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Danh cho céac ban Trung hoc co sé

KHAI THAC KET QUA CUA MOT BAI TOAN

NGUYEN NGOU NAM
(Ha Tay)

“Tirkét quj hay hwong 1,:41 clia mit bai todn ta ¢b lhe khai
thic siu cic ket qua Vil 58 um thém duoc cic bai tgan mai. { ac
bai toan nay giip ching ta cling co duoc nhizu kién thire, sang
tap hom trong moi biii va tim duoe moi lién hé, phuong phap gidi
ddi véi mdi dam: todn. Viduy ta xudt phat tir ;

Bii todn gﬁe

Cho tir gidc ABCD i Uspdumi,g trgn (O, R)cé AC L BD
tarl (1= OJ Chimg minh rJﬂg 8 diém gom tng diém ciia cc
canh va chan cic duomg vuong gdc ha tirl xudng cic canh cing
ndm trén mot duomg tron, Tm’i bén kinh diing tron di theo R
vad(Ol=d).

Giai : 2

* Goi trung diém ciia cic
canh AB, BC, €D, DA lan Lt
1a M, N, P, Qthi MNPQIa hinh
chir nhét ndi tigp duurn tron
dimg kinh MP hojic ;

Kéo dai IN cit AD tzu K
= INL AD = K= K nim
trén dwomg tron dwomg kinh

'[ucmg tr = pcm.

)

NQ' = Mi
HaOF | AC: OF = AL=EC3MN; BF=FD=
MQ= NG =AF+ B {R' OF) + (R

\Ji _f = Rin
M'ER'— r?

Tir biii (0dn trén (a nhiin thiy : QONJ 1 hmh binh hanh =
Trung diém ciia JOdong thot 12 trung diem O; cia QN hay tim
ciia duomg tron dj qua M, N, P, Qchinh Ia trung diém ciia JO.

Nhu- vay, Néu [ cd dinh = O ¢d dinh va d = const =

o '\' - khﬁng doi. Toi dé xut b todn quy tich sau :
I3 mot dfﬁm co dinh ndm trong

5
s
dirng tron (A# O). (¢ vuong xA) Ly ‘Z{,JD A
¢ hai canh thay dor cit dmg tron !
(©)FBVviC. l\ 0 /
Tim quy tich trung diém M ciia
diy BC. , s Nt
Tirkét qua trén : NOF = 2R -
= i) ] ¥
Mi: NQ? = MN* + N = 5 (AC> + BD)= AC+ BD?

=8R -4 (" AC +.BIP =
=IA%4 rB-+;(-+ 17+ éf(;jthfD}

=1lR -(0F +OF)=2R - fl‘::»N()

kinh ctia dwdmg tron di qua 8 diém trén biing :

Bii toan 1t (Fm g tron (), A

: m +18 17 +4( AIC=1B,ID =
=R &) 2> IA: §+H‘+H uER“ 4¢r 4R 4
= IA"+ I8+ [C + IDF = 4R (+*)

Tirket qua () va (**) ta c6 thém hai bii todn sau.
Baitodn 2 :
Cho dining tron (0), r'J&J day A f‘ v BD thay dor. cit nhau

- faf I (I O) va Iuén vudn,
Chimg minh ring : I + J’L g khng dor.

Bai todn 3 ;

Chodwimg tron (0). hai diy AC' vy BDthay ddi nhimg Iugin

; fmrg gdc vor nhau 15 mét diém I co dinh ¢ irong dinime tron
-
Chitng minh ring ; ACC+BIF khéng doi.

Khmthacthémmcﬁ‘OM+UA?’+O‘5+092=
(R2 AB-) (R- Bﬁ)+

(-1 ca)s(#-1 08
2492_%(IA2+IB’2+I{‘2+CE;}=

=4R% - 2R = 2R? = comst.
Tacobiitoan 4 :

Bii toan 4 : ;

Cho i giiic ABCDngi ticp
frong {(J Rjco2 dinvig chéo
vuom gf}C Vit J'iferL

“himg minh réug ng

hinh phyomg cic khnang cich
tir O dén cac canh cia f pidc
khong phy thuge Vio vi Bt ciia
fir grac [rén dmmg tron, L ¥
them ve dé haf toan 2, 3, 4 (a
Efm}* hat diy AC vi BD c(’f;nbdu Néu 2 diy ni iy ciing vudng géc
v nhaa nmmg khong cat nhau {giao digm ciia 2 dmg thin, g
chifa 2 ddy nim nenﬂr dindng trim) thi két quid 6 ding khong

X&t bai todn

Ha OE L AC, OF 1 BD= [EOF1a hinh chit nhit

IBYID TA+IC
= OB=1IP= ;  OF = IB= 2(:

l(m?a,m% IC2 +1D%+ 21A.1C +2IB.ID)

4 [P +4{OF - Rﬁ)vi IAIC=IB.ID
B R' ::=M +f +IC + X = const.
i |

;KII:T ;B‘? (fﬁ IA%) = 8K - 4¢” = const (néu I ¢h dinh)
1d0

OM® +ON* + 0P + 0Q" = 4R’
=R +d.

o Tacd 5lhém cac ba(j. tojmmamé ‘manh hnig 3 "
ai toan 5 ; Trong (O.R) cho 2 diy vugng poc v
nhautail. € ‘mmgﬁm ring M{L !B%EI(“ ﬁ-\‘-ﬂ khong dor.
Bai toin 6 : Trong (O R) ¢ho 2 ddy AC va BD thay dér luin
viong poc v nhau tai e f dinh.,

(Phl.mg minh rﬁng AC* + BIF khong doi.

i séu thém ta co ; (voi hinh v& ban dau)

(AC+BDY = AC' + BIY +2AC BD=8R’ -4¢" + 8AE.DF

=3§—4¢+3Wm

=8R -4 + R - K7+ OF . OF

Néulr.:odmh:rd Ign g d6i = Do ldm cila (A + BD) phu
thuq-c: var}nch(OE‘ OF) = (AC + BD)10om nhit < (0

Ma OF + OF = ¢ = const = (0F | OPQ}MM = (=
OF(«> OLIF1a hinh vudng). = (AC ¢ BD) lom nhit < ACva
BDtao véi Of cae gdc bing nhau va hing 43",

Ta c6 bai toin 7.

Bai todn 7 : Cho dicm [ ¢d dinh trong diing tron (00 (T ()

Tim vj trf cda 2 diy AB va CD di gua I va vudng géc v
nhau dé.1ong do dai (AB + CD) Idn nhat,

Cudi ciing, 101 xin dé nghi ciic ban hiy tim cic 101 gidi hay
hom cho cic bai todn & trén.

OF =1E+OF =
ok }f‘ IA +

} T 2 b
= (@R £ 8R? — 4%
P
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Bai T1/237. Cho 50 /l. €6 1997 chit s0 trong do co 1996
chit 50 5 va mot chir s0 khic 5. Hoi A ¢o thé 1 50 chinh
pﬁmmﬂ IM} khong, tai sao 7

Livi glai Goi a 1:1 chir s0 khic 5 clia A, ta O tong cic
chit 86 clia A 13 1996.5 +a=9980 + a, syyraso dutronu
phép chia clia A chq 9 1a 8 + a (mod 9)( ). Néu A chinh
phuomg thi A bing &, mi sé durtrong phép chia cua kcho
9130, +1,+2, +3, +4 nén sq:du trng phﬂp chia ctia A cho
9130, 1,4,7. Nhu vay, tir () ta c6 cice il tri md acd thé
nhin fa: 1,2, 5 (Joai theo gt). Xét cac trrong hop :

1} Aco chir s0 tan cing 14 a. Do A chinh phuong nén g
khong thé biing 2 v § m:tbang I, va Acodang (10m+ 1))
= 100“ +20m + L., suy ra chir so hang chuc cia A 1a 50
chin, khic S, nén truomg hop nay khong xiy ra.

2] Ach (‘}l}u 50 tin cung khic a, toc 14 5. Suyra A codang
(10m +5)°" = 100m (fn-t- )+25. Trdbtaco a=2vi chir
s0 hing trim cua A 13 sd chiin (vi m (m + 1) chiin), tde 13
khic 5, mau lhu:.n v gt.

Viy khdng the xay ra trwomg hop A chinh phuong.

_Nhin XeL. Co 196 bai gidi, trong dd ¢6 5 bai giai sai, Loi ":Iill ot
gomed
: Quing Ngii : Nouyen Cao Thuyén (83 THCS ('huyr_n Bmnh Son),
Nzuyen Nhat Anh (9T Chuyén Nguyém Nghiém, Dire Pho), Mai Han
Ciiang (9. Chuyén L Khiet). Thira Thién : Tran Dinh Kjirem{ﬂ
’\gu}cn I'ri Phimomg, Hug). Quing Ninh : Pham Lim Quy (8" Chuyén
Toén Trong Digm Udng Bi). Nghé An: Lé (;;lmng BPao(9CT Phan Bii
Chiu). Thanh Héa : Trirme Minh Trom (9" Lam Som), Tong Thanh
Vi (‘)B Nang Khi¢u Tinh Gia), Mai Vin Nga (8 Tu nhién 2, N'mg
Khlbll Bim Son), A6 Manh Ciwmg (7T Ning Khigu Bim Sen). Ha
Bie: Neuyén Tién Humg (A Ning Khiéu Yén Phong). Hai Duong :

Td Minh Hoing(8T PT NK), Hoang Thi Neuyétanh(8T PTNK), Tran
Thé Hicn (T Toan Ning Khiéu Nam Sach), Nauyén Manh Tinmg (6
Toan BDHS Gioi Nam Sach). Vinh Phi : Neuyén Hoai Thanh (8"
Chuyén Vinh Twmg). Nguyen Thu Trang (6a Chuyen Vinh Titmg).
Khanh Hoa : Trin Tiran Anh(9 Toan L Quy Don Nha Trang). Nam
Pinh : Neuyén Trong Kicn (9 Toan Tran Ding Ninh Tp Nam Dinh).
Bung Nai : J'\'gn}en Ninh Thuan (8) THCS Quang Trung th tran Tan
Phit). Dik Lk : Negd Quc Anh(8 toan Chuyén Nguyén Du Tp Busn
Ma Thuat), Ding Nzoc Chau (T Phan Chu Trinh Tp Buén Ma Thugt).
Ninh Binh : Diromg Manh Toan (8T NK Tx Tam Digp). Bac Liéu :
Linmg Thé ’\‘}'mn (S;’\ FITH Chuyén). Hii Phing : ﬂrzir Vin Vigt

{SITFTE ) Tran Phit). Ha Ty : Neuyén Manh Thing (8 ['huyen
Thach Thit).

DANG VIEN
Bai T2/237 : Gidi phuong trinh ;

= (5% -3 V-2

19+ J0x

Li giai. cua T Minh Hoang 8T, NK Hai Dwong vi

Irin Huy Pire, 8T, NC Can Lc, Ha Tinh.
F}iéwi{m cd nghia cua phwong trinh : x € R,
Id =
bitt= N —2,(te R, {=0). Khi do phuromg trinh dd
cho tro thinh :

19+ 107 +4F‘I4}-'14{a2+2)={5(r2+zj-38|z
hay 10¢ -‘ir +260 +28t+31=0<

02 (1- 14 28

Ta thiy vé trdi cua (1) 1n hem khong v6i moi ¢= 0. Tir
a6 suy ra phuong trinh 3 cho vo nghlcm

Nhén xét. Cac ban sau diy cling c0 16 giai ot : Chu Manh Diing
8T, NK Bic Giang. Neuyén Piic Hii, Neuyen Trung Lip, Neuyen
Thanh Ti, 9B, CT Yén Lac. Vinh Phie. Liu Tién P, BB, Hoang
Minh Hodng, 98, Chuyen tmg Hoa, Ha Tay. Phing Quang Trung.
9CT, NK ¥ Yen, Nam Dinh. Hir Xuin Cirap, TTN2 ; Ha Thi Piurong
Thio, 9TN, NK Bim Son : Trinh Lé Hiing, 9T, Lam Son : Lini Ngoc
Tudn, 8C. NK Thanh pho Thanh Héa. Phan Vidt Bic, Neuyén Dinh
Quin, 9TA, Phan Boi Chau ; Nghe An. D:mng(?u Vinh, 9CT, NK thi
xi Ha Tinh. jing Thy To Nh, 9T, NK Hai Dinh, Dong Hén, Quang
Binh - Nguyén Nhit Anh, Hugnh Minh Son, 9T, Chuyén Nghiém
Nehiém, Dirc Phd, Quang Ngii. Tran Thé Minh, 8A, Chuyén, Bac

Liéu.

LR =00 1)

TONGUYEN

Bai T3/237. Cho n 50 diomg X1, X2, ... . Xn
(ne Ninz3).
Chimg minh

X A2 A3 A1 Xn
+

+ + ..t

Apt+ X X+ X3 Ap—| + X1

n
22[2
Lo gidi :

Bit

X] A2 An-1 Kn
M= 5 +..F &
Xn+ X2 X+x3 X2+ Xg

Xn Al An-2

s e S e
Apt X2 X+x1 X2+ Xn  Xn-l + X

X2 A3 Xn X|
Q= + + ..+ +
Xn+x2 X +X3 X2+ Xn  Xp-1+ X1

Ap dung haldﬁng thitc Cdisi cho 750 duong ta ¢ :

M+ P=(m ””]+[’Q+x'j +...+(_X"”"' l)

X+ x4 X2+ Xn

(XTI T X2)( X2 F X3) .. (An T A1)

(Xp-1+21) 4

(Xn+ x2)(x1 + x3) ...

Xp—1 + Xl
Xn-1

An+ A2 Xj+x3 Xn-1+ X|

N AT XX F A1) . (Xa T Xp—1)

(Xp+ X2)(X1 + X3) ... (X1 + X1)
M+P:(Xl+ﬂj+(m+xi.\l1_ ( Xy + X) \]
Xn+ X7 N X+ a/ e S

N XL XIRAL T X% .. (Xn + Xar 1)

(X + )1+ 23) ... (Ko-1 + A1)
Cong timg ve cia hai bit ding thitc vilm § P+ Q=n.
ta duoc

n
M+ P+Qz20

X T )+ ).
(Xﬂ+ XB)(XI oF X}) {A’ﬂ—l +X]_)

(Xn T X1

Suyra:
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Mz{}[.'l 0T+ X+ x3) .. (g + A1) _]

A (X0 + x2)(x1 + 33) ... (Xp=1 + X
Bing thirc xdy ra khi vi chikhi xp=x3= ... = 4.
Nhén xét : 1) Hiu hét cic ban déu chimg minh ding.

Nhiéu ban xét ;

e et N ) l
As(—"—+ )+ =L
Int+xz 2 “X1+x 2
X 1
e
e v [
_tx)+(x+x) (R+n)+(x+x)

2(x1 + x3)
i (X1 + Xn) + (xn+ X1)

2(x2 + xp)

: i 2(Xp-1 + X1)
Ap dung bit ding thire Cosi cho cic clip s6 duong ta cé:

A

X2+ Xy Xl +x3

I :
V(Xp—| + Xn)(Xn + X1)
+ =B
An=1 + X|

Cudi cling, 4p dung bilt ding thic Cosi cho n s duong
88 ¢ :
X+ 0)(x2+x) ... (X +
B [V(I D(x2+x3) ... (Ko + x1)
(JQ e Xn)(XI RE .ﬂ] {:Xn..] e Xl:l

I et i S 3
DoA=M+ , nen tir do suy ra diéu phai chimg minh.

2) Cic han ¢6 1o gidi 10t hon 13 2 D6 Hing Quin, 8As,
Chuyen Viet Tri (Phi Tho) : Neuyen Phong Thicn, Liomg Vit
Ciromg, 9A, Hong Bang va Tran Vin Ha, 9Da, Lac Vien (Hai Phong) ;
Ding Hodi Thu, 9 Toan, Chuyén Thi xa va Hoang Thily Giang, 9A,
Chuyen Quynh phu (Thai Binh) ; Hodng Minh Phiic, 9B, Nghi Lién,
Nehi Loc (Nghe Anj : Nzuyen Thy Nga, 9K, L& Lon, Ha Dong (Hia
Tay): Liomg Thé Nhin, 8A, Chuyén Bae Licu (Bac Licu) ; Neuyén
Quang Thi, L& Quy Dén (Dé Niing) ; Lir Bon Vinh, OA, Chanh Hung,
Quiin 8 (TP His Chi Minh) - Vi Vigt T, 9 Toan, Chuyen Hai Hiu va
Newyén Trong Kicn, 9T, Tran Pang Ninh (Nam Binh) : Nouyén
Hoang Quan, T>, Nguyen Binh Khiem (Vinh Long) : Hodng Thanh
Lim, 9T, Thoai Ngoe Hau, Long Xuyén (An Giang) ; Trin Tudn Anh,
9 Toan. L& Quy Dan (Khanh Hoa) : L& Chi Hung, UT, Lam Som

(Thanh Héa) : Neuyén Thy Minh Thoa, 9C, Ngoc Lam, GiaLim(Ha

N&i) : Ting Thi Ha Yén, Neuyén Thiy Trang, 8 Toin, Neuyen D,
Buqn Ma Thudt (Pak Lak) : Ding Thy To Nfur, 9T, Hai Dinh, Ding
Hdi (Quéng Binh) : Tran Vinh Trung, %, L§ TuTrong, Tra Vinh (Tré
Vinh) : Huynh Céng Phnve, 91, Nguyén Tri Phuemg (Thiva Thién
Hue).

Ban nho i nhat ¢4 o1 giai 10t [a Nauyén Thu Trang, 6A, Chuyén
Vinh Tuimg (Vinh Phii). Ban ¢o e giai tot nhumg khong ghi dia chi
o Lo gidi I Vi Quy Live !

LE THONG NHAT

Bai T4/237;

GidsirAA’, BB', CC’ li cdc dwig phan gidc trong ciia
AABC. Goi L li giao diém cida AA' v B'C’, K 13 giao
dicm cia CC'viA'B’,

Chimg minh ridng BB' I3 phan gidc cia gic KBL,

£ V(X1 + x0)(x1 + ) - V0 + )X+ 1) i

Livi giadi :

Ké KK\ /f LL\ #{ BB’
Theo dinh It Talet ta
o :

BKy FK ) KiKk A'K
= v, =
BA BA BB AR

BKl FBK BA :
Sl R s (1)
KK AK BB
SRR R ;
Mt khic i (2)
AK CA
TE(1)vi (2) ta o BKl (B BA )
r LU it B BT e el Pt e :
4 KK~ CA BB
Xét AABCvii AA”, BB'1a phin gidc ta c6 :
HA' Sl g e b
f‘:'_‘:_: — e i {4]
€A AC B a+c
3 . BRL g o]
T vy ——=———
KK, a+c BB
< BLi: a1l
DO [ o= =
LLy a+cBE
L BK| BL;
Nén e (3)
KK LLj ;;}
Ta lai 6 }m= 1807 - f{/KEEiSU“ s
——— 0 —— o B
BLIL=180"- LLiA= 180" — =
Suyra BK1K=RBL|L ()

Tir@%fl (6) tacd ABK1 K~ ABL|L.
Suy rd LBL| :m
Viy BB li phin gidc goc KBL

Nhiin xét . Giai tot bai nay cd cac ban ; :

Quéing Ninh : D& Quang Khinh, 6A2 Trong diém Usng Bi, Hai
Phong : Neuyen Phong Thién, 9A1 Hong Bing, Vi Anh Ding, 9T1
Tran Phit : Vinh Phic : Nguyén Trung Lip, Do Vin Tuan, Nguyen
Dire Hai, 9B Chuyén Yén Lac, ¥ Vin Phong ; 9A Chuyén Viah
Tuimg ; Hoa Binh : Do Thi Thu Ha, YA, Hiru Nghj ; Bac Ninh : Pham
Vict Khoa, 9 Todn, Tién Son, Nzuyen Ding Qu, A, NK Thuin
Thanh, Nguyén Thé Thiy, 7A NK Gia Luong ; Ha Tay : D3 Thanh
Hin, 7A Toan Thuomg Tin, L Tign Die, 8B Chuyén Vin Toan, img
Hoa : Ha Ngi : Vi Dinh Hoang 9A3 Giang Va ; Do Quang Anh, 91
Quang Trung : Nam Binh : Nguyen Cong Tuan, Neuyen Khanh An,
&1 Tran Dang Ninh, Tran Ditc Hiu, 8T Han Thuyén, Vit Xuan Diing,
9, Giao Tien, Neuyén Dir Kien, 94, Bach Long : Thanh Hoa : L
Manh Thiy, 7A Hoang Hia, Trinh Lé Hing, Tremg Minh Tuan, 9T
Lam Som, Mai Thi Thu Hi, L& Thi Minh Tam, Trinh Th Ilj‘En. BTN
NK Bim Sem, Luu P Thi, Nguyen Thi Hong, 7A NK Hodne Héa,
Trinh Hong Nam, 9B THCS NK TP ; Nghé An : Ha Vin Dat, YTA
Phan Bgi Chau, Hoang Minh Phiic, 9B Nghi Lién, Nehi Lac ; Ha
Tinh : Nguyén Viet Cuomg, 9T2 NK , Thira Thién - Hué : Huynh Céng
Phunie, 91 Newyén Tri Phuong, Binh Binh : Phan Thanh Gidn, 8A Hoa
Thiing, Tuy Phinsc. Khanh Héa : Tran Tuan Anh, 9T L& Quy Dén,
Nha Trang ; P Lac : Nguyén Tuin Anh, Nguyén Du, Buon Mg
Thudt ; Binh Duong : Nguyen Tien Hing 9T1 PTTH Chuyén Hing
Vuomg, Thi Dau Mot, Pang Nai : V6 Hiu Danh, 8T Neuyén Binh
Khiém, Bién Hoa, Ba Ria - Viing Tau: Bui Chinh Quang, 8T Chuyén
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L& Quy Dén, Nguyén Ngoc An Phuong, 8T NK Cai Lay Bac Lizu Tran
Anh Khoa, 8A Chuyén.

Vi KM THUTY

Bai T5/237. Cho tam gidc ABC cd gic B bing 30°.
Dimg phia ngoai tam giac ACD.

Chitng minh ring : B = AR +BC.

Lo giai, Trén nira mit
phing by BC khong
chira diém A dyng tam
aific déu BCE. Xé1 phé
quay tam C gdc quay 60
nguoe chiéu kim dong e
hé (hinh v€) bien :E— A <7
B.A—D,dodd EA— A
BD, suy ra BD = AE. N
Mit khic, *ABE = 3
‘ABC +ACBE=30"+ ey
60°=90° gén AABE vugng dinh Bvi taco BD" = AE" =
AB“+BE =AB =B(C". ]

Nhan xét. C6 347 bai giai, tt ¢i deu giai ding. Cac ban giai theo
phirong phip quay thuong trinh bay thicu chit ché hojc gid chit che
nhumg dii dong. Cac ban gidi bing cach chimg minh tam gidc bing
nhau thi thicu céc trimg hop gée ABC Im hon hojic bing 120°.

Lo gidi tot gom ¢6 : -

Hii Nii : N*,uyén Neoc Giang (8" THCS Tnmg Vuong), Nguyén
Pirc Tien (9% PTCS Chu Vin An), L& Cuimg (9M PTDL Marie
Curie), Nguyen Hoang Minh (8C Ha Ngi - Amsterdam). Nguyen Thi
Minh Thea (9C THCS Ngoc Lim Gia Lam). Hai Phong : Pham Pirc
Higp, Vi, Thity Linh (7T Chu Vin An), Nguyen Phong Thign (9A1
THCS Hang Bang). Bac Liéu : Tran Anh Khoa, Tran The Minh (8A
PTTH Chuyén). Pée Lac : Ding Trung Thinh, Luong Thi Thanh
Minh (8 Todn Chuyén Nguyén Du). Béc Ninh : Trwong thi Thao,
Nguyén Mai Anh, Pham Viét Khoa (9 Toan Ning Khigu Tign Som),
Nguyén thi Hio (10A1 PTTH Ly Thai Ta, Tiéen Son). Tp Ha Chi
Minh : Neuyén thi Thanh Thién (9T1 Nguyen An Khuomg, huyén
Hode Mén). Nam Dinh : Neuyen Trong Kién (9T Tran Ding Ninh Tp
Nam Dinh), Nguyén Cong Tuan (8 Toan Tran Ding Ninh Tp Nam
Dinh), Neuyen Tuan Anh (9 Chuyen Toan ¥ Yén). Thanh Héa : Lai
"Thé Tai (7A Nang Khiéu Ha Trung), Vit Dire Nghiia (8A THCS Déng
Curong Tx Thanh Hoa). Nghe An : Nguyen Trinh Hiew (9T PTCS thi
tran Quan Hanh, huyén Nghi Léc), Nguyen Xuin Giao (9T PTTH
Phan Bji Chéuw), Ha Van Bat (9Ta PTTH Phan Bdi (‘hmx} Quéng
Binh : Ding thi To Nhu (THCS Ning khieu Hai Dinh Dong Hin).
Vinh Phii : Trin Hueng Xuin (7A1 Chuyén Mg Linh). Ninh Binh :
Dinh Hiru Toin (9 Toan Ning Khigu Trrong Han Sigu Tx Ninh Binh).
Hii Dwrong : L& thi Thu Trang (8T Ning Khigu). Son Téy : Doin
Phuong Thio Chuyén Tx Som Tay). Quéng Ngai : Pham Tuan Anh (8
Toan Chuyén L& Khict). Da Ning : Nguyen Quang Anh Tuan (9T5
PTCS L& Hong Phong). Vinh Long : Nguyen thi Ngoc Lan (8r.v
PTTH Chuyén Nguyen Binh Khiem).

DANG VIEN

Bai T6/237 : Cho diy s6 a1, &, a3,... thdamén - a = 1,
D=3, 1 =(0+2)an - (n+ Dan-| V02 2

Tim tdt ci cdc gid tri ctia n dé an 13 80 chinh phumg.

Lvi gidi (cia Pd Quang Duvmg, 10T THPH Hodng Viin
Thy - Hoa Binh)

1. Dé giai Bai d ra ta s€ gii: :

Bai todn khai quét : Cho s0 nguyén p > 2. Cho day so
a), &, &,... théa min ;

ar=1,m=3 ans1=(042)an- (0 + Dan-| Vo z 2,

Hiy tim tat ca cic gid trj cha dé an 12 lily thira p cia
mdtso ty nhién.

Lévi gidi : Vdi m6i 0= 2, dit by = an - an-1. Khi d0, ti
cong thitc xac dinh ddy (an}. tas€ c0: bn=n.bn-1 V2 3.
Suyraby=n!Va=3. Keéthopvdi = -a1=3-1=2!
taduge bn= ! =2, Do do, voiméi n=2taco

n

a n
an=Z(ak*ak_y)+al=2bk+l=2k!
k=2

k=2 k=1
n

Kéthqpv@im:l:l!mduqta,:z,fcl Vaz1.(1)

=1

* Xét p=2. Khi d6,do tir (1) tacé an =3 (mod 10) Vn
>Snénsuyraa#a ¥ae N, ¥n25(vicicso chinh
phuong chi cd the tin cling b 1,4, 5,6,9).

Vi n=1,2,3,4, bing cich thir trye tiep, ta thay an 1
50 chinh phwong khi viichikhin=1,2=3.

* Xét p>2. Khi d6,do an =0 (mod 3) V=2 (suy ratir
(1)) nén didukién cin d¢ 3a e Nsaocho an=4 1 &y =0
(mod 27) hodc ap = 1. Tt (1) tacé & > 1 ¥n 2, vd

n

ah = a8 + 2.‘: ! ¥n=9.Suyragy=ag(mod27)Vn

k=9
>9.Mi ag=46233=1 (mod 27) nén = | (mod27)¥a
= }Nhu viy, V> 8 déu khong ton tai 2 € N sa0 cho an

V6i 1 <n<7, bling cich thir try tiép ta théy chi cd duy
nhat gid trj n= 113 gid tri can tim.

2. Bii 0 ra i trwomg hop dic biét cia Bai todn khii
quat, khi p=2. Theo d6, tat ci cdc gid tri o thoa mén yéu
ciuctiabiitodndirald: n=1van=3.

Nhén xét. Toa soan nhiin due 13i gidi clia 195 ban. Trong s0.dd
¢+ 97 ban cho L gidi t5t ; 87 ban cho Lo gidi khing hoan chinh do
dE sot giate n= 1 ; 11 ban cho 1o gidi sai do da xét sai so hang tong
qquat clia day {m}.

NGUYEN KHAC MINH

Bai T7/237 : Chimg minh ring Vi, &,..., @ >0 vd
/X1, X2,.... Xn € R tacd bit dang thirc sau ;

1
—1(x1+xg+,,,+xn)2£

=
3?+l aﬂHl ﬁ, )& x;‘),
= (S_El+...+ 5—3:1)(3_1"+-3E?+m+ a%)

VmneN;maz2viS=a+a+. +a
Lovi gidi (ctia nhiéy ban) : Khing mat tong quat, gid su
A=@m=.. = Khidd,dog>0Vi=LnvimeNta
ch:
aAzdz.za : (0
a i
va: A2 2 @)
: - B S — an
Ap dung bit ding thirc Trébusep cho hai diy khong
ting (1) va (2), tadwoc

https://tieulun.hopto.org
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@+ &+ . vﬁ(

Tiu+1 fgﬁll
)

(3)

S—a

1
x(s_31+

Nén tir (3) tacd

S—ap

(4)

J

i §— dl S_ £ S— dn
Ap dung bit (ting thitc Bunhiacopxki cho hai bo sb
Xl A2 An )

vi (Naf*, ﬂ@] ta duoe ;

3
X x e
(—+-' +..‘+—n)(&ﬁ"+a§1+.+.+£]‘,l2
T &
2 (n+xn+..+ xﬂ)
Xl + x:+ .+ Xn)~ X%
(m n} <=4 = = (5)
+d .+ A & an
Do cac,vé cia (4) va (5) déu 1a cac s dwong nén nhin
ve theo vé hai bit diing thic cling chiéu (4) va (5) ta duge :

Suyra

(o= 13" :
.H?IH am+l /‘% {& r\'r21
e j(—+—+...+—)
85— a1 S s gt g 4
Diu "=" & bit ding thirc trén xiy ra < diu "=" xdy ra
abng thiri & (4) va (5) e 4 11~ 2T T
Xl=i'2'=--.=l'n
Nhan xét :

1. Tna soan nhin dwoc Lai gl.-u ciia 240 ban. Tat ci cic ban d’éu chu
Lai glan ding. Khong it ban quén khong xét dicu kién xdy ra diu "=
@ bt can chimg minh.

2 Molsohan ci nhiin xét ding, r:mgchcu kign "me N, mz2"&
cho trong dé bai 13 qua manh. Dizu kien dé c6 thé duoc thay lhe, hiri
ditu kign : m> 0.

3. Mt 56 ban dé nu ra va gii quyét diing mét s Bai toan khai quat
tir Bai dara.

NGUYEN KHAC MINH

ﬂz n
)_n e e

Bai T8/237. Tim phan nguyén ciia s0 S xdc dinh boi
in 42 in n
té‘-—+r 21 e
El maee

Gidi. (cna da 84 cic ban). Sir dung cong thife 1 + [gzo',

|
e yladwoe
cos oL
2 2
5+2=(1 + tg —) + [1 + tgz—) =
21
R Suy ra
43m 42n
o8 08
7 7
1
S+2+ 11-:: 17} I +—'-n_{*}
cos* cos™ n:mfUF cos*
: T 7 7
Goi vé phii clia (*) 1a A, Ta chimg minh A =416.
e e S i . )
DE thiy ? ; ? thoa min phiremg trinh cos™4x =
cos 3x . p 5
(<> (cos“x- 1) (64 cos x- 80 cos x+24 cos™x-1)=0)
Suyra

= COS2E ; . = C{]ﬂzz_n CDSzEE
Yi= 7" Y2 =C08 7" ya= 7
la ba nghiém quin hlgt ctia phwong trinh
641 - 80 +241- 1 =0 (**)

Ap dung dinh 1i Viet ddi voi (**), ta durge

5 3
Yit+yz2+y3 =;, Yiyz+y2yz +yiyi =§;

|
DY =i
yiyvy. 64
Do viy: :
B e yiy? +viyd + vt i

e ey

i (ny+yn+ J",‘!)’|)2 —2nnnn +n+n) 5

: (nypn)
=416
S 1
Thé vio (¥), ta duge : $ =414 — — .
(:Cl34E
=
1 1 |
Milf-l)—'?}_j ;ﬁ>-2
cos CO8
i 6
Doviy  [S]=412

Nhiin xét, Coin co rat nhiéu cic dang khac dya trén cic ding thire
Iurmg giac de dun ve xet phuong trinh bic 3 v he thire Viet lién quan
dén cac rlghlem ciia chiing. Ngoai ra, con ¢ ban sudlmg may tinh d¢
tinh phnn nguyén cua‘: tuy nhign thudt toan tinh géin ditng clia cicban
i khéng dem lni ket qua u:I1r|1g

Céc ban sau diy ¢ I gii 101,
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Ha Nii : Pham Quang Vinh, , Neuyén Manh Ha, Nguyén S§ Phong,
'\guym Dite Marh, Phan Tuan Sen, L& Tuan Anh, Neuyen 1'\.'Imh
Cang. TP Ho Chi Minh : L& {gu:lng Nam, Neuye en L2 Lu. Ten
Giang : Chiu Cong Picn, Nguyen Bao Dicn. Pa Ning : Ngo Qum..
Tuin, Nguyén Tuan Phong, f\g,uycn Ngoe Hai. Lam Dong : Nguyén
Tién Hang, Phan Thanh Hai, Hai Phong : Péng Thanh Ting, Nguyen
Trong Nghia, Ding Anh Tuin, Pham Duong Hiéu, Doin Théi Son,
Doin Manh Ha Tn_nmg Duy Lon. Thanh Héa: L Duy Dizn, Nguyen
Khuyen Lin, Ngu\fun Vin Quang, Nguyén Huiomg, L& Viét Hing, Le
Vin Phuong, Le Xuin Trung. Hﬂl Giang : Vit Duy Tuan, Neuyén
Tien Manh. Hai Dwomg : Nguyen Ding. Vi Vin Tam. Nghé An:
Hoang Thanh Phiic, Dang Dix Hanh, Ho Sy Neoe, Ngo Anh Tuin,
Nauyen Dirc Trung, Trin Hiru Ti. Phii Tho : Nzuyen Huy Cuome,
Nguyen Kim So. Théi Nguyén : L& Quang Huy, Vinh Phic : Tran
Thanh Tim. Qudng Binh : Truong Vinh Lin, Trin Ditc Thuan. Tra
Vinh : Trin Huynh Thé Khanh. Bén Tre : Nguyen Phiomg Nhur. Dée
Liic : Vii Hai Dang.

NGUYEN VAN MAU

Bai T9/237. Ky hicu ma, mp, me 14 06 dii cic dimg
frung tuyén tmg vifi caccanh a, b. ¢ cia mot tam gidc ABC.
Clntng minfi ring
Pl DU e h (I
m; Mmp - Me
oMo M Me 1\{_
b e e e ()
a i) g
Livi glal (cia Vil Viét Toan, icrpg Todn, Hai Hau, Nam
Pinh vi nhiéu ban khac) Sirdung cdng thire dwdmg trung
tuyén, tacd :

4;;}1-2{h2+c‘) a -2{;12 B+ cz) 32’
hay 1 ; {2;:13) + (a‘ur} -2{12+b +c2]
Ap dung B.D.T Cdsi cho hai 80 duong 2m, va :Nr ta
e

Z(Zm,g.;ﬂﬁ} < 4m§ + 3P= 2(;;'E g c‘ZJ.

hay la:
a%{£+§+é
= =
"
. 243
me 2 4 + B+ ¢ (i)
m = 2y (i)
L A
Dodo:

- Tir(i) vi hai B.D.T twong t, 1a thu deJCB.H,T(l)cﬁn
tim

DEYdingd(md + m + mY=3(a +b +c‘2} tir (i)
vithai B.D.T twomg t, ta thu duge B.D. T{E)can tim.

Diu ding thirc & ¢ hai B.D.T trén xay ra khi va chikhi,

dong thivi taco :
[4m§ = 332
My My e VE t
T P etk = 3
e et ) <
dnte = 3;.'2

f

fid=y

it ;ﬁ@azzbE:c?'@a:b:cc:-
) X 2
a+ 0 =

< AABC [ déu
Nhén xét. | *) Kha dong céc by tham gia gii bi toin trén va cho

lin gmdung {coton 149 ba glm ol dén tha soan). ‘qua] ban Vi Viét

Toan, cic ban sau diy c6 |6 gidi 15t hom ca @ 161 gidl ngdn gon v chi
ra cy thé khi nio xiy ra dau dang thirc.

Ha Néi : Nguven Manh Ha, Neuyén Hong Dung, Tran Thi Lé,
FTCTT, DHKHTN BHOQG Ha Nai, Pham Anh Thii 114, PTDL
Lwong Thé Vinh. Bac Giang : Dao Ngoc Minh, 9T, NK Yén Ding :
Neuyen Tién Manh, THPT NK Ngd SiLién. Humg Yén ; Nouyén Van
Sing, 11A Yén \"Iy, My Vin : Vinh Phic : L¢ Thé Thanh, 118,
chuyén Vinh Twimg ; Phi Tho : Vi Manh Himg, 11B, chuyén Hung
Viemg, Viét Tri. Hoa Binh : D6 Quang Duomg, 10T, Hodng Van Thu:
Hai Phong : Poan Thai Sem, 10T PFTTHNK” ['riin Phit : Thanh Héa :
Vit Dirc Nghia, 8A THCS Dong Cuong, Trirmg Mink Tuan, 9T. 1.
Dirc Han, 10T, Neuyén Khuyen Lan, 10T, PTTH Lam Son : Cao Xuin
Sinh, 10 Aj, THCR Ba Dinh, Nga Son . Ngh# An : Neuyen Dinh
Cudn, EJTmnA Ha.rm D Hanh, 11T : Thira Thién - Hué : Huynh
Ciing Phnre, 9" Neuyén Tri Phuomg ; P Néng : Doan Xuin Binh,

11As, Nzuyén Hoing Thinh, J[]M Lé Quj Dén ; Lam Dong :
Tromg Ank Tuan, 11T, Phan Thanh Hai, 12T, PTTH Chuyén Thing
Long, Da Lat ; Ben Tre : Neuyén Phinmg Nar, 11A;, PTTH CB
Nguyen Dinh Chicu. Tien Giang : Nzuyén Bao Picn, 11 Anh, Chiu
Cdng Dién 12T, PTTH chuyén TG. Quing Binh Tran Hi Lirc,
Il[ I PTTH Ning khitu Dang Ha.

2 ) Ngodi ra cic han sau ddy da chi ra mot cach khii
quit hda bii todn trén v cho chimg minh ding hai B.D.T
sau ddy (Biitodn cuatatma véin=1):

a2 han *an 7 ~n
(2 + () + (23 (5
\ m; \ me Ly

(=

Pola: J“vguym Hong Dung, Trn thi Lé Pham Anh
Thai, Nguyén Vin ‘ng Vi P Nghia, Lé Pirc Hin.
Ny rrzrsryen Pinh Qu&n vd Nguyén Manh Ha.

¥) Lo gidi cda nhigu ban con dai dong, ehua gon.
Thiéu sotchil yeu Lua da uf: 10 piidi van 13 chira chi ra mt
cdichcu thé khindo xiy ra diu ding thire hode gid ngdnhin
mdt cich trye gla{, khéng cO chimg minh can Lhm

4°%) Mot so it ban chimg minh my < R +R cmA =

1A
2Reos™= : vi sir dung dinh Ii him sin, suy ra B.D.T - X

Mgz
A
?.th vi hai BT tuong (.
Sau 46 sirdung hé thire luong giz’nc

A B A
e+ et +fr“r =1 {% AABC
21-2 é’g £ SE )
vil tir dd, vi;

A B ( 2
b= = L. i - B = 1
=3 (tg‘{rgri b ra?sz - Fj.zfgg) :

sé thu dwoe B.D.T (1) can tim.
NGUYEN DANG PHAT
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- Bai T10/237. Goi G la
trong tam mdt doi dign voi 4
dmh A; cia mot tr dién
AjAZAAL M 1i mit M
diém bt ki trong khong _
gian va goiMi Ia diém doi L5 RS
ximg cia M qua G ° Ry g
Chimg minh ring cic N Ry
dmiﬂg Eh&ﬁg a"‘lrlwf ({f =i \g'i-‘/’j,’a *gx\i)ﬂ;-'
2. 3. 4) dong quy tai mot L B
diém. (%
Loi giai 1.
phip tong h(n'p)
Goi /le 1 rung diém canh AgA; ; thé thi, theo cach xdc
dinh trong tim cda tam gide, tachd ;-

s
(Phuong H;

MG _AaG_1__GG 1
AuAi AuAi 3 AG ¥
hay la:
S o i
GG = —'—Aj.!li Vi) (1)

Mitkhac, theo "Ialhiellhl (i G ladwomg trung binh cia
tam pidc MM MM]M, vido do:

MM, =2GiG (Vi) (2)
Tir (1) v (2) suyra
MiM; = “%Aiﬂj; (3)

N 2
(3) Chimg to ring : MM, TJ«:% AiAj va ur gidc
AiZjMiM; 13 mot hinh thang véi hai ddy 13 AiAj, MiM; v
: |

MiM; :";"Ai.’-‘lj. Bai vy, hai dudng chéo AiM;, AiM; cit
nhau tai inf}tdié'm Snio do, xic dinh b :

SMi_SMy_ 2

SA BA

Chimg minh trong ti, hon duimg tllang (ndi ddng ra la
hén doan thangj AiM; d6i mt cit nhau vi ba mot klmng
d(mg phing, vay chiing phal ﬂung quy. Diém dong quy §
cia ching tha moi doan MA; theo ti O

- (MiAi, .S}—— T

Sau day 1 hai 1 gidi khic.
Livi giai 2 {Vecw) Vi Gi va Gj theo thir tr 1i trong tim
ctia cic tam gidc AJAkAl vi AgAlAinéntaco

3()(5.‘ = ()‘Aj + fJAi; 1 OA]

— B
gl et M U Fl s aa T Ay,
303G = OAj + OA + OA
hay la:

iy

GQ == A idj )

ViGivaGila lrung ¢iém ciia cic doan thing MM; vi
MM nén tacd:

e
300G = OM + OM,

-  —
300 = OM+ OM,
A e o

Tir(4) vi (° )qu},fra MMI ~ — AjAj, hay la:

i+ M0,
- =
zﬁﬁmo 2200 1 30M: V0 (©
(6) chimg 16 ring : C6 mit mun S, chung cho ci hin
doan thing AiM; (i= 1,2, 3.4), xdc dinh béri -
?ﬁ%ﬁ.nm_s% i=1,23.4)(v0) (7)
Viy bon doan thing AiM; dungqu)m:mn itm §, xdc
dinh b héthuwuln{?] hay 1a: 284; + 388M, = O4(T)
Suyra: 284+ 3SMi =0, hay1a:

_ 2
(MAi, §)=- ,{

- =
(YO =2GG=MM: (Vi ji5)

€6 the chimg minh ring diém dong quy § thing hang
v hai diém Mva G, Vit vl l.r(T] (5) va (4) t [II,IUL
508 = zgﬁ,mo 2%’ +30206 -0
=-30) +20A.+2(0A1+(mk+mm—

= —30M+800.(Y0)
trong d(: G I3 trong tim tir dien AjA2A43A4. Cho O= M,
ta duge : SMS = 8MG,
- i
hay la: MS= ‘_‘ MG (8) -

Livi giai 3 (Rién hinh). Theo tinh chit trong tim cua ti

dién, néu goi (G 1a trong tim cua tir dién A) A2A3A4 thita
> Yo Lok : :

0 hé thire : GG = - ; (7A; ; cling ¢ nghia I :

1
Gi = Va3 (A); (9)

M3t khdc, theo gid thiét thi :
M= Wi (G): (10)

1
Tir(9) va (10) suy ra: M= V1. VG 3 (A)
Vidodo:
E.
MIMaMMs = Vit . VG 3 (A1AzAsAg)

Nhung :

(11)

| 2
Vir. Via= V53

(trong do Sthang hang voi Mva G).
Bdi vy, bon dnming thiing AiM; nlong quy o tdmvitr S

1
cla phép vitr Vs 3 tim S, ti s6 — ;z 2% ( "T) hién
tir dién A1 A2A3A4 thinh t dién MiMaMaM;y.

Nhén xét. 1) Kh dong cac ban tham gia gidi bai toin trén, cb
toi [24 bai gial gini den toa soan : mt s6 ban dwara ci hai 1i giai(vécto
vi ién hinh).

2%} Céic ban sau diy cé Ioi gidi 6t - hode ¢ 16d gidi ngdn gon, hodc
di khai quit hoa bai toan theo mit trong che hiimg sau :

- Thay thé 4 diém bing mot he ndiem iy ¥ (n=4)
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- Thay dicm M, déi ximg vii diem Mqua G, cling ti [a vi ty vin
(i trong phép vi tur Vi1 tam M. 1 s6 2 béi ditm M B vitr clia G rong
phép vitr Wiy tam M, 16 85 k tity §. : :

Ha nii : Nzuyén Manh Ha, 10A ; Phan Tuan Son 10A, DHKHTN ;
Lé Quang Ton, 10A1, Yen Hoa; Tnmmg Thign Dai, 11A, Nguyen
Triii ; Duomg Vigt Hing | 1A, Vanngi Déng Anb. Bac giang : Vit Duy
Tuan 114, Neb 81 Lien ; Neuyén Ngoc Son [2A, PTTH Yén Dang 1.
Thanh Haa : Nguyen Vin Quang 10T, Pham Nhu Ngoe 11T, Lam
Som ; Hin Vin Thing 12As Dao Duy Tir, Nghé An : Neuyen Tién
Trung, 10A, DHSP Vinh ; Bing Pire Hanh, 11T, Phan Boi Chiw.

NGUYEN DANG PHAT

Bai L1237, Cho cor
hé nhur hinh ve.

Ban diu mz dwye giir 8
¢d dinh ¢ dd cao h so /*3
vdi mdt gat, Sau do tha 77 / |L
cho hé thong chuyén |2y
ding khong vian foc / ‘
ban ddu, mj tngt Ién 7, e
mdt phing nghiéng voi 4 i
hé sd masatk. |

a) Tinh vin toc v cia
mz khi ng sdp cham dit 5 !

b) Tinh st cing T cia soi diy. Khoi lomg cita ddy nof
vi rong roc khong dang ke. -

Huong dén giai. ) Muon cho m di xudng, phiii ¢d P2
> Pix + Fmsmax (Pix 12 hinh chiéu cua P, 1én mit phing
nghiéng), suy ra mg > mygsine + kmjgeosa hay m >
my(sinct + keose). Nhu s cham dit thi mp di duge doan
b, con m duoc ning 1én dwge mdt do cao by = Isino. Xeét
h ¢ 1p gom hai vit mj va m2; chon goc the ndng tai mit
dat, ip dung dinh ludt bo toan ning lrong :

M=)
(__;_} = angh — mygisine. — mygkicosa,
suy ra
2
V= \/_g#i_ [m — m(sine. + kcosad)]
i +1an

voi o - mysine - mkcosgl > 4. g f
b} Boi vai vt m taco: T+ N+ P= Fns= 4
—  T-mgsino - i gkeoso = m)a (1)
D6i v viitam ta cd, .
=y
+ Py =ma— mg- T=ma 2)
o(m — mykcoso. — msina)

T (lyva(2)suyraa=
mi + m

: miomn :
Vi T=m(g—-4d) =—— g(1 + sinot + kcosa)
omim |
Laru §. Ca the gidi ) bing phuong phip ddng hoc
nhur & ciu b) vii v= V2ah. :
Nhin xét, Cicem ¢d i gidi diy di vading : Lé Tir Duy Phong,
100A1, PTTH chuyén Le Quy Ddn, Pa Nang ; Diong Lé Nam, 10Ty,
PTTH Niing khicu, Dong Hi, Quang Binh ; Lé Tian The Duy. 111,
chuyén L& Khiét, Quéng Ngai ; Bur Quang Himg 10A, PTTH Hugnh
Thilc Khang, Vinh (Nghé An) ; Nzuyén Van Tin, 10 Tin, PTTH L2
Viet Thuit, Vinh Nghg An ; Neuyen Ding Trung, 10As, chuyén Yén
Bai, Yén Bai ; Tran Negoc Hién, 10 Toan Ii, chuyén Phan Bi Chiiu,

Vinh, Nghé An ; Nenyén Nzghia Lam, 10A CT, PHSP Vinh; Lo Vi
Manh, 10A2, THCB BaBinh ; Nguyén Quoc Khanh, 10A, chuyén L:
Qui Dén, Da Niing ; Pham Vin Tip, 10C:, PTTH Vinh Bao, Hai
Phong ; Lé Pic Thinh, 12A, PTTH Quang Xwong [1L, Thanh Héa ;
Vii Xudn Vinh, 11A1, PTTH Hong Quang, Hai Duong ; L& Thi Hong
Anh, 10A;, PTTH Huynh Thiic Khang, Vinh, Ngh¢ An : Neuyén
Trung Diing:, 9 L7, Tran Ding Ninh Nam Binh.

] MAI ANH
Bai 1.2/237. Cho mach
dign nhir hinh vé.
Ry=14r;Ra=4r; 5 3
R3=18r; Ka=9r, y afd
Ra=r Biquadigntry [ ——T
diy ndi va khoa K. e e
Khi K déng Rscicong A [~ &
sudl tiéu thy cure dai va it i
chi 2A. Xdc dinh so chi - “L s
khi K ma. @) —{I..—-”

Hwing din gidi. Khi
K dng, mach ngodi ¢o
sodo
{(Rsnt Ra) i/ [Rant(Ra// Rs]} nt Ry
Khi 46 R 10 Rs +1) [ 7
hes o Rs+1lr' RaB+Ri+r
UnB 2E y ]
= . Cong sudt tiéu
Rs+Ra S(Rs+7r
thy trén Rs 12 P= I . Rs, né dat cuc dai khi Rs=7r.

2E 5 :
Tirdo Ia= E Theo dé bii I = 2, suy ra E=T0r. Khi
r

vi dong

qua ampe kéIa=

K'mé, mach ngodi ¢d sodd :
Rynt Rynt [R2// (Rg nt Rs nt Ra)).

68 5
Khi dd Rac = i r va dong dign mach chinh

; E _ 1470

CRac+RI+R3 +r\_ 761
Dong dién qua hiy gitrbing :

U 280 0374

i
: Rs+Ra+ Ry 760

(A)

Nhin xét. Cic em ¢é 161 gidi ding va gon : Cng Quang Thii,
11A}, PTTH L2 Quy Dén, Long An ; Tran Nam Diing 11CT PTTH
Phan B§i Chau, Vinh, Nght An : Neuyén Tnmg Diing 9 L, truimg
Trin Ding Ninh, Nam Dinh, Neayén Van Thi, 11A, PTTHLE Quy
Pén, TX Tan An, Long An ; Tran Huynh Thé Khanh, 124, PTTH
Pham Théi Butmg, TX Tré Vinh ; Tran Thi Nzoc Bich, 9A Ning
khiéu Quynh Lint, Nghé An ; Vi Ky Nam 9 Li, chuyén Neuyen Du,
Budn Ma Thudt ; Ngd Vin Min, 11CT, DHTH Hue, Ly Minh Hicu,
11A;, PTTH Bic Kien Xuomg, Thai Binh ; A0 Giao Ticn, 9F, PTTH
Lam Son, Thanh Héa ;, Pham Quoc Hing 9A, THCS chuyén Neuyén
Hién, Dign Ban, Quang Nam ; Bii Vin Thanh, 11As5, PTTH chuyen
Yen Bai: Neuyen Nghia Lam, 10A, CT, DHSP Vinh; Bam Hi Thu,
11 Li, chuyén Luong Vin Chanh, Tuy Haa, Phii Yén ; Tran Hini Ly,
11 CT, PTTH Ning Khiéu Dang Hin Quéng Binh ;

MAI ANH
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CACLOPTHCS

Bai T1/241 : Chimg minh riing véi
c>0

{&+C)2 < iBerc lac
thi phuomg trinh ax” + bx + ¢=0 ludn ¢d nghigm.

TRAN HONG SON
{Thér Binh)

Bai TZJ?A h(;h(;} g%c} % y' 05> 0 thoa min ;

Tim gid m 16n nhat cia bléu thitc F= x* + y2 + 7
PO THANH HAN
(Minh Hii)
Bai T3/241: Cho p, g, rla ba 50 nguyén t6 16 hom 3
Ch}mg minh phuung trinh hai n x, ysaudiy:9x-2y-p
-g -1 =01udn cd nghiém tr nhién, :
NGUYEN HAO LIEU
{Thira Thién - Hug)
Bai T4/241 : Cho nira dudmg tron (O), duomg kinh AB
v mot diem Cnim giira A, B. Ti mit diém M trén nifa.
duong tron ké [Iu'crng thing vudng g6c Vi MCedtedc tiép
tuyen tai A v Beia (0) tai cic digm twong mg E, F. Tim
vi tri clia diém M sao cho chu vi tir gidc AEFB dat gid tri
nhé nhit.
NGUYEN THE THIEP
{Thanh Héa)

Bai T5/241 : Cho tam gidc ABC, M1 trung diém canh
BC.Chimgminhring néurn alabankmhcacduangtmn
nmuépcictmnmactmmwngfm( ABM, ACMthi:

e b 2
o s e
T (r zsj
(voi BC=a).

NGUYEN BE
(Hii Phong)
CAC LOP THPT
Bai T6/241 : Cho day sd { i) duoc xéc dinh béi :

b|:l;bn+l=il;(bn+ \fhlﬁi )

voiVaz 1.
Chimg minh ring | bn } 12 ddy héi tu vi hiy tim lim by,
n—»+00
HO QUANG VINH
(Ngh¢ An)

Bai T7/241 : Tim cdic s0 nguyén 3 x, y thda min
phueng trinh :

[N+ 2]+ + [ NE-1]1=¥

Trong d6 k§ hiéu [] i philn nguyén ciia a
TRAN DUY HINH
{Binh {)inh)

Bai T8/241:Cho x1, x2, .., %n 18 188 thue thude [0 1),

Chimg minh riing :
n
[Z]bxl(l—xz]+xz(l—n)+ +

+ Xp—1(1 = xp) + xe(1 — x1)
TRAN NAM DUNG
(TP. Ho Chi Minty)

Bai T9/241 : Chimg minh ring : trong moi tam gidc
nhon ABCta cd
sinAsinB + sinBsinC+ sin(SinA =
= (l+ N'EC{JSAC{J:SBCUSC)Z
* TRAN XUAN DANG
{Nam Dinh)
Bai T10/241 : Gi sit M, N, Pl ba diém theo thit tr Iy
trén LaL canh SA, SB, SCcua tirdién SABC. Goi 13 giao
diém ciia ba mit phiing (ABP) ; (CBM) va ( LAN] Jli
gla(: diém ciia ba mit phiing gMNL} NPA) vii (PMB).
Chimg minh ba diém S, I, Jthing hang va
Js M.S NS 5

S0 MANBPC

NGUYEN MINH HA
(Hé Noi),

’ 2 - -
CACDE VATLI
Bai L1/241 : Mot
tiu hoa gom nhigutoa
di lén doi nghiéng
mdt goc o khi chuyén
dong theo qudn tinh.
Khi ddan tiu hoan
tozm dimg lai, mjt
nira chiéu da: dodn tu nim & trén dm (nhur hinh v&). Thoi
gian tir lic thu bit diu di 12n doi aén liic dimg tiu 13 bao
nhiu ? Biét chiéu dai doan thula L va b3 Qua ma sat.

NGUYEN QUANG HOC
3 (3 Noi)
Bii L2/241 : Cho f{y f'@—‘
mot mach dign xony L \ [ ¢ ‘\
chitu RLC khong -1_—1—-’ $ ooy
phin nhdnh (hmhr L $ie
bén), trong dd cic @
vﬁnkEV[,VQ.Vwa ! g

V4 lan Twot chi cic
gid tri Uy, LF;, Us, Uy, Tﬁng trér clia mdi von ké coi 13 16n
vﬁ clin g vil wng try ¢dc diy din va dién trrhoat dong cua
cudn cam L coi 13 nho khong dang ké. Blétrﬁng fe>T5,
viri Zc 14 dung khing cla tu dién C va Z 13 cim khing
clia cudn cim .,

Chimg minh ring néu Ui=Thx 0 thi
U=t + U NGUYEN QUANG HAU
(Ha Nii)

i
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PROBLEMS IN THIS ISSUE

For lower secondary schools

T1/241.

Prove that if
fc =0

((a + ¢ < ab + bc - 2ac
then the equation ax* + bx + ¢ = 0 has a root.

T2/241. The numbers x, y, z = 0 satisfy the

condition
X997 4 1997 | 1997 _ 3

Find the greatest value of the expression
F=¥+ yZ +

T3/241. Let p. g. r be three prime numbers
greater than 3. Prove that the following
equation (with two unknowns X, ¥)

B —2yeptigt LA D
has potitive integer solution.

T4/241. Let be given a semi circle (O) withs
diameter AB and a point C on the segment
AB (C # A, B). The line passing through a
point M on the semicircle, perpendicular to the
line MC, cuts the tangents of (O) at A and B
respectively at E and F. Find the position of
M so that the perimeter of the quadrilateral
AEFB attains its least value.

T5/241. Let M be the midpoint of the side BC
of a triangle ABC. Prove that if r, r,, r, are
.respectively the radii of the incircles of the
triangles ABC. ABM, ACM, then.

l+1221+g
# I 2

For upper secondary schools

T6/241., The sequence of munbers {b,} is
defined by :

1 1 «,f he
b1=5,bnﬂ=5(bn+ fhun)vnzt

Prove that the sequence {bn} is convergent
and find its limit.

T7/241. Find the prime numbers x, y satisfying
the condition :

(M) + (3] + .+ NP - 1] =y,
where [a] denotes te greatest integer not
exceeding a.

T8/241. x,, X, , .... X, are n real numbers in
the segment [D 1] "Prove that

[g] ::x1(1 - X))+ X1 =x) + .. +
el B L P R

T9/241. F'rove that for every acute - angled
triangle ABC, We have
sinAsinB + sinB sinC + sinC sin A =

P I \|2
1 + N2 cosA cosB cosC

i
T10/241. Le M N, P be three points
respectively on the sides SA, SB, SC of a
tetrahedron SABC, | be the point of
intersection of the three planes (ABP). (CBM).
(CAN) and J be the point of intersection of
the three planes (MNC), (NPA), (PMB).
Prove that the three points S, /, Jare collinear
and that
JS mMs

NS
=1+
JI MA

NB

i
PC

HOP THU
Tap chi Todn hoc vi tudi wé da nhin duoe ¥ kien ve Dé bai vi Lad giai clia bai L1/232 ding
trong so 2/1997 cda ding P& Vin Toin. khoa Ly, Pai hoc sr pham Vinh (Nghé An).
Toa soan xin hoan nghénh va cam on ong P& Vin Toan da co nhimg gdp ¥ cu thé va chinh
xdc. Dap s6 dung ciia bai toan, nhurr éng D& Vin Todn da d& nghi, phai i T = 8,5N. Toa soan xin
thinh thit xin 181 ban doc vi mong cic ban tir kiem tra phép toan thay so dua trén bai giai ding

trén bao.

Ong DS Vin Toan cling da néu nhin xét rat ding 1a
bai, dinh Iudt bao toan va chuyen hoa ning lwong da by vi pham. Cu thé la :

7
myv,, n:sz
bl B

2

b
:F)u =

i
m '”Ta m
; >

=]

A
2

|
E-J|

. vai cac dir kién bing s cho trong dé
diang 1 phai co

, thi v&i cac dir kign biing s6 cho trong d& bai lai din tai bat ding thire nguoc lai

. Ban doc hiy tr ki€m tra dicu noi trén.

TH&TT
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KET QUA KiI THI

HOC SINH GIOI TOAN LOP 8 QUOC GIA

NAM HOC 1996 - 1997

Ki thi Qudc gia chon hoe sinh glt'u THPT nim hoc 1996

- 1997 duoc tién hanh vao cic ngay 14, 15 thing 3 nim
1977, trong d6 mén Todn 16p 9 duoe tién hinh thi vio
ngay 15 thing 3 nim 1997,

B¢ thi gﬁm ¢0 hai b dé (mdt dung cho bing A, mdt
dung cho hang B), moi b dé pom co 4 bii thi véi thei
Iucmg lam bai a 180 phit (khong ke thoi gian giao d de).

Ki thi chon hoc sinh gidi ndm hoc 1996 - 1997, sb don
vi tham gia dirthi va s thi sinh dl,l'lhl nhidu hom so v ciic
niim hoc trede, do cé mat sd tinh mdi dwge thanh lapcling
xin dang ki du thi.

("Jh'mv A gdm c6 30 dom vi tinh, thanh phd tham gia véi
tﬁng thi sinh | 12291.

(Ybing B gom c6 28 don vitinh, thanh phé tham gia véi
long[hl sinh 14241, Vi nhu vay sd thi sinh dyrthi mdn todn
9 pdm ¢d 532 em hoc sinh.

D thi mon Todn 9 (ké ci hai hang) dwoc chim theo
thang diém 2[)

Cic bii gidi nhit, giai nhi, gidi ba va gidi khuyén khich
dwoc plmn theo mu-c duém dal duroc cua thl sinh trong timg
bang vii qui dmhmng 50 gidi khong duge qua4[}” 80 lh'!
sinh dyr thi ctia moi bang th sinh dat gidi phii cd so diem
(i thicu ir trung binh trdr1én,

Sau diy la danh sich cic thi sinh duge gidi ;

BANGA

1) Gidi nf;r&f{ur 19 dén 20 dieém)

quycn Quang Bing (Hdi Dinmg)
Tran Cuong (Thai Bmh)
Nguyén Minh Hiéu (Béc Ninh)

2) Gidi nhi (tir 17 dén 18,5 diém)

Bai Viét Loc, Dé bic Nhit Quang, Neuyén Vil Thanh
Ting (HiNGi): Pham Thi Kiéu Dung, Biii e Giang (Ha
Tiv). Vi Tran Cucmn {(Nam Dinh);, Truomg Viét Hiing,
L& Huy Hoang ( Thanh Hoa) ; Trinh Qun{: Khanh{ Vinh

Phu} Neuyén Thi Thanh Hiing, Nguyén Danh Nam, Hin

Vin Son (Bie Giang) Duong Xuin Quang, Phung Vin
Thuy, Hoang Tung (Bic Ninh) ; Pham Hﬁng (Judn (Hai
Diremg); Trin Thi Dml‘.t ( Thai Binh); Mai Hong Chuong,
Dinh Hitu Todn (Ninh Binh) ; Tran Tudn Anh (Khdnh
Hoa): Nguyen Hai Nam [B{JH" Nai)

3, G ba(tr l'iden 16,5 d1em}

Trin Ky An, Nguyén Hoang Diing (Ha_Npi); Pham
Qu(:c Viét, Huynh Quang Thuan (T.P. Ho Chi Minh);
Hoang Cong Hop, Lé Thi Thu Huyén (Ha Tay); Trinh
Thanh Tung (Hdi Phong) . Nguyen Vin Trung, Pio
Hoang Anh (Nam Binh); Luing Hiru Tinh, Nguyén Tién
Hoa ( Thanh Hoa); Lé Thi Nhur Bich, HuynhCﬁng Phurdc,
Pham Neuyén Quy, Phan Lé Bao Tiy ( Thira Thién Hué) ;
Nguyen Vi Kim Ngin (Quang Ninh): Phan Tién Diing,
Dinh Thiy Hing, Vi Poan Hung, Pham Thi Thu Hién,

Ping Thi Thu Hrong, Luong Quang Manh, Nzuyén Anh
Tudn, Ta Thanh Xudn (P Thy) : Vi Vin Phong,
Nguyen Trung Lip, Tran L& Huy, L& Chi Hodng, Nguyen
bire Toan ( Vinh Phiic) . Nguyén Minh Thu (Bdc Giang) .
Truong Viin Nhat{ Bic Ninh): Do Thi Heong Giang, Lé
Vin Hiép, Neuyén Thi Huomg, Bui Tin Phi {H.H .
Dwomg) . Vi Viin Hai, Pao Thi Hang, D& Thi Hong Hug,
Lwomg Thanh Tang, Pham Vin Viét ( Thds Bink) ; Pham
Viét Phuong (Ninh Binhi) Do Manh Cuimg, Chu Vit
Tudn, Trin Khoa Vin, Nguyén Huy Vil {Nﬂhe Anl:
Bing Duy Pién Hii, Neuyén Vinh Thuin (Ha Tinfi) ; Vo
Thi Dung Hoa, ¥a Thi Bach Yén [Kh'dﬂh Hoa)

4) Gigi kﬁuyenkmch(m 13,5 dén 14,5 diém)

Neuyén Viét Thing, L& Minh Anh Td. Dao Phuomg Bic
(Ha Ngi) Neuyén Cim Thach, Pham Thanh Phong,
Nguyén Hong Anh Khoa (TP Ho Chi Minh) . Ha Trung
Hai, Lvong Thanh Hoai, ldlldl’lMInh{HJ Tav),Neuyén
Viét Anh, Trin Thi Hong Cam. Cao VI Dan (Hai Phong) .
Lé Thi Thu Hm,\Tmn Xudn Trong, Phum Thi Thujn
( Thanh Hoa). Huyen Ton nirHoang an. Pham Vict Tuin
( Thira Thién Hué); Trin Anh Hung ( Quang Nam) - Pham
Tien Diing (Pht The k, Hoang Huy Phuome., Pham Thanh
Nnu{V”nIJ Phie); Trin bire Anh'[u.tnt Thii Nowyén )
Bui Thu Hueng, Luong Vin khug, lmn Thi Ha I‘humw
Ngd Anh Vlen (Bic Giang) . Nguyén Ih: Hoan {B&L
Ninh) : Tran Hiru Son (Qudng Ninh) : Lé Minh Hai,
Nguyén Thanh Hio (Hii Divong) : Pham Thi Hutmg Thu
(Thai Binh), Pham Tuin Ngoc (Ngh¢ An); Nguyén Tha
Phii, Ping Thai Son ; Nguyén viet Td (Ha Tinh). Tran
Kim Nhin (Qudng Tri) . Nouyén Qum Viéc Hiing

(Qudng Nedi) » Neuyén Xuin San (Binh Pinh) : Bl
Thanh Mai (Khinh Hoa) ; Nguyén Trong Vin (Ticn
Ciiang).

. BANGB
1) Gidi nht (tr 19 dén 20 diém)
Liru Minh Ngoc (Pak Lak)
Lirong The Nhan (Bac Licu):
Nﬂuyen Hoang Quén ( Vinh Long)
2) Gidi nhi(tir 15 dén 18.5 ditm)
- Bui Thi Vin Anh, B4 Thi Thu Hi (Hoa Binh): Nguycn
Viin Binh, Ping Thi T{} Nhwr ( Qudng Binh): Pham Ngoc
Sing (Gia L‘u) Nouyén Thanh Nha (Pak Lak) . Pham
Nguyén Thing. Bui Tién Pat (Lim Pong); Trin Tuin
Hung (Tiy Ninh); Nguyén bd Thii Nguyén, Ting My
Hao (Vinh Long) : Pham Cong Khanh, Ngé Minh Tri
(Pong Thip).
3) Giidi ba(ur 12, 5 dén 14,5 diem)
Nguwn Tudin Viét ( Yen Bdi) . Ng guycn Hoang Minh,
Nguyen Canh Todn (Tuyén Quang) ; Trin Manh Thing
(Lai Chau) ; Nguyén Bich Van, b6 Chi Cuimg, Trin
Khéanh Hoang (Som La): Nguyén Thi Thu Hing, L Thi
Hién, Pham Manh Tudn, Trwong Trung Yén, Ton Vigt
Hung (Hoa Binh) ; Pham Thi Quynh Hoa, Tr'.ln Pirc Son
(Qudng Binh); Ngd Viét Ctmrn . Neuyén Quic Nauyén
(Giia Lai) ; Ding Neoc Chiu, E]lnh Thanh Nam (Dak
Lak) » Huynh Trong Tri, T6 Thu Hién, Nguyén Thi Lién

11
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Chi, Polin Nguyén Huy Khoi, Dfmg Hoan Vi, Neuyen
Hiru Vi Tuyén (Lim Bong) Tran Tan Qudc, Bili Ngoc
Béo, Pham Nguyén Hoai Nhén, Lrong Thu Thiy (Bén
Tre) ; Nguyén Trong Humg, Poan Ngoc Minh, (Bink
Duomg) ; Trin Thii Minh Chénh, Nguyén Tin a,
Nguyen Xudn Diing, Pham Ly Duy Linh ( T4y Ninh),
Hoang Thanh Lim (An Giang), Pham Thi Vin Giang, T6
Hﬁng Yén, Tran Thé Minh, Tn.rung Yén Nhi (Bac Liéu);
Nguyén Chi Thinh, Lim Xun Nha (Vinh Long); Phan
Pinh Thé Duy Qﬂﬁﬂg Thip).

4)Gidi khuyén khich(tir 11 dén 12 dlem)

Luong Ngoc Nghia (Biic can) ; Tmn Quyét Thing,
Nguyén Pirc Tmng (Lao Cai) , Nguyéu Phwrong Hoa,
Trin Tuin Linh ( Yén Bii); Nguyen I'hi Lan Hucmr' Vi
HﬁngQuang Neuyén Tuin Thinh ( Tuyén Quang); Bﬁng
Thi Hién (Hoa Binh) ; Hoang Thi Minh Digu, Digp Thi
Bich Hanh, Truong Thi L Thiy (Quang Binh); Ho Viét
Trang, Huynh Vi Quang (Gia Lai) ; Huynh Thi Vin
Tuyén (KonTum ; Mai Thuy Anh (Pak Lak): Nguyén
Khinh Minh, Nﬂuyen birc Théng (Lim Pong); Nguyén
Viin Nghia (Bén Tre), Trﬁn Ho Nam, Giang Hoa, Nguyén

Thé Bio, Nguyén TiLIl Hing, Vo Quy Long (Binh

Dumg) ; Neuyén Quée Huy ( T4y Ninh) ; Chéu Nguyen
Phude Long, Truong Ngoc Cudng, Treong Thanh Hai (Ca
Mau); Trin Anh Khoa, Nguyén Thi Thanh Thiy (Bac

Liéu), Bui Minh Khoa (Trd Vinh); Vil Tt Thanh( Vinh

Long); Trin Ngoc Nhi (Pdng Thip)
Duti day I dé thi

BANG A
Ngay thi:15-3-1997
Thei gian 13m bai: 180 phiit (khong ke théi gian giao d8)

Bai 1: 2. Chimg minh ring s6 Psau day khong thudc
tép hop 80 twnhién N vdi moi gid tri thue dwong cia x, y,
Zt.

2x+y+z  dy+z+
p L AN SRR
Xt+y+z ¥+z4+1

22+ t+x
Z+1+x

b. Chimg minh ring ton tai duy nhit mat bo ba s:n tr
nhién 1én hon 1 thoa man tinh chit ; tich cia hai 86 bt ki
trong ba s6 46 cong véi 1 chia hét cho sb con lai.

Bai hiéu }hm._._
‘}_ﬂ e T VI -
1 — x1997

trong 46 xi , X2, X3.... X 1997 Ia cic bidn s6 nhn g!am
thue drong va thda man diéu Kién: xp + x2+ X3 +.
X1997=1.
Tim gm tri I6m nhit clia Q vi céc gid tri twong img cla
cic hién cla nd. E
b. Gidi h¢ phuong trinh vai cic an x, y, 2.
X+y+z=06

x2+yz+22:18
ﬁ+\ry+ Z=4

Bai 3 : Cho duong tron tim Obén kinh R va mét day
AB ¢b dinh co A9 dii biina(a<2R). Trén diy AB1dy mot
diém Pty v roi qua A vii Pvé dudng tron tam Ctiep xic

| v-:’ﬁ duong tron (0) tai A, qua B va Pve duong tron tim [

tiép xidc vdi duomg tron (0) tai B ; hai dudng tron ndy it
nhau tai diém tht hai M.

a. Chtmg minhring bon diém 0, M, C, Dcing nim trén
mot dudmg tron.

b. Cho mém Pdi dgng wén diy AB:

1) Tim qu¥ tich dlem M.

2) Chung minh ring dudmg mﬁng qua M va Pludn di

- qua motdiém c6 dinh N Tim gid tri 1on nhit ciia tich PM

. PN.

Bai 4, Cho tif gidc 16i ABCDc6 cic ¢iip canh ddi khéing
song song. Dimg hinh binh hinh ndi tiép tr gide ABCDco
haj canh lién tiép twong (mg song song vdi hai duimg
thiing giao nhau a va b cing thudc mit phing ABCD.

BANG B
Ngay thi: 15-3-1997
Thivi gian lam bai: 180 phuit (khong ké thoi gian giao de)

Bai 1: a. Tim cdc ciip s0 twnhién c6 tich bzmcr 700 vaco
UCLN bing 5.

b. Chimg minh rﬁng ton tai duy nhit m@l ho ba sﬁ tr
nhién |n hon 1 thoa man tinh chét : tich cua hai s0 bitki

trong ba s dé ¢ Chlil\l}éLﬂhﬂ_SO con lai.
Bmz i, Neu 25 - 15—
thi 2‘5 o e T hlfmgha(}nlnf:u‘J

Hiy Umgm tri trong mg cua X
b. Ch} o trinh véi cdc an [ x vi y:
+2)" +2xy-10x-12y+22=0
Tim nghigin cua phuong trinh sao cho
1) x + ydat gla tri 1m nhﬁ[
2) x +ydat gid tri nhd nhit.
Bai 3: Cho tam gu’u ABCcd dién tich 1a Sva mét hinh

T 2t+ X+ Y chifnhat MNPQnéi tiép trong tam gidc d6 (M thugc canh
t+x+y AB, Nthudc canh AC, Pvi Qthudc canh BC) . Goi dién

tich ciia hinh chl.r nhit MNPQIa S).

Chimg minh ring ; §= 28]

_Bai 4: Cho duong tron tim 0bin kinh R vi motdiy AB
c0 dinh ¢6 dﬁ dii bing .s(a <2 R). Trén diy AB 1&}" mit
dlem Ptiy ¥ roi qua A va Pvé dudmg tron tam Cuép xic
vi duomg tron (O) tai A ; qua B vi Pvé dudng tron tim D
tiép xiic vdi duomg tron (O) tai B hai dudmg tron nay cit
nhau tai diem thir hai M. b

4. Chimg minh tir gmc PCOD 14 hinh binh hanh va bon
diém O, M, C, Dcling ndm trén mot duong tron.

b. Cho diém Pdi dong trén diy AB.

1) Tim quy tich dlem M

2) Chlmg minh ring diucmg thﬁng qua M vi Pludn di
qua mot diém co dinh N, Tim gid tri 16m nhét cia tich PM.
EN.

NGUYEN HITU THAO
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Danh cho cac ban chuan bi thi Vao dai hoc
BA BHER[ DAC BIET I‘MNG HA[\G CUA DO THI HAM S“

O tap chi 56 236 (2/1997), téc gid My Duy tho di gilip ¢éc
bhan m{t phurong phip dé chimg minh 3 diémudn clia do thithing
hang vii chimg minh 3 diém cyc trj ndm trén mot parabol. Tat
nhién, phuong phap ndy khong nhin manh 1a ding cho 3 diém
diic biét nao ma khai quat chung cho 3 digm dic biét nao do.

Bai béo nay, gidip thém cic ban mdt so thi du luyén tip va sir
dung thém phwong phap vécto,

I Vidy I:CMR : Ho cc d thi sau ludn qua 3 diém cd dinh
thing hing :

a] (Cm): y (m+ 2})(3 +2(m+ 2],\'2 (m+Mx-2m+1

b} (Cm): y=(m+ ]).r (2m- llr m+1
c f(“:my- (m-3)x -4m-3x - (m+ 1)x+m
Bai prdi

a) Toa d6 3 diém cd dinh I nghiém hé phuomg trinh ;

[P +28-x-2=0 _ |@+2D)(-1)=0

P2 AP 311 |p=20 AP
x——? x=1 x=-1
A
y=4 ¥=6
Suy,ﬁ?ho((,m}q A(-2;7), B(1,.4), C(-1,
(3:-3),AC=(1;-)=AB=3.A
Tirc A, B, C thipg hang

LTx)qudandlénléé 5
al r;—JH-I (2)

?ﬂhﬁmx tir(1),(2) dwcT

¢b dinh

|2 -2x-1=0 (x+ D -x=1)=0

2+ D —-x+1 +
ly-@x+n- [-w-%“r

Hé ndy co nghigm: (- 15 1),| =

1+‘JS_ 3+'\‘H

2
thing :y=x+ 2
Vay (Cm) qua 3 diém c6 dinh thing hang

= 4x2—x+1_{::(1)
o) Xéthg :+
I:—-’ixz 12x2—x

Xét ham fix)= X-4 x+'liiéntuclrénc€1cdoan
[-1, 0, [0, 1],[1, 5] vaco f(-1) =-3< 0, f{0) =1 >0
f(l)=-3<0:f(5)= 21>0phuanglﬁnh(lic63nghjémx1
el-1:0:x,e(0,1): x e(l;5)
Bﬁ} gmmaiua da thu-cycho f(x) durcre ;
Aflx)-4x+3 Nhuvayhelrenwnng&mg

I -4 —x+1=
|y=—4x+3
(x;,¥; nghi¢m phuong trinh duong thing y=-4x + 3 viy (cm)
ludn gua 3 diém co dinh thiing hing.
Vidu2:CMR: ITIDI 6 thi sau c6 3 di€m uén thiing hing

2
aHCY y= "1 =

hc; nay co 3 nghiem

b)) y="
r—x+1 —2x+2
x-1
B e e
- 9r+y
Bii gidi
Taco:

K=t =32
E-x+1)?

13

— | nghiém dang phuong trinh duong

PHAM ]-l'LTU HOAI
(TP Hé Chi Minh)

x.!-no -1 % 2 +oo” 2k
-0 + 0 - 0 +

Db thi di qua 3 difm ubn A(-1 ; I},B( SeED
3 e
ﬁ=(2,1)>36—(2

Viy 3 diém u6n thing hing
Tach:

:])=>AB=BC.

/ _ 22— ¢ -x-2)

\Ir_? z,wz)
X |-ao 1= e

| 1+¥3 s+
s (e s s
Diém udn od toa dd nghiém hé :
(- 1)(F=-2x-2=0 Ry
x—1 c&{ _D
X x+2
-2x-2=0 x=1vy=1+\3
x—1 — a—1
e e T T e yz—
r—2x-D+4 4
el ; -1
Suy ra 3 diém udn ciing thudc ditmg thing y= "E‘i"
C) XD ; R
e —2(,1.’ W+ 3 cunglaygfx} X-304+3
(xz——".xH}

£(x) lién tuc trén cac doan [-1; 0], [0, 21 [2, 3]
a-1)=-1<0, glo)=3>0, 2}--1<(} g{'ﬂ >0
l::-g(x]:ﬂcf:?pnghiém:- <x; <0<x,<2x;<3

X |-oo X, X, Jr1 +oo
¥ R T ST e
X -3r+3=0
Toadd diémubnnghigmhé:y  x-1
¥-31+3
- . x—1
M -3x+3)=3x-3 R T ;
— S X X —3x+7
§ e ol T 4
X =3x+3 y==

3 1
Toa d6 3 diém udn nghiém ding phomg trinh dwimg thing :

y = fnén 3 diém uén thfmg hiing

Bii tdp ) dé ngb;
IICMI{ D6 thi (") ciia ham s6

5= . COSOL — 2x+cnsor.(a el

xz—z:r cosoe+ 1

- 7)) ¢6 3 diém ubn

thing hing

2/ CMR 3 ho (g, : y= {ar2)x” - 3ms + 2mcosoe véi o € (0,
7} qua 3 diém ¢b 'g'mh thing hang,

13
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TIEP TUCKHAI TRIEN PHUUNE PHAP VECTO'

- Trong bilo todn hoc ya twéi tré sﬁ 2/1005 Pham Bio (Hi
\l;n} i gidhi thidu mdt s phuong phép vecto, Sau ddy toi xin
tiep tue mﬁl s0 phuong phip corban dé tang cho ban doc cong
cu gidi todn di tir biti rm;n corban
Bai toan I : Bai todn vé trong tim

i) Cho tam gide ABC co Gf;: trong tim,Chimg mmf:rénﬂ
GA+ (5 S
bl Cho tirdign ABCD, 11 Hunb d;emAB T trung diém
CD.Gla trung dicm I

Chime m
i z(jf SR
?fu‘-l+(_?5’+0 +_ﬁq% . :
1 ¥ Xdc dinhM dé - IMA + MB + MC + MD| bé nbi
0'| gidi :

$I+A.‘+§I
B+ BD+ [

Dodd: 27=AL+R
2 Tachd: G4 + (: — Gl
JC+ = H'

:>(r4+[: +(T+( I=
= AGT+ GJ) =
Mbs 8ET

1
—I§I+[;?/+.ﬁ?r+(

ﬁmm
(r+ (7 (i + (i)

th ULE uabg;man tam

C:.J’l+( +f:(_'+ %

= H‘éﬁ

Viy : IMA + + p t.' +
=M=06

Bai toan 11 : Cho tamgidc ABC og | 1a gam dwimg tron ngi
tiép. Chumg minh : alA + biB + c%— fl

(trong d6: a=BC. b=CA, ¢ =AB)

4G

I-’h‘l!( i)

=4 MG
I bé nhit khi MGhé nhit =

Livi gii:
ol 3ﬁ+hﬁ?‘+ JdC=0"
DE
taco : — = — — (T/c dudme phin vidc
De h( G 2 phin giac)
“hay : Eﬁﬂ-i bt ’4
—g T)? i"') J"
hTH’w? (h+o)ID .ZL \c
ld]E.D

BD
D, IA(BIEi phin gidc g6 DBA )

T e | S
=== == =%
¥, AOUE S oA [e+h c+b
_Aac
Dﬁz_dC Qﬁ:_t_-'-_@: 4
c+h BA C h+c¢
TR Sy U,
viyID=-——_TA. Dadd:hlB+ cIC=-alA
h+¢ :
14

GC +mf+z

THICH PHM"\{NH
(thimh phd Hut)

Hay.: alk+ BB+ cIC =0T rong nhimg ba 10dn co ban
trén d¢ vin dung thich hop Jam phwong phép gidi todn nhur
the nio tadi vao vi dy cu the

Vi du 1: Cho trdign ABCD. 113 trung diém AB, J 1 frung

diém C, M I3 J%mum AC NTi trung diém thudc
ARB. Sao cho ﬁ_ )
MC MD

Chimg minh I, J M,N thuge cing mot mt phing
Lai g,lal :

ViMe AQ)

B J 1B (Ne BD)

_[ugl.a_ﬂnél /1
1

= : i ;yk \M

L
\

,/l { ™

ﬂ.f[(
Theo hf cua B toan 1 thi ;
2= :%

=vAM+ vE

= (Aht+ BR) \___ /

_.}
= E(AI+IM+ BI+ IN)

v = =

[.I'M+ IN)

f}i‘mjg Lhm, nay chimg [0 I/, IM IN déng phing -
J, M, Ndbng phing
Bai toin 1 con dp dun r duge nhu say ]
Vidu2: Cho ftrd:cn BCD. Tim M sao cho MA™ + MB-
+MC™ + MDr bé nhit
Loi giai :
Got : 112 trupg diem AB
J L trung diem CD
G latrung diem I
tugo:

E:A+(_t/+f;{’"+(_b ﬂ

(ha1jtoan1 ey
MA* = (MG + GA )} = 8&
= MG+ m’ +2MG. Gh
Tuong tu

Mﬁf MR + G+ 2MG . Gl
MC=MGE+GC+IMfG . G
MDF = *}”‘* GO +2MG . GD
?MA + M

e N

i+ GA + GB® +
(m#m@ﬂ(%
MA‘+MB‘+MD+MD‘ AMGF + GA® + GB +

+ ("!32

@ MA® + MB* + MCQ + MIF2GA + GB* + GO+ GIF

Diu=xi E}Lhu‘l{
Viy MA" + MB +M',‘ + MI¥ bé nhitkhi M= G

Vidu3: Cho (am gide ABC 11 tim vong ron nof tiép
Chimg minh ring .
L2 s

!A‘
Tt i
b ca . ab
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Laoi lal
TJLG aﬂ+hﬁ+c? 0

+c.‘ 10 oy %+h3132+¢21(‘1+
!

;
um T‘+z =
M- 2 IA2+IB M
= A2 +1{:~ AC‘
u JIC=1B* +lL BL'

chzvﬁh Lu3 )
JIA 4+ b -Q*-Jh({fl +IB AB}-F—JL[’.M -
!(‘“ A( }+b¢ !H +J-f
g:)(d*+ah+.u}m, +{h‘+Jh+hL}IB +(c +ac+ be)
IC" (abe + ach? + beg? ) =0 ;
cuu+h+:}!A"+h(a+h-a ) IB* + o{a+b+0) ICE.
abcla+b+c)=0, 2
cIC s ahe) =

(a+b+c)(alA” +e‘u’B2
Do+ b +es 0= alA’+ B O abe

A bB

e + =
ahe :.ihc" abe =

Vidu4 : Cho hmhb(}p ABCDA'B'C'D’, TimMtrén AC
MN
va N trén DC” sao cha -MN #/ BD'. Tinh ty si : E

ai : A
'f- X, _(> /f\
f)'rf }L‘( / -" N
MN //BDY durgre viet lai f,,Z
I= zBD (¥)

Bﬁl
_}

.'\
BA aBU=0BB =¢ g\'
uﬁnum)
Taco B _fhwlg

Tacn y
fﬁ+§ﬁf }(ﬁB+§b)
BY - Bly=(pC - Bh)
B -4&+th

h+c—(ai,h L
(‘i—rj}:r;aﬁ+bc

i AM = xAC ta
B —_E_g' = T!%!.)
B —a*a{h—_g)

B (I—X)d+xh

0 do=:

[=(x— )d+g]—x]h+ 'Tl]

Thﬂv(l}glhmfﬂﬁm

(x5 +(I—x)h+,:.c q’a

Do a,hckhing dong phing nén

Jx—y—z=[}
e i (] e

J‘ r—z={)

Viy Mciin x4c dinh béi 7=

- 71
AM= qAF

'\

i ¢
4

e
e | | |
R P R P U N

v MV
Ngodira: ~ — =lz2=143
B!

Vidy 5 : Khai trién 2 bii todn cia Pham Bio trong hdo tr
2/1995. Hinh chip SABCD, ABCD I iy hinh binh hanb.

Gioi K [ diém gtk ctia SC. Mit phine qua AK ¢iit cie canh
SB, $D 1an o f2i M v N.
(De 149 ruvén sl O hoe)
Lo giai:
_‘YH SD

S'M SN

SB Si
bat:—=xi"" =y
SM SN

_ ? S.Tlthr llmn%ang nen
(4 2

(trong d6 o + [3 =1)(1)
Do K, H I trung diém cia
ACva SC
SH

g
= ltrong AmASBD= "~ =" =
N

2
Sf =T 8
2

'Vwmm
Pl s Lk
(1 c:qAB D7 —€B+ﬁ — 5D
94
Ma: 258 = - $h = =i
1 [i=> 15>
(SB+SI1’}—|:1 SB+p. 5B

2 X ¥
| el
o fq } SB+ [' ].sn =0
A 3 ¥ 3
— —»

SB.SD khic phuong nén

1
—""'U

IR =

LU

—

Mio+f=1 ::-—{X—y)-l
':?B .SD
SM SN

Trang bio ¢6 han tdi xin ban doc fim t6i phat hién them
nhunf%v gidi todn sau céc vidy nay:
nghi ban doc tr gidi tié, g
Baitoan1: (;hnum 2ide ABC poi H I giao diem 3 dinng

i, ]""mcdc sa0 cho
E!‘;%ﬁ+y f

Bai tnan 2. Tn; tidp hop nhimg q‘mn% M cg mp ( mfj( J
sao cho: MA® - 2MB” + 3MC™ = F (k hdng 50)

ma rong ra khong gian, tim nhimg diem M € ar dign
ABCD)

Bai tmm 3: Cho tam ;m ABC. Goi 113 tim vong tron
bing tiép. Lht munlping og et

+ hil + cfC= ﬂ
Bai toan 4 (,{w ABC. [ 12 tim vong tron noi uep
Chimg minh ring :
S L

alA® + biB* + c!(‘z 3

LChe bﬂ:;n thir tim xem neu 1am noi ttep Lam nay 12 Gim mat
ciu o tiép cua ti dién thi ta ¢d durere he * thirg nbw the njio ! 9

Con e he thire nao twomg tuenhutim ndi tiep nhumg doi vii
truc tam ?

Giao diém 3 dutm E trung trure (tie tim vong tron ngoai fiép
ta ¢o duorc he thire n ut];é niio 7

Chic cic ban may min thinh cdng, tim dwge he thic nh
It trong tim G d6i von tizdign,
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HORONG Bl T TR QUOCTE 1992

Trong ki thi v dich todn qudc & Matxcova 1992 co hai
toan : "Cho 9 diem trong khong gian trong do khéng c6 4
diém nao d@ng phang Cic diém durge ndi voi nhau bin 2
cic doan thing. Tim 0 doan thing it nhit sao ch véi moi
cichtd cic doan thﬂng do bﬁng 2 mau ludn ludn ton tai cic
Lamguac ¢6 3 canh cung mau", Trong so bio Tnan hoc v
Tudi iré 6 - 1992 Gido sw Hoang Chung dd c6 bai viet v
bii todn ndy cling ggi md cda nd. Bai bio nay xin duoc
gioi thidu ket qua khai quat cua baj todn trén,

Ta hay thay 9 digm h[n n diém tong quit (n = ﬁ}\ra phal
tim f(n) 80 nhd nhit cic doan thing dé cho vdi moi cach
t6 f(n) doan dé biing 2 miu xanh va dd ta déu tim duye mét
tam giac cd 3 canh cling mau. Ta chimg minh

£ —3n+12 ;
¢ e i

2

Truge tién n,= 6, f(n) = 15t 43 miu tit ci cic doan
tao0 thanh 6 diém do. Xét diém A 1 I ddu miit ciia 5 canh
khic nén co :t nhdt 3 canh cung miu A1A2. A1A3, A|A4
Néu | canh ctia AA2A3A4 cling mau vi 3 doan do thi suy
radiéu phalchunn minh, néy l\:honnr AA2A3A4 13 tam gidc
thoa mén.

BB =30+ 12
Voi n diém ta 6 miu cho f{n) T TeT doan

thing, con- lai S Hz—" Q;H_ L =n-06 doan
khong dwoc th miu. Nhu thé ta da to may tdt cd cic canh
tao trn - (n 6) = 6 diém. Vi theo trén ton tai | tam gidc
€6 3 canh Cung mau,

Tachi racach 6 bing 2 miu cho f(n) - 1 doan ihing ma
& dd khong o mét tam glac nao co 3 canh cling mau. Ta
s¢ xdy dung cdch t6 mau dd bing quy nap theo n. Cich td
mau sau ddy viin = 6, 7, 8 théa man

16

‘chon diém Ai nao 6 (ie{l,

NGUYEN TUAN HAI
{ Ha Nam)

\-’m khing dinh dng duroce véi n diém, taxdy dung cach
to mau cho (n + 1) diém nhu sau : Chon diém Ai ndo d6 (i
el L3 n}} mi nd ndi vm n-1diém khic nhu sau :
.,0)) mand ndi vin- 1
dlem khéc trong hé n diém Al Ta khén 2 16 mau Ap Al
con Ant1Aj (j # i) duge 1 ciing mau voi AiAj. Khi d6
trong hé (n + 1) diém s6 doan thiing dwoc t6 mau 13

Eﬂ-;--i-}-(n-ﬁ)+(n—1)=ﬂ{ﬂ+1)_1

ma khong cd tam gidc mi 6 3 canh cung mauv. Khing
dinh dwge chlmg minh hodn todn.

Tiep theo ta & m& rong khing dinh khi ding m miy {Ié
to ¢dc doan thing, Trude hét ta ki higu Um 13 50 dlcm it
nhiit sao cho ' cich to tt ci céc doan thang néi 2 diém
trong ching hing m miu ludn ton tai mot tam gidc cing
mau. Bing quy nap theo m ta s& cd, Um =m(Um-1-1)+
2val;=3;Uz=6(Bandgcco theé tim dwog (*) trong hai
bio "Bai todn Ramxay" cua tic gid L& Thong Nhat trén
bio Todn hoc va Tudi tré ndm 1982).

Ciing tr (*) ang quy nap theo m ta duge

Um=m!|—+— .. +—— +'2—+2
ksl m-1) m
Bﬁ.ygm,waechungmmhr&ng,»mndlemva ungnmau
dg 10 thi s0 cic dgan thing it nhat d& cho ¥ cich 10 chiing
bing m miu déu ton Tai 1 tam gidc cung mau Ia

)= T30+ 2Um

2 ;

Thit vy, bii todn ding véi n = Um,(vdin < Um g2
khdng c6 101 giai) con trong trudmg hop tong quat (n>Um)
ta. 6 min - cho f(n) doan. con  lal
mn—1)

2
b (n - Um) diém 13 dﬁu mit cia 1 trong n - Um dogn do
tadwge n - (n - Um) =Um diém mi tt cd cac doan thing
ni 2 digm ciia chiing deu dwroc to mau. Theo trén ton tai
mgt tam gidc ¢d 3 canh cung mau. Phép xay dung cic to
miu cho f(n) - 1 doan thing ciing twong ti nhw cach xdy
dung clia phep t6 2 mau ¢ trinh by & trén.

Tom lai, s6 it nhit céc ﬁoan thiing ciin t bing m miu
la:

1554l 1 2
Fom| e F o = sy
iz da= +m[2' 3 + (m-1)! m ]

Ban doc th:inmén !

TrEn day I ket qua tnng quat cia 1bai toan kho. Tdi da
rt vui khi tim ra két qua nay. Cic ban hdy suy nghi cho
tromg hap on tai mot da gidc S canh ciling mau Cudi
cling cic ban hiy thit chung minh ring trong truong hop

m:lthif(nj':[:Hl

— fin) = n— Umdoan khng duwge 16 mau, Loai
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Tim hiéu sau thém toan huc pho mﬁng

MOT VAI KET QUA DEP CUA HiNH HOC
CHUNG MINH BANG PHUONG PHAP DIEN TiCH, THE TiCH

e ¢6 nhimg két qua sau, true hét ta phii chimg minh 2 ba
dé quen thudc sau :
Bade I :Cho O<xOy<180°; A, A’ € Ox: B, B € Oy.
Taco: S,/ 8p45-=0A OB/OA".0B' ax

Bit: xOy='p v 2
Taco: : f’fl-)
Soas ='20A. OB.sing ¢ <I¥

1
Soap=,04 . OB _sin &
OA'B'= 5 OF _sing 4 :

Suy ra ta co duye bd dé 1.
Bode 2 :Chotamdién Oxyx: A, A’ € Ox; B e Oy: O
€ 02 Tach: Vyup/Vy e g = OA.OB.OCI OA"0B’. OC
(ridi: -
Ke: AH A'H' L (Oyz) A K
Taco: - |
AH/AH = 0A/0A° . s
SoncSapc=0BOC/IOB'0C _— N~ 1|\ ¢
(doBode ) ] o

Vnasr".,. AH. 503( ' o

4 1 L]
I’m B =_AH SOBF Y
P S g

AC. BO,CO
("!;ramﬂ munh ring :

Suy rataco dum; ho g8 2.
Bai toan 1. ChoAABC ; Ondm trong (am pric ;
cdt BC, CA, a;lﬁ tnmg rmgA B0

S, Be= IS ABO din "="= 01 trong tim tam gidc.

Giai.:
S=5., 5=
Dit ABt q B
5 '"qOBI‘S-‘s_ qom S'r‘“(‘mﬂ A
Ké: OM BN1 AC taco: o
OBYBE = OM/MBM =
A

:_:- 14
—41.’ OM! AC. BN "‘“,_*",-%-5/

(:5 B/S. ;
himg minh twong tr:
o C=548 - 6«
eoBAdEl: S
0B OCIOB 00 L4 ,:jim
/BB - 0B} (CC - OC)
if(BB YOB'-1.(CC f()["’-
= (88, - IJ(E»*’
=5 SAS- S8 54
Sopc=(8-8,) o, 0=
.5' J tmﬂxmnhluan;tu
SH

=(5-5
Socar

,.{’S
o4° +5_

5 G (%5 + (P
Hom nia : Theo hat difig thic Caichy thi
§-§,=5 +S¢_—-24 Sp 8-8p=8,+8, 2205 .

So=5, +.S' >MNs E
:>f€ 9%‘(.5 S'BHS 5',5):}35 SgSr

oS
S Otrong tim AABC

D=8, = 8, =
Nhuviy : §°< 64 Diu = > trong tim AABC

' dl’f

he

4

L? .
<y
e
Vi ¢

5y B8 (B8 J8- 5005

==

LA

'1

VO GIANG GIAI
{Tp. Ho Chi Minh)
Die pigt :Néu 0 12 tim duomg tron ndi uép AARCthita cd
n%ay két qui bai toan trong dé thi hoc sinh gioi I6p 9 toan quic

Bai todn 2 : Cho tir dign ABCD ; O ndm trong tit dién : AO,
B0, J;T)FDOL;H (BCD), (ACD), (ABD), (ABC) twmg tmg 1
A’ 10l

t’"hmrg mind r.%ng 2
Vigop < o Vasco Diu "="< 01 trong tim tik dién.
Giai : a
Dt V=Vypepy AN\
V Vwr ‘o Vo

OBCIY PR B
ﬁ t’ﬁars} S8 ;_Lf .0

5 =L e N LY
KE- ONPAR LA SR\
Oﬂii /BB’ = OM/BN 5= K 2y
E i 51{!:’“ BN. Spcp Y & 2
=V, /V c
(,hlrn} minh tromg o :
6= Ve/V.0D'/DD’' =

Theo B de 21 V. / V 00 00108, 0C.OD

=0B".0C". 00" 6B oY) (CC- 0C") (D1 - 0D
=1/ (BB/OR'-1)- (e :Dmouu 1

= U(V/Vg- N VAV 1) (VIV
=V, V(1foV by vﬂfv Vp)
= ¥ l= (V- Vo,

Voi 2TV, Y I?D/(v VIV VeV V(Y- V)

C hlm}:, mmhrl.r(r{;lgtu
=(V-V

porce =(V- Ve
A'B D’
AR

;ynf Vot (V- Vo (V- Vo + (V- Vo=

Hom nita theo Bit u:izmiJ thirc Cauchy thi
VLLV+V+V>37\J Ve

(‘hfm;_ mlr.th tuomyg fu
V- V,izl‘\' 1

Brtp
¥ K V

Ve ¥
V-V,23 Vv, v, v

= (V- ¥, )- (V- VHJ-(V- Velz8l1 V, Ve VoVp=
=h ailf ] ;
Din =" = Vﬂ. l':B Vr-
<> Trong tim tr dién

l
Nhrviy: V'=s— V.
21

Diu "= " & Otrong Lim tir dicn,

Sau day lanhimg bai toan cé thé lam theo phiromg hip trén ;

Bai 1. Cha AABC, BC=4,CA=h, AC=¢: (Otam j’ tron
njt l1ép ,Ar) BO. (O cit Hf CA, ABlinlwptla A”, B ("
Tinhtysd: §

BaiZ Cho ﬂ"npuﬂp §aBc D, ABCDlahinh hinh hanh, Mt
mat phing (o) cat S4, SR, SC. .‘:?Dian lrot 1a:

AVBSC D {hungmmh ring :

‘-MSA 5‘ e =335, + S /8y

(DE 56 57, V i Jcrr:an BL{E]I tiyén sinh", [994),
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Tim ra ... cho sai

Trudc hét, xin nhic lai bai toan (xem thém 56237)
"Cho pluomg trinh bac hai
¥ -2k+ I+ kK +2=0(keR)
i 1 s z i % 2

Hay xdc dinh kd¢ x] + x3nho nhit (x;, X, la cac nghitm cua
phuomg trinh)". . >

| gidi cho ket qud 1a A = x; + xydat 2id tri nho nhit 13- 5
khi k=-1. ) G ek )

Khong ¢an xem li gidi cung thiy 1 két quia s i
A= x; + xpkhong the nhdn gid tri im !

Nguyén nhn sai 101 gidi thi€u diéu kién 0 phong trinh 6
nehidm. Tham s0 k phili thda min Ax=0(=) k= .

7 ,
Xet A=2K +4k-3vioi k= y 4P hing bién thién cia A :
7

E | o -1 = + o

41
+ 4or
L
~— 8

e i g e O
Tir 46, ¢0 ket qué ding a A dat gid tri nh nhit bang _H khi

- 7
vichikhik="",
1

Nhiin xét : Nhiéu han chi néu ra chd sai mi khong vip phin
sira chira | gidi. C6 ban gidi nhumg van ticp wc sai.

(i han Dao Phan Thoai, 87T, triwmg ning khidu Trigu Son,
Thanh Hoa, Pham L& Minh. 9 Ly, trwdmg ning khicu Bac Giang
ca nhin x&t 1ot va idi chinh xic, S :

LE THONG NHAT

THONG BAD

Tap chi TOAN HOC VA TUO] TRE xin gidi thiéu voi
ban doc :

Tuyén tap 30 nam tap chi todn hoc va tudl fré

Véi 172 bal vigt va 144 dé todn phan loai theo
tung chi diém, cuén sdch nay cé thé cung cdp
cho cdc ban nhidu tu liéu tha vi, b8 ich. Nhiéu
ban khéng cé didu kién luu gitr cac & fap chi tir
nam 1964 thi cuén sdch nay phan ndo ddp ing
dugc mong muén cla cdc ban. Cac tdc gia va
cde ban tham gia giai todn tor nhing nam trudc
day c6é thé gap Igi nhimg ki niém cua minh. Sach
gém 504 trang, kho 19 « 26,6 in frén gidy &t ra
mat cde ban véo dau thang 7 nam 1997, Cdc ban
cé thé mua tai 57 Giang vé, 81 Trdn Hung Dao,
197 Tay Son, 25 Han Thuyén, 23 Trang Tién, HA NOI;
231 Nguyén Van Cu, 240 Tréin Binh Trong. quan 5,
TP HO CHi MINH ; 15 Nguy&n Chi Thanh, DA NANG
hodc dat mua tai cac Céng ty Sdch va Thiét bi
trudng hoc thuéc cde S& Gido duc va dao tao,
PHONG KE HOACH TIEU THU - TRUNG TAM PHAT
HANH SACH GIAO DUC (thuec NHA XUAT BAN GIAO
DUC) 57 Giang Ve, Ha Ngi (dign thoai - 04.8562493).
Gid sdch : 28.000d. Moi chi 1i&t cac ban co thé
huc 1iép lién hé véi Téa soan Tap chi Todn hoc va
Tuéi tré, 81 Trdn Hung Bao, Hd Ngi (dién thoai :
04.8220073). v

I SSN : 0866 - 8035 Chist : 12884 M si : SBT43M7

Gidi dap bai

7 = =
HOI TUdI ¢tin MO NGUDY
Néu goi fudi clia ong 1 x, tudi ciachald y, tudi cia con 1 z
thi theo diéu kién cabaitodntaco:
- Lidc chéu ra don thi tudi ong hing udi cha sau diy i2 nidm

x-2=y+12 (1)

- Ong c6 con sém hon cha ¢o con 1 2 nim:
X-y+2=y-2 (2)

- "Téng s tudi ciia dng, cha va chau 1 100 :
X+ y+ 2= 10 (3

Nhur thé ta cé hé phucme trinh
x—z— =12
x=2y+z=-1
X+ y+z=1H
Gidii h¢ phuong trinh nay ta tim duc tud Ong ;
cha : y=34 vi wéi con z= 10,
Nhdn xét : . C6rit nhicu ban co gid dip dung.
2. Chc ban Trinh Thank Dong. +A, Vinh Thinh, Vinh Loc
Thanh Héa Neuyén Manh Tuin. SA Thanh Duomg, Thanh_
Chwong, Nghé An Nguyén Ding Hai @ 6T, Neuyén The
Phiong 6T, NK Nguyen Du, Go Vip. TP.HCM. Nenyén Tin
Minh Timg : 6/2, Nguyén Khuyén. Tran Thi Ninh NhamTién
Ling, Hai Phong, Trinh Humg Yén, TA, Chuyen cip [, B Tin
Nghia, TA,,Chuyén Phong Chau. Phu Tho. Phi Anh Ding, TA,
Chuyén Thach Thit, Ha Tay. Trin ing Ninh. 7T, Trin Bing
Ninh, Nam Dinh. Pham 7 Vinh. 7A, Humg Diing. Vinh, Nghe
An, Lé Thi Minh Tdm. Pleiku, Gia Lai. Lé Phii Cining Tiy k¥,
Tirky, Hai Duong khong 1p va gidi phuomg trinf nhumg dadira
ra nhimyg Kip ludn din dén giidf dip dung.
BINH PHUONG

v = 56 tudi

THANH PHO €O RAO NHIEU TUVEN XE ?

Mang I cic tuyén &t bugt cia mot thanh pho duoe hé tr
theo nguyén tic )
a) M@ tuyén chi c6 ba bén o :
') Hai tuyén bit ki hofic khong 6, hodc néu cothi chi c6 mt
hén dd chung. 1181 ¢ th b tr nhigu nhat 1 bao nhigu tuytn xe
trong thinh phé chi ¢6 9 bén 46 ?

NGUYEN CONG S

([ THONG BAO THAY D01 TRU SO \l

| Bit diu tir thing 6-1997, try so' eia Toa soan TC |

‘ TH&TT chuyén vé : '
| &1, Tran Himg Dao, Ha Nji. DT : 04.8220073

Thurtir va bai vé xin g vé toasoan theo dia chi trén |

L TCTH&TT )

o

Ché ban tai TT CR-DH NXB Giao dye
In tai Nha may in Dién Héng, 57 Giing Vo

Gid : 2.000d

In xong vi ngp i chigu thang 771997 Hai nghin dong
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