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NGUYEN DE
{ S¢ Gido due va dao tao Hai Phong)

Bai viet ndy ching toi muon d¢ cap dén mot bat d‘cfng
thiie quen thuge ldm cdu néi che viee chimg minh cdac bar
ddng thic ihdc phite tap hon. Po chinh la Bar ddng thic
Na-so-bir -

Vdia, b, ¢ 1a cde s6 duong thi :
a b e 3
S s ..+_ .._.:_, %*
b+ec a+c a+b 2 )
(xem thém Tap chi TH & TT s6 66 va sd 106).
IG:’&:‘ Ta ki hiéu vé trdi cua (*) 1a 4 va bién
daéi nhur sau
A+3=(a+b+c) =2 + ---!--+ g
= (a-l-b a+c b+c)
Patu=a+b,v=a+c, t=h+ec tacd:
1 sl ki 1
AFF=— WLV E NI~ 4+ +
2( )tu v IJ
Taco:

B:{u+v+r)(l+'l +-l'\k
TR

;
v [ t I 5 v
e e
(H 17') (H+.“]+(1'41)
Ap dung bat ding thic Cési ta duoc B = 9.
3
Tl.'rddsuyradé"z".

Dé thiy diang thic xay ra khi va chi khi
a=hb=c¢
Ta hiy tim cdch khai thdc bai toan trén.
PE v thiy ring néu ta nhén ca hai vé cia (*)
vdia + b + ¢ ta cd bit ding thic
a b ¢
Lt e

= 3 (a+b+c)

at b c? -
@ — — +. P + T ‘:_:. S ——
b+c a+c

K&t qua trén diin dén cdc phép bién bai toin
sau :
Bai todn I. Gid st a, b, ¢ 1a cdc s§ duong.
Chuing minh réng
ﬂl b

5o Sl
b+¢ a+c a+bh 2
Ta thiy rang tr vé phai cua (1) néu thém diéu
kiénabc= 1 thitheobit dang thiic cositacs :
a+b+cz23 Nabe = 3. Khi dé v& phai clia
(1) bi€n déi va tir tinh chit bic ciu cia bit dang
thiic ta co bai todn 2 :

Bai todn 2. Gia su a, b, ¢ 1a cic s duong
thoa man diéu kién abc = 1. Chimg minh ring

el ST

h+c a+e a+h 2

Nhu viy mudn chimg minh bt dang thic
(2) ta phai xudt pht tir bat dang thiic (*), sau do
thuc hién hai budc sau ta s& ¢ khang dinh

« Budc 1 : Nhin 2 vé cua (*)véia + b + ¢
va hién doi

» Budc 2 :
a+h+c S 3

Z 2

Dén diy, néu tir (2) va ti gia thiét ta bign dai
theo cdc budc :

« Bude | : Binh phuong hai vé ctia (2)

« Budc 2 : Nhan 2 vé cua bt dang thic thu

N

Climg minh bat dang thic

. o
dugc sau bude 1 vl 5

« Budc 3 : Thay thé cdc bidu thic
a’h?, a’c?, h*c* bang cdc biéu thic tuong ting
RFe i '
e

Tur ba budce bién ddi trén din dén bai toan 3 -
Bai todn 3. Gia st a, b, ¢ 1a cic s duong
thoa man diéu kién abc = 1. Ching minh ring

https://tieulun.hopto.org
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a* b g I 1 1 3
+ e + 2 o 4 =iy
2(b+e} 2a+)r 2a+bl alb+c) bla+e) cla+h) 2
” 1 b I 5 Pé ching minh (4) ta dat :
cHa+elb+e) b a+b)b+c) e s SR
; 1 ok e
aa+c)a+b)” 8 : Khi dé bét dang thiic (4) cé dang
e - AL 02 B
Bffj:'gl(?:taxétt'lfpi SIS y+:+.1'+:+x+y22
_Bai todn 4. Gia st a, b, ¢ la cic s6 duong Bét dang thiic trén chinh la bit ding thirc (2).
thoa man diéu kién abe = 1. Chiing minh rang o
- 2 _, - 2, . 2> 3) =
a’(b+c) b(a+ec) cHa+b) Con dudng di tif () dén (1), (2), (3), (4) phai

chang 1a con dudng sdng tao ra cic bit dang

D& thdy bét dang thic cdn ching minh twong ¢ . = o mit bat ding thirc da bict

duong véi bit dang thic

TIENG ANH QUA CAC BAI TOAN VA LOI GIAI

BAI SO 2

Problem. Prove that 11'0—1 js  Therefore, 11'° - 1 is the product of ~  side = bén, phia, canh (Kinh hoc)
divisible by 100, 10 with a number divisible h}' 10. sum -‘téng

Solution. We have Tirméi : number = 6

10 9 8, ove : chimg minh (dng 1 .

Pl el E " .{d‘}g. ) b end = két thiic (dong tir), chd két
e e 1P e 11t 113 4112 prave el = chimg minh NGy gim cusi (danh 1)
11+ 1). {ménh lénh thirc) : i &

The second factor on the divisible by = chia hét cho il T R
right-hand side is the sum of 10 second = thir hai prodiies = fich
numbers which ends with 1. right-hand = tay phai NGO VIET TRUNG

CHONG MINH TIEN DE OCLIT... Or. Cho nén,

t J
(Tiep theo trang 21) - ﬁgﬁ fﬁﬁé /
sdu cai gl ma

— ID
qua mot diem ndm i“mng mot goc nhon, bao zg: g; ?:uc}fﬂ‘; 5 l
gio mni dung dugc mét dfwmi thdng khéng a5 ma phai di

qua dinh géc ma cdt cd hai canh cia géc. vao caA cai dbi

Thoi xua ma nhén ra su _duong cua véi cai do.
tién dé nay voi tién dé Oclit 1a_réat khé. mh Vi vay ik
Nhung, nay nay, bt i ai cb hiéu biét so  ma trong viéc hoc toan nén tim phan vi du
dang vé hinh hoc Lébasepki thi thiy Ngay:  cho ede khdi nigm va dinh If do.
gua va}:, trong mét goc nhon xOy (h.3), du goc Legendre khéng thanh cong trong viée

dén_ dau, thi trong mat phang chLm minh tién dé Oclit. Viéc
phat hién ra
Lohasepkg x0y, bao giv cting ton tar mét lﬁmn thanh céng’ nay déng %:é nghm
c

dudng thang D song song vl Ox vé hia nay van
gvi neu khing thi moi nguwi sé cho 1a tién
¥4 jong sonig you 0. 5 % E;a‘“ﬁ thi. D lghlﬂ dé Oclit da duoc chimg minh va thé la hét
han khs g frect u:g dinh mt.oaal A1, chuyén, con lam gi co hinh hoc Lobasepki, cai
3 g ngua a6 kho goe om thn UNE  con chim én bao hidu miua xuin “todn hoc
: 0 khong c6 dutng thang nao hién dai” véi cdi canh tram hoa dua no trong
(khéng di qua O) ma cat ca tia Ox va ca tia nhing manh vuon day hoa thom ¢b la.
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Bai T1/244: Xétdayso’
L +x, 1 +%, l+x

X Xy = l _—EI Xy T Itxrz‘ ey
dox, #0vax, #+l. Chingminhx g5, =x,

Lai giai. Ta chimg minh x, = x,, ., véi moin
e N’ bang phuong phép quy nap toan hoc.

* Vdin = 1, ta ching minh x; = x,.

That vay, vix, 20 vax, 2 | nén:

I+x|
l +x I_—T =1 =
_'c_%z. ._.2.=_... it 1:'_::'-“:__(1)
kgl o 55 B T X,
E e :
1 -x,
Tadéx; #0vax,#+l. Suyra
1 +x,
1l +x _1 —X .
4 3
b e e — = )

1 —x, 1 +J(1
] 1-x,
Keét hop (1), (2) ta ¢ x4 =x,.
* Gia su két qua dung vdéi n = k, tic 1a
Xgpe) =X Vix, #0;x, # &l nénxy,  #0;
Xy = 1. Do do:

b+ Xy
g B
il 1 =X -1 Y -1
ake3 ~ = AN
e L+ X X Yak+3
1 =Xgq

VAX, 0 X, F1]

1+ X403
e
Pos. - AN N il
81 C6: X yp s = ; T
]_——_ Ak+3 4k+3
1 =Xy

SUY 12 Xg01)41 = Xapes = Xape1 =X
Tué la két qua ding véin=k+ 1.
Tom lai: x, = x,, ., v6i ¥n N

Thay n=499 tacd x, = x,gq..

Nhin xét. *Rit nhiéu ban tham gia giai bai ndy
nhimg rit khd tim ra ducc lai giai that chat chg. Chi ¢o
7 ban khnng nhin ra quy Iudt x; = xans1 (n € N).
Nhiing kiéu thizu sét chi y&u:

1) Sau khi chimg minh x5 = x; va dau ..., cdc ban da
ndéi tirong tr ta ¢o xj997 = x1993 = ... = x1.

2) Khong sir dyng gid thiét x; = 0; x3 = £1. Néu
khing c6 gia thiét nay thi ligu c6 x1997 7

* Mt ban & chuyén Todn Nghsa Hung, Nam Binh
gi4i bang phuong phap hrong gide. nhumg ciing chura
chat ché.

* Cdc ban cd 1od gidi khd hon la: Nguyé’u Manh
Thang, 9A, chuyén Thach Thit, guyen Binh Hung,
9A1. chuyén Thanh Oai. Ha Tay: Nguyén Déng Bdo,
9A. Quic hoe Quy Nh(m Binh Dinh; Wgo Trung Hiéu.
9 Todn, chuyén Nguyén Du, Tp Hé Chi Minh; f)io
Duy Binh. 7A1. Duong Minh Chau, Tay Ninh: Pham
Kim Anh, 8A, T Nghia 2, Ql.lﬁ.ng Ngii: Luong The
Nhdn, 9A, chuyén Bae Liéu; Dinh Thi Thdi Mai, 9B,
Hai Dinh, Ding Hdi, Quang Binh: Ngé Qudc Ank. 9,
chuyén Nguyén Du, Ddc Lac; Phan Vii Todn. 8A. L&
Quy Don, Ba Trumg Giang, 9A, Pémg Anh. Nguyin
Piic Nhdt, 8A2, Nguyén Truong To. Ha Noi; ¥ Thanh
Som, 97, Lé Van Thiém, Ha Tinh; Tran Quang Vinh,
Hodng Tudan, 9A1, L& Quy DPon, ¥ Yén, Nam Binh;
Mai Nguyén Diing, 9A1, Chu Van An. Thdi Nguyén;
Nguyén Viét Diing. Yén Khé, Thanh Ba, Phit Tho; Lé
Thanh Cong, 9B, Pong Hung, Thiai Binh; Nguyén
Thde Lan, TA va Nguyen Xudn Hoa, BA, trnuimg Nhit
B4 Si, Hodng Hoa, Thanh Hoéa; Vd Tudan Binh. 9B, Ha
Huy Tip, Vinh, Trdn Hong Yén, 9A, NK Nam Dan,
Ngh& An: Dinh Trung Hidw, 9A, Phu Bai, Huong
Thiy, Thira Thién - Hu€ Phan Phuong Mai, 8CT,
Trén Phii, Hai Phong.

LE THONG NHAT

Bai T2/244: Cho 3 56 dirong tiy ¥ khéng lon
hon 1. Chimg minh:

2;; +(l-a)l-b)l-c)

a+bh+c

Léi gidi. (clia Pdng Ngoc Trang, 8B, PTCS
Nguyén Céng Tru 11, Tién Hai, Thdi Binh)

Vai tro cua a, b, ¢ 1 binh dﬁng nén khong
gidm tinh tong qudt, ta c6 thé gid ska > h > ¢
4p dung B4t ding thiic Cési cho 3 5§ khéng Am

1-b, 1-c, I+b+c ta cd:

Ll =b)H1 —c)+( 1+b+c)

> W1-b)(1-c)(1+b+c)

<:>{1-b)(l-c)(]+b+¢) P
& (1-a)(1-b)(1-)(1+b+c) < 1-a

—a 1-a

<= (1-a)(1-b} 1) < < doa<

(1-a)(1-b)(1-c) e {na 1)
Tix d6 ta co:

a 1 1
1-a)(1-b)(1-¢) £ e i
Kl ltlc) < +b+c ath+ec atbic 3
3
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Viy ta cd'

1
aHbH“ 3 +“*f1){!—b)(l-{:}

ddu "=" xay ra khia = b = ¢ = 1. (dpcm).

Nhin xét. 1. Cic ban sau day cing ¢ 1 gidi tot:
"'t;:frwn Ddng Quy, 9A, Trong diém Thuin Thinh, Bic
Ninh: Vuong (:-ru ¥i, 8H Trung 'vunng. Ha Noi; V'
Thanh Binh, Chu Vian An, Hai Phong; Ngh‘}&"ﬂ
Cao Cuong, Lé Tﬂn!g Diing. 98, Chu Van An. Thanh
Ha, Hai Dwong: [é Thanh Cong, 9B, Déong Humg.
Thai Binh; Nguyén Trung Quan. 9A . Lé Quy Don, y
Yén, Nam Binh: Hodng Lan Anh, Lé Ngoe Khea, Lé
Thi Thiy, Lé Manh Thuy, 8A, NK Hodng Hda, le Kim
Phuegng, Lé Anle Som, 9C. NL Tp Thanh Héa. Thanh
Hoa: Nguyén Xudn Todn, 9A. Dién Chau, Nguyén Diic
Trudng, 9A Trung Do, Vinh, Nghé An: Duong Tudn
Anh. 9/2 L& Van Thiém, TX Ha Tinh: Huynh Mink
Vigt, 9A Nguyen Hién, Dién Ban, Quang Nam: Pdo
Duy Bink, TA,, Duong Minh Chéu. Tay Ninh: Nguveén
Lugcmg Huuu,q 94, Q“ Quy Nhon. Binh Binh: i
Xuan Ngoe Tin, 6 Quang Trung, Tan Phi, Dong Nai.
2, Cdc ban sau ddy da phat bieu va chimg minh bai
toan ma rong cho n s0 nhu sau:

Cho n s6 duong a; € (0, 1},1= 1,2, ...,
minh:

n Chimg

ki o > : + (1=a,)(1-a,)...(1-a,)
.r:l-r-aj-l-...-l-a" " 5

Pdng Thi Hién. 9B, TD Thuin Thanh. Bic Ninh;
Mai Nguyén Ding, 9A;, Chu Vin An, Tp Thai
Nguyén: Tg Ngoc Thach, 9B, CLC Tp Viét Tri, Phi
Tho: Nzuyén Diir (:ifma‘ 8A, L& Quy bBon, Tir Liém,
Ngwyen Hodng Anh, 94, Qilang |1ll111_I Ha Noi; Lai
Bie Phuong, 9A, \gu\, Zn Khuyén, Binh Lue, Ha
Nam: Hodng Van Long, 9, Chu Van An, Thanh Ha.
Hai Duong. % Trong Giang. 10A,, Phu Duc, Quynh
Phu, Thai Binh; Lé Kha g, Neu wu Van Gidap, Triueng
Thank Gidp, Negwyén Xuan Hoa, 8A, NK Hodng Hoa,
Nguyeén Vigt Ha. 8B NK Thanh phd, Phan Van Tién,
9C, Quang Trung, Tp Thanh Hda. Thanh Hoa: Duong
Tudn Anh, V& Thanh Son. 9,. L& Van Thiém. TX. Ha
Tinh.

3. Céc ban sau diy da phat bidu va ching minh bai
todn md rong cho 56 duong nhur sau:

Cho n so :h:rm;, a,ay .. a tuyykhong lon han
cfoe=0 ne N ) Chimg mmh

(i"ll 11’“ A 2
i -;- + (- u‘)u:r,—az]...;u—a"}

rJ|+H T 5 2

Lé Minh buc, 8A, CLC Hai Dwong: Hoang Tudn,
9A, Lé Quy Don. Y Yén, Nam Binh; Lé Hoang. 9C.
NK Thinh pha, Thanh Héa.

TONGUYEN

Bai 13244, Gidi hé phwong trinh sau:
85
try A 4 Py ¢ 3 B
2r+—1" ik I'r+'.’)
xX+v 3

Loi giai. Phuong trinh thi nhit cd thé viét
lai thanh :

4

85

fornte ooy

Do dd, data—.r+_|r vib=x-vtacd2x=ua
+ b, va hé da cho tro thanh :

Fara & 2 85
31\a+azj+b—3 (1)
a+b+-]-- = 18 (2)

a 3

Ruit A tir (2) thé vao (1) ré1 dat r = a + :
i
duoc phuong trinh bic 2 déi véi £:

182 — 397~ 70 =0.

-'522}_

1 X 1
3: f2="' (loai vi |a+ =
a

Giai ra duoc h=

1
Tinhra dugc hainghiém la(2; l}vaf . ‘;

Nhﬁn xét. €' 8Y hai giai trong do co 4 b giai sai.
Léi gidi tot gom cé: TP, H8 Chi Minh: Huynh Cang
Thanh, 9T Nguytn Du, Q.1: Ha Nai: Do Truong
Giang, 9A - THCS DBéng Anh, Nguyen fodng . Anh, 9A
THCS Quang Trung: Thanh Hoa: Nguyen Anh Tudn.
9B - THCS Lé Quy Don. Bim Som; Nam Binh:
Nguyén Puc Chinh. 9B - PTCS Hai Hiau: Bae Liéu:
Trweong Yén Nhi, 9A PTTH chuyén): Bic Ninh:
Neguyén Dang Quy, 9A Trong diem, Thuan Thanh:
Nghi_.‘ An: Vi Tudn Binh, 9B THCS Ha Huy Tap, TP
Vinh: Hai Phong: Pham fiic Hiep, Vi Ngoc Minh
(8T Chu Van An); Quang Ngii: Pham Anh Tudn, 9A
chuyén L& Khiét;

PANG VIEN

Bai T4/244. Cho ram gidc ABC, diém D trén
canh AB, diém E trén canh AC. Trén dogn DE
lav cdc diém M, N sao cho DM = MN = NE.
Goi P. O li cdc giao diém tiong vng cia cic
tia AM, AN véi canh BC. Chimg minh réing néu
BP < PQ thi PO < QC.

Loi giai. (dua theo N’gm’en Hodi Anh, 8A
THCS Lé Quy Bén, Q. Cau Giay, Ha Ni).
Qua P ké dudng thang song song vdi DE, cat
AB. AQ, AC tuong \ing tai cdc diém F, G, H. Ap
dung dinh 1i Ta-lét, de dang ching minh FP =
PG = GH (1). Qua F, H ké cdc dudng thing
song song vdi
AQ; cat BC
tuong ung tai

o B2 Ta
(1) va (),
AIPF = AQPG
(g.c.g). suy ra
[P =P Do
IF // AQ nén I
AB B0

AF QI

https://tieulun.hopto.org
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BP+PQ

2P0
vay la F nam ngoai canh AB. Suy ra 4, B nim
cung phia ddi véi dudng thing FP. Do P nam
gita B, C nén C, B nam khdc phia d6i vai
du{mg thang FP. Viy C, A nam khéc phia d6i
voi dudng thang FP, hay H nidm gitfa A, C. Ma

HK/AQ nén K nam gita Q. Chay la QK<QC.
Hon nifa, do HQ la dudng trung binh trong tam
gidc PHK nén PO=0K. Vay: PQ<QC (dpcm).*

Nhin xét. Co 90 ban gini bai giai, tit ca déu gidi
dhing, tuy nhién con nhidu ban mdc phai thifu sét sau
ddy hodc 1 trinh bay qud dai (cd bai dai tdi ba trang
gidy hoc sinh). hodc 14 trinh bay ngén gon nhung thiéu
chat ché. Céde ban sau diy cd 1&i giai tot:

Ha Noi: Po Trudng Giang, 9A THCS Dang Anh,
Nguyen Hodi Anh, RA THCS Lé Quy Don, Q. Ciu
Gidy; Hai Phong: Triéu Tuan Dai, 8T THCS Chu Vin
An; Déng Nai: Vi Xudn Ngoe Tin, Ip 6 THCS Quang
Trung - Tin Phi; Bae Liéu: Truong Yen Nhi, Tran Lé
Minh. 9A PTTH chuyén; Nghé An: Nguvén Nehia Tai.
9A THCS Do Luong, H. Dé Luong, Nguyen Nhu
Phong. 1C THCS Déng Vinh: Nam Binh: Cao Lé
Duan. Trung tim CLC Giao Thiy: Hai Duong:
’w';:u}w; Cao Cudng, 9B THCS Chu Van An, H. Thanh
Ha; Bde Ninh: Phing Vin Thiy, 9A THCS L& Van
Thinh, Gia Luong: Pik Lée: Ngé Quoc Anh, 9C
chuyén Nguyén Du. Budn Ma Thuét.

DANG VIEN

. Ma BP < PQ nén ji‘i] hay AB<AF,

Bai T5/244. Cho tam gidc ABC vdi cdc
trung fuvén AA|BB,,CC,. Lav cic diem M
(nam gitda A, B)). N (ndm giita C. A,), P (ndm
gitia B. C)). Tim gid tri hé nhat cua dién tich
phdn chung ciia hai tam gidc A,B,C, va MNP
hiét rdang dién tich tam gidc ABC hdng I.

Laoi giai.
{cua Chu
Diép  Anh,
8B, chuyén
Ung  Hoa,
Ha Tay).
Goi dién
tich
DEFHKL B Y ¢
bang S.
Do DB, /IC va NC < [N nén EB, < DE.
Suy ra 'i”” <Sppp
Tuong htﬁ," 15 Snrk
Skt 11 = Sk
Tuds S, , o = S<S=SpchayS, 5 <25
s h K il
Viy S 2.‘5‘_“!“ g oy
2-BT2

Dau = xay ra khi 1 dinh cia AMNP tring vdi
| dinh cia A4BC va 1 dinh trung trung diém
canh déi dién. Do dd gid tri bé nhdt ciia phin

1 .
hung 1a
chung I ¢

Nhin xét. Gidi tot bai todn nay cé cde ban:

Thdii Nguyén: hguyﬁn Van Thdng, 9A . THCS Doc
Lap: Phii Tho: Lé Tuyét Nhung, 9A, THCS PhuT'hQ Bac
Giang: Vii Chi Minh. 9A, THCS Hiép Hoa: Bée Ninh:
Nguyven Ddng Ouy, 9A TD Thudn Thanh; Vinh Phie:
Bdo Duy Vi, 9B THCS Yén Lac. Trinh Minh tic, 9A.
THCS Vinh Yén: Hai Phnng'Le Van Thanh,9A | THCS
Ngd Quyén. Tricu Tudn Pai. 8T, THCS Chu Van An Hai
Duong: Nguyen Huy Som, 8 Li, THCS Nguyen Trii; Ha
Tay: Nguyén Manh Thang, 9A chuyén Thach That. Vi
Cao Cuong, 9A chuyén Thanh Oai; Ha Noi: Ngo The
Hiing. 8C Ha Noi - Amsterdam. Nguyen fiic Giang. 8A
Lé Quy Pén. Tir Liém, Nguyén Viét Ting, 91Ta ]-]L)ang
Nam Binh: Ddng Phuong Thao. 8A, Luong T h& Vinh,
Trdn Thanh Tung. RA, Do Minh In?n 9A Trin Pang
Ninh. Tran fhic Hieu. '3[ Hin Thuyén: Ha Nam’ Lai e
Phueng, 9A Nguyen Khuyén, Binh Luc: Thanh Héa:
Pham Tudn Anh, 8C NK thanh phé, Nguwyén Thiy Link,
8A NK Hoing Hoa. Nguyen Anh Tuan, 9B Lé Quy Do,
Bim Son: Nghé Am: Nguyen Tien Tai, 9A THCS Do
Luong, Nguyen Nhie Phong, 7C Bong Vinh., Vi Ngoc
Diing. 9B Bang Thai Mai, Vinh: Ha Tinh: Duong Tuan
Anh, 9;"2 Lé Van Thiém: Quang Binh: Pham Le Hanh
Dung. 9° THCS V& Ninh; Quéang Ninh; Quang Negii:
Tran Thdai An Nghia, 81, Ha Quang Dat, 8] Trin Humg
bao: Binh Dinh: Nguwn ' uong Hodng. 9A Quic hm_
Quy Nhon; P Lic: Nguyén Thank Nam, 8T, Nguyen
Du: Béng Thap: Lé Trong Duy. 8T. THCB Sa Déc: Bac
Liéw: Liomg The Nhen, 9A chuyén.

VI KIM THUY

Bai T6/244. Cho 56 duong a. Xét cdc sé
dieomg x, v, = thoa min diéu kién:

2 2
3 s gl e s e e e
i
Hay tim gid tri nho nhdt ciia biéu thiic:
Ximr Y2,
F - A L
Iy + )y +2x
Laoi giai. Ta dd hiét:
Bai toan 1. Cho cdc s6 khong 4m x. y. z théa min
diéu kién: xy + yz + xyz = 4(*).
Ching minh rng: x + y + z2 xy + )z
diu bang xay ra khi nao?
(Bai 6 - Dé thi chon HSG Todn THPT Todn quée
ndm hoe 95-96. Bang B).
© L giai c_:l"la hai togn | di ducce cong ba rén Tap
chi THTT & 12 (234) nam 1996. Theo do. diu "=" o
(1)xay ra<>x ~y—=z~ 1 hodc trong 3 80 x. y, z ¢ 2 80
hang 2 v 50 con lai bing 0.
Lay ¢ = 0 tiy y. Pat x - = iff. z = ty. Khi dé.

Bai fodan I sé duoc phit bleu dl.ml dang tuomg duomg
sau:

£ zx (1), Hoi

o
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Bii todan 17, Cho ¢ > 0 va cho cdc sd khong 4m o,

: e 4

B, y thoa man diéu kién: af + Py + yo + fafly = -
!

Ching minh ring: o« + B + v = off + By + ya). Hoi

diu "=" xdy ra khi ndo ?
2

Patt = —, a > 0, ik Bdi todn 1’ ta co Bai T6/244.

Va, theo nhng didu da trmh bay & trén thi: minP = =
a
dat duge khi x =y =

e

2

Nhin xét. |. Trong tng s6 114 ban giri 161 giai téi
T.S. ¢d 15 ban cho 1& giai sai, do dd mdc phai mot
trong cdc sai lam sau:

» Khéng nidm wvimg cdc tinh chat eia BBT. Co
nhiéu ban cho fing: Tha>b>0vac>d>0suyra
a b
(L
r b d (7).

» Khong thude BDT Trébusep.

« Nhim lin trong cic bién déi dai s6.

2. Hau hét cdc ban cd 161 giai ding déu cho 1ai giai
tuong tr 151 giai bai todn 1 (nhu da cong bd). Dudi day
la danh sdch cdc ban ¢é 161 giai t6t hon ca:

Téy Ninh: Dodn Hong Anh, 1 1A, PTTH Hoang L&
Kha; Vinh Long: Nguyen Minh Trudng, khong rd
truong 16p; Déelie: Lé Pinh Binh, Lé Anh Diing, Lé
Thé Tan, 12CT PTTH Nguyén Du - Buon Ma Thudt;
Péong Nai: Phan Thi Thu Hdng, Nguyén Vdn Thanh
Sang, 11CT PTTH Luong Thé Vinh - Bién Hoa; Ba
Ria - Viing Tau: Luong Anh Himg, 11A, PITHCB
Ving Tau; TP.H6 Chi Minh: Vi Piic )l-’ﬁu 12CT
PTTH Lé Hong Phong; Da Ning Lé Pai Duong, Vi
Quy Léc, 10A,, 11A, PTTH L& Quy Don; Nguyen Tan
Phong 12A, PTTH Hoang Hoa: Tham; Thia Thién -
Hué: Huynh Céng Phuoe, 10CT Qudc hoc Hug:
Quing Tri: Pdo Thr My Chdau, 10T PTTH Le Ou)“
Bén, Hoau;, Van du, khdng o trudmg 16p; Qumg
Binh: Lé Trung Hiéu, Nguyén Hoa, Nguyén Viét
Thanh, Tran Hitu Lue (PTTHNK); Nghé An: Hodng
Minh Sem, 10G,; PTTH Nghi Loc 1, Trdn Nam Diing.
12CT PTTH Phan B&i Chau - Vinh); Thanh Héa: Luu
Van Higu, Cao Xudn Sinh, 10A,, 11A PTTH Ba binh -
Nga Son, Lé Xudn Trung, 11T PTTH Lam Son; Ninh
Binh: Vi H’a}!g Figr, 11T PTTH Luong Van Tuy; Nam
Dinh: Tran Qum:g Vinh, 9A; THCS L& Quy Don - y
Yén, Vi Trdn Cuong, Phﬂm Ngof Hung, Nguyven
Trong Kién, Vii Vigt Tai, Nguyén Truong Giang, 10T,
12T-L PTTH Lé Hong Phong: Hoa Binh: H6 Quang
Dueng, Phing Minh fhic 11T, 12CT PITH Hodng
Van Thy; Ha Tay: Luu Tién Diic, 9B Truong chuyén
iing Hoa, Ngé Pinh Trung, 12T THCB Son Taiy,
Nguyén Mgﬂh Ha, 11A CT PTTH N uyﬁn Hué: Ha
Noi: Nguyén Pic Manh, 12A PTTH Cd Loa - Ding
Anh, Lé Hai Binh, 10 Tin PTTH Ha Ngi - Amsterdam;
Béc Ninh: Phung Vin Thiy, 9A THCS Lé Van Th[ch -
Gia Luong:; Bc Giang: Ddng Hoang Viét Ha, Nguyén
Tién Manh, Pham Viét ngoc, 12A PTTH Ngb 87 Lién;
Hai Duong: Nguyén Huy Khuong, Dao Thu Mai, Trdn
Dai Nghia, Vii Van Tam, Nguyén Van Lugt, 11CT,
12CT PTTH Nguyen Trai; Hung Yén: Duong Mani
Hing, Nguyén Thanh Som, 12PTNK Hung Yén; Hai
Phong: Pham Diic Hiép 8T THCS C hu Van An, Trdn
Van Hd, Nguyén Mai Hung, Tran Trung Hiéu, Podn

6

Manh Ha, Pham Duong Hiéu, 10T, 12T PTTH Trdn
Phli; Thai Binh: Vi Tien Dat, 11A PTTH Chuyén;
Quing Ninh: L& Xudn Thanh, 12A, PTTH Ha Long:
Vinh Phiie: Vi Van Phong, Nguyen Thanh Ti, Cao
Thé Thu 10A, 11A PTTH chuyén; Phii Tho: Nguyén
Kim 56, 12A PTTH Thanh Ba, Pdo Manh ??ﬁ:ing 12A
PTTH chuyén Hing Vuong; Lao Cai: Nguyen Hong
Quang, 11A, PTTH Lao Cai; PHQG TP H§ Chi
Minh: Pham Ngoc Huy, Lé Quang Nam, 10T, 12T
Truéng PTNK; DHSP Vinh: Lé Hong Ha, 12A khoi
PTCT; PHQG Ha Nbi: Nguyen Phong Thién, Hodng
Tung, Nguyén Ting, Podn Huy Hién, Nguyen Minh
Hoadi, 10 khdi PTCT Tin BHKHTN).

3. Cd 4 ban cho nhdn xéi rdng, bai dd ra la mot dang
pht biéu khde ciia bai todn 1. Tuy nhién, mét s6'ban khdc
lai cho rdng, bdi dd ra la bdi todn khdi qudt ciia bdi todn 1.
Ai dhing, ai sai? Thiét nghi, Lot gidi dd trinh bay o tren ld
Ioi gidi ddp cho cau héi d6. Va hi vong, qua day, cdc ban
56 co cdoh nhin nhan diing hen doi vai ban chat todn hoc
clia cde van dé dd duge ddira.

4, Nhan diy, xin trinh bay thém mot cdch giai
(ngoai cich gidi di cong bd trén Tap chi THTT) cho
bii todn 1:

"Khang mit tong qudt, gid sit x = y = z = 0. Khi dé,
tir (*) dé thiy x> 1 vz > |. Hon niia, ta con cd:

(*)@y*—i‘iva{‘)@xy'yz tzx=4 - xyz.
i

Z+xz

— 24-.1:2.—4-i.
x+z+xz Xx+z+xz
S (x+zf fxz(x+z)+4-xz2x+ 2+ x2) - x4 - x2)
-:b{x+z)2-4(x+z)+4—1::(x-:—x:—1]3_*0
ex+z-20 +ex-1X1-220 (2)

Do x212x20nén (2) la BDT dung va vi thé (1)
x+z=12

Dodé: (1) x+z+

la BPT diing. Ddu "=" xdy ra <

zx-1¥1-2)=0
r=yp=x=1 {dn *))
x=y=21z

Viy, (2) duge chimg minh va diu "=" xdy ra < x =
y =2z =1 hodc trong 3 s8 x, y, z ¢6 2 s bing 2 va sd
con lai bdng 0" .
NGUYEN KHAC MINH

Bai T7/244. Cho ddy sé {p(n)} dugc xdc
dinh nhu sau:
p() = I: p(n) =
(n-L)p(1), n2 2.

Xdc dinh p(n) véi moi n € N*.

Lp(n-1) + 2pn-2) + .. +

Loi gidi. (cta da s& cdc ban)
Véinz3tacd:
p(n) = [p(n=1)+p(n-2)+...+p(1)]+

+ [1.p(n=2)+2.p(n=3...Hn=2)p(1)]

= p(n—1) + p(n-2) + ... + p(1) + p(n—1)
& pln) - pln-1) =

=p(n-1) + p(n-2) + ... + p(1)
Thay r bai (n + 1) trong (*) ta duoc:
pln+1) - pln) = pln) + p(n=1) + ... + p(1)(**)
Tix (*) va (**) ta thu duge:

=
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p(n+1) =3p(n) - p(n-1); p(1) = 1, p(2) =1
Hay: p(n+2) — 3p(n+1) + p(n) =0; n = 1(1)
p()=1,p)=1,p(3)=3
Xét phuong trinh dic trung cia (1):
£-3t+1=0
Phuong trinh dic trung nay cd 2 nghiém

3t

o™ 5 Vay nén:
= 255 (355

K&t hop vdi diéu kién p{\[]_) =1,p(2)=1,ta
5

5
thu dugc hé; a =?; b=~ ?va:

n-1 n—1
pn) =§[[3+—2\EJ - [73 _;EJ },n 52

p(1)=1.

Nhén xét. Hiu hét cic ban gii dén déu cé
loi giai ding va thudng theo cdch trinh bay &
trén. Cdc ban sau diy cd 16i giai dung:

Khinh Héa: Trdn Tudn Anh, 10A Todn Lé Quy

Dén; Ty Ninh: Podn Hong Anh, 11 chuyén Hoang
Lé Kha Tra Vinh: Bui Trinh Khoa, 10A; trung hoc
chuyén; Ha Giang: Vit Anh Hdi, 11A PT'TLI Lé Hong
Phong; Thai Binh: Vi Tién Bc_r.r 11A PTTH chuyén;
Hoa Binh: Phing Minh Diic. 12CT, Ha Khdnh Todn,
12CT, PTTH NK Hoang Vin Thu; Da Ning: Nguyén
Tan Phong, 12A; PTTH Hoang Hoa Thdm, Lé Vdn
Duy, 11, Phan Van Thdo, 11A, Lé Quy Bén; Ca Mau:
Phan Qt.-ac Bdo, 12A; " PTTH H& Thi Ky: Quing
Ninh: Phan Thanh Nam 11A; TH chuyén Ha Long;
Lao Cao: Nguyén Hong Quang 11A; - PTTH Lio
Cai; Hung Yén: Duwong Manh Hrmg, 125 H,
truéng thong thong ning khiéu; Phi Tho: Nguyén
Kim 56, 12A PTTH Thanh Ba, Baa Manh Tﬁrfng, 12A,
Vii Dodan Hung, 10A PTTH chuyén Hang Vuong;
Binh Binh: Ngd Lé Qnde Kha, 11A, - Qudc hoe Quy
Nhon; Ninh Binh: Luong Ngoc Am‘! 10T - PTTH
Luong Vin Tuy; Yén B&i: Lé Haﬁg Hai, 11A

Nguyen Ddng Trung, 11A,, Nguyen Cong ("h:m&
11A;, PTTH chuyén Yén Bsil Vinh Phic: Pham
Hoang Ha, 11A chuyén; Diik Lic: Lé Dinh Binh, 12T,
Lé Thé Tan, 12T, Lé Anh Diing, 12CT, PTTH chuyén
Nguyén Du; Qmmg Tri: Pdo Thi MT Chdu, 10AT, Lé
Tho Kha, 10T, chuyén 16 Quy Dén, Hodng Ven Au,

khu phé 3, phlrﬁng 1, Nguyen Cong Thanh, 11 chuyén
todn trrémg chuyén PTTH Lé Quy Don; Quang Binh:
Nguyén Hoa, 11 PTTH nang khiéu; Hai Dwong: Pdo
Thu Mai, ilT Nguyén Huy Khm:mg, LIT, Pham Van
Héi, 11T, Trﬁn Dai Nghia, 11T, Hodng Xudn Quy,
12T, PTTH Nguyén Tréi, Pham Ngoc Hung, 10 chuyén
Tcén, Vii Vigt Tai, 10 Todn , PITH Lé Hong Phong;
Hai Phong: Phgm D!{ang Hzeu 12T, Podn Trung
[ s{oﬁg, 11A,, Nguye en Mai Hu?tg, 10T, Trdn Trung
Hiéu, \0AT, Dodn Manh Ha, 12T, Nguyén Bde Hii,
12 tin, ¥ Hup Todn, 11T, Tréin ¥an Ha, 10T, Ding

Anh Tuan, 12T, Nguye’ﬂ Quang Minh, 10T, PTTH nang
khi€u Tran Phu; Bac Giang: Pham V:e.f Ngoe, 12A, Vi
Duy Tudn, 12A, Pdng Hoang Vigt Ha, 12A, Ngu_}»@n
Tién Manh, IZA PTTH nang khifu Ngo S7 Lién: Ha
Tay: Dang
Nguyen Manh Hd, 11A chuyén todn, PTTH nang khi€u
Nguyén Hug, N§a Binh Trung, 12T, truéng THCB Son
Tiy; TP Ho Chi
12CT-PTNK-PHQG, Vi Hic Phi, 12CT. Lé Hong
Phong, Nguyén Lé Lue, 12T-PTNK-PHQG; Ha Nji:
Bui Thu Cic, 11A - khdi PTCT - DHSPL, Luw Minh
Ngoc, 10AT - PHKHTN - BHQG, Nguyén Minh Hodi,
I0BT - khdi chuyén toian tin PHKHTN-DHQG,
Nguyén Huy Duong, 10A todn- DHKHTN-PHQG, Pd
Minh Chau, 11T, PTTH Ha N§i-Amsterdam. Vi Fan
Hdi, 10A chuy
Nguyén Phong Thién, 10B todn - DHKHTN, Nguyén
Minh Céng, 11 todn, PTTH Ha Nji-Amsterdam,

" Dueng Vigt Hing, 12A PTTH Vin Nai; Thanh Héa:
Lé Xuan Trung 11T, Lé Vdn Phuong, 11T, Lé Huy
Binh, 11T, Haan;; Yén Thé, 11T, PTTH Lam Son,
Nguyén Anh Tudn, 9B - THCS Lé Quy Pon, Lé Piic
Hdan, 11T - PTTH Lam Son; Nghé An: Lé Quang Pao,
10A,, Hadng Trucmg Gigng, 12CT, Phan Béi Chiu,
Bdﬂg Duy Bién Hdi, 10T - BHSP Vinh, Tran Nam
Diing, 12CT, Hd Van Bat, 10A,, Nguyen Phan Nhan,
11A, PTTH Phan Bdi Chau, Ho St Ngoe,
KPTCT-DHSP Vinh.

Tran Ding, 10A, Bii Xudn Hdo. 12A,

Minh: [é Quang Nam,

todin PHSPHN 1 - BHQ{JH‘\J

1A -
NGUYEN VAN MAU

Bai T8/244. Cho hé phuwong trinh hai dn x, v
2+ ¢+ P2+ )=y
A +x22+ 2+ 1)+ -1 Bt =2 A
1) Xdc dinh k dé hé phuong trinh cé nghiém.
2) Gidi hé phuong trinh véi k = 16.

Lai giai. Néu k=0 hé c6 dang

=0

{Zy P = %A
hé c6 nghiém (x, )= (0,¢c),c € Rty y.
Xétk=0.Dati= %’;taduqché
][k(aé+:4+12+l):yt3 )
Ke+8+A+£+1)=2v+ D
Ta c6 += 0 khong 14 nghiém ciia hé.

Bam=r+%(|uzz)tacd (T)tuong duong vai
k(1 - 2u)=y
ki -32+ 1) =2y +1

o ke —20=y @
Mt —3ut+ 1) =2k(iP - 21) + 1 (2)
R& rang (II) 6 nghiém <> phuong trinh (2)

cé nghiém.
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I

Phuong trinh (2) < u* - 208 - 31 + du + 1 e

Xét bang bién thién cua ham flu) = u* - 27 - 312 +
41+ 1 Tathay véi |u|= 2 thi

.ﬂ”} € {'39 30]
1 .
Vay phuong trinh (2) cd nghiém < i =-3

k>0

g
3

Kétluan: Hé cé nghiém < k=0hoack<— —
2) Véi k= 16 phuong trinh (2) tro thanh

15
”4 = 2”3 ‘3-'-‘2 + 4 + ]--(::):0

e u-1)-18Qu-1)’+32=0
{(2:;—1) 2 55
LS

1
u-1*=16 2
(loai nghiém |u| < 2)

1
Tuddy= 170 vax=8 hoacx ="

Pidp so : (8, 170), ( El; 170).

Nhéan xét. Nhiéu ban giai 15t bai nay nhu cdic ban
sau dd\-‘ ’\,;:uw’n Thanh Hd, 12A PTTH chn Xuong,
Thai Binh: Tran Dai M:}na 11T, \guycn Trai, Hai
Dwong: Ddo Thi My Chdu, Leé Quy Don, Quang Tri;
Vii Anh Hai. 11A. PTTH Lé Héng Phong, Ha Giang,
Vi3 Nhu Phuong, 12T, Lé Quy Don. Quang Tri,
Neguven Quang Minh, 10T Trian Phi, Hai Phong; Vi
Vier Tai, 10T Lé Hong Phong, Nam Binh; Ngwyen
Minh Hoai. 10T. khdi chuyén DPHKHTN: Pdng Xudn
Thanh, PTTH Yén Bai: Hoang Ting. 10A DPHKHTN
Ha Nbi: Phiing iic Tuan, 12CT Hai Duong: Liong
Anh Hum: 11A PTTH chuyén ban Viing Tau, Ba Ria;
Nguyén Lé Lwe, 12T PfNK PHQG TP Hb Chi
Minh: Dang Hoang Viet Ha. 12A Ngb S§ Lién, Bic
Giang. Po Minh Chau, 11T Ha Noi-Amsterdam, vi
nhi¢u ban khdc. Chi cd mat so it ban giai sai,

PANG HUNG THANG

Bai T9/244. Trong mgt tam gidc dung ba
dong tron, moi dmmg n‘rm nay m’p xtic vai hai
canh cua tam gidc vd tiép xiic vdi duong tron
nor e j’ tam g:ac‘ dd. Tinh hdn kinh drmng tron
noi fiep tam gidc theo cdc bdn kinh ry. ry va ry
cia ba dudng tron noi trén.

Ykl (ot aiituban) DAt ot

oy

do ta duqc.
tgatgp + tgPtgy + tgytgo = |

_'E: thethia+B+y= : va ti

Goi A’, B’ va C’ 1a tiép diém clia duong tron
(I, ) ndi tiép tam gidc ABC lin luot trén cic
canh BC, CA va AB. Thé thi ba duéng tron nho
(I, r),i=1,2, 3 ndi trong bai todn c6 thé goi la
ba dudng tron néi tiép ba tam giic cong l6m
AB'C’, BC’A’ va CA'B’. Pudng tron ndi tiép (7,
r) va ba dudng tron (7, r;) nay chung ta di gap
trong bai toan T9/209 (1994). Tu tim /; cua
duong tron ndi tiép tam gidc cong 16m CA'B’,
ha Lr, L I4’ = I, ta duge: IT, = H_;sin';:"

hay:r-ry=(r+ rs)sin'g. Tir d6 suy ra:
B I—sin2 Sy

4 = 2

—_ = =t = g

. o gz[ = J g’y
]+sm
2
r«;—\rtg‘,}'

va hai hé thuc tuong tu:
Vr, =Vriga, Nr, =Vr 1gB;

Tu (1) va (2) ta thu dugc hé thiic sau, lién hé
guiarvar(i=1,2, 3)

Pé 1a hé thic can tim

Nhan xét. 1) Hé thic (3) da dwoc thiét lip trong Im
gidi cua biitodn T9/209 (1994). dang trong THVTT sd
213 (1995). Ban Ngu}wr Tién Manh. 12A PTTHNK
Ngd ST Lién. Bic c Giang; & chi ra didu nay. cho Téa
soan biét; ban viét nhu sau: Day la mot bai todn nho
cla bai T9/209. Ban khong trinh bay lai giai va viél
ngay hé thic (3) o trén. Ban Poan Manh Ha, 12CT
PTTHNK Trin Phi. Hai Phong ciing c6 nhin xét nhu
thé. Toa soan rit hoan nghénh nhin xét trén cla ban
Manh va Ha, nhan xét dé con chimg té hai ban Manh
va Ha rat quantamva yéu thich tap chi THVTT clia
chiing ta, thudmg xuyén theo déi va gidi todn déu dan,

2) Sau day. nguai viét nhin xét 1ai giai bai todn nay

d¢ xudt hai bai todn tuong tu. mong cic ban huimg iimg
bing cdch tir giai cde bai todn dé

Bai todn 1. Thay dudng iron ndi lup [! r) lam gide
ABC bang dm:rng tron (J. r)) hdng tn.p guc. 4 cua tam
gidc ABC. idp xuc vdi canh BC G A" véi hai canh AC
va AR kéo dan 1dn luot 6 B’ va €. Tim hé thuc Lién hé
gitia r_ va cdc bdn kinh #*|. #*,, »’, cua cdc duémg tron
nil Liép edc tam gidc r.,ung AB'C BC A va CA'B’. He
thic lién he nay thay ddi nhu thé nao so vii hé thic (3)
di tim duge o trén.

Bai todn 2. Nghién ciiu hii todn twong trong
HHKG cua hdi todn trén hing cdch : thay tam gidc hﬁl
ur dién, thay duimg tron ndi Gép tam gide hii mat e m
ndi tiép i dién, thay tam gidc cong hai i dién ° cong"”

vi durdmg tron ndi U€p tam gide cong (o hoi mat
Ci 1u noi mp i dién "u\n mat ciiu ndm trong 1ll’ dhién,

lup xtic voi ba mat clia mil gde tam dién va Uép xic
v mit ciu nd mnm dién,
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3) Hi vong trong sd gin 300 ban tham gia gidi ba
toan nay, co khong duct 50% cdc ban huong img gia
thém hai bai todn mdi dé xuit & trén. Chiic cde ban
thanh cong

NGUYEN DANG PHAT

Bai T10/244. Goi I va R ldn heot la tong do
dai cdc canh va bdn kinh mdt cau ngoai tiép
mét ni dién. Hoi trong si’ cde ni di¢n, ni dién
ndo dat gid tri lon nhat cia ti Sd"‘l;‘? Vi tinh gid
tri lom nhat do.

Loi giai. (cﬁa Lé Dinh Binh, 12T, PTTH
chuyén Nguyén Du, Buén Ma Thuét, Pak L:ic
va nhiéu ban khéc).

Goi G va O 1an luot 1a trong tim va tim mat
ciu ngoai ti€p n dién ABCD. Theo bit dang
thiic Bunhiacopxki, ta cé:

P=(BC+CA+AB+DA+DB+DC) <
< 6(BC? + CA? + AB* + DA? + DB? + DC?)y(1)

Mat khdc, ta lai cd:

BC? + CA? + AB? + DA’ + DB? + DC? =

= (Ot - OBy + (04 - O + (OB - 04 +
+ (04 - ODY + (0B - Oby + (Ot - OD)?

= 16R2~ (04 + OB + O + Ob)y =

= 16R? - 160G? < 16R%.(2)

Tux (1) va (2), ta duoc: 2 < 6.16R?

hay la: -;; <aV63(3)

Diu dang thiic xay ra khi va chi khi:
[BC=CA=AB=DA4=DB=DC
6=0

<> ABCD Ta mt ni dién déu.

- A - m R L f
Két luan. Trong s6 cac ti dién thi, t1 sd B

(gitia tong do dai cdc canh va ban kinh mat cdu
ngoai tiép) dat gia tri 16n nhét ¢ n dién déu, va
gid tri 46 bang 4 V6.

Nhén xét. 1) Nhin chung, hau hét cdc ban di biét
st dung phuong phdp vécto dé giai bai toan nay, (chon
tim O mat cdu ngoai tép wr dién lam gdc cdc vécto).

2) E)e danh gid, udc Im;mg cdc dai luwong hinh hoe,
ma cu thé trong bai todn nay 14 do dai doan thing, cic
ban da bist st dung mét BD.T. dai sd quen thude la
B.D.T BunhiacOpxki:

(a+btcta’+b'+c') <

=l 2 1241%41 %41 +]"J{a +i e b e 2)

3) Tuy nhién, vé mat trinh bay loi giai thi loi giai
néu trén la ngdn gon, sdng sia va lhw ding phong
cdch cla phuong phap téng hop hon ¢i. Ngoai ban Lé
Dinh Binh, cic ban sau diy co loi giai tot.

Ha Noi: M:uyen Minh Cong, 11T, Ha Ndi -
Amsterdam, Ngu}wm Buic Manh, 12A PTTH 5 Loa.
Dong Anh; Bac Giang: Nguyen Tien Manh, 12A, Vii
Duy Tuan, 12A. Ddng Hodng Viet Ha, 12A. PTTHNK
Ngo S1 Lién: Ha Tay: Bur Xuan Hao. 12A, PTTH
Nguyén Hué. Ha Pong. Ngé Dinh Trung. 12T, THCR
Son Tiy: Hoa Binh: Do Quang Duemg, 111, Hodng
Van Thu; Vinh Pha: Pham Hodng [, 11A. THPT
chuyén; Phi The: Pdo Manh Thdang. 12A PTTH
chuyén Hing Vuong, Nguyén Ngoc Kien. 9A, THCS
Minh PHuong., Viet Tri; Yén Bdi: Ta Xwan fHimg.
11A,, Lé Hong Hai, 11A,, Neuyén Dang Trimg. 11, A
P'I'Ti-l chuyén Yén Bdi; l-ilu Dwromg: ﬁ\-guwn Diing. 11
todn tin, Dde Chu Mai, 11Ct Nguyén Quymh Dicp.
LT, Vi Van Tam. 11T, Tran Dai Ngﬁ:a 11T, Pliing
Diee Tudn, 12T, Hodng Xuan Quy, 12T. PITH Nguyén
Trdi. Vii Dang Huyen, 12G, PTTH Tu Ky: Hai Phong:
Nguyén Bde Hdi, 12 Tin, Trinh Viét Anh, 11 todn,
Bang Anh Tuan. 12 todn, PTTHNK Trdn Phi:; Thai
Binh: 7Twinh Thi Thu Hién. 11D PTTH Bic Kién
Xuong; Nill]l_ Binh: ¢ Hrilng Linh, 10T, Vi Hai Chau.
12T, Vi Hong Viél, Luomg Ngoc Anh. 107T. PTTH
Luong Vian Tuy: Thanh Hoa: Lé Ngoe Glang, 10A, Lé
Huy Binh,. 11, PTTH Lam Son: Nghé An: Fd Vin
Vinh, 10A,. Trdan Nam Diing. 12T Phan Bdi Chiu, fHo
87 Negoe. 11A PTCT DHSP Vinh; Quang Binh: /)0
Hai Phi. 12A,. Nguyén Trung Kién, 12A,. THCUB L
Thiy: Quang ll"r; Ddo Thi M7 Chai, 10T, Tran Nhat
Héa. 11T, Neuyen Cong Thanh, 11T PT F[] Lé Quy
Dén: Thira Thién - Hué: Trdn Bd an, 1107, DHKH:
Quang Nam: Nguyen ffing Dai. 12A, PTTH Huynh
Ngoc Hué. Pai Loc; Phid Yén: Nguyen Ngoe Mink,
11T, LVC: Khanh Hoa: Tran Tudan Anh, 10T Lé Quy
Don. Nha Trang: Pac Lac: Lé Thé Tan, 12T, Nguydn
Du, Bubn Ma Thudt; TP H6 Chi Minh: 7.¢é (uang
Ndm, 12T, PTNK BPHKHTN, Vi Biic: Phi, 12Ct PTTH
Lé Hong Phong: Ba Ria - Vung Tauw: Luomg Anh
Him;; 11A,, THCB Ving Tau; Vinh Long: Ninh
Huu,s: Phii, (fm Minh Quang, 12T. PTTH chuyén
\Ell}'L[l Binh Khiem: Hung Yén: .-'\-"gufw:ﬁ Thanh Sem.
12 tr nhién, PTTHNK Hung Yén.

4)Ngoaira. ban ¥a Vén Vinh con dé xuat va giai diing

5
bai todn trong ty; Trong s6 cde ut dién thi, tiso - ¥ gifia

R
dién tich todn phin va binh phueng bdn kinh mat il
nguatlleplu dién ddtt.,u tri lén nhit au dién déu. Cling co
mot 56 han khaic dé xudt va gian ba todn tung quatdm Vil
hinh da dién 1i (¢é n dinh). angnu cdcbanniy {Tipdl
sai vi chua ndm vimg khdi niém va tinh chit dac tung
{cung su phin loai cde da dién d#u) cla cdc hinh da dién
déunen da di dén ket luin sailam va vHi vang (xem dudmg
chéo ciing 14 canh ') Trir ban Hodng Xudan O o6 de

xudt bai todn xét da dién ndi tiep mathinh cau cing ti 50 s

gilia tong dé dai cde canh va bdn kinh mat ciu ngoai tiép

o o 17 ' o o A !
da dién dé. Ban Quy di dén keét luin: R dat max =
nin-1) . Ttk o W
n —“2— o da dién déu (hoac da gide déu) trong dan

L-u-:].mh nhung chila trye gide, khong ¢ li ludn chatch vi
cuthé. : :
NGUYENBDANGPHAT
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Bii L1244, A & vé ~
hudng Péng vdi vdn tic
khéng déiv, = 15km/h. B 6
phia Nam, cdch A 6km,
dong thoi chuyén dong déu
vdi vdn toc v, = 26km/h,
theo huong tao vdi phuong 155
ngang mot goc a. Khoang
edch nho nhat giita chiing B
la 3km. & ;-

1) Xdc dinh huong di cy thé ciia B (géc o)?

2) Tim théi gian chuvén dong khi A va B
cdch nhau mét khodng nhé nhat. ]

Huéng din. Chon hé truc toa dé nhu hinh
v&. Toa dd clia A va B & thoi diém #: x, = vt;
¥, = 6; x, = vytcosa; y, = v,tsina.. Khoang céch
gitia A va B ¢ thoi diem £;

§= 0 - 1) + -y =

= i vzcosa)zf + (6 — vzrsincr,)2 (1)

H ?"

ds*
T diéukién —— = Onitra
dt
6v,sina
rrllin = 3 2 {2}
V] +v; — 2v,v,cosa
Thay ¢, vao (1) va dat S2=32=9, nitra
936cos’a. - 810cosa = 0.
Suy ra a; ~ 90° va a, = 30°.

Ta dé ¢, ~ 0,17h ~ 10 phit va ¢, =
0,35h = 21 phut.

Nhin xét. Cdc em c6 1é1 gidi ding va gon: Mai Anh
Tudn, 12A2, PTTH chuyén Lé Quy Don, TP Da Ning;
Ddo Ank Diic 10A3, PTTH Phan Bi Chau, Nghé An;
Nguyén Viét Tién 12A1, PTTH Vinh Linh, Quang Tri;
BDdng Trdan Tri, 10CL, PTTH L&Hang Phong, TPHGS Chi
Minh; Trdn Mai Som Ha, 12CL, PTTH Nang khigu
Quing Binh; Lé Thi Nhu Bich, 10CT, Qudc hoc Hué;
Phing Puic Tudn, 12CT, PTTH Nguyén Trii, Hai
Duong; Ngupén Quang Tung, 12 chuyén Hoa,
PDHKHTN, Dai hoe Quie gia Ha Noi; Nguyén Thdi Ha,
12A1, PTTH chuyén Yén Bdi, Yén Bdi; Neuyen Minh Vii,
11L, PTTHNK Han Thuyén, Béc Ninh; Nguyén Vin
Thei, 12A, PTTH Lé Quy D6n, Long An; Nguyen Trun’g
Diing, 10L, PTTH Lé Hong Phong, Nam Binh; Nguyén
Quang Hing, 11CL, PTTHNK Hoang Vin Thu, Truong
Quang Tri, 12A;, THCB Son Tinh |, Quing Ngii;
Nguyen Thanh Tiung, 10A2, chuyén Hiung Vuong, Phil
Tho; Hdo Xudn Than, 12B, PTTH dén l14p Chiu Phong,
MEé Linh, Vinh Phué; Nguyén Thanh Ting, 10C chuyén
Vinh Phic; Truong Hitu Cdt, 10L, THCB Nang khiéu,
Ha Tinh.

MAT ANH

Bai 1.2/244. Cd mdt nguon dién U dao dong
trong khodng (240V + 120V), mét ngdt K va 5

10

dén: 2 dén R, R, ghi (120V - 120W); 2 dén R,
R, ghi (120V - 60W); mét dén R, Yéu cdu
khong dén ndo duge sdng qud dinh miic, hdy:

1) Mac mét mach sao cho: /

- Khi U = 240V va mo K, chi cé R R, sing
diing miic.

- Khi U = 220V, dong K, chi cé R, sdng
dhing mic. Tix d6 tinh R _

2) Mdc lai mach sao cho:

- Khi U = 210V, dong K, chi c6 R,RR; sdng
diing muic; ;

- Khi U = 180V, mo K, chi cé RyR, sdng
diing muic.

Tw d6 tinh hiéu dién thé dinh miic va céng
suat dinh miic cua R

3) Mdc lai mach, co thém mot bién iré R, sa
cho nhu U thay déi ni 240V dén 120V, su dung
R vdn luén luén cé r;, Ry Ry R, sdng diing
muic. Tinh gid tri lon nhdt cia R. Tim diéu kign
dé'cd Ry cling sdng diing miic.

Huéng din giai. Trudce hét tinh cdc dién tro
Ry, Ry, Ry, R, cla cdc dén (coi nhu khéng thay
ddi): R, =R,=120Q VAR, =R,=240Q . Sau
dé tim cdch midc sao cho théa min dugc yéu
ciu cua dé bai, vdi Iuu ¥ ring dén sdng ding
muc khi hiéu dién thé dit vao né diing bang
hiéu dién thé dinh muic. Chéng han véi truong
hop 1, vi hai dén R R, gidng nhau va c¢é hiéu
dién thé dinh muc 12 120V, cho nén mudn mic
vao ngudn 220V sao cho R, R, sing ding muic
thi phdai mdc R, va R, néi tiép véi nhau vao
nguén. Con 3 bong R;, R, R, con lai thi méc
thanh 1 nhdnh thi hai, nhdnh nay néi vdi nhénh
R\R, ndi trén qua mot cdi ngit dién K. Phuong
in mic R,R R, tiay thudc vao yéu cdu thi hai :
khi U -= 220V va ddng K chi cd R, sdng ding
muic, nghia 13 hiéu dién thé trén R, bang 120V,
va do d6 phédn con lai (sau khi déng K) phai co
hiéu dién thé bang 220-120 = 100V, dua vio dd
tinh dugc R,. So dé don gidn nhit 1a nhu sau
(hinh 1).

Khidd R;=120Q . Conso do khdc gan tuong
tynhau, ching han '

Khi do R, v
Ry Ry
X "
L @—@—@J
Ry - Ry Rg

= 2880 Q .
Néu midc R,
& doan BC
con RyR, &
doan AB thi
R, = 240Q.
Néu mic R,
/I R, vdo hai
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diu B, C thi R, =
180Q2. Ciing c6 thé
méc RyR; vao doan
AB cfm R4 ¢ doan
BC thi R; = 240Q.
Cué’i cung, ¢ hinh R
1 néu mic R ndi bes
tiép (R; // R,) thi
R = 4SOQ D6 la tit ca cic so d6 kha di. Su
du:ng cic gid tri kha di dé cua R dé xet tiép
truong hop 2 va 3 va sé thdy gid tri nao cua R
phil hop véi yéu ciu cua dé bai, tir d6 tinh dugc
dap s6 cdn thiét. K&t qua la:

Tru'onghopz +Véi R, =120Q, micsodd (R,

)nt (R, // Ry, R;), tim dl.mc den’s ghi 120V -

60 ; V6i Ry = 12002, mdc 5 dén thanh mach céu
{hmh 3), hm duogc dén R ghi (30V - 7,5W); déi
chd dén 1 va dén 5, tim duoc dén R ghi (90V -
67,5W):

+V6i Ry = 240Q, mdc so dd (R, // R)) nt (R, //
R, /I Rs),tim dugc dén R, ghi (120V - 60W).

@ TeO—9-
-@-—©
R

d

Truong hop 3.
St dung 3 dén R,
vira tim duge G trén. 7

+ V6i dén R,
(120V - 60W): Mic
(R, I Ry /i Ry 1l Ry
nt (R /i Rs)tim duoc
R, =480 .
Uphéibing 240V.

+Véidén R, (30V-7,5W): Macnhutrén. R

=40QkhiKmo. KhiKmoR __ ~11€;
Uphaibing 150V.

+VéidenR (90V-67,5W): R =400,
U=210V.

Nhin xét. Cic em cé 101 gidi dung: Dao Anh
Buic, 10A3, truomg PTTH Phan Béi Chau, Nghé An:
Pgng Trdan Tri. 10CL, PTTH Lé Héng Phong. TP
H6 Chi Minh; Nguvén Ngoc Tuan, 11F chuyen i,
PTTH chuyén Hung Vuong, Viét Tri, Phii Tho.

MAT ANH

PROBLEMS IN THIS ISSUE

FOR LOWER SECONDARY SCHOOLS.
T1/248. Prove that if 2>4, b>5,c>6and & + i +
=9%thena +b+c>16
T2/248. Solve the system of equations:
P64+ 12¢-8=0
26/ +12y-8=0
X627 +122-8=0
T3/248. In the plane, let be given 6 points, no three of
them are collinear and the distances between them are
distinct numbers. Consider the friangles formed by the
segments joining these points. Prove that there exists a
segment which is the shortest side of one such triangle
and simultaneously the longest side of another such
triangle.
T4/248. The altitudes AH, BE and CF of an
acuteangled triangle ABC cut again the circumcircle of

ABC respectively at M, N and K Calculate
AM BN CK
AH BE CF

T5/248. The incircle of an equilateral triangle ABC
touches the sides BC, CA, ABrespectively at A, B’ C'. Let
M be an arbitrary point on the minor arc B'C"and H, K, L
be its orthogonal projections respectively on the sides BC,
CA, AB. Prove that

VMH = VMK + ML

FOR UPPER SECONDARY SCHOOLS
T6/248. For each n € N, let T{n) be the sum of the

digits of n, written in decimal system.

1) Prove that .
o T(PY + PT(o) — 2T(eep) : 9 (for o, B e N)
1998

2) Calculate @ = Z Tk
k=1

T7/248. Prove the equality:
(1 —CE+G9,—...}2+(CA— e e
T8/248 posifive integers x, y, z satisfying the
iy

2
y=2

equation Vx+ 23 =

T9/248, Let M be the point inside a given triangle ABC
such that AMC = 90°, AMB = 150° and BMC = 120°. Let
P, Q, R be respectively the circumcenters of the triangles
AMC, AMB and BMC. Compare the areas of the triangles
PQR and ABC.

T10/248. Let be given a triangle ABC (BC = a, CA = b,
AB = ¢) and let Ay, By, Cy be respectively the points of
intersection of the inbisectors of the angles A, B, C with
the opposite sides. The lines passing through A, B, C
parallel respectively to B1C1, CiA1, A1B, by cutting each
other, form a triangle A2B2C;. Prove that

B Lﬂﬂ:{?)_(_t;ﬂ:).(cfa)
where Risthe radius of the circumcircleof ABC.

11
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Dén : 5
L

CAC LOP TRUNG HOQC CO SO
Bai T1/248 ; C}blmgmmh rangnéuaz=4,b =
5, Lbﬁma,?:-lb +C =90th1a+b+a >16
TRAN VAN VUONG
(Ha Nai)
Bai T2/248: Giai hé phuong trinh
y3 - 622 +12¢-8=0
22 -6y’ +12y -8=0

x5—6e2+122—ns(s,=0 g
Y THANH HAN
(Bac Licu)

Bai T3/248: Trén mat phang cho 6 diém
ma ld1oang cach cta ching khac nhau tung
doi mot va khcmg ¢6 3 diém nao thang hang.
NGi cac diém dé voi nhau bang nhu'ng doan
thang ta thu duge mot sé tam giac. Chung
minh rang tén tai mot doan thang la canh
nho nhat clua tam guac dong thoi 1a canh lon
nhét cia mét tam giac khac. 3

TRINH TUAN
(Thanh Hoa)

- Bai T4/248: Cac du'crng cao AH, BE va CF
cua tam glac nhon ABC cat duung tron ngoai
ti€p tam giac do tai cic diém thi hai tuong
ung M, N, K.

TmhAM BN CK

AH  BE  CF NGUYEN BF:

{(Hai Phong)
Bai T5/248: Cho tam giac déu ABC, duong
tron néi ti€p cua tam gidc ti€p xic véi 3 canh
BC, CA,AB lan luot tai A’ B, C’. Goi M la
mqt diém bét ki trén cung nho B'C’va H, K, L
lan luot 12 hinh chiéu etia M 1én cac canh BC,

AC, AB. Chimg minh rang :
:MH = VMK + VML 5
PHUONG TO TU
(Tp Ho Chi Minh)

CAC LOP PHO THONG TRUNG HQC
BaiT6/248: Véimdin e N, kihiéuT(n)latong
cdcchirsécuanvidttronghéghithapphan.
a) Chung minh rang:
aTP) + pT(w) - 2T(a.P) : 9; (v, B € N)
1998
b)Tinh: Q=Y Tik) _
&3 DOAN KIM SANG
(Yén Bai)

Bai T'7/248: Chiing minh dang thue

12

(1-Ch+Ch- P+ (Ch-Ch+Ch- )2 =2"

DOAN NHU TRIEU
(Hai i)u:mg,)
Bai T8248: Tim tit ca cac s0 nguyén
duong x, y, z thoa man phuong trinh :
e+ 2V3 =y +z
TRAN DUY HINH
(Quy Nhon)

Bai T9/248: Gia si M la diém nam trong
tam giac ABC sao cho AMC = 90, AMB =
150" va BMC = 120°. Gm P QR 13 tam cua
cac duung tron ngoai tiép cac tam giac AMC,
AMB va BMC. Hay so sanh dién tich cua hai
tam giac PQR va ABC

PHAM NGOC QUANG
(Thanh Hoa)

Bai T10/248: Cho tam giac ABC (BC = a;
CA=b;AB =c). GoiA, B, C, lan luot ia.g;an
diém cua cic duong lhan g’tac trong cua cac
goc A, B, C vail cac canh doi dién. Qua A, B, C
ke cac duong thang song song voi B,C; Ciy
A;B; ching ¢it nhau tao thanh tam giac
AyB,C,. Ching minh :

(@+b)(bic)c+a)
8R
R 1a ban kinh duong tron pgoai tié
HO QUANG TNH
(Nghé An)

SAEBE!:.‘2 =

CAC DE VAT Li

Bal L1/248: Mot qua cdu cb o 9
the tich V=50cm”, cokhéi luong I
= lﬂg, duoc gén vio mét sol I
day Paucon lal cuasgi day duoc :
gan véi day bé dung chat long. :
lﬂwllucngrhengcua chitlong D \ |
= 1500kg!’m Day cho déy neo l
qua caulechkhm phuongthang '
dumg 5° réi tha tay cho qua cdu -
dao dong. Chiéu dai dayneol= :
1Im. Trong khi dao déng, qua cdu luon ludn o
trcngl‘nngchﬁtlang. Masét gita quacauvachat
long duoc bo qua. Chimg minh qua cau dac déng

diduhoavaldpphuongtrinhdaodong.
PIIAM lﬂrN(. QUYET

(Ha Néi)

Bai L2/248: Cho mach dién xoay chiéu
nhu hinh vé v L = 'rltH ; Uy = 100V. Chung
to rang ta cb thé tim ducc mét gia tri C dé
dong dién hiéu dung I, qua R khéng phu

thuoc R. Tinh I
s TRAN TRONG HUNG

(Quing Ngdi)

i o iy

| —— ——

o

A
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TIM HIELI SAU THEM TOAN HUC FHG IHONG

R A A it iy

Cic ban di duoc lam quen vdi cac dudng
co-nic qua sach gido khoa.

Trong bai viét nay toi Xin gioi thiéu mat tinh
chat khac cua ba duong co-nic di duoc cdc nha
toan hoc nghién ciu va ung dung. Do 1a phuong
tich ctia mét diém déi véi mot duong co-nic. Ta
di biét khi tim sai e cua ba duong cé-nic tién
téi O thi cic duong nay suy bién vé mot duang
tron. D&i v6i duong tron (€) tam O ban kinh R,
mét duong thang chuyén dong A luén di qua
mot diém b dinh M, cat (£) tai hai diém A, B,
phuong tich cia diém M d6i véi (@) 1a :
/(@) = MA . MB = MO? - R’ = khong doi.

§20/(€) 1a mot dai luong dai s6. c6 gia tri
ducrng 4m, bang khong tuy theo diém M ¢
ngoai, trong hoac ¢ trén (€).

Viy trong truong hop téng quat, liéu ddi véi
dudng cé-nic (I') ¢d phuong tich ciia mot diém
€6 dinh M dai vai (T) hay khong, dai luong do
la dai lugng nao, vi sao dai luong nay la khong
d3i d6i voi M va (T) da chon.

I. Phuong tich cia mot diem M ddi véi
mot dudong co-nic (T)

Trén mat ph:mg cho dudng co-nic (T), tiéu
diém F, duong chuan (D) tng véi F. A la mot
duong thang chuyén dong luén qua mét diém
c6 dinh M, cit (T) tai A va B, hop vdi truc tiéu
cua cd-nic goc o, 0 < o < = (truc tiéu 1a duémg
thang qua F vu{mg gm, vdi (D)). Phuong tich
cua diem M dm vai co-nic (T) la :

/() :MA 3 MB {(l—e cos‘a):
= MF’ — ¢’ MH’ = khéng déi
e la tim sai cta cé-nic, H la hinh chiéu
vuéng goe cua M trén (D). Trong phén tiép theo
ta sé chumg minh, voi M va (T) da cho, dai
luong 2,,/(T) khong déiva
MA . MB (1 — e*cos’o) = MF?

— e MH?
1. Phuong trinh cua co-nic (1) doi voi
titu diém F va duong chuén (D) img voi F

Trén mat phang cho diém F c& dinh va
duong thang (D) ¢é dinh khéng qua F, ta tim

dm voi,

“01‘ DUGNG CO-NIC

NGUYEN bAO PHUONG

quy tich cdc diém P sao cho ti s8 khoang cach
ti P dén F va dén (D) bang mét s6 khong doi.

>
o )
i
e

Goi [ 1a hinh chiéu vudng goc cua P trén (D)

vi e la s6 khong doi. Ta tim quy tich cta P sao
PF

cho P! = ¢ = khong doi (e = 0) Goi K la hinh

chiéu ctia F trén (D). Pat KF = p. Chon diém O

. F
trén duong thang KF sao cho o) Gl ¢ (nhu

i e =Te O
vay O la diem quy tich vi OK e).

Lap hé truc toa dd vudng gdc BE cac Oxy,
truc hoanh Ox chua KF, chiéu duong tur K dén
F truc tung Oy vuéng goc voi Ox tai O

OF

T —=—¢ ‘| duoc E“: i va
OK | +e
0K= T toadbctiaFlar( I*”" .0 .cliaKa
+ & + e 4
Ki’/ t_p ;0 \'|. Goix, ylatoa dd cua diem P 1aco
i + g )
i - . R . e z
=[x+ £ ]VE]PF?'-—-{\\'-- P2 N 42
Ol e e e
PF e -
T — =eta duge PF2=e’PP <
o
f‘ 2 ['}(J -\|2 3ol }..l" = .{J '\-:
x - | +yv =ed x+
EERERERE S L S LR TR
e (1-ePn?-2pex+1yi =0 (1)
(1) 1a phuong trinh quy tich cua P
a)Néue=1 (1)< y* = 2px quy tich la mét

parabol
13
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b)NeuO<e# 1 Vay pM!ﬂ“)=m.E(lmezc052a)=
Tinh ti€n hé truc toa dé Oxy, liy W =(1 - 92},[-3 ~ 2pex, +y§
( e 'U') lam géc hé truc méi WXY, cong Ban doc dé v ring két qua nay tuong tu vdi
thte tirih %0 b teye 12.¢ pl}ucmg tich cua diém M(x,, y ) d6i véi dudng
tron (&) :
A=tk (£): 2 +y2+24x+ 2By + C=0 (A2 + B? -
1-e (1) C>0)la p,/(8)=x2+32+24x_+2By +C
2t & Bay gio ta chimg minh ____
2 P = MFE — e*MH?
— — ¥ (2) Goi J 1a giao diém cia MH vdi truc Oy. Ta
S g o e e i o &
Sy x 8 MH = MJ+JH=~x,+ OK = —x -
l1-e | .= ek B l+e .'
V6i hé truc méi WXY : Do d6 MF’ - ’MH’ = : -
+ Néu 0 <e < 1 (2) 1a phuong trinh chmh tic =(x G- )2 +y2—ez(x+—£" )2 il
cua mét elip 2iPEe 4 1l +e

+ Néu e > 1 (2) la phuong trinh chinhticcia =(1 — ez}xz ~2pex, +y§
mét hypebol Viy o) =
= MA . MB(] - e’cos?a) = MF? — EMIE =
={(1 - ezlra e S +y§' = khong doi

Do dé (1) duoc goi chung la phuong trinh
cua ba dudng cé-nic (T') (theo tim sai e va tham
sd tiéu p)

111 Gid tri ciia §,,/(T) IV. Mét vai img dung

BHGT]g m‘%ng A ¢cé mbt vecta chi phucmg a) Bdi todn vé hr gidc noi fie}.?. Cho cd-nic

S - = v . - o a
Iiul..l s {COSC(., Siﬂﬂ.). Phumlg tﬁnh tham 56 Cﬁa (T:j Quﬂ mot 5d.|em M co hal cat tllye'n 1’:11 va ﬂz_
g Hai dudng thang nay cét (T') theo thii tu o A, B
): X=X, ?m{x v latoadociadiémm) VA €, D. Chimg minh diéu ki¢n cdn va dii dé ni
S M e gidgc ABCD ndi tiép 1a A}, A, nghiéng déu trén

Xét diém M’ chay trén A. Gid tri cua 'Y€ tieu.

MM’ =t (tham s8). Khi M’ & A va é B ta c6 Ay, A, hop v6i truc tieu OF cdc goc o, a,

MA=1t,MB=tg, Phuong tlch cuia  giao diém M déi véi (T) la :
Toa d6 cua va B 1a nghiém cia hé : gJM:’(T) MA. MB(1 - e*cos 0‘.]) =
A ;2 2 ==
(Tyy) 1 (1- e - 2pex +)2=0 = MC. MD(q—e cos D‘.:) 4)
X =x, + fcosa
(A): _ Néu tir gidic ABCD néi tiép thi

5= T SN MA . MB=MC.MD, dDdDCGSU‘.]_BOSZD‘.z

Tir d6 ta dugc @, =, hoac o, = 7 - a,. Loai
bo truong hop a, = a, ta duoc. o, =7 - a,.

Thay gid tri cua x, ¥ tir (A) vao (I ) ta dugc
phuong trinh béc hai (4n #).

(1 - e’cos’a)f? + 2[(1 - e?)(x,cosa - pecosat)

+y.sina]t+4 (1 = 2pE e +12 =0 (3) Diéu nguoc lai ciing ding.

Vi theo gia thiét (A) cdt (T') tai hai diém 4, B y M
nén phuong trinh (3) ¢6 hai nghiém ¢, , 1, 4

Theo dinh li Viét ta duoc : C

(1 - p2 ~2pex, +2 i -
e o 1 - e’cos’a 2 s

__ Dodo y 4,
MA . MB(1 — e’cos?a) = (1 — &2 — 2pex, + )2 &,
14
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Vay nr gide ABCD ndi tiép < A, A,
nghiéng déu trén truc tiéu.

b) Bdi todn Newton. Cho co-nic (T') va hai
dudng thdng cdt nhau D,, D,. Mdt géc MUV
chuyén déng
sao cho canh
MU wva canh
MV cét (T) va
sao cho MU
/Dy 5 MV 1}
D,. GQI cdc
giao diém cia
MU, MV véi
) 1aAd;B

.. MA.MB i
va C; D. Chuing minh ——— = khdng dbi.
A ling min i dng doi

D, va D, hop vdi truc tiéu cdc géc o, va a,
khung déi.

Tacd: MLt

/(1) =MA. MB(1 - ezcosza,} =
MC. —5(1 - ezcoszl:cz)

Do dé

M‘l MB
MC.MD ™ l—ezcoszcz]
¢) Bai todn Mac-Laurin Cho c6-nic (T') va
hai diém c& dinh Ay, A, 5 Ay va A, la hai dudng

thing chuyén ddng ludn song song vdi nhau, A,
quad;, A, quaAd,

a]! A’Z Cé't (r)
tai B, C, va B,,
C,. Ching minh
F&. P B

= khéng déi.

1 - ezcoszuz

= khong doi

Ay, A, cung hop
véi truc tiéu géc o
Tacod :

gJA.I;"(l_') =A,B, . A,C{(1 - é*cos’ar)

#,/0) = A,B, . 4,C,(1 - e*cos’a)

Vi 9,AT); ,/AT) 1a cdc s& khong doi
A,B (1 - é’cos’a)

nén = khong déi
A,B, . 4,C(1 - ecosta) ¥
do dé A_B E C‘ = khong dé
o —— = khong doi.
4,5, 4

d) Bai todn
C.Michel + Cliffort
Cho cé-nic (T) cd
tim 1a 0. A 1a mét
diém c6 dinh. Mat
dudm, thing A
chuyén dong ludn
qua A cit (T) & B va
C ; d la mot dudng
kinh cua (T) song
song véi A cit (T) ¢ B, va C,. Chung minh
AB . AC

——— =khéng dai.
OB:
A va d cung hop vdi tryc tiéu géc a. Taco :
@ A/(T)=AB . AC(1 - e*cos’ar)
va @/T)=0B,.0C (1 - — e’cos’a)
AC  #/0)
Do do AB_AC =— —L—' = khong dai
0B2 @ /(1
e) Bii todn
Michel. Cho
co-nic (T'), tim O,
khéng phai 14
hypebol vubng
géc, A 1A mdt

diém c8 dinh, 4,
va d, 1a hai ducmg
thing chuyén
dong luén qua A
va ludén vudng goc
véi nhau cat (T)
theo thi tu 6 B, ;
C, va B, ; C,. Chuing minh
1 1

AB AC AB AC'

Ta c6 @,/T) = AB} .AC’I(I - eZcos?a) (1)
voi o 1a goe hop hai d| va truc tiéu.

Do d, L d, nén d, hop véi truc tiéu géc

= khéng doi.

x )
(2 a ), aci =
@A) =AB, . AC)1 — e’sin’a) (2)
T (1) va (2) ta duoc :
1 1
E, AC, AB2 AC2
_1-Feodlat1-—elain, 2-¢
PAND) T pAAD)
= khéng doi

Ta dugc dpem vai diéu kién e = V2 tic 1)
khong phai 1a hypebol vuéng gdc.

15
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~ DE THI TUYEN SINH MON TOAN
TRUGNG DAI HOC NGOAI THUONG HA NOI /1997

Thoi gian lam bai : 180 phit

Cau I (A, DIIz Cho ham sd :
¥ +3x" +(m+ 1kx +4m
1) Véi nhiing gia tri niao cua m thi ham sé
da cho nghich bién trén khoang (-1, 1).
2) Khdo sit su bién thién va vé dé thi cua
hiam s8 ung vdi m = -1.
Cau II (A, D) : 1) Voi nhiing gia tri nao
cua m thi hé bit phuong trinh sau c6 nghiém:
lxz--2r+1—m =0
P -@m+x+m?+m <0
2) Cho hé phuong trinh :
J.'c+y + 22 +y2 =8
lxy[x +Diy+1) =
a) Giai hé phuong trinh khim = 12.
b) Véi nhing gia tri nao cua m thi hé
phuong trinh da cho co nghiém.
Cau III (A, D) : 1) Giai phuong trinh:
9sinx + 6Heosx — 3sin2x + cos2x = B
2) Cac goc cia AABC thoa man hé thue:
2 e con % = o
sin’A + sin’B = \sinC. Biét rang cic goc A
nhon, hay tinh gia tri cua goc C.
Cau IV (A, D) : 1) Tim ho nguyén ham caa
ham sd:

sin3dx . sindx
fix) =
tgx + cotg2x
2) Cho vung tron (C):
4y’ +2x -4y -4 = 0vadiémA(3, 5).
Hay tim phuong trinh cac ti€p tuyén ke tir
A dén vong tron. Gia su cac tiép tuyén tiép
xuc vai vong tron tai M va N; hay tinh d6 dai
doan MN.
Cﬁu\"{A} 1)Choa, b,¢>0.Chungminhrang:

c:{) b+r, Lm\/ Vb Jc

~ 2) Gia st x, y, z la nhimg s6 duong thay doi
va thoa man diéu kién:

b+c

x+y+z=1

Hay tim gia tri 1én nhét cia biéu thiec:
SN W
Wt e

CauV(D): 1) Giai phuongtrinh:

(2-V3)" + (2 +V3) = 14.

2)Chung minhrangtrongmoi AABC taludncé:

0 < sind + sinB + sinC —

- sinAsinB — sinBsinC — sinCsind < |

PAP AN

Céu I (2 diém)

y=x" + 3% 4 (m + 1k + 4m
I)Taphaicdy’ =3x?+6x+m+1<0
f1) <0 @'{mi—lo

vxe(-,)e A-an T Ams?

< m=<-10
2ym=-1=y=x"+3x?-4.(Ban doc tu gidi)
Cau II (2 diém)
1) Nghiém cua bat phu'onﬁ_ thirnhatla
(m =

1-Vm =x<1+ =0)
nghiém cuabat phuong trinh thirhai la:

m=x=m+1

Hé phuong trinh ¢6 nghiém khi va chi khi:

(m<1+vVm 1)
mot Azl — g £ (2)
m =0 (3)

16

Bit phuong trinh (2) hién nhién théa man.
Nghiém cua (1) 1a: 0= m < 3+2-J§

3+v5

Viy dap so cua bai toan la: 0 =m = — 5

2) a) Jx+y+x +y =8
ayix+ Dy +1)=12
xx+ 1) +yy+1)=8
xx+Dyly+ 1) =12

D157 D=5 g b ot thin
oy +L=v
u=2
u+v==8 v==6
w.v=12 u==56
v=2
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6i SE D=2 _ 4 pohiem (1, 2, @, -3),

yy+1)=6
(-2, 2), (-2, -3).
= _T{x + 1:' = 6 o i -
Vi BEA = 4 nghiém (2, 1); (2, -2);
(-3) 1); {'3) '2).
Hé cb tit ca 8 nghiém.

b)Vodu=xlx+1D,v=yy+1)
1
Tacé:u::—i'v’x,ué-;'v'y

{MHJ =8 = u va v 1a nghiém cia phuong
uv=m
trinh bac hai: fit)=t% — 8¢ + m = 0(*)

Hé da cho ¢6 nghiém < phuong trinh (*)
¢6 2 nghiém déu 1ém hon hoac bang - i

(A'=0 16-m=0

1 33

I =D T L 3 S

S 1 | i

e

Cau IT1 (2 diém)

1)9sinx + 6eosx — 3sinZx + cos2x = 8
< 9sinx + 6cosx — Bsinxcosx + 1 - 2sin’x = 8
= 9sinx + Beosx — Bsinxcosx — 2sin’x — T=0
= Bcosx—Bsinxcosx+2sinx-2sin x+Tsiny-7 = 0
= Beosy(1-sinx)+2sinx(1-sinx) — T(1-sinx) =0
= (1 - sinx)(Becosx + 2sinx - 7) =0
foke sinx =1 (1)

2sinx + 6eosx =T (2)

Hién nhién (2) vé nghiém. Viy nghiém cla
phuong trinh da cho la x = k.

2) Ta chimg minh C = 90°. That vay

a) Gia su C < 90". Khi dé:

1-cos24 1 +cos2B

sin?A + sin?B = :
2 2

- 1- ;[1303'2.4.%0523]

. l-cosiA+B).cos(A-B) ot e
=1+cosC .coslA-B)>1> VsinC voli.
{eosiA - By > 0do-90" <A -B < 90",
b) Gia sir C > 90°. Khi dé:
a? + b2 - 2 g0
AT e | e R — S 0=a +bh <ce

2“{‘—' e —
. sin’A + sin’B < sin’C < UsinC vé li.
Viv O =90
“Au IV (2 diém)

2

Vay filx) = sin2x . sindx . sindx

= - [cosx — cﬁsﬁ-ﬂ . sindx

sindx . cosx — ; cosSxsindx

[l S

= —[sinBx + sindx] — i[sﬁﬁg:c — sinx]

o

= — sinx +i‘ sindx + isinﬁx - ;]isi.ngx

Vayhonguyénham cuafix)la:
F(x)=- 'imsx - 1121:053.1: - 21“(:055.1: + élécos&r +C

2) Phuong trinh duéng tron C co dang:

(x + 1% + (v - 2)* =9 1a phuong trinh duong
troncotaml(-1,2)vabéankinhR=3

Goi A la dudng thang di qua A (3, 5) va co
hé s6 goc bang k. Phuong trinh A la

y=klx-1)+5=kx-y+5-3k=0

Puong thang A tiép xtc véi ( ) khi va chi

khi d(I, A) = 3. Tuc la:
|-k -2+5-3k|
32 41
o |4k +31=3VE2 + 1
= 16k% - 24k +9=9k%+ 9

=3

= Th? - 24k = 0
k=10
e 24
7
Vay cac phuong trinh tiép tuyén can tim la:
* y=5 (k=0
24 37 24
S = 0 (_‘, e
7 g 7

Tinh d6 dai MN: Ta co MN L IA.
Goi H la giao diém cia MN voi JA
MIMA _,

IA 5 5

3.4 2

-

Taco:MN=2.MH=2.
Cau V (A, 2 diém)

1) Ap dung: \r-:'rif'ri'r,I"J:-\»{‘-';{I;::l < 1 thi

rs

e
- N N+&
a (- s L frter ok <p4h

s e : < ;
a+h  a+bite  be  Bteta c+a otah
Céng tung vé cua ba bat dang thic trén
lai,taco:
a b :
o : =2

s
a+bh  b+e  oto

Mat khac :
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\(— J _(bj) R

¢ '-T‘.tbﬁ_ 5 Eiéﬁé
%
A ’ b 2b
Tuong tar: ey
i c+a a+b+c
AR
ath a+b+c
| a b c
Tir dé e = Ana e S
gz e c+a a+b

Tir (1) va (2) = diéu phai chung minh.
2) Truirc hét ta chiing minh voia, b, ¢ >0thi

(a+b+c) ( 2 +-l + 1) = 9 va d4u bang xay ra khi
R
vachikhia=b=c.
That vay :
(a+b+c) [-1' + = +1J =
g oh o
a b A e b e
=3+[%+2|+|2+5|+[2+ 529
+[b+u] [c+a]+ c+b
Tirdé: apdungviia=x+1,b=y+1,¢c=
z +1taco:
N E N IR IS N
x4l y+l ozl (D) + (p+D + (241 4

1 1 1 L5
i e e -
x+l y+1 =241 4

Pasgpar B Hoy B s
x+1  y+l 2+l

1 1 1
=(1—;1:)+(1—E)+(1—;

vhis Skl SRl S
x4l y+l 2+l 4 4
Ta da ching minh duge PE;, dau bang
xéyraklﬁx:y:z:fl.Vémem=3dz_1t
18 4

dugt:khix:y:z:é.

Cau V (D, 2 diém)
1) Giai (2 - V3)* + (2 + \B3)* = 14
Dat (2+V3) =t = 2-\3)* ==

:>r24%=14:>:2-14s+1=0

=t =T+ VI8 =(223)
vﬁi(2+‘¥r§}x={2+\ﬁ)2:x=2
vl (2 + 3y = (2 - ‘IBT}B =x=-2
2) Hién nhién rang:
sinA+sinB-sinAsinB-sinBsinC-sinCsinA =
=sinA(1-sinB)+sinB(1-sinC)+sinC(1-sinA) > 0
Mat khae, tir:
(1 -sinA)(1 - sinB)(1 - sinC)=2 0=
1 - sinA - sinB — sinC + sinAsinB + sinBsinC +
+sinCsinA - sinAsinBsinC = 0
= sinA+ sinB + sinC - sinAsinB —
-sinBsinC - sinCsinA <1-sinAsinBsinC <1

x »
Dé THI HOC SINH GIOI ...
(Tiép theo trang 24)
...theo nhéan xét trén. Diéu nay ddn dén mau thudn,
do do khéng ton tai da thuc bic nhét thoa man dé bai.

Gid st 6 da thite bac hai flx) = ax® + bx + ¢ voi a,
b, ¢ € @ thoa mian

A+ ¥y=3+ W thi

(da+h) % + (a+b-1) %E}.+En+c—-3=0.
Theonh@,nxéttrénphéicé13a+b=D,a-rb-1=0
viba+c-3=0suyraa=-_, b= _,c=6. Viytén
tai duy nhit da thue bée hai £
flx)=- %:-:2 + %:c + 6 théa man dé bai.

Bai 5. Gid thitchon =2Tva2 <k <n. Tacé:
k" > 2n* & nink > In2 + klnn(l)
Xét ham sﬁ‘ﬂx) nlnx — xlnn trén (1, =)

Tinh ,f'{x)— —~lnnnénflix) =0 x = I- — va fix)

nn

déng bién trong khoﬁn.g (1, :t), flx) nghich bién
Il

18-

trong khoang [l m] Do didukitgn 2<k <n - 1 nén

ham sé fix) trén [2, n - 1] dat gid tri nhé nhit tai mét
trong hai diu mit cia tap xde dinh.

Dé chying minh (1) chi cdn ching minh:
f12) = In2 va fln-1) > In2.

a)fi2) > In2 & nin2 - 2Inn > In2 < 2" 1> n? véi
n = 7. Diéu nay dé dang chuing minh bing quy nap.

b) fin - 1) > In2 < nln(n-1)>(n-1)inn +1n2
(n-1)" >2n""1.(8).

Piatn -1 =t26 thi(3) trérthanh

£l g ; 15¢
£ = Ae+1) @t>2[1+ ‘).
T 14t 1a¢
Ta da biét (1+ t) <3 nén 2[1 + t) <6 <t Viy (3)
ding. Tir (a) va (b) suy ra (1) ding.
Bai 6. Xem bai 6 bing A.

DANG HUNG THANG - NGUYEN VIET HAL
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HO dén rit gin diy, viée st dung cde cong cu todn
C hoc dé giai quyét edc vin dé cia thue tién vin con
hi han ché nhiéu bén nhiing khé khan vé phuong
dién tinh todn. Viée tim cac 1o giai sd cho cac bai toan
trong giai tich tedn hoe ciing nhu cdc tinh todn trong dai s8

Thi die - Mudm tinh 97 giai thira ban chi cdn g8 trén bim
phim 971, sau dé danh diu " trén man hinh s& hién dong
lénh

[>97!:

Sau khi ta in phim "Enter”, may s& cho ra ddp s

9619279682482 11985332842594956369871 234381
391917297615810447731933374561248 1875498805879
1 755890726512612841896 7967816764706 78323200000
00000000000000000

Sau ddp s0 cua lénh trén, may tr dong hien tép diu
"[=" d€ ban lai ip we 1am cde tinh todn khic. Thi du, ta

MAPLE véi TOAN PHO THONG

va I thuyct s6 hién dai la nhimg van d¢ nan giai ngay ca
dii val nhimg nguo lim toan chuyén nghlt‘p No doi hoi
phai biet lam viée vl cie may tinh lén va phai théng thao
cde ngdn ngi ldp trinh. Do nhimg thiéu thén vé phuomg
dién tinh todn, trong nhﬁ'ng nam lrlmL diy, '\.rju;, nghién
cuu Vi gl m;-: day toin & nude ta (ca & bic phd thing 13n
dai hoe) chil véu tap trung trén phuong dicn 1 thuyét.

Tinh hinh di thue sy doi khdc trong vai nam qua.
Cing vai nhimg thanh tuu tuvét vin trong linh vue cong
nghé thong tin. ngum ta di xdy dimg duoc nhimg bé
chirmg trinh tinh todn mang tinh van niang. ma nho do
viée Liy tich phin, vé da thi, gial phuong trinh va rit nhicu
cing viee phic tap khie duoe thue hién mat cich d& dang
hing phiimg cdu 1énh dom gian theo ngon ngid thong
ﬂnn"ﬂﬂ chir khoing phii bing nhimg bé chuang trinh nang

. cong kénh nhu Ir’!mv |‘Liy MAPLE Ta mat trong. nhime
cfmg cu van ndng Ay, Vai kha nang tinh todn va bicu difn
h:‘l.m hio. MAPLE hién dang hé tro dde hre cho cimg e
giang day todn vt tinh toan thue himh trong cic tnrmg dai
hoc va teung hac tien tien trén the @om

Trong bl nay, clning té s& gian thaéu vin cac ban dé: nét
vé chuong trinh niy va « [ll 3 1 ‘-\1 s o ¥ trong vige s dung
N W o Rl i o s

e trong Toe todn. MAPLE 13 sin pham phan mem do mot

nham cice nhi khoa hoe Canada va Piie 1am m vin mue dich

Erarquyct e edne vide hén quan dén tinh todn : 0F cde phép

tinh s hoe, danso (ké ca tinh toan hinh thice ) dén cac tinh todn
vitichphin, thing ké, vé dotha...

Mt trong nhiing vu diém nén bat cua MAPLE la rit
42 s dung - khong doi hot ngu dimg phai bict gi nhidu
vE tin hoc vi ldp trinh, ma chi ¢ -an ndm vimg cic khai ni¢m
toan hoc. Cac cau 1énh cua MAPLE £t gan v 1 ngdan ngil
todin hoc thing thuimg cho nén han 58 thiy vice tinh todn
cao ¢ip cling d& dang nhur dinh may chit hoac bim mdy
ttnh ho wi

Sau khi nap chuong trinh MAPLE vio may cua rmnh
domg vho chueng trinh Tam viee, s& xudt hicn diu "
cd the s dude MAPLE. Mudn tinh i, ban
cho mav bing 'cich nhap sa lien tr ban phim :m

¢ ban di

Vi "rhl!ﬂ’
ket thie dong 18nh hing diu x_htl.m phay *
Enter”, miy s¢ thye len tinh todn va ban s8 co
{bang dong ehil man xanh lam).

roman hinh < G

Y T

an phim "

ngay dap so

PHAM HUY DIEN - TA DUY PHUONG
(Vién toan hoc - Ha Noi)

uép tuc tOi gidn phin s 2244}141435I4R‘Id62%v, dich
L [ 1 0 (&
e e R11881 1881188118000
Anh. 1986) biing lénh :

| >22448514851148514627/81 181 181188118000 .
553

2000

I. MAPLE VA SO HOC

1. Tinh todn vii céc si nguvén

MAPLE giip ban rit dic hrc trong tinh todn va giai
quyet cae bai todn vé s6 i nhién va 5 nguyén, thi du nhu
phiin tich mot & Iém ra thim s6 nguyén 18, tim USCLN,
BSONN ciia cde sa. giai phuomg trinh trén tip s nguvén,
phuong trinh truy héi. tinh tong (hitu han va v han)... Vi
moi mot loai bai todn, ban chi cin cho maiy mot 1énh 13 no
s€ gl quyEt vin dé mot cdch tron ven.

Ta hiy xét mat van thi du

1) Mudn phin tich mat s0 ra thia 56 nguyén (6 ta dimg
lenh ifactor.

i die : Phim tich sa
1O00GOODONONOOCAONOONOINOMNNT r thi s
nguyeén 1o ;

| = ifactor
{ 10O0OOOOONCO0ONCOOOOCNNONO0000 | )

(110500 KONMIHH DN HID | )

2) Mudn tim wae & chung lén nhit cua cic s6 A va B
ta dung 1énh Fd(\ B[} Thi Ju tim e =8 chung lim nhiat
clia 256 2" = ped (271964 - 1, 271996
-1}

15

Thi du nay hay o chd : hai s8 L
lom (khoang 600 chit s8), wy nhien. nho MAPLE.
mot iy 1At Gm deee TTSCTN eoa chiing

1) Dé tim nghiém nguyén cua phuong tinh ban hiy
dung iénh isolve (T*x "2 + 13*y" 2 = 1820) ;

x =43 p=Th =13 =T fv= 7
x= A3 v =7 =-13)

. TR Y F
Il va 2 - | rat

chi ¢in

19
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2. Tinh toan véi cic 86 thip phin

PE tinh gid ti clia mot bidu thiic hodc bing mét s& M
nao dé vl db chinh xdc n, ta chi cdn ding mot 1énh evalf
(M, n)

Thi dy : Tinh gia tri cla V2 chinh xdc dén 50 chit s6
thip phin

= evalf (sqrt (2) . 50) ;

1.41421356237309504880168872420969807856967
IR753769

Thi dy - Tinh gid tri clia sin (%) chinh xéc-dén 20
chif s6 thap phén

|> evalf (sin ( Pi/12), 20 ;

25881904510252076235

Nim 1946 va 1947 Feguxon va Renso di tinh duge s6
7 véi 808 chit s& thap phan. Ding MAPLE, ban ¢ thé tinh
st m chinh xac dén 15000 chii so thip phin trong vong
mat phit !

3. Tinh toan véi cic biéu thic 86 heoc
Muén tinh mét bidu thic sd hoc nao dé, ban chi cin
nhip biéu thic dé tir ban phim va ra Iénh cho mdy tinh né
béing cich dinh diu ;" sau bidu thic va gd "Enter”.
Thi dy : (HS gion cip 2 mién Bc, lin thi mudn, 1970 -
1971)
227 +15 . 4%9°
ot RS L
[ 2*19*2T7A3 + 15*449%974) [ (679*2°10 +
12710) ;

Ruit gon

1
3 :

Chii y : Phép cang (+) va phép tnr (-) va tha tr thuc
hién cde phép tinh gidng nhu edc quy wdc thing thuimg ta
dd hoc. Phép nhin duoc ki higu b&m dau (*), phép chia
duoc ki hiéu bai diu (), phép liy thim duoc K hiéu bai
déu mil ("), phép khai cin thic bac hai dwge ki hiéu bing
sqrt (). 30 © duoc ki higu la Pi. nlumg s e khing co ki
hiéu niéng (nhu ta vin ding) ma chi diwoe xem 1a mot gid
tri ctia him s& mi tai diem 1 (tic la exp (1)). Tinh todn
chinh xac cic phép toan s& hoc var cdc & higu hinh thie 1a
kha nang manh ¢ tinh nguyén tde cha MAPLE. Cde phep
chia vi khai cin, cic hing s0 todn hoc trong tinh todn
khéng bi dai sang cic sb thap phan gin ding. Khi nang
nay cho phép trinh duge sai s6 trong qud trinh tinh todn.

P08 -n
(3*+4.5)(log,3 - ¢)
sang s0 thip phin mi vin gi& nguyén gid trj ding cda né

in3

{méy chitinh: 2% =8, 3% + 45 =29, log,3 = e
e mn

[ (273* (sqri(3) - Pi)) / (372 + 4*5) * (log [2] (3) -
exp (1)) 5

Thi du : Bidu thic

khing bi déi

(V3 - m)
In3
29(}?& —F)

Tuy nhién, MAPLE co diy du kha nang tinh gid tnj
xip xi clia bi€u thic nay dudi dang sé thip phan vai dé

20

chinh xdc bat ki, bing 1énh evalf (", n) (tinh gid tri cla
biéu thiic trén diy chinh xdc t6i # chif s& thip phén), thi
dy, n=60:

[=evalf (", 60) ;

34309758990251 16004 15009700097457974322527
4196796102999379352

I1. MAPLE VA DAL SO

Trong dai s, ban co the nhd MAPLE phin tich da
thitc thanh nhin tf. gidi ciac phirong trinh, hit phurong
trinh, hé phuong trinh va hé hit phuong trinh. .. Mac du
MAPLE chi cho dip s8, nhung né s& goi ¥ cho ban cdch
gidi hodc kiém tra két qua. -

1. Tinh toin véi cic bigu thic dai s&

Thi du - (Thi vao 10 Chuyén Toan, BH Téng hop Ha
Néi, 1991 - 1992, wvong 2) Phin tich da thic
{J‘:—y]5 + {V—z]'r| + (z—r)s sau thanh nhin t

|> factor ((x - ¥ )*S + (¥ - 2)*5 + (z x)"5) 5

Sy -2z M) Y - Xy - 2x Y 2 y2)

Muén don gian eac bidu thire todn hoc cong kénh ta
ding 1énh symplify : Thi dy - (HS Gioi cip 2 mién Bic.
vong 1, 1961 - 1962)

Pom gidn bidu thic

1 g | Y 1
ala=-b)a-c) bb-a)(b—c) eclc—a)c—b)

[> symplify (1 / (a*(a - b)*(a - €)) + 1/ (b*(b - a) *
(b-e))+1/(c*(c-a)*(c-h)))

|

abe

2. Giai phuong trinh va bit phuong trinh

Ban c6 thé dimg MAPLE dé gidi cdc phuong trinh, bat
phirong trinh, hé phuong trinh va hé bit phirong trinh (cé
hé sd bdng s0 hoac bing chif). Mubn giai phu;mg trinh ta
ding lénh sohfe [f (x] =g [x}} l.r-:‘-ng do fixi = gix) la
phueng trinh cdn giai, con x 14 in cdn fim.

Thi du : (HS Gidi todn 1ap 9, Ha Noi, 1994 - 1995)

Giai phureng trinh ;

+2 +(x+3P +(x+ 4 =2
[=solve ((x+2)*2+(x+ 3}“1+(x+4) A 4=2] -

{x=-5), fx=-3), fx=- —+ L5y ,x_— I\'r_.'

Neéu cin giai phuong l.nnhjr“x) < gr’x) thi ban thay dau "=

bai diu "<" : solve (f(x) < g(x)).
Trén diy chi la mot si thi du don gian nhit rmnh hoa

‘cich sit dung MAPLE trong vige hoc todn & phl:r théng.

Chiing t61 hi vong ring qua do cic ban ciing di hinh Jdung
thdy ich lgi clia MAPLE.

Tuy nhién, moi cing cu tinh fodn, di hodn hio i
ddu, ciing van chi la cong ex, no chi cd thé giip lam giam
nhe cdng vige tinh todn thudn iy, chu khéng the thay thé
tr duy todn hoe. N6 giai phong ching ta khai cing viée
tinh todn nang nhoc la d hd tro cho vide "mai sic” tu dhuy,
chif khéng phai "lam cun tw duy. Chiing téi hi vong s& co
dip duge dé cip dén vin dé nay trong mdt bai viét khde.
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Trai qua trén 2000 nam, loai
ngubi da khong mét mbi tim
cach chimg minh tién dé Oclit,
nhung déu sa vao cai vong luin
quén, nhiéu tubng hop tubmg
rang chi con mot chiit xiu nim
la xong, nhung tat ca vin dé lai
nam trong céi chitt xfu d6. Cai
chit xifu 1i tha nhit nim trong
chiing minh ctia nha toan hoc
Phap ndi tiéng Legendre (1752
- 1833). Legendre tin dung
diéu da bidt thoi dé 1a tién dé
Oclit tuong duong voi ménh
dé :"tong cac goc clia mot tam
giac bang 180°" va tim cach
chimg minh ménh dé nay; sau
day 1a chimg minh clia éng:

1) Téng cdc gée ciia
moét tam gidc khong thé
lon hon 180°.

Chitng nenh. Cho tam giac
AB(“ {h_ls v gia sir
A+B+l= 180"+pw01p>0

Goi O Ia ung diém cha BC
va kéo dal doan AO mot doan
OA’ = OA. Taduge ha tam giac
bang nh.mAA’B va AA’C va do
dé c6 teng s6 goc bang nhau va
tong s6 do bfmgA +B+C=180"
+ p (st dung céc tam giac bing
phau, thi thiy ngay). Vi
A, TA.‘! =Anén trong hai goc A,
va A:!’ at phai cn mit goe nhd

)

hon hoac bang pe vi duA.,
ténh.1.

<

e

cEHa

(o

,-77

Finh |

A A

Nhu vay la tir tam giac
ABC, tad‘adungmndlmcmt
tam giac cling c6 tong s6 goe
bang 180° + p nhung c6 mot
goc < % Ta lai diing cach dung
dé dé tir tam giac thir hai nay
dmgrénnmttamgxacﬁmb'l
cling 6 tong cac gbc bang
180° + p va c6 mét goc <°

Nhu thé, dén 1an dung thir n thi
duoc mét tam giac c6 ting cac
goc bang 180° + p va c6 mit

; g -
goc = —. Tacod the chon n du
L

A

16n dé i;—; <p. Vay, & tam giac

cubi cling nay, c6 mot goc nhod
hon p nén hai goéc conlal co
tong 16n hon 18{]” diéu dé trai
vor mot dinh i (khtmg phu
thude gi tién de Oclit) noi rang
tong hai goc clia mot tam giac
khcmg the vuot qua 180° (c6
thé chimg mmh digu ay
trén h.1. Chang hanng:g
"MCA’ < 180° viA va A’ & hai
phia khac nhau cua dutng
thang BC).

2) Téng cde géc ciia
mét tam gidc khong thé
nho hon 180°.

Béy giv gia st A+ B+ € =
180" - p véi p > 0. Ta lay lai
hinh 1 vh qua A* dung mdt
dubmg thing cét hai canh cta
goc "BAC theo thit tu ¢ B' va

A C (h2) Tam giac BCA’, vi

bang tam giac ABC nén cung
c6 tong cac goc hang 180" - p.
Gia st tong cac goc cua tamn
giac BR’A bang 180° - ¢ (q >
0), cha tam giac CC'A’ bing
180° - r (r > 0). Cong tong cac
goc cua bon tam giac ABC,
BCA’, BR'A’, CC’'A’ 1di trir di

2
Ciddi

LEGENDR

NGUYEN CANH TOAN

Hinh 2

chinh goc 6 B, C, A’, mdi noi
gcm ba goc ma tong Ia mot
goc bet, ta duvc tong cac goc
cua tam giac AB'C’ la:
(180" - p)+ (180" - p) +(180° -g) +
(180" -r)-{3 = 180" =180"-2p-q
-r<180"-2p

Nhu vdy, tir tam giae ABC
viri tong sd goc bang 180° - p,
ta da dung duge tam giac
AB’C’ cé tong cac géc < 180" -
2p. Lai tiép tuc véi tam giac
AB (" dé dung mot cach tuong
tutamgiécAE’C’ thi se c¢o
mit tam giac cé t.(mg cac goc
nhé hon 180° - 2%, Tiép tuc
nhu viy dén ldn tha n se c6
tam giac véi tﬁng cac goe nho
hon 180° - 2"p. Vé&i n du lon
ﬂﬁ&ecotamg'l.acvm tong so
goc am, diéu nay that vo li.

Cai sai cia Legendre Ia & cho
nao? Tét ca lap luin déu ding,
trirché nghiém nhién céng nhan
ré.ng quad’ co mot dubmg thang
cit ca hai canh ctia goc BAC.
Liic ddu, chua ai nhin ra didu
nay thi tuong ring viée chimg
minh tién dé Oclit da cham dat
vai sirthanh cong cha Legendre.
Nhung thit dang phue ngutri nao
da, vao thoi do6, da phat hién a
cali  vong luan quin cha
Legendre: cong nhian mottién dé
tuong duong voi tién dé Oclit de
chimg minh tién d& Oclit. Tién
dédo la:

(Xem tiép trang2)

2]
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%
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BANG A

Bai 1. Trong mat phing cho
duong tron tim O bdn kinh R
vi mét diém P nim trong
duéng tron (OP = d < R).
Trong cac ti gidc 181 ABCD
noi tiép dudmg tron noi tren
sao cho cic dudng chéo AC va
BD vuéng gdéc voi nhau tai P,
hiv xdc dinh t& gide ¢d chu vi
lon nhit va n@ gide cé chu vi
nho nhit. Tinh cic chu vi do
theo R va 4.

Bai 2. Cho s& ty nhién n >
1 khéng chia hét cho 1997.
Xét hai diy s6 (a) va (b)
duoc xdc dinh nhu sau:

i
PR N e
a, a+lngm; iR

AL

H

Xét tit ca cac sdb cua hai
diy trén va sip thi tu khong
giam ta duge

vaif=1,2.3...n1.

€ S€3 S S Cgg5yy

Chimg minh ring
e =<2 voi moi k =1, 2,
vy 1994 + n.

Bai 3. Hoi co bao nhiéu
ham s6 £ N — N thoa min
dong thoi hai didu kién sau:

) AL = 1

2) fin)fin+2) = (fimtn))® +
1997 véi moi n & N .

(Ki higu N
nguyén duong).

Bai 4. a) Tim tit ca cdc da
thire flx) véi hé s6 hiu ti co
bic nhdé nhiat ma

R B+ ‘?5}= 34 4.
b) Tén tai hay khoéng da
thie f{x) véi hé sd nguyén ma
A B+ %): 5448
Bai 5. Ching minh rang vdi
mdi s8 nguyén duong n déu

la tip hop so

chon duoc s nguyén duong k dé 19% - 97 chia
hét cho 2"

Bai 6. Cho 75 diém thudc khéi lip phuong
vdi canh dai 1 don vi. trong dé khong co 3
diém nao thing hang. Chung minh ring tén tai

tam gide vd&i dién tich khéng lén hon = mi
ba dinh la ba trong s& 75 diém di cho.
BANG B

Bai 1. Cho haim s8 flx) = asinux + beoswa

xdc dinh trén tap s& thue, trong dd a. b, w
v la cic hiang so thuc khic khong.

Chimg minh rang f{x) 12 ham s& tuiin hoan

i A e e g et
khi va chi khi la s6 hdu t1.
5

Bai 2. Trong mat phing cho dudmg tron tim
O ban kinh R vi mét diem P ndm trong dudng
tron (OP = d < R

Xét cic tr gidc 161 4BCD ndi tiép duong
tron néi trén sao cho cic dudng chéo AC va
BD vubéng gée vdi nhau tai P.

a) Chimg minhring A8.CD +BC AD =AC BD.

b) Trong cdc tr gidc ABCD nhu trén hdy
xdc dinh td gidc b6 chu vi lén nhit va tinh
chu vi do theo R va d.

Bai 3. Cho diy so nguyén (a) (n € N)

duge xdc dinh nhu sau: a, = 1. a; = 45
ﬂn+2=45ﬂu+| _7'-'!,1 voi moin = 0. I, 2, ...
¥ af I} r ™ 2
a) Tinh s6 cic udc duong cua a,,, - 4,4,

theo n.

b) Chimg minh ring 199742 +7""' .4 la s6
chinh phuong vdi moi n.

Bai 4. Tim it ca cic da thie fix) vdi hé sd
hiu ti ed bic nho nhiat ma

3
A B+ %): 3+ o

Bai 5. Cho n va k l1a cdc s6 nguyén duong

véin =2 7 va 2 £ k < n. Chuing minh ring:
K> 2n*

Bai 6. Cho hinh hop ch® nhit cd ba kich
thude 1a a, b, ¢ Xét dién tich cdc tam gidic co
ba dinh nim bén trong hoac trén mat cua hinh
hép di cho. tim gid tri 16n nhit cia cdc dién
tich do theo a, b, c

DAP AN

BANG A
Bai 1. Goi chu vi tr gidc
ABCD 1a p ta ¢

p>=(AB+BC+CD+DA)* =

=AB* +CD* +BC? + DA* +
+ 2(AB.CD + AD.BC) + 2(4B.AD + CD.CD) +

https://tieulun.hopto.org
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+ 2(BA.BC + DA.DC)
Binh 1i Ptéléme cho ta
AB.CD ~ AD.BC = AC.BD.

Dé thdy AB.AD=2RPA
CB.CD=2R.PC

Tudé AB.AD +CB.CD=2R.AC
TuongtyAB.BC+ DA.DC=2R BD

Laicé: AB? + CD? = BC? + DA? = 4R?
Vayp* =8R’ +2.AC.BD + 4RAC+ BD)
Tacé24C.BD = (AC + BD)? — 8R* + 4d%(1)
Thanh thir

p>=(AC + BD)* + 4R(AC + BD) + 4d”

Viy p dat max hay min tiy theo (AC + BD
dat max hay min.

a) T (1) ta thdy AC + BD dat max <
24CBD dat max. Vi 2dCBD < AC’ + BD? =
8R® - 44° nén ACBD dat max khi AC = BD

< OM = ON < OPMN li hinh vuéng < OP

tao véi AC va BD géc 45°. Khi dé:

P2 = 16R* - 4d® + 8RN4R*-2d°

max
3) AC + BD dat min < ACBD dat min
Vi 24C.BD = 8R? - 4d® - (AC - BD)* nén

(*) = |AC - BD| dat max. Difu nay xay ra khi

= 2R BD =R - 2.

Khi d6 p2,. = 16R* + 16RNR? - &

Bai 2. Thay 1997 boisd m klhc":ng la udc cla n. Xét
hai diy a.=.f|:]+”) véi i = 0, 1. .,

m va
b _,:(] + )\’D‘U'D L
Tacé: ay=0<a;<..<a,=m+n
= s Lo = =
b, 0<b <..<b, =m+n
s 9 7 - . h For .
Giasun <m. FChu:kmr[-q_I —a;=1+— <2 Vdimoi

m

k=1,2,...m+n-2téntai duy nhat; de s sa,,
(0=j=n-1)
Khi iy ¢, = @, va

Chyt ~Cp Sy — ;< 2.
Bai 3. Goi D la tip tit ¢4 cic him £ co
tinh chit di néu. D& cho gon ki hiéu a, = fln)

Ta co: aa .=

al,, +1997 (2)

2
L L 2 + 1997

iy X i 2 H'H T84
Suy ra - ——
an+| LS
V‘iy Oy = €y — 4, (3)
sy +|:'Tl
adé ¢ 14 hing s (c S )
o

Ta ching minh ¢ € N Thit vay néu g=F
vai (p, gq) = | thi tr (3) ta cé
1?(0,”2 I ﬂn) PRy = q’.“'-"Ju+1
. - T o By & o
Vi 1997 = gqa ,-d ¢ nén g =
1997 1a sé nguyén to).
batf2)=a. Tu(2)va(3)tacd:
Sca-1=da° —I99?_:-a 1998
Nghnh,‘ﬁ)la udc duﬁng cua 1998 néufe D. Dm

lai vdi mi ude duong a cia 1998 xiy dung ham £~ N
= Rnhursau:

| (do

f=1A2)=a fin-2)=(a+b}{n+1)-fin):

Sdpgat it
a
Dé thiyv fin) e
khong phu thude n. vay
Anyfin=2) - f(n+1) = 3) - £2) =
=(a+ba-1-a*=1997 < fe D
Tuong ung f — A2) la mét song dnh giGa
D vi tip cdc udc duong cua 1998 Viy
I =({1+D(1+3)}1+1)=16.
Bai 4. Trudc hét ta ching minh nhin xét:
Néuwve Omais=uV+v V9 e O thi

w=v =0

eN .Ta chu*ngmmhfe B

va fin+=2)fin) - f(”_l}

Thit viy. xét da thuc 1.,"(1)-—1-12+H\'—j co
gl %{3) 0 va da thue F{r.)—m -3 (P(x) khong
co nghiém hiu ti).

Chia r(x) cho gix) ta duoc

Plx) = h{x)g(x) + r(x)

Néu nx) = 0 = deg hix) = |
nghiém hiu ti. Méu thuin.

Néurn)#0=degr(x)=1=n PWy=0= V¢
Qmiuthuin. Nhin xét duge ching minh.

a) Néudeg f=1: fix) = ax+b véia. b €
Q thoa main bai todn thi tir nhin xét trén ta co

(o= 1595 2 90 =

miu thuin.
Xét flv) la da thic hie ha
fix) =ax® +bx +c
Khi dé néu f( V3 + ¥9) = 3
(a+b) V9 + Ba+5) V3 +6a+c
a+b=10 |
S datb=lca=—b=-— =10
bat+e=3 4
Viy chi cd duy nhit da thie bic hai théa man [a fx) =

= pXx) co

AL
el
]

I
ﬂﬂ

X

X 4
2 - i Bo la dathic bic nhonhat,

23
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b)Bata = ¥+ %-tacéuj‘zgmfm.vaydathﬁc
g(x) = x° = 9x — 12nhanc la nghiém.
Néu flx) la da thuic hé s nguyén thoa man
dau bai thi
Ax) = gh(x) +r(x)
addh(x). #{x)1adathichésénguyénvai
degr(x) 2. Vig(o)=0nénr{w) = flo) =3 + .
Theo ciu a) didu niy khdng xay ra.
Bai 5. Chicinxétn=3. Taconhinxétsau;
192 - 1=2"¢, véiq, I8 (4)
Thit '.rfiy v6i n = 3, khang dinh (4) ding.
Gid s khang dinh dung vai n. Khi do
192" =9t 4 1}{[9’- 21
: 25”2“(?“ 7 2"+I(Sﬂql‘l) ‘su‘ qH IE
Nhiin xét duoc chung minh.
Ta chuing minh bai toin bing quy nap. V&
n =3 ding. Gia su ton tai k, € N sao cho
19% ~ 97 =2"a
N&u a chin thi 19% - 97 ;
Néualédat Kk, =k +2"7

n

211+1

Kh\ do s 0
1951 - 97 =19 a9t -97)+9719%7 - 1)
= 2"(19° a+97g,) : 2" (dpem).

Bai 6. Trude hét ta chung minh bd dé sau:
Néu tam gidc MNP c¢é ba dinh ndm trong
mot hinh hép ¢é kich thu-:‘rc a, b, ¢ thi

SMNPJ = \fazbz T T

That viy goi S,. 5,5, 5, la chjen tich hinh chiéu cua
AMNP lén ba mat phéng (ABCD). (ABA'B") va
(DAD'A’) thi $? = 82 + 52 + 57 Dé thiy néu mot tam
gide ¢6 3 dinh ndm bén trong (hay trén canh) cta hinh
chit nhit kich thude a, bthi dién tich ciia né khong vuot
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Tir d6 52 < quQ + b’ + ‘_"2‘7?
4
Bo dé duge chimg minh.
Biy gio ta chia khdi hop thinh 36 khdoi co
Lenik
48 Sty
Tén tai mot khdi hop chua it nhit ba diém

M, N, P trong 75 diém di cho. 4p dung bd dé
ta duoc:

1\}1‘2 g s e
soom = 3 V(ig) *(6) () %

kich thlrrérc

24

BANG B
Bail. flx)=asinux +bcosvy (1)
trong dd. a. b, u. v 14 cac sd thue khac0.
a) Chuing minh thuin: Gia su flx) 12 him s&
tuin hoan c¢é chu ki # # 0. nghia la filx = A =

fAix) voi moi x.

Cho x = 0 dugc fin = A0)
hay asinut + beosvi = b {2)
Cho x = -t duge f{0) = fi-1)
hay —asinut + beosvt = b(3)
Cong timg vE (2) va (3) dugc:
cosvt=1 hay vt=2kn (4
véi k 1a s6 nguyén khac 0.
Tnr timg vé (2) va (3) duce: sinuf = 0 hay
ut = hn {5)
vai h 1a so nguyén khic 0.

/ 5 -
Tir(@)va(5)c6 ™ =~ lasd hiuti.
v. 2k

o AR = T L =20

b) Chung minh dao: Gia s =" véim, nlacicss
v H

nguyénkhic .

_?.um 2nn

Chont= -#0.taco

(1] Vv
; 21om 2mn,
flx+) = asmu(x - j + bcosv(x LI
H v

= asinux + beosvy = f{x) véi moi x, nghia la f{x) 1a ham
sa tuin hoancé chukiz=0.

Bai2 Xemloigiaibii | bang A.

Bai 3. a) Xétdiy songuyén: a,=1.a, =
=4:'-aﬂ+l—TrI"vd'in---U.!.E....{H

Thit véi n = 0, | dé du doan hé thuc (2)
dudi diy, réi chimg minh quy nap iad hé thic
dé ding véi moi n:

45vaa

e+l

2 — Atitl (m
”-r' 1 a’ ﬂ“_'_z 7 li—}
Tir (2) suy ra 88 cdc ude s6 duong cua
2 A
Gy — 4,4, bing n + 2.
b) T (2) co:
- n+l
i~ G, {4qnmh —la,) ~7 ==
: 2 2 amtl oo :
hay a4 —45a,a,,+7a, -7 =0vdimoin
Piéu nay ching to phuong  trinh

X - 45a,x + ?az ik s
(45a) - 4(Ta] - Ty =
chinh phuang.
iy = " 2 3 =

Bii 4. Nhin xét: néuu. v € mawl +v W e 8]
thiw=v=0(xem ching minh bai 4 bing A). Néucé da
thue bic nhit fix) = ax + b vdi a. b & Q thoa min
a( B+ Wy+b=13+ othi
a N3 +(a-1) o +b-3=0suyraa=0=a-|

{Xemtiep trang 15)

=0codnghigmnguyénnén A=

199742 + 7"*! 4 phai la 56
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BAN TRON ®OC THO

LTS8 Nha tho Thach Quy (tén that la Vuong
Binh Hudn) sinh nam 1941 tai Nghé An. Nam
1960, anh hoc khoa Todn, truimg DHSP Vinh. Anh
dd cho ra doi 5 tap tho. Anh la héi vien Hai nha
van Vigt Nam. Khi héi anh ; Todn hoc ¢ gitip d5 gi
cho Tho? anh dd khdng dinh "Chinh Hinh hoe
phi O-co-lit dd khat sdng cho tbi cdch suy nghi,
nhin nhéin va ed cdm xie da chidu nita khi t6i d6i
dién var cude sdng”. Bai tho sau day anh viét véa
ddng bdo Vin Nghé ndam 1967, TH&TT tran trong
gidi thidu véi cdae ban yéu Todn va mé The.
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Hai: Trong bii "Phuong phdp chon phén ti lon
nhat” (Vii Duic Cdnh) (THTT 36 244) 06 bai todn.: Cho a,
b, cla 3 56ty y thupe {1; 3] théa ména + b + ¢ = 6.
Ching minh rang:

r:2 +bg *+ f'2$14.
Em gidi nhu sau:
l<az3ea®-da+3<0;
tuong tu b® - b +3<0;c% -de+ 320,
, Congting vécua 3 bt dang thuc trén ta co -
a’+ % e flarhic) +v <0suyroa+ b2 = =
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. Gididipbai
DIEN SO VAO HINH VUONG

Ta thily mdi 6 tibn déu
¢6 mit trén hai eanh cua ha
hinh vueng hoac trén hai
canh cta MGt hinh vuing.
Nhurvay mai s6 tir 1 dén 16
se duge tinh ha 14n va ting
che =6 may dope chia déu
trén 8 canh cua ha hinh
VuoTg.

Vay ting s6 clha 4 6
tron ren mbi canh chia moi
hinh vudng pha Ta

2(1+2+. . +15+16) 272
Saie — — — - —— =34
8 8

Tir dé ta co cach dién s& nhir trén hinh ve. Hinh ve nay
¢t 4 tue doi xing. MGi 1An ta 1at hinh vé theo tue doi
ximg ta duoe mit cach dién so moi.

BINH PHUONG

RO CHO THHP BH MHU

Cho 9 dia tron kho#ét 16 & gitm (nhu dia hat ching 1én
nhau xuyén qua cot A theo thir tir dia co béan kinh 1ém o
dugi, dia co ban kirh nhd & tén. Gia s ban kinh cac dia
lanluotla l, 2, 3,4, 5,6, 7, 8, 9. Cac dia c6 ban kinh 1, 4,
7 c6 mau do; cae dia cd han kinh 2, 5, 8 co mau xarh va
cae dia co ban kinh 3, 6,9 €6 mau vang.

Hay fim cach chuyén it 1an nhat 9 dia o cit A sang ba
¢ot B, C, D chun co dia v, voi yéucén la

- mbi 14n chi di chuyén mét dia.

- khong duge dé dianhé & dugi dialon.

- dupe quyén sirdung ca 4 cot A, B, C, D.

San cho cudi cung cot B chi ¢6 3 dia man do, ot C
chi c6 3 diamian xanh v cot D chi ¢o 3 dia miau vang.
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LTS: DPay la mot "bien dang” cta bai toan
"Thap Ha Noi".
VO KIM HUE

(= ety
< A(a+h+e) — ) = 15, Véy gid tri lén nhét cia al+ b+’
bang 15. Tai sao 2 két qua lai khdc nhau ?
PHAM VAN VINH
(12D. PTTH Quang Trung, Ha Tay)

Pdp: Tai sao em da véi vang két ludn sai: gid tri
lém nhit clia a” + b° + ¢ bang 157 Khong bao gio em
c6 thé chi ra duge cdc gia tri cua @, b, c dé a® + b + ¢
hiang 15! Phép chiing minh cda téc gia Vi Due Canh
la dunf, con phép ching minh cia em, dén khi eo
duge a” + b + ¢ £ 15 12 khéng sai, nhung... chua duge
gi! Tuy nhién viéc cf ging tim mot con duimg chung
minh khde ciia mét bai toan da ca loi giai la vige lam
ding khen. Chiic em tiép tue yéu... Todn.

Hoéi: O mat dé thi ddu nam (danh cho hocsinh lap 7)
nhi saw: "Goi O la mét didm ngodi duong thang BC sao
che goc BMO = 60°. Vi gée d8i dinh vei goc BMO. Goi tén
ciic gde hé bt véi géc BMO. Tinh s6 do cde gocdd. "Mong
THTT c6 y kién vi td Todn cia trueng dang co nhing y
kién trai nguoenhau.,

NHAT HUONG
(36B. Thai Phién, Tp Hué).

Dsp: LTN nghi mai... khéng bigt diem M & dau?
Hay tac gia d& thi "thd” trinh dé hoe sinh béi su "bi
An" nay? Gid nhu néi vé M mét chut, chang han: M la
diém thuée BC hoac M la diém khéng thuoe BC hoac
M la diém tuy ¥ cia mat phang thi.. dé thi "da hom™!

Nhung néu M khéng thuge BC thi duomg thang BC co
"y nghia” gi trong dé thi nay nhi? Viée dung géc BMO,
hoe sinh 1ép 7 hoan toan vé dupe khi dung... thude do
goc! Tom lai dé thi nay lam LTN cang gai ddu dén
rung ci... kién thic ma thuong cho... hoe sinh ldp 7!
Mong té Todn cé mét chuyén ‘thuyen Ring song
Huong'... thit vui ve va cho dé toan nay troi vao..
qua khu.

Hdi: C6 cuén sdch danh cho hoc sinh lop 10, khi
gidi bai todn: "Tim diéu kién cua tham so de phuong
trinh béac hai ax” + bx + ¢ = 0 co nghiem va nghiém nay
gip doi nghiém kia" dd gia sw phuong trinh o6 nghigm
@8 ddin t6i hé:x, = 2x,x, +x, = ixx, = Khixgx,

Tl e st 2
tir hé nay sé dén tai phuong trinh xde dinh tham sa v
thii vao didu kitn Ax = 0 &8¢ chon gid tri tham so thoa
midn bai todn. Viée thi nay nhieu khi rdt phuic tap,
Theo toi thi khong can phai tha lai, thu gl lé thua
Mong THTT cho ¥ kién.
NGUYEN DINH THIEU
(PTTHHuynh ThucKhang. Vinh. Ngh¢ An)

Ddp: Y kién ciia Anh hoean toan ding! Anh o the
tham khdo thém bai todn : "Chung td ring hé thuc
kb? = (k + 1)%ac (h # 1) la diéu kién cdn va i dé
phuong trinh bac hai ax” + bx + ¢ = 0 (a # 0) cd hai
nghigm, trong dé mét nghiém bang & lan nghiém kia”
(dé 138, Bo D& thi TSDH).
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