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Nhitng guong mat, nhlIng tdm long
danh cho Jean hﬂe va Tubi teé

GS Phan Pinh Diéu sinh ngay 12-6-1936, qué & Can Ljc, Ha Tinh.
Ong bao vé luan &n PTS nam 1965 va TS nam 1967 tai Lién Bang Nga,
dugc phong Gido su nam 1980. Ong giang day tai khoa Todn tai truong
Pai hoc su pham Ha N&i (1957-1962), sau dé chuyén vé Uy ban khoa
hoc Nha nuéc, GS timg |a Vién trudng Vién Khoa hoc tinh toan va diéu
khién (1977-1985), Phé Vién trudng Vién Khoa hoc Vit Nam (1977-
1993), Cha tich Hoi Tin hoc Viét Nam (1988-1896), Pho trucng ban
thueing tryc Ban chi dao Chuong trinh quoc gia ve Cong nghé théng tin
(1994-1997). Linh vuc nghién ctu chl yéu cla giao su la : Logic toan va
Todn hoc kién thiét, H& théng didu khién va ngén ngit hinh thic, li

% thuyét mat ma va an toan théng tin. Giao su la dai biéu Cluer hdi khoa 5
&' va®6,1ir 1977 dén nay la Uy vién, r6i Gy vién Boan chil t|t‘h Uy ban Trung
~ ¥4 uong Mat tran T8 qudc Viét Nam.

Nha gido LE HAI CHAU sinh nam 1926, qué & Nghi Xuan, Ha Tinh.
Ong 1a uy vién thudng vy Hoi toan hoc Vigt Nam khéa 1, trong nhigu
nam la Gy vién Hdi dong bién tap Tap chi Toéan hoc va Tudi tré. Ong
phu trach céng tac chi dao mén todn, bdi dudng hoc sinh gi6i todn tai
Vu Trung hoc phd théng, Bé Gido duc tif nam 1957 dén 1990, la téc gia
nhiéu cudn sach giao khoa toan phé théng va trén 50 cudn sach tham
khao vé todn. E‘-r.g la Trudng doan hoc sinh Viét Nam du thi toan quéc
té 1an dau va nhiéu nam sau. Ong viét "chung ta cdé quyén ty hao ve
thanh tich lién tuc sudt 25 nam qua cua hgr sinh gsut toan nudc fa, dai
bidu cho thé hé tré Viét Nam théng minh, can cl, day sic sang tao.

PGS VU DUONG THUY sinh ngay 10-3-1945, qué & Ha Déng, Ha
Tay. Ong bao vé luan &n PTS nam 1980 tai Lién Bang Nga, dugc phong
PGS nam 1991. Ong giang day tai khoa Toan trudng Bai hoc Su pham
Ha Nbi tir 1965, sau dé lam chil nhiém bd mén Phuong phép gidng day
Toan. Tur 1991, 6ng cdng tac tai Nha xus it ban Gido duc, sau dé lam
Phé Téng bién tap rdi Phé Giam déc Nha xuat ban Giao 11|\ truc 'ti»"ﬂp
chi dao Tap chi Todn hoc va Tudi tré. PGS 1a Phé Chu tich klem Téng
thu ki Hoi gidng day toan hoc Phé théng. LA céng téc vién clia Todn hoc
va Tudi tré tir nhitng sb dau tién, éng nhd lai nhimg nam 1965-1966 khi
trudng Dai hoc Su pham so tan vé lang qué o Hung Yén, van thudng
mang bdo Toan dé 5n trao déi véi sinh vién nhimng bai todn kho. PGS
mong cac ban hoc sinh va sinh vién su pham - ngudi thay giao tuong
lai - den vdi tap chi Toan hoc va Tudi tré "chac chan sé tim dugc nhieu
didu b ich cho nghé nghiép tuong lai cha céc ban”

PGS NGUYEN XUAN HUY sinh ngay 5-6-1944 qué & Nam Binh. Ong
bdo v& PTS ndm 1981 va TS nam 1991, dugec phong PGS nam 13992,
PGS la anung phonq co s¢ dU lieu va lap trinh cia Vién Céng nghu
théng tin, 1a Gy vién Hoi fJUHg bién tap Tap chi Toan hoc va Tubi tré
trong nhiiJ nam.

La ngudi dat mua bdo Toan tir nhimg s6 dau tién, khi con |a gido vién
cAp 2 & huyén Ba Vi Ha Tay, 6ng nhd lai "Téi hao hie mong béao dén

nhu dia tré mong me di chg ve. Cam 1 bao mdi, trong long 16i day lén
mét eam xic hoi hdp kho ta. Thai ki ay chll yéu 16i hoc theo bao, chgn
ra nhiing thong tin bd ich dé truyén thy lai cho hoc tro. Toi thudng chon

céc d toan khé @ bao rdi lam dé né di bang cach thay déi mét vai gia
thiét*. Ong tam su "Poc bao dé hiéu thdu ddo da kho, viét bao hmh nhwr
con khé hon. Téi tut cam thiy minh cdn no ban doc nhiéu qua..
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Toan hoc va Tuébi tré 56 262 (4-1999)
Mathematics and Youth Gy - ke s sk
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TRONG SO NAY

Danh cho Trunghgccosd - For Lower Secondary Schools
Vit Pitc Cénh - Tt céc tinh chit co ban clia bt dang
thite

Giai bai ki trudc - Solutions of Previous Problems
(Giai cde bai clia 56 258

Dé ra ki nay - Problems in this Issue

T1/262, ..., T8/262, L.1/262, 1L.2/262

Huéng dén giai d& thi tuyén sinh mén toan truong
Dai hoc Ngoai thuong Ha Néi 1998

P2 thi tuyén sinh mén todn truyng Pai hoc Thily san
nam 1998

D& thi mén toan tuyén sinh vao 16p 10 trutmg PTTH
Chu Vian An va Ha Néi - Amsterdam

Danh cho cde ban chuidn bi thi vaoe dai hoc - For
University Entrance Preparation i
Pham Quéc Phong - Phuong phap goi sé hang ving

Tim hiéu sau todn hoc pho thing - Advanced
Elementary Math
Lé Hiru Diing - Giai diéu Parabol

Dién dan day hoc toin - Math Teaching Forum

Nguyén Viét Hai - Ban luén vé cich xét ba dudng
thing dong quy

Ti€ng Anh qua cdc bai todn va loi gidi - English

through Math Problem - Ngé Vigt Trung

Nhin ra thé gigi - Around the World
Dé thi Olympic toan ctia Ty Ban Nha (2-1995)

Cau lac bd - Math Club

‘L.V.N.M. - Sita the

L.T.N. - Tix dién vui

C.L.B. - Dich ma

Pham Minh Hién - Sai 1am & dau ?

Gidi tri todn hoc - Math Recreation

Binh Phuong : Giai dap bai Nira nac nita ma
Ngdn Hb : Viét sb vao hinh tron

Bia 2 : Nhifng guong mat, nhiing tAm long danh cho Toan hoc
va Tufitré

Bia 3: Trudng PTTH chuyén L& Quy Bén, Ba Néng.
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Ta da vier cdc tinh chdt co ban cda bt ddng
thike duege coi 1Q nhang yéu 16 nén tang, co 5o dé
tie do xdy dumg dwpe cde bdt ddng thitc moi phikc
tap hon. Nguwogce lai mudn chong minh mgt bdt
ddng thikc, ta cdn phai sit dung cdc tinh chdt co
ban cua bdt ddng thite va cdce bdt didng thike quen
thude nhw Cdsi, Bunhiacdpxki sau khi bién ddi
hiéu thiec hodc thém bot vae biu thikc mot 56
hang nao do.
Sau ddy la mgt sd vi du minh hoa ;

Vi du 1. Cho a, b, ¢ 1a ba so thyc duong.
Chimg minh ring :
2 2 g
{a+b) i (b+c) i (c+a)
2 a
Gidi. Cdch 1. Taco :
2 R )
(1) (a+b) i (b+c) i {c+a)
c a
= Bla+b+c) (2)

Z4(atb+c) (1)

+ da+b+c)

Mt khéc, theo bit déng thitc Cosi, 1a c6 :

2 2
@) gz VEEE
c c

(a+b)?
ha
Y {63
Chimg minh tuong ty, ta cang c6 :

2
%+ 4a = 4(b+c) ;

+dc = 4(a+b)

(“Tar+ 4b = A(c+a).

Cong timg v& ba bit ding thic trén sg thu
duge (2). Tir do ¢o didu phdi chimg minh,

Cidch 2. Taco :

2 2 2
(1= [ (m;b) + (b-:c) + (c-';ﬂ ](a+b+c)
> d(a+b+c)? 3)

Ap dung bit ding thie Bunhiacopxki, ta c6 :
da+b+c)® = [(a+b) + (b+c) + (c+a)]?

+h b a 2
=[(“E).¢E+(§),\f&+(%).«5] <

vU BUC CANH
(Pai hpe An Ninh — Ha Nai)

() +Ca) + (S N[0+ « bY]

;2 % 2
= [ (ath)”  (bt+e)” £§+§1_]{
¢ a b
Suy ra bt ddng thire (3) ding. Tir d6 ¢6 dicu
phii chimg minh.

a+b+c)

Vi du 2. Cho a, b, ¢ 1a ba sO duong. Ching
minh ring :

s
Ez-*-i- g +C—2a2+b:+c2(4}
Basster Ui
Gidi. Ta co ;
A% g
s g ety Y4 (@b e
sy B
= 3(a +b +c™) (5)
Ap dung bat ding thic Cosi :
y= g B BT
&8 ity NE L 2
bt evh b &

3
Ilay27%+b223u3

Chimg minh tuomg ty, ta cing co :
3
Z.b—+c223h2; 2.5 v at23c?
c a
Cong timg v¢ bu bt ding thic wrén ta thu

duge (5). Tir d6 cé didu phii chimg minh.

Vidy 3. Choa, b, ¢, d 1a céc 56 duong.
DIt M = ath b+c ct+d d+a
a+b+c  b+e+d c+d+a  d+a+b
Chimg minh ring : 2 < M < 3,

Gidi. Vi a, b, ¢, d 1 cic s duong nén a+b+c,
b+c+d, c+d+a, d+a+h ddu nhd hon a+b+c+d.

Do d6, ta c6 ;
i a+b c+d . d+a

a+h+c+d  a+b+c+d  a+b+erd  atbtotd

a+b+c+d

b+
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a+b+c) i ( ; b+c+d s
a
i ( Fa ;H:.E;E) & ( L d+a+bj

va M= Ll—

g0 ol G LGB g
a+b+c  b+e+d  crd+a  dia+b
(=0) (=d) (=a) (=b)
a+b+c+d atbtc+d at+btc+d  atb+ctd
(a+b+c+d)
= - Y = 1
a+b+c+d @

Tir (6) va (7) tacod : 2< M < 3 (Dpem).

Vidu 4. Chox2y 2z >0, Chimg minh ring :
B e s g
x_l+u+ﬁ2x2+yz+z‘:

£ gk iy b
Gidi. Xét higu :
s L R
(e },) (P42
_X0-2) ’ "-‘E(Z‘-I) 2(x-y)
< X b
Tir gid thi€t z < y vi1 ¥ (y-z) >0suyra:
2 2
i = -{---@—Z‘E, trx Zyvay (z-x} =0 suy
Z A
!2 ¥ !2 o
D e d I 3
X ¥
Do d6 .
1 Yo - !2 — 2 s} 1
HEY DY@+ @-y)

¥
VH = P[(y-x)Hx-2)] + Y2 (z-x) + 25 (z3-y) =
= (-y)(&-1D) + (=)D
= (=y)-z)[(x+y) — (x+2) =
= (x=y)x-z)(y-2) =0 (dox=2y=z>0)
Viy H=0, tirdé ta c6 didu phii chimg minh.

Vi dy 5. Cho g, b, ¢ 12 ba s6 duong. Ching
minh ring :
a* b? ¢ i ) C
+ + fr
e ) R Y f"“-’ cta  a+b
Gidi. Do vai trd cla a, b, ¢ 12 nhur nhau nén ta
c6 thé giﬁsﬁa?*b‘f‘*c:sﬂ

b
Vika=>= €>0nen ( )< [ )4_: suy ra
: i
LT (hJ +(5) = a(b+e) 2 a(b®+¢”). T ds
v a a d
két hop vdi 0 < (b2+c2)(b+c) < (a*+cP)a+c) c6 :

& a__dGr)-ab®+h) |
piact b BH+Ab+e)

a*(b+c) — alb*+c?)

Patn (8)
(a 4" a+c)
W%z%z 1 nen(%)zzg;(%)zzi suy ra
%-P%S(%)Z (b)zc:r cXa+b) < cla®™+b?H)

T d6 két hop voi 0 < (a 2N a+e) <
(a “ins JWa+b) co :

_i_i_c?’(u+b)—c{a2+b2))

a’+b?  a+b @+ a+b)

catb) - co(a+b?) ©
(a2+cz)(a+c]

Cé - bz _b_=bz(c+a}-b(c2+a2} 10)
C+t’.l2 c+d (a2+c2)(a+c]

Cong timg vE& (8), (9) va (10), ta dugc :

(5B T e e

bt bic bee SoRnCEn R e

=0
2 5 2

PR G AL L AR A SRR SR

bract Erat glabt bic cra  avb
(Ppem).

Nhidu bit ding thic trong khi thi chon hoc
sinh gidi hodc thi vao Pai hoc c6 thé chimg minh
twong by nhur trén. Mdi cdc ban thir sitc véi cic
bai tip sau :

Bai tap 1. Cho a, b, ¢ 12 4§ diaa cic canh cilia
mit tam gidc. Chiing minh :

a b i
N e
) b+c—a ¥ c+a-h * d+b-c¢

2) a(b+c) e b(c+a) i clatb)
b+c-a c+a-b  a+b-c

Bai tap 2. Cho a, b, ¢ 1a ba s0 duong. Ching
minh :

= 2a+b+c)

e e

bic  ct+a  a+b
PRI e
a%+i+3a
§f -\t
Bai tap 3. Cho n 13 mdt s§ nguyén duong.
Chimg minh ring :
10 Sl
3 23. Ry
Bai tap 4. Hiy tdng quét héa k&t qua cua vi
du 4 va vidu 5§ én./,

5 3ab+be+ea)
2{a+b+c)

abtbetca

abe
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Chitng minh mot cich hoan toan trong tw ta
cingcéa =2 c.

Nhian xét, 1. C6 rdt it ban gidi theo cach 1.

2. Pa 5@ cac ban gidi theo cdch 2. Nlumg c6 nhidu
ban da pham sai lAm trong cdch chimg minh bing phin
chimg. Xudt phat tir gid thi€t nguoc lai lai a<c va b<c
din dén mau thudn da v&i va két ludn. Viy phdi c6 azc
va bze.

3. Céc ban sau dy c6 I gidi ding :

Som La: Chu Tién Diang, 9T, Trung tim Chit
: : lrong cao Mai Son; Phni Tho: Lé Thanh Tdm, 8A,

CAC LOP THCS Thanh Ba; Vinh Phic: Phing Thanh Quang, 9A , Hai

Ba Trung, Mé Linh, Ta Héng Oudng, 7A, Nguyét B,

Yén Lac, Nguyén Thanh Hai, Dn toe NOi trd, Lap

Bai T1/258. Cho a, b, c 1a cdc s¢ nguyén  Thach; Ha Tay : BS Thi Thanh Hong, 9B, L& Loi, Ha

dweong thoa mdn Pong; Ha Noi: Nguyén Trong By, Dink Thanh Ti,
&4 5wt (] 4 ab) 8T, Ngo Si Lién, Nguyén Hién Phuomg Nam, 9A, Lé

P Y Quy Don, Hai Phong: Nguyén Digu Ly, Nguyén Ngoc
Chimg minh rdngazcva b z c. Bao, 8A,, Hong Bang, B3 Nggc Kién, 9D, NK Trin

il iRt i Phd, Hai Dwong: Pham Thanh Trung, 8A, Ngoyén
Loi gidl. Cdach 1. (theo Lé Chi Kién, 9B,  Trai, Nam Dinh: Phung Vin Thing, 5D, Ngo Déng,

THCS Viét Tri, Phu Tho). Giao Thuy, Hoang Van Giang, 9A,, Trin Dang Ninh;
Piéu kién ctia 38 bai cho ta : Ninh Binh: Trinh Ngoc Linh, Ddng Duy Hiung, Pham
at-abct+b*-c*=0 Viét Thach, Neuvén Vigt Hai, 9B, Truong Hin Siéu,

; ’ Thi xa Ninh Binh; Thanh Héa: Nguyén P Tai, 9A,

Xét phuong trinh bac hai Tay Do, Vinh Loc, Luu Pre Thi, 9A, Nhir Bi Si,
P-bc*x+b-c*=0 (1)  Holing Hoa, Mai Van Ha, Ha Xudn Gidp, 9C, L& Quy

Ta thdy a 12 mdt nghiém cda (1). Theo dinh B'ﬁn, Bim Som, Bii Aggoc Hin, .9C, 'ljrﬁn Mgi i{inh,
li Viet né con moi nghig¢m o’ nita sao cho Chu Thanh H‘.i‘ 9E, Dong Tho, TP. Thfmh Hé‘f'. ght
! & An: Quan Minh Vieomg, 8B, Song Hién, Thii Hoa,
a+a =bcc (2) Nghia Dan; Khinh Hoa: Nguyén Hoa Cuomg, 9,
gt (3 Thai Nguyén, Nha Trang; Bong Thdp: Ngwén Vin
a.4 € ) Hudn, 9A , Trdn Minh Tang, 9A ., TH chuyén ban, Thi
Do (2) ta thdy a’ 12 s0 nguyén va theo (1)ta x5 Cao Lanh. g :
cd =
L,%,2_ Pl fipd O 2.1 10 NGUYEN
hay c¢(ba’+1)= Br+a?=0 Bai T2/258. Tim cdc nghiém nguyén duomg
clig h¢ phuweong trinh

suy ra hr:z'+1:=0haya'>_f?.~l. X+y=z (1)

Viya' = 0hayaa’ =20 => b= c (do (3)). C+y=2 (2).
Chitng minh mét cach trong ty (do vai trd Lai gidi, Taco (2) & ( x+y)(x2-3.j'+}'2) =7
binh ddng clia a va b) ta cling ¢6 a = c. K&t hop voi (1) va luu ¥ x, y duong ta c6 ;
Cdch 2. (Theo Nguyén Pinh Hoa, 9B, & - Hyety
THCS Viét Tri, Phi Tho). Sy -y +xt-x=0 (3)
Taco a® + b* = c*(1 + ab) (1) Tir (3) ta thdy v tdn tai < Ay = 0
e b - ¢® = a(he® - @) 2) < 3(x-1)" <4,
Gia st : b < ¢. Tir (2) suy ra a(be*- a) < 0 Vi x nguyén duong nén x = 1 hodc x = 2.
= a> bct (3). Tir (1) ta c6 “NEux=1thay vio 3 taco:y -2y =0
ct-b*=ala- bed) 2 a> bet (do (3))  =y=2(viyduong) vadindénz=3.
Vay c6 c2-b2-bc’>0 hay ¢*(1-b) - b2 > 0 (4) - Néu x = 2 thay vao (3) ta c6: y-3v+2 = 0
Mat khic ta thiy b nguyén duwong nén <> v=1 hodc y=2. Va1 y=1 thi z=3 ; vii y=2 thi
21 - b) - b* <0 (5). (4) va (5) mau thudn, z=4.
Vay eid thidt b < ¢ 1 sai tic ta phii ¢6 Tém lai, he ¢6 3 nghicm :
bzc. ¥ = (1235 (25 ; 224 ).

4
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GIAI BAI KY TRUGC

Nhan xét. Rat nhidu ban tham gia giAi bai nay theo
nhidu cach kha cdu ki, phic tap. Mot s6 ban nhim 1in
nén thira nghigm, thim chi chimg minh h¢ khong c6
nghigm nguyén duong. Ban Lé Van Higu, 9D, THCS

Hoiing Quy, Hoing Héa, Thanh Héa c6 lvu § ding :

"Bai to4n trén chi 12 bi€n dang cia bai todn : tim x, y
nguyén dwong théa man phuong trinh (3), rit quen
thugc !". Nhimg ban c6 cch gidi gon v chinh xic
hom ; ;

Hai Phong: Pham Hong Kién va Nguyén Hai
Tung, 8T, THCS Chu Vian An ; Ha Nok: Newyén Hodi
Anh, 9A, THCS Lé Quy Don, Céu Gidy; Quang Binh:
Vo Trdn Thanh, 9B, THCS Hai Dinh, Ddng Hii; Thira
Thién - Hu¢: Neuvén Vin, 8, THCS Thiy An; Vinh
Phiic: Nguvén Cao Thdng, 9B, THCS Yeén Lac; Nghé
An: Pgu Tuin Anh, 9B, THCS Ding Thai Mai, Vinh;
Tay Ninh: Ddo Duy Binh, 8A, THCS Sudi b4,
Duwong Minh Chiu; TP Hé Chi Minh: Trdn Vinhk
Hiumg, 9/3, THCS Nguyén Du, Gd Vidp;, Plni Yén:
Huynh Tdn Trung, 9A, THCS Luonmg Thé Vinh; Yén
Bai: Neuyén Viet Hiang, 8E, THCS Lé Hdng Phong;
Ha Tinh: Trdn Nhdt Sinh, 9A, THCS Phan Huy Chg,
Thach Ha; Hai Dwong: Nguyén Thanh Hoadn, BA,
THCS Nouyén Trdi; Gia Lai: Neuyén Minh Thiy
Linh, 9A, THCS huyén A Yun Pa ; Khénh Hoa: Trdn
Trung Duy, Nguyén Hoamg Nigt, 9'*, THCS Thai
Nguyén, Nha Trang; Lam Déng: Newyén Thi Thdo
Nguyén, 9C, THPT chuyén tinh; Vinh Long: Nguyén
Hai Long, 9(3), THCS Nguyén Binh Khi¢m, thj xa
Vinh Long;, Pa Ning: Lé Anh Tudn, 9', THCS
© Nguyén Khuyén; Quang Ninh: PJ Quang Khdnh,
8A,, THCS Trin Qudc Todn, Udng Bi; Thanh Héa:
Luomg Ngoc Gidp, 9A, THCS Nht B4 Sy, Mai Hai
Léic, 7T, THCS Nega Hai, Nga Som, ...

LE THONG NHAT

Bai T3/258. Cho cdc, s¢ thug x, y, z thoa
manx + 2y2 + 272 + },Zzz + 3i€y232): 9

Hay tim gid tri nho nhdt ctia Iflch AVz

Lai gidi. Cdch 1. Ta o :
42y 2 Py Ay =9
& (F4+2074y°20) + 205+ 2yz+a’d) +

+ 3((y2)2xyz+ 1) = 12
& (x4y2)” + 200+x2)" + 3(0z-1)° =12
=3yz-1)° <12 = (yz-1)° <4
=-2<xyz-152 =-15x253.
x+yz=0
y+xz=0
xyz=-1
& (y.2=((1,-1,1),(1,1,-1),(-1,1, 1)}.
Vay xyz ¢6 gid trj nho nhét1a -1.

wi=-1<

2_TH

Cdch 2. (cla ban Nguyén Minh Khdnh, 16p
9, Lwvong Th€ Vinh, Duy Xuyén, Quiang Nam
va mOt sd ban khéc) :

Taco:. '

Jc2+?,%'24-1?.xzzz+y2.=:2+3;(:2;»;2422 .

Py Y ey + 12y2z22+
+ x'y's
-~ 9 -%Jxlzylzzlz
Viy9=29 Ux”yuzu =yl <1
=-1<xyz<l.

Tathdyxyz=-1chinghankhix=-1,y=z=1.
Vay gi4 tri nhd nhét ciia xyz 12 -1,

Nhan xét. 1) Tir cich gidi 2 suy ra ngay riing gia trj
16m nhdt cla xyz 12 1 dat duge chdng han khi x=y=z=1.
& cich gidi 1 d& ngd nhén riing gié trj l6n nhdt cia
xyz 1a 3. Tuy nhién xyz khong bao gir biing 3 vi hé
x+yz=0
y+az=0
xyzm 3

58 v0 nghiém,

Mu@n tim gia tri lén nhdt cda xyz theo cich 1, 1a
bign ddi v& trai nhur sau ;

PR Ay R =

= (xy2)° + 2(p-x2)* + I(xyz+1)* = 12

S+l <2 nzsl.

2) Céch giai don gidn nhdt, cho phép tm ludn mot
ldc cd max va min cda xyz ma khong cin dong dén bit
ddng thite Cosi cho nhidu s& thudc vé ban Bai Thu Ha,
9B, PT nang khi€u Trdn Phd, Hai Phong.

Pt A=xyz Khidé:

NéuA®> 1 thi

e R R R
9=f+-§+2y +—-+3A%>x + +2(_\- +-f5)+3

22+422+3=9Voli. VayA’<s1=-15A<1

A=-l1khichlnghanx=1,y=z=-1.

A = 1 khi ching han x=y=z=1.

2) Ciic ban sau diy cong cd i @il ot

Yinh Phwic: Trdn Tudn Dang, Cao Viét Ding, 94,
THCS Vinh Tudng; Pac Lie: Trdn Quang, 9A, THCS
Phan Chu Trinh, Budon Ma Thudt, DPi Ning: Lé Anh
Va, 9/1 Neguydn Khuyén, Hai Phong: Hodng Thanh
Tiang, 9A, Nii Beo Thiy Nguyén, Khinh Hoa:
Nguyén Ton Bao, 9'*, THCS Thai Nguyen, Nha Trang;
Phu Tho: Poan Duy Hao, 9B, THCS Vit Tri; Péng
Nai: V@ Xwin Negpe Td, 7, Quang Trung, Tan Phg;
Béc Ninh: Truong Bde Nam, 9A, THCS Nguyén Dang
BPao; Quang Ninh: L& Thanh Loan, 9B, Thanh pht Ha
Long; Ha Tinh: Phan Thi Thiy, 9A, THCS Hoang
Xuan Han, Birc Tho; Thanh Hoa: Luwu Bge Thi, 9A
Ho#ng Héa; Nam Binh: Dinh Thanh Hign, 9D Ngo
Béng, Giao Thiy.

DANG HUNG THANG.
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Bai T4/258. Cho doan thdng AB va diém D
ndm gitta A va B. Xét duimg tron tiép xtic voi
doan thdng AB tai diém D. Trén tiép tuyén AE

(tiép diém E khdc D) cia duomg tron Idy diém.

M 16t xumg véi diém A qua diém E. Treén tiép
tuyén BF (1iép diém F khdc D) cua dieomg tron
ldy diém N d6i ximg voi diém B qua diém F.
Puong thdng EF cdt AN ¢ K va cdt BM ¢ H.
Chiing minh rang tam gidc DKH Ia tam gidc
cdn, Hay xdc dinh tdm ctua duimg tron dé
DKH la tam gidc déu.

Lai gidi. Goi C 1a giao diém cilia hai tia AE
va BF (néu AE//BF thi khong tao thinh ADKH
nén khong xét).

T M k& MP//EF va cft tia BN & P. Do
ZMEF = AZPFE nén ME = PF. Theo dinh li

Talet thi : Ll i L = DHIIAM

HB FB DB DB
= ZDHE = Z/MEH (1) !
Tuong tyco DK//BN = £DKF = Z/NFK(2).

T (1) (2) suy ra ZDKH = ZDHK nén
ADKH la tam gidc can & dinh D. Tam O cla
dudmg tron tiép xic vdi AB tai D phdi nim trén
duong thing DO 1AB tai D (3).

ADKH 13 tam gidc déu < £ZKDH = £ECF
= 60° < ZEOF = 120° (4)

Hinh 1 Hinh 2

Khi doan thing OD khong cit EF thi tir (4)
suy ra ZAOB = 120° (5) (hinh 1). Khi doan
thing OD cit EF thi tir (4) suy ra ZAOB = 60°
(6) (hinh 2). Tix (3) (5) (6) ké&t luan dugc : Dé
ADKH 1a tam gidc déu thi tim O cia dudng
tron phdi 12 giao dim cla duomg thing
DO1AB tai diém D va cdc cung tron nhin AB
dudi goc 60° hodc 1207,

Nhén xét. 1) Nhimg sai s6t méc phai khi gidi bainay :
- Khi xét diéu kién ¢ ADKH 1a tam giac déu,
khong 1/3 céc ban chi nén duoce tim O ndm trén cung
chira géc 120° ¢6 hai ddu 12 A, B mia khong ndi dén O

6

phai thudc dudmg thing vudng géc vdi AB tai diém D
da cho.

- Khdng c6 ban nao chi ¥ ve 2 trudng hop nhu hinh 1
va hinh 2 ma chi v& va k&t lugn duge 1 trudmg hop.

- Mot s6 it ng nhan ring ADKH déu chi khi AABC
1a déu.

2) Chi ¢6 1 ban Trdn Qudc Vigr 9A, THCS Giao
Thiy, Nam Dinh trd 10i ding vé didu kign dé ADKH
12 d&u, bing cach tinh duge 2 gia trj cda OD. Cic ban
sau gidi khd gon :

Phu Tho: Va Chi Céng, 9B, THCS Vigt Tri; Vinh
Phic: Nguyén Hodang Gia, Hoang Xudn Quang, 9A,
THCS Vinh Twomg, Kim Dinh Thdi, Nguyvén Vin Gidp
9B, THCS Yén Lac; Som La: Chu Tign Dang, 9, TT
CLC Mai Son; Ha Noi: Neuvén Hoang Thach, 9C,
THCS Ngoc Lam, Gia Lam; Nam Pinh: Hoang Vin
Giang, 9A, THCS Trin Dang Ninh, Binh Thanh Hién,
9D, THCS Ngo Déng, Giao Thiy; Hai Duomng: Ngd
Xudn Bdch, Nguyén Tudn Duong, 9A, PT Ngoyén
Trai; Hiai Phong: Nguyén Kim Thanh, 9A2, THCS
Tién Lang, Vd Hoang Higp, 9T PTNK Trin Phi;
Thanh Héa: Mai Vidn Ha, 9C, THCS Lé Qu¥¢ BPon,
Bim Som; Biai Ngpc Hdn, 9C, THCS Trin Mai Ninh;
Nghé An: Nguvén Thi Hién, 9A, THCS Bén Thily,
Vinh; Quang Binh: Hoang Anh, 9B, THCS Hii Dinh,
DPong Hai; Phan Thanh Huong, 9', THCS Déng My,
DBéng Hoi. -

VIET HAI

Bai T5/258. Cho doan thdng AC cd dinh
voi trung diém K; hai diém B, D di dong ludn
luén ddi ximg voi nhau qua K. Puong phdn
gidc cua géc BCD cdt cdc duomg thdng AB,
AD ldn lugt 1gi 1, J. Ggi M la giao diém thit hai
(khdc A) cia cdc dwomg tron ngoai tiép tam
gide ABD, ALJ. Chimg minh rdng M ludn ludn
ndm trén mét duomg tron cd dinh.

Li gidi. Goi K 1a
giao cia AC va BD,
O va O’ lan luot la
tdm cia hai dudng
tron ngoai ti€p tam
gidc AlJ va ABD.
Trudc hét ta ching
minh AOBD la tr
gidc ndi ti€p. That
viy, goi E va F la
hinh chi€u cia O
trén AB va AD ta c6
AFDO = AEBO (c.p.c)do OF = OE, FD = EB
(vi tam giac ALJ cin tgi*A do ZAJI = ZALT =
ZBCD/2) nén ta c6 ZLADO=SABO va
OD = 0B. Do ZADO = ZABO nén 1t giac
AOBD la i gidc ndi ti€p. Vi O nam trén (0')
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va 0D = OB nén OO’ LBD va do do 00’ di
qua difm gita K cda BD. Vi AM la day chung
cho nén OO0’ la trung truc cia AM, ta c6
AK=KM. Vay M ludn ndm trén dudng tron tim
K bin kinh KA.

Nhén xét. Nhidu ban gidi ding bai toin nay,
nhfing ban sau ddy trinh bay ngén gon va ro rang.
béng Thap: Nguyén Vin Hucfn 9A, truomg THCB
thi xa Cao Lanh, Ha Tay: Pdng Thanh Tudn, 9A,
THCS Thuomg Tin, B Thj Thanh Héng, 9B,, THCS
Le Loi, Ha Dong, Trjnh Xudn Tudn, 9B Nguyén
‘Thugng Hién, Ung Hoa; Ha Noi: Nguyén Hoai Anh,
9A, THCS Lé Quy Don, Ciu Gidy, Pham Bdo Trung,
9A, Nguyén Trudmg TO, Newyén Hoang Thach, 9c,
THCS Ngoc Lam, Gia Lim; Hai Phéng: Pham Drc
Higp, 9T Chu Vin An, Pham Gia Vinh Anh, Vii Hoang
Higp, 9T, B4 Nepc Kién, 9D trromg PTTH ning khigu
Trdn Phd; Vinh Phi: Hoang Xudn Quang, THCS
Vinh Tuémg; Thanh Héa: Ha Xudn Gidp, Mai Vin
Ha, BJ Manh Cuong, 9C, THCS L2 Quy Pon, Thj xa
Bim Son, Bui Ngpc Han, 9C, THCS Trin Mai Ninh;
Hai Duong: B3 Ngoc Quynh, Nguvén Tudn Duong,
Ngé Xudn Bdch, Lé Hai Yén 9A, Nguyén Thanh Nam,
8A PTTH Nguyén Trai, Phgm Manh Tudn, 9B, THCS
Chu Vian An, Thanh Ha, ; Nam Dinh: Phang Vin
Thdng, 9D, THCS Ngo Béng Giao Thiy, Trdn Thanh
Tung, 9A, Hoang Vin Giang, 9A,, THCS Trin Ding
Ninh; Quang Binh: Pinh Quang Thdng, YA, THCS
Nguyén Ham Vinh, Yén Bai: Trdn Thu Hué, 9A, Lé
Héng Phong; Phii Tho: Neuyén Pinh Hoa, 9B, THCS
Vigt Tri; Pide Lic : Trdn Quang, 9A Phan Chu Trinh,
Budn Ma Thudt.

vU DINH HOA

CAC LOP THPT

Bai T6/258. Day so khéng dm a, a,, a,, ...
théa man :

: |
IHm+n + ﬂ ol 2((1" +C12”}

var mol cdp chi s6 m, n ma m z n. Tinh a,g9¢
bicta, = 1.

Léi giai. Cho m=n=0 ta dugc a, = 0. Hon
nta, vdi m=1, n = 0 v m=n=1 ta c6
1
= (a2 +a,).

Tir dé suy ra az = 4. Ta chung minh
a, = n’ bing quy nap. That vy, Ichdng dinh
trén ding véin =0, 1, 2. Gid sit a,
n=ls T 2 o

= n vai
k. Cho m=k va n=0 ta dugc

1
Gty = (ay +a,).

@y = 4a, = 4
Chom=k n=1tadugc

Suy ra

1
oy R e (g + ay).

Tir d6 suy ra

1
Ay = §a2k+2_ak-l=

=2 +2-K+2%-1=
=K%+ 2k + 1= (k+1)?
Vay,a, =n’, ¥n=0,1,2,

ey D0 d0 ta co
1905 = 19987, '

Nhén xét, Cac ban sau day cd 1od giai 6t

Déng Thdp: Newyén Dizc Tang, Newy Brc Thudn,
10T, THCB Cao Lanh; Trdn Minh Tang, 9A, Cao
Lanh; Phd Tho: Nguyén Binh Hoa, Va Tudn Tai, Va
Chi Céng, 9B, PTCS Vigt Tri; Nam Dinh: Hoang Van
Giang, Nguyén Hai Tung, 9A, THCS Trin Ding
Ninh; Trdn Quang Dwc, 10T,, PTTH L2 Hdng Phong;
Trdn Anh Tudn, 8C, THCS Yén Lai, Y Yén; Ned Minh
Due, 11A, THCB Giac Thily; Phiang Vin Thudn,
10D, PTTH Giao Thay; Trdn Qud’c Vigi, THCS Giao
Thiy; Quing Binh: Nguyén Vdn Binh, 11A,, PTTH
Lg Thiy, Nguyén Thanh Xudn, 10 Toan, PTTH Nang
khi€u; Twomg Binh Minh, 124, PTTH L¢ Thiy, Pic
Liic: Tg Qudc Himg, Nguyén Thi Hing Hanh, 10
Toan, Ddng Ngoc Chdu, 11T, PTTH chuyén Nguyén
Du, Buon Ma Thudt; Trdn Quang, 9A, THCS Phan
Chu Trinh, Butn Ma Thudt; Biac Ninh: Trdn Trung,
Ta Hoang Hai, 11 Toan, Neuyén Bic Thinh, Neuyén
Ngoc Cudmg, 10 todn, PTTH Han Thuyén; Nguyén Thi
Thao, 12A, PTTH Ly Thdi T6, Tien Son; Ha Tay:
Neuyén Tm)ng Vigt, 10 Toan, Pinh Thi Huong,
10TN1, Lwomg Quang Anh, 12A, PTTH chuyén
Nguyén Hu¢, Ha Pong; Khuong Anh Tudn, 10KI1,
PTTH My Dic; Nguyén Thj Lan, 11A, PTTH CB
Quéc Oai; Quing Tri: Ngd Quang Thdng, 11 To4n,
Trdn Vigt Anh, Hoang Minh Phung, Duomg Mai
Phieomg, 10 Toan, PTTH Lé Quy Pon, Dong Hi; Ha
Tinh: Truong Xuda Chién, lop 10D, PTCB Phan Dinh
Phong; Phan L¢ Hdng, Lé Anh Ngpe, 10T, Trutmg
Niing khigu; Lé Tdam, 8E, PTCS Ky Anh; Nghé An:
Binh Thi Thay Vinh, 10A,, Nguy Lé Giang, 10CT,
Nguyén Cong Thanh, 10A|, PTTH Phan BOi Chiy,
Vinh; Binh Thanh Thuwong, 10A, PTTH Hermunn
Gmeiner, Vinh; Lé B4 Dang, 9B, THCS Song Hiéu,
Nghia Pan; Neuyén Hodng Ldn, 10A, PTTH Bo Li-
ong I, Phan Trong Tdng, 11A, khdi chuyén todn,
DHSFP Vinh; Ha Néi: Ngwyén Vigr Tang, Trdn Tdt
Dat, 11B Toén, Heang Tiang, 11 Toan, Lé Minh Tufn,
10B Toan; Va Thdi Son, Ngé Qudc Anh, 10A Toén,
B4 Phuonmg Thdo, 11A Toan, PTCT BH KHTN -
DHQG; Lé iir Nguyén, 10A,, Nguyén Manh Thdng,

https://tieulun.hopto.org



https:'www. facebool. com/letrungldenmath

https:/sites. google. com/siteletrunglienmath

GIAI BAI KY TRUGC

10A,, Nguyén Canh Toan, 10A,, PTCT DHSP -
DHQG Nguyén Chi Mai, 12 Toan, DJ Tuyét Nhung,
|2A, L& Hai Binh, Va Anh Tudn, 11 tin, PTTH Ha Ngi
Amsterdam; Newvén Hai Quang, 12B, PTTH Nguyén
Gia Thidn, Gia Lam; Ngé Manh Hung, 11C, PTTH
Soc Som, Pham Bao Trung, 9A, THCS Nguyén Trurong
Tg, Ding Da;, Neuyén Hoang Thach, 9C, THCS Ngoc

Lam, Gia Lam. :
NGUYEN VAN MAU

Bai T7/258. Tim tdt cd cdc ham 54 f(x) thoa
man ddng thoi cdc diéu kign sau day :

a) fix) xdc dinh va lién tuc trén R,

b) Véi méi bg srﬁ'gfﬁm 1997 gid tri x,, X, X5,...,
Xyg97 MA X, < rz-::x <. < Xyggq N xdyra:

19% —— (X )+fx)+... +f{xg08) +

+ flx,000)+ (X001 )+ +f(X1997))s
¢) fix) > 0 véi mopi x € Z va f{1997) =
log 951 997.

Loi gidi. Gid st f{x) 12 ham s0 thda min hai
diéu kigén a) va b), ching ta sé ching minh
riing f{x) = const.

Do d6 chi ¢6 duy nhdt mot ham s& flx) thda
min cdc didu kign a), b) va ¢) 12 him sd

fix) = 10g,401997.

Thit vay néu a<b 12 hai s6 thyc tuy ¥, xét

cic bd s0
a = X <Ny<A3< <Ky g9y = b,

Cho X494 —> @, Xg99 — b, do flx) 12 ham 58

lién tyc, tir (1) chuyén qua gidi han ta co .

f(%y999) 2

fb) zﬂ@—;ﬂ-"ﬂ.

Suy ra fib) =z fla).

Nhung n€u cho xggq = @, X499 —> b talai co
fla) Eﬂg%ﬂﬂ.

Suy ra fla) = fib).

B&i vay fla) = Ab) (dpem).

Nhén xét. 1) Hiu hét cic ban tham gia gidi bai
todn nay nhin xét ring : didu kién ¢) thyc t€ 13 thira.

2) C4c ban san diy c6 Iod gidi tot : Ha Giang : Vo
Anh HAai, 12A, PTTH Leé Héng Phong; Ha Noi:
Nguyén Manh T.‘:dng, 10A,, PTCT-DHSP PHQG;
Binh Trung Hiéu, 10M, Marie Curie; PJ Tuyét Nhung,
12A, PTTH Ha Noi - Amsterdam; Ha Tay: Luong
Quang Anh, 12A, PTTH Nguyén Hué; Vinh Phic:
Trinh Qudc Khdnh, Nguyén Trung Ldp, Va Vin
Phong, 11A ; B3 Trung Kién, Nguyén Duy Tdn, Cao
Thé Thu, 12A PTTH chuyén; Hai Duong: Pham

8

Ngoc Lgd, 11, PTNK; Trdn Quang Pgi, Pham Héng
Qudn, 11, PTTH Nguyén Trai; Ngheé An: Pinh Thanh
Thuemg, 10A, PTTH Hermann Gmeiner; Quang Tri:
Trdn Viét Anh, 10, PTTH Lé Qu¥ Don; Thira Thién -
Hué: Hignh Cong Phuoe, 11T, Quic hgc Hué; Trdn
Hoang Bt Chinh, 12, DHKH; TP Hé Chi Minh:
Trdn Pinh Nguyén, 11T, PTNK-DHQG; Khdnh Héa:
Trdn Tudn Anh, Vo Duy, 11T, PTTH L& Quy Bon; Tra
Vinh: Bii Minh Khoa, 11A,, PTTH chuyén; Ba Ria -

Vang Tau: Luong Anh Hﬂﬁg, 12A, PTTH Ving Tau.

NGUYEN MINH bUC

Bai T8/258. Che tam gidc ABC. Chimg
minh rdng diéu kign cdn va du dé€ trén canh
BC tdn tgi mgt di€m D sao cho AD = BC la

sind = sinBsinC (*)

Loi gidi,

Ké duong
cao AH va ki
higu dién tich,
dd dai cdc canh
va chiéu cao
clia tam gidc
ABC nhur sau :

S(ABC) = S,
BC=a,CA=bh,
%B = ¢, AH = h. Ta c¢ cic h¢ thic sau (du cho
B hodc C tu hay nhon) :

h, = csinB = bsinC.

Gié sit D 12 mot diém trén dudng thing BC
thé thi : AH < AD.

Tir 46 suy ra : D thuc dudng thing BC va

AD=BC&a2h < ah, > h.

<> besind = besinBsinC

<> sind 2 sinBsinC (*)

Ta dugc diéu kién (*), dpem.

Nhu vy didu kién (*) 14 cdn va di dé
AD=BC véi D thuc duomg thing BC.

Két Iugn: (*) chi 13 diéu kién cén, khong
phéi 1a didu kién da d€ diém D thoa man yéu
ciu bai todn dit ra.

Ta cfin b8 sung d€ di dén k&t ludn sau :

D e [BC]
AD=BC
sind = sinBsinC
min(b, ¢) £ a <£max(b, c)
Nhan xét. Bai tofin trén diy thudc loai dé va toa

soan nhin dwgc gin 400 101 giai cia cc ban, trong doé
c6 kha dong cic ban dang hoe PTCS. Trén 50% céc

https://tieulun.hopto.org

&y



kr‘:ps.'r"}"&ires. goagle.com/site/letrunglienmath

hitps:i'www. facebool. comdetrungldenmath

GIAI BAI KY TRUGC

ban da chi ra so sudt cia tdc gid dé todn : (*) chi la
di¢u kign cdn nhung khong dii. Tuy nhién, khi b8 sung
diéu kién 4 thi nhidu ban khong chi y dén AD 2
min{AB, AC), hodc cé da ra phan thi dy ding nhung
khong chi r6 phdi b§ sung didu kién gi dé trd thanh
diéu kign ¢An va di cda sy t6n tai diém D thda man bai
todn dit ra.

NGUYEN PANG PHAT

Bai TY/258. Cho tam gidc ABC, trong tdm

G ndm trong dudmg tron ngi tiép (I). Chimg
minh rdng :

nmz_lrf.ar"?r b, czj < 4min{bc, ca, ab).

Loi gidi. Cdch 1. (ctia ban Héng Phuong
Pong, 12T, PI'TH Lam Son, Thanh Hoa).

Khong mat
tinh tdng quat g
gid sit a=bzc,

Ta phai A\
ching minh : '
a* < 4bc.

Goi M 1a
trung diém cla
BC, G la trong - B T M e
tim tam gidc
ABC. AM cdt (I) tai N, P (h.1). T 1a ti€p diém
cia(HvaBC.Tacod:

MT? = MN.MP (hé thiic lqutllgnt\rong dudmg
tron) vVaMN MP <MG.MA (ViG trong (n).

Suy ra: MT® < MG.MA = MT* < EMAZ

Tacs:
a_c+a-b_b-—c,
MT=BM - BT = 7 5 ke

va MA® = ib—)—zﬂg a

(b -—c) <12{h2+c) a?
4 3 4

= a® < 2b* + P - 3b-c)®

= a* < dbc - (b-C)z

= a* < 4bc (dpcm).

Suyra:

Cdach 2. (cia

A ban Va Vidn

Phong, 11A,,

U PTTH chuyén

v Vinh Phuic,
Vinh Phiic).

Gia st (D
ti€p xic voi

B T C

BC, CAABtaiT, U, Viaco :

AU =p-a; BV=p-b; CT = p-c.

Vi G 1a trong tdm tam gidc ABC nén theo
cOng thitc Lepnit ta co :

IA? + IB® + IC? = 3IG” + GA® + GB* + GC*
= JA* + IB* + IC* < 37" + GA” + GB* + GB’
(vi G nam trong ()

:::-r2+(p—a)2+r2+(p b+ + (p-c)’

S a+b+c?

£ 3r° + —— (Binh li Pitago)

= (p-0)* + (p-b) + (-0 s“”;

= 5(a*+b*+c?) < 6(be+ca+ab) (%)

Khong mt tinh tdng quat, gid sit a =b=c.

Tix (*)suyra:

3[a - (b+0))* + 2(b-c)* < 2(4bc-a®)

vi a<b+c nén ddu bing khong thé xdy ra &
bdt ddng thirc trén vay

3[::1-(b+c)} + 2(b- c) < 2(4bc-a }

=4bc-a >0=>a2<4bc

Suyra: max {a*, b%, ¢ }<4m1n{bc. ca,ab}.

Nhan xét. 1) C6 95 ban tham gia gidi bai nay, 2
ban gidi sai. Mot s0 ban gidi qua dai.

2) Céc ban sau day co 1o giai o1

Thanh Héa: D4 Duy Son, Han Ngpc Son, 10T,
PTTH Lam Son; Hai Dwong: Trdn Quang Pai, 11T,
PTTH Nguyén Trai; Ha Noi: Pham Neoc Lgt, 11T,
Hoang Tang, 11T,, Trdn Td: Pat, 11T,, PTCT,
DHKHTN-DHQG Ha Noi; Vinh Phic: Neuvén Trung
Lap, 11A, PTTH ning khi€u; Quang Ngai: Mai Han
Giang, 11T, trdmg chuyén Lé Khiét, TP Hé Chi
Minh: Nguyén Anh Ddang, 10T, PT ning khifu,
DHKHTN - BHQG.

3) Céc ban : T6 Minh Hoang, 10T, PTTH Nang
khi¢u Hai Duwong ; Ngwvén Duy Tdn, 12A,, PTTH
ning khi&u, Vinh Phuic da chi ra ring trong bat ding
trén khong thé thay s 4 bdi mot 56 nhd hon,

NGUYEN MINH HA

Bai T10/258. Choa e (0: 7).
BDdin=|—" 2

L T

sin”, cos,

Hoi trong khing gian c6 thé dyng dugc hay

khéng n duong thdng cing di qua mor diém va

ghéc gitta hai uong thdng bat ki trong chiing

khéng nhé hom o. ? Vi sao ?

+ 1.
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Loi gidi. Gia st, qua diém O trong khong
gian ta dyng dugc n dudmg thing thda man yéu
céu dé bai.

Ldy O lam tam, dyng hinh ciu ban kinh 1.
L4y mdi dudng thing trong s n dudng thing
noi trén lam tryc dung hinh ndn xoay dinh O,
duomg sinh ¢6 do dai 1 va goc & dinh bing a.
Khi d6 ta s& ¢6 2n hinh nén doi mdt khong co
diém chung trong (do géc gitta 2 tryc cia 2
hinh nén bit ki > @) vA mbi hinh nén déu nim
tron ven trong hinh cdu. Suy ra :

Thé tich hinh cdu 16n hon 2n lin thé tich
mdt hinh nén

<> E?t >2n 4 ﬂqinzg CBSE
3 SR 2
=< , hay
s,in22 cos_
2 2
e
sin®> cos— sin®= cos=
2 s 2 2

Mau thufin vira nhiin dugc cho thdy gid st
ban ddu la sai. Vay, khong thé dyng dugc n
dudng thing thdéa man yéu ciu dé bai.

Nhin xét. 1) C6 it ban gii t&i Toa soan I gidi cho
bai todn. Cac ban sau ddy cd 1oi gidi ding (tuy nhién,
loi gidi cila mdt sO ban chwa chinh xédc do c4c ban di
cho ring hai hinh nén bt ki déu c6 diém chung duy
nhit 14 O) ;

TP Hbé Chi Minh: Hoang Thanh Lim, Trdn Dinh
Neuyén, 11CT, PTNK, PHKHTN - BHOQG ; Ha Noi:
Hoang Tiang, 11A Toan, khdi PTCT, PHKHTN -
BHQG, Dinh Trung Higy, 10M Trutmg Marie Curie ;
Hai Dwong: Trdn Quang Pgi, 11T, PTTH Nguyén
Trai ; Ninh Binh: Nguyén Som Ha, 12A PTTH A Yén
Mo ; Thai Nguyén: Nguvén Vin Thdng, 10T, PTNK ;
Vinh Phiic: Trinh Qudc Khanh, Ngwvén Trung Lp,
Va Vdn Phong, Pham Hoang Ha, Pham Danh Tuyén,
Cao ThZ Thu, D6 Trung Kién, 11A,, 12A, PTTH
chuyén.

2) C6 mdt ban cho riing didu kign o & ( ){*) Ia

khong cdn thiét va nén thay (*) bdi diéu kign a e (0, 7).
Thiét nghi khi doc lai dinh nghia pdc gita hai dwimg
thing ban sé thdy didu kién (*) nhim tranh cho bai toan
roi vao trirdmg hop tim thuong,

NGUYEN KHAC MINH

10

CAC BAI VAT LY

Bai L1/258.
Choe mach diégn
nhw hinh 1, trong

déry,=r,=_R

Y
R o= RA: 20 =
E| = 5E,. Bd gquu
dién frdf cia day
ndi va khéa K. Khi :
K dong, sd chi cua ampe ké A, la 1A. Xdc dinh
sd chi cde ampe k& khi K m¢ va khi K dong.

Huong dan gidi. Khi K ddng mach céc
dong dign c6 chiéu nhur hinh 2.
Ta co :

Hinli |

21
ZUA :
41

Uip=L(R+r) - E, + faz(R,ﬁRJ

Tedol =—>—="22_—*=
9y R R 7l 2R ¢
2265 203:
Fo= e et
e s
= U p=E L +R =
453R 120
Rp 3
2770 105‘52 &

E
Tir (1) va (2) rit ra E’-’ = 2,035 (4). T (4)
va(2)taco 1, =13864.

Khi K me: (hinh 1) Pién tr& cila cac doan
mach ABD, AE,D vAa ACD lin luot 14

45R

R, =2R + +R =

Belhad 20
6R
R,=R+r,= 5’
41R
VER3=2R+R:1——"'£.
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GIAI BAI KY TRUGC

Ta ¢6 (chd § dén (4) va biét E, = SE,) :

E] EZ
b et las e 1330
ol Eea R
R, R, R,
Suy ra
U
1, = —22=075Ava
I R3
El"UAD
=[ =——"=388A.
L=l R, 3

Nhin xét. Khong c¢d em ndo cf 1o gidi ding vi
khong tim dwge cich gidi t6i ru va nhim 1An trong tinh
toan.

MAI ANH

Bai L2/258. Mgt h¢ gdm hai
khdi ldp phuomg gidng nhau, cing
khdi ligmg m, diege ndi voi nhau
bdng mot sgi ddy sao cho mdt [0
xo cd khoi lugng khong dang ké,
co chiéu dai tu nhién I, va dp
cuemg k, bi nén lai gitta hai khoi
dd (xem hinh vé), Hay xdc dinh :
a) Pg co ban ddu Al = b=
ctia 10 xo dé cho khéi lap phmmq
¥ duei dreoc ndng 1én khi ta dot day.
b) Pé cao ban ddu dugc ndng 1én ciakhdi tdm
cia hé néu do co banddu Al = l,=1= 7-",:3‘

Hwing dan gidi. a) Ta hay dat vin d@

nguge lai : Tim dd co ban ddu cyc dai cia 10 -

xo dé cho khdi lap phwong 2 & dudi khong bj
nang 1én khi d&t diy, khi d6 chi ¢6 khdi 1 dao
dong diéu hoa. Khi khdi 1 ndm & vi tri cén
biing, d0 co ciia 10 xo 12 Al, tinh theo phuong

trinh : F=kAl = mg = Al =Ekg (1).

Lyc dan hdi cta 1o xo kéo khdi 2 18n se dat
gid trj cyc dai khi khoi 1 18n t6i vi tri bién cao
nhdt, cach vi tri ¢An bing mot doan A, ta ¢d :

k(A - AI)"mg::»A——+M __Ei_xg Dod(’l

do co cia 1o xo dat cyc dal khi khoi 1 ndm & vi
tri thdp nhét (bién dudi), nghia 12 Al = Al + A
= S_r;:g Nhu vay ¢6 nghia 12 nfu Al < '3"?-‘;’: thi
khoi 2 khong bi nang 1én. Do do, ngugc lai,
mudn ning dugc khai 2 1&n thi dO co ban ddu

ciia 10 xo phdi bing Al = S—T‘E

b) Ta thiy Al = l’fg > 3—':3. Nhu vy khdi 2
sé dugc nang 1&én khdi mat ddt khi ta dot day.
Pé fim vin toc cia khdi 1 khi khdi 2 bdt ddu
rdd khoi san ta d4p dung dinh ludt bao toan co
nang :

M Srag +—‘f+m h, vai h

2( i ( )t tme
12 d0 cao cﬁa khdi 1 so v&i lic ddu va bang

fe Img 3mg 4mg
ST e D

: 2mg
Thay vao ta dugce vﬁ= -—?E. Xét chuyén

dong khGi tim cda h¢ khi khi 2 roi khoi san,
v
khi dé V{?:Ea' Vi lyc dan héi 12 ndi lyc nén

khong 4nh hudng d&n chuyén dong cia khdi
tAm vA kh&i tam chuyén dong nhu mot chét
diém ném lén thing ding véi vén toc ban diu
bing v. DO cao cuc dai ma khdi tam dat duoc

80 v&i vi trf ban ddu (khi khdi 2 bdt diu rod

khoi san) dugce tinh theo cong thic :
Ze o
i dos e amg

G R
Nhu vady kh&i tdim dugc ning 1én mot do
cao t8ng cong (kﬁ tir lic bit.ddu dot déy)
il omg
o 2 hG k

Nhin xét. Khong c6 em nio c6 dép s6 ding. Mt
s0 em c6 dap sd cdu a) ding va tinh dwge k, nhung lai

tinh H theo coOng thic : H = h + G nén két qua sai.
MAI ANH
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DE AR Ki NAY
CAC LOP THCS

Bai T1/262. Tim cac sO tir nhién _L}Ecae? sa0
cho céc s6 abedef, bedef, cdef, def, ef déu la s6
chinh phuong.

LANG LAM HUY HOANG
(Bac Ligu)
Bai T2/262. Gidi phuong trinh

Vi2+2x + V2x-1 = V3 +dx+l

NGUYEN HOU DU
(Nghg An)
Bai T3/262. Tinh gia tri nhd nhdt cia biéu
thitc sau vdi x 12 s@ thyc :
Il + 122+ 11 + 13x+21 + ... + 199x + 98|
NGUYEN NGOQC KEHOA
(Qudng Ngdi)

Bai T4/262. Cho tam gidc déu ABC canh
bing a. V&i mdi diém M nidm trong AABC hay
tim ba diém D, E, F 14n lugt thudc cdc canh
CA, AB, BC sao cho DE=MA, EF = MB,
FD = MC. Hay xdc dinh vi tri cia M dé dién
tich tam gidc DEF dat gid tri 16n nhdt va tinh
gia tri do theo a.

NGO VAN HIEP
(Ha Noi)

Bai T5/262. Xét tam gidc ABC c6 ba gdc
nhon véi duong cao AH. Trén doan thing AH
14y diém D sao cho D khong tring voi 4, H va
tryc tam tam gidc. Tia BD cit AC tai M, tia CD
cidt AB tai N. Duong thing vudng goc véi BM
tai M va duong thing vudng géc v6i CN tai N
¢t nhau ¢ §. Ching minh rang AABC can tai A
khi va chi khi § niim trén dudmg thing AH.

NGUYEN XUAN HUNG
(Thanh Héa)

CAC LOP THPT

Bai T6/262. Cho day s6 (a)) (n € N) duge
xdc dinh béi : a, =2 va a,,, =4a, + N1522-60
v&i moi n € N. Hiy tim s& hang téng quat cia

1

a,.. Ching minh ring sd = (a,,+8) co thé bidu
dién thanh tSng binh phuong cla 3 s6 nguyén
lién tig€p véi moin 2 1.

NGUYEN DUY LIEN
(Vinh Phiic)

12.

Bai T7/262. Cho sd nguyén tG p van, k 12
cic sd nguyén duong, k> 1. Gid sir b, (i = 1,
2, ..., k) la cdc s8 nguyén thoa man :

(DO0sh<k-1v6imoii

(2) p™ - 1 12 udc & cla &
k

A=(Z pnbl.)_Pn[k-H_prer—z}_ _lpn S .
=1

Hay ching t0 réng day sd (b, b,, ... b) 1a
mdt hodn vi cladaysd (0, 1, ..., k- 1).
TUAN ANH
(Ha N6

Bai T8/262. Khong dung bang sd, mdiy
tinh, hay tinh gi4 tri biéu thuc :

3k sia T L4
sin; - + 6s8in° 7 = 8sin
14 14 14

POAN THE PHIET
[(Neum Dinh)

Bai T9/262. Cho mdt ho cidc parabol

(P,) co phuong trinh y = 2p, ¥ véi p,>0
(i=1,2,..n)

Puong thiang d, di qua diém F, ( i, é) va

cdt(P,) & A, B,;v6i moi i. Ching minhrang :
1 £ 1
NF A FA,.FA, XFB.F,B,.F}B,
< 8 %00,

DAM VAN NHi
{Thdai Binh)
Bai T10/262, Cho t¢ dién ABCD, hay tim
chc diém X, Y, Z, T theo thit ty thugc cac mat
(BCD), (CDA), (DAB), (ABC) sao cho tdng sau
nhé nhft : XY + XZ° + XT° + YZ + YT + ZT"

NGUYEN MINH HA
(Ha Néi)

CAC PE VATLY

Bai L1/262. Cho mach di¢n xoay chi¢u c6
s0 d6 nhu trén hinh ve. L lacudnday thuln cam

c6 L= % H. . Dit vio mach higu dién thé
Uy = =100 V2sin(100m) (V).

https://tieulun.hopto.org
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1) Didu chinh C, ngudi ta thdy khi

1 _4
C= f—n F thi cudng do dong dién mach chinh

cung pha vii u, p Tinh R. Lip céc biéu thic
cla cdc cuong do dong dién va hi¢u di¢n thé
trén mach. Tinh t6ng tré va cong sudt tidu thu
cila mach.

2) Bay gi¢ nguoi ta mdc tu dién C ndi tiép
v6i R va voi L. Didu chinh C d€ hi¢u di¢n thé
higu dung gitta hai ddu tu dién dat cyc dai. Tim
gid tri cia C khi do.

VO THANH KHIET
(Ha Noi)

Bai L2/262. Trong thi nghig¢m giao thoa
dnh sdng cua ling, khodng cich gitra hai khe
sdng bing 2mm, khodng cdch tir hai khe sdng
d&€n man quan sdt bing 3m.

1) Khi chifu sdng cic khe bing mot ngudn
sdng don sic ngudi ta do duge khodng cich tir
vin sdng bic 5 dé€n van sang chinh gita bing
4,5mm. Tinh budc s6ng 4nh sing.

2) O phia trudc mot trong hai khe dat mot
bin mdng phing trong sudt cé hai mit song
song, diiy ¢ = 8um va c6 chiét sudt n = 1,5.
Khi d6 hé van giao thoa & cau 1 ¢ gi thay ddi.
Xic dinh do dich chuyén ciia h¢ van.

3) B6 bian mong di va chi€u sang cic khe
bing ngudn dnh sang trdng c6 budc séng tir
0,4pum d&n 0,75um. Tai diém M cdch van sdng
chinh gitta 0,5¢m ¢6 nhttng bic xa ndo cla
ngudn cho van sing, nhing bic xa nao cho
van tdi.

MAI ANH
(Ha Noiy

PROBLEMS IN THIS ISSUE

FOR LOWER SECONDARY SCHOOLS

T1/262. Find all natural numbers abcdef such
that the numbers abcdef, bedef, cdef, def, ef are
perfect squares.

T2/262. Solve the eguation
N2 #2x +V2x -1 = N3x8 + 4x+ 1
T3/262. Find the least value of the expression

Dd + 12x+11 + 13x+21 + ... + 199x+98I,
where x is a real numbar.

T4/262. Let be given an equilateral triangle
ABC with side a. For every point M inside the
triangle ABC, find the points D, E, F lying respec-
tively on the sides CA, AB, BC so that DE = MA,
EF = MB, FD = MC. Determine the position of M
so that the area of triangle DEF attains its grea-
test value and find this valus in terms of a.

T5/262, Consider an acute triangle ABC withits
altitude AH. On the segment AH, take a point D,
distinct from A, Hand the orthocenter of AABC,

The ray BD cuts AC at M, the ray CD cuts AB
at N. The line, perpendicular to BM at M and the
line, perpendicular to CN at N, intersect at S.
Frove that the triangle ABC is isosceles at A if
and only if Slies on the line AH.

FOR UPPER SECONDARY SCHOOLS
T6/262. The sequence of numbers (a,) (neN)
is defined by : a, = 2, a,.,=4a, + 154 - 60 for
every n  N. Find the general term a, . Prove

that for every n = 1, the number %{agn + 8) can

be expressed as the sum of the squares of three
consecutive integers.

T7/262. Let be given a prime number p and
two positive integers n. k (k=1). Supposs that the
integers b, (i =1, 2, ..., k) satisfy the conditions :

(1) 0 < b; < k-1 for every /,

(2) p™ is a divisor of the number
K
A=(T p")-phV-p")_ - p"- 1
1 :

Prove that the sequence (b, b, ..., b)) is a
permutation of the sequence (0, 1, ..., k-1).

T8/262. Not using numerical tables, compu-
ters, ..., calculate the value of the expression :

sin— + 6sin® = - 8sin*—.
14 14 14

T9/262. Let be given a system of parabolas (F)
with equations y = zp,.\(z. p>0(i=1,2,.. n), and

for every /, a line d, passing through F(O. ; )
P

cutting (P) at A, B, Prove that
1 ; 1 =
VEA FAy . F,A, VF.B.FB, ...F,B,

8 nﬁpz...pn.

T10/262. Find the points X, ¥, Z, Tlying respec-
tively on the faces (BCD), (CDA), (DAB), (ABC) of
a given tetrahedron ABCD so that the sum

XY+ XZ + XTP 4+ Y2+ YT+ ZT°
attains its least valus.

13
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HUGNG DAN GIAI DE THI TUYEN SINH MON TOAN
TRUONG DAI HOC NGOAI THUONG HA NOI NAM 1998

 Dé bai xem 55 261 (3/1999)

Cau L 1) Ban doc ty gidi
2) Ham s3 da cho c6 thé viét lai dudi dang :
v=@+m’-3(c+m)
Taco:y =3(x+m?-3=3[(x+m?-1]=
3(x+m+1)(x+m-1)
= dao ham ludn c6 hai nghig¢m phén bigt.
Xy =-m-1 v x, = -m+1.
Vay ham s6 luon ludn c6 cyc dai va cyc tiéu
vii cdc hoanh 4§ tuong ing 13 x;, X,.
Dé thiy v(-m-1)=2
vi-m+l)=-2 ¥m
Tir d6 suy ra diém cye dai cia dd thi ham s8
luén ludn chay trén dudmg thdng y = 2 va diém
cye tiéu cia dd thi ham s8 ludn ludn chay trén
duomg thing y=-2.
Cau IL 1) Phuong trinh da cho tuong duong
Vi ;
(sinx-cosx) + (sinzx-cus:x} + (si113.t—coé.3.r) +
+ (sin"x-cos 'x) =0
<> (sinx-cosx)[1 + sinx + cosx + 1 + sinx.cosx +
+ sinx + cosx] =0
<> (sinx - cosx)[2 + 2(sinx+cosx) + sinxcosx] = 0
a)siny-cosx=0&otgx=1 <:>x=§+kn.
ke Z)
b) 2 + 2(sinx + cosx) + sinxcosy = ()
2
Pt sinx+cosy = 1 = sinycosy = Lf}" ta dugce :

E=

2
—1_0 oP+dr43=0

2+2t+r

{11 =-1

= ;
I,=-3 = loai.
Vdir=-1taco:

X=— 4 ion
sink + cosx=-1<4"" 2 ke Z)

X=m+k2n

2
2) Chi ¥ ring tex + cotgx = —— vdi moi x
) ¥y g 1gx g Sindy Q

dé biéu thirc 6 nghia
B

Lén luqfchox:g,.!(:E.x:gvacﬁngba

ding thirc nhin duge lai vii nhau ta c6

14

P e
sinA  sinB  sinC

= tg‘i + I;gE + tgg + cutgﬂ * cotgE + culg£
2 2 2 2 2 2

Vi trong moi tam gidc ta ¢o

= cutg% +* cutg% + cot;%‘ = cutg% . cnrgg X cutg'g

2
Tir d6 suy ra didu phii chimg minh.

Cau IIL 1) Tinh duwe ()% = 4
= Heg ¢6 8 nghi¢m ;
(1,2),(2,1),¢1,-2),(-2,-1), (-1, 2), (2, -1),
(1;2), 62. 7).

2) Phuong trinh da cho tuong duomg vii
I? - dx + 31 =lng“5(m4 -mi+1)

Phuong trinh 44 cho co 4 ngln&m phan bigt khi
vh chi khi dudng thing a = log, s(m*-m>+1) cit ad

thi ham s6 y = I*-4x+3 tai 4 diém phan biet.

-
¥

2\ : /

y=a| = [___\
e oy
1 gl

Cin ci vao do thi ta phii co :
0< logm(rr14 -mt+ 1)< 1
4

£

m2+1>l
)
i -1 =m < 1
m=z0

3) P XY 4 vz + 2l + 10X = (x+2)(y+)

Slm

= -(x+2)* £ 0 (do y+1 = (x+2))

1 1 1
khix=—~iysit=-
Déu blng xily ra khi x= g oe 5
1
—Enéanaxz
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Talaico:

Trdé P=-1. Diubing xdyrakhix=_,y=

t\JI'—-

.I=~;n&n Frnin_='1'

Podi | s

-
A

[

Cau 1V. 1) Ha OHLBC = AHLBC.

| i .4 e
bzcz

OH% e
B2

= OH’=—
b'+¢'2

2= 0A%+OH’ =
o

=a2+ bC =
bt +c?

@b + b + ta?
= AH= 3
b +c

1 i
= Va?b? + bc? + a?

o
uz b+ hzc2 - czaz

b+t

1

2 VoiOA=a,0B=b,0C=c
S AB= 'M'u+b BC = Vb*+c%, L

Taco:

k= a+btc + Na2+b? + Vol + Nc2+a? 2
3 %+w’§(\fa_b+\’5g+’v5a)z

3 Yabe + 32, Vabe = 301 +\2) Vabe

3
nisees k
Sl = {3(1“'5)}

3
! [ &
be € 1| —E
e .5[3(1'+ \E)]

Dédu bang dat dugce khi va chi khi a=b=c.

3
1fie
V.“ V - | ——
¥ Tmex 6{3(1+"5)]

C+ﬂ

31+ 'q'_

Nhu vay Vg, pe =

KHOI A
vt 2 x=1-1
Céu Va, Ta cd S el
I —x '[,t(x2 1)
2 i
=!x Hcix R .5;:
x(x-1)
Taed :
xz+l 1 X
=ITcix = j(x+;)d.x = ;+]nlx|+C]
o ]
ul c:r 2 .rz+: x dx:jf m_lg
x(x"=1) x(x"-1) x =1

ﬂljﬂﬂ — Inll = l1n|x2~1i - Inlxl + C,
R 2

:fxtzufx =il fi=

r=x
= ﬁ + Inlx| - llnh’;-—-ll +Inlxl + C
2 2
= % + 2kl - %lnbcz—ll +C
e
Cau Vb. j— = “tnl-11 - il + C
R
(Xem cdu Va,)
KHOI D
Cau Va. thg_r dr = jtg,r Aglrdx =
= ftex ( - 1)ds =

cos’x ;
= Itgx d(tgx) - Inor dx
_gz_ Id(umr) ng_x
2

COsxX

+ Ilcosxl + ©
Cau Vb, [ig*x dx =

=3 L
—-jtg x(ms?‘x

= [igPxd(tgx) - [igxax
e I (

jtgzx ; tgzx dx

—Qm:

= I)ff.r =

3 Ct)ﬁz.r
3
= LE%._"_ —lgx +x + C
PHAM VAN HUNG
(PHKHTN-PHQG Ha Néi)
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PE THI TUYEN SINH MON TOAN
TRUONG PAI HOC THUY SAN NAM 1998

A. PHAN CHUNG (danh cho tat ci thi sinh)

Cau L 1) Khio sat su bién thién va ve 45
thi ctia ham s6 ;
y:;:c"-xz-x+ g
2) Bién luan theo tham sé m sé nghiém
ctia phueong trinh
x-12 Ix + 11 =m.

Cau II. Giai cdc phuong trinh :
1) sin*x + cos2x + 4cosbx = 0

2)Vlog, ¥2x +log, V2 +
X
+ '\fliag2 ’{’-2- + log, ‘{H_iu = Vlog,x

Cau IIL. Tim tét ca céc gia tri caa tham

s6 m dé phurong trinh sau ¢6 nghiém :
2—x + V24x = V(2-x)(2+x) = m.
Cau IV. Cho tit dién SABC véi gbc tam

dién dinh S 1a vuéng. Goi H la truc tdm cia
tam giac ABC. Chiéng minh réng :

1) SH 1 (ABC).
1 |
2) =

1
iy + g
SA? sB? sc?

B. PHAN RIENG

CéAu Va. (danh cho thi sinh theo chuong
trinh phén ban)

Chon e N. 1
1) Tinh tich phéan : jx(l + xz)"*dx.

2) Chitng minh réing: :

1 22 1 1 e |

Lol = e
1+2Cn+30i+40i+...+n+16‘§= a5
trong d6 Cﬁ 1a s t8 hop chap k ctia n phin ti.

Cau Vb, (Danh cho thi sinh theo chirong
trinh chwa phén ban)
1

1) Tinh tich phan | 221 +2%)"dx (0 € N).
0
2) Lap phuong trinh duong thing di qua
diém M (1, 0) sao cho dutng thang d6 cung
véi hai duong thang
(dy):2x-y+1=0.
(dy):x+2y-2=0
tao ra mdt tam gidc céin cé dinh la giao diém
ctia hai duong thang di, da./.

pE THI MON TOAN TUYEN SINH VAO LOP 10

TRUGNG PTTH CHU VAN AN VA HA NQI - AMSTERDAM
Thoi gian lam bai : 150 phiit

Bai L (2 diém)
Cho phuong trinh :
% - 2mx* + (mP+lx-m=0 (i)
v6i m 1a tham s6.
Tim cac gia tri cia m dé moi nghiém cta
(*) déu thudc khoang (-1; 1)

Bai IL (2 diém)
Chitng minh bAt déng thite :

VL2 o Vo N
e + + ST e
b+e+d c+d+a d+a+b a+bic
véia, b, ¢, d cting dau.

Bai I1I. (3 diém)

Xét hinh thang ABCD vudng tai A va D
(AB<DC) c6 M 1a trung diém cia AD. Cac dinh
A D, Ccb dinh ; 46 dai day nhd AB thay d8i.

1. Cho DC = 2DA, chitng minh ring chu vi
tam gidc MBC nho nhét khi hinh thang
ABCD ngoai tiép duge mét duong tron.

16

2. Ké tia AA’ vudng gbc voi MB tai A’ va
tia DD’ vud oc vai bf@ tai I, hai tia na
cit nhau & K. Tia MK cit duong thing B
tai I, tim quy tich ctia diém L.

Bai IV. (1,5 diém)

Tirday s6 1;2;3;...; 1998 chonra 1000 56 tuy
§. Chitng miph rang trong 1000 s8 duge chon ¢6
it nhathai sb ma s6 nay 1a bdisé cia sé kia.

Bai V. (1,5 diém)

Xét médt hwéi nxk 6 vudng véi cie nit duge
ki hiéu theo chi s cft va theo chi s6 hang
(xem hinh v&). Mot dai; cic 6 vudng liép tigp
(theo chiéu sang phai ho#c 1én trén) noi lién
nut (0; 0) véi nidt (n; k) duoc goi 1a mot dudng

" di etia ledi.

1. Tim tét ca
cic dudng di cha
Irai 2x2

2. Hbi co bao 1
nhiéu dwong di |
cia ludi nxk voi
n>k.

(0; k) (n: k)

L e

(n; 0)

(0; 0)
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DANH CHO CAC BAN CHUAN BI THI VAO DAI HOC m: fa;f‘] 8 c8u hdi d6 ta c6 phuong phap giéi loal

a loi cau hoi 3 dé tim sb 2, ta dua ra thuat

PHUONG PHAP GOI SO HANG VANG ros' v

Bude 1. ¥ce Rtacd:

PHAM QUOC PHONG

(GV truong PTTH Héng Linh, Ha Tinh) 5@ -c AF7-c
B. = n i = x "2-1 XE-
dn chdt khi dang khong xéc dinh 0 K S Bude 2: Trong cac s ¢ d6, ta tim sé ¢ sao cho
hién nhén ti chung dé : #2-1 eling €6 nhan tlt chung véi f,(x) = Y5 - cva

-Hodc Ia khirnhdn tirchung dua vé dang xdc dinh. 0 = 7 ¢

- Hodc Ia dua giéi han vé céc dang gidi han cor
béan, quen thudc da biét ré két qua hodc céch gra;

Trong cdc bai tap khd, trong cdc dé thi tuyén vae D&
céc truong Bai hoc, cdc hang t& cdu thanh nhén td [

Pidu dé xay ra khi va chi khi c la nghiém cla

C= ‘J’E
chung thuong thiéu vdng. D& gidi quyét bai todn, fi(x1) = 0 {c= )
diém méu chdt la khéi phuc cdc hang i thidu vang Ly =0"

dd. Viéc khdi phyc, goi lai cde hang tidé nhurthé nao, ’ et
béng cdch ndo dd & ndi dung ciia bai viét nay. %

e o=2.

Dép s6 ¢ =2 |a cAu tra |&i cho c8u hdi 1 va 2.
1. Néi dung phwrong phép.

Xin néu 2 phugng phap dé goi sb hang vang va Gi 5 f(X]
trinh bay théng qua cac vi du. Téng quét : Gid st Fy aix)
Phuong phép 1. (Phuong phap hé sé bét dinh) Thuét toan tim sé hang véng trong bai toan tim
L ol e L giéi han dang ¢ cda ham chua cin thite gbm 2
& Fld = \II ?sz+ bude.
vl X
o Bode + PhiRIbh B s 2 o
] n tic = +
s nn e el e R e gx) X
Léi giai. A = lim THR T e Bude 2. Tim c. Goi X,, X, 1 nghiém cla g(x) = 0
g Rk khi dé c la nghiém cla h1é
fipp e e 2 = lim 1-X f,(x,) +¢c=0 Lix)-¢=0
w1 2P x01 (- 1)W'_XK+2] f(x,) + ¢ =0 5(X%) - ¢ =0
Hm ——m:[».-x.zmﬂ.ﬂ.}-__ =y _.3_ {1}
xot (V5= +2) 8 Véi ¢ tim duoe thi
V7 -2 . f+e ity e
imie————e lim : M e
Rl N XX, g(x) X2 ox) ]
X -1 hoédc la dang xac dinh, hodc |a dang quen
q
x_” e-1X aj{x?Jr?)z +2 -Jf...‘r .,,4) thude. Vige tim cac gidi han nay don gian.
h 1 - Sau khi tim duge sé ¢, trinh bay 18 gidi nhu da
\f(xzﬂ) +2 247 +4 12 lam. ;
1 a 1 Ta thit 4p dung phutong phép trén dé xét
Tur (%), (“}=='A“E'§=‘fé Thi du 2: Tim lim Fx)
X0
; 1
Dapsé:A=—-— < & =
g 6 Vel Ry = L - NEeX
' Trong |5 gidi trén ta da thém bdt 2 vao tilf thic g i
cla F{x). Ba céu hoi dat ra : (Dé thi tuyén sinh DPHQG Ha Ngi 1987)
1. Tai sao phaicé s62 7 Buce 1. Phén tich
2.Taisaclailasé2? e -
3. Tim s6 2 nhu thé nao ? i s "*l = %;“‘ “Véice R
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Bugr 2. Tim ¢ : Nghiém cla mau thic 1a x = 0
= cla nghiém cla hé :
2§01 -c=0 ___,
o s ks
Vay : limAx =
X0
= 2[|'im Viex -1 - lim

—0 X x—0

%‘1_-;;;3_1

18
= 2/lim == + lim 3
[Ho\fﬁxﬂ o0 N8 + m—mu)

1 1 13
=232 " 12

13
b:A=—
Bédp s 12

Trong phudng phap 1 nhén tir chung dugc khir dé
dua gidi han vé dang xéc dinh hodc dang quen thuge.

Chi y. Biing cach dat 4n phu t = 1+ ax, dé

dang ching minh
iF +ax - 1 a

X0l n

(")
Thi du 3, Tim lim R x) vai
X-30

(x%+1998) Yi-Bx - 1998
X

F[X:l =

(> + 1998) ———— ”r 1-2x o

\11—21-
X

Giai. Fix) =

1
— + limx
X0

= A =lim(® + 1998)
X0
3996

? -

Trong thi du trén ta da thém bét P(x) = x*+1998

Jivax - 1
X

vao tif thic 1am xuét hién dang , déy 1a
diém méu chét clia & giai.
Nhurvay ta ¢6 phuong phdp 2 la :

P& tim limF(x) ta thém bdt P(x} vao fix) lam
)
{i‘l+&x -1
X

P(x); d& "xung danh" trong biéu thuc gidi han. Nhan
tlr chung trong phuong phdp nay khéng gién ude.
Khi tim gidi han thi limP(x) la mdt sé xac dinh.

Xuat hién dang Hang tlr vang & day 12

Thi du 4.
Tim lim V1+x %1+X.’2 4\;‘14—»‘3 - ‘\111-.1(
= (32WNd+x - ‘\']8- - +x
18

Gidi. Goi tir thiic 13 T, mAu thirc 1a Mta c6 :
=NTax Yivx2 §oxd - foxz Som
v om G m -s
e R S
= ireE WeaB (iex-1)
B (T2 -1)

P b e

Ap dung céng thic (*) ta cé :
L R R

lim —=—+ + +—=1
M % 18 23 34 4
2
M:E*zwh PO . e R e

=3V 428 -1) = 20 ST=B - 1) Yi#x-1)

Clng dp dung (*)tacé:
e B e D i

i = = s
P e e TN A

Cudi cung :
A-!in‘lI limy === -
x—»DM x—:ﬂm 5

Bap sé:A-:%

Bay gig, xin cac ban hdy ding cac phuong phap
d& trinh bay & trén aé giii mét sb bai tap sau :

Y2 - Y+ 20

Bai 1. Tim lim

Hep =2

Hutng dén, Dt x=y +7

Bai 2. Tim lm[ YP+3¢2 -

X=p

Vi - 2x]

Hugdng dén, Dat x =

-=:,|—-

e
\'CDS’( - C
Bai3 Timlim ——

x50 sitfx
Hudng dén. Dat sin’x = y.

B 4. Tim lim 2 vt
¥—0

e 23R
Vis2tgx - “Vi3tgx - .. -

o 99,10 mﬂ i ‘0\31—:@}
va G[x);-g V4 +tgx —

Fix =

%'B —tgx - \'4'-1 + tgx
Huegng dén. Bat tgx = y.

Chiic cdc ban thanh céng & ki thi tgi !
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LE HOU DUNG
(Truomg PTTH Lé Quy Dén, Ba Ndng)

Bai toin 1. TUr diém A ngoai parabol (P) vé
cic ti€p tuyén AM, AN (M, N 1a cdc tiép diém).
Mot dwdng thing tiép xic voi (P) tai T va cit cic
tia AM, AN ldn luot tai B va C.

Chung minh ring : e g 18
BA CN TC
Giai. Ta str dyng tinh chit tiép tuyén cla (P) ;
Hinh  chiéu o
cua liéw didm Q -

ctia parabol lén
mat tép tuyén
thi ndm trén tiép
fuyén qua dinh
cua parabol (1)

(Ban doc ty
chimg minh).

Xem hinh 1.

Goi F la tiéu
diém. Goi Q, S,
V 1n hrgt 13
hinh chiu vudng géc caa M, T, N lén dudmg
chudn A,

Hinh

Theo (1) thi MALFQ i H, TCLFS tai I,

NALFV tai K va ba diém H, I, K d8u nim trén
i€p tuyén d di qua dinh parabol (P). Tir d6 timg
bo 4 diém sau ndm trén dudmg tron : (B, F, H, ),
(A, T, F, K), (C. I, F, K). Ap dung tinh ch4t cia
cdc goc ndi ifp va cdc gdéc ¢o canh tuong tng
vudng goc ta cd :
LFMH = ZHMQ = £50F = ZIHF = ZFAK
vi ZIHF = ZIBF (2)
Tuong ty 6 : ZFTC = £LCTS = £LFSV =
ZFIK = A/FCK v £FIK = ZFBH.
Tir diy suy ra ZFBM = ZFTB = ZFCA (3).
Tir (2) va (3) suy ra AFBM ~ AFTB ~ AFCA
oq BM _TB_CA
B w op , 5
Tuong tu ¢ AABF ~ ACTF ~ ANCF nén

BF TF_ CF (3)

BM

I8 CA
Tir (4
BVaBIes = e o

2. Bai todn 2. Vi gid thit nhu bai todn 1, mot
cittuyéntiy yquaA cdt (P) R, Q vicit MN & D,

(dpem).

Chumg minh (ADRQ) la mdt hang diém didu hoa

RA 04
(el 2 = - F5 K higu : (ADRQ)=-1)

Giai. Xem hinh 2. Chon he tmc Loa d Oxy
sao cho phuong trinh ciia (P) 12 y = ux™.
Phuong trinh duyng thing AQ qua A(x,, ¥,)
1a:y=kixx,)+y, ViR, Q € (P) n AQ nén
Xg» Xp 12 nghi¢m cla phuong trinh :
ax’ - kx+kx, -y, =0 (6)
Goi D’ 1a diém sao cho (AD'RQ) = -
= ARD’'Q=RD".AQ
= 2x,xp +XpXg) =
kx -
"a y") - (xa+.r“.)-g* (do (6))
= k(xp = x,) = Aax xp -y,) (7
D'e A=y, = k{xD- —&,) ¥ Tir dé va
(7)co yp» = 2ax,x,. -y,
Viy D' € duong thing y = 2av,v -y, (8)
Dé thiy diém M(x,,, y,,) ndm trén Gi&p tuyén
tai M, di qua A(x,, v ) nén toa do théa min (8).
Tuong ty, 19a dd N(x,, yy) cing thoa min (8),
nghia 13 dudng thing (8) di qua M, N.
= D' 14 giao diém clla MN va AQ
= D’=D = bpcem.

(x,+xp.) . (xp+ .tQ)

=% 2( X, X, +

3. Binh ludn : Cuc hoa tdu cda bii todn 1 va
2cho ta 1 giai didu dep ngit

BM _CA _TB _
BA ~ CN TC (*)
(ADRQ) = -

Xin tam djch (*) thanh 1&i :

Ba ddy hoa diéu nhip nhang.
Mot ddy, bdn ngdn chay hang ndt hoa.

4, Ap dung.
V6i gid thit bai M 1
todin 1, chimg
minh :

a) Trye tAm cia
AABC thu(c dudong
chudn cia (P)

b) Néu A thude
tryc cha (P) thi o
AB+AC khong ddi.

4] Néu A chay Hinh 2
trén duomng thing khong cdt (P) thi MN di qua 1
diém cd dinh.

Tim quy tich tim dudmg tron ni ticp ACBF .

b ¥
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Pien dan
rm_w VA HOC TOAN

Xudt phit tirmdt bai todn quen thudc & THCS :

Bai todn 1. V@ phia ngoai AABC dung cdc
tam gidc déu ABD, BCE, CAF. Chung minh rdng
ba duwomg thing AE, BF, CD déng quy, ban
Nguyén Vin Ban da néu ra mgt bai todn tha vj
trong THTT s0 253 (7/1998) :

Bai toan 2. V¢ phia ngodi AABC dung cdc
tam gidc ABD, BCE, CAF sao cho AD = DB =
BE = EC = CF = FA. Hoi ba duong thdng AE,
BF, CD c6 déng quy khong ?

CFo A= 529. Goi E 12 trung diem cua BC.

Tim diéu kién d& AE, BF, CD ddng quy.

Téc gid diing dinh 1i X&va va bign ddi lugng gidc
dé nitradiduki¢ncinva da 12 AABCcind A,

Bai todn 4. V@ phia ngoai AABC dung cdc
tam gidc ABD, BCE, CAF cdn tgi dinh D, E, F
va ddng dang. Chiing minh rdng AE, BF, CD
ddng quy.

Ban Vi Hoang Thdi (BH BK Ha Noi) cang
néu ra bai todn 4 vi chi ra trong 5 truomg hgp
riéng thi bai todn nay ding,

Toi xin gop phdn ban lugn thém vé cic bii
toén dang ndy. Trude hét dé thdy ring bai todn 1
14 trudng hop riéng clia bii todn 4, con bai todn 4
va bai todn 3 12 cdc truong hop riéng clia bai
todn 2. Ta xét bai todn (dng quét hon bii to4n 2

BAN LUAN VE CACH YET BA BUONG THANG BONG QY

Pé tim céu trd 1o tic gid dit AABC trong mit
phing toa dd Décac (Descartes) va sau khi viét
phuong trinh cc dudmg thing AE, BF, CD ta
thdy cdc giso diém cia timg cip trong 3 dudng
thing trén rdt gin nhau nhung khong tring nhau.
Phdn thi du bdt nge nay cho phép két ludn : c6
trudmg hop ba dudmg thing dang xét khong ddng
quy. Téc gid d& nghi ban doc tim thém loi gidi
khic cho bai todn nay. B2 nghi dé ngay 1ip tic
dugc nhidu ban doc hudng umg. Ban Nguyén
Hiru Binh (PTTH Tang Thign, Hi Tay) trong thu
gtri v@ Tda soan d4 dua ra nhin xét :

(1) N&u AABC cén thi ba dudmg thing dang xét
ddng quy (do tinh chét d6i ximg ca tam gidccan),

(2) it AABC vudng tai A trong miit phing
toa do Pécic voi A0, 0) ; B (0,4 C(2,0);
D(-\21,2); “E(5,4); F (1,-2V6) thi AD=
DB=BE=EC=CF=FA=5. Lic d0 tinh todn dugc
AE, BF, CD khong dong quy.

Ban Mai Song (Nga Son, Thanh Héa) chon
AABC vudng va ding phuong phép toa do dé
chimg 10 AE, BF, CD khong ddng quy bing cich
don gidn hon nhw sau: A (0, 2), B(0, 0), C(4, 0),
D(-3,1), E(2,-V6), F(3,3),AD = DB=BE =
EC = CF = FA =10.

Ban L& Hou Dang (PTTH Lé Quy Don, Da
Ning) cing dua ra khdng dinh (1) & trén, dong
théi néu ra bai todn 3 va 4 :

Bai toan 3. V¢ phia ngoai AABC vudng ¢ A
dung cdc tam gidc ABD, CAF sao cho AD = DB

20

NGUYEN VIET HAI
(Ha Ngi)

nhung han ch€ trong trudmg hop cédc giao diém
cla tfimg cdp trong ba dudng thgng AE, BF, CD
ndm bén trong AABC (chch 1am tuong ty khi cdc
giao diém nay niim ngodi AABC)

Bai todn 5. Vé phia ngodi AABC dung cdc tam
gidc ABD, BCE, CAF sao cho cdc diém D, E, F theo
thik te ndm bén trong cdc géc ACB, BAC, CBA. Tim
didukigndé AE, BF, CD ddng quy.

Giai. Theo gid thigt
AE, BF, CD phii cit cic A
canh BC, CA, AB tai M, :
N, P theo thit ty., The thi
AE, BF, CD dbdng quy
< AM, BN, CP ddng
quy <
MC NA PB ;

(Pinh 1i Xeva khi 3 .
diém M, N, P ndm trén 3 canh cia AABC).

Ki higu S(ABC) 1a dién tich AABC, cic ki
hi¢u g6c xem hinh veé.

MB _ S(BAE) _ BA.BE.sin(B+B1)

MC ~ S(CAE) CA.CE.sin(C+C2) 2
NC _ S(CBF) _ CB.CF sin(C+C1) 3)
NA ~ S(ABF)  AB.AF sin(A+A2)

PA _S(ACD) _ACADsin(A+Ay) 7

PB~ S(BCD) BC.BD.sin(B+B:)

https://tieulun.hopto.org
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T (2) 3) @) co: (1)
AD.BE.CF  sin (A+A1).sin(B+B1).sin(C+Cy) 165
AFBD.CE ' sin(A+A2).sin(B+B2)sin(C+Cz) %)

bidu kign (5) 1a cdn va di @€ AE, BF, CD
ddng quy trong bai toan 5. Néu bdt D, E, F bj
rang budc bdi cdc didu kién nao d6 thi ding thic
(5) s& don gidn hon.

Trong bdi todn 2 khi cho didu kign
AD=DB=BE=EC=CF=FA thi B, =4, &3 =5,
‘23 = 61, ldc d6 (5) trd thinh

sim(A+A).sin(B+81).sin{C+C)) )
sin(A+C).sin(B+A1) sin(C+B1)

Didu kién (6) 1a cin va db dé AE, BF, CD
ddng quy trong bai todn 2 khi AE, BF, CD phii
cit 3 canh clla AABC. 3

Ap dung vdo bai todn 3, trong 46 By =0 va A
= 90° ta dua diéu kién (6) vé céch gidi clia ban
Lé Hou Dang.

Ta cting thily didu kign AABC ¢6 1 g6¢ vudng
khong cé tic dung quyét dinh lam don gidn (6)
ma chi gép phin tinh todn nhanh gon hon khi
ding phuong phip toa dg.

Trong bii toin 4 do cic tam gidc ABD, BCE,

AD BE CF
z B.’J C S
khic A1 = 4, =f§'| B, = 2 nén ti s6 cila
tich cdc sin & v& trdi (5) cﬂng bing 1, suy ra diéu
kién (5) thda man, nghia 12 AE, BF, CD ddng
quy.

Nhu viy trong bai toan 2 xét ba duong thing
dong quy n&u phuong phip toa d gidp ta tinh
todn d¢ khing dinh ring tdn tai trwdng hyp ba
duwomg thing dang xét khong ddng quy thi
phuong phip suy dién 10gic dua vio hinh v& tryc
quan cho ta cach nhin t6ng quit, hé thong vé cic
bai todn 1, 2, 3, 4, 5, 6 va tim.duve didu kién cin
va dit dé 3 duong thing dang xét 1a ddng quy.
Céc ban hay tim xem diéu kign (5) hodc (6) ¢6
the ap dung cho cic truomg hop khic nir
khéng ? Mo cic ban gidi tiép hai bii toan cing
loai.

Bai toan 6. V@ phia ngoai AABC ¢ 3 gic
nhon dung ba tam gidc ding dang ABD, BCE,
CAF, trong dd ZABD = AZCBE = ZAFC;
£BAD = £CAF = £BEC. Chumg minh ring cdc
dudmg thdng AE, BF, CD ddng quy.

Bai toan 7. V¢ phia ngoai AABC dung cdc
lam gide ABD, BCE, CAF sac cho
AD=DB=BE=EC=CF=FA va cdc diém A, B, C
theo thir tw ndm trén cdc duomg thdng FD,' DE
EF. Ching minh rdng AE, BF, CD ddng quv./.

TIENG ANH QUA CAC
BAI TOAN Vé LOI GIAl
BA1SG 16

Problem. Let C(n, m) denote the bino-

|
mial coefficient ————— for n = m. Evalu-
mlin-my!
ate the following expression :
C(n, 0) - C(n. 1) + C(n, 2) - ... + (-1Y"C(n, m)

Solution. Notice that C{n, i) is the coeffi-
cient of X in the expansion of the polynomial

- x)"for 0 < i < n. Then the above expres-
sion is the coefficient of X7 in the polynomial
A=20"+XA- eaT( -

Simplifying the above polynomial we
obtain

o en” T(1-x)" =

W s B Ll IR L7 B

=X (™1 — 1)(1-0" Ax-1)

M e Tl SN A

e xn—m“_x)n—‘l G Xﬂﬂu x}n—1

The coefficient of x” of the last polynomial
is the one of the polynomial ¥™(1-x"".

Consequently, it is (-1)"C(n-1, m) it m < n
anditis zeroif m=n.

T mdi :
denote = ky hiéu (dong i)
binomial = nhj thic
evaluate = xac dinh gia tri, tinh gia tri
(dong ti)

following = sau day, tiép theo (tinh tiy)
expression= biéu thirc (danh ti)

notice = chu ¥ (dong tir)

expansion = su khai trién

simplify = ddn gian hoa, rit gon (déng tl)
above = phia trén (tinh tu)
the one = am chi la cum tir : the coefficient
~ of X" (c6 thé dung cho cau khac
vdi cum tir khac).
\_ NGO VIET TRUNG =3
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DE TH! DLIMALC TOAN
CHA THY BAN N (2-1995)

NGAY THU NHAT (4 gid)

Bal 1. Xét cac tap hop A thda man : A gém
100 s ty nhién phan biét sao cho néu a, b, cla
cdc phan tir clia A (co thé phéan biét hoac khéng)
thi ton tai tam gidc canh la a, b, c ma khemg cé
gdc ta. Goi S(A) Ia tong cdc chu vi cac tam gidc
duoc xét khi xac dinh tap A. Tim gid tri nhé nhat
cla S(A).

Bai 2. Trén t& gidy phang ¢é mét sé hinh trdn
ma mot vai hinh trén giac nhau, nhung khéng c6
hinh tron nao nam hoan toan trong hinh tron
khdc. Chung minh rang khong thé ghép cac
phan hinh tron khéng giao nhau thanh nhimg
hinh tron rof nhau.

Bai 3. Mot duong théng di qua trong tam G
cla AABC cat canh AB tai P va cat canh AC tai
Q. Chitng minh rang :

PA QC _1

NGAY THU HAI (4 gi&)

Bai 4. Tim tat ca cdc nghiém nguyén cla
phuang trinh ; ’

plx + y) = xy trong d’c’: pla 56 nguyén to.

Bai 5. Chimg mmh rang néu cac phuong tﬂnh

X+mx-n =0 va nx® - 2P X - 5mnx - 2m° -
(m=0, n=0) cé mot nghiém chung thi phu‘cﬂg
trinh thit nhat c6 2 nghlem bang nhau va khi do
hay tinh cdc nghiém cla ca hai phugng trinh
theo n. :

Bai 6. AB |la mot doan théng codinhva Cla
mot diém thay doi trong doan AB. Trén mét nia
mat phang b& AB dyng cac tam gidc déu ACB',
CBA' va trong nira mét phang doi dung tam giac
deu ABC".

a) Chung minh cdc dudng thang AA’ BB,
CC'dong quy.

b} Goi P la giao diém cla A A’, BB', CC', hay
tim quy tich cua Pkhi C chay trén AB.

¢) Chimg minh céc tam A", B", C” cla ba tam
giac déu noi trén 1a dinh ciia mot tam gidc déu.

d) Chiing minh céac diém A", B", C"va P nam
trén cung mét duéng tron /.

e

LO1 CUA BAN

Tap chi Toan hoc va Tusi tré di duoc su
quy mén cua ca cdc ban doc nuwdc ngoai.
Xin duoe ding lai thir trao déi gitfa ban
Mohammed Assila & Canada va GS.TS Trdn
Van Nhung, Vu trudng Vu Quan hé Quéc
té, Bé Gido duc va Pao tao. Tap chi xin ting
hé nhifng y tudng va tinh cam tét dep cua
cdc ban. Tap chi mong nhan duoc ca cac
bai viét, cdc dé toan tw cdc ban nudc
ngoai. Cam on GS. TS. Tran Van Nhung.

Kinh giii : GS Trén Vian Nhung

T6i tén la Mohammed Assila - Nghién ctiu
sinh Tién sf, thanh vién cda Trung tdm nghién
cuu todn, Truong PHTH & Montreal, Canada.
Téi rdt quan tdm dén cdc cudc thi toan va
mong muén dat mua t& tap chi "Todn hoc va
Tudi tré" cda Viét Nam. T6i biét rdng phan Ion
cdc bai bdo trong tap chi ndi trén viét bang
tiéng Viét, trir cdc bai todn mdi. Tuy nhién téi
van rét thich dat mua nd. Néu gdp kho khdn,
t6i sé hdi cde ddng nghiép Viét Nam cla toi
Rat cam on su gidp dé cua 6ng

Than di
Mohammed Assila

Thua ngai Tién sT M. Assila

Xin cdm on vé buc thu cla 6ng ngay
16/2/1999 va sy quan tam chu y cda éng tdi to.
Tap chi Toan hoc va Tubj tré. VA téi mudn ndi
rdng : trude hét, toi sé gdi biéu ong to tap chi
khi t6i c6 né. Vé sau, ching ta sé thdo luén
tiép. Xin hay gil lién lac voi téi qua dia chi
nay. Bimg ngai gi lién hé vdi t6i néu t6i cd thé
lam diéu gi dé gidp éng.

Than ai
Trén Van Nhung

Ong Trén Vén Nhung thin mén !

T6i rdt cdm on vi su théng bédo 16t dep cla
éng. Téi thuc sy chua biét cdm on éng nhu thé
nao. Téi sé doi nhan ducc tap chi va sé thdo
luén véi éng vé van dé nay.

Than ai
Mohammed Assila

https://tieulun.hopto.org
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SUA THO

Ai do slra di va héy gfcr cac ban khép noi da
tham gia stra lai. So vdi yéu cau trao giai, nhiéu ban
khdng thda man di cac tidu chudn : sira it tir nhét,
chinh nhat va... nhanh nhét. Bai tho ma nhiéu ban
da gdp nhau la:

GIAQO THUA
Giao thua la luc Xuén sang
Bén phuong troi dét rén rang, ai of |
Céng trinh vuron khdp muén noi
Tinh nguyén dao nd nu cudi dén Xuin
Bai the chua kip gieo van
Da nghe thén thie tir gdn dén xa
Chuyén moa Xuén téi Déng qua
Long nguei - Troi - DAt giao hoa cung nhau.

Nhiing phuong an khéc thuéng 1a sira nhiu chi
hon hodc trong duong, hoac it cé... ly han.

Chang han : Nghidm nguyén — cao nguyén,
Thai nguyén, trinh nguyén; da thirc — thao thue,
danh thire; binh phuong — muén phuong, tdm
phuong.

Xin tdng chdt qua Xuén cho cac ban : Phfi Héng
Nhung, THCS Thanh Ba, Thanh Ba, Phu Tho;
nhom ban Lé Anh Xuén, Binh Thi Tadm, Trdn Nam
Thai, 9Al, THCS Béc Lap, TP Thai Nguyén; Truong
TatManh THCS Néng truéng IASAQ, IAGRAI, Gia
Lai; Lé B4 Pat, 545 Dién Bién Phu, Phtrdng =
Quén 3, TP H& Chi Minh: Trdn Thu Huong, GA
THCS L& Quy Dén, Cu Gidy, Ha N&i.

L.V.N.M
TU BIEN VUI

Xin khéng "binh" ma phat "hanh® ngay céc dinh
nghia :

1. Néu "banh hinh® chir nhat thi ta cé ngay !

(Pdng Quang Huy, 8/1, THCS Luong Thé Vinh, Duy Xuyén,
Cuang Nam)

2. Cai "binh" dung "hanh" (mudi) bj chiéu
nghiéng !

(Pham Quéc Hung, 11T, THCS Mguy&n Tral, HAl Duong)

3. "Hinh" nhiéu khi "hanh" gidi mé todn t&i mirc
"hanh hinh"*

(Pdo Thiy Duong, Gldo vién THCS Nguyén Hué, Cdm Giang,
Hai Duong).

4. Cé méo nita cling la ... nd |

{Trinh Khuyén Trung, 12A, THPT L& Héng Phong, Gdm Phu,
Cém Pha, Quang Ninh) va Sodn Anh Tinh, 9A, THCS Nguyén Du,
Quéng Xueng, Thanh Hoa), -

Qua Xuén, CLB s& giii cho 5 ban qua..,
Pign ! Cam on.

Buu
LET-N

DICH MA

100% céc dich gia déu cé tir tudng gip nhau

9-in+uc = "chin® bat "in" thém "uc" = chic

10-gi+ng = "mudi" bét "oi* thém "ng" = mimg

5 =ném

1-6t+6i = "mot" bét "6t° thém "ai" = méi.

Vaycauma C.LB gui tdi cac ban la: "Chuc mimg
n&m mdi 1. Cam on tAt ¢ céc hdi vién clia C.L.B.

C.L.B

m c L B nhan dugc rat nhiéu the gidi dé va tho
- hoa Gl.'la céc ban. Al s& dugc glil 7 Cdc ban dén
R Jmm»d'tap chi sé 2631 :

" Xin ban H.D, tdc gid cla rit nhléu thr:t gt C. LB

‘ _-dlmg 'tlm u* nira ! Cén Ilén hé gép l

Bai toan :

s

A= 525+4\6— hiaE x1—2\|'“
Gial.
*Cdch 1:
A= VA Ni2p - Yaw Tiow
= Ymaw No2wr - o227

2

= -ﬁ{zsm-xra;(aaﬂs_)v V(-23)
- %7 i35 -y @2 T

*Cach 2:

Tacé: ‘ﬁ1+2;|-' = 5{1 + 2487 =

Suy ra :
A-(525+4$+ 51+2Te] Yo

=( 525+4«¢E = ﬁzmwﬁ) :‘:ﬁ-z«;ﬁ
=0. Y1276 =0
ft nhét co mét cach gidi sai ! Y kién clia cdc ban
thé nao 7

Luu y céc ban Ia : phai chi r8 ra nguyén nhan
sai lam.

25446

PHAM MINH HIEN
{Ldp Todn 4A, DHSP, DHQG TP HCM)

23
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Giai dap bai
NUA NAC NUA MO
Hai nguti cing &n 1 thiing thit m& trong 60

ngay. Riéng Tam Nuong phai in 210 ngay. Vay
Virong Anh #n hét 1 thing thit m& trong :

1
—— ——=84(nga
TRy (ngay)
( 60 210) ;
Mot cich tuong ty Tam Nuong &n hét 1 thung
thit naec trong :

= 70 (ngay)
( 56 280)

Tam Nuong &n mia thung thit nac trong 35
ngay Trong khi d6 Vuong Anh méi an hét 35/84
ciia thung thit mé. Ca hai Vuong Anh va Tam
Nuong con phai cing &n phan thit m& cbn lai
trong :

1 35

e

Vﬁy c hai ngudi Vuong Anh va Tam Nuong

ciing 4n mét thiing nira nac, nira md trong
35 +5=40 (ngélj’]

Dhra theo cde ddp an ciia Hoang Vi Tuéin Anh,
6/3, L& Quy Dén, thi xa Hai Duong, HAi Duong; Lé
Minh Tam, 6A, Séng Hiéu, Nghia Dan, Nghé An;
Vi Quang Thanh, 7B, N guyén Hiru Tién, Duy Tién,
Ha Nam; Trinh Lan Huong, 74, Trung Vueng, Hoan
Kiém, Ha Néi; Nguyén Quang Théng, TA, Quang
Trung, Tay Son, Binh Dinh; Vi Vin Hung, 9C, Lé
Quy Dén, Bim Son, Thanh Héa. :

BINH PHUONG

VIET SO VAO HiNH TRON

Mét hinh tron duge chia thanh 10 hinh quat
bAng nhau nhu hinh v&.

Cac ban hay Wét 10 sb
tir 1 dén 10, mdi sé vao mot
hinh quat sao cho tong hai
sé & hai hinh quat ké nhau
bt ki bing téng hai b &
hai hinh quat déi xitng véi
hai hinh quat d6 qua tim
hinh tron.

NGAN HO

TAP CHi TOAN HOC VA TUOI TRE SO 263 0 Gi 7
Mot thang nifa, céc ban s& co trong tay :

« D& thi Olympic Khu vic My La tinh

o« Dap 4n dé thituyén sinh mén toan cda trudng Bai hoe
Thiy sén {Nha Trang, Khanh Hoa)} nam 1998.

 Nhitng Iuu ¥ khi thi mén Todn vao cac trudng Dai
hoc ? Y kién clia nhiéu thy chém thi !

« D& thi mén Toan vao Idp 10, khéi chuyén cla
PHKHTN, BHQG Ha Nbinam 1998,
« Két qua hoa tho va giai dé bing tho
Con gi nlra ? Xin moi cac ban dén doc |
TH&TT

NHAN TIN

= Céc ban cé tén sau day duge gidi trong cac cude thi
trén tap chi, nay da thay déi dia chi, xin gifi gép dia
chi méi vé Toa soan.

- Trdn Mai Son Ha, 12CL, PTTH nang khiéu Quang
Binh - tinh Quéng Binh - Trédn Biic Thinh, SAe Tran
Péang Ninh, Nam Binh

- Lé Quang Ndm, 12T, PT nang khidu, BHQG -

TP H Chi Minh

- Pham Tuén Anh, 8C, Truong nang khiéu TP Thanh
Héa

- Trdn Quang Vinh, 9A2 THCS Y Yén - Nam Djnh

- Nguyén Lé Lye, 12T, PTNK, BHQG TP Hé Chi Minh

- Doan Quy Hiéu, 9As, trudng Tran Dang Ninh, Nam
Binh

- Hoang Nguyén Vi, 8C, THCS Trung Vuong, Ha N&i

- L& Thj Na, 4D Tiéu hoc Luang Ninh, Quang Ninh, tinh
Quéng Binh.

- Mai Anh Tudn, 12A2 chuyén L& Quy Ddn, Da Nang.

- Huynh Céng Thanh, $/1 Nguyén Du, Q.1,

TP H& Chi Minh.

e Céc ban Dang Dinh Lai (Thanh Héa), Nguyén Thi
Béc (Ha N&i), Nguyén Dinh Quén (Nghé An), Vi
Quéc Diing (Thai Nguyén), Ha Duy Hung (Ha Nai)
da cobai dangtréntap chi ndm 1998, xin liénhé gép
véi Toasoan dé cho biétténthat (néu cacténtrén la
but danh) va dja chi!

« Chuy&n muc TRA LOI BAN DOC mé dudng day
néng cho cac cau hdivé thi Dai hoe mén Toan vathi
véio 16p 10 chuyén Toén - Tin. Hay ghi thém ngoai
phong bi : Budng déy néng - Tra 16i ban doc.

» Cécban tham gia g;a’rba:chu y : Mibai viéttrén mét
to gidy néng clng vdi tén va dia chi (néu nhidu bai
viét chung vao 1t& gidy thi chi chim bai dau tién).

TH&TT

https://tieulun.hopto.org
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T i caati e —
mrmmméﬁeme ¥ DN, BA NANG

Da Néng la mét trong sé it tinh thanh & phia Nam s6m md& hé chuyén.
T ndm hoc 1981-1982, theo Quyét dinh cla UBND TP, céc lop chuyén
Van ; Toédn ; Ly, Anh, Phdp, Nga dugc m& va dat tai trLro’ng PTTH Phan
Chau Trinh, Tu 1982 dén ‘IQSE Pa Nang dat duoc nhiéu gidi quéc gia va
quéc té. Giai quéc té ¢6 : Tran Nam Diing (Toan), Chung Quy Hoang

[Toan}

Thanh tich:

Nha gido Lé Phd Ky
Higu trutng Nha trutmng

s VE REN LUYEN TRI THUC :

_Trudng phan cac Idp theo bén khéi A, B, C, D
nham tang cudng rén Iuyén cac mén thi dai hoe.

Cac doi tuyén dugc bdi dudng thém, thudng tir
3 dén 6 tiét mai tuan,

Hoc sinh duge 18 chic thém céac hoat ddng bé
tro cho viée hoc nhu tham gia céu lac bﬁ *Héa hoc
Vui', cau lac bo van hoc "Hoa Ham Tlau" mét sé
tdp san "Hoa ham tiéu® da duge nhidu ban hoc
sinh mén mé&. Hoc sinh cla trl;tfng da tur thure hién
dugc to bao "Toan hoc" cho cap 2, cp 3 ban rong
réi trong thanh pho.

MNhigu hoc sinh cd baij g|a| duge khen trén tap chi
Toan hoc va Tudi tré va cé bai dang trong cdc tap
chi"Van hoc va tuditré" ; *Muc tim®, "Hoa hoc tra”.,

Cac thay cé giao ching nhing nhiét tam trong
gidng day ma con say sua nghién cliu, Cac thay
co da xuét ban trén 20 dau sach (Toan, Ly, Hoa,
Anh, ..). Tap sach "Bai tap hinh hoc 12A" cla
théy Hiéu trudng Lé Phu Ky da duoc Nha xuat ban
Ha Néi phat hanh.

Nhigu thiy ¢b gido tham gia viét bai cho cac
bao, tap chr ; théy L& Quang Buc la cay but cd uy
tin v& cac vln dé van hoc; thdy Ngd Thé Phiét,
Mguyén Sinh Nguyén cé
bai trén bao Toan hoc
va Tudi tré, thdy L&
Hoanh Fho cdé bai tréan
tap chi Khoa hoc cia
Thanh phé B4 Nang...

Trudng tham gia tich
cuc cac cudc thi nhu thi
chon hoc sinh gidi qudc
gia, thi toan chiu A
Thai Binh Duong, thi
Olympic truyén thong
30-4, thi H6a Hoang gia
Oxtralia... va dia dat
durgec mot so két qua
'\dang phan khai.

(Ly) ; Ngbé Van Hoang (Ly) ;
LAm Ting Giang {Toén} Nhiing thay gido cd céng bdi dudng
Ngb Thé Phiét ; Lé Hoanh Pho, Mai Chanh Tri, Nguyén Van Kinh.

Nam 1986, "Trudng Nang khidu cdp II, Il Quang Nam Ba Ning" ducc
thanh l&p, va tir ndm hoc 1991-1992 déi tén la : "Trudng PTTH chuyén L&
Quy Dé&n". N&m hoc dau tién trudng cé 14 Idp chuyén, dén nay cé 25 l6p,
ngoai cac ldp chuyan co thém Iép chon.

Nguy&n Van Hung (Toan) ; V& Thu Tung

idi qudc té (man Ly),
i ndm c6 trén 20 giai quéc gia.

- thl déu vao dai hoc ttr 96% tro 1én.

% VE REN LUYEN VAN THE m¥

Nha tru'crng coi trong viéc giac duc toan dién
cho hoc sinh cac em duoe t8 chuic tham gia nhiéu
sinh hoat ngoai gi& nhur

- Céng tac xa héi : tham gia céc cdng tac tir
thién, cai thién mdi sinh, sinh hoat céng ddng. ..

- Hoat déng van nghé: Hoe sinh [truong Lé Quy
Dén da dat nhiéu gia| cap thanh phé. qudc gia nhu
hoc sinh D& Khoa Nam dat Huy chuong Bac Hai
thi giong hat phd théng toan quée, hoc sinh Tran
Thu Trang dat & hau thi nam nir sinh thanh lich
thanh phé B Ning.

- Hoat déng thanh nién: hoc sinh cam trai d3
ngoai, nhe ndm 1998 tai Hdi An, nam 1997 tai
Lang Cé Hué.

- Hoat déng thé thao: Tich cuc déng vién cac
em trau déi thé luc, hoat déng thé thao, dat nhigu
huy chuang trong Hai khoe Pha Péng cap thanh
pho hoac cap Quéc gia.

Nhiéu hoe sinh cil cla truong da truong thanh
céng tac, phuc vu dat nudc & khap moi mien,
trong do ¢6 hai Tién s7, nhidu Pho tién sT va nhidu
hoc sinh khac dang du hoc nudc ngoai,

Thay va tro truang PTTH chuyén Lé Quy Bén
Ba MNapg da dat duge
mét sb két qua budc
dau, dang dugc nhéan
dan cua TP tin tuéng,
mén mé, duge cac cap
lanh dao tin tugng
Trugng da du‘r;rc cdc
tru{:rng ban yéu mén,
nan da giao cho 1rong
trdch té chuc cudec thi
Clympic  truyén théng
30-4 tir 15-4-99 taj Pa
Nang., Xin chdc tat ca
cac ban gan xa tham gia
cudc thi lan nay dat két
qué tét dep.
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