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TG MOT BAl TOAN QUEN THUOC

Trung viéc hoc toan cd nhiing diéu that don
gian, that quen thudc nhung néu chiing ta tiép
tuc suy nghi va khong ngiing suy nghi thi chac
chén sé dem dén cho ching ta nhiéu diéu tha vi.

Bai viét nay xin ciing ban doc vé vdi mot bai
toan gquen thude,

Bai todn : Cho hinh vuéng ABCD. Dat mét
hinh vuéng A’B'C’D’ sao cho tam hai hinh
vubng do tricng nhate,

C‘:‘mng minh trung diém ciia AA’, BB’, CC’,
DD’ la dinh eiia mét hinh vuéng khac.

Xin duge néu 3 cach B e

gidi trong s6 cdc cach gidi M

Cach 1: B

ABOB'= AAOA’ (c.g.c) | c

=HRB'= AA" | Vb ;

Xét tugng tu ta co |a e
=B R =00 =i

= OM ON = OF = 0Q. 'C

T gide BB’DD’ 1a hinh ‘binh hanh (vi B’D’
va BD cat nhau tai trung diém méi dugng) =
BB’/ DD’ = BMDP la hinh binh hanh — O la
trung diém MP.

Tugng tu trén O 1a trung diém QN.

Vay MNP@ la hinh chit nhat e
_ACON = ADOP (c.cc)= CON = DOP =
NOP = 90°

Do dd ti giac MNP@Q la hinh vudng.

Cach 2: Né6i B'C, C'D, AD’, A’B.

Goi E, F, G, H lan luot 1a cde trung diém.

T4t d6 van dung kién thic dudng trung binh
clia tam gide, tam gidc bang nhau = MNP@Q la
hinh vuong.

P

NGUYEN DUC TAN

Cach 3 : Thuc hién phép quay tam O, gdc
quay 90° cting chiéu kim déng hé thi cac doan
AA’, BB', CC", DD’ =é lan lugt tring vdi BB’
CC’, DD, AA’ do d6 cdc diém M, N, P, @ lin
lugt trung véi N, P, @, M. Tu dg QM = ON =
OP = 0Q va MON = NOP = POQ = QOM
= 90°. Vay MNPQ la hinh vudng.

Vi 161 gidi theo cdach 3 ching ta giai duge
bai toan rat déc ddo. Bai todn tdng quat cua bai
toan tren.

Bai 1 : Che da gidc déu n cenh
A A, .. A,nEN,n >3datmotdagidc déu

mn?
n canh A’y A’5. A’ sao cho tdm hai da gidc
déu do tr&ng nhau. Goi A A”,", .., A", lan
Lot la trung diém clia
A A, ,AA,, .., A A, Ching minh
rang da gige A", A”, ... A", la da gidc déu.

Va chac chian rdng vai cach gidi nay néu
"ding @ vi trl nay hodc ng" ta sé cd cac bai toan
mdi khac nita.

Nhung vdi cach giai 1, 2 cd tim duge diédu gi
li tha khéng ? Vdi cach gidi ching minh MNPQ
la hinh binh hanh khong cdn dén O la tam
chung ma cdch giai 3 "bi han ché" ta "nay" ra
bai todn 2 sau day :

Bai toan 2 : Cho hinh binh hanh ABCD.
Dat mét hinh binh hanh A’'B’C°'D’ nam trong
hinh binh hanh ABCD, Chung minh réing
trung diém cita AA’, BB, CC’, DD’, sao cho cdc
dinh ciia hinh binh hanh A’B’C’'D’ la cdc dinh
ciia mot hinh binh hanh. Bay giv dén lugt cac
ban nhé. Hay gii bai todn trén bang cach khac.
Tim cac bai todn mdi suy ti bai toan nay.

Chiic cac ban gap nhiéu diéu thad vi.

HOI THI TIN HOC TRE
KHONG CHUYEN TOAN QUOC

Sau bén thang chudn bi va tién hanh thi ti
co 54 dén thi tinh véi hang ngan thisinh tham
du, Hoi thi Tin hoc tré khong chuyén toan quoée
lan dau tién duge té chiic tai Ha Noi vao ngay
17.8.1995. D4 ed 17 em hoe sinh tiéu hoc, 23
em phé thong trung hoc co sd, 27 em phé thong
trung hoc va 18 em la thanh nién dudi 18 tudi
cia 27 tinh, thanh, nganh tham du. Ngay
19.8.1995 Lé& trao giai cude thi di duge to chiie
tai Hoi truong Bao tang Hé Chi Minh. 36 em
da doat giai va 8 em dude giai phan mém sang
tao tu lam. Em Nguyén Quang Uy, Khdanh Hoa
nhit khéi tiu hoe, Nguyén Dinh Hidu, An

Giang nhit khoi trung hoe co 84, Ly Tiéu Bang,
Song Bé nhdt khoi trung hoc phd théng va
Nguyén T4t Dac, Hai Phong nhit khéi thanh
nién dudi 18 tudi. Thanh phd cang Hai Phong
cd ca 4 em doat giai. Em Dang Vii Tang (Hai
Hung) 7 tudi 1a thi sinh tré nhit. Em Va Dice
Trung (Hda Binh) 9 tudi 14 thi sinh tré tudi
nhdt doat giai. Cac dia phuong dat két qui cao
la Hai Phong, TP Hé Chi Minh, Ha Neéi, Ha
Tay, Khanh Hoa, Nam Ha. Qua cudc thi cho
thdy phong trao tin hoc khong chuyén & cac
tinh mién nui phia Bac con chua phat trién.
VO KIM THUY

https://tieulun.hopto.org



https:/"www.facebook. com/letrungkienmath

hitps://sites.eoogle.com/site/letrunglkienmath

CACH GIAl HAY., D0OC DA0

NGO HAN

Sau khi da biét cach giai mot bai toan, cac
ban hay c6 ging tim thém nhiing cdch giai khac
(néu cd) d€ chon ra cach giai hay nhat, déi khi
doc ddo.

Xin néu mét s6 bai toan dudi day cung vdi
cach giai hay hoac déc ddo d€ chiing ta cung
hoc tap.

Bai todn 1 : Vita ga vita choé 36 con. Troi
lai cho tron dém di 100 chan. Hoi c6 mdy ga,
mdy cho ?

Day la mot bai todn ef & nude ta ma cac hoc
sinh phé théng déu biét cdach gidi bang cic
phuong phép - gia thiét tam, phuong trinh, hé
phuong trinh, v.v..

Sau day la cach giai rdt hay va doc ddo cua
G.Polya, mot nha todn hoc va tam 1y hoc ndi
tiéng cua Phap :

Gia st nhing con ga va chd giong nhu
nhitng con vat & rap xi&c biét thuc hién theo
lénh cia ngudsi didu khién 13 phai ding ¢ mot
tu thé rit dac biét : M&i con ga chi duge ding
bang mét chian, méi con chd chi duge ding
bang 2 chan sau (tdc 12 méi con phai co mét
niia 86 chan cia minh 1én khoi mat dat).

Nhu véy theo dé todn, ta suy ra tdng sd chan
cham ddt ctia 36 con vita ga, vita ché la 50 chan
(vi cd tdt ea la 100 chan).

Néu 36 con toan la ga thi chi cé 36 chan
cham déat. Do d6 86 chéan thita ra la :

50 — 36 = 14 (chan)

S6 chan nay ting véi s6 chd vi méi con ché
so vdi méi con ga duge tinh thém mot chdn
cham dat.

Viy c6 14 chd va cbn lai 1a 22 ga.

Céch gidi nay that don gian, dé hiéu va nhu -

"xigc" vay !
Bai todn 2 : Cho 3 s6 bdt ki x, y, z. Chiing
minh dang thiic :
(x+y+zP-x3-y3 -2 =3@x+yly+z)iz+x).
Cach giai thong thutng cla bai todn nay la
thuc hién cdc phép toan & v& trai bang cach
dung cdc hing ding thic, réi nhom cac hang

2

(Ha Noi)
tit d€ cd nhan tit chung va cudi eling duge két
qua l1a vé& phai clia dang thic cdn ching minh.

Co mot cach giai hoi "la” déi véi cac ban
hoe sinh phd thong co sd la dua vao mdi lién
quan giita nghiém ctia mét da thie vdi phép
chia da thic cho nhi thic :

Da thite Plx) cé nghiém x = a khi va chi khi
da thite Pix) chia hét cho nhi thitc x — a.

Vi vay, déi vdi bai todn da néu, ta dat :

P=(x+y+zP-x-y3-2° (1)
va néu coi P 1A mot da thic véi bién so6 x thi
x = —y la mot nghiém, vi khix = - y ta cd :

P=(y+y +z)3- (_.‘),3) _,y\‘x ool iy

Do dd P chia hét cho (x +y)

Mat khac P la maot da thuie ddi xdng gita
cdc bién x, y, z nén P cing chia hét cho (y +zJ
va (z +x)J, tic 1a P dude phén tich thanh nhan
ti, co dang :

P e g e e 5 (2)

Vi P viét d dang (1) la dang cAp bac 3va P
viét & dang (2) muén la dang cdp bac 3 thi @
phai la mot hang =6

Do dé néuchox = ¥ = z = 1 thi gia tri cua
P viét d dang (1) sé la :

P=U%1+13-P-P-13=21" (3)
va gid tri cia P viét § dang 2 sé bang :
P={1+1D1+1)1+1)@ =289 (4

So sanh (3) va (4) suyra: @ = 3.

Vay:P=(x+y+z3-x*-y* -2 =3+
yiy +2)z +x)

Bai todn 3 : Cho cdc s6 khéng ém a a,

a, Ching minh bdt dang thic
a ta, +...+ta, :
= z Waa,...a,
N6 trd thanh dang thitc khia, = a, = .. =a,,

O thé ki IIT truée cong nguyeén, Oclit, nha

toan hoc ¢ & Ai Cap, bang phuong phap hinh

hoe da tim ra bdt ding thde néu trén trong
truémg hop n = 2 va goi la bit dang thadc Oclit.

Néam 1821, Cési, nha toan hoc 14i lac Phap
da chitng minh bit dang thiic trong truéing hap
téng quat, nén ta goi bdt ddng thic trong bai
toan 3 14 bat ding thic Cosi.
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Nhiéu nha toan hoe khac di ching minh bat
ding thitc Cosi theo cac cach khac nhau, tuy rang
ciing diing phuong phap chiing minh qui nap va
déu phai chiing minh dai. Ngay ching minh ctia
Cési ciing kha dai nén khong néu ra ¢ day.

Cach day khong lau, Kong-Ming-Chong ddl
& Maylaysia da dua ra mot cach giai khac,
tuong d6i ngan gon nhu sau :

al+a2+ .ta

"

Trude hét, dat: T = Khi

n
d6 bat dang thic & trén tuong duong voi bat
dAng thic :
0 L (1)
Néua, = a,... = a, thi (1) trd thanh dang
thic, vi:™m=T.7..T=
Néua,, a, ... a, khong bang nhau tét c4 thi
phai cd bat dang thie thuc su :
™>a4a,..6, (2)
Ta ching minh (2) bing qui nap.
Dé thiy (2) dung vain = 2, tic la :
a, +a
a, # a,=> T = (----LZ——Z)E > 0.0,

ujaz B )

Gia st (2) ding véi n - 1 s6 khong bang
nhau tat ca cd trung binh congbang T. Ta phai
ching minh (2) ding vdi .

That vay, trong céc s6 a,, a,..., @, khong
bang nhau tdt ci phai cd mot s6 bé hon T va
mot 80 ldn hon T', gid st laa, vaa, :

a<T<a,

Do dé ta ¢6 :

(T-apa,-T) >0
hay la :
ala2
@y ta, — 05 T-BO

Ta xét n — 1 s6 khong Am sau day :

By By sl S H o= 1)

Dé thiy n - 1 s6 ndi trén khong bing nhau
tit ca nén theo gia thiét qui nap taed :

Tn—l
aé

B

Vay: T" > a.a, ...a

- Bai toan 4 : Cho 2 dudng tron _(Cl) va
(C,) cdt nhau va goi A la mot trong cac giao
diém ctia chung. Hai chdt diém M, va M,
chuyén déng trén (C,) va (C,) tuong ung, xudt
phat tit A citng mét liic, theo ciing mot chidu va

oy T

a& 4- Gy,

¢6 van toc khéng doi. Sau mot Uong M, va M,
trd vé A cung mat lic.

Chiing minh rang cé mét diém P trong mat
phéng sao cho ¢ bdt ki thoi diém nao trong qud
trink chuyén dong thi hai chdt diém M, va M,
luén cach déu P, |

Bai todn nay la bai toan s6 3, do Lién X6 (cd)
dé xudt trong ki thi Todn quéc té€ l4n thd 21,
td chiie tai Luan Don (Anh) nam 1979,

Céach giai do Ban giam khao néu ra la dya
vao cac phuong trinh chuyén déng theo van téce
gdc va ding cdc cong thic lugng gidc dé bign
déi thanh hé phuong trinh, nhung giai khong
don gian.

L& B4 Khanh Trinh trong doan du thi Viét
Nam da e cdch giai "rdt dep, rdt dée ddo” nhu
18i ca ngoi cia 6ng Cha tich Héi déng giam
khao quéic t& trong ki thi thd nhat. Cach giai
dd nhu sau.

Visau mot vong M| va M, trd vé A cung mot
lic nén & mot thoi diém bat ki thi do 16n cda
cung ma M, da di qua bang d6 l6n cia cung ma
M, da di qua (xem hinh vé).

(Cy)

Do dé n&u goi B la giao diém thi hai eua hai
duong tron va ta néi AB, M,B, M,B thi cd :
MBA + M,BA = 180°, tic la 3 diém M,, M,
va B thdng hang.

Goi B, la diém déi xiing v6i B qua tdm O,
B, la diém déi xing voi B qua tam O,

Ta cd hinh thang M| M. 2Bl vubng tai M| va
M?- Doddnén Pla trungdlem cua canh bén B B,
thi P sé cich déu M, va M, vi P ndm trén dufmg

trung binh cla htnh thang vudng (ticla P nAm
trén dudng trung tryc cua doan thang M| M,).

ViB] va B, cd dinh (do B ¢é dinh) nén trung
dim P ciing 6 dinh.

Cac ban hay tim céc cdch giai khac d6i vai
4 bai todn di néu xem cd cach gidi nao hay hon
khéng va khi gap cdc bai toan khade, cdc ban
ciing nén lam nhu vay !
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Bai T1/215. Tim tam chit 56 tan cing ciza 5%

Lai giﬁi. Ta cd 51995 _ 5ll {51981 =t 511
Ta sé chiing minh 511 (51984 - 1) chia hé&t cho
108 dé suy ra cdc s6 5!9%° va 51 ¢d ciing 8 chit
86 cufi tuong ing nhu nhau. That vay, bing
cdch ap dung lién tiépa® - b2 = (a-b)(a+ b). Ta
e6: 51941 = (B3 - 1353 +1) (52 + )5 +1)
(5248+ 1)(54%0 + 1)(5%92+ 1). Ma 53 - 1: 4 va
55+1: 2V k € N. Suy ra 5984 — 1 chia hét cho
28 Vay 511 (51984 — 1): 5% .28%: 10% Vay tam
chit 86 cudi cdn tim la 48828125 ( = 5!1).

Nhan xét. Co 110 bai gidi trongsédoeo 11
bai giai sai (10 bai sai dap s6 ; mot bai ching
minh sai cong thic tong quat). Cac ban sau day
co 16i giai t6t : Pao Manh Thang (9B, Trudng
chuyén Viét Tri, Vinh Phi) ; Nguyén Thinh
(9T, Phan Boai Chau, Nghé An) ; Luong Hiiu
Tinh (9T, Trudng nang khigu Bim Son, Thanh
Hda) ; Trian Chi Hoa (Nam Li, Déng Héi,
Quang Binh) ; Pham Thé Nhat Truong (9B,
Phuong Thanh, Céng Long, Tra Vinh).

DANG VIEN

Bai T2/215. Cho hé phuong trinh
x—3y—a=0 (1)
peik yl Gy — Gy 9= (2)

Goi (x;, y ) va (x,, y,) la hai nghiém cua hé
trén. Hay tinh : N (x,—x,)*+(y, —y,)".

Lai gidi : cha Nguyén Van Quang, 8D,
Nang khiéu, TP Thanh Hda.

Tit (1) suy rax = 3(y + 1) (3). Thay x d (3)
vao (2) ta ecod :

592 +5y-3=10 (4)
Do (.rl, 3’1] va {xz, yz) 1a hai nghiém ctia hé
phuong trinh trén nén y | vay, cing la nghiém
cia (4). Theo dinh li Viet ta cd

b
Yty = _g=—1

3
YiYa = Hi3
Mat khdc tit (3) tasuy ra:x, —x, = 30y, - y,)
Vay = V(x; =x,) =) = V10, —y,)*
Nhung ta c6 : (y, "sz)z = (y, +y)? -4y,
| B8 :

mltmoy

Cudi cung ta tinh dudgc

'd'(xl “"Iz:lz +I::y‘| —yz}z =

17 Lok
10 = =34
(0]
Nhan xét : Rit nhiéu ban giai dude bai

nay. Cac ban sau day cd loi giai t6t : Nguyén
Van Quy, 9A, NK Tién Son, Ha Bac ; Vii Manh
Himng 9A, chuyén Tam Dao ; Ha Thanh Ting,
8T, chuyén Phi Tho ; Nguyén Minh Phuong,
9A, Viét Tri ; Duong Huy Trung, 8, NK, Vinh
Yén, Vinh Phu ; Pham Tran Qudn, 8A, B& Van
Dan ; Nguyén Héng Ha, 9H, Trung Vudng ;
Nguyén Quoc Thang, 9C, Hai Béi, Ha Nai ; Bui
Duy Hung, 9A, Té Hiéu, Hai Phong ; Viang
Dite Nghi, 9A, chuyén Quinh Phu ; Dang
Hong Toan, 9T, Pham Huy Quang, Thai Binh ;
Tran Thanh Son, 7T, Dinh Hiu Toan, 8T, NK
thi xa Ninh Binh ; Nguyén Tién Hoa, 7T, NK
Bim Son ; Pé Huy Diing, 9B, Thiéu Van ; Lé
Minh Thanh, 9T, Lam Sdn ; Cao Qudc Hiép,
9T ; Lé Van Tudn, 9A, NK Hoang Hda, Thanh
Hda ; Triin Phiic Ngizyén, 9T, Phan Béi Chau,
Nghé An, Trin Chi Hoa, Nam Li, Déng Hai,
Quang Binh. Lé Ty Nhién, 9A, Nguyén Van
Trdi, Dién Ban, Quang Nam - Da Nang ;
Nguyén Thi Thanh Thiy, Trin Thi Ngoc Hdi,
Luong Lé Tu, 9T, chuyén Lé Khiét, Quang
Ngii ; Mai Duc Thanh, Buén Ma Thust, Dak
Lak ; Trinh Anh Vi, 9T, chuyén Lé Quy Dén,
Long Khanh, Déng Nai ; Tran Hitu Nhon, 9T,
chuyén Nguyén Binh Khiém, Vinh Long.

TO NGUYEN

Bai T3/215. Choday sé a, a,, .., a, théa man
2
= @n+ )(Nn +Vn + 1)

mEN n=0

Chitng minh rang :

S =al+a2+...+un <

o n+2
Lixi gidi (ctia ban Cao Quéc Hiép 9T Hoang Hoa)
Taciag, = g =

n— (2an+1D(Vn +Vn+1)
_2(0n+1-Vn) 20n+1-Vn)
Nl Fan+1 Nn@n+1)
o e I |
Vn Vn+1l
Tit do

1 2
:Snil‘m=1—1‘;:
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2 2 n

={1“_ =l_m=m.

Nhin xét : Nhidu ban gidi tot bai toan nay,
trong s6 dé cd : Nguyén Hiua Khdn Minh,
Nguyén Tri Phuong Hué&, Trinh Bdo Trung,
8A Bé Van Dan Ha Noi, Tran Quang Binh, lap
9A Long An, Nguyén Quéc Thang, 9C Déng
Anh, Ha Néi, Ha Thé Hing, 9 chuyén Thanh
Son, Vinh Phi, Nguyén Viét Thanh, 8 Loc
Ninh, Quang Binh, Mai Ngoc Kha, & Tran
Dang Ninh, Nam Ha, Nguyvén Tran Phuong, 9
Nghi Loc Nghé An, Dae Trong Thé, 9NK Ha
Tinh, Trén Nam Diing 9CT, Vinh Nghé An,
Nguyén Minh Quan, 8T Quang Ngai, Nguyén
Thi Kim Phuong 6, Diie Pho Quang Ngai,
Triin Thanh Son, 7CT Ninh Binh.

DANG HUNG THANG

Bai T4/215 : Cho tam gidc ABC va mét
duong tron tam O di qua Ava C. Gei Kva N la
cac giao diém cua duong tron O voi cde conkh
AB, BC tuong itng. Duong tron tam O,, O,
ngoai tiép AABC va AKBN cat nhau tei B va
M. Chitng minh ring 0,0, [/ OM.

Loi giai :

Nti M vai K, C vai O, K vai O va K vai C.
Tacd :

K l”(” 3 KAC' ( 1)

K‘ ¢ = KMB - BMC = {180° - KNB) -
BM( (Do tit gide BMKN noi tiép). Mat khac
t gide AKNC noi tiép nén KAC‘ KNB

- T e )
r!:_f}_’_(lEi EMC ={180°- KAC)~ BAC = 180°
-2 BAC (2)
Cong (1) va (2) tacd :
—

KoC+ HI;'I‘.FE = 180%, Do dd tii giac MKOC
noi tiép.
e —
Suy ra OMC = OKC

https://sites. eoogle.com/site/letrungkienmath

e ———
Ma OKC = ~ 00 -

2 —,
(theo (1)) = OMC = 90{‘ BAC.

Lai co BMC = BAC

Do dé OMC+ CMB = 90" hay OM 1 BM.
Dé thdy 0,0, L BM. Vay 0,0, /| OM.

Nhin xét :

(Giai t6t bai ndy ed cac ban : Cae Son Déng,
0A, cdp Il Xuin Son, Déng Triéu, Quing Ninh;
Pham Thu Huong, 8A; THCS Hong Bang, Biti

90° — BAC

DuyHiing, 9A THCS T Hiéu, Hai Phong; Nguyén

Cong Nguyén 9, NKViét Yén, Lé Xuan Hoang
9A NK Hiép Hoa, Ha Béc ; Via Manh Hiing, 9A
chuyén cdp Il Tam Dao, Ha Thé Hing 9T
chuyén Thanh Son, Ha Thanh Ting, 8T
chuyén cp II Phu Tho, Vinh Phu ; Pac
Phuong Bac TA B€ Van Dan, Nguyén Hoang
Lam 7A; Chu Van An, Nguyén Qudc Thang
9C, Hai Bai, Dong Anh, Pham Theé Anh, 8CT
Nghia Tan, Ti Liem, Ha Noéi ; Dé Ngoc Anh,
9A NK Neguyén Hién, D4 Quée Bdo, Mai Ngoc
Kha, Nguyén Hong Hanh, 8T, Dang Viét
Cudng, Nguyén Anh Hoa 9T, Tran Dang Ninh,
Nam Dinh, Ha Manh Hinzg, 8T NK ¥ Yén,
Nam Ha ; Pham Minh Dite, Trin Ngoc Thanh,
Nguyén Minhk Thanh, Vien Ngoe Quang 9T,
Lam Son, Thanh Hda, Pdng Dite Hanh,
Nguyén Thinh, 9T Phan B6i Chau, Nghé An';
Tran Lé Thiy, 8T NK Thach Ha, Ha Tinh ;
Nguyén Viét Thanh 8C, THCS Loc Ninh, Dong
Héi, Quing Binh ; Tan Dat, 9 Thuc hanh SP
Hoa Khdanh, Hoa Vang, Quang Nam - Da
Nang ; Trén Thi Ngoc Hdi, Nguyén Trung
Kiét, 9T chuyén Lé Khiét, Quang Ngii ; Mai
Dite Thanh, Buon Mé Thuot, Dac Lac, Trinh
Anh Vi, 9T Chuyén Lé Quy Dan, Long Khanh,
Dong Nai ; Ngé Xuan Huy, 9, Nguyén Dic
Thanh 9, truong Colette Q3 TP HCM, Trin
Hitu Nhon, 9T Chuyén Nguyén Binh Khiam,
Vinh Long
VU KIM THU Y

Bai T5/215 Cho tam gide ABC. Hai diém M
vi N theo thit tu di déng trén hai canh AB va
AC sao cho BN = CM. Goi T la giao diém cia
BN va CM. Chitng minh rang duong phan gidac
trong ctia goc BTC ludn ludn di qua moi diém
cd dinh.

Loi giai. Dyng hinh binh hanh BACD. Do
AABC dd cho nén [ xie dinh va do dé ed dinh (1),
Goi S la dién tich hinh binh hanh ACDB. Ta c6 :

5
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B ,

'
Smep) = Swepy = 5 (VIAB [/ CD)
Vay Sivem = Saucny
Hon nita
cac tam giac

NBD, MCD
lai cd NB =
MC (gt) nén
cac  duong
cao  tuong
ung la DI,
DK phai

bang nhau.
Vay D nam
trén  dudng
phan gide 1 gdée tao bdi hai duéing thang BN,
CM (2). Mat khae, do M, N lan lugt di dong trén
cdc canh AB, AC nén giao diém T ecta BN, CN
nam trong AABC suy ra ti giac BTCD 16i va
cdc duting chén BC, TD ecat nhau tai didm E
nam gita B, C, hay tia T'D nam giua hai tia T'B,
TC (3). Két hop (3) vdi (2), taed TD la tia phan
giac cua gdc BTC ; két hop véi (1) ta cd dpem.

Nhan xét. Co 1 1oi giai sai cho ring diém
cd dinh cdn tim la trung diém ena BC, con lai
déu giai dung. Loi giai tot gdm cé : Nguyén Thi
Phuong Thdao (BA, THCS Chu Van An, Ha
Nai), Nguyén Tdn Qudan (PT chuyén Gia Lai,
Pleiku), Hé Bde Ldn (8C2 THCS Kim BDéng,
TX Ba Ria), Mai Ngoc Kha (8T, Tran Dang
Ninh, Nam Dinh) Nguyén Tudn Anh (7 todn
THCS Ving Tau)

DANG VIEN
Bai T6/215: a, b la cdc 56 thuc thoa mdn
4b > a’. Hai day s6 {a,}*_, va {b,}>_,

duoe xde dinh nhit sau

S 2
a, =a,b, =bvad = be,

e+l

a =2 —a;¥n=012..

H o+

Ching minh rang tén tai mot s6n > O ma

a > 0.

Loi giai (caa Vii Quang Ding, LL0T
DHTH Ha Noi) : Tit 4b > a® va tit cach xac
dinh day {lsn} suyra b > 0 ¥n € N. Tii cic hé
thite xde dinh [(1”} va {b”} taco :

6

2
Al _Q(L
gbﬂ 2b” Jh"_, 1
(e

Zines 5 " i 2
Vaimoin € N, date, = %G tir (1) ta co :
n

)z‘i’n= { et

] s 26 —a?
e, +1=1-2¢;YnENQ@)vac, T

T 4b > a2 =25 = 2b -a? > -2b =1 =
S Iy — gl
= %—%i >~-1=3p (0, 7]sao chui:_%n L=
= —cosp. VOi ¢, = —cosp, bang quy nap theo
n, tit (2) dé danged ¢, = —cos(2p) Vn € N.

Do ¢ € (0, 7] nén 3k € N sao cho

2;"+l <p < % hay 2¢ . p € (; x]. Khi do

¢ = —cos(2hp) > 0 vado vay @ 4+, > 0 (Dpem).
Nhan xét : Ciang v4i ban Dong, ban Pham
Dinh Truong (11 CT Tran Pha Hai Phong)
cung co 101 giai tot.
NGUYEN KHAC MINI,
Bai T7/215
Chitng minh rang

L 0 £
a) lcrlJC:i > 13, ,-;':C}I, +1 5 EC: ‘n+2 Tt
[_1 ).'r il o
b G
SREL 1yt~
by O — 5(:’;22+~5f..3}:3" S e
% ?”(n!J:
L i

Loi giai (cla tdc gid bai toan)

Gia sfl‘ﬂ],.:izr ...,ﬂn la csic hang so cho trude. Xét
(xr =A)x =4y ... (x— 4,

(x+1)x +2) .. (x+n2)(2c+ 1)

F(x) ¢d thé bigdu dién dudi dang

F(x) =

a, »%

ST ey e
i a, Ty +1

x+n 2k

Quy dong mau s6 va cho x lan hugt cde gia tri
1

£ Tol =1, =2..., =n ta thu duge
(’1|+1]"'{'1n+1] :

g, = (—=1yr 1

1 (n —1)!
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(Al+2...(,1n+2)

-

e e o pn SR A

1 (A, +n)(A, +n)... @, +n)
= @n -1y n ~1)!

@, +1)... (20, +1)
e B
thig}u p(x) = H(x + 1)

Ti (1) chox = 0 ta dudc

1 - (2 _
(n{P.(- 1)!(“1)" o 2{{::?1 }— gy’ el
{P(”) (ZAI = ])[2:1” + 1) e
@n-1n! 1.3.5.(2n wT{_]) 3
(=1, ...A,
RIS

] o (=1)'epp(n)
hay —¢, (1) + Ecﬂgp(g‘l +... el G

@21, +1)... (2, +1)

i w R e
Lidabu s (2 =1) "2 i

Choi, =0,4,=1,.,4 =n-1

ta thu duoe diang thiie a)

Chold, = A, = ..=A_= 0tadugch).

Nhan xét : Chi cd hai ban gui loi giai.

Tuy nhién 1&i giai cia hai ban qua dai va cé

+n!

chd chua chinh xac.
DANG HUNG THANG.

Bai T8/215. Véi moi x sao cho
tgx, tg2x, tgdx xdc dinh. Chitng minh rang

3(tg’x + tg%2xc + (g23x) = (tgxtg2xtgdx)?
L&i giai (cua da sd cac ban)
Ta ed
tgx + tg2x =
Do vay
tgdr — fgx — fg2x = tgxfglrtgdx
Ap dung bit ding thitc Bunliacpski, ta duoge
(tgxtg2xtgdx)? = (tgdx — tgx — ig2x) <
< (12 + 12 + 1%)(tg%3x + tgx + ig*2x), dpcm
Ddu ding thic xay ra khi va chi khi
—tgdx = x = kx (k € )

tgdx(l — tgxig2x)

tgx = tg2v =
Nhan xét. Cac ban sau day cd 16i giai ding

hitps://sites.google.com/site/letrunglkienmath

Nguyén Nhat Nam 11A, Ving Tau, Tritong
Phii Thién, 11B; Trinh di Quée, 11T, Luong
Van Chanh, Pha Yén, Mai Thé Hung, Pham
Duy Hiing, CT, Triin Hitu Lytc, 9¢c Quéing Binh,
Nguyén Van Anh, Nguyén Trong Hao ; Binh
Thuan Cao Thé Anh, Dao Xuan Vinh, QH Hué,
Phan Minh Tuén, Nguyén Minh Hoong,
Khanh Hoéa, Tit Minh Hdi, 11CT Déc Lak, Vi
Tudn Anh, 8CT, Bac Thai, Ta Van Duong, Ha
Tay, Nguyén Ngoe Bién, LHP, Hé Chi Minh,
Lé Van Manh, 11CT, Hoa Binh, Nguyén Hdi
Yén, 10 Tin hoc, Tién Giang), Lé Hoai Phong
11A TV Quy Nhon, Li Hoang 10T, Déng Ha,
Quang Tri Nguyén Ngoc Hdi, T Ki, Pham
Anh Die 10T Hai Hung, Vi Trang Nhung, Vi
Duy Hdi, Tran fhic Quyén, Nguyén Anh Hoa,
Dé6 Ngoe Anh, Trin Van Tu, Nguyén Xudn
Hoa, Nam Ha, Ha Anh Tudn, Nguyén D6 Hai
Nam, Pham Quang Hung, Nguyén Héng
Minh, Bii Xudn Thinh, Vinh Pha, Tg Thién
Toan, Ngo Biic Dung, Pham Dinh Truong, Lé
Quée Viét Hai Phong, Nguyén Ngoc Kién, Biii
Ngoc Long, Thai Binh, Lé Anh Tudn, Lé
Hoang, Lé Hoang Giang, Lé Xuan Hiung, Nhu
Quy Tho, Mai Dic Kha, Lé Quéc Trinh, Sao
Do, Dang Minh Hdi, Dinh Truong Son Thanh
Hda, Ho Sy Hién, Dang Minhk Lam, lé Van An,
Pham Qude Khanh, Nguyén Cdnh Hao,
Nguyén Xudn Son, Pham Xudn Hdi, Hoang
Auan Bach, Duong Van Yén, Nghé An, Nguyén
Van Dung, Nguyén Thanh Hdi, Phan Anh
Huy, Nguyén Hujynh Hdi, Lé Tu Thién,
Nguyén Héng Nhon, V6 Minh Huy, Lé Van
Cdnh (Quang Nam, Da Nang), Nguyén Vi
Hung, Dao Vist Hung, Nguyén Hoang Anh, Vi
Dite Nghia, Hoang Ditc Quang, Luong Tudn
Anh, Nguyén Tudn Ngoc, DHQG, Ha Noi,
Tran Tién Phong (11A, Trdn Phi, Ha Noi)

NGUYEN VAN MAU

Bai T9/215 : Cho tam gide ABC khéng cén.
Duimg tron néi tiép tam gide ¢6 tam O va tidp
xiie voi cée canh BC, CA, AB tuong ung d
A,, B, C,. Goi M la giao diém cua duing
thang BC va dudng thang B,C,. Ching minh
ring MO vudng géc voi AA,.

Lai giai 1 (caa Lé Anh Tu, 10A, PTTH Lién
Ha, Dong Anh, Ha Noi va Mai Die Khoa, 12A,
PTTH Ba Dinh, Nga Son, Thanh Hoa).
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Goi H la giao diém ctia OA va B,C,, thé thi
OA LB, = HTacé:

OM .AA, = OM (OA, - GA) =

= OM OA, -OM OA =

= OM .0OA cos mt ~ OM . OAcos MOH

= 0A;—-0A.OH = OB? —0A .OH = 0

Vay : OM 1L AA| (d.p.cm)

Nhan xéf ; 1) Nhiéu ban cling si dung vectd
dé giaibai toan nay, nhung trinh bay thuéing qua
dai déng do khong ndm that vitng tinh chat (hodc
dinh nghia) eta tich v6 hudng ctia hai vecto.

2) Ngoai phuong phap vecto, bai toan trén
ctn ¢o nhiéu cach giai khde, tham chi chi can
st dung kién thic toan phé théng co sd. Sau
day 14 méay cach giai khdc.

Lai giai 2 (cta Mai Ngoe Kha, 1dp 8 Toan,
Trdan Dang Ninh, Nam Ha, Nguyén Quang
Lée, 8CT, T Liém, Ha Néi va nhiéu ban khac)

Goi:H =0A L B[C|,P=0MN AA_; the
thi ta c6 : OA.OH = OB} = 0A7, hay la :

04

1 OH

SRl ety - i do :
oy 0 lva AAOA, A AOH. Do dd

OAA, = OAH ;T gidc OA,MH noi tiép, nén
: (.);ETH= EEH;Suyra: fmiz fm,
cung ticla: PAH = @vﬁ do dé AHPM la
bt gide noi tigp. Vi vay : APM = AHM = 90°,
hay AA, 1L OM.

Lai giai 3 (cia Nguyén Viét Ding, 9CT
Phan Béi Chau, Nghé An va Phan Duy Hiung,
11CT Dao Duy Tit, Quang Binh).

Ta co :
MA? — MO? = B|A? - BO? (= HA? - HO?)
va: MO? - MA? = OA, = OB,

8

Tit dd ta duge : :

MA? — MA? = AB} = OA’ -~ OB?, hay la :
MA? —-MA% = 0A? — 0A?

Suy ra: OM L AA,

Loi giai 4 (cha Hoang Xudn Bach, 11CT
DHSP Vinh)

Dung OK L AA, = K, ki hiéu (0)) va (0,)
lan lugt 1a cdc dudng tron dudng kinh OA,| va
dudng kinh OA, Thé& thi cdac dusing thang (BO),
(B,C,) va (OK) lan lugt 1a truc dang phuong
cta cac cap dudng tron : (0Q) va (0)); (O) va
(0,) ; (0,} va (0,). Béi vay dudng thang (0K)
diquaM = (BC) N (B|C)) la tam dang phuong
ctia ba duding tron (0), (0)) va (0,), nghia la
OM L AA| = K.

NGUYEN DANG PHAT

Bai T10/215. Tt dién OABC vudéng d 0
(tire la c6 goc tam dién OFABC) vudng co
duong cao OH = h va ngoqi tiép mot hinh ciu
ban kinh r. Hoi trong sé nhitng tit dién vudng
OABC, tif dién vudng nao dat gia tri lon nhat

S
ciia ti 6 —} ¢

Loi giai (Dua o
theo Vii Ehic San,
| 57, B i PTTH
Luong Van Tuy,
Ninh Binh)

Dat : A
OA=a, OB =5,

OC = ¢; th& thi
gitta cdac duong
cao h, a, b, ¢ va B
bdn kinh r mat cdu noi tiép ti dién OABC ¢6
hét-hlicsau:—l—+l+i+1=l; (1)
iR e e

Mat khde, trong t1 dién OABC vudng & O,
lai co :
1 - 1 i 1 L

; (2)

P T
Nhung, theo bat dAng thiic Cési, ta cd :

1 1 1 1l lF ) P ] ERE e
—t—t+t— =z = ({=+-+=\";
“2+b2 2 & (a b C) sl

Tt (1), (2) va (3), ta dudc :
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Spagnty |

e R R R

< 1+n("§3)=1+\r§.
Nhu vay :

't =max =1 +V3 <a = b = ¢, tuc la khi
va chi khi tif dién OABC 1a vudng can ¢ O.
Nhan xét : 1) O bai toan nay, kién thiec
hinh hoe khong gian chi doi hoi thiét lap hé
thide (1) déi vai mot t dién bat ki (st dung
phuong phap thé tich) va hé thic (2) dd voi mot
! t1t dién vuong (tuong tu véi mot hé thie trong
tam gidc vuong).
2) Nhiéu ban khong biét hoac khong dua vé
sit dung (1) va (2) nén tinh todn dai dong.
3) Dang tiéc ring, cd dén 13 ban da giai sai,

h
khong chi ra duge gia tri ldn nhét cua - la

1 +v3,
NGUYEN DANG PHA'

Bai L1/215. M¢t dong séng réng I, dong
nude chdy vdi van téc khong déi v, Nguoi chéo
thuyén theo moét hudng xdc dinh vdi vin toc
khong ddi v, so vdi dong nude. Hay tim khodng
thaoi gian s-::r:'ng song. Biét rang thoi gian sang
song la ngdn nhit. |

Hudng déan giai. Chon hé truc Oxy, vdi Ox
huéng doc theo nudc,
x = (v, +uvsing) vA y=uv,cosa.t Tu do

{
—>lgin = E

dong suy ra

t = e

U,COScY

: Nhin xét. Cac em cd 16i gidi ding va gon:

1 Hoang Manh Cuéng 10CT, Déng Hdi,

Quang Binh ; V@ Duy Hdi, 10A3, Lé Héng

Phong, Nam Dinh ; Lé Thanh Nam, 9A, THCS
Bé& Van Dan, Ding Da, Ha Né6i.

0K
Bai L.2/215. Cho mach dién vé bén.
Cho biét E, = 60V ; r, = 30Q
E,=20V ; r,=10Q;
g =10Q; R, = 18Q;
R, = 45Q; Ry = 90Q;
R, = 6.

s

1) K md, néu chi thay déi thi cho né gid tri

R’| nho dé cong sudt tiéu thu d R\ dat gid tri
cue dai, :
2) Cang hot nhu vgy voi R, ;

3) Cang hoi nhit vay voi R, Tinh cong sudt

ciie dai P_mra.t’ do.

4) Voi mach dién vé bén, thay R3 bang mot
von ke li tidng roi dong K. Tinh sd chi eita von
ké d6 va cia dién ké. Tinh hiéu sudt H, va H,
ctia mdi nguon dién.

Hudng din giai _

Khi K md, mach dién gém 2 phan doc lap ;
phdn cin nhan xét 1A nguén E, mac vdi mach
ngoai gém R, /R, // B, & cau 1 véi R, la mot
an so, tinh dién trd mach ngoai, higu dién thé
mach ngoai, tit do tinh P, va tim diéu kién d&
P, cuc dai, rat ra R'| = 15Q. Giai tuong tu voi
cau 2 va cAu 3, rat ra : R, = 10Q; R’, = 9Q
va P, = 9W,

Vai cau 4, thay R, bang von ké va dong K,
vé lai mach dién, va Ap dung dinh luiat Om cho
doan mach, tim duge cic phuong trinh xéc
dinh cac cuding d6 dong dién qua cac dién trd
(k& ca qua dién ké&). T dd rit ra I"J = 0,3A ;
U, = 54A. Dé tinh hidu suft cua ngudn dién,

Uy
ap dung cong thie H = T voi Uy, 1a hiéu dien
the gitta 2 cuc cha ngudn ; rat ra H| = 9% va
H, = 15%.

Nhan xét. Cdc em cd loi giai dung : Nguyén
Xuan Hao 12A, PTTH Ngo Quyén, Nam Dinh ;
Pham Quang Hung, PTTH Hung Vuong, Vinh
Phu ; Nguyén Hong Minhk, 11CT, PTTH
chuyén Hung Vuong, Vinh Pha ; Nguyén Van
Tién, 10A2, PTTH Lé Quy Don, Da Néng.

MT
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A <

DE RA KI NAY
Cac lép THCS

Bai T1/219 : Chl.?‘ng minh rdng ndu n la sé

= -

la tich cia hai s6 tu

n
tu nhién thoa méan
nhién lién tiép thi n 1a téng cdc binh phueng
ctia hai 86 nguyén lién tiép.

NGUYEN KHANH NGUYEN
{Hdi Phong)
Bai T2/219 : Cd tén tai hay khong cdc s
nguyén x, y sao cho 2x2 1999 ? Taisao?
v KiM THUTY
(fd Wi
Bai T3/219 : Giai hé phuong trinh :

+}.12 =

24y +xy -3 -4y +4 =0
TRAN HONG SON
{Thai Birh )
Bai T4/219 : Cho tam gidc can ABC
ﬁLB = AC). Goai M N lan lugt la trung diém
ctia AB, AC. Lay diém I trén MN sao cho
M 1
v =3 Goi O la tAm vong tron ngoai tiép
tam giac. Chidng minh TO vudng gde vdi BN.
TRAN BA ST
{ Chanh Hda)
Bai T5/219 : Cho tam gide nhon ABC, truc
tam H. Chiing minh rang

HA+HB +H(*{ = (:”18 o+ B A

NGUYEN MINH HA
(Hdi Phong)
Cac lop THCB
Bai T6/219 : Days6 {a, } dugexac dinh nhu sau :
1

S e SR et i 2 )
1 * Tht] 4] 3
: ] U‘ﬂ'n
Tim tat cA cac sb thuc « sao cho day {U'H}
' frd
] 3 @,
xacdinh béi { U} = —=na 1 héi tu va giai

han ciia no khae khong.
TRAN XUAN DANG
(Mam Hiad)
Bai T7/219 : Cho n, p 13 cdc 20 tu nhién va
3p = n? + n. Tim gid tri cﬁaS

?z .’J’+5(p+l}2k4+pz k2
L—E

% E ,’g"-—-a[p+l)z k4——p2,’e"

DAM VAN NHi
10 : {Thdi Binh)

Bai T8/219: Chox, vy, z2 0, x+y+z =1,
n € N. Hay tim gia tri I6n nhit cia bi€u thie
G T s T

TRINH BANG GIANG
(TP HbG Chi Mivh}

Bai T9/219 : Cho tam giac ABC, hay tim vi
tri cia diém M trong tam gide sao cho
BC+CA+AB ha 1 ho nhat
MA, M, MC, nhan gia tri nhd nhét,
trongdd MA, , MB, , MC,lacdckhodngcach
tit M t6i cac canh BC, CA va AB.

THAL VIET THAO
(Nghi An)
Bai T10/219 : Cho td dién gan déu ABCD
(AB = CD = ¢, AC = BD ='b, BC = AD = a).

Goi S 1a dién tich tcan phin cta tit dién nay.
Ching minh bat dang thitc sau day :
1 + }__. £ 1 = 9

N oy

T S e e

D4u bang xay ra khi nao

1O QUANG VINH
(NEheé An)
Cac dé Vat li

Bai L.1/219 : Mot con lAc don chidudail = 0,4m
dudce treo vao trdn & to dang chuyen dong lén
déc (goc nghléng a = 30°). Hay xac dinh gia
toc a'cla 6 tH va c*hu k1 dao dong bé T cha con

lae, biét ring vi tri cAn bang cla con ldc léch
phw:mg thang ding (vé phia trudc xe) mot goc
B =10". Liy g = 9,8 m/s-.
DO VAN TOAN
{Nghe An)
Bai 1.2/219 : Cho mét mach dién nhu hinh
vé. Nguon dién cd sudt dién dong E, dién trd

8
= Q, cacdién trd R

trongr = 3 =6Q,R,=12Q;
ampe ké, diay noi va cac khda AR K, cd dién
sBe Ks
H-| M H_q.
Jr—
. e
q)
Ry Ko
! e |

trd khﬁnlg_'tking‘ké;, dién trd cac von ké rat lon.
Khi khda K| ngat, K, déng.va con chay C & dau
N thi ampe k& chi 0,5A. Khi K, va K, déu ddng,
con chay C d trong doan MN sao cho hai von
ké& cd 86 chi nhu nhau va ampe ké& chi 0,414
(lay 0,41 = 9/22). Tim suat dién dong E cua
nguun va dién trd R, caa vat dan MN.

NGUYEN DUC PHI
(Qrdng Ngai)
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For Lower secondary schools

T1/219. Prove that if the natural number n
Ptk

n
satisfies the condition that 3

is the

product of two consecutive natural numbers
then n is the sum of two squares of two
consecutive integers

T2/219 Does there exist integers x, y such that
22 + y¢ = 1999 7

Explain.

T3/219 Solve the system of equations :

xt+y? = 698/81

]IE g by e iy +fl- = 0

T4/219 Let ABC be an isosceles triangle

fAB = AC) M and N be respectively the
midpoints of AB and AC, I be the point on MN

IN= 3 and O be the circumcenter

of ABC. Prove that IO iz perpendicular to BN.

T5/219 Let be given an accute-angled
triangle ABC with orthocenter H. Prove that :
2

3

such that

HA + HB + HC < Z(AB + BC + CA).

For Upper Secondary Schools.

T6/219 The sequence of numbers {an} is

definedbya, =1, a, ., =a, +—Jﬁ_ (n = 1)
n

Find all real numbers « such that the
at’l’
sequence {u,} defined by u, = f (n=1)is
convergent and its limit is distinet from O.
T7/219 n and p are natural numbers such
that 3» = n? + n. Find the value of S :

n H H
7Y RO +5(p +1) Yk +p >k
k=1 k=1

k=1

n H H
TYRS —B(p — 1) Dkt —p > k2
k=1 k=1 k=1

T8/219 Let be givenx, v,z 2 0, x+ y+z =1
and n € N. Find the greatest value of P :

i T G Sl

T9/219. Let be. %'i;'en a triangle ABC. Find
the position of inside ABC so that
BC+CA -|-AB-tt'*th1 t val
MAI MBI MCI attains the least value,
where MA,, MB,, MC, are respectively the

distances from M to the sides BC, CA, AB.
T10/219 Consider a tetrahedron ABCD

such that AB = CD = ¢, AC.= BD =5, BC =
= AD = a, and its area iz S. Prove that

1 1 1 ]
S e BT b
afbt bl elg? 52

When does equality occur 7

=

TRO CHOI VIET SO

Ta biét rang : Néu A 1a mét 56 chdn va chia
hét cho 3 thi A chia hét cho 6. Thém nita. Néu
tong cua 25 chit 86 etia A chia hét cho 3 thi A
chia hét cho 3. Tu do ta suy ra cdach viét s6 cia
ngudi thd nhit dé bao gio cing thang nhu sau :

- Ngudi thi nhat phai vist chit s6 hang don
vi (a,<) la 56 chan (0, 2, 4, 6, 8)

- Tiép dén nguoi thiu hai viét chit s6 hang
chue (a,,) tuy ¥ (0, 1, 2,..., 9)

- Dén luot nguai thd nhat lai viét mat chi
s6 hang tram (a,,) sao cho téng cla ba chif 6

déd viét phai chia hét cho 3.

- Tiép dd ngudi tha hai lai viét tiép mat chit
sd tuy ¥ (0, 1, 2, .., 9 thi ngudi thi nhat lai
viét tiép mat chir s6 sao cho tdng cda chit sé
nay voi chit s6 ngudi thy hai vita viét trudge do
chia hét cho 3. v.v... e ti€p tuc nhu vay cho
dén chit ¢6 cudi cung (a,) thi s6 A viét duge sé
la 56 chia hét cho 6. _

Viét nhy vay thi ngudi tha nhat luan luan
thang (Bich T, 9CV, Vinh Phua, Vinh Lée,
Thanh Hda)

RINH PHUIONG

TRO CHOR THAY SO
Hai hoc sinh choi mét trd choi nhu sau - Cho
phuong trinh bic ba vai d4n s6 1a x
ax’ 4 bx? +cx + 1995 = 0
Cach choi duge tién hanh theo nguyén tac .
Méi ngusi dén lugt minh duge chon mot s6 nao
do d€ thay cho mot trong 3 hé s6 a, b, ¢ cia
phuong trinh. Néu ai tao ra mét phifong trinh ed
hai nghiém nguyén phan biét thi ngudsi do thang
Cac ban hay gitip ngudi di trude thay sd nhu
thé nao d& bao gio cing thiang,
NGO HAN
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| PR THI HQC SINH GIOI MON TOAN LOP 9
THANH PHO HA NOINAM HOC 1994- 1995 |

-
~

moi vong 150 phit

Thoi gian lam bai :

Vong 1: Bai 3 (4 diém)
Bai 1 (4 diem). Giai phuong trinh :
XétsSA = 444 .... 4vasSB = 1644428

1995 chil s 4

Hoi s6 A cd chia hét cho s6 B hay khong, tai
sao ?

Bai 2 (4 diédm).

Ban Viét néi vdi ban Nam : "Né&u mat td giac
co hai goc dbi bang nhau déng thdi co mot
duding chéo di qua trung di€m cta duding chéo
kia thi t1 gidc dd 1a hinh binh hanh'. Ban Nam
ndi : "Diéu ban noi la sai v6i I". Ai dung, ai sai,
tai sao ?

Bai 3 (4 digm).

Giai phuong trinh ;

8x2 + WJ 235
R

Bai 4 (4 digm).

Cho tam gidgc ABC vudng gdc tai A, mot
dudng tron (O) thay déj luén luén di qua hai
di€m A, B va cit cac canh AC, BC tai cic difm
thit hai tuong ing D, E. Goi F la di€ém d6i xing
vdi E qua OD va I 1a giao difm ctia BF vdi
dubng trung truc cia AF. Tim quy tich eta
diém J.

Bai 5 (4 diém).

Trén mat phang cé 1994 didm t6 xanh sao
cho khéng cd ba di€m nao thang hang. Ching
minh rang co thé ké duge hai duting thang cat
nhau tao thanh cde cap gde déi dinh sao cho véi
moéi edp goe dbi dinh dd, s6 diém xanh trén
mién trong goe nay bang 56 di€m xanh trén
mién trong gdc kia.

Vong 2

Bai 1 (4 di¢m)

Xét 1995 56 tu nhién Gy Oy By v
tong  bang 1994 % 1995, Bat
P = aff a5 ag o a3 ... + ajgec. Chitng minh
ring P chia hét cho 3.

Bai 2 (4 diem)

Cho ngi gide ABCDE noi tiép dudng tron
(0; R). Goi M, N ldn luogt la trung diém cia
CD, EA. Biét rang AB = BC = DE = R,
chiing minh rang tam gidac BMN déu.

B3| en

@ gg5C0

12

G 2 F it A ke )=

Bai 4 (4 diém) :

Cho ti giac ABCD néi tiép dudng tron (0).
Goi A’B’C’D 14 anh cia tid gidic ABCD trong mot
phép quay tdm ). Chiing minh ring céic duong

thang AA’, BB, CC’ dong quy tai mot didm.

Bai 5 (4 di€m].

Cho luc gide déu ABCDEF, cae diém M, N,
P theo thy tu 14 giao diém cia cac cap dudng
thing : AB vai CD ; CL véi EF ; EF voi AB.
Ngusitatocdcdiem A, B, C, D, E, F, M, N, P
hoac xanh hoac d&. Héi 6 cach nédo t6 sao cho
bdt it ba di€m nao cling m#u ciing déu khong
phai 1a ba dinh ctia mét tam gidc vudng hai
khong, tai sao ?

Vong 3:

Bai 1 (4 diém)

Xét bidu thic :

N + al¥ 4 pl995 4 1995 4 41995
trong dd o, b, ¢, d 1a cac s& tu nhién sao cho
ab = cd = 0.

Ching minh rédng N 1a hop s6.

Bai 2 (4 diém)

Cho hai dudng tron (0), (0°) cit nhau tai hai
diém A, B, hai cat tuyén MAN, PAQ bang nhau
(M, PE(0);N, Q€ (0’)). Goil, K lin lugt la
giao diém cla cdac duting thaing MN. PQ véi
dugng thang OO0’ So sanh BI vdi BK.

Bai 3 (4 didm)

Giai phuong trinh :

NZT=x +VE T -1=0
Bai 4 (4 didm)

Cho gdcxOy co dé lon bang & (0° < a < 45°)
va diém P d bén trong gdc Ay. Dung gdc x'Py’
co do 16n bang 2 ; Px’ cat Ox tai diém A ; Py’
cat Oy tai di€m B sao cho hai tam gidc OPA,
OPB cd dién tich bang nhau,

Bai 5 (4 diém)

Ngudi ta diing m mau dé t6 cdc mat clia hai
hinh lap phucng sao cho trong méi hinh khéng
cd hai mat nao cing méiu, déng thai khéng co
ba mau nao d6i mot ké nhau trong ca hai hinh
(hai méu ké& nhau trong m6t hinh néu ching
duge to trén hai mat ké nhau ctia hinh ay) Hay
tim s6 m bé nhit,

DANG VIEN
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Danh dm edie ban chudn lu thi vao Dai hoe

BAC CUA THAM S0 VA HINH BAO CUA HOBUONG Yy = fx,

Khi nghién eitu ham sé da thdc y = fix, m)
ta da biét néu bac cao nhat eia déi s6 x 1a bac
nhit, dé thi la mét ho duéing thing ; bac hai,
dé thi 1a mot ho da.tdng cong parabol ; bac ba.
dd th; la mot ho dudng cong bac ba, v. v.. Nhu
viy bac cia doi s x quyét dinh dang cha do thi.
Con béc ctia tham s6 m, néu thay déi né cd y
nghia gi déi vai ho d6 thi?

DE tra loi cho cau hoi nay ta hay nghién ciu
ho duding thing y = f (x, mJ va ciing chi cdn
nghién ciu déi vadi ho duding thang ; nhiing ho
dutng cong khac cing nghién ciu tuong tu.

1. Ho dudng thang cé tham s6 bdac nhdt.

Ho duting thing nay od moét trong hai dang sau

y = mx+a (I) hode y = ax +m (II)

{z 1a hAng s6, m : tham s6).

Khi m thay d6i ho (I) 1a mét chum dudng
thang quay quanh di€ém A (0, a) co dinh ; ho la
mét diy dutng thang song song co cung dé do
a. Ca hai ho dutng thang déu pht kin mat
phang toa d6. Nho tinh chdt nay ta co thé giai
duge nhitng bai todn chdng han nhu :

Bai todn 1 : Tim nhitng gia tri ciia a sao
cho ung voi moi gia tri do cia a biét phuong
trinh sau day c6 nghiém am

3-[x-a] >x%(1)

Giai:tit()tac6 83-x2> | x-a.

Vi v& phai dudng nén bit phuong trinh chi
6 nghiém am la — V3 < x < 0. Bang d6 thi
V€ trai cua bat phuong trinh 14 mot cung cia
paraholy 3-x?véi —V3 < x < 0.V&phai
y=[x-a lahodubing gip khic hinh chit "V"
cd dinh (@, 0) chay trén truc hoanh. Nghiém
ctia bt phuong trinh 1a nhitng gia tri cia x 1am
cho duting gap khiic nam phia dudi cung parabol.

L J

Hinh 1
Nhanh y = x - a cia dudng gip khiic nam dudi

13
parabol khia > ——{khia: NG

ti€p xuc vaiy = 3 - ;rz] nhanh y = a - x cia
dudng gdp khic naAm phia dudi parabol khi
3

1
a < 3. Vay ddp s6 cia bai todn la S B 3.

PHAM BAO

2. Ho duong thang c6 tham s6 bac hai
Ho dubing thing niy ed moét trong hai dang sau
y = mx+m? (III) hodcy = m%x +m.
Ta ciing chi xét dang (III). Vi mot cap sé
éy,l dng vdi toa dé mot diém M trong mit
hang toa phuong trinh III : m? -F-m:t y=0
neu ed 2 nghiém phan bigt m , ta cd hai
dudng thing d, d, cung di qua M 2Ntii'i.l I ca
nghiém kép m = n hai dubng thang d,, dz
cung di qua M. Neéu (ﬁII) vo nghiém, khﬁng co
dudng thang nao qua M. Vay cac dutng
thang d cd di qua P ha&): khéng tuy thude vao
ddu eta biét thic A +4y. Khi A = 0tacg
2

y == i‘;— do thi la parabol P. Parabol nay chia

mat phang toa dé thanh hai mién : mién I 1a
tap hgp nhitng di€m M & phia trén parabol ing
vdi nhiung gia tri cua x, ¥ théa man bat dang
thic A = x* + 4y > 0. Tai moi diém trong
mién nay déu co thé ké dude hai dudng thang

-®

] ! &x y)

bl J

)

Hinh 2

, d, tiép xic vai P. Mién II 14 tap hop nhing
dlem "M & phia dudi P ng véi nhitng gid tri x, y
thoa man A = x?2 + 4y < 0. Tai moi diém
trong mién nay khnng thé ké duoge dudng
thing nao tiép xic véi P. Con chinh trén P la
tap hdp nhitng di€m M cd toa dé (x, ¥) théa man
phuong trinh A =x2 + dy = 0. Tai méi diém
cia P c6 mot dusng thang duy nhét tiép xic
vdi P (xem hinh 2) Tmng truémg hap nay
ngudi ta ng la hinh bao ciia ho duong thing
y = mx +m?, Suy rong ra ta cd dinh nghia

Hinh bao cita ho duangy = fix, m) la duong
ma tqi mot diém ctia no déu tiép xtic vdi Lt nhat
mot diong cita ho,

Tit nhitng hi€u biét nay ta hay gidi cdc bai
todn sau :

Baitoan 2 : Cho ho dudng thang phu thude
tham séd a :

fx = l)eosa +(y = sina~ 4 = 0(2)

1) Tim tap hop cac diém cia mat phéng
khéng thuoe bat ci duong thdang nao cia ho.

2) Chiing minh réng moi duong thang ciia
ho déu tiép xiic vdl mot v tron eé dinh.

13
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(Pé 56 141 cau IVa D& thi tuyén sinh vao
dai hoc)

Giai : Phuong trinh (2) thue chét 1a phuong
trinh lugng gidc dang Asina + Beosa = C.
Phuong trinh nay cd hai nghiém phan biét
khi A2 + B2 > C? va cd mot nghiém kép khi
AZ + B? =' (2 Dodd hinh bao cfia ho (2) phai
thoa méan phuong trinh
(o= RS el m

day chinh la phudng trinh dudng tron co
tam I(1, 1) ban kinh R = 4. Va cang r6 rang la
moi diém efia mit phing nam trong vong tron
déu khong cd duiing thang nao cia ho di qua.

Bai todn 3 : Cho ham s6

y =23 +2m — 1 +

+(m?— 4m + 1x — 2(m? + 1) (3) ¢6 bao
nhiéu do thi cia ho ham 6 (3) di gua Pla, by 2

(Dé thi vao dai hoc nam 1986).

Giai : vdi tham s6 m phuong trinh (3) la
phuong trinh bac hai :

(x — 2)ym? + 2(x* - 20)m +

+xx —1)2 —y — 2 = 0(3)

toa dd (@, b) cia P co thé xem la (x, y) cla
(3). S6 lugng dudong cong di qua P 1a 0 ; 1 hoac
2 tuy thudc vao biét thic

AN=@ -2 —(x-2)x(x =12 -y -2]

am, biang khéng hoae duong. Ta bién dé&i A’
nhu sau : A = [(x — 12 -1]% -

“ —Re = TRy £ 2=

=[x = 1)) =112 - [(x - 1)? —-1]x

X~ D+t - 2=

= =it A~ J) =

=@ -2 +2 -2

choA’=0tadugcx = 2vay=x-2lahai
duting thang D |, D,. Hai dudng thang nay chia
mat phang thanh bén mién (xem hinh 3). Mién
IT va IV la tap hop nhing diém M(x, y) thoa
man A’ < 0. Trong hai mién nay khéng co
duémg cong nao di qua. Mién I va 111 1a tap hop
nhitng diém M thoa man A’ > 0. Tai mbi diém
trong mién nay ludn cd 2 dutng cong di qua.
Chéng han tai B(0, -4) phuong trinh (3"
-2mt+2=0= 4y
m = + 1 ta co hai
dutng cong cua
phuong trinh :

y=x3-2x-4(0)

(1

hitps://sites. eoogle.com/site/letrungkienmath

0
y=x —dx? +6x—4
Nhiing diém trén :
dudmg thang x = 2 qm
trit diém y = 0 lam
cho phuong trinh 7
(3") v6 nghiém doi
vii m : khong cf
dudng cong nar

2

N — 2
m=-1 Hinh 3

m=1

14

ho di qua. Tai di€ém A(2, 0) phuong trinh (3"}
dugce nghiém ding vdi moi m : moi duong cong
cua ho déu di qua A hay di€ém A 1a diém cé dinh
ctia ho dudmg cong vai moi m. Nhiing diém
nam trén ducng thing ¥y = x — 2 la tap hop
nhitng di€ém théa man A’ = 0 qua d6 chi ¢
nhitng dudng cong dée nhat cta ho (3). Vay
duding thang v = x — 2 trit diém A(2, 0) 1a hinh
bao cia ho (3). Ban doc cd thé kiém tra lai diéu
nay ching han véi dism B{(3 ; 2) khi dé m = -3.

Vay trong mat phang toa d6 tai méi di€m
cua mién [ va IIT luon cd hai do thi di qua, tai
méi di€m ctia mién IT va IV ké ca dudng thang
x = 2 trit di€ém A, khong cd dd thi nao di qua,
Tai nhiing diém trén dutng thangy = x - 2 trir
digm A luon chi ed mot dé thi di qua.

3. Ho duong thang co tham sé bdc ba. Ho
dudng thang nay cd cdc dang sau day :

y=mx +m3;y = mix +m$;_jr = mx +m

Ta ciingchi cdn xét dangy = mx + m3 (IV)
Tuong tu nhi trén dng véi mét cap 0 (x, yJ ;
toa do6 cia M (x. y) phuong trinh (IV)
m? + mx —y = 0 néu cd ba nghiém phan
biét m, m,, m, thi qua M cé thé ké dudgc ba
dudng thang phan biét. Néu (IV) 6 hai nghiém
trong do at han phai c6 nghiém kép (ban doc
tu suy luan lay) qua M c6 hai dudng thing. Néu
(IV) cd mot nghiém duy nhit, qua M co mat
dudng thang. D€ tim duge hinh bao cia ho (IV)
ta hay tim diéu kién dé phuong trinh (IV) eo
nghiém kép.

Theo dinh li Bézout néu « 1a nghiém kép cua
phudng trinh ffx) = 0 thi fix) = (x — a)*Q(x)

Do dd « ciing 1a nghiém ctia phudng trinh
flx) = 2(x — a)Q(x) + (x — a)’Q(x) = 0

tit do néu m 1a nghiém kép ena (IV) thi nd
thoa mén hé :

m> + mx —y = 0_Jx= —3m?
3m? +x =0 y = =2m?
hit m giita tea d6 x, v ta dugc

272 + 4x° = Ovlix <0
2 ;

day chinh la phuong trinh hinh bao cta ho (IV).

Bang phudng phap khao sat thong thuimg ta duoe

i16 thi cia (4) 1a dudng cong (C) nhu ¢ hinh 4.
(C) :

y
. M1
11 /
0
-L___\
I

Ms

v
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Hinh bao (C) chia mat phang thanh hai
mién : mién [ bén phai (C) la h‘?lp hop nhiing
diém M(x, y) théaman 4> + 27y? > 0tai méi
diém trong mién nay chi e6 mot dusng thing
tiép xtic vai (C). Mién II bén trai (C) la tap hop

nhitng diém M(x, y} théa main
4x3 + 27y* < 0 tai mdi di€m trong mién nay
cd thé ké dude ba duding thang tiép xuc vdi (C)
itng vdi ba nghiém m, m.,, m. Con chinh trén
(C) vai méi M(x, y) 4x3 + 2Ty? = 0cd thé ké
dudge hai dudng thang ti€p xic voi (C) ing vai
hai nghiém m, va m, = m,.

Tit su nghién citu hinh bao cta ho dudng
thang (IV) ta duge két qua "thi vi" sau day :
Phuong trinh bac ba x* + px + g = 0 (xem
p nhu x, g nhu -y trong phuong trinh IV) ¢6
nghiém hay khong tuy thubdc d- biéi thic
8 = 4p3 + 27¢%. Néu
& > 0 phuong trinh V co 1 nghiém duy nhét
d = 0 phuong trinh Ved 2 nghigém (1 don, 1 kép)
d < 0 phuong trinh V ¢d 3 nghiém phan biét.

Bai toan 4 :

1. Tim gia tri cia m dé phuong trinh

T —xx+1) =05

3
o 3 nghiém khdc nhau,
(Dé thi dai hoc nam 1976)
2. Vai gia tri nao cua m do thi ham sg
yi= -1+ m(x — 1) (6)
tiép xue vdi true hoanh.
(Dé thi dai hoc nam 1975)
3. Voi gia tri nao cia k phiong trinh
Bl + (2 — A +2 =0(7)
co mot n%hwm diy nhdt.
Gidi : huong trinh (5) viét lai la

¥ —3mx — 3m = 0 dé ¢d 3 nghiém phan
biét thi biét thite § = 4p +37q = 4(- 3m)} +
+27(= 3m)

9
hay m%(9-4m) < 0=m > 1

2. D€ d6 thi ham s6 (6) tiép xdc vai true
hoanh thi phuong trinh

https://sites. eoogle.com/site/letrungkienmath

x*-1+ mix-1) = 0 hay x>+ max - (m+ RS

phai cd nghiém kép, do dd biét thic d = 4m? +

+27(m + 1)¢ = 0 dé thdy duge phuang trinh
3

nay c6 nghitmm = -3vam = 5

3. D€ phuong trinh (7) c¢d 1 nghiém duy
nhit ta xét :

alnduk =0 (7) 1a 2x + 2 = 0 nghiém duy
nhit x = -1,

b} néu F" # 0 (7) viét lai la :

x"+|’\k— Jx+%=n

dé& no cd nghiém duy nhat thi biét thiic
2 2o 2
= 2 P e
S=4(7-1P+27(;) >0dat o = ¢
ta dude
43 + 1562 +12t — 4 =

1 1
doddt > Ehayg > E=:~0f:kf:8

vay phuong trinh (7) cd nghidém duy nhat khi
0= k<t
Mot s6 bai tap ap dung:
1. Cho ham so
_ (m=2)x —(m?—2m +4)
7 =

(4t=-1)Et+2)2 >0

a. Chungto 1ang dd thi ham s6 luén tiép xic
vdi hai duong thang ¢d dinh.

b. Tim ecac di€m trén mat phang ma dé thi
khéong di qua du m 18y bat e gia tri nao.

Dé 6 57 ~ Dé thi tuyén sinh viao dai hoe

2. Xdc dinh m d€ phuong trinh x* + mx? -
- 1 = 0 ¢d mot nghiém duy nhdt. Huéng dan
datt =x + %

3. Cho mot gdc vuéng xoy. Mét duing thang
D thay déi cat ox tai A, oy tai B tao thanh tam
giac ABC c¢6 dién tich khﬁng déi S. Chiing minh
rang cac duong thang D dd6 ludn tiép xie vai
mot dudng cong ¢ dinh.

Tim hié¢u sdu thém Todn hoc phé thong
PHUONG PHAP TRAITU DIEN

Khi giai cdc bai toan vé ti dién, ngoai
nhiing loai tif dién vai tinh chit cua no ma hoc
sinh da duge lam quen trong bo dé thi tuyén
sinh dai hoc mén Todan nhu t1d dién vuong, déu,
gin déu, tryc giao..., con co nhitng tif dién vdi
dit kién ma cdach giai nd tuong doi dac biét. No
doi hoi hoe sinh tu duy sdc sdo, biét tim moi
quan hé trong dit kién mdi tim ra 1oi giai hoac
l&5i giai don gidn hon. Trong bai viét nay trinh
bay suy nghi vé cach gidi do ma to6i dat tén la :
phudng phap trai td dién.

TRINH VINH NGOQC

Néi dung chu yéu ctia phuong phap nay la :
dua vao dit kién cta bai toan d4 cho nhat la dit
kién téng cdc gde phang bang 90° hoac 1809,
tit d6 khai trién td dién, trai ti dién dd lén mot
mat phang sao cho phu hap, tite 13 duge mot da
giac cd tinh chdt dic biét va giai bai todn do
trén da gidc mai tao thanh.

Bai toan 1:

Tt dién SABC cd cdc mat SAB, SBC, SCA
tuong dudng va téng cdc gdc phé‘m & dinh S
bang 180" %hﬁ'n minh tu dién SABC la td
dlen gan déu. fDe 138 bo dé thi DH)
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Bai toAn nay da cd cdch giai trong hudng
dan ﬁlél dé thi fuyén sinh, nhung tuong doi dai
vé kRo hiu d6i véi hoe sinh.

Sau nhiéu dém suy nghi khai thac gia thiét
tong cac goc phang & dinh S bang 180°, toi da
cd cach giai sau :

Giai : Cat tii dién theo cdc canh SB, AB, BC
réi trai 1én mat phang (SAC). Goi SA = a, SB
= b, SC = c. Do dt (SB,C) = dt t (SAB’) nén
duon%c:au A ctia A SAB" bang ciumng cao CK
cua A

Mat khac* vi ASE' + B SC + CbA = 180°
nén B’, 5, B, thin han%:-.\ tAlflac AHKC la
hinh chlr nhat =8 (SL la dutng
cao cia A SAC)= AC = 8B = b (dodt (SAC) =
= dt (SCB’!)} = t1i gide SB’AC la hinh binh
hanh = AB” = 8C = ¢. Tuongty SA =B,C = a.
Vay tif dién SABC la tid dién gan déu

s

A L

Bai toan 2 : Tii dién ABCD cri cde Edc phang
g dinh A béng 1 vuong va
Ching minh riang téng cac goc phang 4 dm‘-. B
V'Ll{)ng

ban

%Ilnh hoc khﬁnE gian Sarugin)

Ta cd thé al todn nay bang lphl.fdl’lg
phép lugng gmo bang cdch goi «, 4, y 12 3 gde
phing d dinh Sthi0 < «, f, ¥ qg vi-ta chi viée
chiing minh cos ta +3) = siny nhu viéc xét cac
tam gidc vuéng la xong. Diéu nay khong kho

khapn lam xin nhudng ban doc.

O day t6i mudn trinh bay cich gléu thit 2.

Bai toan yéu cAu ching minh o+ f+ y = 3 nghia

la téng o + 6 +y bang 1 gdc vudn ciia 1 hinh
vuﬁrtg 1 hinh chu nhat a vdi gia thiét AB =
+ AD gdi cho ta "]ap ghép" cac mat bén

clia tif dién da cho, va ta co mot két qua thu vi,

Giai : Cét cac mat bén cua ti dien ABCD
réi ghép lai-hinh vé—Ré ra QR la-hinh
vuong = ABC ‘ABC + CBD + DBA = RQD +

+ DQC + CQP=§

(dpem)

Céch ching minh don gidn—xin nhudng cdc ban

Bai toan 3 : Hinh chop déu SABC dinh S
cé ASB = 30° AB = Eﬁ lan lugt
thude canh SB, SC. Xac dmh -.q trl cua B

sao cho chu vi tam giac AB’C’ nhé nhét. (Dé 27
bo dé thi DH)
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Giai : Cat td dién theo cdc canh SA, AC, AB
r6i trai mat xung quanh (hinh veé) ta cd :

A SAA’]a tam gidc vudng can. D¢ dai chu vi
clia AAB’C’ bang do dai dudng gap khuc AB’C’'A’.
D6 dai nay ngan nhat khi va chi khi A, B’, C’", A’
th.ﬁng hangticlakhiB’=B . C'=C_, tiic 13 ta
da xAac dmﬁ duge vi tri ciia B” C’ trén’ SB SC.
D¢ chat ché hoata cén tinh cC : Do
ASA’ = 90°= SAB =45°= BA §0“

A ABB_ can tai A. Ap dung dinh ly ham s6 sin

cho A ABB{‘ ta tinh d'li(ff.. BB ET‘J_

Cudi cung d& ket thic bs‘al viét nay, toi xin
néu lén maot bai toan ma chac cac ban yéu todan
da biét nd va cach giai.

3

o
B': “ -.-.--:.
= ST P /A
B
B c

Bai toan 4 : Dé thi hoc sinh gidi quéce gia
mbn Todan 12 nam hoe 91- 92

Giasitif dign-ABCD thoa méan céc digu kién

1) ACD + BCD = 180°

2) Téng cac géc phang & dinh A bing téng cac
goc phang & dinh B va bing 180°. Hay tinh dién
t:ch,.taan phin cia td d;én theo AC+CB = k
va ACB = a.

Bai todn nay da dugdc gidi bang cach quay
cac .-SCAB CAS CBD theo thid tu quanh cic
truc AB, AD, BD dén nam trén mat phang
(ABD) d& rh?mh cic AC,AB, C,AD, C,BD sao
cho C|, D nam khdc phia d6i voi AB; C .Bnam
khac phla dai voi duung thang A(, v.y.. (Cdc
ban_co thé xem l&i giai trong s6 1/1993).

d day do diéu kién téng cac gdc phang &
dinh A va B déubang 180° ggi cho ta tinh thang
hang cua cdc dinh sau khai trién va diéu kién
ACD + BCD = 180° ggi cho ta diéu kién cho
1 t1f gidc phang noi ti€p. Bai viy ta co thé giai
no bang cach trai nhu sau :

Giai : Cat tu d:en theo caccanh CA, CEB, CD
réi_ghép cac A CAD, CBD, CAB xuéng mat
phang (ABD) ta m

AC,C, théng hang

B, C;. C thing hang

O

T giae C,C,DC, noi tiép (hinh vé)

Dén day cérj'n tinh 8, gnﬁng nhu l&i giai &
sd 1/1993.

Téi xin chdn thanh cAm on cée dén kin 1ghiép
trong T6 todn truong PTTH nang khiéu Ha
Tinh da gép ¥ cho bai bao nhd nay cda téi.
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DOC SACH
Kinh Mai Cac Thay C6 gido,
Cac Ban Hoc Tré, Céac Pai Ly,
Bén Vdi Ching Téi

CAC BAN SE H#AT LONG

T

TONG DAI LY PHAT HANH

Ha N&i : 37 Nguyén Hu Huan - BT : 246605 va 30 Au Trigu - DT : 251257
TP. H8 Chi Minh : 2A Binh Tién Hoang - BT : 251277
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VIEN CONG NGHE VI PIEN TU (IMET)

TONG D@l DIEN KY THUAT V& PHAN PHOI SGN PHEM
Wearnes T@l VIET NAM

® VAN PHONG GIAO DICH TAI HA NOI :
39 Ly Thuong Kiét, Hoan Kiém Ha Noi
Tel. : 84 4 250767 ; 84 4 267645
Fax : 84 4 267645

@® VAN PHONG GIAO DICH TAI TP HO CHI MINH :
4 Pang Tat Quan 1, TP Ho Chi Minh
Tel.: 84 8 439734 ;: 84 8 437064
Fax : 84 8 437064

= May tinh Wearnes la san
phim cta  Wearnes
Thakral (USA) - 1a mot
trong nam nha cung cap
may tinh 16n nhat.

55" May tinh Wearnes dat
tiéu chuin ISO 9002 do
Co quan Tiéu chuin chat
luong quéc té cip.

0" May tinh Wearnes dugc
bao hanh 03 nam

05" May tinh Wearnes dugc
B6 Giao duc va Dao tao
chon 13 loai may s€ trang
bi cho cic Trudng phd ' =
théng trong nam 1995 v Wearnes

BA M COMPUTERS
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