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BON MUO1 NAM ' OP CHUYEN TOAN DAU TIEN

TRAN VAN NHUNG* _
HS Chuyén Toan khéa 1 (1965-1967) Trieong DH Tong hop Ha Ngi

Vao mot ngay thang 9 ndm 1965 t6i dd may man nhan dugce sidy
goi vao hoc Lop Chuyén Toan khoa 1, truomg Dai hoc Tong hgp Ha
No6i (DPHTH HN), donha Toan hoe, Gido su, Phé Hiéu truong Lé Vin
Thiém ky. Tir mét vung qué cua huyéen Hai Hau, tinh Nam Binh, t6i
da vé Ha Noi tap trung ciing cac ban minh thanh mdt 16p gom 38 hoc
sinh va da di ngay 1én khu so tan cua truong PHTH HN tai huyén Bai
T, tinh Bac Thai (ki hi¢u lue so tan la A,). Ching toi duge trigu tp
tir nhiéu tinh, thanh pho trén mién Béc, trong do co ca nhimg hoc sinh
mién Nam theo gia dinh tdp két ra Bac. Cac ban hoe cung ldp Chuyen
Todn véi t6i nay d tro thanh cic nha khoa hoc, nha gido, nha guan i
cé uy tin, hodc nha kinh doanh thanh dat. Khong it ngudi da truc tiép
cdm sung ra trin chong My ciru nude va o ngudi da hi sinh.

(Xem tiép trang 4)

* GS. TSKH. Thir truong Bo Gigo duc va Do tao, Chu nhi¢m Bé mon Toan Sinh, Khoa Toan-Co-Tin hoe,
Truéomg PHKHTN- DHQG Ha Noi.

Sach méi Tieng Anh danh cho Tiéu hoc:
LET'S LEARN EI GLISH

Hay hoc tiéng Anh cling véi cac
ban Nam va Mai trong sach

Let’s Learn English!

Pay la bo sach tiéng Anh dugc
bién soan theo chuong trinh mdi
duge ban hanh cha Bo Gido duc va
Dao tao.

Bé sach dugc thiét ké theo phong
céch hién dai, két hop véi tranh anh
minh hoa ngd nghinh, tinh té, rat
hip dan véi cac em hoc sinh tiéu
hoc. .

Nha xuét ban Gido duc hop tac véi Nha xudt bdn SNP Panpac Singapore xuét ban bg sach nay.
Cac S& Giao duc - DPao tao, cac Céng ty Sach - Thiét bi ¢o thé dat mua tai:

Ha Néi: Phong phét hanh SGK, 187B-Giang Vo
DT: (04) 8562011 Fax: (04) 8562493
Pa Ndng: Phong phat hanh SGK, 15-Nguyén Chi Thanh
PT:(0511) 894504 Fax: (0511) 827368
TP Hé Chi Minh: Phong phat hanh SGK, 231-Nguyén Van Cit, Q5
DT: (08) 8358423 Fax: (08) 8390727

D bl DG VA (A A

Ex};';“’ﬂ“‘* e I AT

Ty

DA PHAT HANH
TUYEN CHON THEO CHUYEN PE TOAN HOC VA TUOI TRE (QU YEN I)

(xem tiép trang 13)
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KIOT CHUYEN TOAN - TIN, BHKHTY - DHQG HA NOI
BON MUOI NAM XAY DUNG VA TRUGNG THANH (1963-2005)

Cho dén nay, Khéi da dao tao duge 3000 hoce
sinh ena 40 khoa chuyén Toan va 11 Khoa
chuvén Tin. Nhiéu hoc sinh da trd thanh
Hlfnt (S, TSKH diu nganh ; nhiéu nguoi da
dang gilt trong trach tai cac Bg, cac Ttuem;:
1}1 hoe, cac \u in Nghién etu 16n, cac don vi
Kinh té mai nhnn cua dé it nude. Pac biét, mot
s6 hoc sinh cua I\hr i da dude trao tang cac gial
hunm, cao quy, co gia tri trong linh vue Toan
hoc ciia thé gidi.
MOT SO THANH TICH NOI BAT
MON TOAN
& 59 gidi Quoc t& vé Toan hoe (trong tong so
151 giai ma Poian hoc sinh Vi iet. Nam d: it
duge ta cac ki thi IMO tif nam 1974 dén
nam 2005,
< Dac bigt Khéi da danh duge 20 Huy chuong
Vang trong tong sd 30 Huy chudng Vang
ctia Poan Viét Nam vé mon Toan.

% (€6 4 hoe sinh dat Hu_\' chuong Vang IMO
hai nam lién 1a : Ngé Bao Chau, Pao Heai
Long, Ngo Dic Iuml Lé Hung Viét Bao

MON TIN HOC

Doan Viét Nam da tham gia 17 cude thi
Olympie Tin hoc Qut:t té va gianh dude tat ca
51 Huy chuong. Khéi chuyén Toan - Tin f|
dong gop 26 Huy chudng (3 Vang, 9 Bac,
Ping). Pac biét, em Nguvén Ngoc Huy hai
nam lién doat Hm chudng Viang.

CAC PHAN THUONG CAO QUY
< Huan chudng Lao dong hang Ba nam 1985.
< Huan chuong Lao déng hang Nhi nam 1995.
+ Huan chuong Lao dong hang Nhat niam 2000.
% Huan chudng Dac lap hang Ba nam 2005.

< Anh Hung Lao dong trong thai ki doi méi
nam 2005.

TRUNG HOC CO SO

Trong ki thi tuyén sinh 16p10 chuyén Toan -
Tin cua cac truong THPT Chu Van An, Ha
N&i va THPT Ha Noi - Amsterdam thang 7
nam 2005 cd bai toan sau :

Bai todn 1. Cho hinh vuong ABCD va
2005 duing thing thoa mdn dong thdoi cdc
tink chdt sau:

i) Méi duimg thang déu cat hai canh déi cua
hinh vuong;

i) Moi duong thang déu chia hinh vubng
thanh hai phan co ti so dién tich bang 0.,5. d

Chitng minh rdng trong 2005 duong thang
¢6 it nhdt 502 duong dong quy.

Pay la mnt bai toan hay, song dang tiéc so
thi sinh gial duge bai toan nay khong nhiéu,

mn\va
A CDUNCITHANCIDONCIOUY

QUACH VAN GIANG
(GV THPT Chu Vin An, Ha Noi)

nguyén nhéan chi yéu 1a do cac em hoc sinh
khéng c6 théi quen phén tich tim toi loi g1a1
bai toan. Trong bai viét nay ching toi muén
trao d6i mét hudng khai thac bai toan 1 dé tir
do dé xuat mot 1dp cic bai toan mdi.

Trude hét ta trinh | g i
bay cach giai bai I I
toan 1. : =

Bude 1. A o & {
|
|
i

Dat AB=AD=qa. i e o PR
Goi EF, HK 1a hai Ne
truc doi xiing cua
hinh vuéng ABCD |
ma EF /{ AD vi D F
HK I/ AB (h.1). Gia Hinhl
a1t mdt dl.rdm,
thing cit cac doan thing AD, BC, EF lan lugt
tai G, JJ, M sao cho Sgpey = 2846 - T d6 co

https://tieulun.hopto.org



-

https:rwww. facebook com/detrungldenmath

hﬁps .szre.'; goo,qé’e com/site/ é’ermngfaenmark

DG + CJ = 2(AG + BJ) hay (@ —AG) + (@ — BJ)
= 9AG + 2BJ. Tit d6 AG + BJ = %“ Ty

EM = % . Suy ra M la diém ¢ dinh. Ly diém
N trén EF, cic diém P, @ trén HK sao cho
EM =MN = NF = HP = PQ = QK = - E . Lap

luén tuong tu nhu trén thi ede dwdng thing
théa man diéu kién cia dé bai phdi di qua mot
tmngbondxemcod’mhM N, P, Q.

Bude 2: Theo nguyén tdc Dzrmhﬂet W 2005
du’ung thing théa mén diéu kién cua dé bai

phai ¢6 it nhit 502 = [20‘:)5

]+1 duding thang

di qua mét trong bon diém trén, nghia 14 502
duimg thing dé déng quy.

Véi § tudng nhu 6 hai budc trén ta c6 thé xay
dung mt ldp eéc bai toAn mdi nhu dudi day.

Bai todn 2. Trén mdt phing cho hinh
vudng ABCD vdi AB = a va 2005 duong thang
théa méan dong thoi cde tinh chdt sau:

i) Méi duimg thang déu cdt hai canh lién tiép
cua hinh vuéng;

it) dxy = alx+y), trong dé x, y la khodng
cdach tie danh chung ciia hai canh bi cdt dén
hai giao diém.

Chiing minh rang trong 2005 dudng thing
¢6 it nhat 502 dudng thing dong quy.

Loi gidi. Gia sit duong thing d cit AB, AD,
AC 1an lugt tai M, N, P va thoa man gia thiét
voi AM =x, AN =v. (h.2).

Ta c6: Sy = % va

e
A M / B

S = Sapr + Sapn

3 )
= {x+y).AP.l’§. 4
4 0
Tu do suy ra ;
N b R
dxy = 2J2(x+¥)AP . /
w1 o] ‘I')
Theo gia thiét Hinh 2
4xy = a(x+y) suy ra
a\lr P " - -
AP = == Do @ P la trung diém cua AO,

trong dn O 1a trung diém ctia AC.

Nhu viy néu d 1la mét trong 2005 dudng
thiing thoa man yéu cAu bai toan thid phai di

qua mgt trong 4 diém PQRS (lan lugt 1a
trung diém cac doan thang OA, OB, 0OC, OD.
Do db theo nguyén tdc Dirichlet suy ra trong
2005 dudng thang c6 it nhat 502 duong thang
cung di qua mét diém.

Bai toan 3. Trong mdt phing cho hinh
vubng ABCD. Mét tam gidc duge goi la ndi tiép
hinh vubng néu ba dinh cia tam gidc nam trén
ba canh hinh vuéng. Ching minh ring trong
6015 duimg thiang chita cdc canh ctia 2005 tam
gidc déu cung néi_tiép hinh vubng trén co it
nhdt 502 duong thang dong quy.

Léi giai. Nhan xét : Mot tam giac déu noi
tiép hinh vudng thi ¢6 hai dinh nim trén hai
canh dé1 dién cua hinh vubng con dmh thit ba
nim trén canh con lai. Do d6 vdi méi tam gla{:
déu ndi tiép hinh vuéng thi c6 mét canh noi
hai dinh nim tren hai canh dd1 dién (con hai
canh mn lai néi hai dinh nim trén hai canh
ké) cia hinh vuéng. Vay trong 6015 dudng
thang chia cac canh cua 2005 tam glac co
2005 dudng thing cit hai canh d6i cua hinh
vuéng.

Xét tam giac déu
MNP néi tiép hinh
vubng; gia st M € AB,
N e BC, P € AD (h.3).
Goi @ la trung diém
cua NP taco M@ L NP,
PA | AM nén ti giac
AMQP néi tlép, do dd

MAQ MPQ = 60°.

Chiing minh tucng tu
tacd MBQ = 60F, suy ra AMQB 12 tam gidc déu
nén @ 1a diém cé dinh.

Tudng tu dung cac tam giac déu CDR, ADS,
BCT nam trong hinh vudng thi cac diém R, S,
T ¢o dinh. Do vay trong 2005 duong thang
chia cac canh ctia 2005 tam gidc déu cit hai

canh déi1 eua hinh vudng c6 it nhﬁt 502 dudng
th:ing di qua mot trong bén diémQ, R, S, T.

Pé thit sde minh, cac ban hay gidi ciac bai
tap sau :

Bdi tdp 1. Cho tam gidc déu ABC vdi
AB = a va 2005 dudng thang théa mén cac
tinh chét sau :

i) Méi dutng thing cit hai canh cia tam
giac;

ii) alx+y) = 4xy trong d6 x, y 1a khoang cach

A M B

.nlll

I} C
Hinh 3

tit dinh chung ctia hai canh bi cat dén hai giao -

diém.
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DE THI TUYEN SINH LOP 10 HE THPT CHUYEN

TRUONG PHKHTN - PHQG HA NOI NAM 2005
MON TOAN

VONG 1
(Danh cho moi thi sinh. Thoi gian lam bai : 150 phut)
Cau L Giai hé phudng trinh Mot tiép tuyén chung trong cua hai dudng
s tron cit AR tai I, tiép xic véi (0) tai C va (O)
{x+f+x;; 7 tai D. Biét ring C nam giita ] va b.
Xy =2 1) Hai dudng thing OC, O'B ciit nhau tai M.

Cay II. Giai phuong trinh
x+4vx+3+2v3-2x=11.

Cau III. Tim nghiém nguyén cua phudng

trinh
22+ 17y + 34xy + 51(x + y) = 1740.

Cau IV. Cho hai dudng tron (0), (O) nam
ngoai nhau cd tam tudng dng la O va O". Mit
tiép tuyén chung ngoai cua hai dudng tron
tiép xuc vdi (0) tai A va (O tai B.

Chiing minh riang OM > O'M.

2) Ki hiéu (S) la duong tron di qua A, C, B va
(S 1a duong tron di qua A, D, B. Duong thing
CD cit (S) tai E khac C va cat (S”) tai F khac
D. Chitng minh rang AF vuéng géc véi BE.

Céau V. Gia st x, y, z 1a cac s6 dudng thay
doi va thoa man diéu kién xy’2® + 2%z +y = 32%
Hay tim gia tri 16n nhat cta biéu thiie

4
¥; z
1+2*(x* +97) ‘

VONG 2
(Danh cho thi sinh vdao chuyén Todn, chuyén Tin. Thoi gian lam bai : 150 phit)

Cau VI Giai phuong trinh
2-x+V2+x+Vd-x® =2.
Cau VIL Giai hé phuong trinh
4y -xy’ =1
{ ax +y' =4x+y.
Cau VIIL. Gia si x, y 14 nhiing s6 khong 4m
thay déi thoa man diéu kién x* +y* = 1.
1) Chitng minh ring 1 <x+y < V2.
2) Tim gia tri 16n nhét va nho nhit cta biéu
thitle P= J1+2x+,1+2y .

Cau IX. Cho hinh vuéng ABCD va diém P
nam trong tam giac ABC.

1) Gia st BPC = 135°. Chiing minh ring
2PB? + PC? = PA®,

9) Céac dudng thang AP va CP cét cac canh
BC va BA tuong ing tai cac diem M va N. Goi
@ 1a diém déi xing véi B qua trung diém cua
doan MN. Chitng minh riing khi P thay d6i
trong AABC, dudng thing PQ luén di qua D.

Cau X. 1) Cho da giac déu (H) co6 14 dinh.
Chiing minh ring trong 6 dinh bét ki ctia (H)
ludn b6 4 dinh 1a cAe dinh ctia mét hinh thang.

9) C6 bao nhidu phén s8 t5i gian = 16n hon
n
1 (m, n la cac s6 nguyén duong) théa min
mn = 13860.

@ Ching minh ring trong 2005 dudng thing

d6 c6 it nhit 665 duong thing déng quy.

Bai tap 2. Trong mit phing cho luc giac
déu ABCDEF véi AB = a va 2005 dudng thang
thoa méan cac tinh chat sau :

i) M3i duong thiing déu cit hai canh ké ctia

luc giac déu ;

ii) a(x+y) = 8y trong dé x, y la khoang cach
tit dinh chung ctia hai eanh bi céit dén hai giao
diém.

Chitng minh riing trong 2005 dudng thing
d6 c6 it nhit 339 dudng déng quy.
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BON MUGI NAM... (Tiép theo bia 2)

Vé lich str hinh thanh cua thui chuyén Toan
(DHTH HN), toi duge nghe ké lai rang: ¥ tuomg
déu tién ve vige mo Lop chuyén todn ndy thudc
vé GS. Hoang Tuy, nguyén 1a Chu nhiém khoa
Toan, Truomg DPHTH HN, trén co so tham khao
cach lam cua Lién X0 (ct) va dugce sy ung ho
manh mé cua cd GS. Toan hoc Lé Vian Thiém,
Phé Hiéu truong; cua cd GS. Nguy Nhu Kon
Tum, Hiéu trudng; cua co GS. Ta Quang Buru,
Bd truong BO PH va THCN va cua co Thu
tuémg Pham Van Dong, ngudi ma khi con song
ludn ludn da hi sinh. quan tm dén gido duc, noi
riéng la viéc ddo tao hoc sinh gioi. Luc dau, 1op
nay duoc goi la “Lop Toan ddc biét”, sau duogc
déi thanh “Lop Toan du bi”. (Néu diéu 101 nghe
duge trén diy co diéu gi chua thit chudn xac,
mong ban doc théng cam cho téi, mdt hoc 1ro).
Viéc ra doi cua Lop chuyén Toan ddu tién nay
vio nim 1965, gifra lie cude chién tranh chong
My ctru nude cua ching ta bude sang giai dogn
vd cang khde ligt trén ca hai mien Nam, Bic,
cang chimg 10 thém sy quan tam to 1on dén giao
duc cita Pang, Nha nudc va Bac Ho kinh yéu.
MGt ndm sau khi ra ddi cda Lop chuyén Taan,
truomg DHTH Ha Noi, cac 16p chuyén Toan tai
Khoa Toan, truomg DH Su pham Ha Noi, va
Khoa Toan, truong PH Su pham Vinh va mat
s6 noi khac nhu Ha Noi, Hai Phong, Nam
Dinh,... da duge mo, dé timg budc sau 40 nam
c6 duge mdt hé thong cde truong, Iop chuyén o
bac THPT, trong ca nude khong chi cho mon
toan ma nhiéu mén hoc khac, Cing can phai
noi thém ring, moé hinh va thiét ké 16p chuyén
Todn (L&p Todn dac biét) dau tién, mgc du con
rit by ngd, nhumg ciing rat khoa hoc va chu
truong dio tao hoc sinh kha toan dién. Duong
nhién cde man toan nhu dai so, hinh hoc, lugng
giac, logic todn, toan hoc hiru han,... duoc day
rat bai ban va ndng cao, chuyén sau hon so voi
mirc phé thong boi cdc gido su, cdc nha toan
hoc tré tai ba luc d6 nhu: Hodang Tyy, Phan Puie
Chinh (nguoi nhidu ndm dan cic doan di thi
Olympic Toan Quoc té), Hoang Hi Dudng
(da mat), Nguyen Thira Hop, Nguyén Bdc Vin,
Lé Minh Khanh, Nguyén Viét Phu, Nguyén Duy
Tién, Pang Hitu Dgo,... nhung cac mon hoc
khac nhu Li, Hoa, Sinh, Vin, Su, Dia, Triét
hoc, Ngoai ngit,... ciing dugc cdc thay ¢ giao
tlt céic khoa cia truong PHTH HN luc d6 & khu
so tan huyén Dai Tir, tinh Bac Thai, sang day.
Vi thé, khong chi c6 mén toan_ma ke ca cac
mén khac toan cling dugc day do rét toan dién,

nghiém tic va sau sic bai cac chuyén gia co uy
tin cua truong DPHTH HN. Rieng ki néng thi cu
vé toan thi ngdy ay chung t6i chua dugc 1oi
luyén tot nhu cac do tuyén Olympic todn Quoc
gia va Quoc té sau nay.

Ngudi thay Cha nhigm Lop Chuyén Toan
khoa 1 cua ching t61 ngay ay la thay Pham Van
Piéu (di mat), nguyén la mét hoc sinh mién
Nam tdp ket ra Béc, mot con ngudi rat tim
huyét va tan tuy voi hoc tro. Khoi pho thong
chuyén Toan - Tin ¢ dugc thanh tuu xudt sic
sau 40 nam phét trién 1a nhg cac bac thay tién
héi noi trén va nhé su tieép noi cua nhiéu the he
cac nha quan 1y cua truomg PHTH HN, cua cac
Ban Chi nhiém Khoa Toan - Co - Tin hoc, cac
nguyén Chu nhiém Khoa GS. TS. Phan Van
Hap, GS. TS. Hoang Hituw Nhut, GS. TSKH.
Neuven Duy Tién, PGS. TS. Pham Trong Ot
GS. TS. Dang Huy Rucn va Chu nhigm Khoa
hién nay GS. TSKH. Pham Ky Anh, cla cac
Ban Chu nhiém Khoi, cac thay co gido, can bo
cong nhin vién va hoc sinh. 0 A TS. Fham
Tan Dwong, PGS. TS. Lé Dinh Thinh, GS.
TSKH. Negmvén Van Mdu, Hiéu trudng trudng
PHKHTN, PHQG HN, PGS. TSKH. fang
Hiing Thing (ci hai gido su nay da nhicu lan
dAn cac doan hoc sinh di thi Olympic Toan
Quoc t€), TS. Nguven Vit Lwong, Chu nhiém
Khéi; cdc Phé Chu nhigm Khoi: ThS. Pham
Van Himg va Lé Dinh Vinh; cac nguyén Pho
Cha nhiém Khoi: Dang Thanh Hoa vi Pham
Déing Long; cic thay nhu TS, Nguyén Xudn My,
Pham Quang Pirc, Phan Cung Duic, ThS. Pd
Thanh Son. ThS. Nguyén Van Xoa (hoc sinh
chuyén toan khoa 1), cing nhiéu thay co gido
todn va cac mén hoc khic da cé dong gop quan
trong cho sy phat trién cia Khoi.

Thim r}mﬁt thé ma da 40 nim trdi qua (1965-
2005), ké tir ngay thanh ldp Lap chuyén Toin
ddu tién (khoa 1) tai Khoa Toén, truong PHTH
HN, nay la Khoi chuyén Toén - Tin thudc Khoa'
Toan - Co - Tin hoe, Truong DHKHTN,
DHQG HN. Ciing ¢ thé xem day la cai moc
dAu tién cua hé thong cac trudng, lop chuyén ve
Toan, Tin, Li, Hoa, Sinh, Ngoai ngt, Vin,... &
hic THPT trong ¢a nudc, t Trung wong den
cc dia phuong, va ndi riéng 12 cdc khai chuyén
Toan - Tin, Li, Hoa, Sinh tai PHQG HN. Chu
trirong sang suot va tim nhin xa nay cua Ding
va Nha nude, cua Bo Giao duc va Bo Pai hoc
va Trung hoc chuyén nghi¢p lic do (nay la B
GD&DT), cia truong PHTH HN va khoa Toan
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cia Trudmg, 14 tién dé tao ra mot nguon nhén
luc chuyén sdu c6 chat Il.rcmb cao véi nhiéu thé
hé hoc smh, sinh vién va cdc nha khoa hoc, nha
hoat dong xa héi, nha quan ly, doanh nhan,...
ning déng, tai nang, dong gép ximg dang cho
sur nghiép xdy dung, bao v¢ T6 qudc va Cong
nghiép hoa, Hién dai hoa dat nude. Viée ra doi
hé thong cac trudomg, 16p chuyén nay ciing gop
phan tryc tiép ndng cao chat lugng va thanh tich
cua cdc ky thi hoc sinh gioi Quoéc gia (da duoc
khan ‘{LI(.'J'TI!: tlr nam 1961), cua cic doan hoc
sinh 5101 Vi¢t Nam tham gia cic cudc thj
Olympic Quoc té tir nam 1974 cho dén nay vé
toan, tin, li, hoa, sinh, ngoai ngit,... That dani,
tu hao voi bang thanh tich day an tugng cua cac
dodn hoc sinh Viét Nam di dy thi Olymplc
Québe té & cac mén khac nhau. Riéng cic doan
Olympic Toan hoc Viét Nam di dy thi quuc té
tir ndm 1974 cho dén n: 1y ludn dugce xép (mic
di khéng chinh thu;} vao top 10 (top ten) nude
manh nhat trén thé gioi. Dic biét la ndm 2004,
tron 30 nam ké tir lan ddu tién Viét Nam du thi
Ol\mplc todn qudc te, ta gui 6 em di dy thi tai
Hy Lap va da gianh dugce 4 Huy chuong Vang
va 2 Huy Lh'LI'O'I'IE_. Bac. Ki luc nay cua doan Viét
Nam chi sau cdc doan Trung Qum: Nga va My.
Ciing can phm noi thém riang, Khm chuyén
Toan - Tin va cac khoi chuyén khéc cua Fru:m 1
DPHKHTN, BHQG HN, la mdt trong nhimg cor
s& dao tao cung cdp nhiéu hoc sinh tham gia cac
doan cua Vigt Nam di thi Olympic Qube té va
gianh dugc nhleu Huy :.huun_a; Ving, Bac,
Dong. Trong sb cac hoc sinh cia Khi chuyén
Toan-Tin, PHQG HN, gianh duge Huy chuong
vang Olympic Todn Quoc t& c¢c6 TSKH. Ngo
Bao Chdu (sinh nam 1972), GS. PH Paris Sud,
ngudi duge trao Giai thuong Todn hoc Clay
2004 cung v&i GS. Phap G. Laumon, vira dugce
Héi dong Chire danh GS Nha nudc phoné dic
cach (nao s cua Viét Nam nim 2005. Vi
truyén thong va thanh tich xuat sic ctia 40 nam
truong thanh va phat trién, trong ndm 2005
Khér chuyén Toan - Tin da dugc t:“mg thudng
Huan chuong Pge ldp Hang Ba va danh hiéu
Don vi Anh hiing thai ki d6i mai. Céc thay, ¢
gido va hoc sinh chuyen todn tir trung wong dén
cic dia phuong ciing la nhitng ban doc va cong
tdc vién rat nhlf;t tinh va d'lc lye cua Tap chi
“Toan hoc vé Tudi tré” (sé dau tién ra doi vao
thang 10 ndm 1964), ma GS. TSKH hguven
Canh Toan 12 mt trong cac sang ldp vién ddu
tién va lién tyc nhiéu nam la Tong bién tép.

Trong 10 nim gan ddy, khi tham gia vao céc
hoat dong hgp tac quoc t€ vé gido duc, dio tao,

tai da truc llep cung cac doan khach qudc té va
ASEAN vé tham Khoi Pho thong chuyén Toan
- Tin va céc truong, l&p chuyén & Ha Noi, TP.
H6 Chi Minh va cic dia phuung khac va co dlp
dugc trye tlep nghe cac y kién danh g,la rat tot
dep vé chit lugng cao, vé trinh do qude té cua
hé théng dao tao tai nang nay cua chung ta. Mot
s0 nuéc ASEAN, Trung DDI]}D va Chéu Phi da,
dang va s& dén tham, tham khao kinh ngjhu:m
cua Viét Nam, giri gido vién, hoc sinh, sinh vién
sang ta hoc tap, nhin tai liéu, sach gido khoa va
moi gido su, gido vién cua ta sang giang day,
lam chuyén gia. Bay |4 nhimg tin hiéu tot,
nhung_, dé co thé doén nhdn duoc nhitng co hoi
md&i, ban thin ching ta cling cédn phal co s
chuan bi khan truong va nghiém tic vé trinh do
tieng Anh, tiéng Phap, va sir dung Cong nghg
Thong tin. Dé ¢ thé giang day tot, can phai
dich va bién soan dugc sach gido khoa hién dai
h.mruJ tieng Anh, Fhap can phm dich cac tuyén
tap ‘bai thi va 101 giai cua cac ky thi Ulvmpic
ﬁum cla, qum €, cia Tap chi “Todn hoc va
Tuéi tré” gan nira thé ki qua ra tiéng Anh, tiéng
Phap lam tai li¢gu tham khao va dc lam
marketing.

Nhimg viéc lam trén day ciing la dé thiét thyc
gop phan lam tot vai trd nuwde chi nha Viét
Nam dang cai t6 chire Olympic Vit li Chau A
(APhOS) 2004, va chuan bi ding cai Olympic
Todn Quéc té (IMO) 2007, Olympic Vit i
Quéc té (IPhO) 2008 va nhiéu cude thi Qudc té
va khu vuc khac.

Gan day, khi tryc tiép chi dao PHQG HN
phdi hop vai Bé Gido duc va Dao tao va cac co
quan khac xdy dung va trién khai Dy an phat
trién nhén tai KHCNI lanh dao, qudn li va kinh
doanh, PGS. TS. Trdn Dinh Hoan, Uy vién B
Chinh tri, Bi thu Trung wong Pang, Trudng ban
Tu chirc Trung uong, va TS. Phum Gia Khiém,
Uy vién Trung wong Pang, Phé Tha tuéng
Chinh phu, ciing di danh gia rat cao bc day
thanh tich va kinh nghiém dao tao cua hé thong
céc trudng, lép chuyén trong cd nude. Chu tri
Tiéu ban xdy dung Dy 4n ndy la GS. TSKH.
Dao Trong Thi, Uy vién Trung uong Dang,
Giam d6ée DHQG HN, nguyén 1a hoc sinh
chuyén Toén khéa 2, truong BPHTH HN.

Khi 6n fai ching duong 40 nim cua Khdi
chuyén Todn - Tin, truémg DHKHTN, BHQG
HN, ching ta tw hdo va rit ra bai hoc kinh
nghi¢m cho viéc dao tao chat lugng cao ¢ béc
Trung hoc phd théng, Pai hoc va Sau dai hoc
trong nhleu linh vue, trong thai ki héi nhap
Qudc té va canh tranh manh m& hién nay.
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Trudng hop 1: Cac bién bi rang budc
Bii todn 1. Gid sit x,, X, ..., X, la cdc so"th;ﬁc

duong théa mdn diéu kién Z =1.
1+x;

Chiing minh réng Tz, < :
H (n-1)"

Gidi. Tii gia thiét va ap dung BDT Cauchy,
viik=1,..,.ntacd:

n-1

1 X
= (n—-1 | |—
1+xk 1+:|q,z 15,% 1+;:cil L lsicn 1+
ivk ik

Nhan theo titng vé n BDT trén, ta thu duge
n n 1

>(n-1)" <] |x <
J!:!1+:rJb H 1+x; [1[ (n-1)"
(diéu phai chiing minh).

Mbt s6 truong hgp dic biét cua BDT trén lai
la cac bai tap khé néu chiing minh trye tiép.
Chéng han nhu cac bai toan sau diy.

Bai todn 2. Gid siz a, b, ¢ la cde s6 thue
dutong thoa man diéu kién

a’ 2h .3e
+ + =
I+a 1+b 1I+c

Chitng minh ring ab’c® < —

5%

Gidgi. Ap dung két qua bai toan 1 véi diéu
kién a+b+b+c+c+c=1ta
1+a 1+b 1+b 1l+e¢ l+c l+c

thu dude a.b.b.cce < El (diéu phai chitng minh).

O bai toan 1, néu dat =y; thi x=—"—.
1+ 1—3";
Ta c6 bai toan sau :

MGT ONG DUNG CUA BAT BANG THiG CAUCHY

NGUYEN VU LUONG
(GV khéi PT chuyén Todn —Tin
PHKHTN -PHQG Ha Noi)

Khi xdy dung cc bat déing thitc (BDT), néu coi cac biéu
thie la cic bién sd trong cac dang cia BDT Cauchy chiing
ta s& thu duge n]ueu BDT mdi. ’I‘mng bai nay ching téi
néu tng dung cia BDT Cauchy dé chiing minh mét s6
BDT c6 bién rang budc bdi mot hé thic hodc cac bién
khéng bi rang budce bdi hé thide nao.

Bai todn 3. Gid st x}, X, ..., X,, la cde s6 thue
duong théa man diéu kién Y x;=1. Chitng
i=1
1
minh rd ;
i H 1-x; (’n f)"

Bai toan 4. Gia sit a, b, ¢ la cde s6 thuc
duong théa man diéu kién a + 2b + 3c = 1.
Chitng minh ring (1-a)(1-bf(1-c)° >5ﬁa62 ¥

Giai. DatA= —a—,B— 8 , 0= —tach

1-a 1-b’ 1-¢
e B OG0
1+4° 1+B’~  1+C’

Ap dung bai toan 2 suy ra diéu phai chitng minh.

Trudng hop 2: Cac bién khong bi rang
bude

Bai todn 5. Gid st a, b, ¢ la cdc 50 thuc
dudng, chitng minh rang

ﬂa+’b +ic S
b+e VNe+a a+b

Gidi. Ap dung BDT Cauchy, ta c6
a+(b+e)z 2Jalb+e) <

Tuong tu, ta thu dude

fb 2 2b g 2¢
c+a a+b+e’ \Ia+b_a+b+c'

Dau biing cia ba BDT trén khong thé dong
thoi xay ra, vikhidocoa=b+e¢, b=c +a,
e=a+bnéna+b+c=0 (trai vdi gia thiét 1a
a, b, ¢ déu 14 s8 duong).

Tit do suy ra J - +\’ b +\/ R
b+c Ve+a a+b
Bai toan 6. Gid sz a, b, ¢ la cde sé thuc
dutong. Chitng minh rang

a+b+c

https://tieulun.hopto.org
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%} . +# o +i\ij A
btc Ve+a Va+b
Gidi. Dit Ya=a, ¥b= J_ Ye=y,ta

thu duge a=a®?, b =p>*? ¢ =2

Trude hét ta chitng minh 3—2— >
b+c
Ta co

(1)<

ﬁ+ ()

2 b
a 3

o 3 2
By T e
o B2+ + 3py(B+y) > b2 + ¢° + 2be
< 3Py(B+y) > 2bc 2)

Laico 3By(+7) = 6(By)** = 6bc > 2be.
Vay BDT (2) ding nén BDT (1) diing,

a b e
Su 3 1
i %jbﬂr +Jc+a +\/a+b B
= 5 d qul e n
B+y y+a a+fi

Bai toan 7. Guzswa b, ¢ la edc s6 thuc
duong. Chitng minh rang

J 2\} ¢ sl |
E:-+2c a+2c a+b+e

Giai. Sit dung BDT Cauchy ta c6

atbt+ec+d Z:QM
at+b+c+d EE\M
a+b+c+d = 2Je(d+ra+h)
a+b+e+d az\;’m

Bién déi tudng tu cAch gidi bai toan 5, ta
thu duge

| e

+ + + >2,
bte+d Ve+rd+a Vd+a+b Va+b+e
Chond =c, ta c6 BDT cén chitng minh.

Bdi todn 8. Gmswa,b ¢, d la ede s6 thue
duong. Chiing minh rang

Q=a,a +#b+q'c +dd>2
bte+d VNevdta Vd+at+h Vat+bic
Gidgi. Pat Ya=va, =g, Yec=r,
%{E=JE.Tachﬁngminh

3 g 3
b+ec+d }\/,6’+y+6' @
. a® a’®
That vay (3) < =
(b+e+d)® (B+y+6)°

S @F+yt @’ 20 +c+d)’

& (B+ 9"+ 07+ 3(Br(pHHO0

>b%+ ¢ + d? + 2(betred+db)

< 3PUB+ ) + 3RO+ P + 350 (0+ ) + 680
> 2(be + cd + db) (4

Ap dung BDT Cauchy, ta c¢6

3BHB+ 9 = 6(BY*% = 6be > 2be

340+ P = 6(60™ = 6bd > 2bd

36+ ) = 6(0)™ = 6ed > 2cd; 6510 > 0.
Suy ra BDT (4) ding nén BDT )(3) dung.
Viy ta thu dude

ool e
pry+8 \y+0+a \O+a+pf \a+p+y i

Ti két qua bai toan 8, ta thu dude BDT khé
hon sau day.

Bai todn 9. Gia si a, b, ¢ la cde 6 thue
duong. Chitng minh rdng
¢

3 +23 s
\/b+2c a+26 \/a+b+c

Céc ban hay xdy dung nén nhing BDT mdi
phtic tap hon bang cach su dung BDT Cauchy
vdi cae bién bi rang buge. Sau do lai dic biét hoa
cac BDT phﬁc tap dé sé e6 cac BDT mdi.

GIAI BAI ...(Tiép trang 26)

Nhin xét : Da s8 cic ban giai theo céch trén. Cac ban
sau day c6 loi giai tit 1a

Bic Ninh : Nguyén Trong Dam, Nguyén Xudn Nam,
Nguyén Minh Cuimg, 12 Li, THPT chuyén Béc Ninh ;
Thanh Hoé : Nguyen Bé Dudn, 11B2, THPT Hoding Hoa
II ; Tién Giang : Nguyén Vinh Phiie, 12A18, THPT Chg
Ga-:: ; Ha Tinh : Truong Tudn Anh, Li 12, THPT chuyén
Ha Tinh ; Khanh Hoea : Nguyén Ngoc Ki Nam, 11 Li,
THPT chuyén 1& Quy Dén, Nha Trang ; Nghé An :
Nguyén Binh Phugng, 11 G, THPT Nghia Dan ; Vinh
Phue : Vii Quang Hoa, 12A2, THPT chuyén Vinh Phuc ;
Hai Dudng : Lé Hodang Ding, 11 Li, THPT chuyén
Nguyén Trai ; Ha Néi : Bii Phi Anh, 12 Li, Nguyén Tudn
T 10 Li 1, THPT Ha Noi — Amsterdam.

ANH HOANG

POC LAI CHO PUNG

Trong dé bai T8&340 trong THTT s6 340 théng
10.2005 di c6 sai st d cau hoi cudi cing. Xin doc lai
nhu sau :

Tim lim {¥/f(n)} khi s6 ty nhién n din téi vd
han, trong dé ki hidu {x} chi phén thap phéin dudng
cta sd thuex (0 < {x) < 1).

Chén thanh xin 161 tac gia va ban doc.

THTT
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BAN GO BIET?
SO BAP BENH

(GV Ehoi PT Chuyén Todn —Tin,
DHKHTN - DHQG He. N6i)

Trude het aé y rang 1089x9 = 9801 tuc la
khi nhan s0 1089 véi 9 ta thu dude két qua la
s 9801, tiic 1a s6 ma céac chi s6 dur}c viét theo
thit tu ngude lai cua sé 1089.

Ta goi mot sb la so “bip bénh (Flip) néu khi
nhén so ' d6 vai 9 ta duge mot s6 cling ¢ cac chi
s6 nhu thé nhung viét theo thit tu ngudge lai.

Cau hoi dat ra 1a tim tat ca céc s6 bap bénh
¢6 n chil 86, Day 1a mét bai toan rét tha vi.

Dé dang thay ringvéin=1,n=2n=3dap
sb 1a tdp rong.

S5 F, = 1089 1a s6 duy nhét 6 bon chit 55 théa
man diéu kién dat ra. Cho n ting 1én ta thay:

e Véin = 5 thi sé F, = 10989 la s6 bap bénh
duy nhat,

« Véin = 6 thi s6 F, = 109989 la s bap bénh
duy nhat,

e Véi n = 7 thi s§ F, = 1099989 1a &6 bap

" bénh duy nhat.

bén day chitc cac ban da phat hién ra duge

mét quy tac viét sd bap bénh: Viét thém mot s6

tiry ¥ chit s6 9 vao gitta hai sé6 10 va 89 chung
ta sé ditoe moét s6 bap bénh (cach 1).
D6 1a st gdm n chii s6 ¢6 dang
F=1099..989.
i
 n-dchitsi9

Nhung day c6 phai la cach duy nhit dé tim
s& bap bénh khong ?

Dén day bai toan da biat diu hap déin.

Tiép tuc véi n = 8, ngoai s6 F; = 10999989
khong kho khan ldm ta tim thém dudc mot s6
bap bénh nitala: Fy=10891089.

Tu dé ta phat hién thém mét quy tdc viét
50 bép bénh nia: Viét mot s6 bap bénh tiép
theo chinh né sé cho ta mét sé bap bénh mdi
(cach 2).

Di xa hon mét chit nita, véi n = 9 ta ¢ hai
s6 bép bénh:

F,=109999989; Fy=108901089.

Véin = 10 ta c6 ba sd bap bénh:

F, = 1099999989;

F,, = 10890010889,

Hay dé ¢ dén s6 F,, ta lai rat ra quy tac viet
s0 bap bénh: Gida hai s6 bap bénh 1089 néu ta
viét thém mot s ‘tiry ¥ chit 860 ta s nhdn dude
mot so bap bénh mdi (cach 3).

D6 1a s6 gdm n chil 88 c6 dang

F=1089000...01089.
il
n-8chitsa 0

Ngoai ba quy tdc viét s6 bap bénh da néu

trén, liéu co con quy tic nao khac khong?

Véi n cang lon, s céc sb  bap bénh cang tang.
Sau day la B cAc s6 bap bénh ¢6 it hon 16 chi
86 ma chung téi da tim dugce:

« Vifin bing 4, 5, 6, 7 thi ¢6 1 sd bap bénh;

e Véin bang 8, 9 thi c6 2 s6 bap bénh;

« Véin biing 10, 11 thi ¢6 3 s8 bép bénh;

« Véi n bang 12, 13 thi c6 5 s& bap bénh;

« Vi n bang 14, 15 thi c6 8 s8 bap bénh.

Cée ban ¢6 nghi ring s6 cic so bap bénh lién
quan tdi diy Fibonacei khéng ?

Két qua cudi cing that tha vi:

Goi fin) 1a & cac s8 bap bénh ¢6 n chil s6

(n = 4), khi do: l ; e = ;al . \l
il ."‘ 1 " -1 f )_l

f(n)=u, =é§ = r)"' —|1 \D[ '

2 ,-" ) L ' e |

trong do {u,) (n = } la day Fibonacci:

wy=u=1Lu,=u, 1+.r,*:“_,\u|j1 mol n = 3, con
[x] 14 ki hiéu phan nguyén cua so thue x.

Viée chitng minh két qua trén, xin danh cho
ciic ban say mé thich tim to1 kham pha quy
luat vé céc so.

SE PHAT HANH

QUYEN PONG TAP CA NAM THTT 2005

Ban chua ¢é dn cac s6 THTT cd ndm 2005 ?
Han muén c6 di bé suu tap vé THTT ? Ban
mudn b lién tuc cac cudn dong tap ?

Ban cé thé mua cubn déng tap ca nidm
THTT tic 12 s6 trong nam 2005, ngodi c6 bia
edng. Sach c6 ban tir 1.2006 tai tda soan hodc
glti qua butu dién. Ban hiy lién hé véi dia chi

Tap chi Todn hoc va Tuéi tré
187B Giang Va, Ha Noi
DT:(04) 5144272,

Email : toanhoctt@yahoo.cam

Gia ban 1é mdi cudn 52000 déng. {Neu d xa
ban giti kém cude buu dién. Muén biét chi tibt
xin 1ién hé true tiép voi toa soan).

Tran trong cam dn.
THTT

https://tieulun.hopto.org
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HUGNG DAN GIAL BE THI TUYEN SINH LGP10 KO THPT CHUYEN
TRUGNG BAT HOC VINH, NAM 2005
MON TOAN

VONG I
Céaul.a)Taco

24 = \[16+2415 + J16-2v15

= JW15+1)? + J(W15-1)? =2V15,
dindén A= /15 .

b) Diéu kién -5 < x < 3. Phuong trinh (PT)
da cho tuong duodng vii
8+ 2J(x+5)3-x) =16, hay /(x+5)(3-x) =4
< —x% — 2x + 15 = 16 < x = -1 (thdéa man diéu
kién -5 <x < 3).

Lutu ¥: C6 thé sit dung BDT Bunhiacopxki
cho hai bd s8 (1, 1), (Vx+5,V/3-x) dé giai
cAu nay.

Cau2.Tacon’+17n=n’-n+18n
= (n-1)n(n+1) + 18n : 6, vdi moi n € N (dpcm).

CAu 3. Diéu kién x = 1. PT dé cho tudng
duong véi 4x° + (m - Tx —m =0 (1)

R6 rang biét thic

A=(m-T>?+16m=(m+ 17 +48 >0,Vm,
nén PT (1) va do d6 PT @i cho c6 hai nghiém
phén biét x,, x, khéac 1. Khi dé

(12, x5 1)? = (x, +2,)° —4x, %,

" (m—?)z m?+2m+49 (m+1)*+48
=|—| +m= = p
16 16

Suy ra gia tri nho nhit cia |x, — x,| bing
J3 dat duge khi va chi khim =-1.

Cau 4. Tu gia
thiét HAJ = HDJ
= 45", suy ra tit gide
AHJD néi tiép, tu
do AHJ =90°. Vay
tam giac AHJ
vuéng cin tai H,
e oy

Al 2
Xét tuong tu ta

B

V2

cling co %;-:-2— (2). Tz (1), (2) suy ra

HK AH 2
AAHK < AJI. Do d6 == X2
£ S A

Cau 5. a) (Ban doc ty vé hinh). Kéo dai 0,0,
cit dudng tron (0,), (O,) theo thit tu tai My, N,
thi AMM, = ANN, =90". Titd6 MN < M,N,
=2(R, + R,). Vay d6 dai 16n nhét cua doan MN
bing 2(R, + Ry), dat duge khi d = 0,0,.

b) Goi I, 1a trung diém cia MN,. Do R, > R,
= AM, > AN, = I, nim trong doan AM,. Vi
AAMM , <> AANN, nén AM > AN suy ra I nam
trong doan AM.

* Phan thudn: Ta cb

Al _IN-AN IM AN _AM-Al AN
AM AM AM AM AM AM

= __fA_JL_MT 2[£]=1-A£ (1)
AM AM AM AM
Al AN,
t: 2l —2-|=1 2 2
Fuing [AMD] AM, @
Do AANN, «» AAMM,, nén ‘;—A;f=$: , do
dé tir (1) va (2) suy ra j};;_ = i_f;ﬂ :

Do d6 Il /f MM, nén AIT, = 90°.

Vay I chay trén dudng tron dudng kinh Al

* Phén ddo: Do M, N khac A nén I khac A.
Lay diém I’ trén dudng trdn dudng kinh Al
trit diém A, dudng théng AI' cit (O,, R,) va
(O, R,) tai M, N'. Khi d6 LI'LM'N' = Il
AT Al Al AT
T () e T o e o Bl Ll T

NG S AM Y AN AN,

Suy raI' la trung diém M'N'.

* Két lugn: Tap hop I 1a dudng tron dudng
kinh AT, trit diém A.
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VONG I
Cau 6. Ta ¢6 19 = -1 (mod 10) va 6 1a

mot s& chin nén 195" = 1 (mod 10). Vay chil
b tan cing cua s8 dé cho 1a 1.
b) Dat n® - 14n - 256 =k* k € N.
o n-7-k"=305
Sh-k-TMNh+tk-T=
Xay ra cac kha niang :
1) n— k-7 =1 va n+tk=7 = 305, lic d6 n = 160;
2) n—k-7 = =305 va n+k-7 = -1, lac déd
n =-146 (loai);
Nn-k-T=5van+k-T7=61;lcdon =40,
Hhn-k-T=-6Blvan+k-T7=-5 licdo
n =-26 (loai).
Véy n = 40 hoac n = 160.
Cau7.PK: x>0,y >0.

Dat Vx =a >0, \/y =b>0.Tadugc hé

305 =1.305=5.61.

2
1=2b
% _i” = abla — b) = -2(a - b)
ab®+1=2a
<a-b=0wa,b>0). Thay viohétacd:
a=b>0 I
: Suyraeg=b=l;a=b= 1+V5.
a’ —2a+1=0. 2
Vay nghiém ctaa hé da cho la:
S et 8l
x=y=1; x=) .
Cau 8. - T gia thiét suy ra

A+ +et+3+1<ab+3b+2

l’;l

=

N e ” 1
= |la——| +3 Eal +(c-1)* <0.Suyra

b
2
gﬁu 9, a) Lay A
diém I trén doan
MC sao cho
MI =MB. Do

BMC = BAC
= 60° (cling chén
cung BC) nén
ABMT déu, do d6
MBI =60"va
BI=BM (1).

Vi ABC = 60°
nén MBA=IBC (2).
10

=%—l=c—1=0 haya=1;b=2;c= 1.

T (1), (2) va AB = BC suy ra AAMB = ACIB
(c.gc),dodo MA=1IC.

VayMA+MB = MI+IC=MC.

b) Do tinh binh dang cha cac cung AB, BC,
CA nén ta c¢6 thé gia thiét M thude cung nho
AB. Theocdua) T=MA + MB + MC = 2MC.

~DoMC<2RnénT<4RmaR= 2Y° Vay

3 1)
MaxT = 4‘{_ i M 14 diém chinh gitia cua
cung nho AB.

~ Khi M thuéc cung nhé AB thi MAC = 60°
= AMC nén MC > AC = a. Vay MinT = 2a khi
M trung A hodic B.

Két ludn: « Max(MA + MB + MC) = 4\’3 a,

khi M 1a diém chinh gida ctia cac cung AB, BC
hode CA.

¢ Min(MA + MB + MC) = 2a khi M trung vdi
mot trong cac dinh A, B hoic C.

Cau 10. Chia hinh vudéng ABCD thanh

25 hinh vudéng nhd cé canh bing 1—_4wwn
3]
(hinh dudi).

St dung
nguyén li
Dirichlet hoac
phudng phap
phan chiing :
suy ra ton tai i !
mot hinh
vudbng nho
IJKH chia 1 T
it nhat 4
diém trong s’
76 diém da
cho. Goi O la tim hinh vuéng IJKH. Ta c6

A ldem B

)

D &

cm.

T2
L= gcmnénIK— %ﬁcm:@!z
5

Nhan thdy dutng tron ngoai tiép hinh vubng
IJKH c6 tam O ban kinh OI chita tét ca cac
diém trong hinh wvuéng IJKH. Mat khac

7f

< 2 nén dudng tron tdm O ban kinh 2em

thr:ua man digu kién bai toan.

LE QUOC HAN
(GV khoa Todn, PH Vinh)
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LOI GIAI CAC BAI TOAN THI HOC SINH GIOI QUOC GIA THPT
BANG A—NAM HOC 2004 - 2005

(Tiép theo ki trudc)

NGAY THU HAI
Bai 4. Hay tim tdt cd cde ham s6 f xdc dinh
trén tap s6 thue R, ldy gid tri trong R va thoa
man hé thie
fifix —y) = flx).fiy) = flx) + fiy) —xy
vdi moi so thue x, y.
Lt giai. Gia sit R = R 1a ham s0 thoa mén
hé thiic cua dé bai, nghia la
fifx -y) = fx).fiy) =) + fiy) -xy - ()
vii moi x, y thude R.
Dat fi0) = a.
Thé x =y =0 vao (1), ta dude fla) = a’ @
Thé x =y vao (1), véi luu ¥ tdi (2), ta dude :
(f))=2*+a*, vx e R. (3)
Suy ra (flx)* = (ﬁ;—x})i, vx e R, hay
(flx) + l=)(flx) - flx)) = 0, ¥x € R. (4)
Gid st ton tai x, = 0 sao cho flxy) = fl-xy).
Thé y = 0 véo (1), dudc :
fife)) = afix) - flx) +a, Vx € R. (5)
Thé x =0, ¥y = —x vao (1), ta duge :
fifx) =afix) +—x)-a,vx e R (6)
Tix (5) va (6) suy ra :
a.(fi-x) - flx)) + flx) + flx) = 2a, Vx e R (T)
Thé x =x, vao (7), taduge : e =a (M)
Mat khac, tit (3) suy ra néu flx;) = flxy) thi
x? =x2 . Vi thé, tit (*) suy ra x, =0, trai vii gia
thiét x, # 0. Mau thuén chiing to fix) # fi-x),
vx = 0. Do dé, ti (4) suy ra
flx) = fl—x), Yx = 0. (8)
Theé (8) vao (7), ta dude :
a.(flx) - 1) =0, Vx £ 0.
Suy ra a = 0, vi néu ngude lai, a # 0, thi
flx) =1, Vi £ 0, tréi véi (8).
Do d6, tit (3) c6 : (flx))* =, vx e R. (9)
Gia st ton tai x, = 0 sao cho flx,) = x,. Khi do
theo (5) ta phai co
Xy :Lﬁxu} = —f{fxg) = —flcg) = o
Mau thudn chiing to flx) # x, vx 2 0.

VU DINH HOA
(DHSP Ha Néi )
Vi vay, ti (9) ta dude : flix) =-x, ¥x e R.
Ngude lai, kiém tra tryc tiép, ta thidy ham s6
tim dude d trén thoa man cac yéu ciu cha dé
bai.
Vay, ham s8 flx) = —x, x € R, 12 ham s duy
nhAt can tim.
Bai 5. Hay tim (dt cd cde bo ba s0tu nhién
(x, v, nJ) thoa mén hé thitc
J,'."'—-*}','r = 3|Ii ¥
n .'i
(Quy wde: 0! = 1).

Léi gidi. Viét lai he thic cla dé bai dusi
dang x+y!=3"n! (1)

* Gia st (x, y, n) 1a bo 6 tu nhién théa man
(1). De thé’gj phai ¢6 n = 1; va khong mét tong
quat, c6 thé gia st x <.

Khi d6 xay ra :

1) Truong hap 1: x <n.

n!

1
e 1+L=301
x! x!

(2)

Ta co:

N :
Suyra 1+ ‘)—1 = () (mod 3). T day, luu y rang
x!
tich ctia ba s nguyén lién tiép 12 mot sd chia
hétcho3van=1,suyrax<y<x+2.

+ Néu y =x + 2 thi tir (2) ta co:
|

1+ (x+1){(x+2)=3". E; : (3)
x!

Véi luu § ring tich ctia hai s6 nguyén lién
ti€p 1a mot s6 chia hét cho 2, tit (3) suy ra
¢ i i

— Néu n =x thi tit (3) ta dudc

1+ (+D(x+2) = 3" hayx* + 3 +3=3". (1)

Vix > 1 nén ti (4) suy ra x = 0 (mod 3). Do
do, phai cé x = 3. Khi d6, ti (4) ta co

~3=x"43c—3=0(mod 9).

Diéu v6 li nhan duge ching to n = x.

—Viin=x+1, t(3)tacod

1+ @+ Dx+2)= 3"+ 1).

Suy ra x + 1 la uéc nguyén duong ctua 1. Do

d6x=0,kéotheoy=2van=1

11
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+Néuy=x+1thitit(2)tacé:
x+2=3" _n,_' (5)
x!

Véicha § ring n > 1, tit (5) suy rax 2 1. Do
d6x+ 2 =1 (mod (x + 1)). Vi thé, ti (5) suy ra
n=x.Khido, ti(B)tacox+2=3 (6)

D& thy, c6 duy nhét gia tri x = 1 théa mén
(6), ta duge bd sb (x=1,y=2,n=1).

Vay trong trudng hdp nay, néu bd so tu
nhién (x, y, n) thoa méan (1) thi

(x,¥,n) = (0, 2, 1) hodc (x,y,n) =(1, 2, 1).
2) Truiong hop 2: x > n.
1
Taco: s Ea - g (7)
n! n!

Véiluu ¢ rdng n + 1 va n + 2 khéng thé
ddng thoi la cac lay thita caa 3, tit (7) suy ra

]
x=n + 1. Khi d6, tit (2) n+1+l;-=3” (8)
n.
.r

(n+l}‘
d6 c6 thé viét hé thie (8) dudi dang:
n+1(1+A)=3" 9

R6 rang, néuy = n + 4 thi A = 0 (mod 3); vi
thé, A + 1 khong thé 12 mét lity thita caa 3. Do
do, t(9)suyray<n+3.

+Néuy=n+3thiA= @+ 2)n + 3). Do d5,
tit (9) ta ¢ (n + 1)(1 + (n+2)(n + 3)) = 3", hay
n+2°-1=3". (10)

Suyran>2van+2=1(mod 3).

Di;itn+2=3k+1,k22.Khidﬁ,(1D)trEi
thanh Ok.(3k%+ 3k + 1) = 3%,

Suy ra 3k* + 3k + 1 la mot liy thita cua 3.
Diéu vé 1i vita nhin dude ching toy = n + 3.

+Néuy=n+2thiA=n+2. Do do, tit (9)

(n+Dn+3)=3" (11)

Vin + 1 van + 3 khéng thé dong thdi 1a cac
lity thita ciia 3 nén khéng ton tai n thoa mén
(11). Dodéy#n + 2.

+Véiy=n+1tacoA=1 Do dé ti (9 ta
duge : 2(n + 1) = 3". Rb rang, khong ton tai n
thoa man hé thite vita néu. Dovayy=n+ 1.

Nhu vy, néu bé sé tu nhién (x, y, n) vl
x <y, thoa man (1) thi khong thé c6 x> n.

e Tém lai, néu (x, y, n) 1a b s6 ty nhién thoa
man (1) thi &, » n) = (0, 2, 1) hoiic
G, y, n) = (2, 0, 1) hodie (x, y, n) = (1, 2, 1) hodc
(x,y,n)=(2,1,1).

Viyzxnény2n+1 DatA=

12

Ngude lai, kiém tra tryc tiép, dé thay tit ca
bén b s6 vita néu déu thoa man (1).

e Vay, bén bd sd néu trén 1a tit ca cac bd sd
cAn tim theo yéu cAu clia dé bai.

Bai 6. X¢t day s6 thuc (x,),n=1,2,3, .., xac
dinh béi: x; = a va x,,; = 3x ~Tx; +5x, vl
moin=1, 2,3, ... trong d6 a la mét s thy.

Hay xde dinh tdt cd cde gid tri cua a dé day
86 (x,) c6 gidi han hitu han khin — +e0. Hay
tim gidi han ciia ddy so (x,) trong cdc truong
hap do.

Lai giai. Xét ham s8 flx) = 3° - 72 + bx,
Khi d6, c6 thé viét hé thie xac dinh day (x,)
dudi dang x,,., = flx,) vdi moin=123,.

e Taco flix) = 9x 2 _ 14x + 5. T d6, ta 6
bang bién thién sau cua ham flx) :

x —00 i 1 ot
Fx)l Sl RV

: 2-5

flx) 243 \ /’

Vifl) —x =3 - T+ = x(x - D@ - 4)
nén

" flr)=x < x=0hodcx= lhoécx:% (1)

) Ax)<xkhix<0 (2)
* fix) > x Khix > % )
275 4

ta, d
Hon ntta, do fi0) = j"( ] 243 <= 3

nén tif su bién thién cia ham ftrén R suy ra:
*) Vi moi x € (—oo; 0) ludn c6 flx) € (o0, 0)  (4)
4

*) Vi moi x e[ ] ludn eb flx) € [ E] (5)

*) Vi moi xe (-g ; +oo) ludn cb flx) {5 ;+ao] (6)

Xét cée trudng hgp :

¢ Truomg hop 1: a <0, Khi do:
*)(4) = x, € (0;0), V21
*) (2) = x, = fly) <.
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Tit &6, do ham s flx) ddng bién trén khoang
(-0, 0), d& chiing minh duge rang day (x,) 1a
mét day s6 giam. Két hgp digu nay vdi (1), suy
ra (x,) la day hoi tu va nlim x, =a thi phai co

€ {O;I;E} vaa<a.
3

Vi a < 0 nén khéng thé cé s a théa man
déng thoi hai diéu kién néu trén. Diéu nay
chitng to day (x,) khong la day héi tu.

-Tﬁ*wéfnghgpz'a:}%.lﬂﬁdo:

i

4
(6 —: T Vnz1.
)():bxne(g-moj n

*) (3) = x; < flxy) = x,.

Tit d6, do ham s6 flx) dong bién trén khoang
/ .
' %;+00], dé dang chiing minh dude rang day
\
(x,) 1a mot day s6 tang. Két hop diéu nay véi
(1), suy ra néu (x,) 1a day hoi tu va lim x, =

n—s+x

thi phaico o e {0;1;%} vaa>a.

Via > % nén khéng ton tai 88 o thoa méan
déng thdi hai diéu kién trén. Diéu nay chitng
to day (x,) khong la day hoi tu.

o Truong hop 3: a = 0. Khi do, day (x,) 1a day

« Trutmg hop 5:0<a < %.Khidé, it (5) suy
4
ra x, E[U;E],VHE 14

%, 1| =18x2 - 7x2 +5x, 1]
= (x, -1)%.13x, -1, ¥n > 1. (7

Taco:

iz, E{D;%),‘v’nzlnén (851 <1

%n = 1. Do dé, tit (7) suy ra
1%, <1l <(x, -3, ¥nz L,

T do, bang quy nap theo n, dé chitng minh
dudge

%, -1] < (a-1)¥" ,vnz1l. @

Vi ace [0;%]11@11 la =1] < 1. Do dé

lim (ct—l)?u

—x

la day héituva lim x, =1.

n—+m

7= 0. Vi thé, tit (8) suy ra day (x,)

o Vay, tom lai, day (x,) 1a day héi tu khi va
chi khi ae[o;:ﬂ . Va khi 6

*) lim x, =0 véia=0;

e
; - 4
*) lim x,=— néug = —;
L=+ 3 3

*) lim x, =1 néu ae[O;%].

hang : x, =0, ¥n = 1. Vi vay, (x,) la day hoi tu s : .
va lim x,=0. e Chu y. Cé thé khdo sat su iu_n tu cua day
R—b+w0 = 4
. 4 M . (x,), trong truong hap ae((};—- bang cdch
o Truimg hap 4:a=§.fﬂudo,day{x,:)1a h 3)
; 4 khdo sdt tinh don diéu va bi chan cua no. Tuy
ay hing:x, = = ,Ynz 1. Viva la da i S i
oo & % i Vi vay, () Y nhién, viée khdo sdt theo cdch do sé phic tap
héituva lim x S5 hon viée khdo sdt theo cach da trinh béay trong
/ v n Folps ety ~
Hx i lot giai trén.
i (Tiép theo bia 2)
Tuyén chon theo Chuyén dé Toan hoc va Tudi tré (Quyén 1) la cudn
1 T chon theo chugén &t sach dau tién trong bo tuy én chon. Sach gom 3 chuyén dé : Phuong ;Jhn p gici
1 1OAN HOC todn, Todn hoc va i séng, Lich siz Todn hoe vén 14 nhitng chuyén dé ban doc
Gudd tre rit quan tam. Sach ed ich di vdi thay ¢o giao day toan, cac em hoc Hmh v moi
ngudi yéu toan. Cac ban cd thé mua sich tai cic hiéu sach trung tAm quan,
huyén, thi xa, thanh phd, cac Cong ty séch Vil thiét bi truong hoc, céc cd so
Buu dién trong c: a nude. Cae don vi mua véi s0 lugng 1dn eb thé gui phiéu dat
mua vé toa soan. S0 dién thoai cua tda soan: (04)5144272. Céac ban hay tim
; - doc va théng tin cho nhiéu ngudi cing biét. Cam on cac ban.
mesarcem B THTT
13
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VE MGT BAI TOAN THI HOC SINH GIOI
QUOC GIA THPT NAM HOC 2004-2005

LTS: Trén Tap chi THTT sé 340, thang
10.2005 da gidi thiéu dé va loi giai mot bai
todn roi rac (Bai 3 trong ki thi HSG Quéc gia
THPT mén Todn, Bang A, 2004-2005). 0 bai
bdo dudi day néu thém mét each giai khdc cho
bai todn néay cua Thdy gido Hoang Ngoc
Canh. Tit cach giai ndy, tde gia dd chi ra ¢6
phuong dn t6 mau thoa mdn diéu kién bai
todn ung vdi n e (14, 28, 42, 56, 70/ va dé xudt
thém mdt s6 bai todn tuong tu cho cde da gide
I6i khdc (khing phdi la bt gide [0i). Xin gici
thiéu cung ban doe.

Trong ki thi Hoe sinh giéi Quéc gia THPT
nam hoc 2004-2005 c6 bai toan sd 3 Vong 1
lam cho nhiéu ngudi suy nghi. Day 1a mét bai
toan roi rac, khéng phai khé song hau hét hoc
sinh déu bé tay ! Tai sao vay? Toi nghi c6 18
van dé la tam l. Trude hét khi doe dé ra hoc
sinh thiy choang nggp b&i cac khai niém dua
ra trong bai todn va cAc méi quan hé 6 16gic gitta
ching, néu thoang qua thi chua thé hiéu duge
ngay. Vi vay nhiéu thi sinh déu tap trung ste
Iue, trf tug vao céc bai todn sd 1 va s6 2. Trong
lic d6 dé hoan chinh cdc bai nay cing mét
kha nhiéu thoi gian. Ta hay thu nhin nhén lai
bai toan s6 3. Trude hét xin nhéc lai dé ra bai
toan.

Bai 3: Trong madt phdng cho bdt gide l6i
AAAAAAAA; ma khc‘ing eé 3 dwng chéo
nao dong quy. Ta goi méi giao diém cua hai
duong chéo la mot nit. Xeét cde tu gide l6i ma
moi ti gidc déu co ca bén dinh la dinh cua bat
gide dd cho. Ta goi méi ti giac nhu vay la mot
tit gidc con. Hay tim s6 nguyén duong n nhé
nhdt co tinh chat: Co thé to mau n nit sao cho
vdi mot i, j €{1,2,3,4,5,6,7,8}; i # j,néu ki hiéu

S(iy) la s6 “tie gzac con nhdn A, A; lam dinh va
déng thoi c6 giao diém hai d‘t.r,’mlg chéo la mdt
nit da duge t6 mau thi tdt ca cde gid tri S(ij)
déu bang nhau.

C6 18 cai khé dau tién la phai hiéu ding bai
toan, hidu dude bai toan thi coi nhu dudng 16i
giai da ré rang. Sau day tdi xin néu mdt cach
giai cho bai toan nay.

14

HOANG NGOC CANH
(GV THPT Chuyén Ha Tinh)
Loi giai. Gia st c6 mdt phuong an t6 mau
thoa mén cac diéu kién bai toan. Dat S(; j)=k,
k nguyén duong. R6 rang mot diém duge to
mau chung cho 6 cap diém {A“ A),i=j, ma
A; , A;1a dinh cia td gidc e giao diém cla m(‘
dudng chéo dude t6 mau dé. Do co tat ca

1aCy= 28 cap (4, ; A, ), i#]j, suy ra so céc

o 2&’? _14k T
G 3

n nguyén dudng (n <C; =70) suy ra k chia hét

cho 3,dAindénn=14,

Ta chi ra mét phudng an td6 mau thoa man
vii n = 14 tuong ang vdi k& = 3. Trén hinh 1
cac diém t6 mau dude danh diu (s). Vay n nho
nhat1a 14 .

diém dudec t6 mau la:

Al

Hinh 1

Sau khi giai xong bai toan ta ha} tiép tuc
suy nghi : Véi nhitng gid tri nao ciia n ta c6 thé
té6 mau n diém trong 70 diém giao cde duimg
chéo cia cdc tit gide 61 con 6 duge, thod man
diéu kién cua bai todn ? Tl cong thic :

1 5 a 2 a - a
n :~:—k suy ra n 1a boi cua 14, k chi c6 the

nhan céc gia tri trong tip S = {3;6;9;12;15} .
Hoan nita do quan hé tudng dai cua "su t6 mau”
va "su khong t6 mau", gia si ¢ mot phuong
an t6 mau thoa man diéu kién bai toan cho n
diém thi cung sé c6 mét phuong an to mau
(70— n) diém con lai bing d6i lai cach goi diém

"tHp mau" va diém "khong t6 mau" cho nhau. -
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Mei b toaon Ao

CUOC THI TOLITI 2006

LTS : Khéng phdi la nhé li ti ma la to li ti.
Cudéc thi khéng nho vi do 3 tap chi ding ra
déng t6 chite. Nhung day chi la cuée thi vui
ma ai ciing 6 thé tham gia nén chi to —Ii ti
théi. Cde vdn dé cia cude thi via to va vida
li ti.

THE LE CUQC THI

1. Muc dich cuge thi

- Déng vién, tao diéu kién cho moi ngudi yéu
Toan — Li — Tin ¢6 co hoi hoc tap, giai tri lanh
manh, bo ich.

~ Vén dung nhiing kién thic, ki nang cd ban
vé cae mon Toan — Li — Tin nhung géin gti véi
cude song.

- LA mdt cAu ndi gita cac ban yéu 3 tap chi:
Toén hoc va Tuéi tré, Tin hoc va Nha truong,
Vat 1i va Tudi tré.

2. Poi tugng dy thi

T4t ca hoc sinh va sinh vién.

3. Thai gian dang dé va gui 16i giai

Dé sé diing trén ca 3 tap chi vao cac thang 1,
4, 7, 10 nam 2006.

Bai giai co thé gii vé mét trong ba tap chi.
Thoi han nhan bai giai la 2 thing sau khi
dang dé (theo du buu dién). Cic ban cong tac
vién c6 thé gt dé.

4. Thé thite giti bai

Phia trén ctia mdi to gifly ghi 161 giai cn ghi
du cac thong tin sau:

Ho va tén (chi in hoa) ; Ngay thang nam sinh;
Giéi tinh; Ndi sinh; Qué quan; Dia chi (dp,
truong).

Ngoai phong bi dé rd

BAI DU THI CUQC THI TOLITI 2006
Bai gii vé mot trong ba dia chi
— Tap chi Toan hoc va Tudi tré:
1878 Giang Vo, Ha Noi;
— Tap chi Vat 1i va Tudi tré:
10 Dao Tén, Ba Dinh, Ha Né1,
— Tap chi Tin hoc va Nha trudng:
Phong 1407 Nha 17 T2, Khu Trung Hoa
Nhén Chinh, Cdu Gidy, Ha Noi

¢6 dan tem. Bai gidi chi gui 1 lan.

5. Giai thudng cude thi

Ban tb chic cudc thi sé chém va quyét dinh
bai dude giai thudng cha 6 thang va cua ca
nam.

Trudng ¢6 nhidu hoc sinh tham gia giai bai
cudi nam sé dude nhan giai tap theé.

6. T6 chite cude thi

Cac tap chi Toan hoc va Tuoi tré , tap chi
Vit li va Tudt tré, tap chi Tin hoc va Nha
triing dtng t6 chide cude thi lién tap chi nay.
Nguoi duge giai thudng nam sé dude cép gidy
chitng nhén cua 3 tap chi.

BAN TO CHUC CUOC THI

@ Nhu vay {ng véi phuong an td6 mau n =14
(k = 3) 1a phudng an t6 mau n = 56 (k = 12).

Véin = 28 (k = 6) ta chi ra cach t6 mau nhu
saw: (cac diém duge to mau ling voi dau (),
(hinh 2).

Nhu vay, viin =70 - 28 =42 (k=9) s€ cd
phuong an td miu tudng ung thoa man. Cudi
ciing hién nhién n = 70 (¢ =15) ¢6 phuong an
t6 mau tat ca 70 diém thoa man diéu kién dé
ra. Do dé vdi moin eN", n <70, n la bji cia
14 déu c6 phuong dn {6 mau thod man dé bai.

Tiép tuc suy nghi toi da xét bai toan tuong
tu cho mét sb da giac 161 khac (khong phai la
bat giac). Do khudn khé cia bai viét , tol xin
tam dimng tai ddy. Rdt mong sy gdp § chén
tinh cta ban doc.

15
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CACLOP THCS

Bai T1/341 (Lép 6). Tim chii s6 tan cing
cua tong gom 502 sd hang :
S=2'+3+ 4%+ .+ "7 + .+ 5037,
NGUYEN ANH THUAN
(GV THCS Trdn Vin On, Hong Bang,
Hai Phong)
Bai T2/341 (Lép 7). 'L:h-::l tam giac ABC can.
Trén canh day BC ldy diém D sao cho CD=2BD.

So sénh 56 do hai gée BADva %Cfﬁ) :

THAI NHAT PHUONG
(GV THCS Ngé Gia Tw, Cam Nghia,
Cam Ranh, Khdnh Hoa)
Bai T3/341. Tim moi nghiém nguyén duong
bt = 2005
TRAN TUYET THANH
(GV Hoe vién PKKQ Son Tdy, Ha Tdy}
Bai T4/341. Giai phudng trinh
(x* - 12x - 64)(” + 30x + 125) + 8000 = 0.
NGUYEN HOU BANG
(GV THCS Himg Hoa, Vinh, Nghé An)
Bai T5/341. Tim gia tri nhé nhét cia téng

gk LR LR
UE SR
trong dé x, ¥, z 14 cac s6 thyuc duong thoa man
diéu kién x*+y*+28=1.
CAO MINH QUANG
(GV THFT clucyén Nguyén Binh Khiém,
Vinh Long)

Bai T6/341. Cho tam gidc déu ABC. Goi D
1a diém dm x{ing cua B qua duidng thang AC.
Duong thing qua B cit cac dudng thang AD,
CD l4n luot tai M, N. Cac duong thangAN va
CM {:ﬂt nhau tai diém E. Ch‘u‘.ng minh ring

bén diém A, C, D, E cing nim trén mét duong
tron.

cua phudng trinh  x* +x°

DOAN QUOC VIET
{GV THCS Nhan Hoa, Vinh Bedo,
Hai Phong)

16

Bai T7/341. Cho tam gidc déu ABC. Goi D
la diém dé1 x(ing cua B qua duong thang AC.

Trén tia BC 14y diém M sao cho BM = iBC :

Dudng thang AM cit CD tai N. Trén cé\c doan
thing AB, AD 14y cac chem E, F theo thu tu
sao cho CE // NF. Tinh s6 do géc EOF, trong
d6 O 1a trung diém cua AC.
NGUYEN TAN NGOC
(GV THCS Nhon My, An Nhow, Binh Binh)

CACLOP THPT
Bai T8/341. Chiing minh rang véi bat ki 50'
nguyén dudng n (n > 2) luén tdn tai n so
nguyen dudng phén biét nhau sao cho téng
cua ching bang bdi chung nho nhét caa ching
va bangn!.

NGUYEN THANH NHAN
(SV Lap ci nhdn tet nang Todn- Tin 2003,

DHEHTN, TP Ho Chi Minh)

Bai T9/341. Chiing minh ring
2x? +y* +52% + 6xy+Txz+2yz > 0
trong d6 x, ¥, z 1a cac s thuc théa man diéu
kiénx +y+z <0 va dxz >»~%

LE ANH TUAN
(GV THPT chuyén Vinh Phiic)

Bai T10/341. Tim gia tri nho nhit cha
biéu thic

P= J(x-aP +(y-b) + y(x-0)* +(y—d)*
trong d6 a, b, ¢, d, x, y 14 cAc s6 thuc thoa man
céc diéu kién sau :
a’+b*+40=8a + 10b; ¢ + d* + 12 = 4c + 6d;
3x =2y + 13

DUCNG CHAU DINH
(GV THPT chuyén Lé Quy Dén, Quang Tri)
Bai T11/341. Xét cac ti giac 161 ABCD c6
dudng tron n@i tiép. Goi M, N, P, @ theo thi tu
12 diém tiép xic cua dudng tron ndl tiép véi
cac canh AB, BC, CD, DA. Tim gia tri nho
nhét ctia biéu thic
AM?® . BN*
Xy ks KXy
trong dé {x,, X, X3, x,} 1a mot hoan vi caa do dai
caccanha =AB,b=BC,c=CD,d=DA.

THO DANG
{Phéng GD-DT Ninkh Phucc, Nink Thugin)

Bai T12/341. Xét ti dién OABC c6 cac canh
OA, OB, OC vuing goc véi nhau tiing doi mot.

2 2
+C'P +DQ

XXy

=

Ay Xy
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Goi H la tryc tdm tam glac ABC. Duong thing
AH cit BC tai K Duong thing qua tam duong
tron ndi tiép cua cac tam giac OBK, OCK theo
thit tu cat OB, OC tai M, N. Cac mat phang
phén giac cia cac goc nhi dién [B, OA, H] va
[C, OA, H] lan Tugt cat BC tai D va E. Chiing
minh bt ding thitc vé thé tich sau :

J2-1

VF};LUE VOAMN 9 VOABC'

HO QUANG VINH
(Ha Noi)
CAC PE VATLI
Bai L1/341. Cho mach dién nhu hinh vé.

Uy = 12V. Cong sudt tiéu thu cua cac den
B,; Py Dy Dy Dy lAn lugt la P, = 4W;

P, = 16W; P, = 4W; P, = 10W; P; = 1W. Cong
sudt tidu thu trén bién trd R, la 1W. Déng
dién c6 chiéu nhu hinh vé.

a) Xac dinh dién trd ctia cac dén va dién trd
phan bién trd tham gia vio mach dién.

b) Khi dién tré phan bién trd tham gia vao
mach dién thay ddi thi do sang cta cac dén
thay doi thé nao ? Gia su dién trd cic den
khéng thay doi.

NGUYEN MANH THANG
(GV THCS Klidnh Dueng, Yén Mo,
Ninh Bini)

Bai L.2/341. Mot diém sang A dit cach man
E mét khoang a = 50cm. Trong khoang giita A
va E ngudi ta dat mét thau kinh L sao cho A
nam trén true chinh va thau kinh song song
véi man E. Khi tinh tién thau kinh theo truc
chinh trong khoang gitta A va E mét khoang
b = 20cm thi vét sang trén man c6 ban kinh
nho nhat.

1) Tim tiéu cd thau kinh.

2) Tim vét sang trén man nho nhat (ruw),
biet thau kinh ¢6 dang phang 16i voi chiét suit

= 1,5 va ché day nhit do dude 1a 0,2cm.

NGUYEN TRONG QUAN
(SV44C4, DH Tiuty Lot Ha Noit)

PROBLEMS IN THIS ISSUE

FOR LOWER SECONDARY SCHOOLS

T1/341. (for 6" grade)

Find the last decimal digit of the following sum of
502 terms :

sl g i
T2/341. (for 7" grade)

Let ABC be an isosceles triangle and D be the
point on its base BC such that CD = 2BD. Compare

the measures of the angles BAD and %5‘5:0 ;

+ GOREAR

T3/341, Find all positive integral solutions of the
equation Y +xf+xt= 2005
T4/341. Solve the equation
(x® - 12x - 64)(x* + 30x + 125) + 8000 =0,
T5/341. Find the least value of the sum

x z o
=t e P e ¥, £ are positive real
de A

numbers satisfying the condition 2*+y*+2z*=1.

T6/341. Let ABC be an equilateral triangle and D
be the reflection of B in the line AC. A line passing
through B cuts the lines AD, CD respectively at M,
N. The lines AN and CM intersect at E. Prove that
the points A, C, D, E are concyclic.

T7/341. Let ABC be an equilateral triangle and
D be the reflection of B in the line AC, and M be the

point on the ray BC such that BM = %BC :

The line AM cuts CD at N. Take a point E on the
segment AB and a point F on the segment AD so
that the lines CE, NF are parallel. Calculate the
measure of the angle EOF, where O is the midpoint
of AC,

FOR UPPER SECONDARY SCHOOLS

T&341. Prove that for every positive integer
n = 2, there exist n distinct positive integers such
that the sum of these numbers is equal to their
least common multiple and is equal to n?.

T9/341. Prove that

2x% +y* +52% + Bay + Txz+2yz » 0

for real numbers x, y, z satisfying the conditions
x+y+z<0and 4xz > y*,

T1(/341. Find the least value of the expression

P= Jx-aP +(y-0)* + J(x-e)* +(y-2)’
where @, b, ¢, d, x, ¥ are real numbers satisfying the
following conditions : ¢* + b* + 40 = 8a + 108,
CHdi+12=4de+6d; Sx=2y+ 13
(Xem tiép trang 30)
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Bai T1/337. (Lop 6). Tim bon chit s6 dau
tién bén trdi clia s6'S gom 1000 s6 hang :

G=1+2 4+ 4. 414+ 1000™,
Loi gidi. Taco 1000%° >1000%° -1 (1)
Tt 1000%% -1
—(1000-1)(1000%%® +1000%" +...+1000+1)
~999(1000°* +1000%" +...+1000+1) . Suy ra
1000%%° -1 >999%%° +998%% 1+ +2°+1 (2)
Tit cac bat dang thite (1), (2), ta dude
1000 >999%%° +998%% 1 +2%+1. Do d6
1000'°°° +1000%*° >
> 1000'°% +999%% +998%% 1 +27+1=8 (3)
Mat khac ta c6 S > 1000 (4)
Tit (3) va (4) suy ra
1000 < S <1000™% +10007 .

Hay 1000.1000%% <S< 1001.1000%*

Luu ¥ rang khi viét trong hé thap phén,
ta c6 1000.1000™° la s& bit déu bing 1000
va tiép theo la 2997 chit s§ 0. Mat khac
1001.1000° 14 6 bat ddu bing 1001 va tiép
theo 1a 2997 chit s 0. Tut d6 suy ra bén chit s6
dAu tién bén trai cta sé S lan lugt 1a 1,0,0,0.

Nhan xét. Day la bai toan kho nén cd rit it ban
tham gia giti bai gidi. Gin mét nita trong sa trén c6 161

giai sai giéng nhau 14 ching minh bét dang thite:

1000" < § < 1000"°% + 1000 + ..+ 1000 (B)

Hai s 1000 va

1000 + 1000°% + ... + 1000 + 1000
cling c6 3001 chit s& va:

1000.1000%? 1a s¢'bét dAu bang 1000,

1000'%% 4 1000%% +...+ 10007 + 1000 1a 6 bat diu
béng 1001.
Tit d6 suy ra bon chit s0 déu ctia S 1a 1,0,0,0017).

18

Litu ¥ ¥éing o6 rét nhiéu s6 bit diu biing 1001 va thoa
man bt déing thiic (5). Cac ban hay ty tinh s6 cac s0 hat
déu biing 1001 va thda man bat dang thie (5). Day 1a
mot bai toén thii vi. Cac ban sau déy c6 loi pial tht:

Ha Noi: Lé Quang Huy, 6H1, THCS Trung Vuong,
Q. Hoan Kiém; Thanh Hoa: La Hing Quin, 6B,
THCS Nguyén Chich, Dong Son; Khanh Hoa: Trin
Thi Anh Nguyén, 6 , THCS Cam Nghia, Cam Ranh;
Nam Dinh: Nguyén Thi Thu Thdo, 644, THCS Trin
Déng Ninh, TP Nam Dinh.

NGUYEN ANH DONG

Bai T2/337. (Lép 7). Cho tam gidc ABC ¢0
AB > AC. Trén cde canh AB va AC theo thu tu
i@y cde diém M va N sao cho AM = AN. Goi K
li giao diém etia BN va CM. Hay so sdanh dé
dai ciia KB va KC.

Loi giai.

Trén doan AB
lay diém [ sao
cho Al = AC.
Khi do
AAMC=AANI
(c.g.c)

= NI =MC (1).

Vi AAIC can
tai A, suy ra
AIC <90° do
do AIN <90
(tia IN nam T
giita hai tia IA va IC). Vi All 7+ BIN = 180°
nén BIN > 90°. Trong tam giac BIN, goc
BIN la goc th nén né la goc 16n nhat, suy ra
BN >IN (2). Tix (1) va (2) ta co BN > CM (3).

Ciing do AAMC = AANI nén AMC = ANI,
mia AMN = ANM (do AAMN cén), suy ra
KMN =INM . Ta lai 6 INM<KNM (do I
ndm gitia M va B), do a6 KMN < KNM . Suy
ra trong AKMN c6 KM > KN (4).

Tix (3) va (4)tacc’:BN+PﬂW‘:—*CM+KN
— BN — KN > CM — KM hay BK > CK.

Nhan xét. 1) Day 12 bai toan tudng doi dé, nhigu
ban tham giai nhung khéng it ban mic sai lam khi trit
tling vé ctia hai bét déng thite cing chiéu.

Mét &6 ban dua ra két luan BN > CM biing cach so
sanh cac canh va goe cia hai tam gide BCN va CBM,
hoac hai tam gide ACM va ABN. Cac két luan do déu
khéng ed cén e,

9) Céc ban sau déy c6 16 giai ngén gon va chinh xac:

Nam Dinh: Pham Phi Diép, 6A, THCS Yén Tho,
¥ Yén: Thanh Héa: Lé Ngoc Tw, Trink Quang Ding,
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7A, THCS Lé Hiu Lap, Hau Lic; Nghé An: Vi Dinh
Long, 6A, Dudng Hoang Hung, 7B, THCS Ly Nhat
Quang, Do Ludng, Nguyén Thi Thuy, 7B, THCS Hanh
Lam, Thanh Chudng; Ha Tinh: Nguyén Trung
Thanh, 7D, THCS TTr Ky Anh, Ky Anh; Quang‘ Tri:
Nguyén Thiic Vii Hoang, 6M, THCS Ngm en Hug, TX.

Ding Ha; Khanh Hoa: Trdn Thi Anh Nguyén, 6,
THCS Cam Nghia, Cam Ranh: Binh Dinh: V6 Thj
M7i Hanh, TA1, THCS Nhon Hau, An Nhan; Gia Lai:
Lé Thanh Lam, 7", THCS Nguyén Du, Pleiku.
NGUYEN XUAN BINH

Bai T3/337. Xét mot tam gidc co 6 do dj dai
ba canh la ba s6 tu nhién lién tiép lon hon 3 va
s6'do dién tich cua tam gide cing la so tyt nhién.
Chitng minh rdng ton tai mot duing cao cua
tam gide da cho chia tam gidc do thanh hai
tam gide nho ma s6' do do ddi cdc canh cua cd
hai tam gidc nho ciing la s6'tw nhién.

Lai giai. (Theo ban Nguyén Quéce Dai, 9AT,
THCS Tran Dang Ninh, Nam Dinh).

Xét MMBC vl BC =a,AB=a-1,AC=a + 1.
Gae ABC la gée 18n nhat vi déi dién véi canh
AC dai nhét. Ta cb

a' +(a- 1)2>(a+ 1)* (1)
= -2+ 1>a°+2a +1
sal>daeca>4 (2)

BDT (2) diing theo gia thiét nén BDT (1)
ding. Chd ¥ ring trong tam gidc ABC néu
AB? + BC® > AC” thi géc ABC nhon (ban doc
tu ching minh diéu na',) Tit d6 AABC c6 ba
gbée nhon va chan H cua duang cao AH niam
trong doan BC. T AC? - HC® = AB* — HB*
suy ra
HC*—HB*=AC*-AB? = (a+1) - (a-1)°=
nén HC ~-HB=4 (Vi HB + HC =a). Do dé

go=%% ppo “—;4 . Ta tinh duge

HA = JAC? -HC? =%«J3{a2 _4) . Nén

2 —
S.sc= %HA.BC:E——W 3)

Néu a la so 1é thi tit 86 cua (3) khong chia
hét cho 4 nén S, khéng nguyén. Do d6 a phai

la s§ chin, a = 2b, e d6 Sy = BAY-D)
phai 14 s8 nguyén, suy ra b - 1 = 3¢* (véi b, ¢
la s6 nguyén duong) (4).

Chd § ring phuong trinh (4) <6 nghiém

nguyén dudng, chinghanb=T7,¢c=4,a = 14,
lace d6 S = 3abe, HA =3¢, HC=b+2, HB=b-2

déu 14 s0 nguyén. Nhu vay dudng cao AH cua

AABC chia tam gidc ABC thanh hai tam giac

nhé ABH va ACH c¢6 s6 do cac canh déu la s
nguyén dudng.

Nhan xét. 1) Mot 30 ban sit dung cong thic Héron

r.ung dan dén két qua. Nhidu 151 glal chua chit ché:

hoac khéng chitng minh diém H nam trong doan BC.,

ho#c khing c¢hi ra phudng trinh (4) cé it nhat mét

nghiém nguyén dudng.

2) Ngoai ban Dai, ede ban sau 6 16i giai tét :

Phu The: Pao Die Trung, 9A3, THCS Gidy Phong
Chau, Phii Ninh, Nguyén Tién Thanh, 9C, THCS
Nguyén Quang Bich, Tam Nong; Ha Tay: Nguyén Thé’
Tam, 8A1, THCS Ngé Si Lién, Chudng Mi: Thanh
Héa : Hoang Buic ¥, Dicong Qude Viét, 9E, THCS Trin
Mai Ninh, TP Thanh Héa; Quang Tri: Truong Xudn

Nha, TA, THCS Nguvén Hué, Ding Ha; Khanh Hoa:

V6 Thdi Théng, %4, THCS Ngb Gia Ty, Cam Nghia,
Cam Ranh.

VIET HAI
Bai T4/337. Giai phwdng trinh
-3+ 2 (x+2)° —6x=0 (1)

Lai giai. (Cua da s6 cae ban).

Diéu kién : x = -2 (*). Viét lai (1) dudi dang :
- Bx(x + 2+ 2y(x+2)* =0 2)

Paty = Jx+2 20, Khi d6 (2) tro thanh :

-3yt + =0 -y k+2)=0

Do d6 x =y hodcx = -2y.

Vaix=ytach:

xX=

x=0 5 -
= < x = 2 (thoa man).
(x+1)(x-2)=0
Voix=-2y tacé
x<0 x=0
x=—2ux+2<:>j_, c::»{u
|x" =4(x+2) x‘f —4x—8=0
o x= 2-23 (théa man (*)).
Vay phuong trinh da cho c6 hai nghiém :
x=2vaz=2-2v3.

Nhin xét, 1) Mot 8 ban b 101 gial khong dung.
Nguyén nhén chinh la cac ban di méc sai 1am khi bién
dol phudng trinh tuong dlmng

JI00) =g = An) ="

glx)z0
dung ra la: ./ f(x) = glx) < -
flx)=g"(x).

2) Cac ban sau ed 151 giai tot :
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Vinh Phie: Mac Thé Truimg, 8D, THCS Lap
Thach, Lap Thach; Hai Duong: Pham Thanh Nga,
gB, THCS Phu Thai, Kim Thanh, Nguyén Tudn
Thanh, 90 Ngo Quyén, TP Hai Duong; Nam Binh:
Tréin Thanh Son, 8B, THCS Tryc Hung, Tryc Ninh;
Thanh Héa: Hoang Minh Hiéu, 9C, THCS Lé Quy
Dén, Bim Son; Quang Tri: Nguyén Thiic Vii Hoang,
8H, THCS Nguyén Hug, TX Dong Ha; Quang Nam:
Lé Nguyén Anh Ti, 9D, THCS Qudc Xudn, Qué Son;
Ba Ria - Viang Tau: Dinh Ngoc Thdi, 94, THCS
Ving Tau, TP Ving Taw Khanh Hoa: Nguyén
Thanh Lam, 9, THCS Hing Vudng, Ninh Hoa.

TRAN HOU NAM

Bai T5/337. Tim gid tri lon nhdt cia biéu
thite T = 2ac + bd + cd, trong do edc s6 thuce
a, b, ¢, d thoa man cac diéu kién : 4l + b =2
vic+d=4.

Loi giai. (Cha ban Nguyen Thi Hang, 8C,
THCS L& Hitu Lap, Hau Loc, Thanh Hoa).

Véi moia, b, ¢ € R taludn c6

2
W C 2

[30[“2“] 20 Rzaci 4a2+%- 1)

2 | 2
[b—i] >0 < ¢bd gbhﬁ— (2)

2 4

9 2
L (c-d)*20 T sl ST

8 2
Céng theo ting vé caa (1), (2) va (3) ta dude
T = 2ac+bd+ed <

2 g2 2
<da’+ b+ 5—+d—+ﬂi—+(N'd:I
d s B
5 2
st A 5, 0% g
8 8
T = 8 khi va chi khi d&u bang x4y ra dong

thdii & cac BDT (1), (2), (3) tite la khia = %

b=1,c¢=d=2. Vay gia tri 16n nhat cia T la 8.

Nhén xét. Nhiéu ban da giai biing cach ap dung
BDT Bunhiacdpxki, sit dung phudng phap do thi nén
dii dong hon. Mot s6 ban ép dung BDT Cauchy lai
quén didu kién cac sé phai khéng &m trong khi dé bai
khong c6 didu kién d6. Ngoai ban Hing, cac ban sau
day 6 10 gidi t6t va ngin gon :

Thanh Héa: Trdn Thi Dung, Truong Vin Hap, 8C,
TrdnThi Anh Nguyét, 9B, THCS Lé Hiu Lap, Hau
Loc, Nguyén Vén Hiu, 9C, THCS Nong Céng, Dinh
Thé Tién, Hoang Trung Son, 8B, THCS Nhit Ba Si,
Hodng it Y, 9E, THCS Tran Mai Ninh; Pha Tho:
Nguyén Hoang Hai, 8A3, Ha Thi Thanh Huyén, 9A1,
THCS Lam Thao, Pao Pie Trung, 9A3, THCS Gidy
Phong Chéu, Phiu Ninh, Triéu Tudn Linh, 8B, THCS
Van Giang, Viét Tri; Ha Tay: Dinh Hoang Long, 8Al,
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THCS Té Tiéu, Mi Dic, Phi Quoe Tudn, 9E, THCS
Thach That, Nguyeén Hiu Trung, 94, THCS Nguyén
Van Huyén, Nguyén Thé Tam, 8A1, THCS Ngb Si
Lién, Chuong Mi; Thai Binh: Nguyén Qudc Truing,
8A, THCS Nam Hung; Hai Dudng: Hoang Tién Dat,
gA1, THCS Ngb Gia Ty; Hai Phong: Pham Duy Hiép,
8Bs. THCS Trin Phu; Nam Dinh: Cao Manh Hing,
gA, THCS Yén Dinh, Hai Haw Nghé An: Duong Phue
Thutong, 9A, THCS Thuén Son, D6 Luong, Nguyén Thi
Héng, RA, THCS Ly Nhat Quang, Do Luong; Ha No:
Tran Viét Hu‘n.)g', 9G, THCS TT Yén Vién, Gia Lam;
Bac Liéu: Tran Mi Linh, 91, THCS Tran Huynh;
Vinh Phuc: Trdn Thi Thu Thanh, 9B, THCS Tam
Duong; Quang Tri: Truong Xudn Nha, 74, THCS
Nguyén Hug, Dong Ha.

PHAM TH] BACH NGOC

Bai T6/337. Cho tam gidac ABC. Cdc tia
phén gide trong BM va CN (M thude AC, N
thude AB) cat nhau tai D. Chitng minh rang
tam gidc ABC vuéng tai A khi va chi khi
2BD.CD = BM.CN.

Loi giai, Dat BC =a, CA = b, AB =c¢. Theo

- g : MA AB
tinh chét dud ha ac ta cd ——=——.
inh cha ng phan giac acoMc CB
Suy ra Ma 2 hay MA = LOE

MC+MA a+c a+c

Mt khac tit AD 1a phan giac cua goc BAM
. DB BA
ta co £ il
DM MA
A
N M
B .
c
Cung vdi trén, suy ra ;
BBN{" . oo ik SNBSS e
BD+DM BA+MA =~ BM _, bc’
BD a+c
vay B2 __atc y
4 BM a+b+e @
CD b+a
Tudng ty ——= 2
B TN a+b+e @

Tit (1) va (2) ta co cac bién d6i sau déu tudng
duong:

2BD x CD=BM x CN
5 EBDxCDz.?(c+a)(b+a)
BMxCN  (a+b+c)
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2c+a)b+a)=(a+b+c)

h'.! +C2 :a2

AABC vuéng tai A.

Vay AABC vudng tai A khi va chi khi
2BD x CD=BM x CN.

Nhén xét. Cac ban sau c6 16i giai ding:

Vinh Phiec: Nguyén Vin Quang, 9C, Tran Anh
Trung, 9A, THCS Tu Lap, Mé Linh; Hai Dudng:
Pham Thanh Nga, 9B, THCS Phu Thai, Kim Thanh;
Hung Yén: Poan Thu Ha, 8A3, THCS Chu Manh
Trinh, Vin Giang; Pha Tho: Nguyén Hoang Hadi, 8A3,
THCS Lam Thao; Hai Phong: Pham Duy Hiép, 8B8
THCS Tréan Pha: Ha Noi: £6 Nhu Milan, 8A1, THCS
Chu Van An; Ha Nam: Vin Ngoc Son, 9A1, THCS
Nguyén Khuyén, Binh Luc; Nam Dinh: Tran Thi
Héng Vén, 8D, Nguyén Hién, Nam Trye, Pham Thi
Diép, 6A, THCS Yén Tho, Y Yén; Thanh Héa: Lé Thi
Thio, 9B, THCS Nhit Ba Sy, Hoing Héa; Nghé An:
Duwong Phic Thudng, 9A, THCS Thudn San, Ba
Ludng; Da Nang: Nguyén Nhu Dite Trung, 9/1, THCS
Ly Thuong Kiét; Quang Tri: V6 Tran Tém, TE, THCS
TTr. Gio Linh, Hodng e Hiru, 82 THCS Thanh Ca;
Pak Lak: V& Vin Tudn, 8A5, THCS Nguyén Du,
Kréng Buk: Khanh Héa: Vo Thdi Thong, 9/4, THCS
Ngb Gia Ty, Cam Nghia, Cam Ranh, Trdn Thi Anh
Nguyén, 6', THCS Cam Nghia, Cam Ranh,

VU KIM THUY

Bai T7/387. Cho géc xPy = 30°. Trén tia Px
ldy diém A va trén tia Py ldy diém B sao cho
AB = d khéng doi. Tim gid tri ldn nhdt cua
chu vi APAB, ctia dién tich APAB khi A, B di
ding trén ede canh cta goc xPy.

Lai giai. (Cha nhiéu ban). Ban doc tu vé hinh.

Khong _mét  tinh tbng quat gia su

PAB> PBA , do 46 PBA <90°. Dung AH | PB
thi H nim trong doan BP.

Trong tam giae vuong AHP ¢6 APH = 30°

.
nén AH = % va PH = P‘qé“’g

(1). Mt khéc,

ap dung dinh li Pythagore cho tam gidc vuéng
AHB ta c6 : AB* = AH" + HB®. Tit d6

d®=AH? + (PB - PH)’ %)
Tit (1) va (2) c6 d? = PA® + PB? - \/3.PA.PB
= (PA + PB)’ - (2++/3).PA.PB (3)

*) Tim gid tri lon nhdt cua chu vi APAB
Tit (3), 4p dung BDT (X + Y)* > 4XY, ta dude
(2+3)(PA+PB)?

4

d’ > (PA + PB)* - , Suy ra

PA+PB< hay PA + PB < (V6+/2)d.

2d
J2-/3
Goi p 1a chu vi tam giac PAB thi
ps (J6-+/2+1)d. Déng thitc xay ra khi va chi
V6 +4/2
2
nhit cta chu vi tam gide PAB bing
(V6 + J2+1)d , dat duge khi va chi khi
J6 ; J2 ] i

ldﬁPA:PB:[ }d.Vaygiétrilén

PA=PB:(

\
o) Tim gid tri lon nhdt cia dién tich APAB

Tl e s :%AHFPB:%PA.PB (4)
Vi PA® + PB® > 2PA.PB nén tit (3) c6
d® = PA*+PB® - \/3.PA.PB > (2-3).PAPB(5)
dz
Tit (4), (B) suyra § £———— , hay
: MR ia-JT)

Sp é{gnidz Déng thitc xay ra khi va chi
khi PA=PB= ["%;ﬁ]d . Do d6 gia tri 16n

2
nhit dién tich tam giac PAB bing @f’li— ;

J-é;ﬁ]d_

dat duge khi va chi khi PA=PB = [

Nhén xét. 1) Mot s8 ban nhan xét ding rang gia
thiét xPy =30° 14 khéng cén thiét. Céc ban db da dat
xPy = a (0 <a < 180", Sit dung hé thitc AB® = PA® +

PR? _ 2PA PB.cosa; cong thitc Spag =%PA.PBﬁinu,

dbng thii danh gia cac BDT nhut 161 giai trén cling tim
duge gia tri 16n nhat clia chu vi va dién tich tam gide
PARB trong trudng hop nay.

2) Céc ban sau cd 161 gidi t6t hon ca ;

Béc Ninh: Nguyén Manh Hung, 9B, THCS Tit Son,
Tit Son: Pha Tho: Triéu Tudn Linh, 8B, THCS Van
Lang, Viét Tri, Pao Pute Trung, 9A3, THCS Gidy
Phong Chiu, Phii Ninh; Hai Dudng: Dinh Céng Diép,
9B, THCS Pha Thai, Kim Thanh; Ha Tay: Nguyen
The Tam, 8A1, THCS Ngo Si Lién, Chuong My;
Ha Nam: Vin Ngoc Son, 9A1, THCS Nguyén Khuyén,
Binh Luc, Nguyén Thi Lam Ngoc, 9C, THCS Nguyén
Hitu Tién, Duy Tién ; Thanh Héa: Hoang e Y, 9E,
THCS Tran Mai Ninh, TP Thanh Héa; Quang Tri:
Trizong Xuén Nha, TA, THCS Nguyén Hug, Déng Ha;
Quang Binh: Nguyén Phi Hung, 9A, THCS Quach
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Xuin Ki, Hoan Lao; Quang Nam: Phan Thi Thu
Trang, 94, THCS Nguyén Van Trdi, Dién Ban; Bak
Lak: Doan Nhdt Minh, 9E, THCS Chu Van An,
Eakar, Vo Van Tudn, 8A5, THCS Nguyén Du, Kréng
Buk: Khanh Héa: Va Thdi Thong, 9/4, THCS Ngb Gia
tu, Cam Nghia, Cam Ranh; Bac Liéu: Tran My Linh,
9/1, THCS Trin Huynh, TX Bac Litu.

HO QUANG VINH

Bai T8/337. Xét ham s6 f: Z — Z thoa man
ff0) = 1 va fifix)) = x + 4.flx) véi moi x € Z. Hay
tim tdt cd cdc s6 tu nhién n (n 2 1) sao cho f,(0)
20005
chia hét cho 20",
o x)=f () (X))
Loi giai. Dat w,=£,(0) véimein =0, 1, 2, ...

thiw,=0,u,; =1, uy=4 vavéi moin = 0 thi
Upiz :4”’.r1+] +i, (1}

trong do flfx,:' = ﬁ'rj v
vai moi n = 2.

PT dic trung x° = 4x + 1 c6 nghiém

X = 2+/B , 2, = 25 suy ra véi moi n 2 0 thi

= (2] —af ):2\/5 )
biata = x| B b= J5)" thi
ab=(-1)" (3) va a-b= 2.5 du,, (4)

Ta tim diéu kién dé u, chia hét cho 5 va u,
chia hét cho 2",

a) T () suyra u,,; =305u,,, +288u, .

Tit d6 u,,s:5 khi va chi khi u,! 5. Ta thiy
u, =1, u, = 4, uy = 17, u, = 72 déu khong chia
hét cho 5, ¢dn u, =0, u; = 305 nén

mcbenth (5)
Sit dung (2), (3) va (4) ta co
Hee = [0 ~D0):2vE
u, (@' +a’b+a*b” +ab’ +b")

u, ((a—b)" +5ab(a~b)* +5a’b’)
u, (400u) +100(-1)" 1, +5)
Suz,, (80w +20(-1)"u] +1).
=bu,.A, vii(A, 5)=1 (6)

Gia si n = 5°.m trong d6 k,m 1a 86 nguyén
duong va (m, 5) = 1, theo (5) va (6) ta co
u, =5* B, véi (B,, 5) =1

1

1

Hay la u;,

Vay u,: 5" < ni5s* viikz 1.

b) Tt (1) véi moi n 2 1 ¢b u,,, =u, (mod 4)
mau,=1,u,=4nén u, lékhinléva u,:4
khi n chin (M

Tit (2), (3) va (4) e6 u?, =[(a® -b*):2V5]"
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u? (a+b)* =ul[(a-b)* +4ab]

u? (20u2 +4(-1)") = 2% (5u;, +(-1)") (8)
Vi mdix € N, goi s(x) 1a s6 mi cua 2 trong
phén tich x ra thita s§ nguyén to. T (7), (8)
taco:

+ Khi n chin thi 1, chdn nén 5u, +(-1)" lé
suy ra s(u,, )=s(u, )+1.
+Khinlé thiw, 1& va u’ =1 (mod 8) nén

1

5u> +(-1)" =4 (mod 8), suy ra s(u,, )=2.

Tir d6, gia st n = 2°.d trong d6 ¢, d 1a cac s0
nguyvén duong, d le thi
s(u,) =c— 1+ s(uyy) =c-1+2=c+1L
Do d6 u,:2°
Tit két qua cua a) vé b) suy ra
=f, (@20

on 27 véicz 2.

& nil10.20%

Nhan xét. Nhiéu ban nhan xét bii toan co két qua
tucng t nhu bai toan ma Balatsu dé xuit (xem THTT
st 258 thang 12.1998 va Tuyén tap 30 nam Tap chi
THTT, trang 143). Cac ban sau cd loi griad tit

Khinh Hoa: Neuyén Thi Hoang Oanh, 10 E THPT
Lé Quy Dén, Nha Trang: Ha Noi: Nguyén Trong Nhat
Quang, 11A1T, DHEHTNN - HH(JL: Ha Noi, Hung
Yén; Phan Tién Ding, 10T, THFT chuyén Hung Yén;
Nghé An: Hodng Khdc Hiéu, 12A1, THPT Nguyén
Xudn On, Dién Chau; Thai Binh: Vi Hiru Tiép, 11T,
THPT chuyén Théai Binh; Thanh Héa: Pham Khéc
Thanh, 10B1, THPT Triégu Son 1; Hoang Vi Hanh,
10T, THPT Lam Son; Vinh Phue: Lé Triimg Son,
12A1, THPT chuyén Vinh Phic.

HOANG TRONG HAO
Bai T9/337. Tim gid tri lon nhét elia biéu
thite P=(x -y)y —z)z —-x)(x +y +2)
trong dé x, ¥, z la edc s thue thude doan [0, 1),
Lai giai. (Ctia da s6 cac ban).

Khing gmm tong quat, gia st x = maxix, ¥, 2}.
Vay sé xay ra hai khé ning :

x2y>zhofcxzz 2.
Khixzy=zz thiP 0.
Khi x = z = y thi hién nhién :
~z20,2-y20,0sx-225 1.
SuyraP=(x-y)(y-2)z-0x+y+t2)=
< (z - y)x - 2)(c +y +2), hay
4P < 26| [WB+DE-2[(B-Dix+y+2)] =Q.

Theo BDT gitia trung binh céng va trung
binh nhén, thi
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Q< 2—1,{[(2{2—y)+(w“§+1)(x—z)+(v@ ~1)(x+y+2)]

hay @ < %[wﬁx—(ﬁn—\@)ylg :
Dé y riing 0 < 2J3x-(3-/3)y <23

Suy ra Piz

f . Do vay, gia tri 16n nhit caa

2.3

hiéu thite P bing , kha

x—y=1

Nz-y)=(3+1)(x—2) = (3-1)(x+y+2)
x=1y=0

b

1
I'.'i 4 = ]..U.,—,_._ 5
w63, 9= (1.0,

Nhén xét. Day 14 mdt bai toan thude loai trung
binh. Nhidu ban sit dung dac ham dé khao sat. Da sd
cac ban déu giai tuong ti nhu cach da trinh bay & trén.
Cac ban sau ¢ 131 giai ding

Phua Tho: Pham Mai Ludn, 10T, THPT chuyén
Hung Vudng; Vinh Phue: Tran Vin Hujnh, 10A1,
THPT Ngbé Gia Tyu; Ha Noi: Doan Tri Ding, 10A2,
DHSP, Hoang Bue Trung, 10A1, DHKHTN; Ha Tay:
Duong Minh Hing, 10T, THPT chuyén Nguyén Hué,
Ha Déng, Khudt Vdn Phién, 10A4, THPT Thach Thét;
Nam Dinh: Dink Quang Huy, 10T, THPT chuyén Lé
Hong Phong; Hai Duong: Vi Dink Quy, Truong Ngoc
Son, 10A, THPT Nam Sach; Hung Yén: Pham Tién
Diing, 10T, THPT chuyén Hung Yén:Thanh Hoa:
Trinh Qudc Die, 9C, THCS Lé Quy Dén, Pham Khdc
Thanh, 10B1, THPT Triéu Son 1, Phan Céng Bd,
10C9, THPT Bim Son; Nghé An: Tran Hanh Nguyén,
10A2, Khéi chuyén Toin — Tin, DH Vinh, Pédng Cong
Im.’h FPham Thanh Hai, 101, THPT Nghia Dan, Vi
Tién Diing, 10A, THPT Tay Higu; Ha Tinh: Nguvén
Nhdt Linh, 10T, THPT chuyén Hia Tinh: Quéang
Binh: Trdn Nam Hdi, 10T, THPT chuyén Quang
Binh; Quang Tri: Bach Ngoc Bdo Thanh, 10T, THPT
chuyén Lé Quy Pon: Khanh Hoa: Ngu}en Thi Hoang
Oanh, 10T, THPT chuyén Lé Quy Din; Dak Lak: Lé
hic Quang, Nguyen Dite Théan, D6 Thanh Tung, 10T,
THPT chuyén Nguyén Du; An Giang: Trdn Kha, 10T,
THPT Long Xuyén; Bac Liéu: Nguyén Minh Die,
10T, THPT chuyén Bae Liéu; Phi Yén: Nguyén Tudn
Diing, 10A, THPT Phan Chu Trinh, Xuén Léc,

NGUYEN VAN MAU

Bai T10/337. Cho sé6 tw nhién n 22 va cde 86

thue duong a, b vdi a < b, Tim gid tri lon nhdt

Q- ¥

lgi<jzn

wor X, 1@ 1 80 thute thube doan [a, b,

cia biéu thite v;—x;)’ trong dé

.‘t;, .“C._;,, .

Lai giai. Trudc hét chiing ta chiing minh
khéng dinh sau :

Bé' dé: Gia sitp, g, r, a, b la cde s6 thue v
p 20, a<bvdfix) = px’ + gx + r. Khi d6
flx) <max(fla), fib)} vdi moi x < [a, b,

That vay, gia su fla) < fib) (trudng hdp fla) >
fib) khing dinh dude chitng minh hoan toan
tudng tu).

Ta o fib) — fla) = (b — a)(p(b + a) + g),
suyrap(b +a)+q=0. Véi moix e [a, b],
fo)-fix)=b-x)ph+x)+g) =0
vipb+x)+gzpb+a)+tg=0dop=20,x=a.
Ap dung véo bii todn: Chi § véi méi k = 1, 2,
Z (x; ik )2
l=i<j2n
12 tam thitc bac hai ciia x, vdi hé s6 cha x;
bang (n - 1). Do d6 theo B6 dé trén

Qe iy
< max{@(x, x,,...
Qx, x5,...

Ap dung tinh chat trén lan ludt cho
k=12 .. ,ntacd

Q(xl‘ xg t“‘!xn ) 5

w7 thi BN . %

e 08 0 S L L

e O e s Mo )

IR S o |

max Qo ),
S A [ )|
Giastcomsdt, l<i<n,bdnga; n-msd
t,1<i<n. bangb.
Khido @(t,,t,,....t,) =
iR _
= m(nqn)(h—a}z:”—mfﬂ.w—a}z

n” ~—(b-a)® néun chin,

2
va QL t, .0l ) £ H

Chii y: Trong chiing minh ctia Bd dé thé hign:
néu p >0 vaa <x <b thi flx) < max {fa), fib)}.

B4i vAy trong (1) déng thitc xay ra khi va chi
khi trong cac 8 £, ty, ..., £, ¢6 [n/2] s bing a,
[n/2] 86 ' bing b va s8 cdn lai {trl_rdng hdp n 1é)

bing a hoiic b. Vay gia trj 1én nhat cua @ bang
¥ aiy

I(b—a)‘ néu n chin, bing =

nle.

_1.(b—a)‘fné’u nleé (1)

(r!:v»a}’I néu

Nhan xét, 1) flx) = px +gx4r vd1p > (014 ham lom
va B dé trén la mdt tinh chét cia ham 16m. Mot s6
ban hoc sinh khang dinh fx) 12 ham 16m bing cach xét
dao ham [ '(x = 2px + g l1a ham déng bién.
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2) Cac ban sau cd 161 giai ding : Pha Tho: Pham
Mai Ludn, 10T, THPT Hiung Vudng; Vinh Phue:
Trdn Vin Hujynh, 10A1, THPT Ngé Gia Ty, Lap
Thach: Ha No6i: Doan Tri Diing, 10A2, PTCTT-
DHSP I ; Hu‘ng Yén: Phan Tién Diing, 10T, chuyén ;
Hai Duong: Vi Pinkh Quy, 10A, THPT Nam Sach;
Thanh Héa: Hoang Die ¥, 9E, THCS Tran Mai
Ninh, Pham Khde Thanh, 10B1, THPT Triéu Son I;
Nghé An: Ddng Céng Vinh, 101, THPT Nghia Dan;
TP Hé Chi Minh: Phan Pite Thanh, 10T, THPT Lé
Hong Phong; Phii Yén: Nguyén Tudn Ding, 10A, PT
cip 2-3 Phan Chu Trinh, Xufn Loéc, Song Cau;
Khanh Hoa: Nguyén Thi Hoang Oanh, IUT THPT
Lé& Quy Pén, Nha Trang.

I\GUYEN MINH bUC

Bai T11/337. Mot duomg thang di qua tém
dudimg tron néi tiép tam gide ABC, edt ede
canh AB va AC theo tht tu tai M va N. Ching
minh ?ﬁn.ﬁ' :

BM.CN __B{i_
Hf AN 4.:‘1 B.AC
Lai giai. Goi [
la tAm, r 1a ban :
kinh dudng tron 0
ndi tiép AABC.
Ta thé:}" i B C
MN di qua I (hinh vé)
S
< Spay +Span = — Sase
ABC
o Lotng Lo AN A AN L i e
2 2 ABAC 2
ABAC ABAC_,p. Ac+BC
AN AM
o AB.CN AC.BM - BC
AN AM
ABCN +AC.BM =1
BC.AN BC.AM
Theo BDT Cauchy
[AB.AC.BM.CN
, suy ra
\j BC? AM.AN
2
BM.CN b BC i

AM.AN  4AB.AC
Diing thite xay ra khi va chi khi

ABCN ACBM 1 T AM 2AC
BC.AN BCAM 2’ BM BC
AN 24B
CN BC '

Nhén xét. 1) C6 nhiéu b ban tham gia gial bai ndy.
Tuy nl'nen khéng ban nio gidi quyét hoan chinh vin
dé "Pang thite xay ra khi nao ?". Xin phan tich ey thé:

24

Nhiéu ban chi ching minh ménh dé mét chiéu : MN
di qua I = (*), ma khong nhén thiy rang, can phai
chiing minh ménh dé hai chidu : MN di qua [ = (*).

Vi c6 chifu ngude lai : (¥) = MN di qua [, ta mdi 6

thé néi ring "Khi AM = L va
BC

(*) diing, Suy ra : MN di qua I'. Chi t16t nay rat quan
trong tmng khi giai quyét van dé "Dang thic xay ra
khi nac". Ay vay ma nhidu ngudi rit hay quén né.

2) Céc ban sau diy c6 181 gial tueng dol tot:

Bac Giang: Pham Vin Truong, 12A10, THPT Ngo
Si Lién, TX Biic Giang; Ha Tay: Nguyén Thé Tam,
8A1, THCS Ngé SI Lién, Chuong My: Nam Dinh:
Nguyén Qudc Pai, 9AT, THCS Trén Dang Ninh, TP
Nam Dinh; Thanh Hoa: Duong Anh Tudn, THPT
Hau Lac II, Hau Loc; Vinh Phuc: Tran Vian Hujnh,
10A1, THPT Ngb Gia T, Lap Thach, Vi Vidn Quang,
12A1, Lé Céng Tmyén 11A1, THPT chuyén Vinh
Phic; Pha Tho: Nguyén Tién Thanh, 9C, THCS
Nguyén Quang Bich, Tam Néng: Ha Noi: Nguyén
Trong Nhit Quang, 11 Toan, PHEHTN.

NGUYEN MINH HA

Rai T12/337. Cho hinh ti dién ABCD. Got
A, B,, C,, D, lan luot la trong tam cac mat dot
dién vdi cdc dinh A, B, C, D. Cac du
AA, BB, CC,, DD, cat mat cau ng
dién ABCD lan nita theo thit tw tai A, 1
D,. Chitng minh rang :

AA, BB CC, DD,
AA, BB, CC, DD, 8

Lai giai. (Dua theo Nguyén Van Hdau, 12A1,
THPT Yén Diing 2, Bic Giang).

Dé trinh bay 10i giai dude gon gang, ta thay
d6i ki hiéu cac diém A, B, C, D, A,, B,, C,, D,
va Ay, By, Cp, D, theo thit tu la A, Ay, A, Ay
M, M, My, M, va A, A,, A;, A,.Khido
BDT (*) dugc viét gon lai dudi dang :

E A‘!MI “'.': (ﬂ-*‘}
A A

GoiGla trqng tam ti dlen A A A A, Ova
R 14n ludt 14 tAm va ban kinh mét cdu ngoal
tiép ti dién A, A, Az A, ;théthitaco:

Zdl GA, =0 va Sono, R = ~GA, .GA’; =
i=1
GA,.GA; = R*-0G’=p (1)

Ngoai ra, ciing dé dang thiét lap duge hé
thic sau (st dung vectd) :

3 GA? =i5‘;¥ _4(R*-0G?)=4p; (2
i=1 i=1
Tit (1) o6 : A A", =GA, +GA =225 *i‘i @
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Vi AM, = %GA!. nén ti (3) €6

AM; 4 GA? @
AA’ 3 p+GA?
. Tk L e
Mat khae, ap dung BPDT —+—-2—o
X ¥y x+y
(e, y > 0) cd = ,gl+ P (5)
p+GA? p GA’?
AM, 1 GA’

Tix (4) va (5 g e ' (&
(4) va (5) suy ra A.-A’e 3+ 3,13 (6)
T (6) suy raq<—+——|ZGA~ (7)

lJI.

Tt (2) va (7) thu duge BDT (**), cling tie la
BDT (*) dude chitng minh. Dang thic ¢ ( ) xay

ra khi va chi khi C'A‘g RB-068 vi=1,213 4
nghiala GA, =GA, = GA;=GA,vado d6, G=0.

; LAM
Két ludn: q = —

(i Ut
khi va chi khi trong tdm G cla tit dién A AAA,
trung vdi tim O, tdc 1A A A, A5 A, 1a mot ta
dién gan déu (cac canh déi dién bing nhau).

Nhén xét. 1) Ban Hau cdn nhan xét : V& hé thie
(3) sit dung cac BDT dai sd ta cd BDT hinh hoe sau

] [ 4 1
2 2 g‘ | oy
' 2 - 42 i 2 2
AAS = E GAT=dp, hay AA z2—| ) A M;

i=l i

AM,
AAY

16 : :
Tir d6 co BT ZL ] = .E- . Pang thiic xay ra
khi va chi khi G = 0.
2) Ban Hau va mot sd b’m khac ciing di chi ra ddi
."". 41r".f

9
L < = via chitng minh

vl tam giae ta oo BDT Z
i=1 i

thém mit s& BDT khac nﬂa dcu vl khr:‘ﬂ tit dién, ching
HGA > HGA

3) Céc ban sau diy cling c6 161 giai ddng va gon .

Ha Noi: Doan Tri Diing, 10A2, PTCTT, DHSP Ha
Noi; Biic Ninh: Hodang Pie Pong, 12A1, THPT Gia
Binh I, Bic Ninh; Hai Duong: Pham Thanh Thdi, 10
Toan, THPT chuyén Nguyén Tréi; Hung Yén:
Nguyén Vian Tho, 11 Toan, THPT chuyén Hung Yén;
Hai Phong: Phagm Vin Duong, 12C4, THPT Ly
Thuong Kiét, Thuy Nguyén; Vinh Phuae: Tran Trung
Diing, 11A1, THPT chuyén Vinh Phic, Tran Vin
Huynh, 10A1, THPT Ngb Gia Ty, Lap Thach; Nghé
An: Nguyén 'Ihauh Long, 12A, THPT Ha Huy Tap, TP
Vinh: Quang Ngai: Po Tién Vi, 11B1, THPT Bmh
Son, Quang Ngii; Pha Yén: Phan Thanh Vié é

11 Toan, THPT chuyén Ludng Van Chanh, Nguyén
Tudn Ding, 10A, THPT Phan Chu Trinh, Phi Yén;
Khanh Hoa: Nzuyvén Thi Hoang Oanh, 10 Todn,
THPT L& Quy Dén, Nha Trang; Pak Lak; D6 Thanh
Ting, 10T, THPT chuyén Nguyén Du; Can Tho: Lé
Nguyén, 11A1, THPT Ly Ty Trong, TP Cén Tho.

NGUYEN DANG PHAT
Bai 1.1/337. (

LELL GO ST

-"'r mach dién -‘-""""."' ch

l:."-" .".‘.’i'u’ 7 -'?'” [ ( "l.'fl I}n I ': .'r.":'l o '-J 1'_'/_}
'lrr n'-“ Cuon ff.',: th "l"'n' rlf-' .Ird = lr.."uJ;l. J'l/]" U
hai dédu doan mach mot hiéu dién the xoay
chiéu cé gid tri .f'.‘ téu dung U = 220V v co tan

‘*U Uf.lt ()]

1) Hot o phai 6 tri s @ . bang bao nhicu

dé c rfr;j ffu hidu 1 cua ding dien mach
chinh dat tri sé'ewe tidu ? |
."ll,
\_ i
ric'.h’:f!]
|— oom

2) Tim cufimg do hicu di
dién mach chinh

Lai giai. 1) Vé gian do vectd nhu trén hmh
B

Uan _JRZ+E .~

vam uu re khi m= t,

vé dudi day. Tacod: sing, =

U R o .2
cosg, = Rl PN Tashav T mpe Hiin
o

AB  \JR*+Z%
khig=0;khidé !, = Lsiny, , suy ra

R!
Wpin = —L-E - —— =3,16.10° (rad/s).

(cing c6 thé tim w_; bing cich tinh I tir gian
dd vectd va tim diéu kién dé [ cuc tiéu).

25

https://tieulun.hopto.org



hitos:'www. facebook.com/letrunglienmath

hitps:/isites. google. com/siteletrunglienmath

2) Khi I cuc tiéu,
UR URC
I=1,.cosp,= = =0,022(4) ;
riiik, R*+La’,,
7 C
L= =U J: =6,96 (A
: cosg, L @

val, =Lsing, = LL—C %—RZ ~ 6,96 (A).

Luu ¥ réng vi R* << % nén két qua haunhu

khéng phu thudc K.

Nhin xét. Ciac ban ¢ 161 giai gon va ding :

Béc Ninh: Nguyén Trong Boan, Ngu_)-en Cing
Duing, Tran Thai Ha, 12 Li, THPT chuyén Bac Ninh;
Vinh Phuae: Podn Anh Qudn, 12A3, THPT chuyén
Vinh Phiie; Ha Tinh: Truong Tudn Anh, 12 Li, THPT
chuyén Ha Tinh; Hung Yén: Pham Hdi Ludn, 11 Li,
THPT chuyén Hung Yén.

MAI ANH

Bai L2/337. Mot vit nho co khéi luong
m = 3g va tich dién q = +2.107°C, ban ddu dit
¢ dinh cia mdt bdn tru cé bdn kinh R =
78(cm) (hinh vé). Tror.!g khéng gian co mot i
rrz.,fng déu, vecto cam ing ti song song vt
truc cua mat tru. Néu ban dédu vdt truot vé bén
phdi thi khi bat dau roi khoi mdt tru, vat cé
véin tée v, con néu ban ddu vdt trugt vé bén
trdi thi khi bat ddu roi khoi mdt tru vit cé van
toc la v, Xde dinh do Idn va hudng cua vectd
cam ing tit, biét rang v, -v,| = 2,3cm/s. Bo
qua cdce loal lw'c ma sat.

Loi giai : Theo gia thiét, vectd cam iing tit
B c6 ]Jhudn.g song song vdl truc cia méit tru ;

- nghia 14 c6 phucmg vudng goc val mit phﬁ.ng
hinh vé. Gia st rang céc vectd cam Ung tif ¢6
chidu hudng tit trong ra ngoal mit phang hinh
vé. Vit chiu tdc dung cua cac li,tc Trong lue
P=mg, phan lye N cia mit tru va lje
Loren F ¢6 @ lin F=quBsiny=quB(y la
gbc gitta hai vectd v va B). Do ¢ vudng goe véi
B nén siny=1, B c6 d6 16n 1a B. Luc Loren
nay cd phuong xuyén tam.

PRI
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Phuong trinh (PT) dinh luat II Newton viét
chovatcé dang: P+N+F=ma (1)

Phan luc N va lyc Loren cé phuong vudng
gbe véi quy dao nén khéng sinh eéng, do vy co
niing cta vét bao todn. Chon méc thé niang d
diém cao nhét trén mat tru (diém A), ta 6

2
(2

mu

Néu vat chuyén déng vé bén phai thi tit PT
(1) chiéu lén ph‘:Idng xuyén tdm va chon chiéu
dm:ing huéng vao tAm (chi ¥ ring tai diém ma
vat rdi kkhoi mat tru thi N = 0, khi do vit 6

van toe v = v,), ta dude :

O=-mgh+

mu;
mgcosu+qvlﬂ=-"§’— (3)
va PT (2) trong trudng hdp nay cé dang :
2
0=-mgh, +21

(4)
véi h, = R(1-cosa) ()

Tuong tu, néu vét chuyén dong vé bén trai
thi tit (1) va (2) ta cing c6 :

F-
mgcosp-qu, B = m;‘* (6)
2
o:_mgnﬁ""’;* )
vii h, = R(1-cosp) (8)
Thay (5), (4) vaoc (3) va (8), (7) vao (6), ta
3mu,*
dude : B= 1 )
: mg+qu, >R 9)
3mu,”
-gqu,B= . 10
mg—qu, = (10)
T (9) va (10) ta rit ra :
3m[ul2—022)
T=¢?B(U1+U2]
3m(v, —v,)
h B=—r——== 11
ay 2qR (1)
Neuv1>v2th1B—069('I‘) vectd B cb

chiéu tir trong ra ngoai mat phang hinh vé
nhu ta da gia thiét.

Néu v, < v, thi tit cac 14p luin trén ta thay :
Tit trudng vin c6 do 16n 1a 0,69 (T) nhung cé
chiéu nguge lai (tit bén ngoai vao trong).

(Xem tiép trang 7)
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KET QUA CUQC THI GIAI TOAN VA VAT Li
TREN TAP CHI TOAN HOC VA TUOT TRE NAM HOC 2004-2005

Chiing ta da cing nhau qua mét chdng duing miét mai vdi nhiing bai todn da dang va
khéng dé chiit nao. Sau mét ndm tham gia giai todn han kién thiéc cua mébi nguoi déu phong
phii va ki nang thém hoan thién. Cude thi tri tué cia ndm hoc 2004-2005 cing la cudc thi
thutong nién thit 41 ciia ching ta da khép lai vdi thanh cong thuoc vé tdt ca cde ban da gui
bai gidi. Ban co thé thdy sw déu khdp cdc viing mién qua dia chi cdc ban gui bai du thi va
cde ban doat gidi. Dicu thii vi la cd 2 gidi Xudt sdc déu thudc vé cde ban ¢ mién Trung dat
nitde. Pay la mét dau dn ghi lai mét mée trén con dutng hoc tap va tap duwgt nghién citu cua
cdc ban. Chiic mitng 92 ban dudc giai mén Todn va 28 ban duge giai mon Vit li. Hi vong
cude thi tiép theo ching ta ¢ duge dong dao hon nita cac ban tham du, nhdt la cdc ban 0
Déng bing song Citu Long va cde tinh mién nii Bac bo. Sau déay la danh sdch cdc ban
doat gial. : ’

MON TOAN

Giai Xuit sic (2 giai)

1) Tran Thi Anh Nguyén, 6/7, THCS Cam
Nghia, Cam Ranh, Khanh Hoa.

9) Trudng Xuadn Nha, 7A, THCS Nguyén
Hué, Dong Ha, Quang Tri.

Giai Nhat (6 giai)

1) V& Dinh Long, 6A, THCS Ly Nhat
Quang, Dé Ludng, Nghé An.

2) Tang Van Binh, 7B, THCS Ly Nhat
Quang, D6 Luong, Nghé An.

3) Lé Tuan Hiép, 8C, THCS Thai Son, D6

" Ludng, Nghé An.

4) Neuyén Tién Thanh, 9C, THCS Nguyén

Quang Bich, Tam Nong, Phi Tho.

5) Trinh Ha Linh, 10T, THPT chuyén Lam
Sdn, Thanh Héa.

6) Nguyén Quang Huy, 11A1, THPT chuyén
Hung Vuong, Phia Tho.

Giai Nhi (13 giai)

1) Vo Thi Hoang Nga, 6A, THCS Hermann,
TP Vinh, Nghé An.

2) Lé Quang Huy, 6H1, THCS Trung
Vuong, Q. Hoan Kiém, Ha Noi.

3) Duong Thi Thu Thao, 7A4, THCS Nguyén
Du, Pleiku, Gia Lai.

4) Pham Ngoc Duong, 7B, THCS Lién Hoa,
Kim Thanh, Hai Duong.

5) Nguyén Vi Thanh Long, 81 THCS Chu
Vin An, TP. Hué, Thita Thién- Hué.

6) Tran My Linh, 9/1, THCS Trin Huynh,
TX Bac Liéu, Bac Liéu.

7) Vo Thai Thong, 9/4, THCS Ngo Gia Ty,
Cam Nghia, Cam Ranh, Khanh Héa.

8) Nguyén Xuin Tho, 10A1, THPT chuyén
Vinh Phue.

9) Trinh Ngoc Td, 10T, THPT chuyén
Nguyéen Hué, Ha Dong, Ha Tay.

10) Truong Ngoc Son, 10T1, THPT chuyén
Nguyén Trii, Hai Duong.

11) Bii Quang Huy, 11 Toan, THPT chuyén
Hung Yén, Hung Yén.

12) Nguyén Tuong Huén, 1171, THPT
chuyén Lé Quy Dén, Pa Nang.

13) Hoang _th\c Hiéu, 12A1, THPT Nguyén
Xuin On, Dién Chiu, Nghé An.

Giai Ba (24 giai)
1) Lé Quy Trinh, 6A, THCS TTr. But Son,
Hoéing Hbéa, Thanh Héa.

2) Nguyén Thuay Dung, 6A1, THCS Yén Lac,
Yén Lac, Vinh Phae.

3) Via Minh bite, 6H1, THCS Trung Vudng,
Q. Hoan Kiém, Ha Néi.

4) Nguyén Manh Tuén, 7B, THCS Ly Nhat
Quang, D6 Luong, Nghé An.

5) Hoang Trung Dite, 7B, THCS Ly Nhat
Quang, Do Ludng, Nghé An.

6) Hoang Thi Lé Quyén, 7B, THCS Ly Nhat
Quang, Dé Luong, Nghé An.

7) Nguyén Thi Kim Chi, 7B, THCS Ly Nhat
Quang, D6 Luong, Nghé An.

8) D6 Nhu Milan, 8Al, THCS Chu Van An,
Ha Noi.

9) .2 Thi Hanh, 8A5, THCS Quang Trung,
TP Thanh Héa, Thanh Hoa.
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10) Nguyén Son Tang, 9B, THCS Nguyén
Quang Bich, Tam Nong, Pha Tho.

11) Trinh Hung Linh, 9C, THCS Lé& Thanh
Téng, Tho Xudn, Thanh Héa.

12) Nguyén Luu Bach, 9C, THCS Lé Hau
Lap, Hau Loc, Thanh Hoa.

13) Tran Trung Dung, 10A1, THPT chuyén
Vinh Phue, Vinh Phuec.

14) HA Minh Tuan, 10A2 Toan, DPHKHTN -
DHQG Ha Noi, Ha Néi.

15) Pham Khic Thanh, 10B1, THPT Triéu
Son I, Triéu Son, Thanh Héa.

16) Vi Thanh Xuédn, 10T, THPT chuyén
Hung Yén, Hung Yén.,

17) Vi Van Téan, 10T, THPT chuyén Lam
San, Thanh Hoa.

18) Tran Van Linh, 11 Toan, THPT Lé Quy
bén, TP Ving Tau, Ba Ria - Viang Tau.

19) Lé Ngoc Thach, 11A1, THPT chuyén
Phan B Chau, Nghé An.

20) Nguyén Thanh Céng, 11A1, THPT Ly
Tu Trong, TP Can Tho.

21) Nguyén Dic Tung, 11A2, THPT chuyén
Phan Béi Chéu, Nghé An.

22) Luong Xuan Bach, 12T, THPT chuyén
Hung Yén, Hung Yén.

23) Lé Ba Khiét, 12T, THPT chuyén Ludng
Thé Vinh, Dong Nai.

24) Ha Dinh Thiédu, 12A1, THPT chuyén
Vinh Phue, Vinh Phue.

Giai Khuyén khich (47 giai)

1) Lé Thi Tuyét Mai, 6A1, THCS Yén Lac,
Yén Lac, Vinh Phuec.

2) Nguyén Hitu Hung, 6A1, THCS Yén Lac,
Yén Lac, Vinh Phue.

3) Nguvén Thi Giang A, 6A1, THCS Yén
Lac, Yén Lac, Vinh Phue.

4) Nguyén Thi Ngoe, 6A1, THCS Yén Lac,
Yén Lac, Vinh Phuec.

5) Pham Minh Trang, 6B, Truong Ha Nai -
Amsterdam , Ha Noi.

6) Pham Mai Phuong, 6B, THCS Phong
Chéau, Pha Tho.

7) D8 Vi Thach, 6B, THCS Yén Phong, Yén
Phong, Bae Ninh.

8) Nguyén Vian Tuan, 7/1, THCS Hgp Tién,
Nam Sach, Hai Dudng.

98

9) Duong Hoang Hung, 7B, THCS Ly Nhat
Quang, D6 Ludng, Nghé An.

10) Nguyén Anh Tu, 7B, THCS Ly Nhat
Quang, Dé Luong, Nghé An.
11) Nguyén Phuong Thao, 7D, THCS Hoan
Lio, B6 Trach, Quang Binh.
12) Viong Bing Viet, 81
TX Ha Tinh, Ha Tinh.

13) Dang Céng Viét, 8A, THCS Ly Nhat
Quang, D6 Luong, Nghé An.

14} Luong Xudn Huy, 84, THCS Tién Lit,
Tién Lit, Hung Yén.

15) Dai Thi Anh, 8A, THCS Yén Lac, Yén
Lac, Vinh Phic.

16) Dinh Hoang Long, 8A1, THCS Té Tiéu,
My Die, Ha Tay.

17) Nguyén Ngoc Linh, 8A3, THCS Lam
Thae, Pha Tho.

18) Trudng Ngoe Nam, 8B, THCS Minh
Tén, Kinh Mén, Hai Duong.

19) Nguyén Cao Tuén, 8B, THCS Nhit Ba
S, Ilﬂéng Hoa, Thanh Hoa.

20) Cdn Manh Hung, 8C, THCS Thach
Thit, Thach Thit, Ha Tay.

21) D6 Thi Thiy, 8D, THCS Lap Thach, Lap
Thach, Vinh Phec.

22} Vo Quang Vinh, 8D, THCS Thai Hoa 1T,
Nghia Dan, Nghé An.

23) Tran Trung Dite, 8H1, THCS Trung
Vudng, Hoan Kiém, Ha Néi.

24) Ngo Thi Bich Phugng, 94, THCS Yén
Lac, Yén Lac, Vinh Phuac.

25) Cao Manh Hung, 9A THCS Yén Dinh,
Hai Hau, Nam Dinh.

26) L& Thé Tai, 9B, THCS huyén Tu Sdn,
Bic Ninh.

27) Hoang Buc Y, 9E, THCS Tran Mai
Ninh, TP Thanh Héa , Thanh Héa.

28) Nguyén Nhu Die Trung, 9/1, THCS Ly
Thudng Kiét, Q. Hai Chau, Pa Nang.

29) To Viet Anh, 9A1, THCS Nguyén
Trucng Té, Dong Da, Ha Noi.

30) Pham Tién Duat, 9B, THCS Tran Huy
Liéu, Vu Ban, Nam Pinh.

31) Nguyén Thanh Trung, 9D, THCS TTr
Ky Anh, Ha Tinh.

32) Lé Dac Lei, 9/1, THCS Héng Bang, Q.5,
TP H6 Chi Minh.

33) Trinh Huy Giang, 10T, THPT chuyén
Lam Son, Thanh Héa.

THCS Nam Ha,
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34) TrAn Van Huynh, 10A1, THPT Ngo Gia
Ty, Lap Thach, Vinh Phuec.

35) Lé Tién Nam, 10A1, THPT Thiéu Hoa,
Thiéu Héa, Thanh Hoa.

36) Pd Thanh Tung, 10T, THPT Nguyén
Du, Pak Lak.

37) Nguyén Anh Tuén, 11 Toan, THPT chuyén
Nguyén Trai, TP Hai Duong, Hai Duong.

38) Nguyén Quéc Hung, 11A3, THPT Dén
lap Duy Tan, TP Tuy Hoa, Pha Yén.

39) Nguyén Thé Nam, 12 Toan - Tin, THPT
chuyén Luong Thé Vinh, Déng Nai.

40) Vii Manh Tuén, 12 Toan, THPT chuyén
Hung Yén, Hung Yén.

MON 3

Giai Nhat (1 giai)

1) Duong Trung Hiéu, 12B, THPT NK Ngé
Si Lién, TX Béc Giang, Bac Giang.

Giai Nhi (12 giai)

1) Nguyén Diic Trong, 10A3, THPT chuyén
Vinh Phiie, Vinh Phue.

2) Chu Tuén Anh, 11 Li, THPT chuyén Thai
Nguyén, Thai Nguyén.

3) Nguyen Céng Dudng, 11
chuyén Bac Ninh, Bae Ninh.

4) Ngo Thu Ha, 11 Li, THPT chuyén Tha
Nguyén, Thai Nguyén.

5) Lé Hoang Diang , 11 Li, THPT chuyén
Nguyén Trai, Hai Duong.

6) Pham Tuédn Hiép, 11 Li, THPT NK Tran
Pht, Hai Phong.

7y Ngb Viét Cudng, 11A3,
Vinh Phic, Vinh Phue.

8) Nguyén Thanh Noi, 11AT, THPT Nguyén
Du, TP Budn Ma Thudt, Pak Lak,

9 Nguyén Minh Cuong, 12 Li
chuyén Bac Ninh, Bac Ninh.

10) Bui Phi Anh, 12 Li, THPT Ha Nai -
Amsterdam, Ha Noi.

11) Lé Ha Kiét, 12A2, THPT Ditc Phé I,
Quang Ngai.

12) Nguyén Thi Phuong Dung, 12A3, THPT
chuyén Vinh Phic, Vinh Phue.

Giai Ba (10 giai)

1) Nguyén Ngoc Ky Nam, 10 Li, THPT Lé
Quy Don, Khanh Hoa.

I gl

THPT chuyén

i tin & el

41) Nguyén Tién Lam, 12A1, THPT chuyén
Lé Quy Dén, Pa Ning.

42) Lau Nhu Hoa, 12 Toan, THPT chuyén
Hoang Van Thy, Hoa Binh.

43) Than Ngoc Thanh, 12A1 THPT NEK Ngbo
Si Lién, TX. Béc Giang, Bac Giang.

44) Nguyén Vin Dinh, 121, THPT Giao
Thuy A, Nam Dinh.

45) Ta Quang Hién, 12T, THPT chuyén
Ludng Thé Vinh, Déng Nai.

46) Nguyén Trong Hoa, 12T, THPT chuyén
Lam Son, Thanh Hoéa.

47) Truong Phie Thoai, 12T, THPT chuyén
Quang Binh, Quang Binh.

2) Nguyén Xuan Nam,
Bae Ninh, Bac Ninh.

3) Nguyén Ngoc Hung, 11A3, THPT chuyén
Vinh Phue. Vinh Phue.

4) Tran Vian Hoa, 11 Li THPT chuyén Bic
Ninh, Bac Ninh.

5) Poan Anh Quén, 11A3, THPT chuyén
Vinh Phiie, Vinh Phuec.

6) Nguyén Minh Phuong, 11A3, THPT
chuyén Vinh Phiic, Vinh Phue.

7) Pham Thé Manh, 11N, THPT NK Ngé
Si Lién, TX. Bac Giang, Bac Giang.

8) Nguyén Manh Tuén, 12 Li, THPT chuyén
Hung Yén, Hung Yén,

9} Nguyén Vinh Phie, 12A18, THPT Chg
Gao, Tién Giang.

10) Thai Phan, 12T,
Dong Thap.

Giai Khuyén khich (5 giai)

1) Nguyén Hitu Toan, 10 chuyén Li, THPT
chuyén Hung Vuong, Pha Tho.

2) Trinh Trong Thanh, 10A, chuyén Li
PHKHTN - DPHQG Ha Noi.

3) Trdn Thi My Phuong, 12 Li, THPT
chuyén Tién Giang, Tién Giang.

4) Pham Quéc Viét, 12 Li, THPT chuyén
Hung Yén, Hung Yén.

5) Nguyén Chi Linh, 12A12, THPT Phan
Bai Chau, Krong Nang, Dak Lak.

Cdc ban hay gm dia chi mdi cua minh b?

dé Toa soan gii Bdng chitng nhdn gidi
thudng va qua ting.

11 Li, THPT chuyén

THPT TX Sa Déc,

THTT
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HOI THAO VE HIEU QUA CUA SACH, BAO TOAN NXB GIAO DUC VGI VIEC
DOI MG PHUONG PHAP DAY VA HOC TOAN BAC TRUNG HOC PHO THONG

Sang 29.10.2005, tai 15 Nguyen Chi Thanh
Da Ning da dién ra Hoi thao vé Hiéu qua cua
sach, bao toan NXB Gio duc véi viéc d6i madi
phuong phap day - hoe toin bac THPT do tap
chi Toan hoc va Tudi tré (THTT) phéi hop vii
NXB Gio duc tai Da Niing té chiic.

Du héi thao c6 dai dién NXB Giao duc: PTS.
TS. Vit Dudng Thuy, TBT tap chi Toan Tudi
tha: 6ng Huynh Théng, Phé Giam déc NXB
Giéo duc tai Da Nang: PGS. TS. Phan Doan
Thoai, Phé Tong bién tap NXB Giao duc, TBT
tap chi THTT véa cac Phé ban Phu trach, Pho
ban Thu ki Toa soan THTT; cac truong, phé
ban Toan, Tin, Khoa hoe Tu nhién NXB Giao
duc tai HaNoi, TP Hé Chi Minh, Da Ning, cac
phé TBT cac tap chi thuge NXB Gido duc va
Giam doe Trung tAm Khoa hoe CN Sach gido
khoa NXB Gio duc, dai dién cac Cong ty sach
thiét bi cac tinh mién Trung, cac bién tap vién
toan cung hon 40 cing tac vién cic tinh tu
Quang Binh dén Binh Thuan.

Sau khi Th.S Vi Kim Thiiy tuyén b 1i do va
gidi thidu chuong trinh néi dung cude hoi thao,
PGS. TS Phan Doin Thoai da doc béo cao dé
dan, TS. Pham Thi Bach Ngoc doc béo cao vé
hoat déng cua tap chi THTT.

Tié'p d6, TS. Tran Phuong Dung, cac thay
gido Nguyén Vin Théng, Huynh Duy Thuy,
Tran Du Sinh, Nguyen PhIIUC Huynh
Théng... da phat biéu vé hleu qua cua sach,
bau toan va dic biét 1a vé noi dung va hleu
qua ctia THTT. "Toan hoc vit Tudi tré la mot
cAm nang, mét tai lidu goi ddu quy gia ma da
¢ bao nhiéu nim thang di ching nia thé hé
sau van ludén ning niu, gin gidt ting to bao
mét "4 mét danh gia tét dep vé THTT méa nha
gidjo Huynh Duy Thiy thay mit gido vién

toan va hoc sinh THPT Tang Bat Hé, Hoai
Nhdan, Binh Dinh da néi.

Néi dung va hinh thie THTT déu c6 nhiing
thay doi thay doi tich cuc. Bén canh d6, cac
cOng tac vién cing thang thén chi ra rang dé co
thé phuc vu doc gia tot hon tap chi can co thém
nhiing cai tién. D6 14 cAn duy tri déu din
chuyén muc Phuong phdp gidi todan; muc Giup
ban tu 6n thi cin thay doi theo huéng dang cac
chuyén dé gitip ban doc 6n thi vao Dai hoc, dé
luyén khéng khac xa dé thi v& mide dé khé,
khong kéo dai dé on luyén trén 3 s6 nhu viia
qua. Tang cudng cac bai toan mang tinh thuc
tién, gop phan gitip hoc sinh mé hinh héa cac
bai toan cia cude song dat ra. Cho hoc sinh
tham gia giai va gui cac 10i gidi toan bing tiéng
Anh vé tap chi. Chad § hon nia vai trd cua Lich
si todn hoc, qua do giup hoc sinh va nhiing
ngudi lam toan hiéu nhiing khé khéan, vip vap
cua nhiing nguoi lam toan di trude.

PGS. TS. Via Duong Thuy cho ring THTT
cAn lam tot phan Tudi treé va dé xuat viée xudt
khau THTT ra nude ngoai nhu mong muén
cua GS. Nguyén Canh Toan.

Cuéi cung, TBT tap chi THTT téng két hl‘ji
thao Sach va bao toan da dap tng dude yeu
cAu chung. Tuy viy con thiéu nhiéu cl mang
toén thuc tién, Todn hoc va Tuéi tré can phat
trién sao cho Toan phai toan hdn, Tré phai tré
hon. TBT ciing gidi thidu vé cac eong viéc méi
ma toa soan dang trién khai la lam Website
THTT va dua 1én mang tit ddu nam 2006,
THTT gop stic vao viée chuin bi cho Viét
Nam dang cai cuée thi Olympic Toan Quo{: té
2007. Nhiéu dai biéu con nudi t-lEE vi thdi gian
hdi thao mot budi sang 1a qua ngin,

VU THANH THANH

PROBLEMS ...

(Tiép trang 17)

T11/341. Consider the convex quadrilaterals
ABCD having inscribed circle. Let M, N, P, @ be the
touching points of the inscribed circle with the sides
AB, BC, CD, DA respectively. Find the least value
of the expression
AM? BN? CP® D@*

4 + +

X3

T=

x1x2 x3x4 1411

where [x,, x,, x,, x,} is a permutation of the measure
a=AB b=BC,c=CD,d=DA.
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T12/341. Let OABC be a tetrahedron such that
the sides OA, OB, OC are orthogonal each to
others. Let H be the orthocenter of triangle ABC.
The line AH cuts BC at K. The line passing through
the incenters of the triangles OBK, OCK cuts OB,
OC at M, N respectively. The plane bisecting the
dihedral angle [B, OA, H] cuts BC at D, the plane
bisecting the dihedral angle [C, OA, H] cuts BC at
E. Prove the inequality for volumes :

J2-1

2
Voane -Voamwn = Voanc -
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Giai ddp : 3 3 ‘
0 CHY NGAY KHAI GIANG
(Dé déing trén THTT s6°339 thdng 9.2005)

1. Pén truong dé MO MANG kién thiic.
2. Phudng phép giang day mdi: 14y hoc sinh

lam TRUNG TAM.
3. Luc lugng chinh trong mdi nha truong :
HOC SINH.

4. Gid hoe thi vi: NGOAI KHOA.
5. Phong rét cén cho day va hoc: THI NGHIEM.
6. Noi 06 céc hoat dong day - hoc: NHA TRUONG.
7. Cong cu cAn thiét dé day hoc: BANG.
8. Ndi gén bé véi ngudi thiy: BUC GIANG.
9. Don vi do thdi gian & trudng: TIET HOC.
10. Pon vi lao dong chia cac gidng vién: KHOA.
11. Don vi lao déng nhd cta cac thiy, ¢b gido:
7O BO MON.
12. Hai hoat d(}n‘g chinll trong lao dong cua
ngudi thay: NOI - VIET.,
13. C4u néi gitia thiy va tro : PHU HUYNH.
Ta diwde cot t6 mau:
MUNG NHA GIAO VIET NAM
M
|
| H | 8] | C|S

AINIG
NJGI|T

Alm|

FALE B =]
Z|lalz|l=|=2

O|A|]T|K|H
GIH|I|E|M
TIR|{U|O

0fal

NG

|T|H

|H|U

T|ulo]c]

[k|n

Blo[m|o|N]|

N o
[p|ujulu|u

=== |Z2]|=
Zl=|Qlx|=||=> T

Giai dap bai:
PHEP TOAN TOAN CHU SO 9
(Dé ding trén THTT s6 339 thang 9.2005)
Bai todn ¢6 nhiéu dap an. Xin trinh bay mét
s6 phép toan ma ching déu cho cing két qua
1a 999 :
1) 999 + 9,

2)999.[y9] ([z]ki hidu phan nguyén cta z)

3) [999,9]; 4) BCNN (999; 9);
9(+/8)-9
5) |[—«J99,9ﬂ; 6 > k;
k=9

7 9((VO))!: (v/9)!-9);

8 (9+[VVa D + [1g9];

9) 999 + {9} ({x} — ki hiéu phan lé cua x).

10) 999 + [1g9];

Nhan xét. Cac ban sau c6 nhiéu 1o giai
diing dugde nhén ting pham

Tran Pitc Trung, 12 Li, THPT chuyén Bic
Ninh; Nguyén Vin Luong, K6A toan, DH
Héng Dic, Thanh Héa; Lé Van Chdnh,
11 Toan, THPT chuyén Bén Tre.

HOANG TRONG

Mét s6 ban cé dap an 1a Rieng nha gidgo Viét
Nam ().

Giai tat bai nay ¢6 cac ban :

Nguyén Bd Ding, 12A1, THPT Thuan
Thanh I, Bic Ninh; Truong Quimh Anh,
10A8, THPT Héng Quang, Hai Duong; Dinh
Ngoc Bich, K28C Khoa Toan, DHSP Ha Néi 2,
Vinh Phiae;, Lé Phong Vi, ; 10K, THPT
Nguyén Binh Khiém, Krong Pic, Dik Lik;
Trinh Die Thang, 325/135/1/10 Kim Nguu,
P.Thanh Luong, Ha Noi.

VU b0 QUAN
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W i TOAN FOC ui 70T TRE

XUAT BAN TU 1964

56 341 (11-2005)

Toa soan : 1878, phd Giang Vo, Ha Ngi
DT - Fax : 04.5144272

Email : toanhoctt@yahoo.com

BAN CO VAN KHOA HOC

GS. TSKH. NGUYEN CANH TOAN
1S. TSKH. TRAN VAN NHUNG
TS. NGUYEN VAN VONG
GS. DOAN QUYNH
PGS. TS. TRAN VAN HAO

CHIU TRACH NHIEM XUAT BAN
Chu tich Hoi dong Quan tri
Tong Giam doc NXB Gido duc
NGO TRAN Al

o Téng Giam dée
Téng bién tap NXB Gido duc
NGUYEN QUY THAO

HOI PONG BIEN TAP
TS. TRAN DINH CHAU. ThS. NGUYEN ANH DUNG. TS .TRAN NAM DONG, TS, NGUYEN MINH DUIC,
TS. NGUYEN MINH HA, TS, NGUYEN VIET HAL PGS. TS. LE QUOC HAN, ThS. PHAM VAN HUNG,

PGS. TS. VU THANH KHIET,

GS. TSKH. NGUYEN VAN '\"IAU Ong NGUYEN

KHAC MINH,

TS. TRAN HL"L. NA_L\! TS. PHAM THI BACH NGQC, PGS. TS. ‘\‘CUYE\I DANG PHAT, TS. TA DUY PHUQNG,

ThS. NGUYEN THE THACH,

PGS, TSKH. DANG HUNG THANG,
ThS. VU KIM THUY, PGS. TS. VU DUONG THUY, GS

PGS. TS. PHAN DOAN THOAL

. TSKH. NGO VIET TRUNG, ThS. HO QUANG VINH.

TRONG SO NAY

€ Khsi chuyén Toan - Tin, PHKHTN
DHQG Ha Néi, Bon mudi nim xdy dung
va trudng thanh (1965-2005).

Danh cho Trung hoc Co 80 — For Lower
Secondary Schools

Qudch Van Giang - Mat 18p bai toan vé
cac dudng thang dong quy.

Pé thi tuyén sinh lép 10 hé THPT

chuyén trudng DHKHTN - PHQG Ha
No1 naAm 2005.

£

Phuong phip giai toin - Math Problem
Solving

Nguvén Vi Luong - Mot ung dung cua
bat ding thie Cauchy.

Ban co biét ? - Do you know?
Pham Vin Hiing - S6 bap bénh.

Hudng dan giai Dé thi tuyén sinh lép 10
khoi THPT chuyén truong DH Vinh
nam 2005.

&
D

Vi Dinh Hoa - Loi giai cac bai toan thi
hoe sinh gioi Qudc gia THPT bang A -

né&m hoc 2004-2005 (tiép theo sd trude).

@ Hoang Ngoc Canh - V& mét bai toan thi
hoc sinh gioi Quéc gia THPT nam hoe
2004-2005.

M@ ban tham du cude thi TOLITI 2006

Pé ra ki nay — Problems in This Issue
T1/341, ..., T12/341. L.1/341, L.2/341.

Giai bai ki trude — Solutions to Previous
Problems

Giai cac bai cua sd 337.
Két qua cude thi gidi Toan va Vat Ii trén

tap chi Toan hoe va Tudi tré nam hoc
2004 - 2005.

@@969

Vii Thanh Thanh - Hoi thao vé hiéu qua
cua sich, bao toin NXB Gido duc véi vige
déi mdi phudng phép day va hoc toan bac
trung hoc phé théng.

@ Giai tri toan hoec — Math Recreation
€D Caulac bo - Math Club

Téng bién tdp: PHAN DOAN THOAL Phé ban Phu trdch : PHAM THI BACH NGOC. Thu ki Toa sogn: VU KIM THUY.
Bién tap : HO QUANG VINH. Tri sit, Ché'ban : VO ANH THU , NGUYEN THI OANH.
Bai dién phia Nam : TRAN CHI HIEU, 237 Nguyén Vin Ctz, Q. 5, Tp. Ho Chi Minh. DT : 08.8309049.
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CASIO Khi mua may tinh CASIO
ban sé dugc tgng NGAY !

Chuong trinh

Qud Q).dng

- - '
Mua khai truéng ;_
i Tang 02 bit bi cao cép
Made in Thai Lan
Khi mua 01 may tinh

- At e Tang séch hudng dan sl du
khoa hoc duy nhat hig, . = T iinh e
h; nj CASIO
lrls\-{,d

I(ib

\iay tinh

C.
“U Cy, Yy, fx S00ES gl
o 6(?} f’_:l 5 7[‘_’,}!45

b s
»o y 0 M. /4 fgpg',(z ney §
M y o y s 12 tig s o €TOMD
il a hix Mg dugng fy 500MS va [X 2
MAY TiNH CASIO 1€t {ré

& z z II {‘1[ q’l”:'l gjﬁJn I 1’ 14 3 ‘iéﬂ v
THAT PHAI CO: 2 nhu giaf

LAED

Da quang chil R

VKHHS - RCA
khi chiéu tia cic tim

(BITEX)
Chudng trinh qua téng bt ddu il 24/08 dén hét 30/11
(Khdng &p dung cho Model HL 122L)
Xem chi ti€t tai Nha séch, clia hang ban may tinh
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TRUGNG THPT NINH GIANG, ;{EJ DUONG
40 NAM XAY DUNG VA TRUONG THANH

Truong THPT Ninh Giang duge thanh lap vio thang 8 nam 1965, Nam
hoc déu, trudng chi ¢6 3 1dp véi 9 gido vién do thiy Doan Dink Mang
lam Hiéu truong.

Nhimg nam déu thay trd phii dd)f v hoc trong hoan canh chién tranh
phd hoai, co so vat chat thi€u thon, phai chuyén dia diém so tin nhiéu
lan, Tir nam 1975 trudng chuyén vé Thi trin Ninh Giang. Dén nay
truong da ¢ mot co ngoi khang trang, rong rai vai 30 phnm hoc cé
phong thi nghiém, thu vién dat chudn, 6 phong thue hanh Li - Héa -
Sinh, ¢6 mot phong hoc hién dai véi thiét bj nghe nhin. Nam hoe
2004 - 2005 trudmg 6 36 18p véi 1620 hoc sinh, hon 80 cidn bo gido vién

Hiéu trudng trong d6 4 gido vién cé trinh d6 Thac 1, 3 gido vién c6 trinh do Cao hoc.
Nguyén Van Luc 40 nam qua trudng da dat duge nhiéu thanh tich dang tran trong : ¢6 243
gido vién la Chién si
Thi dua, gido vién
gioi cap Tinh, cap Ca
S0, Nhi¢gu  nam
truong dat danh hiéu
trudng tién tién xudfl
sdc. To Todn, 16 Van

g b : F X F nhiéu nam duge Uy
' . ' 1E% § Ty ban nhan dan tinh,
{ m.,;m I i (8 | " : =& S¢ gido duc ting
Bing khen, Gidy
khen cong nhin la
Té lao dong xuat sic.
Nhiéu gido vién di
truong thanh tr madi
trudng ndy  nhu
thdy Nguyén Binh,
nguyén Hiéu truong
truong THSP Minh
Hii, co6 Nguyén
Ngoe Bich Pho Gidam
d6c S GD-DT Ha
N&i, Nhiéu hoc sinh

¥y

: cii cua trwdng da i

o : truong thanh tor day !
Tap thé s pham Truéng THPT Ninh Giang, nhu: Nha gido Nhan ;
Hai Duong dain GS. TSKH A

Nguyén Vdn Mqdu,
Hiéu trudng trudng
DHKHTN - DPHQG Ha Noi; TS. Poan Huong, trusng PHKHXH&NV; Nha gido Uu ti PGS.TS
Nguyén Thi Nhung, Phé Hiéu trudng Trudng Dai hoc Ngan hang TP Hé Chi Minh.
Nam 2003, Truong duge Chu tich nude ting thucng Huan chuong Lao dong hang Ba. Truémg THPT
Ninh Giang ¥ thitc duoc sit ménh ciia minh khong ngimg vuon lén dé luon ximg dang véi niém tin yéu
cua hoc sinh va phu huynh huyén Ninh Giang, tinh Hai Duong.
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Chi s : 12884 In 32500 ban tai Cong ty CP in Dién Héng, 187B Giang Vo  Gid : 4000 dung
M s6 : SBT43MS5 In xong va nop luu chiéu thang 11 nam 2005 Bén nghin dong

https://tieulun.hopto.org





