https.//www.facebook.com/letrungkienmath https://sites. google.com/site/letrungkienmath
BO GIAO DUC VA DAO TAO * HOI TOAN HOC VIET NAM

2

I

TAP CHI RA HANG THANG

Hé THONG 861 DUGNG HOC SINH NANG KHIEU
TOAN G UEN XO TRUGC DAY

Thi hoc sinh gioi toan qua thu
o VOLGOGRAD 1991

&

dVHd 9NOJ{1IHd 1O

3

e

-

b

HNIHL ONOHd IVID

rl

NIANON WIATHON

Déi tuyén todn va doi tuyén tin hoc
Truong Pai hoc Su pham Ha Noi I du thi quéce gia

Ppé ra cla cudc thi dic biét chao mung

30 NAM TAP CHI TOAN HOC VA TUOI TRE

https://tieulun.hopto.org



htt;;.s:‘/}"mvw. facebook.com/letrunekienmath hitps://sites. eoogle.com/site/letrungkienmath

TAP CHI TOAN HOC VA TUOI TRE

MUC LUC

Trang
Mot phuong phép giai |
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ua bai viét nay t6i mudn trao déi cing ban

doc mdt phuong phap giai phuong trinh
nghiém nguyén. Téi nghi rdng phuong phép
nay cling l& mét cong cu tot dé€ gidi mot 1ap
nhitng bai todn vé& phudng trinh nghiém
nguyén. Tam dat cho né cdi tén la Phuong
phédp "khi 4n".

Ta st dung tinh chét liy thita cing bac cia
cdc 86 nguyén lién ti€p hoac tich cdc s6 nguyén
lién tiép... d& dua phuong trinh nghiém nguyén
cén giai vé dang phuong trinh khéc it &n hon
va quen thudc hon. Tir dd, dé dang tim duge
nghiém nguyén cta phuong trinh da cho.

Danh cho cdc ban Trung hoc co sé

MOT PHUONG PHAP
GIAI PHUONG TRINH NGHIEM NGUYEN

https.//sites.google.com/site/letrungkienmath
Bai 2 : Giai phuong trinh nghiém nguyén :
x —y*——2y3—3y-1=0 (2)
Gidi: Q=P =y +22 +3y +1(*)
Tacdy’ 20; 52 +2 >0 nén
(FP+2y7+3y+ D— (5°+ 2) < Y+ 297+ 3y+ 1 <
< (¥ +2y? +3y +1)+y? Do do
y=1P <x’<(y+1) =x* =y hoac
= (y+1y
d

* ¥ =y' Két hop véi (*) ta cd6 :
27 +3y+1=0—y=-1;

NGUYEN DUC TAN

Thuting van dung hai nhan xét sau :

a) X" <Y< (X+a)' (a€ Z1) = Y'=(X+a+i)"
wii=1:2:..a-—1.

b} X(X+1).. X+n) < F(Y+ D ..(Y+n) <
< X+a)X+a+]) .. (X+a+n)laeZ)
—=¥Y(¥Y+1). . (Y+n)=X+DX++H+1) ..
(X+i+n)

il i =1 2 g — L.

Sau day la mét sé bai toan minh hoa.

Bai 1 : Giai phuong trinh nghiém nguyén

I+x+x?+x7 =y By

(Dé thi hoc sinh gidi todn cdp II toan quéc
bang A nam 1992)

Gidi : Ta cd

PZ4+x+l= (x+%)z+g::v0;

11 19

5x-’+11x+?=5(x+ﬁ) fag o0

nén :
(I+x+x2+c) —(P+x+ 1) < 1+x+x+ 55 <
< (l+xt2+ax)y + (52 +1ix+7)

Dodé <y’ <@ +2P =y’ =@x+1)

Két hop (1) ta cd :
x+1P=1+x+2+5 =20 +1) =0—

x=0
T§ [x =-—-1
Nghiém nguyén cia phuong trinh da cho
la:(0;1)va(-1;0)

-1
.}'=?€]Dai)\'6iy=—1 —x =-1
* x3 = (y + 1)} Phéi hop vai (*) = 3" =0 —
y=0hcdox = 1.

Nghiém nguyén cia phuong trinh da cho
la (-1 ; -1) va (1;0)

Bai 3 : Gidi phuong trinh nghiém nguyén :
o =yt + 200 + 307+ 427+ 1 =0 (8)
Gidi :

(@) =yt = ¥ 425 4 Gpdpl Lol 4 Jot b ] (V%)
Taco 3x° +422 +1 >0, x> +3 > 0 nén
(' + 20+ 20%27 + 37+ 427+ 1)~ (Bx"+ 427+ 1) <

(f +2 42077 + 3+ LT D+ + )
Dodd (x° +2°)° < (°) < (x? +2° +2)° —

(¥")? = (x? 427 + 1)°. Phéi hop vai (**) ta cd

42 =0—x=2z=0Tiddcdy = +1.

Nghiém nguyén cia phuong trinh trén la
@;1;Dvald;=-1;0
Bai 4 : Gidi phuong trinh nghiém nguvyén
o +xl -y +y+10=0 (4)
Gidi : (4) —>yly = 1) = a7 +x° + 10 (**%)
Ta cd
w+x? <at + 22+ 10 < (oF+Hx2+ 10) + (674 2)
Do do :
ZEl+ ) <yy=-1) < @ +3)x° +4)
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LYy =D =+ )E+2)
[y{y —1) = @ +2)(" +3)
x2 =4

Két hop v&i{""‘*)—-[, 1
rl=

Tit d6 tim duge nghiém nguyén cta phuong
trinh (4).

https://sites. google.com/site/letrungkienmath

Dé lam quen véi phuong phép giai trén, cic
ban héy giai edc phuong trinh nghiém nguyén sau:

1} ~xT=3x

2)(x -2y —xf =y’

33 =t 2

4) 20 -4y —4y! = 2 + 3y + 6y°.

Tin chic rang sé& cd nhiéu thu vi dén voi
ban vé Phuong trinh nghiém nguyén.

HE THONG BOI DUGNG HOC SINH NANG KHIEU
TOAN O LIEN XO TRUGC DAY

Cudc thi hoc sinh gidi todn (HSGT) dau
tién duge t8 chic d Léningrad nam 1986 bdi
B.N. Delone. Ong cung 12 ngusi t8 chic cude
thi HSGT dau tién ¢ Maxkva ngay nam sau
dd. Hinh thic cudc thi do 6ng nghi ra hién nay
dugc dung & nhidu nude va cd & nudce ta. Sau
dai chién thé& gioi 1dn thy 2, thi HSGT duge
nhin réng ra toan Lién Xo6. Cude thi vo dich
toan nudc cong hda Nga ddu tién dude t8 chide
nam 1961 va cude thi vo dich toan lién bang
dfu tién duge t8 chiuc nam 1967. Cho dén
nhiing nam 70 cdc cuéc thi toan lién bang
khéng mang tinh chinh thie va chi nhan duge
mot phén trg cdp tién tif truding Dai hoc téng
hop quéc gia Maxkva. Cac cude thi HSGT bao
gfm nhiéu bac, bit diu tu trutng, sau dén
tinh hodc thanh phé va sau dd dén nudc cong
hoa, cudi cling mdi dén toaAn lién bang.

O cdc thanh phd 16n dan ddn hinh thanh
céde cdu lac bé todn hoc thudng duge hudng
dAn bdi cdc nha todn hoc tré. Cdc cau lac bo
nay sinh hoat vao cudi tudn va hoat dong cha
y&u la tap gidi cdc bai todn khd. Hiu nhu tat
c cédc nha todn hoe Xé viét ndi ti€ng hién nay
trén 50 tudi déu @3 tham du cde céu lac bb
toén hoc va doat giai thi HSGT thai ki dé.

Tuy nhién cac hoat déng trén chi thu hut
dudge cac hoe sinh nang khiéu d cdc thanh phé
Ién. D& béi duding hoc sinh nang khidu d cde
dia phuong, mot s6 nha toan hoe da td chuc
cdc truding chuyén todn va li néi trd. Trudng
chuyén todn va I néi tra ddu tién duge thanh
lap @ thanh phd han lam gin Novoxibiée, bai
nhi todn hoc M.J.Lavrenchiev, éng td cha
thanh phé, nadm 1961. Nam sau dd thi cdc nha
todn hoc AN Kolmogorov va nha vat i LK.
Kikoin cling t8 chie mot trudng tuong tu &
Maxkva. Cac truémg khac 1dn 14n xudt hién &

2

NGO VIET TRUNG

Léningrad, Kiev vA Erevan. Nhiing nha todn
hoe tré & cac thanh phé trén da di khap Lién
X6 d€ t8 chiic cac cude thi HSGT va tuyén
chon hoc sinh cho cae trudng chuyén néi tru.
Ciing trong nhitng nam 60, cic trudng va lép
chuyén toan (khéng néi tri) ciing duge mot so
nha todn hoc ndi ti€ng t6 chiic d cac thanh phé
lén. Day ciing 14 thai ki ma ldp nha todn hoc
d4u tién trudng thanh trong ché do Xo viét ca
con bude vao hoe cédp ba.

Bé sung cho cdc truang va ldp chuyén con
cd Trudng todn thong tdn toan lién bang duge
thanh lap bdi nha todn hoc I.M.Gelfan nam
1964. O cac dia phuong héo lanh, cac tap thé
hoe sinh dudi sy hudng dan cia gido vién day
toan tiing thang sé& giai hay ban vé cdc bai toan
duge gii dén tu Trudng todn thong tin.
Truong nay hoat déng dua chi yéu vao su giup
dd cua sinh vién toan nhing nam cudi ciing &
truing Dai hoc tdng hgp quéc gia Maxkva,
théng thudng cing da ting la hoc sinh cha
Truting todn théong tdn.

Dé& phue vu cho viéc phd cap cac kién thitc
toan hoe, cdc nha todn hoe Xé viét con chui
trong viét sdch todn cho hoe sinh pho thong.
Nhiéu sach dd da trd nén ndi ti€ng nhu cudn
"Ba hon ngoc cia s6 hoc" caa Khinchin va cudn
"Gigi han" cua Kirilov. Gia nhitng cudn sach
nay chi bing gia m6t que kem cho nén hoe
sinh nao cing c¢o thé mua duge. Nam 1969,
Kolmogorov va Kikdin xuat ban tap chi todan
H phd théng "Kvant® vdi sy bio trg cia Vién
han lam khoa hoe. Hau hét cdc nha toan hoc
ndi tiéng cta Lién X6 déu viét bai cho tap chi
niy. No dude cdc hoc sinh nang khifu todn
yéu thich va xudt ban trung binh 200.000 ta
méi thang, Hién nay Mi ciing xudt ban tap chi
Quantum (dich tit Kvant) dua trén cdc bai bao
ci cua Kvant.
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| Nhan xét a, b, ¢ khong déng thoi bang 2 vi
trai voi gia thiét
a’ +b2 +¢02 = Aabe
Dodd:ala-2)+bib=-2V+ele-2)=< 0

3 7 rl
Biepd w2 -
Bai T1/197 : Ching minh réng : Néu ba =@ 1o te <2(a+bo+e)
86 a, a +k va a + 2k déu la cde 6 nguyén t6 = #abe < 2{a +b +¢)

lén hon 3, thi k chia hét cho 6, - Nabe <a+b+c
L gidi : cia Pham Hdi Hoa, T toan, Nang
khiéu, Hai Hung Cdch 3 : (Vi Van Hoan 9T = Phan Boi Chau

Do a,a+ k,a+ 2k déu la nguyén t6 16n han  _ Nghe An)

3 nén déu la sd 1é va khéng chia hét cho 3. ;
* Via va a +k cing |é nén

a+k-a=Fk 2 (1) ﬂ-_’: b‘?'ﬂzjﬂ:,b,ct'ﬂ(ﬂﬁ:

*x Via,a+k, a+2k déukhéngchiahStcho3 2 4p2 42440 +b +c 2 6 Jaoboc = 6Vabe

:g::h];thl chia cho 3 it nhét hai s6 cd cing Gl ad st e e Bl o Slor i

Dang thiic xay ra <=

Ap dung bt dang thiic Co si cho 6 s6 duong

- N&u a va a + k cd ciing s6 du, thi suy ra

(a+k)-a=Fki3 al=bl=c’=a=b=c
- Néua +k va a + 2k cé cung s du, thi Via, b, ¢ > 0 néu diéu trén x8y ra khi va
suyra:(a+2k)-(atk)=k:3 chi khi @ = b = ¢ = 1 trai v6i gia thiét

- Néu a va a + 2k cd cung 8 du, thi suy ;2 1 p2 4 2= sabe. Dodéa +b +¢ > 2Vabe.
ra:(a+2k)-a=2ki 3

nhung (2,3) = I nén k : 3 Nhan xét : C6 60% loi gidi gii vé cs dénh
Vay k: 3(2) : gid ding, la bat ding thic khong thé trd thanh
N ; e : déng thiic. Chi y&u cdc ban dya vao bat dang

= 16
(dpz‘:'i)“)' e A o thic Cé si theo nhidu hudng kha phong phu
Nhén xét : 1. C6 rit nhiéu ban c6 15i giai Ngoai 3 ban cd lai giai trén, cdc ban khéc ciing
tét va bing nhiéu cdch khéac nhau. cd 181 giai t6t : Phan Thi Lan 9CT, Viét Tri,

2. C6 mét vai ban téng quat héa khong Vinh Phu; Vi Tdt Thing, Pham Nguyén Thu
ding cho bai toan gém n s6 nguyén t6 lap Trang (Nghia Tan, Ha Néi) ; Nguyén Phuong
thanh mot cdp s6 céng. Lan (9T NK Ha Tinh), Lé Thé Son (9CT Déng

TO NGUYEN Son, Thanh Hda), Duong Ngoc Ting (9 Toan

Bai T2/197 : Cho a, b, ¢ lis 3 56 duong théa man.  NK Hoa Lut, Ninh Binh), Tran Van Long (9

e e : . : NK Thanh Liém, Nam Ha), Nguyén Thi

af +b" +c* > dabe. Ching minhvdng :  p..p (9A . Hong Bang, Hai Phong), Lutong

a +b +c > 2Vabe Lé Quang (9, NK Hai Hung), Ha Khanh Linh

Lo gidi : Cach 1 (Tran Anh Son "M (5A Chu Van An, Ha Noi), V6 Thanh Tiung

Marie~Curis Ha NOi). . - _ (9CT, Quéc hoc Hué) v. v..
ks ddng thic CO si cho 3 86 pa; hist o6 2 ban Lé Van An (9CT, Phan
e f - : Bai Chau, Nghé An) va Pham Anh Tudn (9NK
ta cd : a? +b7 +¢? 2 3 Va%b’e? Thuan Thanh, Ha Bic) da téng quat dung bai
= gVabe = 3 Vo032 (1) todn theo 2 hudng khéc nhau :
Ap dung bt dAng thie Co si cho 3s6 a, b, ¢ 1) Cho n s6 duonga,;, a,, .., @, va
ta Cd : FH m H
ol Faf +0 ot =pNa a8
a+b+c >3 Vabe (2) ¥ el ReRh e
Tu (1), (2) suy ra ; viilsm=< ;1 =p < 2nthi:

4'.'[]:{)0 (@ +b +¢) = Babe > Babe M=M= M 4 alt= W = (9 — )
= a+b+c¢>2abe g i Y i b T

Cach 2 : (Trén Thi Ngoc Hdi 8T Trudng 2) Cho n s6 duong Qpy @y s Oy théa méan
Chuyén Lé Khiét - Quang Ngai). Ta cd :

n T ot n 5 T

a’ +b2 +¢? 2 2cVa® +b7 = 2c¥2ab 2 gt ta k'\/ [la; thi E a; = 1 [T,
= 4Vabc = 2cV2ab = 2 = ¢. Tuong tu : i=1 =1 i=1 £=]
2z2zb;2=2a LE THONG NHAT
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Bai T3/197 : Cho duong tron tam O, duing
kinh AB. Goi C, D la hai diém theo thit tu chia
trong, chia ngoai doan AB theo ti s6 k > 1, Goi
chu vi hai tam gidc chung day CD, lan luot
c6 dinh M d trén dudng tron (0), N & trén day
cung AM, la P, va P,. Ching minh rang
P, < P, < 2.AD.

‘Loii giai :

Léydiém D’thude
tia _BD sao cho
CMB = BMD’.
Khi dé MB, MA ldn
lugt la phan gide
trong va phan gidc

ngoai cla goc A4
CMD’. Ta cé6 :
BD' AD' MD’
RC TAC TaME
n CA AD’ D'A DA
Tir do 'E‘E BD" Suy tiép ra DB DB
CA DA DA DA ;
(“g5 = g ) Swrgg = 25 Yoy D'=D

Tic 1&a MB, MA ldn lugt ]a phén gidc trong
va phin gidc ngoai cia CMD.

Ldy E déi xing vai C qua AM. Dé thdy E
thudc tia ddi cia tia MD. Trong AEND cd

EN +ND > ED. Ma NE = NC, ME = MC

Nén NC + ND > MC + MD = NC + ND +
+CD > MC+MD +CD Hay P, > P, (*)

AMB=90°

ﬁMat khac  ti suy ra
AND > 90°.
Do d6 AD > ND. (1)

Vi N nam trén ddy AM nén ON < OA. Do vay
NC<NO+0OC < AO+0C = AC (2)
Tit (1) va (2) ta ed ;

P,=ND+NC+CD < AD+AC+CD =2 AD

Tde P, <2, AD (**)

T (*) va (**) ta duge :
(bPCM)

Nhan xét : Bai giai trén dya vao loi giai
cua cdc ban Nguyén Anh Ti 9H Trung Vuong
va Nguyén Quang Nghia 9A Trung Nhi, Ha
Noi. Cdc ban khéc cd bai giai tét : Phan Ngoc
Lan, 9 CT Viét Tri, Vinh Phid ; Pham Dinh
Giang, 9CT Trdn Phd II, Hai Phong ; Mai
Thanh Binh TM, Nguyén Ngoc Tan, 9M Mari
Quyri, Pham Huy Tiang 8A, BE Van Dan,
Pham Lé Hitng 9A Trung Nhi, Nguyén Hoang
Duong, Nguyén Ba Hing, 9H Trung Vuong,
Ha Néi ; Vit Thu Huong 9T PTNK Hai Hung,
Trin Thi Khué 9B Quang Trung, Thanh Hoa ;
Nguyén Hoanh 9CT Phan Boi Chau, Nghé An ;
V6 Thanh Tung 9CT Quéc hoc Thita Thién -

P,<P2<2.AD

-

4

hrtps.'//sfres.googfe.com/s_ffe/fermngkienmarh

Hué ; Nguyén Hiru Hoi A, 8T Lé Khiét, Quang
Ngai, Nguyén Nhat Nam, Ba Ria — Viing Tau.
VI KIM THUY

Bai T4/197 : Voi méi cap sé nguyeén duong
nguyén té cing nhau (p, q) dat :

Al N

P
trong do [x] la 86 nguyén ldn nhat khong viat
gqud x. Xdac dinh ecac gid tri p, g dé S la mdét s6

‘_f)_':l]

. nguyén {0,

idi (cia nhidu ban) : Vai moi a € R
dﬁt[ F a - fa]. Khi dé, vai R EN c6

kq rk

.{-;L:B—,ddﬁy r, 1a s6 du trong phép chia
i
kq cho p. Do vay :
2 =1 Lraifia o -1,
s=1+20 4 +u—(—+—+.,.+’ )
PP P F P s
(=0 "> M 3uhs Tp-1
=== (=+=+...+
2 (p P 2 }
Vigp=l1lnénr, # 0Vek=12 . p—1
Hon nita, ta s& ching minh | TTR o PIPUCPS

doi mot khdae nhau. That vay, gid su, nguge
lod, i, ictl. 8. .hapsndl pigd sinih
r=r Khi do 1=sj—i=p—2 (1} va
'—I)q p(2) T (2)= (j—i): p (dolg, p) =
= 1), mau thudn véi (1). Mau thuén nhin duge
cho ta diéu cin ching minh, va do do :

I r A < ) s

Ly 2 paitads S Bl el

p p p pp p 2
= =i ]

Suy ra : S=(p—% (3)

Tir (3) ta thdy d€ S la nguyén t6 cdn co
p.q# 1(*) vait nhiat mot trong hai sé p, g la
s0 18, Xét :

® Truong hop 1 : p, g cing la 6 lé. Khi da
p,gzd(do (M vap=g(do(p, g =1 Két
hgp vdi (3) suy ra S la s6 chan 1én hon 2, va
do dé S khéng phai Ia sé nguyén té.

@ Truong hap 2 : p la 86 chdn va g la s6 [é.
Khi dd S la s8 nguyén td khi va chi khi :

(p,q) =1
i e
=l p=2
§ o {q=2£+1, viiie®P @
=

(pg)=1 [p=r,+1, vdi t € Pra t'#2(mod3)
p=1ye P =2
gzl ]
Bk
trong dd Pla tap s6 nguyén to.
® Truong hop 3 : p la sd 1é va q la s6 chan.
Do tinh déi xing déi véip, q ctia bi€u thic xdce
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dinh S (theo (3)) nén trong trudng hgp nay,
tit két qua clia trudng hop 2, ta duoe S la s6
nguyén t& khi va chi khi :

p=2m+1,v6imeP

qg=2

(5)
st
g=n+1,véin € Poan#2 (mod3d)

Vay, tom lai, tat ca cdc cap gid tri p, q cdn
tim 1a cdc cdp p, g duge x4c dinh theo (4), (5).

Nhén xét : 1. Trong s6 112 1i giai ma Toa
soan nhan duge ¢d 11 1oi gidi sai. R4t nhiéu
loi giai cho két qua khéng chinh xdc : hode
thita nghiém (do khong dé y téi diéu kién (p,
q) = 1) hoac bé sot eac nghiémp = 3, q = 4
vap = 4, g = 3 (do xuit phat tif quan niém
sai, rdng néu ¢ € Pthi hoac ¢ = I (mod3) hoac
t =2 (mod3) ).

2. Cacban c6 lui gidi tét : Dodn Trung Tiing
(PTCS Néhia Tan, Ha Noi) ; Nguyén Phu
Binh (PTCS B& Van Dan, Ha No6i) ; Pham Lé
Hing (PTCS Trung Nhi, Ha Noi) ; Nguyén
Ngoe Tan (9M Mari Quyri, Ha Noi) ; Trinh
Hiu Trung (9T Lam Son, Thanh Hoa) ; Lé
Hdi Yén (PTTH Hung Vuong, Vinh Phu) ; Lé
Van Dnn%‘ (PTTHNK Ha Bac) ; Nguyén Viét
Linh (PTTH Trdn Phi, Hai Phong) ; Ngé Thai
Huong, Nguyén Diuc Toan, Nguyén Huy Toan,
T6 Déng Vi (PTCT DHTH Ifﬁ Noi) ; Nguyén
Tudn Dung (PTCT DHSP1 Ha Nbi) ; Nguyén
Thai Ha (Mari Curie Ha Noi) ; Nguyén Thanh
Binh (PTTH chuyén Thai Binh) ; Vii Dic Son
(PTTH Luong Van Tuy, Ninh Binh) ; Lé Minh
Hiéu ( Lam Son, Thanh Héa) ; Nguyén Lé Na
(PTCT DHSP Vinh) ; Phitng Quéc Pinh (PTTH
Leé Khiét, Quang Ngai) ; Nguyén Van Son (Quéc
hoc Hu#) ; Lé Thi Thanh Ngoc (PTTH Lé Qui
Dén, Nha Trang) ; Phan Hoang Viét (Quéc hoc
Quy Nhon).

NGUYEN KHAC MINH

Bai T5/197 : Cho s6 tu nhién ¢ = 3 . Xay
dung day s6 tu nhién { a,} nhu sau :
a,=c
@y~ L :
; 2 ] 1 ER
([x] k1 higu 56 nguyeén lon nhdt khong vuot qua x).
Chitng minh lima, = 3 :

a, =a, ;-

H—sc
Loi gidi : Trude hét, ta ching minh
a, =3 (1)
Vn31_.Th3tvay,vﬁin=1{:0’&_,33{!:!16-0
gia thit)
Gia sit da ed (1) véin = k (k = 1) . Khi d6
G a 5
ak+f=ak—[?] +1 2g+lz5, va do
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@, ,; €ENnéna,  , =3. Do vay, theo nguyén
li quy nap,tacd (1) ¥n=1.
® Tiép theo, ta ching minh : néua, > 3 thi

an e ) = II" (2)

That vay, ti a, > 3=a, > 4

a
(doa, € N)= —2;—';2 =

a" a’l

[?} = 2==-a”+|= 0= [?:[ +i<ge ~1<a,
® T (1) va (2) suy ra 3 i € N* sao cho

a; = 3 (vi néu, nguge lai, a, > 3 V¥V n € N* thi

doan [3, ¢] sé chita v6 s6 s6 nguyén déi mot

khéc nhau !). Theo cich xdc dinh day { a,} dé

eda, =3Vn =i, Bdivaylima, =3 (DPCM)

H— %

Nhan xét : 1. Ban Lé Nguyén Chdt (Thanh
Hda) do khéng chi y téi diéu kién ¢ € N nén
da ching minh bai ra la bai sai ! M6t sd ban
khac méc sai lam cd ban : méi chi ching minh
duge (1) da voi két luan lima, = 3 . Khong it

A==
ban co 1&i giai thiéu chat ché, do khong chiing
lima,

2

2. Cae ban c6 10i giai tot : Lé Hai Yén, Vii
Manh Ha, Nguyén Thai Binh (PTTH Himg
Vuong, Vinh Phu) ; Pham Lé Hing (9APTC
Trung Nhi, Ha Néi) ; Dinh Thanh Trung, T6
Dong Vi (PTCT DHTH Ha Noi) ; Trinh Dang
Giang (Mari Curie, Ha N4i) ; Phan Anh Tudn
(PTTH Nguyén Hué¢, Ha Tay) ; Pham Lé Son,
Hoang Thi Tuyét ( Lam Son, Thanh Hda).; Lé
Thoi Hitu, Chu Nguyén Binh, Hoang Van
Long (PTCT DHSP Vinh) ; Nguyén Thanh
Hdi (PTTH Dao Duy Ti, Quang Binh) ;
Nguyén Thu Tinh, Hujynh Nguyén Tin
(Truong chuyén Quang Ngai) ; Giang Kiét
Quéc (PTTH Nguyén Thugng Hién, TP Hé
Chi Minh) va Nguyén Xuéan Hiung (PTTH Ban
Mé Thuat, Daklak).

3. Ban Nguyén Thai Ha (Mari Quyri, Ha
Noi) da ching minh ding (tuy khong chat ché)

i : &
minh lim {?] = {

H—

- khang dinh sau : "Véi ¢ € R cho trude, lap day

{a,] duoc xdc dinh béi :
a‘; =c

2, -1
aﬂ =a, -1 [ 2
Khi dé 3 lima, va :

MN—r

[3+{c} néuc=3

J+1;n=2,31___

lim a, =
H— 0

({ e} ki hiéu phdnléciac:{c} =c-fc])
NGUYEN KHAC MINH

2+{c} néuc<3
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Bai T6/197. Gidi phuong trinh
PR L - B
25(3¢' ~8¢ ~ 14 4 957 S
=929 -18. 3t"'—8t3+ 125 7.\'4 -8 + 16
Lai gidi : C6 36 ban dé nghi sita lai dé ra
va giai ding theo dé da sia : "Giai phuong trinh :
i
3 s 45
25{3x'1—8t‘+l4+252"‘ e +R)=
= 99 -18x g ~8+12_p'-8¢+16

Dé dang dua phuong trinh vé dang :

FH1+5+2 47 =29

voit=(x>—-4)°=20

Goi v& trdi la fit) thi f{¢) 14 ham dbng bién.
Vit = 0nénf(t) = f(0) =29

Didng thic xay ra khi
t=0ex=12

Nhan xét : Do sd xuét nén dé in nhidm mot
d4u + thanh ddu -. Tuy nhién, da s6 caAcban déu
dodn ra nguyén ban va dinh chinh gigp. Chi co
2 ban vin giai va khong sita dé, nhung déu li
ludn nhdm dé& ching minh phuong trinh vé
nghiém. Vé&i dé da in ban Nguyén Thanh Hdi
ching minh phuogng trinh co 4 nghiém.

va chi khi

LE THONG NHAT
Bai T7/19%. Ching minh rang

V 27 f\l 4z 3 8=
cosT cas—7-+ cos7 =
A U 2

Lo giai : Dat

-::e=2|:'+oa-2~~—-,fi=4‘,?a:!~::a.-=i—j.£;y=.‘2c<m8—}I
% 7
A= Vot 1B+ 1y ; B= Vap+ B+ ra
Xét phuong trinh cosdx = cos3x
e=>(cosx — 1)(8cos’ x + 4cos® x — dcosx — 1) = 0
thi e, 8, y 1a ba nghiém cua phuong trinh
B+t-2t-1=0
Dodd:a+f+y=-1;
afftfytya=—-2 afiy=1
~ S dung hang dang thie
x+y+zyP=x3+y3 +2* - 3ayz +
+ 2(x +y +2)(xy +yz +2x)
Ta cd :
B =-2-3+3B(Vapiy + VaZBy) +
+Vafy?) = -5+ 3AB
A= -4 +3AB
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Suy ra : AY B’ = (BAB - 5)(3AB - 4)
hay (AB —3)’ +7=0=AB=23 - {7

Vay: {A3= -4 +3AB =5-3 {7, dpem.
Nhan xét : Cac ban gui bai vé déu cd lai
giai ding va déu sit dung dinh li Viet cho phudng
trinh bac ba. M6t s6 ban con st dung cac hang
dang thic dai s6 d€ ching minh truc tiép bai
toan. Tuy nhién, cich giai nay qud dai dong.
NGUYEN VAN MALU

Bai T8/197. Xét cdc 56 thuc a, b, c la # 0)
sao cho phuong trinh
a(ax’ +bx +¢)? +b(ax’ +bx+c)+e=0 (1)
vé nghiém.

Chitng minh rdng ac > 0

Loi giai : Cach 1 (st dung tinh chat lién
tuc clia da thic)

Néu f(x) = ax’ +bx +¢ = 0 vd6 nghiém thi

1

A = b’ = 4ac < 0 +=sac > 72 0, dpem.

Neéu fix) c6 nghiém x_, thi ta xét 2 trudng hop

L
1) @ > 0 . Khi dd phudng trinh fifix)) = 0
v6 nghiém <f(f(x))>0 Yx&e R Tu dg,
e = f(ftx, ) > Ovaac>0.

2) a<0 thl fi(fix))<0 Vxe R Tu do,
c=ffE) <0

Cdch 2 (slt dung tinh chat ctia tam thiic bac hai)

Néuac = 0s==c = 0 (via # 0 ) nén phuong
trinh (1) ed nghiém x = 0, trai vdi gia thiét,

Né&u ac < 0 thi fix) cd hai nghiém trai ddau
x; < 0 <x, nén ax; va ax, trdi ddu. Gia su
ax; >0 . Suyraa(c —x;) =ac—ax; <0

Do dé phuong trinh ax’ +bx +c=1x, =

ax® +bx +¢ =x; =0 co nghiém (vi
A=b’-da(c—x,)>0)

Goi x; 1a nghiém. Khi dd

a(x_'; +bxg +c)’ + b(ax§ +bx; +c)tc=
=ax] +bx, +c =0 , trdi véi gia thigt. Vay
ac > 0 (dpem)

Nhan xét. 1) Toa soan nhan duge s6 Iuong
rét 16n cac loi giai gui vé. Nhiéu ban nham lan
trong lap luan d&8i voi phuong trinh
at? +bt +¢ =0 (voi t = ax’ +bx +¢) coi diéu
kién vo nghiém e=A = b’ —4a < 0.

2) Ban Nguyén Huy Toan (104 DHTH HN)
con md rong bai toan nhu sau : Cho hai da thic
f(x), gfx) cd béc chan (> 0) va cd cac hé s6 cao
nhdt va ty do nhu nhau. Biét g/fix)] = 0 vo

nghiém. Ching minh ridng hé s6 tu do va hé
s6 cao nhét cta hai da thic do cung ddu.
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3) Tuy vay, viéc md rong truc tiép bai todn
trén duge dat nhu sau :

Cho da thie P(x) (bac > 1) c6 it nhéit hai
nghiém va phuong trinh P(P(x))— 0 vé nghiém.
Chitng minh rdng cdc nghiém cita P(x) ciing
ddu. Mong cdc ban xem xét lai cach gidi cta
minh xem cd thé ap dung dé giai bai todn téng
quéat trén dude khong.

NGUYEN VAN MAU

Bai T9/197. Cho hai diém A, B ¢d dinh
trén duong tron tam O va mot diém C chuyén
déng trén dusng tron dé. Tim quy tich trong
tam tam gidac ABC.

Lasi giai. Dat R
la ban kinh duong
tron (0). Goi M 1a
trung digém cta
AB ; G la trong
tam tam giac ABC,
ta co G naAm giita
C, M sao cho GC =
2GM. Lay diém [
nam gilta O, M sao
cho IO = 2IM, ta
cé IG {/ OC (dinh li Ta-lét dao), suy ra

IG MI 1

Goi A, B la céc giao di€m cha AB vai
R
(I i E) . Dao lai, 14y diém G’ € (I G E)'sao
cho G’ khac A, B, ; Goi C' 14 giao diém clia tia
MG’ véi (0). Goi G, 1a trong tam A ABC’, ta c6
G, nidm trén tia MC’ (1). Mat khde, theo phéin
R
thuin ta cd G, € (I 2 T?") ; két hop vai (1) ta
¢d G, = G, hay G’ la mét diém cia quy tich.
1,

Vay quy tich la dudng tron (I ! EJ tri hai
diém A, B,.

Nhan xét : Cd 164 ban giai bai nay va giai
ding. Tuy nhién nhiéu bai trinh bay qua dai
trong khi dd e mét s6 bai lai qua van tat, mét
vai bai sit dung kién thidc cia cac lop PTTH.
Cac ban sau day cd lui giai tot : Luu Chi Ding
(11 TK4 Nang khi&u Bac Thai), Ngé Dinh Duy
(10 CT, PTTH NK Trdan Phu, Hai Phong),
Theéi Thanh Tudn (10 Toan chuyén Lé Khiét -
Quang Ngii), Pham Manh Quang (10 T Lam
Son - Thanh Hda).

: . DANG VIEN

- Bai 10/197. Xét diém M ndm bén trong tit
dién déu ABCD. Goi A’, B, C’, D' la hinh chiéu
vuéng goc ctia M trén cac mat ctia ti dién ; 1
la trong tam cia ti dién A'B'C’D’. Chiing
minh rang MI luén di qua mét diém cd dinh
khi M di déng.
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Liai  giai.
Qua M ké cdc
dudng thang
tuong ing song
song vdi cdc
canh clia
ABCD. Goi tap
hgp céac giao
diém cilia ching
vdl cac mat cua
ABCD la E vai
E={A A, A,
B Hyhe B
D,, D:i}' ;[ét mat (BCD), chdng han, ta cd cac
diém A, A,, A, € (BCD) sao cho MA, /| AB ;
MA, /I'AC"; MA, |/ AD. Suy ra hinh chop
MA A A, déu (do dbng dang phdi canh vai
ABCI' tAm déng dang la giao di€m cua dutng
thang MA vdi (BCD). Két hop vai MA® L
(AAAZASLE[ o6 ALla trongtam A A AA, hay
MA, + MA, + MA; = 3MA’

— — e
Suy ra £ Mx,=3(MA’+MB"+MC’ +MD")=12M(1)

rEE
(vi I la trong tdm cta A’B'C’'D’). Mat khac,
xét dinh B chang han, ta cd BA /| MA | vGi A)
€ (BCD) ; BC /| MC, véi C, € (ABD) ; BD fi
MD, véi D, € (ABCS. Nhu vay, M, B, A, Cy,
D, [a 5 dinh cia mot hinh hop trong do MB
la mét duding El:éo va _‘E’..fAI’ ME,!* MDz_lpé. ba
canh. Tacd : MA; + MC, + MD, = MB.
— — —_— T — —
Suy ra Y Mx;= MA + MB+tMC+MD=4MG (2)
= i) )
(vi G la trong tam cua ABCD). T (1) va (2),
ta cd MG = 3MI hay M, G, I thang hang. Ma
G cf dinh nén ta cd dpem.

Nhan xét : Cac ban déu giai ding nhung
nhiéu bai trinh bay dai va vé hinh ruom ra.
Cadc ban sau day co 1ai giai tdt : Vii Qude Anh
(12T Dao Duy Tu. Quang Binh), Nguyén Van
Son (11Ct - QH - Hué), Phing Qudéc Dinh
(11CT Lé Khiét, Quang Ngai) ; Nguyén Hong
Tam (11 CT Hang Vuong, Vinh Phu).

; DANG VITEN

Bai L1/197. Vat B 6 khoi lugng m, = 3m
dung yén ¢ chan mat phang nghiéng. Vit A
cg khoi lugng m , = m chuyén déng véi van toc
v, trén mat phang nam ngang dén va cham vao
vdat B th. 1). Sau va cham nguoi ta thay vt A
ditng lai, con vat B chuyén déng lén mat phdng
nghiéng dén dé cao h . Sau do ngudi ta hoan
vi A cho B, tiic la dé A dung yén & chan mdt
phdng nghiéng con vt B chuyén déng vdi van
téc v dén dap vao A (H. 2). Hoi sau va cham
vat A lén duoc dén dé cao h bang bao nhiéu ?
Bo qua ma sat gitta vat va cde mat phang.

Lai giai :

Truang hop 1. Xét sy va cham trong hé quy
chi¢u (HQC) gin véi mat dit. Ap dung dinh
luat bao toan dong lugng va chon truc x'x theo
hudng o, ta duge (H. 1) :
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A 7 B " ,
B G o e T e Cusng d6 dong  dién  chinh
ol e BB
: i W a1
- | 175 160 180
8 A Tol =1, + [, — —— = — + —
[ 2l gnitag N s sk
+0 =0 + 3mU, st
mu m —_—
UG B suyra U, = 350, = 192 (1)
suy ra up = EU Ap dung dinh luat bao toan Tul; =1, —I,tacd
cO nang : F P, P,
1Y b Up— U, U1, oo
(=) = m i
3" (39) B (32U, - 408)U,
iditomig TRl Y Ty oy
uy ran, = Fé*g" ! ;°
; 3 2
Truong hop 2 ; Lic ddu ta xét sy va cham __I?‘ ® 22 ()
trong HQC chuyén dong vdi van tée E: Trong ' Iy g ‘
HQC nay vat B ding yén con vat A chuyén . A3 Rs Ry '
dong v6i véan téc v dén va cham vao B, gidng s @ : |
nhu & trudng hop 1. Do ds sau va cham vat A 24 |
ding yén. Bay gits ta xdc dinh van t6c cia A B |
trong HQC gan vai mat ddt. Ap dung cong Sk s
thic cong van tée ta dugc : R AR L
UA =0 + u U, =a. Can bang (1) va (2) ta co
: : S
Ap dung dinh luat bao toan cd nang ta duge 1405 — 359U, + 2016 = 0
v2 Phuong trinh nay ed 2 nghiém :
h = -—(2). So sinh (1) va (2) tadugc h = 9h 96
28 ? Uy =y
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Lai giai : Tdng céng sudt tiéu thu & mach
P =P, +P, +P; + P, + P, = 700W

Nhan xét. Co 30 em da gii bai giai, trong

dd co 10 em cd 16i giai ding : Nguyén Tét Son,

11A, PTTH Nghia Dan (Nghé An) ; Ducmg 96 79 72
Minh Tén, 2B phé Nguyén Van Tr61 Quy Vai U, = —V, suy ra U, = 7V 438 ?
Nhon (Binh Dinh) ; Vo Qude Anh, 12t, Dao '96 35

Duy Tiu (Quang Binh), Héng Linhk, 12F Lam U, = 7 =W U, = 12V Ap dung cong thic

Son (Thanh Hdéa) ; Nguyén Thanh Binh 12G
PTTH chuyén Thai Binh ; Thu Hign, 124,
PTTH chuyén Thai Binh ; Tr&n Van Bmh Kai
K4 chuyén toan, PTTH Nﬂng khiéu Bac Thiil

P U 5
U
=0,71Q; I, = 11,74 ; th 1,180 ;

g
R‘.l
I, = QGAR G94§2 17,54 ;

-Nguyén Vi Quang, 10 Li PTTH Dao Duy Ttr ]f 0,59 : 115 it 2 99A 4R =1, 170,

(Quéng Binh) ; Phitng Minh Hoang, 12L1, Ha
Noi - Amstecdam (Ha Noi) ; Truong Ham
Yéng, 11A1, PTTH Li Ty Trong (Cén Tho).

OK

Bai L2/187. C6 4 dén va 1 dién ké duge
mdc vao 1 ngudn dién 6 hiéu dién thé
U = 24 vén theo maeh vé 6 hinh bén. Cho biét Hai Duong, Hai Hung . Vit Duy Nguyén, Lé

Ngoc Ti, 11A PTTH Nghia Dan, Nghé An ;
Lé H?Bng Nam, 9 Li, Nang khiéu Thai Thuy,

céng sudt tidu thu theo thi tu la P =150W;
P, =160W; P, =200 W; P, -.ISOW

Nguyén Tmng Viet, 11A PT

P'S =10W. Tmh hiéu dién .thé’ cuimg do dﬂng Thai Binh.

dién, dién trd 6 méi den va dién ké.

8

MT

va U’2 = 10,5V (nghiém nay bi loai vi ing
voi U, 129V:=— U, dong I, di tit duai lén).

2 17
mR—F,suyrafl = ﬁ‘d‘_ 14,64 ;

Nhan xét : Cé 15 em da gii bai giai, trong
dd cd 9 em cd 1oi giai t6t : Lé Thiy Nga, 11A
PTTH Nghia Dan, Nghé An ; Lunz Manh
Tuong, 11APTTH NghlaDan Nghé An ; Trin
Bdo, 10A, PTTH Y&n Hbéa, Ha Noi ; Hoang
Anh Lé, 11A, PTTH Nghia Dan, Nghé An ;
Thu Hién, 12A PTTH chuyén Théi Binh ;

%:H Hoéng Quang,

o
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Gidi ddp bai

Lé sinh nhat MEO DOREMON

Tit nhan xét ciia Dérémon suy ra cich méi
vi méo cbe moét vi thi e moét vi méo coe. Vay
c6 day coe (C) va khong coe (K) nhu sau :

R RO R RO N B RORE L LT

Nhu véy gita 333 vi khach ngéi cach mot
sé co 222 meéo coe. Bai vi da s khach la coc
dudi cho nén day ciing sé nhu thé& déi vdi s6
méo con lai (ghi ddu *). Nghia la co ca thay
444 méo coe dudi.

Day dude sap x&p nhu sau :

.. CCCCKKCCCCKKCCCCKK....

Ta nhén thdy day ¢d chu ki 6 : CCCCKK.
Viay cd thé sdp x&p 666 vi khdach ngdi quanh
ban tron.

BINH PHUONG

: % g ¥ S, & '
Bai toan ve dien so

Dién cac chit 6 tir 1 dén 9 vao 9 6 cla bang
dudi day, sao cho :

- 56 ¢d ba chit s nam 0
hing ngang giita bang tdng
ctia hai s6 (cd ba chii s8) cia
hai hang con lai. -

— 80 ¢d ba chu s6 nam d
cot giita bang tdng cua hai
26 (cd ba chit 86) cia hai cot con lai.

Biét ring téng 3 chir 88 cla hang gitia va
cla cot giita déu bang 18.

DAO TRONG QUANG
(Sten 1)

AR Tt
=RTH 4\
CAlI CACH DAY VA HQC TOAN

Mot bai toan
hai cudn sach lam sai

D4 14 bai "Trong mét dudng trén (), A8 1a mbt dudng
kinh c8 dinh. A 14 mét di8m chay trén dudng trdn. Ta ndi
MA, MB, va trén tia dfi cua tia MA ta I8y digm / sao
cho Mi = 2MB. Tim tap hdp diém / néi trén". Dy Ia bai
10 trang 46 sach HHA cla
nhd xuft ban Gido duc
(NXBGD).

Tmnq cuin séch gidi
bai tdp hinh 9 - NXBGD va
cubin 8n luyén toan 9 nha
may in Ngh& An da trinh
bay I8i gidi va két lusn nhu
sau : “Tap hop diém / 1A
cung chua géc khéng déi
vé trén doan AB" K&t lun
nhu vay la chua dugc. Ta
vé qua A m§t dudng thdng
vubng géc vdi AB cit cung
Amift & €, ¢t cung AnB d
¢’ va tao di€m / nhu hinh vé thi / khéng thudc tip hop
cén tim. K&t lusn tap hgp / cén tim chi 14 2 cung déi
xling nhau qua A8 : CmB va C'nB (ca C, B, C' cing
thubc tdp hdp cén tim).

Dén day, téi cé thé ngung but duge. Song dé ting thém
thuyét phuc, t6i dé nghi vdi ban doc réng : khi doc I8i giai
cua 2 cufn trén, ta nén ngdm nghi cho ki hon nda, va cdng
mong lan tai ban sau 2 sach nay khéng pham sai ldm dé.

NGUYEN HUU DU

VE BAlI TOAN PHUONG TRINH

KIEU FERMA

Trén tap chi "Todn hoc va tudi tré" s8 193 nim 1993
ban Hodng Ddc Tén da gidi thigu vdi déng ddo ban doc
mdt bai to4n tha vi dude nhidu ngudi quan tadm : tim nghiém
t nhién cua mét phudng trinh kigu FERMA

PRl R e L e 2]
Trong bai bao cua mﬂm ban Hoang Duc Tén da tim thém
mét s8 nghiém mdi b8 sung cdc nghiém ma nha toén hoc
Lign X6 NP. Liapkin tim ra nidm 1975. Day qua that Ia mét
béi toan h&p din. L& ngudi chuyén vé toan If thuyét nhung
t8i cdng thd dé ra mdt thudt toan chay trén may vi tinh
¢4 nhén AT3B6 va nhan dudc mét s8 didu thd vj ; ding
nhy ban Hoang Dudc Tén da viét vdi » = 7 moi nghiém
clia phudng trinh (1) da dudge ligt k& trong bai bdo 193 ngodi
ra may con chi ra thém mét s8 nghigm mdi, dé 14 cdc
nghiém sau : 1741725, 4.210.818, 9.800.817 cho n = 7,
88.593.477 cho n = B va cac nghiém 146.511.208, 472.335.975,
534.494.836, 912985153 cho n = 9 ! hon thé nda cén chi
ra cac nghiém sau ddy ma ban Hoang Ddc Tén tim ra
cho trudng hgp » = B 14 sai : 63645890, 63.645891
73.495876 (ban dec cing dé dang kiém tra dugc cac sd
trén khéng thda man phuong trinh (1) vi tinh chén 1é cla
hai v& phudng trinh (1) khéng tring nhau ! thi dy 63.645.890
la s& chén nhung néu thay cac chd s6 cia nd vao vé tréi
cia (1) thi k€t qua 12 mdt s8 1 1) Nhu vay vdi moi » < 10
céc nghiém coa (1) di dugc tm hét. Téi tin rdng phudng
trinh (1) cén nhiéu nghidm nda. Al sé& 14 ngudi tim dudc
nghi#ém tiép theo I6n hdn 312.985.153 7

TA HONG QUANG
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DE RA Ki NAY

Bai T1/201 : Tim x € Z dé s6 25x + 46 la
tich cla hai 88 nguyén lién tiép.
NGUYEN DUC TAN
Bai T2/201. Tim cde chitsd x, y, 2, t ma
Iy.yz = ztz, x #y,z2# 0
LI HAI KHOA TRUNG
Bai T3/201. Biét cdc canh cua tam giac
ABC la ba s6 nguyén lién _tiép. Tim do dai cdc
canh cla tam gidc néu 34 + 2B = 18(”
NGUYEN KHANH NGUYEN

Cdc lap PTTH

Bai T4/201. Cho p la mot s6 nguyén dudng
1é, khdc 5, d la mét sé nguyén duong, khac 2,
p,p+8. Chﬂng minh rdng tif tap hop M = {2,
p, p + 8, d} cd thé tim duge it nhéit la ba cap
s6 (a, b) khdc nhau, trong do a, b la hai phan
ti khdc nhau thuéc M sao cho ab - 1 khong
la binh phuong ctia mét s6 nguyén. Quy udc
cap (a, b) va cap (b ,a) 12 nhu nhau.
TRAN DUY HINH
Bai T5/201. Cho a = V2 va ¢ > 0. Ching
minh ring (¢° + p7%)° = 2(¢° + ¢79)
NGUYEN VAN MAU
Bai T6/201. Xét ham s6 P : R — R thoa
méan : N&u @ (x) la da thic vdi hé s6 thue co
bae = 2 thi P (Q (x)) cing la mot da thie.
Chiing minh rdng P la mét da thic.
NGUYEN MINH DUC

Bai T7/201. Tim mot ham s6 f(x), xdc dinh
véi moi gia tri thue ciia x, sao cho véi x bat ki
flfx)] = —x v flx) nhan gié trj nguyén khix nguyén.

NGUYEN DONG

Bai T8/201. Ki hiéu [, 1,, [ la d6 dai cdc

3
dudng phan gidc trong duge ké téi cac canh
tuong ung a, b, ¢ ciia tam gidc. Chitng minh

a b c
+ +
“}zb+sc L+ zﬂ+tl.,3"IE

Ja 'l'rb Ir.'
b +¢ +a+b

b)

3
= Z’ﬁ
TO HAL -

Bai T9/201. Trén parabol :y = x? ldy 6
dim A, A, A, A, Ay Ay AAscht ANA,d
a ; AAg cit AA; 8 B, AJA, cat AA, 8 7
Ching minh ring a, §, y thang hang.

DAM VAN NHI

c +a

10

Bai T10/201. Td dién OABC vuong d 0O,
¢ duding cao OH c6 dinh, cac dinh A, B, C
chuyén dong. Ké HA’ L OA ¢ A'; HB' 1 OB
d B’; HC’ L OC & C’. Ching minh rang 6
diém A, B, C, A’, B, C’ cung nam frén mot
mat cdu va mat cdu nay ludn di qua hai diém
cd dinh.

LE QUOC HAN

Céc dé vat Ii

Bai L1/201. Mot mach dién gém mot nguon
dién (sudt dién dong E , dién trd trong r) va
3 dién trd x, ¥, 2

a) Trong 3 cach méc sau day : 3 dién trd
néi tiép nhau, 3 dién trd song song nhau, 2
dién trd y va z song song nhau réi ndi tiép vai
x, ngudti ta déu thiy cong sudt tiéu thu bdi z
1a khong doi.

E

Hay tinh y, 2, ti sé -f: (I, la cuong do dong
(7]

dién qua z), theo r va x.

b) .ﬂip dungs6 :chor = 1Q,x = 2Q,I =
5A, tinh y, z, E

TRAN VAN MINII

Bai L2/201. AB la vat cia kinh vat O, cho
anh that A’B’ ndm trong tiéu cu F,0, clia ]kinh
mat cho anh 40 A”B"’. A”B"' la &nh ma mét
nhin thay qua kinh hién vi.

Ti B ta
vé tia BI
song song
vdi truc
chinh, tia
nay sau khi
qua kinh vat
cho tia IK di
qua tiéu
diém F, cia
kinh  vat,
Tia IK sau
khi qua kinh
mét s& cho tia KF di qua F va kéo dai di qua
B”. Nhu vay F la anh that cia F', qua kinh dé
quan sdt mot vat phang cyc nho AB dat trude
kinh vat sao cho anh cia AB ma mét nhin thay
& cdch mat mot doan {. Hay ching minh doé
boi gidc thu duoc la :

AD
G = —
7

(D la khodng nhin ré ngan nhdt cia mat
ngudi quan sat, A 1a d6 dai quang hoc cia kinh
hién vi (khoang cdch tit tiéu diém anh cua
kinh vat dén tiéu diém vat cia kinh mat), 1
va f, ldn lugt 1a tiéu cu cha kinh vat va clia
klnh mat. Tl dd suy ra cd miy trudng hop ma

1+E)

AD
2

PHAN TUAN KHANH
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PROBLEMS OF THIS ISSUE

For lower secondary schools

T1/201 : Find all integers x such that 25x + 46
is a product of two consecutive integers
NGUYEN DUC TAN
T2/201 : Find out digits x, y, 2, ¢ such that
Xy .yz=zlz (x 2 y, z # 0)
LE HAI KHOA TRUNG

T3/201 : The lengths of 3 sides of triangle
ABC are 3 consecutive mte&er& Determine

AB, BC and CA when 34 +2B = 180°
NGUYEN KHANH NGUYEN

For upper secondary schools

T4/201.Letp (p # 5)be an odd positive integer
and d be a positive integer different from 2,
p, p +8. Show that from theset M: = { 2, p,
p+8, d} can be chosen at least 3 distinct pairs
fa, b} with @ = b such that ab - 1 is not a
square (pair (a, b) and pair (b, a) are considered
as the same)
TRAN DUY HINH

T5/201. Prove inequality
(@* +q7 %)% = 2(¢* +q7?)
fora=V2,q> 0
NGUYEN VAN MALU

T6/201. Function P : R — R possesses
property : For every polynomial @(x) with
real coefficients with deg @ = 2, P(Q(x)) is
a polynomial. Prove that Pfx) is a polynomial.
NGUYEN MINLE DUC
T7/201. Construct a funtion® fix) such that
fiffx)) = = x for all x € R, and fix) is an integer
for each integer x
NGUYEN DUNG
T8/201. [ ,1,,1 are lengths of inbisectors
corresponding to sides a, b, ¢ of triangle ABC,
respectively. Prove that
a & b
L T Gk +£,,

! f, 7

a ¢ i
b) + +&+bé1ﬁ

(oo b e i o )

S 3

: TO HAl
T9/201. 6 points A, ,A,, A, Ay, A, A, are
lying on the parabol vy = x2. A A meets AA
at a ; AA, meets A;A; at § and A, A, meets
AA aty Show that «, 3, v are colinear.

DAM VAN NHI

T/10/201. Consider the tetrahedron OABC,
having three right plane angles at vertex O,
such that O and its orthogonal projection H
on the plane ABC are fixed (the vertices A,
B, C can be moving). Draw HA' 1 OA at A,
HB' 1L OBat B’ HC' 1 OC at C'. Show that
the 6 points A, B, C, A’, B’, C’ lie on a sphere
passing through two fixed points.

LE QUOC HAN

PO VUI MAY TINH

Mady tinh bé tadi thé so ¢d nit bAm can bac
hai, cho gia tri gdn ding thiéu clia can béc hai
vdi 8 chit 86. N&u binh phuong can thiéu cia
sd N 1én, ta khong duge N.

Thi du, baAm

5] |V

ta dugc can thidu cia 514 22360679 rdi 4n tiép
A = ta dudc binh phuong thidu cta nd la
4,9999996.

Hay tim m6t s6 ma binh phuong bang may
tinh ding bang 10.
Dap : Hay bdm

1) FatlFrF T el =

S6 phai tim la 3,1622777
Xuit hién sau khi bAam | X

va 50 10 xuat hién sau khi bam =

NGUYEN DONG

11
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=

0C va TUOI TR

I

¢ 30 nam Tap chi TOAN H

[
<LL]-
o
()
b= o
(]
T
'—
o =
g 2
= E
SR
-
s &
4
12

A - CAC LOP PTCS :

Bai 8/PTCS : Cho a, b, ¢, d, e 1a 5 s6 nguyén tuy y. Ching minh rang tich
P = (e - a)fe - b)(e — clfe — d)fd — a)fd — b)(d - ¢)c — ajfc — b)(b — a) chia hét
cho 288.
NGUYEN HUY DOAN
Bai 7/PTCS : Ton tai hay khong cdc s6 nguyén dudng x, y, z théa man
xe +.}’3 + 25 = 19931098765432] 9
TA HONG QUANG
Bai 8PTCS : Tim tap hop A ldn nhat gém hitu han cée s6 thuc, sao cho néu
x€EAthix+I-x2€Avax—-1+x2 €A,
HA HUY vUI
Bai 9/ PTCS : Cho dutng tron (0) va mot didy cung PQ. Trén day PQ ldy
diém M, qua M vé cdc day AC va BD bit ki (B va C & cung phia so vdi P@).
Né&i AB, CD cat day PQ tai E va F. Hay x4c dinh vi tri cia M trén day PQ
= o MP ME
dé co qu ST R
NGUYEN KHANH NGUYEN
Bai 10/ PTCS : Cho tam gide ABC va cde diém M, N, P trén cic canh tuong
ing BC, CA, AB sao cho :

Ching minh rédng AM, BN, CP la d6 dai ba canh cia mot tam gidc. Goi S(k) la
dién tich cda tam giac nay. Tim & sao cho S(kJ dat gia tri nhé nhét cd thé duge.
NGUYEN MINH HA

B - CAC LOP PTTH :

Bai 6/PTTH : Tim chit s6 khac khéng cuéi cing trong bi€u dién thap phan
cla s8 : (51704 + 519941
DANG HUNG THANG
Bai 7/PTTH : Cho 0 <a, < a, < ... Ching minh rang hai khang dinh sau
tuong duong :
i) lim a, = +w

H = o
n

% 2
i) lim E armus( ) = o,

H=sse k=1 @+

NGUYEN MINH DUC
Bai 8/PTTH : Giai phuong trinh :
x5+ 102> + 20x - 18 = 0.
TRAN VAN VUONG

Bai 9/PTTH : A, B, C la ba goc clia moét tam gidae. Tim gid tri nhé nhdt clda
bi€u thic ,‘2.1.'g2'-t-§t + 3tg? 2 + 4tg? =
2 2 2

NGUYEN VAN MAU

Bai 10/PTTH : Goi M la tap hgp tat ca cac di€m trong khong gian cd toa
dé nguyén (x, y, z) théa man diéu kién 1 s x < 3k, 1 <y < 3k, 1 < z < 3k,
vai & la s6 nguyén duong chin cho trude. T6 tdt ca cdc diém cia M bdi 2k
mau sao cho mébi didm duge tdé bdi ding moét mau. Chitng minh ring tén tai
3 difm c¢d cing mau va 1a 3 dinh cia mot tam gidc cd hai canh song song voi
cac truc cia hé truc toa do. -

NGUYEN KHAC MINH
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Tim hiéu sau thém Todn hoc phé théng

PHEP BIEN HINH DONG DANG DAC BIET VA
UNG DUNG VAO VIEC GIAI TOAN HINH HOC

NGO THE PHIET

Cho hai cap diém A, A’va B, B' véi A'B’ =
= kAB trong do & > 0 ]a mét s6 thuc duong. Cd
hai phép déngdangbién A thanh A’ va B thanh B’
Mot phép gitt nguyén huéng ciia mat phang goi
1a phép dong dang thudn. Mot phép déi huong
cia mat phang goi 1a phép déng dang nghich.
Sau day la mét phép dong dang thuan dac biet
cd tAm, dd la tich ctia mét phép vi tu cd ti s6
k > 0 va mit phép quay cing tam vdi phép vi
tu ed gdc quay 0° < a = 180° < 360°.

Goi H(O, k) la phép vi tu tam O ti sd k& >
0 va R(0, «) la phép quay tdm O gde quay «
vii 0° < a # 180° < 360° thi: p(0, k, a) =
H(0, k). R(0, &) = R(0, o). H(O, k) goi la phép
dong dang tam O ti s6 k gdc quay «

Vay : 90, k, @): M — M’ sao cho

OM = kOM
— g
(OM ,OM) =«

Bai todn 1 : Cho tit giae ABCD néi tiép
trong duong tron tam O ; quay tit gidc quanh
O mét géc a voi 0° < a < 360° thanh i gide
AB\C,D, . Chitng minh réng giao diém cia

cac cdp dudng thing AB va AB,;BC v
B\C,;CDvaC\D,;DAva DA, la4dinh ciia
moét hinh binh hanh.

Gidi : Goi E, F, G, H lan lugt la trung
diém céc canh AB, BC, CD, DA. Goi M, N, P,
€ ldn lugt 1a giao diém cia AB va AB,, BC

va B/C,,CD va
C\D,,DAvaDA,.
Goi S 1a trung

didm A B, Ta
—— a
EOM = 2
i - E
cd; OM = -
i 1
Véy phép déng
dang
a
p(o,—a,é—) E - M
cosé-
Tuong tu : F—=N
G—=P
H—Q

Vay MNPQ ~ EFGH
_ EFGH la hinh binh hanh. Suy ra MNPQ la
hinh binh hanh.

Bai todn 2 : Cho AABC bdt ki. Vé phia
ngoai tam gide doé cdac tam giac BCM va ACN
sao cho :

BMC = ANC = 90
M 1. .CN 1
BM~3"ANT3

Trén canh AB ldy diem K sao cho
2

AK o 2
BE 3
Tinh KMN va £ sﬁ'@

KN
Giai : Tl K dung vé phia ngoai tam gidc
KH 1 ABva KH = EAB' Ta cd
—— — 1
tg HBK = -1~m‘1 tg HAK = —
S 5 3 2
uy ra:

HBK = CBM = «, véi tga, =

ﬁg‘-‘K= EA““N= azm;'sitgazz

BAGLBH B0 ]
—BK ~ BM—_ cosa
— — — —

(BK, BH) = (BM , BC) = «,

Suy ra phép déng dang

,at};K—rH

[P(B’caaxl e

Tuong tu
@(A,casaz,az):H —- K
C N

KN
T = cosa,

—_—

(HC,EN) = a,

Suy ra

Vay_
(KM, KN)=(KM, HC)+(HC , KN) = o, +a,
KM KM HC ©0osq

—
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— rgai-i-:gag
= + T e e
tg KMN = tg(a; +a,) T=1ga, iga,
1 @
# o Jo oy
= l =
6_--"--_
Viay KMN = 45°
g 1
Ta lai ed cos*a, = —————
tgza]+1
& 1
PORE e
¢ fga,+l
KM, 2 rg32+1 9
:(KN) T tgl1+1 8
ku _[9_av2
TEN Y g

Bai todn 3 : Trén cac canh cia A ABC bdt
ki dung vé phia ngoai ciia tam gidc da cho
cac tam giac ABM, BCN va CAP sao cho :

CAP = CBN = 45

ACP = BCN = 30° N
ABM = BAM = 15 7,
Chitng minh o~ 4 \"!{
APMN vudng can s 5 W
tai M. { p { i
(D6 thi Toan |\ R
quéc t€ ldn tha 17 &= S —
nam 1975) A wzf’ﬁ
Giai : Xét :
1
F=¢(N,7,105) .p(P, £, 105) . R(M, 1507)
Fhos sind§” X
in45” T T
val R = sin45 :EV; SI.TI. 0
sin30” NB _ sin30” . l
NC  gind5° &
Suy ra :
0] 2
R(M ,1507)  p(P .k, 1057) Fetig !{}S)
B A c - B
Vay F(B) = B.
F la mot phép déng dang thuén cd :
: 1

goéc 1507 +105” + 105" = 360"
a4 gilt nguyén B. Vay F la phép dong nhét.
Suy ra FIM) = M.
Vay :

1
R(M 1507 (P .k, 105%) (N5, 105°)

M M M M
Suy ra APMM’ .. APAC

14

A NMM’ ~ANBC M
Da biét
APAC v~ ANBC i
Tit d6 l
APMM'’ ~ANMM',
Hai tam gidc nay cé  p — N
MM’ chung va cd
hudng ngugc nén
bing nhau (d&i xing
qua truec MM'). Vay M

PMM = NMM = PAC = 45° = PMN = 90’
MP = MN
Vay APMN vubng cén tai M.

Sau day la cac bai tap tuong tu :

1. Cho AABC bét ki. Dung trén cdc canh
ctia tam gidc va phia ngoai cua tam giac cac
tam giac déu ABM, BCN, ACK. Goi P, @ lan
lugt [a tam ctia cdc tam giac BCN va ACK.
Chitng minh :

a)CM 1L PQ

b) CM = PQV3

Cho ti giac 16i ABCD. Trén céac canh va
phia ngoai cia ti gidc ta dung cac tam gidc
déu ABM, CDN, BCI va ADJ. Goi P, @ 1a tam
cta cac tam giae BCI va ADJ. ching minh

MN 1 PQ va MN = PQV3

3. Cho AABC bit ki. Dyng vé phia ngoai
clia tam gidac da cho cdc tam gidac EBA, FAC
sao cho

AEB = AFC =90/

tg EBA = tg FAC = 2

1
Trén BC ldy diém H sao cho BH = EBC

Tinh EHF va tl 56 L
1n va il s HF

4. Cho hai dudng thang m, n cat nhau tai
S tao v6i nhau mot gde ¢ . Qua S dung hai
dubng thang bat ki a b. Cho
Me m;:NeEn;haMA LavaMB L b,
NA 1a va NB 1Lb . Tim gdc tao bdi
AB, va AB?

5. Cho AABC bit ki. Dung trén cdc canh cia
tam gidc va vé phia ngoai cic tam gidc ABM,
BCN, ACP, théa man cac diéu kién sau day :

a) AACP ~ABCN va ¢6 huéng ngudc nhau.

b) AABM can cd ddy AB (hoac M la trung
diém cua ABJ FaE e

¢) Téng cdc goc cd hudng BMA, APC va
CNB (hoiac AMB, BNC va CPA) bang 360"

PMN = 2 PAC

Ching minh {PM L M

https://tieulun.hopto.org
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Truyén cu Khoai

Dl CA KHEO

XUAN TRUNG

Hai 16p 5A va 5B trudng toi cd it hoe sinh
nén thay hiéu trudng dé nghi sit nhap thanh
mot lép goi 1a lép nam. Viée lap lai danh sdch
tuong la chuyén don gian héa ra lai gay go.
Cd ban dé nghi tap hop ca lap lai, méi ngusi

" viét ho tén cia minh ra to gidy réi ndp cho lap
trudng méi. Lép trudng theo nhitng to gidy do
sap xé€p lai danh sdch. Chdng han ban An diing
trude ban Binh... Cdc ban gii thich rang do
14 ki€u sap xép ABC giéng nhu trong cuén tit
dign vay.

Cu Khoai nghe dude chuyén ban tdn 4m i
bén bdo tai :

= Céu bao cdc ban ldy s6 di€ém ctia hai lap
tron vao theo kifu di ca kheo la duge ngay théi
ma.

= Ca kheo 13 th& naeo ? May ditng e6 dia.

- La do ting bude nhu trong rap xiéc 4y

https://sites. eoogle.com/site/letrungkienmath

cau a.
i Laép 3 [k Lap | ] i Lap
5A | 5 mdi | | 5B
1 An 1 An 1 | Anh
2 | Ba 2 | Aah |~} 2 | Binh
3 | Bich | Sl fiin 3| -Chi
P Rk 4 | Doan
5 | Binh
| 6 | Chi
l[ .~ 7 | Doan .f

Duyét hai danh sach tir trén xudng dudi,
méi 1an l&y mét ngudsi & méi bén. Tén ai diing
trude thi dua vao danh sach méi réi lay ngubi
tiep theo d 16p d6. S6m muén sé c6 méot lop
hét ngudi. Cusi eing chi cdn chép nét nhiing
ngudi con lai vao danh sdch méi la xong.

That 1a mét ¥ kién doc ddo. Trong chéc lat
t6i da viét xong chuong trinh Ca kheo bang
ngdn ngit Pascal va giao cho cu Khoai theo dg
ma lap ra danh sdch mai.

Cu Khoai rit thich nhitng chuong trinh
viét bAng ngon ngit Pascal. Chi vai giay sau
no da dua nép danh sach 16p 5 méi cho thdy
hiéu trudng.

TYPE st = string [10] ;

VAR  LOP 5A: Array [1..35] of st ;
LOP 5B : Array [1..20] of st ;

LOP 5 . Array [1.55] of st :

PROCEDURE Ghép lép ;

var i, f, k : intrger ;
Begin
R {Hoc sinh dAu tién cia 5A}
=1 {Hoe sinh ddu tién cua 5B)
e {Lic ddu lap ghép chua ed ai}
While (i < = 35) ADN {j < = 20) do
Begin
k:=k+1; (sé thém 1 ngudi cho

16p ghép}
if Lop 5A [i] < Lép 6B [j] then
begin Lap 5 {k} : = Lap 5A [i] ;
Dua vao lap ghép
L =i+ 1; Xét ngudi tiép
theo clia 5A
end else
begin Lap 5 [k] : = Lap 5B[j] ;
Dua vao 16p ghép
J i =j+1;Xét ngusi tiép
theo ctia 5B
End {While} ;
{N&u 5A con ngudi thi dua
vao lap ghép}
While (i < = 35) do
begin
AR
Lép 5[] : = Lép 5A [i] ;
io=i+1:
end ;
{N&u 6B con ngudi thi dua
vao ldp ghép}
While (j < = 20) do

begin
fort =ifgak s
Lép 5 [k]: = Lop 5B [j1 ;
e s
end ;
{Lép ghép sé cd téng cong

. & hoc sinh}
End {Ghép lap} ;
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Thi hoe sinh giéi toan qua thu & Volgograd (CHLB Nga) do héi cac nha ché tao may phéi hop
véi cac trudng dai hoc quiic gia d Volgograd : dai hoc bach khoa, dai hogc téng hodp, dai hoc su
pham, t8 chic. Cudc thi dudc t& chdc hang nam va qua nhigu vang. Nhing ngudi tham gia cudc
thi cén phai gui bai gidi trong thai han mdt tudn sau khi dé thi cén phai gui bai giai trong thai
han mét tusin sau khi dé thi dudc cang b6 trén t& bao Ephir (Phat thanh) chuyén in cac chudng
trinh phéat thanh va truy€n hinh trong tuan ¢ Volgograd. Ngudi tham gia cubc thi khang bit budc
phdi giai tit cd céc bai todn ding trén bao. Nhung nguoi dugc gidi trong céc vong thi qua thy, sé

dude moi tham dy vong thi viét tap trung,

Ngoai giai thudng, nhing hoc sinh dude dim cao s& dude chon vao doi du tuyén d& gui thing
di hoc t4p va dao tao tai cac trudng dai hoc hang dau trong Céng hba lién bang Nga.

Dudi day Ia céc bai thi cua vong | cube thi qua thu nidm 1991 Céc bai 1 1 dén 5 danh cho cac
hoe sinh lop 7, 8, 9. Céc bai ti 6 dén 11 danh cho céc hoc sinh Idp 10 va 1

1) C6 thé ddi mét td bac 25 rip thanh céc td bac 18 loai 1 rip, 3 rip, 5 rdp sao cho nhén dude
ca thay 10 td bac 1é cac loai dude khéng ?
+  (vao n&m 1991 & Lién bang Nga c6 céc loai td bac 1rdp, 2 rip, 3 rip. 5 rip, 10 rdp, 25 rup, 50
rap va 100 rip). ;

2) Biing thudc va compa hay chia géc 19° thanh hai phdn ty 18 vdi 6 va 13

3) Trén mot td gidy ké 8 vubng vdi canh cua & vubng I 1ddn vi dai, ngudi_ta vé mdt dudng

¥

trén véi ban kinh 10 dv.d. Ching minh ring cé khéng it hdn 250 dinh & vufng ndm bén trong hinh
tron da cho. ]

4) C6 thé nhan hai s8 c6 hai chd s8 d& tich nhén dudc la mat s8 c6 bén chd s6 gidng nhau
duge khéng ?

&) Cho biét ménh dé sau diy ding :

Trong mit phéng, hinh F bi&n thanh chinh F trong phép quay tam O. géc quay 48°.

Hay xét xem cdc ménh dé sau day ding hay sai.

a) Hinh F bién thanh chinh F trong phép quay tdm O. géc quay 90,

b) Hinh F bi&n thanh chinh F trong phép quay tdm O. géc quay 72°, ‘

. 6) Chung minh réing trong mét td gidc néu tng céac binh phudng cc canh di dién bang nhau
thi cac dudng chéo cda U gide vubng goc vdi nhau

7) Tim ba 8 nguyén t8 khac nhau cho biét tich cla ba s& dé gdp ba 1n 18ng cua chung.

8) Trong khéng gian cho bdn diém khéng déng phing, C6 14t ca bao nhidu hinh hép khac nhau
nhén bén digm da cho lam dinh ?

g) M&t nhém gdm 5 hodc & khach du dich cdn phai mang theo S0kg hanh Iy cho mat chuyén tham
quan, Phai sdp x 5.456 hanh 1y da che vao cac i xach nhd thé nao dé trong bat ky trudng hgp nao
méi ngudi ciing déu mang mGt 58 dng hanh Iy nhu nhau va suU dung mét s6 it nhat cac ti xach ?

10) M&t 11 gide dudc cdt ti mdt td gify. Co cach nao gidi thich dudc, tU gide dé ¢ 1& hinh
vubng hay khéng néu khéng tidn hanh cac phép do, cho bit cé thé dude phép gap td gidy.

1) Néu vé 5 dudng thing trong mat phing thi c6 thé nhan dude bao nhiéu giao diém 7 Hay
xét t4t ca cdc truong hdp co thé xay ra.

oy 1y

GIOI THIEU
DAP AN TOM TAT

Bai | Khéng thé vi téng cua mét s6 chén cac sb hang & phai Ia sd chén.

Bai 2 Bing thudc va compa dét lien tiép gbc 19° mudi chin 1dn. Khi dé sé nhén dudc gdc 1
Suy ra dudc cach dyng.

Bai 3 V6i mdi mot diém nguyén, xét hinh vuéng canh Ja 1 d.v. daj, con tm cua hinh vubng tai
diém di cho. Néu hinh vudng nég ¢6 it nhat mét digm ndm trong hinh trén ban kinh |4 9 thi tdm
cua hinh vyéng nam trong hinh tron ban kinh 14 10. 50 ludng cac hinh vuéng nhu vy khéng nhé hdn
dign tich hinh trdn bén kinh 14 9, tde & khdng it hdn 250.

B3 4 Khéng thé, vi s& 3aaa chia hét cho 101, ma 10114 s8 nguyén 6.

Bai § Ménh dé a sai, ménh dé b dung. Cén chd y 1a phudng trinh 48n + 360 & = N c6 nghiém
nguyén khi N = 72 va kh8ng cé nghiém nguyén khi N = 80.

Rai 6 C6 thé diung mt trong hai cach sau :
Céch 1: Ding dinh ly ham s8 cBsin.

Céach 2 : Bang phudng phap phan chung.
#3i 7 Ba s6 nguyén t6 1a 2, 3 va 5.

B4i 8 C6 14t ca 29 hinh hop khac nhau. Xét hai diém bit ky A, B trong bén diém da cho. Xay
ra cac truong hdp sau ;

1. AB la canh cua hinh hdp
2. AB 13 dudng chéo cua mét bén hodc day
3, AB | dudng chéo cua hinh hép,

Khi_ xét cdc vi tri cua hai diém khéc, ta tim dudc s8 cac hinh hdp trong mdi mét trudng hgp
tuong ung la 8, 9, 12.

_Bai 9 Ding 5 tdi xéch, m8i tGi dung 15kg va 5 tdi xach, mbi tii dung 3kg. D& thiy s& lugng it
nhét phai dung |a 10 tdi.

B 10 1 GAp hai dinh d8i dién

2, GAp céc dinh k& nhau tung d&i mot,

Bai 11 Tuy thudc vao vi tri tuong déi cua 5 dudng t_hﬁnlg. cé thé co tU 0 dén 10 giao diém. Néu
khéng c6 hai dudng nao tring nhau thi 2 va 3 giao diém la khong thé ch.

NGUYEN VAN VINH
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Ban doc than mén !

Toa soan dia nhan duge rit nhidu thu
cta ban doc. Noi dung thu. ciia ban doc
tap trung vao miy vian dé sau day :

= Thoi han giai bai cho méi s6 tap
chi.

= 86 ngudi cd loi gidi duge néu tén
trén tap chi

- Thai gian ra tap chi.

— Tim mua tap chi d dau ?

Toa soan xin trad 18 chung nhu sau :

'Vé thasi han giai bai cho méi sé tap
chi

Vi tap chi ra hang thang cho nén cdc
ban ciling chi cd thai gian la hon mét
thang dé€ giii bai cho mot sd thai (Ti
khi tap chi ra cho dén 30 thang sau).
Khi nhdn duge s6 mai cdc ban lai phai
bat tay vao giai cdc bai cho s6 méi. Vi
vy rit mong cac ban cd ging giai cac
bai ctia mot s6 ‘rong thoi gian hoan mot
thang 4y dé tao thdi quen. Khéng giai
duge bai nao thi bo d€ ta lai bat tay vao
gidi cdce bai cho s6 mai.

Vé s6 nguoi cé loi giai duge néu
tén trén tap chi

Hang ngay tap chi nhan dugc rat
nhiéu 15i gidi cta ban doc. Sé lugng lai
giai cho mdi bai ra lén tdi vai tram. Hei
dong bién tap tién hanh chdm va chon
ra mot vai 18i giai hay, gon va thong
minh nhét dang dé ban doc theo dai va
tham khao. Tuy nhién, méi bai ra déu
cd thé giai bang nhiéu cich cho nén toa
soan cung néu tén mot s6 ban o 1ai giai
tot. Ching t6i ndi "mét s6" la vi tap chi
khong cé chd dé néu tit ca cac ban co
1t gidi t6t duge. R4t mong ban doc théng
cam va yén tAm rang 1&i gidi cia cac ban
van duge danh gia 1a tét.

TRA LOI THU BAN POC

Vé thoi gian ra tap chi that
thutng

Chuyén tif hai thang ra mot sé sang ra
hang thang toa soan da cd nhiéu cd ging
dé tap chi ¢6 th€ ra tai Ha N6i vao ngay
15 hang thang Tuy vay 12 s6 ctia nam
1993 da ra tai Ha Noi dao déng tit 12
dén 18 hang thdng. Riéng haisé 1 va 2
nam 1994 do cd trd ngai elda nha in va
viée nghi Tét am lich nén mai téi 22 va
28 mdi ra duge & Ha Nai. Toa soan xin
thanh that xin 16i ban doc vé nhiing
cham tré nay. Bit ddu tit s6 4 nam 1994
toa soan s& phian ddu d&€ cd thé ra déu
dan vao ngay 15 hang thang.

Vé viée tim mua tap chi & dau

Tap chi Todn hoc va Tudi tré phait
hanh theo hai con dudng : Céng ty phat
hanh bdo chi va cdc Céng ty phat hanh
sdch va thiét bj truting hoe. Vi vay dé
nghi ban doc tim mua taj :

= Cde buu dién thi trdn, thi xa thanh
phd, huyén, tinh.

— Céc cita hang sdch eia cdac Cong ty
phéat hanh sach va thiét bi trugng hoe
ciia dia phuong.

Qua cdc thuy cia minh ban doc da
danh cho tap chi nhitng 18i chic mimg
noéng nhiét. Toa soan xin chan thanh
cam on ban doe vé nhitng loi chic tét
dep d6. Toa soan Tap chi Todan hoc va
Tudi tré xin chic ban doc ddi dao sitc
khde, vui vé va ed nhiéu thanh cong
trong hoe tap, cong tic.

TAP CHf
TOAN HOC VA TUOI TRE
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1. YEU CAU CHUNG

Todn hoc va tubi tré da tién hanh déi moi

ndi dung, hinh thiie va md réng déi tuong phuc
vu. Cde bai viét nén nhiim phuc vu dai
tugng rong rai ban doc & ca cédc trudng
Phéd théng trung hoc lin cdc truing phé
théng co sd. Bai viét cdn chi ¥ xay dung cho
hoc sinh phong ciach rén luyén tu duy todn hoc,
néang cao kha nang phat hién va giai quyét vin
dé. Cach viét cdn nhe nhang, vui, di dém.

II. YEU CAU CHO CAC CHUYEN MUC CHINH

1/ N6i chuyén vdi cac ban tré yéu toan : Chu
%e‘u nham muc dich rén luyén tu duy todn hoc.
day kign thic khong phai 1a muc dich ma

la cong cu, san phdm nghiém nhién thu duge.

sau khi giai quyét van dé. Kién thic chi néu
vita dii sao cho bai gon ma dat dude muc tiéu
xay dung phong cach hoc toén cho hoc sinh.
9/ Tim hiéu sau thém todn hoc phd thong :
Nham muc dich dao sdu, mé rong va hé théng
héa nhitng kién thite trong trudng phd thong.

3/ Bude dtu tim hiéu toan hoc hién dai :
Gitp md rong tdm nhin cho ban doc. Lam sao
dé vai vén kién thice da cd hoc sinh ¢6 th€ nhan
thiic so bd vé nhiing khai niém, phuong phap
luan so ding cia todn hoc hién dai, gdp phan
kich thich va gay hing thia tim hi€u toan hoc.

4/ D¥ ra ki nay : NhAm hudng dan ngudi
giai tap dugt van dung téng hop cdc kién thic
da co dé€ giai bai toan bing phuong phéap thong
minh va sdng tao. Dé ra cd thé 1a suu tAm néu
bai toan cd loi giai hay.

5/ Ong kinh edi cdch day va hoc todn : Phan
dnh nhiing ¥ kién cha hoc sinh, phu huynh hoc
sinh va cac thiy, ed gido vé cach hoc, cach day,
vé sdch gido khoa va sdch tham khao mén toan.

6/ Nu cudi todn hoe ; Nhitng bai viét nay
cén rAt vui va cd thé gay tiéng cudi sang khoai
thu gidn. '

7/ Danh cho cde ban Trung hoc co sd : Noi
dung bai viét dé cap cdc van dé phuc vu ban
doc ti ldp 6 dén ldp 9.

8/ Danh cho cdc ban chudn bi thi vio dai
hoc : G6m cac bai hudng din cdch hoc, cach

on cho hoc sinh 16p 12 chudn bi thi vao cdc
trudimg dai hoc va cao dang.

9/ Tin hoc : Nham gidi thiéu cdc khai niém,
v&n dé, noi dung, phuong phap caa tin hoc
trong cac trudng phd thong ; méi quan hé qua
lai giita tin hoc va toan hoc...

10/ Toan hoc va doi séng : Gidi thiéu nhitng
ing dung cua todn hoc vao cac linh vue khac
nhau cua ddi séng.

11/ Hoe sinh tim toi : Nhiing bai viét cia
hoe sinh phd thong, tim tai nhiing 16i giai khac
hay hon 15i giai cac bai todan trong sach gido
khoa, trong bao THVTT va nhiing tai liéu
tham khao khée.

12/ Ngoai ra con cd nhitng chuyén muc

“ nhu : Lich sit va nhitng mdu chuyén vé ti€u

st cdc nha toan hoc, Tin tic day hoc toan khap
noi, Ban cd biét, Giai dap thac mae, v.v...

13/ Todn hoc va tudi tré con dang anh phan
anh cac hoat dong day va hoc toan cung cac
hoat dong khde clia céc trugng va dia phuong.

IIl. NHUNG DIEU CAN CHU Y

1/ Bai viét trén mot mat gidy. Hinh vé ro
rang, cd ghi chd dit hinh. Méi bai dai khong qua
hai nghin chit (khong qua 6 trang danh may)

2/ Méi dé ra phai cé kem ldi giai, viét riéng
trén mot manh gidy. Cudi méi bai déu ghi day
du ho tén, dia chi cia ngudi ra dé. Dé ra can
ghi 6 1a sdng tdc hay syu tdm (N&u cd thé xin
gii kém ban dich dé sang tiéng Anh)

3/ Bai dich hay suu tdm edn ghi rd tén, nam
vA noi xudt bah cua tai liéu do.

4/ Bai chi gii vé mot trong 2 dia chi

81 Tran Hung Dao, Ha Néi

231 Nguyén Van Ci, T.P H6 Chi Minh

5/ Riéng bai giai cha hoe sinh chi gui vé 81
Trdn Hung Daoc, Ha No&i.

6/ Anh nén 1a Anh mau ¢d 9 x 12, Anh mdi,
¢ cht thich n6i dung va ho tén, dia chi caa
ngudi chup. )

7/ Bai khéng dang khong tra lai ban thao.

TOAN HOC VA TUOI TRE
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