 thuomg ding cic BDT
phic tap hon nhu: BET Schwarz, BDT Cauchy cho 5 s6
duong, BDT Bunhiacopxki cho hai bé 5 sé...

2) Mot s ban da néu bai todn téng quit hon:

"Cho cic sd thie duong Xy, X3, ..., X, thoa min diu
kien x>+ x5 +..+x2=k (k>0,n>1). Tim gid trj nho
nhat ciia biéu thic
P 55 a o o a

+,..+ +
b+x, %, Btax

b+ nar; b + XXy

viia>=0,b>0"

Két qua min P = 20 hi X|=Xp=..=X,= —\"rri ;

bn+k n

3} Ciic ban sau diy c6 161 giai 6t

Nghé An: Neuvén Thi Vian Trang, 8A, Tdng Thi Binh,
Duong Hoang Hing, 8B, Nguyén Thi Héng, Vi Thanh
Thity, 9A, Nguyén Dirc Céng, 9D, THCS Ly Nhat
Quang, Ba Luong, Nguyén Vdan Hoa, 8D, THCS Quinh
Luong, Quinh Lwu, Hedng Hiu Phiong, 9C, THCS
Dién Loe, Dign Chau; Thanh Hoéa: Nguyén Thi Hing
Nhung, Lé Thu Trang, Nguyén Cao Tudn, 9B, THCS
Nhir Bi Si, Hoing Hoa, Ditong Thi Hieemg Giang, Lé Thi
Thdo, 98, THCS TTr Nga Son, Lieng Chién Thdng, 9C,
THCS Dang Tho, Trinh Thanh Quang, 98, THCS Ham
Réng; Ha Noi: Nguvén Ngoc Hiéu, 9A, THCS Nguyén
Cong Tnt, Ba Dinh, B4 Nhw Milan, 9A1, THCS Chu
Vin An; Phi Tho: Triéu Tudn Linh, 8B, THCS Van
Lang, Viet Tri, Neuyén Hoang Hai, 9A3, THCS Lam
Thao; Hai Dwong: Binh Céng Piép, 9B, THCS Phi
Thdi, Kim Thinh; Humg Yén: Liong Xuan Huy, 9A,
THCS Tién Lit; Ha Tinh: Ngievén Anh Diép, 9G, THCS
TTr K¥ Anh; Quang Binh: Nguyén Phi Hing, 9A,
THCS Quich Xuian Ky, Hoan Lio, B& Trach; Quang
Tri: Lé Thi Huvén Trang, 8/4, THCS Npuyén Trii, Bong
Ha, Nguyén Thi Sdch, 9A, THCS Gio Mai, Gio Linh;
Quang Ngai: Va Thi Hong Huyén, Luong Thi Yén Anh,
8C, THCS Huynh Thiic Khing; Pa Ning: Va Minh Diie,
Nguvén Kim Trong, 9/2, THCS Nguyén Khuyén:
Kién Giang: Vé Piic Huy, 94, THCS Lé Quy Pon, TP
Rach Gid.

PHAM THI BACH NGOC

Bai T6/339. Cho hinh chit nhdt ABCD.
Pucng thang vuéng goc voi AC tgi C cdt cdc
diecmg thang AB, AD lan lwot tai E, F. Chimg
minh rang

BE.JCF +DF ~/CE = ACJEF..

Lo gbl. Theo BL Tletbapn - =,
AE  EF
DF_cF
AF EF

Cong timg v€ hai A B E
dang thiic trén duge
BE DF
— =1
AE AF D
Nhan ca hai v&€
voiL AE. AF dugc
BE AF + DF . AE
= AEAF
= AC.EF
(bdng 2 lan dién tich F
AAEF).

Suy ra BENCF.EF + DFJCE.EF = AC. EF
hay BENCF +DF~NCE = ACVEF .

Nhin xét. Gidi tot bii niy cd cic ban:

Vinh Phuic: Duemg Hai Nam, 9A, THCS Yén Lac, Biu
Thé Thai, 9G, THCS Lién Bio, Vinh Yén; Phi Tho:
Nguvén Hoang Hai, 9A3, THCS Lam Thao; Hai Duong:
Newvén Huy Hoang, 8B, THCS Phi Thai, Kim Thinh;
Hung Yén: Luong Xudn Huy, 9A, THCS Tién L, Doan
Thu Ha, 9A3, THPT Chu Manh Trinh, Vin Giang: Ha
Tay: Dinh Hoang Long, 9A1, THCS Té Tieu, My bic,
Nguvén Lénh Diing, 8A, THCS Nguyén Van Huyen,
Hoai Dic; Ha Nam: Pham e Thanh, 9C, THCS Nam
Cao, Ly Nhan, Van Ngoc Som, 9A1, THCS Nguyén
Khuyén, Binh Luc; Ha Noi: Hd Niue Milan, 9A1, THCS
Chu Van An; Nam Binh: BJ Thi Thu, 9A, THCS Hai
Hau; Thanh Héa: Lé Bi Céng Nguyén, 8B, THCS Nhir
Ba i, Hoiing Hoéa, Trinh Thi Hué, 8A, THCS Dinh Binh
Yén Dinh; Nghé An: Tdng Vian Binh, 8B, THCS Ly Nhat
Quang, Do Luong; Ha Th: Tran Pic Thién, 9G,
THCS TTr Ky Anh, Pham Phieng Thdo, 714, THCS Le
Vian Thiem, Quang Tri: Vii Thi Bich Loan, 8/3, THCS
Hi¢u Giang, Pong Hi; Thira Thién — Hué: Dodn Thi
Thién Hdo, 8%, THCS Nguyén Tri Phuong, Hué, Dak
Lak: V& Vin Tudn, 9A5, THCS Nguyén Du, Krong Buk;
Péng Thap: Pdng Hoang Phic, 9A3. THCS Luu Vin
Long.

VU KIM THUY
Bai T7/339. Cho tam gidc ABC ngoai 1iép
dieomg tron tam 1. Goi m,, my, m_ ldan ot la
cdc trung tuyén xudt phdt ur cic dinh A, B, C.

Chitng minh rang
2

2 2
i AT
- 3— 4+ 3 _‘? B
my, nm, Mg

Loi giai. Dat BC = a, AC = b, AB = ¢. Goi §,
p, r lan lugt la dién tich, nira chu vi, bin kinh
dudng trdn noi ti€p AABC. Gia sit F 1a diém ti€p
xiic clia dubng tron ([)véi canh AB. Ap dung
dinh 1i Pythagore cho tam gidc vuéng AFI ta cé

12 =FP+AF? =7+ (p-a)’=
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5 2 be(p-a)
= Sp(p-aft = 222
P
Mat khac
e S - AR
" :Z(b +c°)—a i (b+c)" —a o
4 +
2 :
Suy ra M;z < b—;
miy p
g, T ab
TIORERE 5 = L
g P my P
2 2 2
Tir d6 IAZ i IB +IC ;. 4(ab+bc+m}r

my; m: m? (a+b+ c)2

Sir dung bat dang thitc quen thuoc
3(ab+be+ca) < (a+ b+ 0)2, din dén

2 2 2
Mz + IBZ + !Cz Ei(dpcm),
my  omy mp 3

Diéng thiic xay ra khi va chi khi a = b = ¢, hay
tam gidc ABC déu.

Nhan xét. 1) B¢ chifng minh cong thite dutmg trung
tuyén bang kién thic toin THCS cic ban cd thé xem bai
"Vé dinh i ham sé césin va céng thitc trung tuyén trong
tam gide" TH&TT 56 331, thing 1-20085.

2) Néu dé ¥ dén cong thire tinh do dai dudng phin gidc

trong clia tam gide d, = bi bep(p—a) va bit ding
+c

thirc di < p(p—a) thi ching ta c6 két qua sau (ban doc
e chaing minh):
Vi moi tam gide ABC ta cd

wr I it abivbeies . A5 IR IC°
P L e T el R e
m, oMy mg P d, P

(d,, d,, d. la dé dai cdc duong phdn gide trong cua tam
gicic dd).

3) Co it ban tham gia gidi bai nay. Sau day 1a danh
sdch cic ban c6 10 gidi ddng:

Phi Tho: Nguyén Hoang Hdi, 9A3, THCS Lam Thao,
Lim Thao; Ha Tay: Nguyén Lénh Ding, 8A, THCS
Nguyén Vin Huyén, Hoai Bic; Hai Duong: Phan Tiéh
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Thinh, 9B, THCS Pha Thaii, Kim Thanh; Thanh Hoa:
Ngwyén Thi Thie Ha, 6B, THCS Leé Hiru Lap, Hau Loc;
Nghé An: Nguyén Bite Cong,9D, THCS Ly Nhit Quang,
6 Luong; Pak Lak: Vé Vdn Tudn, 9AS5, THCS Nguyén
Du, Krong Buk. i

HO QUANG VINH

Bai T8/339. Gid s x, y, z la cdc 56 thuc
duong thoa mdn diéu kién xy + vz + zx = |/
Chimng minh rang gidg tri nho nhdt ctia biéu thii

P=x"+uy + vz bdng 2t, trong dé t Ia nghiém
ciia phitong trinh
9 ]
20 + {u+v+ljx —uv =1

trong khoang (0 ; Juv).
Tim cdc s6 nguyén 16" u, v dé 2t la s6 hitu 1.
Loi giai. (Dya trén 161 giai clia ban Nguyén
Luu Bach, 10A1 Toan, PHKHTN - DHQG Ha
Noi va Vit Van Quang, 12A1, THPT chuyén
Vinh Phic).
a) Xét ham so flx) = 25 + (u+v+ l)JL2 — uv voi
cac s0 duong u, v. Ta cod
Fioci = 657+ 2 +v+1x = 0
nén f{x) 1a ham dong bién.
Lai cé Q) = —uv <0,
fl~uv)= 2uvyuv + uv(u+v) > 0 nén phuong
trinh f{x) = 0 ¢6 diing 1 nghiém trong (0; Vuv ).
Ta cé
P-2t=x*+uwy? +v: = 21(xy + yz + zx)

2

n—t

2 268 4 (u+ v+ D)e® —uy
i -

u—r*
i
3 [x—r(y+z)]2+(u-12}{y—r(r+z) z} 20.
u—t
i . te+1
Pang thic xay rakhi x =ty + 2), y = (_ z}z.
Ut

f(r+1)
T
nénu—r>0=a>0.
Khidéx=ty+1z=(at+nNz=5bz
(vai b = t(a + 1) > 0). Ta chon z sao cho
1
Jab+a+b’

Bt a= VI f(Vi)=2ui +u” +u>0

w+yz+zx=loz=

Vay voix =

b a
Jab+a+b e ~Nab+a+b :
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= ot i3 5 thi P =2r.

Jab+a+b
Viy minP = 2t.
b)Gidsiruzv. Datr=L£ (p,ge N*,(p, )= 1).
q
Vit la nghiém cia f{x) nén uvip, 2iq.

Mat khdc f(;j
t< E.Va}rre {i,i,i ,v}.
2 2 2

u+v+l "
st Do F L uvs ) do dé

'Né’u!=-;-[hi4m-‘=u+v+2£3u.\’ﬁli

e Neur=lthivv=u+v+3

= w-1v-1)=4=u=5 v=2hoac u = 3,
¥=3,

e Néur= % thi 4du=v(2v+u+1)

+ .
:>u=g%"+lv>v thi d:v=v=2=u=35.

eNéur=vthiu=v2V+u+v+1)= uiv

Su=v=>0+2v+1=1.Vali
Vay céc cap (1, v) théa man dé bai la
(u, V)= (3 2); (2; 5): (35 3).

Nhan xét. 1) Mot s6 ban sau khi chitng minh P = 2r da
quén khong chi ra gid tri cta x, y, z dé P = 2,

2) Céc ban co 101 giai tot gom:

Ha Tinh: Nguyén Nhdt Linh, 11T, THFT chuyén Ha
Tinh; Vinh Phic: Lé Cong Tuvén, 12A chuyén Vinh
Phiie, Trin Tdn Phong, 10A2, THPT Ngo Gia Tu,
Lap Thach; Hai Duong: Hodng Vin Hing, 12A, THPT
Kinh Mén; Vinh Long: Dwong Minh Tién, 12T, THPT
chuyénVinh Long; Himg Yén: Pham Tién Diing, 11 T,
THPT chuyén Hung Yén, Ha Tay: Ld Vinh Héa, 11
Toin, THPFT chuyén Nguyén Hué, Ha Dang; Nam Pinh:
Pham Tién Dudt, 10 Todn, THPT chuyén Lé Héng Phong.

DANG HUNG THANG

Bai T9/339. Xér day s6 (x,) (n=1, 2, 3, ...)

iy y -

vde dinh boi Xp=dy ,rong do
a, = ——— woimoin=1 2,3,

-.'"".'."""J minh .":.';';.':\-' .a"ik (x, ) co gici

1 IeXt v .|'||“| |I.|"|'” "I{'IJL"

Lm giai. (Cha ban Trdan My Lmh 10T, THPT
chuyén Bac Liéu).

Taco

(2n)!
(n!)? 23"

1.2.3...(2n)

ol L3S, (T 1]
(2.46..20))

2.4.6...(2n)

aﬂ' i
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Nén
s in-17
T 22426 (2n)
"3 5. an-1t
2 —1)(# —1)(62 —1).(2nP 1)
A2 5, 1 1
133557..2n-0)2n+1) 2n+l

1
Dodé 0<a,<—.
V2n+1l
Ding dinh li keptasuyra lim a, =0 (1)

A—+oo

Ti€p theo ta s& chimg minh limx* =1,
x= 0
x={)

Véi0<x<1,dat H:m .
X

: 1
Tacoms — <m+l.

.r
1 1
Suy ra <x<—.Dodéb <z
| m+1 m Wm+1
Theo BDT Cauchy
l+l+'”J,r l+m+l+m+1
(m-2)s61
> m?{/ Ldaym+lAdm+l = mfm+l
1 m
Do dé = (3)
Wm+l m-2+24m+1
Tir (2) va (3) ta suy ra
o m

?}I—2+2\|‘ﬂl+l‘
Chiy0<x<1nén x‘ <l va

lim —M M=

m—++0 1 — 2+2wfm+
Do dé lai diing dinh Ii kep ta cé lm’lnxJr =1 (4)
x>
x=3{)

Két hop (1) va (4) ta nhan duge lim  ay" =1.

H—t+0

Nhan xét. Hdu hét cac ban chiing minh khéng dinh (4)
bing quy tic L'Hospital cia c:hu'dng trinh dai hoc. Hoc
sinh THPT phai phat biéu vi ching minh lai khi ding
quy tic do.

NGUYEN MINH PUC
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Bai T10/339. Cho s6 thiee a thuée (0 : 1). Tim
1at ca cdic ham 36 f : R — R lién tuc 1qi
x = 0 va thoa man diéu kién sau véi moi x € R

fix) = 2ffax) +f'ruj.1'} =y (1)

Lai giai. (Cha da s6 cac ban)

Tir (1), lan luot thay x bai ax, a’x, ... a"x ta
nhén dugc

flx) = 2flax) +Ra’x) =22,

flax) - 2fia’x) + fla’x) = a’¥,

j{azx) = Zﬁa'j'.r] + ﬂad.r} =a'y?,

fla"x)-2f(a"" x)+ fla™?x) = a®"x*.

Cong theo vé cdc dang thiic trén va sir dung
gia thiét a e (0, 1), ta thu duoc

fl)-fla n+l JI o S g B
x) + fla" x)—fla .r)——l—-—z——-,r (2)
—d
_ p2lm+l)
Nbhxétrdug lmras ool
oo gt 1-g°

Theo gia thiét, img véi moéi x cho trude, ta déu

¢6 lim f(a"'x)=0 va lim f(a"*?x)=0.

Viy neén, tir (2), suy ra
: 2
fi) -flay= =, Vx e R (3)
l—a

Tiép theo, tir (3), ldn lugt thay x bdi ax, a’x,
., @"x , ta nhan duoc

1
flx)=flax)= 5 J.‘?',

1-a

flax)-f(a*x) =

a2

el -‘-2 )

l—-a”

aZn .
X

2

f(ﬂ".r}—f{a”“x) i
l-a

Cong theo v& cdc ding thic trén va sir dung
gia thiét @ € (0, 1), ta thu duoc

1_32(:”!]
e, £
(1-a®)*
Chuyén qua gi6i han khi n — +o0, ta thu duoc

i
fx) = ;“m véibe R
(1-a”)

f)-fla"'x)

2
Thir lai, ta thdy ham s6 fix) =
b € R, thoa min diéu kién bai ra.

24

Nhan xét. Day 1a moét bai todn thudc loai trung binh vi
thuoc dang quen thudc nén cé rdt nhiéu ban tham gia
gidi. Da s6 cdc ban déu giai tuong e nhu cich trinh bay
o trén. Xin néu tén mot sé ban c6 161 gidi ngdn gon:

Lang Son: Bii Vidn Ngoc, 12A, THPT Chu Vin An;
Phit Tho: Nguyén Quang Huy, 12T, THPT chuyén Hung
Vuong:; Bic Giang: Lé Trung Kién, 11T, THPT chuyén
Bac Giang; Bac Ninh: Nguyén Tri Diing, 11A1, THPT
Thudn Thanh; Vinh Phie: Vi Vidn Quang, 12A1, THPT
chuyén Vinh Phic; Ha Néi: Ha Minh Tudn, 11A2,
THPT chuyén BPHKHTN, Nguyén Quang Kién, 11Al,
THPT chuyén DHSP;, Ha Tay: Lé fic Trong, 11T,
THPT chuyén Nguyén Hu¢, Ha Déng; Nam Dinh:
Nguyén Vian Dinh, 121, THPT Giao Thiy; Hai Duong:
Vit Xean Dicong, 11T, THPT chuyén Nguyén Trii; Hung
Yén: Phan Tién Ding, 11T, THPT chuyén Hung Yén;
Hoa Binh: Va Viét Diing, 11T, THPT chuyén Hoang
Vin Thu; Thai Binh: Nguyén Thi Ha Trang, 11T, THPT
chuyén Thai Binh; Thanh Héa: Trinh Ha Linh, 11T,
THPT chuyén Lam Son; Nghé An: Té Hong Son, 11A1,
THPT Phan Boi Chau; Ha Tinh: Trdn Dinh Cucmg, 11T,
THPT chuyén Ha Tinh; Thira Thién - Hué: Nguyén
Tudn Minh, 12T, THPT chuyén Qudc hoc Hud: Pa
Nang: Phan Thi Quinh Trdn, 11A1, THPT chuyén Lé
Quy bon; Khanh Hoa: Nguyén Thi Hodang Oanh, 11T,
THPT chuyén Lé Quy Bon, Nha Trang; Quang Ngai:
Trdan Ngoe Hiéu, 11T, THPT chuyén Lé Khiét; Quang
Triz Vé Xudn Thiiy, 10T, THPT chuyén Lé Quy Bon;
Quang Binh: Ddng Ngoc Thanh, 11T, THPT chuyén
Quing Binh; Gia Lai: Trdn Thanh Nam, 12C3, THPT
Hing Vuong; Pak Lak: Lé Ditc Ouang, 11CT, THPT
chuyén Nguyén Du; Ba Ria - Ving Tau: Nguvén Lé
Vin, 12A13, THPT Ving Tau, TP Viing Tau; TP Ho
Chi Minh: Nguvén Hodng Ding, 11T, THPT Nguyén
Thugng Hién; Can Tho: Va Qudc Bd Cdn, 10A1, THPT
chuyén L¥ Ty Trong, TP CinTho; Phi Yén: Trin Ho
Thanh Phi, 11T, THPT chuyén Luong Van Chinh; Bén
Tre: Lé Vian Chdnh, 11T, THPT Bén Tre; Cai Mau:
Chdn Ngoc Huy, 12A1, THPT Bim Do,

NGUYEN VAN MAU

Bai T11/339. Trong mar phang cho diwcng
iron tam Q bdan kinh r. Lday diém P c6 dinh ndm
bén trong dudng tron vai OP = d > 0. Hai day
cung AB va CD di qua diem P tao thanh mdr
géc a khong doi (0° < a <90"). Tinh gid tri lom
nhat va gid tri nho nhdt ciia iong AB + CD khi
hai day AB, CD thay doi va xdic dinh vi iri cia
cdc ddy AB, CD do.

Lai giai. Tim gia tri nho nhat ciia AB+CD la
bai todn khé, chua cé 1o giai. Sau day 13 edeh
tim gid tri lén nhat cia AB+CD.

Goi H, K 1an luot 1a hinh chiéu ciia O trén AB,
CD. Goi [ 1a trung diém cta OP va M 12 hinh
chiéu cia [ trén HK (xem hinh vé).

d
3 [0=IP=IH=IK=—
Dé thdy: 2

E’E&'zZu
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D
PlAB
H {
0 L&
A
[

M= f”COQ(E—'—,‘LO‘aDt
2 (1

HK=0Psino = dsino
Mat khac, theo cong thitc tinh dé dai dudng
trung tuyén, ta co
4PM* = 2PH* + PK®) — HK®

L, pit o pip = APMEHER
; 2 2
P 4(IP+IMY + HK (2)
2
Tir (1), (2) suy ra
2
4(£+£cosa] +d*sin’ o
PH? + PK? <
2
N {fz((l-hCUSDL]Z +sin” o)
2
5[
= ?d | cos 9—4 sin® Ewsl aJ
\ 2 2 z

2d* cos® a[coszgﬂm —) 2d* cos® = (3}
2 2 2

Sir dung dinh Ii Pythagore ta ¢é
(AB + CD)* < 2(AB* + CD%) = 8(AH® + CK?)
= 8((0A*-0H?) + (0C*-0K?))
= 8(2r*-0OH?*-0K?)
= 8(2r*~(OP*~-PHYH~(OP*-PK*))
= 8(2r% - 24* + (PH* + PK?))

3{2;2 2d* +2d° cos® ]{theo (3))

lﬁ[r2 [I cos —N
o
lfx[r'z —d?sin® EJ :
2

Suy ra:

AB+CD < 4.[r? -d? sinl% :

Dang thifc xay ra <> AB = CD va | thudc doan
PM hay PO la phan gidc clia géc nhon tao bai
cic duting thing AB, CD.

Tém lai: AB + CD 16n nhét khi PO la phan
gidc clia géc nhon tao bdi cic dutmg thiang AB,

CD vi max(AB+CD) = 4\[r2 —d?sin’ % .

Nhin xét. 1) Mot s6 ban gidi khid phite tap vi tinh todn
bang phuong phip lugng gidc.

2) Ciic ban sau diy co 1di giai tueng doi 6t
Thanh Hoéa: Nguyén Phuong Hoang, 12C). THPT Lé
Vian Huu, Thiéu Hoa, Nguvén Hdi, 11A1, THPT Dong
Son [, Pong Son, Pham Khic Thanh, 11A, THPT Trigu
Son 3; Vinh Phice: Lé Tién Diie, Nguyén Van Neoc,
[1A]l, THPT chuyén Vinh Phic; Hai Dwong: Vi Xudin
Dirong, 11T, THPT Nguyén Trdi; Ha Tay: Trink Ngoc
Ti, 1IT, THPT Nguyén Hué, Ha Bong; Phi Yén:
Nguyén Twan Ding, 11A, THPT Phan Chu Trinh,
Song Ciu, =

NGUYEN MINH HA

Bai T12/339. Cho tit dién PABC trong dé PA,

PB, PC vudng goc vai nhaun tieng déi mét. Goi

S= Sagc.S;=Spap.S2=Sppc.S3=Spac-

Cluing minh rang

£ - £ 3
. T _i"m‘z_s_ (1)
S°+8] §°+8 8§48 4

Lai giai. Trude het, chung ta dé dang thiét lap
duoc hé thic sau:

Mol (%)

C35 thé ndi ring (*) thé hién mot ménh dé ma
ta goi la dinh Ii twong tw dinh Ii Pythagore trong
hinh hoc khong gian doi voi nr dién "vudng™:
“Trong mdt tir dién vudng, binh phuwong dién
tich mat huyén bang tong binh phicong dién tich
ba mdt géc vudng". C6 nhiéu cich chiing minh
hé thic (*); chang han, cé thé ding phuong
phép thé tich. Tinh V = Vp,p- bang 4 cich khdc
nhau: 3V = a8, = bSs =53 =hS, trongdé a, b, ¢
vii h 1an luot 14 do dai ciia PA, PB, PC va chiéu
cao PH ha xudng mat ABC; sau d6 sit dung hé

1 |

" : a* _bz 2

dang ching minh dugce) thi suy ra duoc (*).

Z

L

https://tieulun.hopto.org



https:www.facebook. com/letrunglienmath

https:/sites. google. com/site/letrungldenmath

: L il i

Ap dung BDT [—+—+—W(x+y+zJ = 0 do
<

v ba s duong x, y, z réi thay x, y, z lan luot

b&iS? +87 (i= 1,2, 3) va sir dung (*) thi duoe:

3 1 9
e (2)
LIS 48 48
. B ;
Thay =] vdii=1, 2, 3 vio

5 4.87 $% 457
(2) thi thu duge BDT (1) can tim.

Ping thiic ¢ (1) xdy ra khi va chi khi
Sus =3t s a g e
a=h=c, BC = CA = AB titc i khi va chi khi
PABC 1a mot nir dién vudng can o P.

Nhian xét. 1) Bii todn nay thuoc loai dé, s6 ban tham
gia gidi khd dong va déu cho 161 gidi dung. Tuy nhién,
vin con mét s6 ban quén khong xét khi va chi khi nio thi
ding thie & (1) xay ra.

2) Cdc ban sau day cd loi gidi gon ging hon ci:

Ha Néi: Pham Héng Som, 11A1, THPT chuyén DHSP
Ha MNoi; Ha Tay: Trinh Ngoe Tién, 11 Toin, THPT
Neuyén Hué, Ha Dong; Vinh Phic: Lé Tidn Duic,
Nguyén Vin Ngoe, Phing Dinh Phic, Nguyén Kim
Thugi, 11A1, THPT chuyén Vinh Phic, Neuvén Hitu
Hién, 12A4, THPT Lé Xoay, Vinh Tuéng; Thanh Héa:
Trink Vén Vieong, 11T, THPT Lam Son, Pham Khdc
Thanh, 11A, THPT Trieu Son, Mai Van Cwéng, 12T,
THPT Mai Anh Tuiin, Nga Son, Thanh Héa; Nghé An:
Té Hong Sem, 11A1, THPT Phan Bai Chau, TP Vinh,
Bing Cong Vinh, 111, THPT Nghia Dan; Ha Tinh:
Nguvén Thi Hanh Dung, 11 Todin, THPT chuyén Ha
Tinh; Quang Binh: Pham Tién Pdng, 11 Toin, THPT
chuyén Quing Binh: Da Nang: Nguvén Niwe Quec
Trung, 10A2, THPT chuyén Lé Quy Don, TP Bi Ning;
Ben Tre: Huinh Tdan D, 12 Toidn, THPFT Bén Tre;
Ca Mau: Chdn Ngoc Huy, 12A1, THPT Bim Doi,
Ci Mau.

NGUYEN DANG PHAT

Bai L1/339. Mét con ldc 16 xo, gém 16 xo cé
do ctmg k = 50 (Nim) va vat ndgng M = 500 (g),
dao déng diéu héa vai bién do A, doc theo truc
Ox trén mdt phang ndm ngang. Hé dang dao

1 i 500 | :
dgng thi mot vdat m = s (g) ban vio M theo

phicong nam ngang vai van téc v, =1 (mls). Gid
thiét va cham la hoan toan dan héi va xdy ra
vao thot diém 16 xo cé chiéu dai nho nhdi. Sau
khi va cham vdt M dao déng diéu héa lam cho
16 xo c6 chiéu dai cue dai va cuc tiéu lan Iuot la
Lyx=100(cm} vé 1., = 80(cm). Cho g=10(mis").

26

1) Tim van téc cua cdc vdt ngay sau va cham,
2) Xdc dinh bién do dao ddng trude va cham.

Loi gidi. Vo th&i diém va cham, 16 xo c6
chiéu dai nho nhat nén vin toc vat M ngay trudc
va cham bang khong, dong thai lic nay vat cé li
dd 16n nhét va bang bién do (x = +4,).

Goi V, v ldn luct la van téc clia vat M va m
ngay sau va cham. Vi va cham 14 hoan toén dan
héi nén dp dung cdc dinh luat bao toan dong
lrgng vit bie toan nang luong ta ¢6 (chon chiéu
duong la chiéu cta w, ):

2 2 72

: Hiy Hv MV

nmvy =mv+ MV, Bt + :
2 2 2

Tir d6 gial ra va thay so ta dugc: V = 0,5m/s
va v =—0,5m/s (vat m bi bat trd lai).

2) Tai thoi diém ngay sau va cham vat M c6
li do va vin toc 1a: x = +A4,, V = 0,5 (m/s) nén co
nang ciia vat liic d6 1a £, = 254;+0,0625 (J).

Sau khi va cham bién do dao dong ctia vat la

e rmux : alln'Lin o D,l(m)

4
do dé céng nang toan phin cla vit la

2
E= k‘%: 0.25 ()

Tit E, = E ta tim dugc A, = 0,054/3 (m) =
543 (cm) = 8,67(cm).

Vay bién dd dao dong truéc va cham i
8.67cm.

Nhan xét. Cic ban o 1o giai va ddp so ding:

Vich Phiic: Nguvén Thanh Cong A, Ngé Thi Lién,
Neguvén Tién Pat, Cit Quéc Cuomg, 11A3, Trdn Ngoc
Link, Vit Ngoc Quang, 12A3, THPT chuyén Vinh Phic;
Bac Ninh: Nguyén Xudn Nam, Trdn Dirc Trung, Nguyén
Cong Dwing, 12 Li, THPT chuyén Bic Ninh; Binh
Dinh: Vé Hdao Nhdn, 11 Li, THPT chuyén L& Quy Don,
Quy Nhon; Nghé An: Nguyén Xidn Nguyén, 12A1, khai
Pho thong chuyén Pai hoe Vinh; Ha Noi: Nguyén Thanh
Trung, BK19A, DHKHTN — DHQG Hia Noi; Yén Bai:
Neguvén Thi Thu, 12 Li, THFT chuyén Nguyén T#i
Thanh; Khanh Hoa: Nguyén Ngoe Ki Nam, 12 Li,
THPT L& Quy én, Nha Trang; Quang Ngii: Nguyén
Thi Kim Khiyén, 11 Li, THPT chuyén L& Khiét; Tuyén
Quang: Liw Héng Quan, 11B;. THPT chuyén Tuyén
Quang; Thanh Hoa: Lé Bid Ngoe, 11F, THPT Lam Son,
Trinh Van Viér, 1244, THPT Yén Dinh I, Nguyén Bid
Dudn, 12B,, THPT Hodng Héa 1L

MAT ANH
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Bai 1.2/339. Cho mach dién nhir hinh vé
Uy = 12(V). Céng sudr tiéu thu ciia cdc dén
D; D, D;; D, Dslan lugt la Py = (W),
Py = 16(W); Py = 4W); P, = 10(W); Ps = [(W).
Cong sudt tiéu thu trén bién o Ry, la (W),
Déng dién co chiéu nhir hinh vé,

! M g
' ng I, ®D
A D. B
#—-—ﬁ—-— o -—-,—’
+ [ 1{ %
ity

a) Xdic dinh dién tré cua cdc dén va dién tro
phdn bién tra tham gia vao mach dién.

b) Khi dién wra phdn bién tra tham gia vao
mach dién thay doi thi do sdang cua cde dén theay
déi thé nao ? Gid sit rang khi dé, cde dén va
bién trd khéng bi hong.

Loi gidai. Cong suat cha toan mach dién Ia :

Fa Pl B B =30,

Dong dién trong mach chinh :

o
[=——=—=3 (A).
Uap 12
Theo hinh vé ta cé :

A (1)

16 0
hay 0 =
12-U 12-0h
Cic PT (1), (2) tuong ting tuong duong véi :
4y +4U5 =30,Us (3)
26U, +200U5 -120=3U,U/5 (4)
Tircic PT (3) va (4), ta ¢d PT bic hai :
33,2 —192U; +240=0 (5)
PT (5) c6 2 nghiém :

(2)

20
Ui=4V), U, :‘ﬁ (V).

: ; ZEkE g T
Ta loai nghiém U/, :ﬁ (V), vikhi do

35 .
Uyy=U; -Uz= - -]-—1- (V), dong dién s€ ngugc

chiu vé&i chiéu trén hinh vé.
Véi Uy = 4(V), tinh duge U, = 2(V);

U2 = SKV}, U4 = ]D(V), (JI'NI,I'." = IU|—!J"3 = 2{V}

A I
Viy: I =—=1(A) : h=—=2 (A);
ay : [y U, (A) ; 2 U (A)

T ) s L=t (4] ¢
.l'r:.v, U.—l
P
I5=Iyy =—M 1 (4).
NM

Do d6 : R, = 4(Q): R, = 4(Q); Ry = L(Q);
Ry=10(Q); Rs = 1(Q); R, = 1(Q).

a) Goi dién trd clia doan NM la x, x = R;, + R;.

U Ui—Us 12-U
BRI —

.f =
Taco: titds !2:> 4 . .
to+ta=t, 7 |Ui-Us 1205 U

i 10 1

(2+x), =2U5=6x
1007, +(10+11x)/3 =12 x.

Tords iD=ttt o
11x432
£ 66x+84 2 113 2
o (66x+84)+18 ——+ -
66 66 66x+8
e 12x+84 5
Y ieisg
12.x+84 1
& = Vil s @
Sofloc iR ds 0 T
12 12 12x+84
Mat khaic :
= 12U, (8): Uy= 12— U; (9);
54x
R e e
o S TR
54 :
=iy = 10).
M et L
(Xem tiép trang 5)
27

https://tieulun.hopto.org



httos:'www. facebook. com/letrunglienmath

https:sites. google.com/site/letrunglienmath

CAT HINH VUONG BUOC CAC HiNH
TRON BANG NHAU

Ngtmrl ta mudn cit mot tim kim loai hinh
vuong canh @ = 100mm thanh » hinh tron bing
nhau va roi nhau sao cho dign tich hinh tron la
[oén nhat. Néu » = 9 (h. 1) thi duwong kinh cua
hinh tron 14 d.= 33mm (tinh chinh xéc dén
milimét), Xét tuong ty véin=16.

Danh cho ban doc

1) Hay cat tam kim loai
trén thanh » = 18 hinh tron
bing nhau va theo ban
dudmg kinh lén nhat cua
ching 1a bao nhiéu?

2) Hoi trén  véi
n=12,

nhuw

Hinh 1

Gidi ddp
QUAN MA PI TREN BAN CO
HINH CHU THAP
(Dé diing trong THTT s6 340 thing 10/2005)

a) Ta s& chimg minh (bang phin chimg) rang
quan méa kheng thé di lien nep qua tt ca céc o
cua ban co, moi 6 mot 1an. Trén ban cd duogc 16
mau nhu & hinh 2, ¢6 16 6 mau lrfmg va 17 &
mau sim. Quéan ma di mdi bude tir & mau nay

AA
/

N/
Vv

C

Hinh 2

sang d mau khac Gia suor quan ma di qua tat ca
33 4 thi phal xuat phat tir 6 mau sam va két thiic
tai 6 mau sdm, do d6 & mdi 6 mau trang (trong
do cd cac 6 A, B, C, D) phai ¢6 mét duong fii
vao va mot duong di ra. Luc d6 ta cé duong gap
khac khép kin di qua 4 6 4, B, C. D nhu & hinh
2. dan dén mau thuan.

oLy
’Fﬁ\

NV4

(<
N

VIV

ISNAL
W/ QANATY

\
g
o
Bd

Hinh 3

TN Yy

A
/}
"l
/1
~

b) Quin mi co thé di lién l1ep qua 32 0 (con
mét 6 khong dén duoc) nhu ¢ hinh 3, chi y
ring & xuat phat hodc 6 két thic phai la mot
trongciac 6 4, B, C, D.

Ban Biii Viét Sang, 10C10, THPT Kién An,
Hai Phong da dwa ra 6 101 giai vai 6 4 1a 6 xuat
phat.

PHI PHI

TU THANG 1 2006 TAP CHI BAT DAU THU NGH‘IEM WEBSITE
‘BAN XEM BUGNG DAN Gldff THIEU OBIAL
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THI THO NAM BINH TUAT

Rt vui vi ngay ngdy 23.12.2005 tho mimg
xudn Binh Ttlat da gu‘l vé huang tmg thi tho.
Xin dang nhirg bai du tién hay nhat.

VUI XUAN CUNG BAO TOAN

Nim dd tron ndm, don gio xudn
MGéi tieoi § lg, gép thém phan
tai bén tieomg lai tron dao nghia
Todn hoc, Thay - Tré tiép 16 chdn
Phii trdi, trivge sau, doi bém lidn
Todn hinh, todn s6, day khuyén nhdn.
Hon kém khéng ban sai phép tinh
Tré trung ddu dém tuéi qud tuan.
Cing say thudt todn, eang mé 56
Tré ticoi dao hoc Thién - M7 - Chdn
Mi vui vuom todn, dep vieon xudn.
CAO XUAN DIEP

(Khoa T nhién, CHSP Nam Khé,
Udng Bi, Quang Ninh)

NGHE DAY TOAN

Nim scm vui ron rd
Mdi buc giang Nha trudmg
tdi tirng rang gido dn.
Todn yéu cang yéu hon
Phadi say mé hing thii
Todn dep ddu hé kho
Hon chyc ndm dén sdch
Tré trung mot woc mao
Cing ddy céng phdn ddu
Tré tuii mot quyét tam
mdi di cung Todn hoc.

NGUYEN THAC DUNG
(Bo mdn Todn, PH Xdy dung Ha Nii)

-

i&i tri toan hoc _/

THAL CAUA NGUGYI YEU TOAN

Nhén dip ndm md&i ban Phugng nhan dugc
mat bie thu bang mat mi cia mot ban trai yéu
toan nhur sau:

1317412649403147263249181741471849

3932174739493627491816233149182036

4‘*')492"43463 1

Biét ran;: mbi chir cai, moi dau, 6 trong gma
hai chir i (neu c0) déu duoc ma hoa boi mot s0
gom hai chir s6 va chung khac nhau thi s6 mi
héa khac nhau. S céc chir cai nam gifra hai chir
cai bt ki trong bdng chir cai tleng Vlr;t (theo Tir
dién tiéng Viét cua Vign ngc-n ngit hoc) nho
hon hiéu glud hai s6 ma héa cua hai chir cai do
mét don vi. Chir P duoe ma hoa bai sb 22.

Ban hay gitp ban Phugng dich ban mat ma trén.
VAN KHANH

“THACH POI

Céu thach dbi:

Ném méi, cong stre, thém bén chi, khing chia
long, bat phdn tdm, thanh cdng nhdn boi.

V¢ doi:

1) Xuén sang, tich tri, gop thi¢n luan, trir tham
nhiing, giam quan liéu, that bai loai trir.

CAO XUAN DIEP

2) Xuan sang, trir bénh, bét dao ddng, co hop

tac, thém todn tam, that bai day lhi.

NGUYEN ANH THUAN
(GV THCS Tran Véan On, Hai Phong)
3 Tét dén, hop luc, tang nhiét huyet thh cin
nguyén, tich nhan duyén, danh thom liiy tién.

NGUYEN THAC DUNG

Tap chi con moi giri cac ciu déi méi do ban
fur sang tac vé nha trucrng,, vé loan nerng chua
thay cdc ban giri, méi chi co cac vé dbi cua cdu
dbi d ra.

CLB
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10A2 Toan, khi THPT chuyén Todn — Tin, PHKHTN
- BHQG Ha Noi. Ha Ngi; Hang Minh Toan. 9A1,
THCS Ngbé Gia Tur, ’\fguyen Tudn Thanh, 10 Toan 1,
THPT chuyén Nguyén Trai, Hai Dwong: Nguyén Thi
Thuy, 9B, THCS Hoding Quy. Hoang Hoa, Thanh Héa

NGOC HIEN
DA CHUAN CHUA ?
Co bai toan: "Chitng minh rf:?ng véi moi s6
thue x, v, = lom hom — 1, ta ¢d

2 2 2
Gidi ddp bai : CO HOP Li KHONG ? e T

(Pé diing trén THTT sé 338, thing 8.2005) Ihy+s lezin lrzey
o Tir cich danh gid cac bit ding thire vai 101 gidl nhur sau ; Neu x < 0, ta thay x bdi
| | | : (=x) thi hai biéu thire diu cha vé trdi trong bat
Bagp= =Sy = —AM.EF 2 —4M ding thirc da cho khong déi, con biéu thirc thir
: 4 4 ba giam xuéng (do méau s tang én). Tir do
o J . p2a2 khéng mat tinh tong quat cé thé gia sir rang

. EJ :m ta tl'liiy S,‘iEF :WE“ x>y o |

) ! 2 2 B
khi AM = EF v AM = AH, lic 46 AB = AC, hay 10 (x = 1)" 2 0, suy ra 3("+1) 2 2 1),
AABC vudng cén tai 4, diéu nay khong phi h{;rp Déng thurc xay ra khi va chi khix = 1.

vii d2 bai. Nghia 1a vide két lufn gia tri nho ]+ 2 1+ x° 2
g2 Do do == S
nhét cia Sz bing —5——— 1a khéng ding ! lpa T I 3
4% +c? %) Tuong tu ta ciing ¢

b |
I+y2 2 | o
— s " >

3 3
I+ fs™ 2 Lrxry

(PSRN ]

Tir d6 suy ra diéu phai chimg minh.

Ding thirc xay ra khi va chi khi x T

Theo cdc ban 1o giai trén da chuin chua ?
Loi giai cua ban nhu thé nao ?

B H M C NGUYEN PUC TAN

* C6 thé gidi lai bai toan nhu sau : Dung _ (TP. Ho Chi Minh)
AH L BC. Goi I, K theo thir tir 14 trung diém - DA PHA‘[ HANH
clia AB va AC. Tu ABC = %Jﬁf:,ﬁ vi  QUYEN PONG TAP CA NAM THTT 2005

Ban chua c6 di cdc s6 THTT ci nam 2005 ?
4('B+. AFM=AFE , suy ra AEF+AFE =90°,  Ban muén c6 dii bo suu tap vé THTT ? Ban
2 mudn cd lién tuc cdc cusn dong tﬁp 2 ;

dan dén AAEF vudng tai A. Tir do Ban cd thé mua cudn déng tap ca nam THTT
1 I b;, tiic 12 s6 tmng nam 2005, ngodi co bia cling.
S pr=—AE.AF > —Al AK=— Sich c6 ban tir 1.2006 tai tda soan hodc giri qua
5 2 2 buu dién. Ban hiy lién hé vdi dia chi
Dang thirc xay ra khi va chi khi £ = [ va  Tap chi Todn hoc va Tuéi tré
F =K, khi d6 M = H. Viy gia tri nho nhat cu ~ 187B Gidng Vo, Ha Noi
i ok el s DT : (04) 5144272, =
Sygrbing — dat duge khi va chi khi M= H. - Email : toanhoctt@yahoo.com :
8 Gm bdn 1¢ méi cudn 52000 dong. (Néu & xa

Nhdn xét. C6 rit nhiéu bai guri vé toa soan binh luan  ban gii kém cude bwu dién. Musn biét chi uét
vé cach giai chua chinh xdc ¢ THTT sb 338. Sau diy 1a Xin heén hé truc tiép vcu toa soan}
cdc ban ¢6 ddp 4n tot hon ca va giri bai som vé toa Trén trong cam on. o e
soan: Trdn Tudn Nghia, 10 Toan, THPT chuyén Thdi Sl THET
Nguyén, TP Thai Nguyén; Nguyén Thanh Trung. ' i b Ao
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SACH MOT
TUYEN CHON THEO CHUYEN BP
TOAN HOC VA TUOI TRE (QUYEN 1)

Ra doi mét "Tu
sach Todn hoc va
Tudi tré" 13 diéu

sk merlnis e

qﬁ“*“,‘;"}j%%*’ tap chi THTT 4p o
E i Ifrt:é; tr lau. Mot trong

nhimg cudn sach
dy dd ra mat ban
doc: Tuyén chon
theo Chuyén dé
Todn hoc va Tudi
tré  (Quyén 1)
Tuyén chon nay
xép  thanh  ba
chuong, mdi chuong trinh bay mot chuyen
dé. Chuyén dé thir nhét Phwong phdp giai
todn bao gdm cdc bai viét theo hudng phat
trién nang luc tr duy va ki ndng giai todn.
Chuyén dé thur hai Tedn hoc va doi song,
sé dem lai cho ban doc cach nhin mdi vé
toan hoc qua nhiimg tmg dung phong phu,

B vawcsb e ORI T Tk G T8 Tk 8.

da dang va thiét thue cta né. Chuyén dé
thar ba Lich sur Todn hoe nhu nhiing lat cat
giup ban ngugc dong thoi gian dén vai
nhitng sur kién va con nguoi xay nén lau
dai toan hoc hom nay.

Hi vong séch s& 1a hitu ich véi cac thdy cd
gido day toan, cidc em hoc sinh va moi
ngudi yéu toan.

Sach khoé 19 x 27cm, day 300 trang, gid

ban l& 34 000d0ngfcu0n Ban doc c¢o thé
mua séach tai

Ciae nha sach cia NXB Gido dye:

187B Giang V&, TP Ha Néi

231 Nguyén Van Cir, Q.5, TP. HCM.

15 Nguyén Chi Thanh, TP. Pa Ning
Céc cong ty Sach va Thiét bi trwong

hoc cac tinh, thanh.

Tap chi Todn hoc va Tudi tré :

1878 Giang V&, Ha Noi

DT/FAX: 045144272

Email: toanhoctt(@yahoo.com

Cam on cac ban.
THTT

KET QUA ... (Tiép bia 2)

Cic em tham du thi phai lam 3 bai thi:
Trac nghiém, Li thuyét va Thuc hanh.
Trong moi bai thi déu ¢é noi dung clia ca ba

mon Vat 1i, Hoa hoc va Sinh hoc. Cac em
hoc sinh caa Viét Nam da hét siic ¢d gang
dé lam bai t6t. Két qua la doan Viét Nam
doat duoc:

['é ' Tén truong THC '5‘ i

Tmn Nguven Khanh e

L)« Tu Trong, huyén Binh Xuveil

Vinh Tuomg, huyén Vinh Tuong

l
2 | Pham Héng Ngoc An |
"}'

 Nguyén Hai Ha |

Lap Thach, huyén Lap Thach

Huy LE!U{TI'I}: BdL 1
Huy chuong Péng |

Huy chuong Dong

| Lé Minh Hu:

Vinh Yén, thi xd Vinh Yén

| Huy chuong Dong

4
4 4 Nguyén Thi !’er(‘fnrr
5

__f_ Nguyén Thé Hung

So véi cdc nude, thai gian chuin bi cha
doi tuyén Viét Nam ngan hon nén két qud
clia doi chua cao nhu _mong muon. K&t qua
dat dugc cua doéi tuyen da duoc Bo truong
Nguyén Minh Hién dong vién Kip thoi

Yén Lac, huyén Yén Lac
Hai Ba Trung, thi xd Phiic Yén |

| Huy chuong Déng !
|
1

ngay khi toan doi vé téi sin bay Quéc 1€
Noi Bai. Chic cho doi tuyén Viét Nam c6
sut chudn bi t6t hon vao ki thi lan thi ba sé
duge to chite tai thanh phd Sao Paolo,
Brazin.
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Taps chi. TOAN FOC v TUDT TRE xudr 34y 10 1364

Toa soan : 1878, phé Gidng Vé, Ha Ngi

Mathemalics and Youlh Maga i (i s
| G?a?m Email : toanhoctt@yahoo.com

BAN €O VAN KHOA HOC

GS. TSKH, NGUYEN CANH TOAN
GS. TSKH. TRAN VAN NHUNG

ThS.
Ths.

606 o0 006 060 ©

R

TS. NGUYEN VAN VONG
GS. DOAN QUYNH
PGS. TS. TRAN VAN HAO

CHJU TRACH NHIEM XUAT BAN
Chu tich Hoi dong Quan tri kiém
Tong Giam dée NXB Gido due
NGO TRAN Al
Pho Téng Giam déc kiém
Téng bién tap NXB Gido duc
NGUYEN QUY THAO

HOI PONG BIEN TAP

TS. TRAN DINH CHAU, ThS. NGUYEN ANH DUNG, TS .TRAN NAM DUNG, TS, NGUYEN MINH DUC,
TS. NGUYEN MINH HA, TS. NGUVEN VIET HAL PGS. TS. LE QUOC HAN, ThS. PHAM VAN HUNG,
PGS. TS. VO THANH KHIET, GS. TSKH. NGUYEN VAN MAU, Ong NGUYEN KHAC MINH,
TS. TRAN HUUU NAM, TS. PHAM THI BACH NGOC, PGS. TS. NGUYEN DANG PHAT, TS. TA DUY PHUONG,
NGUYEN THE THACH, PGS. TSKH. DANG HUNG THANG, PGS. TS. PHAN DOAN THOALI
VU KIM THUY, PGS, TS. VO DUONG THUY, GS. TSKH. NGO VIET TRUNG, ThS. HO QUANG VINH.

TRONG SO NAY

Danh cho Trung hoe Co s — For Lower
Secondary Schools

Trdn Ha — Mot s8 phudng phap giai
phudng trinh ¢6 chita phin nguyén

Lai giai dé ththuyén sinh lép 10 THPT
chuyén Lé Khiét, Quang Ngai.

Teodn hoc va doi song — Math and Life
Phan Thanh Quang - Hoi hoa dudi con
mit toan hoec.

Dé thi tuyén sinh 16p 10 trusng THPT Lé
Quy Don, Binh Dinh nidm hoc 2005-2008

Chuan bi thi dai hoc — University
Entrance Preparation

Phan Tudn Céng — Thit sde trude ki thi.
béso1.

Phuong phap giai todn — Math Problem
Solving

Phan Cung Bie — Dung tlnh chat tiép
tuyén ba dudng conic dé giai todn.

Nguyén Ping Phdt - Nhilng cach tiép can
mét bai toan tif nhidu gée 46 khac nhau.

Viz Pinh Hoa — Loi giai bal thi toan Qudc
t& 1dn thit 46 nam 2005,
X hoi ? Y, Z tra loi.

L =T e P R

Tim hiéu sau thém toin hoc so cap -
Advanced Elementary Mathematics
Nguyén Mink Ha — Ung dung goc dinh
hudng vao viéc gidli mét s§ bai todn hinh
hoc.

@ cuic thi vui TOLITI 2006
Dé dot 1

@ Pé ra ki nay — Problems in This Issue
T1/343, ..., T12/343. L1/343, L2/343.

Giai bai ki trude — Solutions to Previous
Problems
(Giai cac bai cua =6 339,

Toin hoc muén mau — Multifarious
Mathematics

@ Ciu lac b - Math Club
@ Giai tri toan hoc — Math Recreation

@ Sai lam ¢ dau ? - Where's the Mistake?

Bia 2: Két qua cude thi Olympic khoa hoc Qudc
¢ lan thi hai tai Indonesia cia doan
Viét Nam

Bia 3: Khai truong NXB Gido duc tai Thanh
pha Ha Nai
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LE KHAI TRUUNG NHA XUAT BAN GIAO DUC TAI THANH PHO HA NOI

Sdng 21.12,2005 tai Khich san Kim Lién, 5o 7 Bao Duy Anh di dién ra L& khai truong NXB Gido cluc
tai Thanh plm Ha Noi. Dén dy c¢6 GS. TSKH. Tran Van Nhung, Thir trudng Bd Gido dyc va Dao tao, ong
Binh Xuan Ding, Vu trudmg Vi xuat ban, Ban Tu tudng - Van hoa Trung wong, dai dign Cyc Xudt béan
B Vin hoa Thong tin, nhicu dai b:cu cdc ban nganh Trung wong, Ha Noi. Pho Cuc truong A25 B Cong
an, Phé Tong gidm ddc Cang ti Gidy Viét Nam, dai dién cac dai truyén hinh, cdc bao, cac S& Gido duc v
Cong ti phat hanh sach va thiét bi trudmg hoe cac dia phuong. cac don vi thanh vién trong NXB Gido duc.

Clng v&i cde don vi thanh vién cua
. : NXB Gido duc Bo GD-DT nhu; céac
. NXB Giao duc tai TP. Ba Ning, NXB
i Gido duc tai TP. H& Chi Minh, Com7 ti
Sl .~ Ban dd va Tranh anh gido duc, cic
: trung tdm, tap chi, cdc nha in.., vigc
. thanh 1ip NXB Gido dyc tai TP. Ha Noi
; g6p phan hoan thién va phat trién md
LE KA TRELONG hinh Céng ti mg - Cong ti con Nha xudt
. S ban Gido dyc - B Gido duc & Dao tao,
NHA XUAT BANGIAD DI tién t&i hinh thanh tip doan xudt ban
TAI THANH PHQ HA NOI gido duc trong tuong lai. Thir truong Bé
' ] ! GD- DT Trin Van Nhung, Téng Giam
déc NXB Gido duc - B Gido duc va
Pao tao Nga Tran Ai, Pha TGD NXB
Giao duc Kiém Gidm doc NXB Gido
duc tai TP. HA Noi Nguyén Xuin Hoa
da cit bang khai truong (anh). Sau Ié
khai truong NXB Gido duc da phat
ddng lam SGK c¢o chat lugng, ding tién
6 phuc vu nam hoc i,

VPV

Sach méi danh cho bac Tiéu hoc:
CUNG HOC TIN HOC

Hay hoc Tin hoc dé vita hoc vita choi véi may tinh

Quydn é « Day la bd sach Tin hoc duge bién soan theo chuong trinh mdi duge

'~ ban hanh ctia Bé Gido duc va Dao tao.
Bé sach dugc thiet ké theo phong céch hién dai két hop vdi
nhiéu tranh &nh minh hoa hap dan.
+ Néi dung dugc trinh bay phtt hop véi Ita tudi hoc sinh Tiéu hoc va
céc lép déu cap THCS.
- » Cécdon vi tap thé dat mua sach qua cac dia chi sau:

- Phong Phat hanh Sach gido khoa,
NXB Gido duc, 187B Giang V6, Ha Noi.
DT: 04.8562011 Fax: 04.8562493.

- Phong Phat hanh Sach gido khoa,
NXB Gido duc tai TP.H6 Chi Minh,
231 Nguyén Van Cit, Quan 5, TP.Hé Chi Minh.

DT: 08.8358423 Fax: 08.8390727.

- Phong Phéat hanh sach Giao khoa, NXB Gido duc tai TP. Da Nang,
15 Nguyén Chi Thanh, TP. Pa Nang.

DT:0511.894504 Fax:0511.827368.
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50 NAM PHAT TRIEN ON DINH BEN VING
CUA TRUONG THPT VIET PUC, HA NOI

 Thanh lip sau ngay giai phéng Tha dé Ha Noi (1954) dé dén nhin con
em can bo, chién si vio tép quan Thi do. hoe theo chuong trinh 9 nam. Tén
truéng qua cic giai doan: Pho thong cap 2-3, Pho thong 3 A, B. Ha Noi A. B.
Viet Piic, Ly Thuong Kiét. Tén trugmg hién nay: THPT Viét Nam - CHLB
Biic Hitu nghi (tén goi tat 1d Vit i), Ngdy thanh lap truong: 3.3.1955

* Trong hon 30 nam truéng da khang dinh chat luong dio tao wan dién, 13
mét trong nhitng truimg hang dau cia Thin do Ha Noi, truéing ¢ nhiéu maoj
quan hé Quoc 1€ véi cdc nude Dic, Nhat, Anh, Singapo, My, Uc,

e Trudng dao tao duge nhiéu thé hé hoe sinh wu td, trd thanh nhitne cdn
b cao cap. nhiéu nhi khoa hoc hing diu, anh hilng LLVT v Anh hing
Lao dong. Nhiéu hoc sinh dé hi sinh trong su nghiép bao vé 16 quoc. da i

Hiéu trudng thanh Anh hung. Ligt si va co lict si duoe dat tén mot dusng pha Ha Noi.
Bui Hivu Ninh  Ti 1¢ 101 nghiép THPT gan 100% vi khoang gan 80% vio cdc truimg

Bar hoc, Cao dang.

* Mot trong nhitng
trudmg co diém tuyén
sinh cao nhit thinh
pho va ludn o 1op dau
co 50 luong hoc sinh

gioi Thanh pho va

Quoc gia.  Trutmne
gianh  nhiéu  huy

nhit lanh dao va quan
I cua nganh GD-D

e To todn cla
truting gom hon 20
Cac giao vién to toan GY, cd 3 Thac si

truong THPT Viét Dire, Ha Néi Foan, ludn luén i o

l.ao dong xuil sac.

. Nhi¢u thay co day

todn xudl sac nhu: thay Hoang Ching. Vi Tudn, Vu Binh, Dang Trin Thai, ¢6 Vi Thanh Nga... Ti lé tot
nghiép bo mon loan hang nam vao top cic trudng din diu thinh pha. Nhiéu hiéu truong cia trudmg 13

nhiing gi1ao vién truong thanh tir to Todn.

e Trutng licn tuc la trudng Tién tién xudl sic va da duge thudng Huan chuong Lao dong Hang Ba., nhiéu
cd va bang khen vé cdc phong trio to chiic cia Ding, Céng doin, Poan thanh nién...

® Tir nam hoc 2000-2001 wuéng da chuyén doi manh vé moi mat, chuidn bi cho giai doan tré héa thé he
lanh [TL.]U Vil Eldll \'i\_'[], luon ludn vuat 1én r]‘_l_!j khé khan, ]1h;-,|: dau cho muc tiéu

"PHAT TRIEN - ON DINTI - BEN VONG".
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