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BO GIAO DUC VA PAO TAO * HOI TOAN HOC VIET NAM

TAP CHI RA HANG THANG

Dé ra cua cuoc thi dac biét chao mung

30 NAM TAP CHI TOAN HQC VA TUOI TRE

.DUA QUY NAP TOAN HOC VAO LOP NAO
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D&i tuyén Khéi Chuyén Todn DHTH Ha NG6i du thi quéc gia

» Cach giai phuong trinh va bat phuong trinh bac 2
chia tham bi€én va thoa man diéu kién phu
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TAP CHI TOAN HQC VA TUOI TRE

Ti'ng bién tap :
NGUYEN CANI TOAN
Phd td'ng bién tap :

NGO DAT TU

HOANG CHUNG

HOI DPONG BIEN TAP :

Nguyén Cénh Toan, Hoang
Chung, Ngé Dat T, Lé Khic
Béo, Nguyén Huy Dean, Nguyén
Viét H4&i, Dinh Quang Hao,
Nguyén Xudn Huy, Phan Huy
Khai, Vi Thanh Khiét, Lé H&i
Khoi, Nguyén Vin Méu, Hoang
L& Minh, Nguyén Khic Minh,
Trin Vdn Nhung, Nguyén Didng
Phat, Phan Thanh Quang, Ta
Hong Quang, Ddng Hung Théang,

Vi Duong Thuy, Trdn Thanh Trai,
231 Nguyén Van Ciu, TPHCM, DT : 356111 Trung, Déng Quan 1.-;'5!? ;
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Danh cho cac ban Trung hoc co' s
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NGUYEN KHANH NGUYEN

Sang tao todn hoe - dd la mot trong nhitng nhiém vu hang ddu cia
ngudsi lam todn. Nhung sing tao toan hge la mot viée lam khong dé va
¢6 nhiéu con dudng khdc nhau dé thue hién diéu do.

o] day téi mudn trao ddi véi cdc ban tré mot cach nhin dé bude diu
tap dugt sang tao. Toi xin bat ddu biang mot bai todn quen thude,

Bai todn 1 : Trén 2 canh gée
vubng AB va AC cia tam giac
vudng can ABC liy eac diém D va
E tuong ing sao cho AD = AE. .
NGi BE, tit A v D vé cac dudng : K
vudng goc vai BE cit canh BC theo o
thd tu tai H va K. Ching minh ~1 N
rang CH = HK. =y bt

- Mot trong nhitng cach giai :
don gian cta bai todn la : Kéo - *
dai DK cat duing thing AC tai
F, ta ching minh duge (h.1) :
A ABE = A AFD (gc.g) =
AF = AB = AC, ma AH [/ FK nén CH = HK (dpcm).

— Bay git ta hay d& y dén quan hé cta cdc doan thang trong bai todn :

O

[AB = AC , AB AD HC
1AD = 85 7= LA gp = Gpsiile i
Tit d6 ta niy ra mot suy nghi :
AB AD i :
= = N st im0 e
Neéu Ac i k thi HE bang bao nhiéu ? a)
AE AE e
& Foil e e PR 3 . idu ?
hoac : Néu Ac k thi K bang bao nhigu ? (bh)

Do dd ta co cae bai todn sau :
Bai todn la : Trén 2 canh goc vudng
AB va AC cia tam giac vuong ABC lay

b cac diém D va E tudng ung sao cho
s S S S0 N BB A
T gl e

va [} vé cac duding vudng gde vai BE cat
canh BC lan lugt tai H va K. Tinh ty sé

: HK
&0 TP : o A 8 TR Y N Sidtiay
= A E ra i (theo k).

(.2 - Tuong tu cach gidi bai toan 1, ta

ctiing kéo dai DK cat duing thing AC
tai F. D& thay : (h.2)

AF AD AF  AF AB i HK 5
AAFD - ﬁABE=A—B=E=k w:ﬁmﬁ.ﬁ-é—:k‘-hayﬁzkﬂ
Bai toan Ib : Nhu bai toan la, chi thay gia thigt bang
AR AB
, D vRe B
~ O bai nay (edc ban ty vé hinh) gidi tiong tu bai la, ta cing cd : A
AFD ~ A ABE = E e A—C"==-AF = AC., ma AH [/ FK nén HK

AB AE AB
= HC hay HK | HC = ].

* Nhu vay bang cach thay déi mét chit suy nghi : Coi hai doan thing
bing nhau 14 2 doan thing co ti 6 bing 1, chung ta da tu tim duge 2
bai todn thd vi ma bai toan 1 chi la mat truong hop dac biét.

Bay git ta tiép tyc cich suy nghi dd vao bai toan sau :
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Bai toan 2 : Trén hai canh AB va BC cla
hinh vudng ABCD liy 2 diém P va ¢ tuong
ing sao cho BP = BQ, Néi CP, ha BH 1L CP.
Ching minh rang DH@ = lv.

e sl

yﬂi’ﬂt
' 4 \\.x e

H \ !

/S ."\. ‘

4/ I\

P4 \ :

Yl i3 A
J ¢

- Viée ching minh bai toan khong khd, chi
cdn dé y A DHC - A QHB

= DHC = QHB, do dg
DHQ = CHB = lv (h.3)

- Dén day lap tuc cdc ban thiy ngay dé
dang dé xuit bai todn sau :

Bai todn 2a : Trén 2 canh AB va BC cla
hinh chit nhat ABCD tuy y ldy cac diém P va
BP _ BC
1 BA" Néi CP,
ha BH L CP. Tinh goc DHQ.

- Tuong tu li giai bai toan 2, cdce ban co
thé tuy vé hinh va ching minh dude trong
truing hop nay ta cing cd DHQ@ =
BA
BC

@ tuong dng sao cho :

BP
= Trudng hop : E = cac ban thd tu

nghi xem !

* () cac bai toan trén chi yéu ta da chuyén
quan hé bang nhau cia hai doan thang vé viée
xét ty s6 do dai cta ching. Con doéi vdi cac
hinh khdc (tam gide, td gide...) thi th& nao ?
Ta hay van dung suy nghi trén vao bai toan
sau (da ra trong ky thi vo dich todn quoc t€
lan thid nhit — 1959) :

Bai todn 3 : Trén doan AB cho trude liy
diem M bat ky. Vé mét phia cia AB vé cac
hinh vudng AMCD va MBEF. Vé cic duiing
tron ngoai tiép cia hai hinh vudng, cit nhau
tai di€m thit hai N. Ching minh rang :

a) Céac dutrng thing AF va BC cung di
gqua .

b) Khi M chuyén dong trén canh AB thi,

duting thing MN di qua mdat diém ¢ dinh S.
~ Vi bai todn rat quen thude, nén phin loi
giai téi khéng trinh bay rieng, ma chi di vao

trong tam etia van dé : Coi hai hinh vuong la
hai hinh chit nhat déng dang cd ti lé 2 kich
thude la mot hiang s6 tedc tinh hudng khic cic
ban co thé tu nghi ldy), ta cd bai todn sau :
Bai todan 3a : Trén doan AB cho trude lay
diem M bat ky. Vé mot phia cia AB ta vé cic

hinh chit nhit AMCD i MBEF sao cho
AM MF : .
T el T & (vdi k la s0 duong cho trudc).

Vé cie dutng trom ngoal tiép etua hai hinh chu
nhit cit nhau tai didm thi hai N. Chitng minh
rang : ¢

a) Cac dudng thang AF va BC cung di
qua N.

b) Khi M chuyén dong trén doan AB thi
dutng thing MN di qua mot diém o
dinh S.

— Hudng giai quyét caa bai toin nay (cing .
la cha bai todn 3) nhu sau : (H. 4)

fk

Lﬁ%’i i g
A M

i+

a) = Trudc hél hét ta th.’iy AN_1 BN vi :

ANM = ACM' ﬂ‘INB = M’FB mi A A) AMC
« A MFB nén ACM i MFB 90" = _fL'\ M+
+ MNB = 90°, hay ANB = 90",

- Mat khac ANC = 90° = 3 diém C, N,
B thing hang

- Lai c6 ANC = FNB = 90° = 2 tia NA
vi NF trang nhau, hay 3 diém A, £ N thing
hang.

by Dé thay khi M chuyén dong trén dean
AB thi N chuyén dong trén nida dudng tron
¢t dinh dutng kinh AB. Ma gde ANM = ACM
AM
MC
thang MN di qua di€ém c¢d dinh S trén nua
duting tron duding kinh AB con lai.

khong déi (tg ACM = = k), nén dudng

* Cudi cung chie edc ban thu duge nhiéu
két qua thi vi trong hoe todn bing nhitmg cich
nhin khie nhau,
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Bai T1/196 : Liic roi nha di, ban Tiing xem
gia thday ddng ho chi hon 1 gio, va khi dén
triong thi thday hai kim déng hé da déi vi tri
cho nhau (trong thol gian nay hai kim khong
chap vdi nhau lan nao).

Tinh thoi gian Ting di tit nha dén truing,
liie Tiung roi nha va lic Ting dén triong,

Loi gidi : cta cdc ban Lé Xudn Minh, TE,
Ba Dinh, Tx Thanh Héa va Trin Viét Ding,
8/2, Chu Van An, Tp. Da Nang.

Gia sd lue Tung roi nha kim gio & vi tri A,
kim phut & vi trl B (h.1). Hai kim khong cd vi
trl nguge lai vi trong sudt thoi gian Tung dén
trudng, kim phut khéng chap vai kim gio. Chia
mat dong hd thanh
12 vach chi gig. Kim
gt quay tit A dén B
dude y vacn va kim
phit quay tit B dén
A dude x vach. Quang
dudong hai kim quay
tong cong duge maot
vingnénx+y = 12(1).

Kim  phit quay g
nhanh giap 12 lan kim £
gio nén xjy = 12 (2). ks

’ 12
Tu (1) va (2) ta tinh duge y = 5

Vay thai gian Tung
di ti nha dén truong
la 12/13 h = 55 phat
23 piay.

Bay gid ta tinh thai
di€m kim gio d vi tri
A, kim phiit ¢ vi tri B,
Goi vi trd cua s6 12
trén mat dong ho la C,
vi tri clla s6 1 la D
(h.2). Goi n 1a s8 vach
tu C dén A, m la sp

=)

Hinh 2

vach tit C dén B thi

m-n=y=12/13 (3)
khi kim git quay tit D dén A duge n - 1 vach
thi kim phit quay tit C dén B duge m vach.
Kim phut quay nhanh gdp 12 lan kim gig nén

mim = 1) = 12 (4)
25
Ti (3) va (4) ta o p = 143 = 1 —
3) va (4) ta cd n 168/143 ]146’
14 25
m =2 143" Vay Ting rdi nha lac 1 143 gt =

= 1 gio 10 phat 29 giay va dén truong lac

14
2 143 gid = 2 git'b phut 52 giay.

Nhén xét : Cdc ban sau day ciing ed lui
giai tot : Mai Thanh Binh, TM ; Nguyén Ngoc
Tan, 9M, Marie Curie, Trﬁn Bng, 8H, Trung
Vuung, Ha Noi. thn Anh Tudn, 8H, Chuyén

Bim Son ; Nguyén Minh Thanh, Trrmng Minh
Tué, 8E, BH Dinh, Thanh Hda, Nguyén Viét

TA, Chuyén Phong Chau, Virong Minh

Hii,
Thi, 8B, Chuyén Viét Tri. Vinh Pha.
TO NGUYEN
Bai T2/196 : Co 5 didm nam trong hinh
vudng cé canle la 36,7 Chitng minh rang cé
the tim duoc trong hinh vuong nay 1 diém ma
khodng cach ctia né dén 5 didm kia déu {on
hon 10,
Lai giai : Goi cic dinh hinh vuong la A, B,
C, D. Noi trung diém K clia AB véi trng diém
I ca DC. Trén doan thing KJ liy M va N suo
cho KM = NI = 8. Ta cd MN = KI - KM - NI
=36,7-16 = ‘07 viAM = BM = CN = DI
(36,7/2)48° =V336,7225+64 =V400,7225 >20
Do dd eiie hinh tron ban kinh 1a 10 via co tam
lan lugt tai A, B, C, D, M, N khong c¢d die¢m
chung. Vai 5
diegm bit ky
néun trong hinh
vudng thi cing
lam ching chi &
trong 5 hinh
tron ndi trén. |
Vay ton tai it
nhit 1 hinh tron

o K 5

khong chia d
diém nao trong \\
5 diém do. Tam 0 W ¢

cua hinh tron
niy hién nhién cd khodng cich tii né dén 5
diem déu ldn hon 10,

Nhiin xét : Hau hét cac loi gidi g toi toa
soan déu thiet ké 6 hinh tron ban kinh khong
nho hon 10, tam thude hinh vuing va ching
rii nhau d€ din tdai lap luan nhu trén. Mot so
ban dé 6 hinh tron ban kinh 10 trong dd cd
nhiing hinh trdn tiép xic nhau nén dan téi l
luan thifu chat ché, Mot s6 ban khac liy 5
di¢m da cho lam cde tAm dé vé cde hinh tron
trén bian kinh 10 va ching minh 5 hinh tron
nay chua pha kin hinh vuéng d¢ suy ra ton
tai diém thoa man bai todin.

Cac ban cd 1oi giai tot la : Nguyén Phi Binh -
(9A - Bé Van Ban - Ha Noi) ; Pham Tudn
Anh, Nguyén Qude Anh, Vit Van Hoan, Lé Vin
An (9T - Phan Boi Chau, Nghé An), Trinh Hitu
Trung, Hoang Khae Céng, D6 Quang Tho, Lé
Vit Long, Truong Manh Tudn, Lé Viét Hai (9T,
Lam Son, Thanh Hda), Vi Thu Huimg (9 -
PTNK Hai Hung) ; Pham Lé Hiing (9A, Trung
Nhi, Ha Néi) ; Mai Thanh Binh, Nguyén Ngoc
Tan (TM, 9M, Mari Quyri, Ha Noi),..

Dac biét ban Nguyén Phi (I'Jr.-ring (9A -
Trung Nhj - Ha Noi) da téng quat bai todn :
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"Cho 5 diém nam trong hinh vuﬁni canh I thi
luén tén tai it nhdt 1 diém trong hinh vu"nkg
ma khodng cach tit do tai 5 diém déu 1on hon &,

I
véi k thda man 3k% + kI — 5 < 0" Két qui la
ding nhung chi tiéc li luan cta ban & phén cudi
lai hoi ling ting nén khéng mach lac.
LE THONG NHAT

Bai T3/196 : Vong fron noéi tiép (O) cia
A ABC tiép xiic vdi cae canh AB va BC 0 cac
diém E vé F. Phan gidc ciia_géc A cat EF ¢
diém K. Chiing minh rang CKA = 90°.

Loi giai :

Dé bai 1€ ra phai la "phan gidc cua goc A
cit tia EF..". Xét cac trudong hgp sau :
]-} AC‘ :i"'_é-—-B : — —— ———
Ta ¢ BEF = BFE = BEF = BFE =
180" — EBF BAC + ACB

9 — 5 . Mat khac
EKA = BEF ~_EAK. Suyra: __
> BACH ACB \BAC [ ACE i\ ——
EKA= — s = = OCF.
2 2 2

_TDo do _ti_gidge OFKC noi tiep dude. Vay
CKA = OFC = 90°. bPCM

A

L ! R

K
2) AC < AB : Tuong td nhu trén ta co :

L Sk 0]
TR N e it
\"“-..___I _‘_\Il.'-/ e (.'u
i P
,ﬁ/’_.
—— 180’ - AB
BFE = 1—-—~2 2
Mat khac_KOC = OCA + OAC =
BCA + BAC  180° — ABC .
- . = ———— Tuela BFE =

= KOC_Dg dd tit giac OKFC noi tiép duge.
Suy ra CKA = CFO = 90°.

3) AB = AC. Khi d6 F = K. Dé dang suy
ra DPCM. VAy trong moi truting hop ta déu
¢6 CKA = 90°. -

Nhan xét .

1. Da s6 cac ban mac nhién chi xét bai toin
trong hinh vé ma minh cg duge, tic la lam 1
trong 2 truong hap 1 va 2 ndi trén. Phan ldn
giai dai dong.

2. Ban Poan Dinh Trung, Trung Vuong, Ha
Noi cd loi giai t6t nhat.

3. Cac ban giai tuong d6i tot bai toan :

Ta Thi Bich Hanh, trudng Lé Loi, Ha Tay ;
D6 Trung Chau, Viét Tri, Vinh Phu ; Nguyén
Thang Son, truong Héng Bang, Hai Phong ;
Nguyén Phi Binh, truong Bé Van Dan, Ha Noi,
Lé 1}:’? Long, Lam Son, Thanh Hda ; Ngé Thi
Mai, Nghia Dan, Pham Tuén Anh, trudng Phan
Boi Chau N%lhé; An ; Lé Phude Danh, tnitng
Nguyén Tri Phuong, Thia Thién - Hué ; Nguyén
Van Nghiém, truing Lé Khiét, Quang ’Ng:?u

v KIM THUOY

Bai T4/196 : Cho n n = 2) ddy sd duong
phan biét A, A,, .., A, . Ki hiéu .J'\Z-_IJ la 86 cae
30 hang }ehfgng'wruc qua x cua day A ; N.(x)
la $6 cac s6 hang khéng vuot qua x clia phan
giao A; N A,

Bistvdi i EN:1<si<snvaviix e Z

6 bit ding thite : Nx) > = véi e = 2,71828...

Chitng minh rdng ton tgi 2 day A, A, trong
n dday dd cho thoa mdan bat dang thic |
nx(n —1)
N ] 3 ey

1 i

v ( 2} e
Loi giai (cia Nguyén Thai Ha, 10M
Mari-Quyri, Ha Ngi) : Ta sé ching minh khdng
dinh cia bai ra la sai. That vay, voi méi i = 1,

2, .., n xay dung day A, = {au-] 2 : nhu sau :
‘r=

i.
ML S e

Dé thdy cdc day A, A,, ..., A, 1a cdc day s6
dwong phan biét. Hon nda, vai méi i = I, 2,

x
.y Bvavoix € Z° thi Nfx) = x > ) Tuy

nhién, do A, N A; = @ Vi # j (dé thdy) nén
N.(x)=0Vi#j vivx e Zt Va b?i vay, khéng
ton tai 4, A 48 N, > S0 D

> ( 2) el

Nhéan xét : Viée d€ bai todn trén xudt hién
trong mue "Dé ra ki nay” la so xuit ding tiée.
Toa soan thanh thuc cdo 16i cung ban doc.

e Cdc ban Lé Anh Cuong va Nguyén Lé
Minh (Lam Son, Thanh Hoa) dé nghi : Dé bai
ra co thé gidi duge can :

a) Stta gid thiét theo mot trong hai hugng sait

i) Thay diéu kién "A , A,, .., A, la n day sé
duong” bii didu kien "A|, A, "."A, la n day
s6 nguyén duong". 3

ii) Thay diéu kién "N.(x) la... ; Ny(x) la . . .
A N A" bdi diéu kién "Nix) la s6 ce’s6 nguyén
khong buot qua x cua diay A ; N.(x) la edc s6
nguyeén khong viot qua x cia phin‘giao A; N AJ1

b) Song snnfz vai viée sta gia thiét nhu trén,
sita phan két luan thanh "tén tqi hai day A,
Aj sao cho :
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N%fo) = Lx{r;—e)
2(g)e

Ban Cudng va ban Minh da cho 15i giai
diing dd6i vai bai todn da dude sia déi. Hon
nita, ban Minh con chi ra dung rang vai gia
thiét da duge sia nhu trén, két luan caa
bai ra van sai chi it 1a trong cdc truong hop
AT

3. Loi giai cia Dap dn la 1o giai cho bai toan
vai gia thiét can duge sta nhu da néu & trén, va
theo loi gidi nay ta cling chi c6 thé ¢d ditae khang
dinh rang ton tai hai day A, Aj sao cho :

atiiin . 2
i g R il
L 7

=
2( gt
; NGUYEN KHAC MINH

Bai T5/196 : Cho o, f,y > 0 a +fi+y < .
Chitng minh réng :

sina + sinfi + siny + sinic+ B+ y) < sinla
+ B+ sin(f+ N+ sinty+ a)

L& giai : (cta nhiéu ban)

Ta xét :

S = sinla + B + sintf + y) + sinly + a) -
= [sina + sin§ + siny + sinfe + 8 + )]

= [sin(a +f) - sinfec + 5 + 9] + [sin(f +y) -
= sing] + [sinla + ) = sina]- siny

= 25i’ﬂ% [—cos(fr + 5 +f‘2-l-) +

+ cos (ﬁ-f-%) + cos (a+%) —cus%}

; g+ 8 +y
= 4sin & [ms i

- e

Ie] +ﬁ+;4 ek o+
9 — CO.‘_-—;?—J

= D08

=

e B i a—ff _atd,
n E - C0s 2 s { Cos 2 —L0s 2 )
b ek atp+y
= Bsin % . sing- ; siné . cos ——-'(;'—L
Do a, 8, y > 0 va a+f+y < 7 nén sin= > 0,

2
e +,E)‘ +

= 4z1

in & W S
smzbﬂ,smzbﬂvaccb 5 =0
Suy ra : § = 0. Tt d6 din dén bdt ding
thic cdn ehing minh.
Ta hay thdy : bat dang thic trd thanh ding
3 5 f —+ =
thic khi va chi khi cos <2 1)

0
e

=0esa + [ +

+ ‘:J =T

Nhan xét : Co 129 Ioi gidi gii vé va cg
ding 19 li giai mac sai lam (cht yéu nhd...
nham céng thiic bién dai luong gidc). Ngoai i
giai trén, mat vai ban st dung \:ﬁl_m ham dé& xét
ham fla) = S. Ban Nguyén Tudn Hdai (11M,
Mari Quyri, Ha Néi) ching minh khang dinh
tong quat cho n gdc vdi diéu kién tuong ty.

Cac ban co lgi giai tot 1a : Tritn Thanh Hodan
(111, Déng Ha, Quang Tri), Phan Anh Tudn
(11A, Nguyén Hué, Ha Tay), Tran Quang Huy
(11, Chuyén Toan Vinh Phua), Tran Dang Hoa .
(10A, DHTH Ha Noi), Trin Thi Hanh (1 FGiE:
PTNK Hai Hung), Tang Nam Long (12CT,
Phan Boi Chau, Nghé An), Pé Quang Minh
1124, Chuyén Tuyén Quang), Nguvén Diic Ké
(Tran Phu, Ha Tinh), Nguyén Anh Tudn ( 104,
Cong Lap, Bac Liéu, Minh Hai). Doan Nguyén
Chuong (10A,, Lé Quy Don, Da Ning), Pham
Viét Nga (10, Tran Phu, Hai Phong), Dinh
Trung Hang, Nguyén Thai Ha (10M, Mari®
Quyri, Ha Né6i) ; Gie Cat Vo Hing (10A, Lé
Hang Phong, Nam Haj, ...

LE THONG NHAT

Bai T6/196. Cho hai da thiic bac bon Pix)
v Qx) 6 fié 86 hitu ty. Cluing minh rang néu
Pix) uir Qx) cé mét nghicm chung vo ty v hal
nghiém chung hiru v thi Plx) va Qx) con cé
them mot nghiém chung khac nita.

Lisi gidi (cta da s6 cde ban)

Gia st Plx) = a '+ a 2+ a a2+ ag+a, ;
Bj=lioc @ o 7 3

Qix) =bpf +b 5’ +ba tout+b, 6, 0;
B =0 ' S
Ty =012 448

Goi nghiém chung vo ty la , vit hai nghiém
chung huu ty la e, va @y Pla) con cd thém mot
nghiém khdc niia’ a ¢ va Q) cing cs tham
mot nghiém khdc naa la .

Theo dinh 1y Viét thi

i)
3 :
o+ ol +ﬁI="—EQ (1)
! & oopod a
o4
th({2+ n.‘t[ﬁj'i- e gr Ot 40t - t{:tl"'" G =
44 z
2 E
=— e @ (2
a,

Tu (1) suy ra @, + @ € Q. Do vay, tir (2)
SU}' ra @

ooyt asla, + ) + t.'{'-;{.trl + o) + aa e Q

== a = Q

Cung 1ap luan nhy viy, ta cd : «  theq@va
ap e q

Suyra:a-§ = o)+ a)-(x,+ ) € Q

tIE{cl’ =0} = Qe ~ <rJ,c'f c g

Tu hai hé thic nay, suy vta @ ~ 8 = 0 (do
a vi ty)

Nhin xét : Bai nay duge déng dio cic ban
tham gia gidi va edce eich giai gii dén déu ding.
Mot s6 ban con md rong bai todan cho da thue

~ bac tity ¥ vai hé s6 hitu ty. Ngoai ra, ban Nguyén

Lé Minh con dua ra cach giai dua trén nhan -
xet (dinh ly Viét) ring mot da thde bac < 3
voi gid thiét cd hai nghiém hitu t¥ va mét nghiem
hitu ty thi da thie dd dong nhat bang 0. Ta
thiy da thitc b, Pix) = a,Q) cdtinh chat do.

Vay Px) = 1 Q)
4

NOUYEN VAN MAU
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Bai T7/198. Tim tdt cd eac da thiic Plx)
vdi hé &6 thie théa mdn diéu kién :

1
Pix)+ P(1) = 5 [Pix+ 1)+ Pfx-1)] Vx

Lai giai (cta da s0 cdc ban)
Dat P(1) = a va xét da thdc

Qfx) = Plx) T axs
Khi dé (1) = 0 va P(x) = Q(x) + ax’
Theo vao diéu kién bai toan, ta dude
Qix)+ ax*+ Q)+ a =

1 ey -
=5 [Q(x+1) + alx+1)- + Qix-1) + alx—1)"] Vx

1
=g = ;2- [@ix+ 1)+ Qlx - 13 ¥x

Q- Qx - 1) = Qlx+ 1) - ¢lx) Vx

=Qfx) - Qx - 1) = b (b hang sd) Vx (1)

Dat Q(x) = bx + Rix) thi ti (1) ta thu duge

bx + Rix) —blx - 1) -Rlx-1) = b

=Rix) = Rix - 1) ¥x

e Rfv) = ¢ {c — hang s0)

ViQil)=0nénec = -8

Vay Pix) = ax*+ bx = b (2)

Thit lai, ta thay da thiec dang (2) théa man.

Nhan xét : Hau hét cac ban gii 10i gial
dén toa soan déu giai dung. Mot s6 ban con
cho ciach giai theo phuong phéap ndi suy va
phuong phap hé s6 bit dinh.

NGUYEN VAN MAU

Bai T8/196 : Trén mat phang cho tap hop
M goém n diém, voi mdi diém thude M ton tai
ding hai diém thude M ¢d khodng cach dén no
bang 1, hon nita, khoang cdch gitta hai diém
bt ki ctia M khong vuot qua 1. Ching minh
rang n la so 1é.

Lai gidi (Theo Ha Thanh Hai, 12T Lam
Son, Thanh Hoa).

Xét hai doan thang AB, CD do dai 1 (4, B,
C, D € M). Gia sit hai doan nay khong cd chung
ddu mit, ta sé ching minh ching cit nhau tai
diém trong cua mdi doan. That vay, gia sit ngudgc
lai xay ra :

i) Truong hop 1: A, B, C, D 1a 4 dinh ctia mot
td gidac 16i. Khi dé AC + BD > AB + Ghi= 2.
Suy ra hoac AC > 1 hoac BD > 1, miu thuin
vdi gia thiét cha bai todn.

ii) Truang hop 2 : A, B, C, D khéng phdi
la 4 dinh ciia maét ti giac 16i. Khi do sé co
mot diém, ching han D bi chia boi AABC.
Hién nhicn D @ (CB], D _&.[AC]. Do dd
BOC + ADC = 180° hoac BDC = 90" hoac
ADC = 90°, va bai vay hoac BC > CD = 1
hoac AC > CD = 1, mau thuin véi gia thiét
cua bai toan.

Vay hai doan thang d6 dai 1 cd cde dau mut
thude M phai hoac ¢ chung mot dau mut hoac
cat nhau tai diém trong cua moi doan. (1)

Ki hi¢u tdt cA cic didm cia tap M 1a A,
Ay Ay Néi tdt ca cic cap digm A, A, ma
AA. = 1. Tit ca cic doan thang noi duge s cho
ta m6t 86 hitu han cde duong gip khuc don, ma
méi duting gip khic déu ¢d tit ca cic dinh la
cac digm thude M. Xét dubing giap khiic don (K)
cd do dai 1on nhét va khong mat tong quat, gia
sit 1a A A,.. A, Dé thiy phii co A4, = 1, va
k = 3. Ta sé ching minh & 1é. That vay, néu
i = 3 thi diéu cfin ching minh hién nhién ding.
Xét k> 3. Khidd, tit {1 v AA, = 1 suy ra tit
ci cac dinh A cha (k) véi i 1é lon hon 3 phai
nam trong cung mot nua mat phing md cd bi
la dutmg thing AAL con tit ca edie dinh A, cua
(K véi i chan phai nAm trong cung mét nia
mat phang (md) déi eda ntta mat phang noi trén.
Hon nita, do [A_ jAk] phai cat [A l,-\;] nén A, va
A,_, khong thé nam khac phia do1 vai A A Tu
dé k - 1 chan va suy 1a k 1é (2).

Bay gio ta sé ching minh & = n. Thit vay,
gia st nguge lai k& < n, Khi dd phii ton tai . i
A €eMmiA, A &K vaAA =1 Dol
nén tit ca cde dinh A cta () vai 1€ phii
nim trong cing mot nta mat phang mo co bo
la duéng thang A A ; con tat ca cac dinh A,
ctia (K) véi i chih phad cing nam trong nua
mat phing (md) doi cia nia mat phang vita
néu, Hon nua do [A Ak] phai cat [A A 1 nén
A, va A, phai nam Id{}:’ut phia d6i vai A A Tu
do suy ra & chén, mau thuin vai (2} Viy F=n
va do (2) nén n 1é (DPCM)

Nhan xét : Trong s6 tit ca cdc loi giai gl
téi Toa soan chi cd ba loi giai dung, 1a cic i
giai cta H.T. Hdi, Hoang Van Long (12A PTCT
DHSP Vinh), va Nguyén Quang Huy (12T Phan
Boi Chau, Nghé An).

; NGUYEN KHAC MINI

Bai T9/196 Cho tam giage ABC va M la dicm
nam trong tam gide, Kt hidu x, y, z lan ot
lia MA, MB, MC va p, q, r lan lwot la khoang
cdch tic M dén BC, CA, AB. Clutng minfi :

a)xyz = (p+ gitg + riir+ pl

b) xyz? = (px+ qyiqy + rz)irz + px)

Lai giai (Dya theo Trin Quang Huy - 11.
chuyén Toan Vinh Pha)

a) Ta cd (p + glg + rir+ p) = zleosM +
cosM jxicosM , + cosM ) zleosM, + cosM.) =
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in
2 cosM,
< xyz (IT); (bdth Co-si) <
1 'Ml +M2 S Mt-) 5
< xyz(g,ﬁms 3 } (vi ham

g 5 7 . £ —_ 3
cosx 161 trén [ 5 2]} Aiyz.

e C S s S )
“+ 3 2+ (- +5) <
b doom = (5+3) (147) (£42) <
= (cosM. + cosM, ;Er_oa:.M + cosM, )(cas.M +
+c0£=M}$l #

Ecoij
IT) g (bdt Cosi) =

1 My +M, +..+M, ,
< (5 . Bcos 5 ) = 1

Dédu "=" xdy ra khi AABC déu.

Nhéan xét. Cé 108 ban giai, tit ca déu giai
ding. Cac ban sau day o6 i giai tét : Tran
Quang Huy, 11 chuyén toin Vinh Phu) ;
Nguyén Hoang Céng (10T, thi trdn Son Tinh,
Quang Ngai) ; Lé Thanh Ting (11CT, Hing
Vuong, Vinh Pha) ; Lé Nguyén Chdt (11T, Lam
San, Thanh Hda)

-=-VT5(

DANG VIEN

Bai T10/196. Cho ti dién vuong OABC (OA,

OB, OC vuéng géc véi nhau tieng déi mot) ;

OA=a;0B=0b;0C=c Goi M, N, P lan

lugt la trung diém cua AB, BC, CA Ching

minh ring trong ti dien OMNP néu nhi dién
canh OM vudng thi ta co :

1 1 1

ol B o T

e a- 2

Lai giai (Dua theo Nguyén Thai Ha - 10M
PTNK Marie Curie Ha Nﬁl} Ta ching minh
bai todn téng quat hon :

1 1

— = (-— + —,,) rgQ— (@ — gdc nhi dién

¢t a
canh OM cd chiia doan OC). Goi A’, B’ la trung
diém tuong ung cia OA, OB, ta cd :

AP jf = > A'M [/l =

hinh chit nhat :
PA', NB' 1 (OAB)
(vichiing // OC ma
OC L (OAB) do L
OA, OB). Ha A'H,
B’K 1L OM (1), ta
co PH, NK1 OM (2)
(dinh 1i 3 dudng
vg). MANB' = PA’

50 OA'MB’ la

( = g) i B'K = A’H (d6i xing qua tam hinh
chit nhit OA’MB’") nén hai tam_gidc vuong
NB’K, PA’H bang nhau, hay NKB' = PHA':

Két hap vdi (1), (2) ta cd cde nhi dién cmh

OM lan lugt chia NB', PA’ bang nhau, suy
ra moi nhi dién nay lJ?il]g

_180“ == = 9o &
R R B TR R T iy e
Tacd; A'P- = A'H .IP_{\JU 2)
A’H?

= ——— (3). Hon nila, trong tam giic vuong
P‘g"g
A'OM (4" = 90, ta lai ed :

1 1 1
s = =4 —— (4} Tir (3) va' (4) thay
AH= AN AN
e ) dide g b i !
AP —,—3-'.AO =3 (A'M = 3 ta ¢d cong thice

néu trén. Véi a = 90 ;
da duge gidi xong,

Nhiin xét : 1. Lai gidi néu trén con cd the
dung dé gidi bai todn dao (ban doc ty phat bigu
va giai),

2. Cd 96 ban gidi, tdt cd déu gidi dung. Cac
ban sau day cd loi giai tot : Nguyén Thai Ha
(10M PTKN Marie Curie - Ha Noéi) ; Pinh
Thanh Trung (10CT - DHTH Ha Noi) ; Nguyén
Xuan Thang (10T PTTH Dong Ha - Quéng
Tri) ; Pham Dao Lam (11T - PTNK Hai Hung) ;
Nguyén Van Hoa (12A Huynh Ngoe Hué - Dai
Loc, QNDN).

ta cd dpem, va bai todan

DANG VIEN

Bai L1/196 Hai vdt ditge ném di dong thai
tie cing mot diém : vat thi nhdt dioe ném lén
nghiéng mot goc o = 60" so véi phiong ndm .
ngang, vat thit hai duge ném lén nghiéng mot
goc p = 30" so vdi phuong nam ngang, nhung
vé hudng nguoe lgi so vdi vat thi nhdat. Vin
tde ném cia ed hai vgt la bang nhau va v =
1,414 m/s. Tinh khodng cdach giita hai vgt sou
1,8s. Bo qua stc cdn ciq khong Rhi.

Loi giai

Phuong trinh chuyén déng cia cae vat la o

é,r.l
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x = veosa L £
: P
¥, = uvsinat — Egr‘
va
x, = vcosft
. g
y, = vsinfit — 5 8t
2usin

Ta thdy ring y, = 0 khi ¢, =

2usi
iy = S

-~ vay, =0

T t, < 1,8(s) nén sé co

5
hai trudmg hap :

- Néu sau 1,8s hai vat chua roi xudng tdi
diat (mudn vay diém ném O phai & cach mat
dat mot khoang téi thi€u nao dd, khoing trén
15m, tinh theo cong thie

& T :
hin = U, sin B ¢ = 5 gt” voi t'= 1,8s) thi

gsau t = 1,8s vit thd nhat d diem A, vat thi
hai & dieém B vdi khoAng cach hai vat 1a
t = 3B = Vo =550, ) -

= vt Y2(1 +cos (a +5)) = vtV2 = 3,6m (ldy
v = 1414 = V2 mfs).

- Né&u sau 1,85 mdt trong hai vat (vat 2)
hoaec cA hai vat déu da roi xudng dat (vat 2 roi
xudng trude) nghia la diém ném € cach mat
ddt mot khoang nho hon 15m, thi tiy vi tri
ctia di#m ném O ma khodng cich hai vat sé
khae nhau ; khi dé phai tim di€m roi cta hai
vét (dua vao phuong trinh chuyén dong) dé tit
dd xdc dinh khoang cdch hai vat. Néu gia thiét
diém O ngay trén mat dat, thi khoang cach 2
vat bang Ucose . ¢, + Ucosfi . ¢, 4__.,_"[?3 m.

Nhén xét. Co 105 bai giai da gui dén tap
chi, nhung hau hét chi xét truding hop dau tién,
chl ¢6 em Tran Van Giang (10A7, PTTH Lé
Héng Phong, Nam Dinh) la da xét truong hop
thit hai (khi O ¢ ngay trén mat dat). Ngoai bai
¢idi tot cua em Giang, con cd cde em sau day
co bai giai khd tot : Hong Linh, 12F, PTTH
Lam Son, Thanh Hda ; Trin Anh Bdo 124
PTTH chuyén Thai Binh ; Nguyén Thanh Hdi,
12CT PTTH Dao Duy Ti, Déng Hdi, Quang
Binh : Lac Thai Minh, 12CL PTTH Lé Hong
Phong, tp H6 Chi Minh ; Nguyén Quiynh Nam,
10M PTTH Mari Quyri, Ha Néi, Tran Bdo, 10A
PTTH Yén Hoa - Ha Noi.

MAL TUNG
Bai L2/196

Cho mach dién ¢6 so dé nhu hinh vé, Cho
biét B = 1kQ va hai vén ké giong nhau. Von

ke V, chi 11V v von ké V, chi IV. Tinh U,
vir dién trd von ké

Lai giai : Ta nhan xét cuong do dong dién
qua AC bing cudng dé dong dién qua DB, do
d6 U,y = Upyy Tt hé thiie Uy, = Uyt Uy

+ Uy = 2U o+ Uy, suy 1a
Ugp = Uen I Uc'.ff g
e Nl = =N
Ta lai cé Uy = Uesgt Upnt Uyp =
= & fo‘.l-.' + Uy
i Uge = Uy, it d6
Ury Uep = Uy = 'U_fn 1 :
Tow = N Fir DRV © o
Tai nit € : [, = I+ 1oy (3)
A }, i =
5 i I —RrT
| | |
L va)
i,
[ =) R
i T8k
S L."{ iy SRS 3
Bigt I, = o tir (1), (2) va (3) suy ra
T IR TR P
R a R ik :ER o U(-I” -— L‘il’
1 ¥ ,
vi da do Q0= R Mat  khic
Uy 1
Iyn = Iy = ‘;}“I_'," o f{';-

Tido R, = R = 1kQ

Mhin xét : Co 88 em da gui bai giai trong
do co 80 em cd dip s6 dang. Cac em co loi gidi
tot : Dang Quang Dang B 10 DHTH, Ha Noi ; .
Nguyén Manh Hi, CL PTTH Phan Bai Chau,
Nghé An ; Trinh Chi Thinh, 11 A3 PTTH Lé
Héng Phong, Nam INnh ; Dgo Ly, 11A PTTH
chuyén Thai Binh ; Dao Ngoc Xuan, 10A PTTH
Thai Binh ; Trin Bde 10A PTTH Yén Hoa,
Ha Néi ; Nguvén Quinh Nam, 10M PTTH Mari
Quiri, Ha Noi ; Truong Mina Thanh, 10F PTTH
Lam Sdn, Thanh Hdéa ; Kicu Hitu Dang, 12CT,
chuyén Hing Vuong, Vinh Pha ; Trin Tudn -
Son, ldp 10 Li-todn PTNK, Hai Hung.

MAL=CANT
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SYGKINE

CAlI CACH DAY VA HOC TOAN

DUA QUY NAP TOAN HOC
VAO LOP NAO ?

Quy nap todan hoc la mét phuong phap chung
minh toan hoc dac biét cho phép ta it ra nhiing
quy luat téng quat dua trén co sd cia nhiing
truding hop riéng.

Vin dé nay trong chuong trinh todn ci da
duge trinh bay ngay tit diu 1dp 10 nhung trong
chuong trinh todn hién hinh mai dén lép 11
mdi dé cap. Diéu nay da gay khong it kho khan
cho thdy, trd trong viéc gidi toan.

Mot vi du dé thay nhat la bai toan :

"Cho ba s6 tit nhién a < b < ¢. Ching minh
rang vii moi 86 ty nhién d > a ta cd

ad + pd <t

(Bai 12 trang 57 Dai 6 10, Tran Van [Hao
(chu bién)). Day Ia bai toin khod doi vdi hoc
sinh dién dai tra néu chua duge trang bi quy
nap todn hoe (Xem loi gial trang 76 sich bai
tap dai s6 10 Tran Van Hao. ).

Sau day la loi gidi bing quy nap roan hoe
ma moi hoe sinh déu ¢d thé lim duge néu da
duge hoe gquy nap toan hoe ti dau chuang trinh
toan 10.

Viid=1=a =o=a'+8' =o'+ =
b < =cl

Gia sit void = k ta cd a* +bF < o

Xeét khid = b+ 1

Kl = cck > @b+ bY) = cak + edb

= ﬂ.ﬂk"" bbh e alﬂl + hEtl

Vcel}. ﬂlﬂ-l o bki-] < Ck*'i

Do do theo nguyen It quy nap, ta co dpem

Chéc chan ban doe dia tim duge nhiéu vi du
khac nua.

Vi vy, nén chang dua quy nap todn hoc
ngay vao ddu chuong trinh toan 10,

NGUYEN DUTC TAN

Giai dap bai

LAM THE NAO DE NEM
15 TEN CUOP XUONG BIEN

Vé mot vong trom, trén do xép 30 mau gidy
danh s0 ti 1 dén 30 thay cho 30 nguai. Ta sé
thiy nhiing nguti mang s6 sau day lan lugt bi
ném xuong bién. Vong moét : 9, 18, 27, Vong
hai ; 6, 16, 26. Vong ba : 7, 19. Vong bén : 30,
12, 24. Vong nam - 8, 22. Vong sau : 5, 23. Cac
ngudi con lai trén tau mang s6 : 1, 2, 3, 4, 10,
11, 13, 14, 15, 17, 20, 21, 25, 28, 29.

Do dd thuyén trudng da sip dat chd ngdi cho
moi ngudi nhu sau (theo chiéu kim dong ho)

4. Ngudi lugng thién vao cicsd 1, 2, 3, 4

tiép theo 13 5 tén cudp vao cac s6 5,6,7,8,9

tiép dén 2 ngudi luong thién vao cdc 56 10,11

tiép dén 1 tén cudp vao s6 12

tiép dén 3 nguoi luong thién vio cde sa 13,
14, 15

tiép dén 1 tén cudp vio sd 16

ti&p dén 1 ngudi luong thién vio s6 17

tiép dén 2 tén cudp vao cac s6 18, 19

tigp dén 2 ngudi luong thién vio cac =5 20, 21

ti€p dén 3 tén cudp vao cic s6 22, 23, 24

tifp dén 1 ngudi ludng thién vao sd 25

? Al

ﬂ‘

tié’[ﬁ dén 2 tén cudp vio cdce s6 20, 27

tiép dén 2 ngutii lugng thién vao wic so 28, 29

cudi cung 1 tén cudp vao s6 30,
va nhy vay la 15 tén cudp déu bi ném xudng bicn

Céc ban Tran Cuong, 6 toin, PTCS Pham
Huy Quang, Thai Binh, Phan Thanh Trung 6T,
Quan Hanh, Nghi Loe, Nghé An ; Nguyvén
Quang Huy TH, Trung Vuong, Ha Noi ; Ngo
Ngoce Dién, TCT, My Van, Hai Hung c¢d gl
dap tot.

BINH PHITONG

CON SO 73 Ki LA

Con &6 73, ngoai tinh chit la mot =0
nguyén td (diéu nay chang cd gi dic biét
lam) liéu cd thé& con tinh chit naoc ding
chi ¥y ? Thiay dude tinh chit nay khong
don gidn, nhung qua 14 nd dang lam cho
ta ngac nhién.

(Xem tiép trang 11
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Cic lop PTCS
Bai T1/200 : Cg ton tai hay khong mot so

nguyén duong 1a boi clia 1993 va cd 4 chu so
cudi cung la 1994 ? :
: DANG HTING THANG

Bai T2/200 : Tim tat ca cic da thic P fx)
oo tat ca cac hé so nﬂ"ug'{-n khimg am nho hon
6 thoa man P(6) = {994 - ,
R e NGUYEN DUC TAN

Bai T3/200 : Goi [ la tAm vdng tron noi tiép
tam giac ABC. Dat BC = a, CA = b, AB = ¢.

Ching minh riang :

a.JA” +b.IB +c.IC? = abe

PHAM NGOC QUANG
Cde lap PTTH

Bai T4/200 : Chang minh ring, vdi moi s6

tu nhién N = 1, ta cd :

nin+1)2"

n=1

b =iln @

DAM VAN NHi
Bai T5/200 : Tim tit cA cic ham fiv) o6 tap
x4c dinh va tap gia tri 1a doan [0, 1], théda man :

Dy flay) = flx,) Vx =z,
H2x —flay efo, 1J¥xe [0, 1]
o e ) e Yxe [0, 1]
: HEA HUY vl

Bai T6/200 : Cho sé nguyén duong n. Tim
tdt cd cdc da thie Prx) bacZn+ I sao cho VREN
cic db thi y = P="x (P*")ix) la dao ham bac

2k cta P(x) déu cd tam dai xing)
NGUYEN VAN MALS
Bai T7/200 : Cho cac s6 nguyén duong k va
n théa man &k < n. Xét phép toan sau : mdi lan,
lay & s6, nam & k& vi tri lién tiép cia bo s6 co thu
B (x;, x5, ..., x,) T6i thay moi s6 béi 56 doi cia
nd. Goi 7' la tap gom tdt ca cic bd 56 ed thi ty
(tp b3, s 1) 1 1éin dong thoi cic dida kén s -
VN o ) & Tihis & (-1 ;1)
Nt =t
2) Néu (4; , ¢5, ..., t) € T thi t6n tai
mot phudng an thye hién lien tiép phép toin

nai trén doi vai i ey e ¢,) sao cho sau
hitu han lan ta sé nhan dude ba s6 (1, 1, eel)
n oso 1

Tim s& phan ti cua tap T.

; NGUYEN KHAC MINI

Bai T8/200 : Cho 3 véeto tuy ¥, mbi vécto
ed do dai khong vugt qua 1. Ching minh rang
co thé tim dude trong chiing 2 véctd sao cho
véctd tﬁniho@c véctd hiéu cia hai vécty nay
ca db dai khong vuot qua 1.

NGUYEN HUY DOAN

Biii T9/200 : Cho tam gidc ABC cd duing
tron ngoai tiép &, tam O, ban kinh R, duong
tron nai tiép tam 1, bin kinh r. M6t dudng tron
k,, khde, tiép xiic vdi hai canh CA, CB lin lugt
tai D, E va tiép xue trong vdi dudng tron k.
Ching minh rang tam duong tron noi tiép T
la trung diédm clia DE.

DE DU TUYEN IMO - 34

Bai T10/200 : Cho t dién ABCD 6 cic
canh déi dién bing nhau : BC = DA, CA = DB,
AB = DC. M la mot digm bat ki trong khéang
gian. Ching minh ring binh phuong khoang
ciach tif M dén moét trong cic'dinh cta i dién
khong lén hon tong binh phudng khoing cich
tit M dén ba dinh con lai.

NGUYEN DANG PHAT
Cic Dé Vat L

Bai L1/200 :

Chum tia tdi kinh lap song song vai truc
chinh sé hoi tu tai F trén truc chinh (F la tiéu -
diém anh cda kinh). Mat ngudi quan sit dat
tai M trén truc chinh ¢ trude F mot doan a va
diéu chinh sao

-

cho anh cha Lup .
moit vat phiang ’
nhd AB ma mat F
nhin thiy dJ 0
cich mat mat :
khoang I. Hay ———>—Y |
chung minh la B !
do boi gidc thu 1 o N
dude la ! e

D : a 1 [} ]
G':?:[I“!‘?l;] Lihl

D la khoang f

nhin 16 ngin

nhit cia mat ngusi quan sat va f la tiéu ey
cia kinh lip. Suy ra ¢6 miy truémg hop ma do

béi gide bang T 4

PHAN TUAN KILANII
Bai L2/200 : Cho mach dién nhu hinh ve.

R, =R,=R,=R, =R
R; = R, = 3R ; R, = 5R
Bd qua dién trd cia day néi, khéa K va ampe
ké. Khi K md, ampe ké A, chi 24, Hay tinh :
1156 chi cia cde ampe k€ A, va A, khi K dong
2) Voi R = 21Q hay tinh U,

LAl THE HIEN

Chu y = Cude thi gidi wan thudng kionam 1994 vin ticn
hanh binh thudng song sung o cude thi gidi wdn diie bié
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PROBLEMS OF THIS ISSUE

For Lower secondary schools

T1/200. Does it exist a positive integer
number with 4 last digits that are 1994 and
that number is divisible by 1993.

DANG HUNG THANG

T2/200. Find all polynomials P(x) with non
- negative integer coefficients (all smaller than
6) such that P(6) = 1994

NGUYEN DUC TAN

T3/200. Let I be a incenter of triangle ABC
and BC = a ; CA = b ; AB = ¢. Prove that
a IA2+ b . IB*+ ¢.IC? = abe

PHAM NGOC QUANG

For Upper secondary schools

T4/200. Show that for every natural number
N = 1, the following inequality

N

z ].

aop p(n +1) n
holds.

< 1 —In2

DAM VAN NHI

T5/200. Find all functions f : [0,1] [0, 1]
such that

1) ﬁ::-:l) # flx,) for x; # x5, X, X, e [0,1]

2) 2x - fix) € [0,11 V x € [0,1]

3 fiax -fix) =x VYx € [0]]

HA HUY VUI

T6/200. For a positive integer n, find all

polynomials Pfx) of degree 2n + 1 such that

every graf y = P(% (x) (where P (x) - 2k

times derivate of P(x) ¥ & € N) has centers of
symetry

NGUYEN VAN MAL

T7/200. Let & and n be posotive integers
and & < n. The following operation is caried :
For each time, & consecutive coordinates
(Xiy o Xjg 20 wor Xjakd of ordeved n-tuple

(x;, X..x,) are changed by oposite sign
coordinates (- Xipps " Xipy o ":Ij_'_k).

T is a set of all n — tuyles (¢, £, ...

with the following properties :

1) If (¢}, t» ..o t,) € T then ¢, € {-1, 1}
Vi=Tn

t)

/s

11

2) For every (t,, t5.., t,) € T it exists
a finite number of operations after that it can
be obtained n—tuple (1, 1, .. 1).
n
Find # T.

NGUYEN KHAC MINI

T8/200. Show that for 3 arbitrary vectors
of lengths not greater than 1, it can be chosen
2 vectors such that either vector of theor sum
or vector of their difference will have length
not greater than 1.

NGUYEN HUY DOAN

T9/200. Consider the triangle ABC, its

circumeircle k of center O and radius R and

its incirle of center I and radius r. Another circle

k, is tangent to the sides CA, CB, at D, E,
respectively and it is internal tangent to &.

Show that the incenter I is the midpoint of
DE.

ESP; (IMO - 1993)

T10/200. Given tetrahedron ABCD with

BC = DA, CA = DB, AB = DC and given a

poind M. Prove that the square of the distance

from M to one of 4 vertexes of ABCD is not

greater than sum of square of distances from
M to other 3 vertexes.

NGUYEN DANG PHAT

CON SO 73 KiLA
(Tiép theo trang 9)

Hay l4y mot boi s6 bat ki cia 73.
Chéng han 18834 = 73 x 258. Tach
s6 nay thanh hai phén

- 6 tao thanh bdi hai chir s6 cuéi :
34 ;

- 56 tao thanh bdi cdc chit s6 con
lai : 188.

Binh phudn% hai s6 mdi nay :
342 = 1156, 188° = 35344. Tong cta
hai binh phuong nay lai la mot bdi s6
cua 73. That vay

1156 + 35.344 = 36500 = 73 x 500.

Di nhién ban cd thé giai tri bang
cich ching té ring cdc s6 khdc khong
¢6 tinh chdt nay. Tuy nhién 73 khong
phai la con s6 duy nhdt cd tinh chat
dd. Con cé mot s6 nita, gom 3 chd so.
Ban cd thé tim ra s& nay khong.

DAO TRONG QUANG
(suu tAm)
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DPE RA CUA CUOC THI PAC BIET

Chao mung 30 nim Tap chi Todn hoc va tudi tré

A - CAC LOP PTCS

Bai 1/PTCS : Cho 3 s8 duong a, b, ¢ thoa
min a + b + ¢ = 1. Ching minh rang

' 7
5'::1';" +6% + ¢ kab +be +ca) + Jabe = -

TRAN XUAN DANG

Bai 2/PTCS : Xét tap hop tit ca cac s
nguyén duong a, b, ¢ sao cho tam thie bac hai

ax~ = bx + ¢ cd hai nghiém phan biét nam
trong khodng (0, 1). Tim gia tri nho nhit clia
a, ctia b va cia c. e

; DANG HIING THANG
Bai 3/PTCS : Tim nghiém nguyén duong
cua phuong trinh .

x? =~ y? + 3930x ~ 3989y = 120464
NGUYEN VAN MAU
Bai 4/PTCS : Cd 17 hoc sinh gidi duge du
lién hoan, méi ngudi déu quen vdi it nhat 4
ngudi khic (Néu A quen B thi duong nhién B
ciing quen A). Ho cd y dinh sap x&p ngdi cliung
quanh mot ban tron sao cho méi ngudi déu ngoi
canh hai nguti quen. Héi o6 khi nao khong thé
thue hién duge y dinh do hay khong, tai sao ?
DANG VIEN
Bai 5/PTCS : Mot dubng tron tiép xie
trong vai dudng tron ngoai tiép tam gidc ABC
va cling tiép xidc véi cdc canh AB, AC lan
lugt 6 P va @.
a) Chiing minh ring trung diém caa 2Q la
tam dudng tron noi tiép tam gise ABC.
b) Hay néu cich dung duomg tron tiép xuc
treng vai dudny tron (ABC) va tidp xic véi hai
canh AB, AC ctia AARC.

NGUYEN DANG PHAT
B - CAC LOP PTTH

Bai 1/PTTH : Tim tit ca cac cap (x, y} vai
¥ va y nguyén théa man phuong trinh :

x° —2y7 + 10xy =1

NGUYEN HUY DOAN

7 GaREE
Crén tAp cic ham lién tue trén { =3 —-1

Bai 2/PTTH : Cho x, ¥zt ell, 21 Tim
gia {ri ldn nhat eda bigu thie -

x-l--z f+._1:
M= ———
Wlating R
ik g o1 i

NGUYEN VAN MAU
Bai 3/PTTH : Giai phuong trinh ham

9 =3 (5) =

1
3

NGUYEN XUAN HUYNH

Bai 4/PTTH : Cho AABC. Dung céc tam
gide dong dang véi tam gidec ABC :

AA BC, AABC ~AAB.C AABC. Ki
hieu A, . B , C lan luot la trung diém cdc
doan AA; , BB, , C,C,

Chiing minh rdng A A B C .~ AABC.

[ £ ¢
(Cdc dinh ciia ca 4 tam gide déu duoe lay
theo chifu nguge kim déng hé)

TA HONG QUANG

Bai 5/PTTH : Trong khéong gian cho bén
di®m phan bist A, B, ¢, D trong dd khéng cd
ba di€m nao thing hang.

a) Chiing minh ring t6n tai mot tam gidc
(C) ¢d dob dai cae canh 1a

BC + DA, CA + DB va AB + DC.

b) Hoi bén diém A, B, C, D phai sap dat
nhu thé nac trong khong gian d&€ tam giie
(O la vudng ?

NGUYEN DANG PHAT

Chii ¥ 2 M8 bai gidi viet riéng trén mat manh gty co
déd ho tén va dia chr

Iz
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Phép gidi nhiéu phudng trinh thudng dua dén viéc
gidi nhdng phudng trinh bdc hai chda tham bién va
théa mdn digu kién phy

Thi du 1. Giai phueemng trinh
(gsine)? — 2migsime — m® + 2 = 0

DE gidi phudng trinh nay trudc hét ta chi y réng
dé cho phudng trinh cé nghia, ta phdi ¢6 0 < sinw, Vai
diéu kién dé, dat r = Igsiny, ta dudc phudng trinh
£~ 2mt—pm? +2 =0 Vi0<sine = 7 khi va chi
khi Igsine = 0, nén phudng trinh di cho tudng dudng
vdi h& hén hop

{r = Igsime {2k < x < (2 + D)

%J‘E ~2mt—-m® 42 =10

reo
L

Mhu vy phép gidi phudng trinh da cho dua dén
phép gidi hé han hep

JI:(F] = ,"2 — Jmr = .J'rra + 2 =}
{r =0

D6 |a m&t phudng trinh bdc hai d&i véi r. chua
tham bién m va théa méan didu kién r = 0,

Thi du 2. Giai bt phireng teinh

i 1+ §h
SEIE m = H2t six m2 >

Cach gia1r phuong trinh v

Danh cho cac ban chuin bi thi vao dai hoc

hai chua tham bién va thoa man dieu kién phu

iéu kign &t co vad dit @€ cho cdc nghiém
1o 1, (F, < 1) clia ram thite fir) 1 ral va

I = Ca hai din wha e 56 thure 13

A=0
aflae) > 0

i — > {1

o] =

H o~ Ca hai déu lin hon s6 thuc e 1a

HI ~ Thaa man dicu kicn 1y < @ < 12 la

a[{u} e
Cac didu kién trén day cd y nghia hinh hoc nhu sau
1} Diu cua bist thic A xac dinh vi trf cia dudng

parabol y = & + bt + ¢ d8i vdi tryc hoanh. Diéu kign
A = 0 ching té rdng dudng parabol fir}) cd hai hay
mét didm chung vdi truc hodnh,

a bat phuong trinh bac

D& gidi bt phudng trinh nay ta dat '™ = r. Vi
/ :
chi y réng 5 s 2*™ < 2, ta di tdi hé tudng dudng

2

2 4+2m—1y—m® >0

| =

€ ' = J

Day |a mat bat phudng trinh bac hai d&i vdi r chia

!
tham bi&n m va théa méan diéu kidn < = r = 2,

Dudi dang téng quét, bai toan dit ra nhu sau :
Gidgi phweang trinh (b&r phuwong trinh) bic hai
f(ry=af +br+c=0(f(r)=af +bt +¢ > 0)
rrong dod cac i 58 a, b, ¢ phy thudc tham bien m, vii dicu
kitn a 1 = §,

Dé gidi bai toan nay, ta phdi so sdnh « va 8 vdi céc
ﬂghléﬂ'l clia phudng trinh hodc bdt phudng trinh da cho,
réi tu dé rat ra cdc nghiém thda min diéu kién did cho.

Cd sd gla vigc so sanh mét s « vdi céc nghidém
cda tam thdc bdc hai f{r)=ar +br+c 1a dinh Il sau
Cho ram thire bdc hai

fry=af +br+c;a,b,cER (2 # 0)
b

i
2 2a

DEr A = b° — dac,

13

NGO THUC LANH
2) D&u cla h& sd a xac dinh chiu céc nhanh cua
dudng parabal.

3) Dau clia flz) x4c dinh diém (e f () cua dudng
parabol nam trén hay ndm dudi truc hodnh.

4} Dau cua higu o - 1_ xéc dinh vi trl cda hoanh
dd cia dinh dudng parabol déi vdi diém e
Triecmg hop | dude minh hoa hinh hoc nhu sau

830 1a :
! \-') (| F(=20)
| — g
; e I
i Azp )
e T T e
AN o
H. 1
a v
e Yo
§ ./ i \. ‘-:Ji -
"'.ﬁi S
/ yphant s
] Hi2
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Trircrarg horp 11
ard

_'E)a(

\ ﬁ' >0
\I‘r

{;ﬁf)) \h

)

|
I
:
of

}/ H.4
Triedrnng horp 111
g \ dr0 /
\
\
I"'-
L o - A
z‘f\\Uz‘z
fel<o
H 5
e f =)0
|
w7001 18) 1
/f;' e “"\::2
4 H 6

SGK Dai sﬁ 10 cda nhdm tdc gid DHSP HN da dua

ra bai todn : "Se sanh cac 34 -2 va ] v cde nghiém caa
phurcrag trink
(3 + 2) P 2m - k= [m < )=

(Thi du 3, trang 133}
D& giai bai toan nay, SGK da xét diu cua

5
A, afl- 2), 7 (-2) af), x

R&i 4p dung dinh Ii da néu & trén d& suy ra bang
bién ludn va k&t qua trang 134,

Hién nhién ta cé thé 4p dung cac két qua néy dé
giai phu‘dng trinh flx) = (3m + 22 - 2{m - [ -
- 1) = 0 vdi didu klén -2 2 x <1 c‘.héng han Muén
vay chi vigc lu_t ra bang céac kit qua trang 134,
nhing nghiém niam trong khodng di cho.

Song cach lam nay, tuy chéc chin, nhung dai. Hdn
nda vi cach l&p barg co phén may moc nén ta I-thd
thdy dudc y nghla hinh hoc ctua méi budc. Qua thi du
dudi ddy ta sé thdy cach giai phucng trinh bac hai
chda tham sd va thoa méan diéu kién phu nhu thé nao.

Ta ldy lai bai todn : Gidi phurang trinh

fx) = (3m +2) x= - 2(m - Hx - m-1)=0
wiri didu kien -2 < x < |
Ta cd A = {m - 1) (4m + 1}
= 3m + 2
fi-2) = 5(3.1':: + 1)

Hil)iw

Vdi gia thiét cac nghiém x A

b, € x)) tfn tai,
ta chi cdn xét 3 trl.rdng hop sau i

14

1 X, 3 2
| : -
2] - e 1
[l i 1 I
T T T T
3) B2 X 1

X
1 2
Trong cac trudng hop 1) va 2) 1d ngoai khoang hai
nghigm. Vay ta phai cd aill) = &, vi 1) = 5 nén s = 0
Trong trudng hdp 3). 1nam trong khoang hai nghiém.
véy ta phai co af{l) < 0D hay a < Q.

g < e m< -

2 :
T Trong trusng hdp nay (3)) vi

affl) < 0 nén chic chan phudng trinh c& 2 nghiém wva 1

ndm gida hai nghiém. Nhua vy trong trudng hop nay chi

nghiém x, thich hdp
Doan nhén hinh hoc

2

3

D& phudng trinh cd
nghigm ta phai cé

A= (m - 1) (4w +

1

fﬁ)

~2/Iff

Vi diéu kién nay, ta co

g>0e=m:=>-

il

\

) = e =
+ 1) O e=m a
hodc m = 1

& Tricirng hop 1
g

f(-2<e=3m+isDems -

i 1 1

e = 5 = :1
nén trong trudng
hgp nay ta phai co

2 1
—

<! 3

Voi cac didu
kign nay, phudng
trinh cH  mot
nghiém, cu thé Ia x|
thda man diéu kién
-2 =< x =1

[ ] Trfﬂ'.rr.lg hr..r_;:l 4

i
H-2) 2 0=3m +1=>20=m > - 5

1

Phéi hop vdi cac diéu kién m = - Jvam =

ta dudgc hai nhdm didu kién

1 1
- =S % - —vam x 1
T 4

Vdi cac diéu
kién nay, phudng
trinh co hai nghiém . \
x, va x_ théa man fr(zh
digu kién thudc i

2 ). |

Ta hdy ap dung -2 \Zy
phudng phap trén
déy dé gidi cac ba
toan cho trong Thi
dy 1 v& Thi dy 2
trén kia.

e MR e

Hou
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Thi du ! : Gial phuong trinh
(lgsinx)® - 2migsine - m% + 2 =0

Giigi. DEt r = Igsine (2ka < x < (2k + 1} 7), nhu d&
trinh bay ¢ trén, ta di tdi hé hdn hop

Z = 2m - mE +2 =0
r.= Q
Xét tam thdc béc hai
=1 - 2mt- m* +2
ta cé
8 = 1
32 =
A 2{ =]
flo) = -m? + 2
Vdi diéu kién céc nghiém ¢ va r, ton tai {1, = 1k

ta chi cdn xét céc trudng hdp sau

1) i, t 0
—= * + t
2) L 0 -
Vi & = 1= 0 nén dudng parabol e = {[r) quay bé

16m vé phua trén. Do do

Trieerng hop 1. Ta phai cé
,r.r_\.' =0
15
goae
fim =0
A= 2(m2 -1 =0em=< -1 holic m = 1
$
& m < 0
f0) = —m° — 2 202 = m = |2
Td dé suy ra
-2 & m =5 -1
Voi cac didu kign trén phudng trinh A7) = O c6 hai
nghigm théa man diéu kign s =1, < 0.
\ /
\ X |
5'., f f
|| ! II'
H'.I : \". ||
\ k) /| \#
e Y. I AR (—
'k\ 3 2 ;f - & 5 | / ]
%\ ; :
7 \ f;_r J \\_/lv/[
o F10)<0
M I} H 1!
Trwirng hop 2 : Ta phal cé
fio) = 0
Via=1>0nénaflo) = 0
Vay trong trudng hodp nay, phucng trinh 1) =
bao gid cing c¢é hai nghigm va chi nghigém 1, thoa

man didu kién t = 0.

TacoAh=- n® +2 = 0esm = - Y2 holicm = V2

Trudng hgp m = -+ Y2 da dugc xét d trén. Vay céc
didu kign 1a m < - V2 hodc m = V2

Vdi digu kién nay phudng trinh f{r) = © cé mit
nghigm cy thé 14 r théa man digu kién 1 = 0.

Trd lai phudng trinh ban ddu, vdi méi nghigém r thich
hdp ta cdn gidi phudng trinh

15

r o= |gsin
ta duge sine = 10'
TU dé suy ra
x = (-9 arc sin W0' + un
Sau déy la bang téng két cac két qua da dat dude
qua sy bién ludn d trén.

= {-1)" arcsimd™ \‘r_' i

micth 7 = + 07
e

W2 =m = -1=x = [-1) arcsinid™ '\r?f‘m )+ na

-1 < m = y2 = vb nghiém

m oz 2 = % = (-1" arcsinid” ~ ~Va(m?
Thi dy 2 Gidi bat phudng trinh

itsinx _ 2

43'% L oo )2 m< =0
o & 1 ’
Giai. Dat v = 28'™ wa chl y rdng i el e
ta dudc hé tudng dudng
Hir) = 2+ B T met = 0
41
.\:5 £ I = 2
Ta co
a=1
N=(m- 1% +m2 =2m% - 2m + 1
SN 1 ; 3
I E = E - - =t —m +E'] =
| 15
=—;'H.'—'—'2 2|&U
N2) = -4 + 4m - 4 - mE = -m (i - 4)

- 1 3
Vi af[ E'. < 0 nén phudng trinh fr) = ¢ cd haij

nam gida hai
2 g

nghigm phén biét ¢  va (ARG

i r?}. UL

nghiém daé

f
1

| —
r

B4t phudng trinh
fir} = 0 co tép nghigm
lar=(=r) U (r
+x=) Hé da cho sé co
nghiém néu 2 nam 1
ngodi khodng (r, r.). \
Véay ta phai co f{2) = \
=mim - 4] = 0 =
< m=< 4

Vi didu kign nay,
tap nghigém cda hé da
cho la :r2 i 2}

Doén nhan hinh hoe

Rl ' o2
CQuay vé an x, ta co

1< o+ Vet FP I  e S

Tu dé

=2+

Iog t1 - m + fam —2om + 1]'= siny = 1

Glal ra 1a dugc, voi digdu kign 0 < m <

2an + arcsinlog (1 - m + VomZ —2m +1 > o = g

< 2an + A - arc sinfog (1 - m + lJ;'E.rir§ — 2m + 1}

4
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VE MOT BAI TOAN HINH HOC PHANG

Dt didy i mot bai todn thi vé dich Lién X& (c@), cich
diiy khodng hon 10 nAm ¢

"Cho tam gidc ABC. Trén ba canh cia tam gidc ABC, vé
phin ngoai tam giic ta dung ba hinh vudng. Xdc dinh hinh
dang clia tam gifc ABC néu 6 dinh cda ba hinh vudng (khong
phai 1a dinh cda tam gidc) ndm trén mot dudng ron” Xin gidi
thi¢u vdi ban doc mat 8 100 gidi,

Leri gidi thee phdr (Hinh 1)

ﬂ_z...r
N,
S =14
A '
6

L ¥
6

Hink 1

Trude hét, ban doc oo thé ching minh duge két quai quen
thudc sau : Vi hai hinh vudng ABRT va ACGH noi trong diu
i thi trung tuyén AM cia tam gidc ATH vudng goc vii BC va
trung tuvén AN cda tam gide ABC vudng goc vai JH. Ddng thoi.
i ciing ching mink dudc

1

(I v
AM = — AN = —.

2
Trat lai bai wan @ Goi O | tim dudng tron ngoai Liép
AABC. Gia sd 6 dinh cia ba hinh vubng thude dudng tron,
D¢ dang thiy ring tim Judng tron dy chinh & @, Viy ON
vudng gic voi BC, OM vudng goc vai IH. Tu do suy ra, ON
i AM. AN [} OM, nén Wl gidc ANOM 14 hinh binh hanh.

BC —
Vay ON = AM = —, suy ra goc BOC bling | vuding.

Tucng w, goc A0C va goC AOK cimg bing 1 vudng.
Dicu niy v V.

K€L fugn @ Khong oo 1am gidc ndo thoa mian yéu ciu bai
Lodin.

Lt gichi thuk had (Hinh 2)

Ching ta gid st hinh vudng thit ba [ BOFE, DE thiy AAFC =
AGRC. (c.g.c), suy ra s AF = GB.

Mt khic OA = OF. OF = OG, suy ra AOF = ABOG.

Vay : AOF = BOG. Til 46 : AOG = BOF, nén MOG
= ABOF (c.g.c). Do do AG = BF. suy ra :

AC = BC,

Hoan toan tdong tf, AC = AB

Viiy tam gide ABC déu. Thu lai, néu tam gide ABC déu
thi dinh eia ba hinh vudng ndm trén mot dudng tron.

© I gidi e nbdl hai loi i

TRAN THANH THIEN

Hinh 2 o

Léni gidi thee ba @ (Hinh 3)
£0i P, O 1 cic trung diém cia AC, va [1G, Hién nlién O,
P. Q thing hiang vi OP 1 AC, OQ 1 HG. Ta chon chitu
dudng cia truc OF theo hudng cia veetd Q.

Khi do : OF = ReosB

(R 14 bin kinh dddng tron (AGC). PO = AC = 2Ruani}
Viy 00 = (0P + POY = Ri(cosB + Zinf)’

= R (cos’B + dcosBsinB + Asin’B).
Ta lai c6 : HQ: = (R\'r}i.‘ij: = Riin'i

Wiy oI = R (('r}.\""H + dcosDsinlt + S.\'in:Hj

= R(2sin2B - 2cos2B + 3)

Tudng td : OG = R (Zin2A - Zew24 + 3)

OK" = R® (25in2C - 2c0s2C + 3)

Do €4 = OG = OK nén ¢

sin2d = cos2d = sinl8 — coslB (1)

sin2B — cos2B = sin2C - cos2C (2)

{1) s 2easid + BlsinfAd — B] + 2sin( + BlsiiA - 5) = 0

sin(A — By =0
[ cos(A + B) = =sinfA + )
A =8

sinf4 — By =0 .
[ cotgld + B) = —| = [( %, ;
(vi A, B Cla cic goc cda lam gidc)
Tuang ty ) e
B=0C
[ A= i;— sy -3 :
A p_:_. q : T i
Viy tam gidc ABC 2 )'l
chi ¢ 1hé Ia tam gidc déu | l

holic 1a 1am gific vudng
cAn. [D7 nhién, trong ba

—

& in g
i Oay

Hiih 3

sai. K
Cic ban hye sinh tha

XEL 100 gidi pad sai. Chung

toi thiét nghi viée lam dé co thé gitip ich phin nio cho edc

ban trinh cic sai 1im trong vide gidi cdc bai toan noi chung

va cic bl todn hinh hoc [thmg noi riéng.
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KET QUA PHIEU THAM DO

Trong s6 tap chi thdang 7.1993 Todn hoc va tudi tré cd giti dén ban doc Phi€u tham db. Ngay
24.7.1993 phiéu tra 16i dau tién vé& dén toa soan va ngiy 24.10.1993 phigu tha 115 va la phidu
cudi cliing da d*n toa soan.

Trd lot cau 1 ed 23% s6 phidu danh cho s6 bio 191 (5.1993) ; dd la s6 duge nhiéu ngudi thich
nhdt. 86 bdo 181 (1.1992) duge it phidu nhat (11%).

Tra loi can 2, chuyén mue Dé ra nhan duge 80% si phiéu, tiép dén 1a Danh cho cae ban
chudn bi thi vao dai hoe, D¢ thi, Tint hidu sau thém todn hoe phé théng (T8%). Muc Ong kinh
edi cach day va hoc todn nhian dude it phidu nhat (475 ).

Trd loi cau 3, cd 35% cho ving Dé ra la khd, 62% cho 1a vira, 3% cho 1a d&, 3% cho 1a hoi khd
va co 2% cho dé Vit li la dé

Tra loi cdu 4, cd 3% cho ltong dé ra 1a nhidu, 40% cho la it va 55% cho la vita, ¢6 1% cho
dé vat i 1a it,

Trd loi eau §, c6 61% déng y dua Dé tin hoe vio va 39% phan d6i

Trd lii cau 6, 6 47% cho hinh thite tap chi la dep, 49% cho la trung binh va 3% cho la xdu

Trd lai edu 7, ed 656% cho biét nhian duge tap chi vao cudi thang dé, 19% nhan duoe vao
dau thang sau, 15% nhan duge muon hon nita. (Dang tide la trong s6 nay lai ed mat s6 thu gt
tit edc thanh phé H6 Chi Minh, Nam Dinh chd khéng phai tit edc ving nong thon héo lanh).

Trd loi cau 8, cd 5 y kiém dé nghi khéng thém mue nao, 11 dé nghi thém mue Danh nhan
toan hoe, 10 dé nghj thém Dé thi hoe sinh gidi cic nude, thém Giai thoai todn hoc (5 ¥ kién),
thém bai viét cho PTCS (5 ¥ kién), thém bai Tin hoe (6 ¥ kign), théem muc Hda hoe (5 ¥ kién),
Hoc sinh tim toi (6 y kién), thém bai Vat If (5 § kién), Giai dap thic mée (3 ¥ kign), Lich si
todan hoc (2 ¥ kién), Dién dan kinh nghiém giai toan (3 y kiéh), Day giai mat loai todn trong
SGK (2 y kién), Toan hoe do day, Nhin ra nude ngoai...

Trd loi cau 9, co 28% dé nghi khong bot muc nao, cd 9 y kién dé nghi bo mue Nu cudi todn
hoe, 8 dé nghi bo Vat 1i, 4 dé nghi b Giai tri todn hoc, 4 dé nghi bé Ong kinh CCDVHT, 3 dé
nghi boé Ban cd biét, 2 dé nghi bo Tin hoc, 2 dé nghi bo Noi chuyén vai cac ban tré yéu todn, 1
dé nghi b Dé ra ki nay ()

Nhitng bai duoe nhidu nguii thich hon cd :

An sau dinh li Ptolémé (Lé Quoec Han), Ban biét gi xung quanh dinh i Viét (Dang Hiing
Thang), Phuong phap hinh hoe chitng minh bat ding thic, (Phan Huy Khdi), Tap dugt sang tao
nhu thé nao, Hay nhin ra cac g{-iL" cai ed ban trong su da [];Iu‘[g cua cac bai toan (Lé Th[}};g Nhat),
Nhan mot bai thi hoe sinh gidi (Hoang Chiing), Mot loai bai toan thudng gap trong cdc ki thi
vao PTTH (Nguyén Thi Binhj, Trd vé c6i nguén mon Lugng gide (Lé Quéc Han), Cai gi dn dang
sau duting tron Ole (Neuyén Dang Phdt). Mot vai phuong phap tinh tong (Tq Hong Qudng) Thic
nghiém todn hoc dé tim toi INguyén Canh Toan), Mot gigr hoe dinh li Pitago & Phap Via Hitu
Binh)... Cé 3 y kién cho rang bai nao cting thich.

Trd loi cau 11, c6 16% cho rang khong ed bai nao khong thich. Mét s ¥ ki#n chi cho toa soan
biét nhitng bai minh khéong thich.

Trd loi cau 12 6 rat nhidu ¥ kién. Nhicu ¥ kién dé nghj tang trang. DDé nghi thém bai cho
muc Danh cho cde ban chudn bi thi dai hoe, thém bai cho PTCS, gan vai chudgng trinh CCGD,
dé ra con khd va chua phu hdp vi 56 déng dat muc tiéu thi dai hoe ; ra to Vat li riéng, Tin hoc
rieng. Lai co y kign dé nghi thém bai Vat Ii, Tin hec... Dé nghi bdo ra sdm han, hinh thuc ein
dep han. Mot ban ¢ Da Lat khen bdo chat luong han trude nhung phan nan la ¢d Da Lat chi
ed 1 chd ban, mot ban & Dang Tridu, Quang Ninh phai dap xe tdi Hai Duong mua bdo...

Ching t6i enan thanh cam on cic ban da nhiét tinh gui y kién gdp ¥ cta minh vé toa soan.
Ngay trong nam 1994 nay ching toi di co nhitng thay déi vé noi dung va hinh thic dap ting
nguyén vong cua ban doc. Hy vong rang cang ngay THVTT cang bd ich va dep hon d¢ phye vu

tot hon ban doe yéu todan trong ea nudce,
TOAN HOC VA TUOI TRE
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QUANG CAO

SACH MOI CUA NXB GIAO DUC

. Giai thoai todn hoc
ﬁugﬂ{ 162 trang, gia

Néu trong van
chudng co "van Lhurfht'
truyén khiu" thi cd I
trong Toan hoc ciing co
nhung cau chuyén
"Toan hoc  truyén
khau" két hop tai tinh,
ch\' "‘ulnt" tao cai "tu

duy Uf;n voi  chat

"hai", chat "lang man’
bing mot ngh{a thuit
d ocqm} Tmngt apsach
nay, tac gia da tap hdp
nhUn(T cau chuyén todn
hoe cg lién quan dén cdc
truyén thuyét, su tich
lich su, phong tue, giai
thoai vé cudc dol cac
danh nhan.. duge luu
truyén trong dan gian,
trong sach vo..

Cudn sach s& dem
dén cho ban doc nhiung
phut gial tri bo ic h,
nhitng phat hién thu
vi, bat ngt vé cac mau
sae nun r phu cla
thién nhién, lich s, phong tuc xa hoi, dia lf nhiéu ving khac nhau trén thé gidi. ’J\;lm Liun ; m,m hot'
dude cai dlt khéo ldo, tuong la khd ma hoa de. tljtmgr la dé ma lai hda ra tun;J kho... 1Jo cung la
diéu ma tac gid - Nha giao Phan Thanh ({1.: ng — mudn mang dén cho ban

2. Bt ffung thite (172 trang, gia 5400%)

Day 14 cudn dau tién trong TU SACH CHUYEN TOAN C \I‘
bat ddu t8 chic bién soan dé phuc vu cic thay gido, hoc si
cung cip cho hoc si inh hé théng kién thic cd ban va nang c:
chuyén dé, cung cip hé théng cac bai toan cung phuong phar: g
tu duy va kha nang doc lap, sang tac toan hoc

Cuén sdch do GS Phan D Chinh pién soan gém cac chudng vé nhiing bé
trong, bit dang thuc luong giac, bat dang thic hinh hoc, bt d““v thuc .
trinh bay mot, 86 van dé dac biet nhu bAf dang thic Nesbit, da thic Tsébusep, bai toan gie
diém va mét h nh vuéng :

Tiép, theo cudn Bdt ddng thite nay la cac cudn Phuong phdp g gidl m’a."f" g trinh, bal phiton
trinh cua GS Nguyén Van Mau, Phu 2 ‘hinh hoc, £
Dang Phat, GS f)udn Quynh... sé lan ra mat ban doc.

T Xdy dung hinh hoc biing phurang phulﬂ tién d¢ (180 trang, gia 4 500"

Cuén sich gitip ban doc hiu r6 nhiing van dé co ban cia viée XAy dung Hinh hoc bang
phudng phap tien dé. mot ph ong pha n trong dudge diung dé xay dy cac bo mbn todn
hoc hién dai. Phudng phap nay da ra ]1 ai cack hon hal ngan nam va da duge hoan thién
song song vai su phat trién cia Hinh
hoe Oclit cling nu ra doi cla cdc MOn e nmmnpreteng mESE Ll G s R B s S
Hinh hoe khac. Ngay nay, perLing_, phap K : Al ¥:
tien dé da tu Hmh hoc lan rong phat
huy dnh hudng sang nhiéu nganh Todn
hot khac, ké ca tin fmv va nhigu bd mon
khoa hoc xa hai khac.

Cuodn sich do tac gia Nguyén Mong
Hy bién soan nham phuc vu _cho sinh
vien toan cde trudng Dai hoe, Cao d Ang,
cAc gido vién lUJ.Il tnmnp ‘phd Ihun~‘
trung hoc co s6 va an ban cung nt 1|T g
ngudl ham thich fI:]Lm hge.., r:fh oHm

cac chuong vé lich st cha vife xay dung
hinh hoc, hé tiép dé cia hinh hrn:_ Oelit,
hé tién dé ctia hinh hoe Lobasepxki, gidi
thigu mot s& hé tién dé trong xay diing

.;_

1 dgp theo cac
fiéu kién ren lu yén

i nham

LE

. cua GS T\s.zl.|}< i

yl?;n thi

C D ﬁsr ‘gian

. . LI xin} ién he vii van phon
“frun cong vién vén Tat Thanh, than
;'_phd mh Nghé A.n b

_ién_'f aaI +{01-38) 42126
- Trudng ban diéu hanh

inh hoe... i LE QUOCIMN
v.Oo.T. B
- “
ISSM : DBE6 - 8035 - Chi g8 12B84. In tai xudng in i Ciia ; 1200d
Ma sd : BH 119 M4 In xong v& gu Mot nghin hai trdm dong
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