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XET THANH TiCH 20 NAM HOAT BONG

HOI PONG NHA NUOC
TANG THUONG

BAO TOAN HOC VA TUOI TRE

Hd Ngi, ngdy 31 thdng 8§ ndm 1984

Céc ban than mén,

Trong 20 ndm qua, bdo ®Toin hoe va
Tuditré 4 c6 nhirng déng gop quan trong
ddi v&i phong Irao hoe todn ciia tudi tré.
_ Cai dep trong sfng va tdc dung ky digu elia
HUAN CHUONG LAO DONG todn hoc khién nguéi xwra coi toén hoc nhu

; . « B4 Hodng cia cdc khoa hoes. Ngiy nay,
HéNG NHI trude nhitng fing dung ngay cang to ldn
va sdu rOng clia toan hoe, ngudi ta coi
todn hoc la “Nguwdi giop viée die lyes.
Hoc todn va lam lodn khéng chi 1a ditim
cdi hay, cai dep etia todn hoe ma phii dem
lodin hoc rng dung ¢d hiéu qud vio moi
linh vire phat tritn kinh té va xa hoi. Thanh
tich e@a doi tuyén hoc sinh nwde ta trong
cie ky thi todn quéc 1& chirng t4 tudi tré
Vigt Num, nguoi Vigt Nam ta eo nhitng khi
néng rfit dang coi trong va phit huy vé
todn hoe. Tw duy va kién thie todn hoc
la cOng cu ngiy ciang cin thidt déi voi
nhirng ngudri lam khoa hoce k¥ thudts nhirng
ngudi lam kinh & va noi chung déi vai
moi ngwrdi trun& linh vue hogt déng cna
minh d& tinh loan ding, Iwra chon nhitng
phuong 4n 16t trong cdc quyét dinh va
trong viée lam.

Chiic céde ban iré phin dfu A% tién bo
khdng ngirng trong viée hoe Loan, lim todn
vi ang dung todn. Chae Dbio « Todn hoc

v tudi tré» co thém. nhitu ngusoi doc va
ngay cing ed tic dung thiét thye,

P

Pham Yaun l}b.ng

THU CUA CHU TICH
HOI DONG BO TRUONG .
PHAM VAN BONG

Giri ban doc :

nhin dip Bdo Todn Hec
va Tubi Tré tron 20 tudi
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HAI MUOT NAM BAO TOAN HOC VA TUOI TRE

O sang kién efa Ban Vin dong thanh lip Hai
Toan Hoe Viet Nam va su dng ho tlich cpe
- ¢fia ﬂ". ban Khoa hoc Nhi nuée fngiy nay
la ij ban Khoa hoe va K¥ thuat Nha nwrdel} Bao
lm’m hnc va Tudi lré ra mit ban doc vao thing
’tiutn nim 1964 v mic dich © gdy khdng khi
$6i ngiy hdao hienag hoc lodn frong Thanh thiFu nién,
die bigt 1a hoc sinh edetriedng phi (hong cdp 3
(ngdy nay ld cdc tridrag phé héng trung hoe) »
Nhidm mue dich da d& ra. ndi dung eda bio
tip trung vio nhitng d& muec: Noi chuvén vii
ban tré yéu todn; Tim hidu siu toin hoc pho
théng; Dé ra ky ndy va gidd bai ky truee (day
la phiin chit yéu vi EJtlmug xuyén eia moi s
bio): Bwde ddu tim hicu toan hoe hién dai:
Tedn hoe va doi sdngy Lich s, tidu sk, cdo
chuyén wvi gini thoai lodn hoc; Gidi dap thic
méc: Giai tri toan hoe. Trong gua trinh phat
tritn ciia bio da hinh thanh thém mot %d d& mue;
Ban cé biét; Hoe sinh hay ban doc tim toiz Trao
d¥ii véi ban doc hay ban doc trao dbi.
¥éai muce dich va ngi dung nhwr viy, ngay tix
khi m&i ra doi bao TH va TT aa duw'ge che ban
tré khip noi hoan nghénh nhi¢t ligl S8 bio diu
tién da phdi in hai lin d¥ tdng s6 lwong lén
gip déi ma vin khong dap frng di nhu ciu clia
ban doe. 'Pir kbép noi trén mién Béc ban
téi tdp giri the vé toa soan hoan nghénh,
10° piém hdn hoan sau khi doc
vd néi 1&n nhin thire ela minh vé ¥ nghia, vai
ird v tde dung cia bio. 86 lugng va noi dung
nhitng birc thw cia ban doe khdng nhitng noi
lén 1éng thigl tha yéu thich todn hoc cla dong
ddo chc ban Iré trong cdc nha trwedng, xi nghiép,
cd quan, cbng irudng, nong iredng va trong
quin d4i mid con cho thidy sw dap wng dang lae
cfa Lo bio d6i véi nhu ciiu hoe tip va tim higu
todn hoe cta nhitng thanh thiéu nién ham hoe
cua ching ta. PO ciing la nhitng loi déng vién,
el vit nhitt thinh efa ban doe d6i' vii 1oa soan,
ban bién tap, cfc ban cng tic va nhirng ai da
ddng wop cong site vao sy ra doi ena Lo bao.

doc
by

Phin lon trong 10 ndm din lhoat ddng eiia .

bém Ia thoi gian quan dan mién Bie mwdc ta
phal dweong ddu voi cude chién tranh pha hoai
vo clng dc ligl elia dé quuc M#%. Tuy
e sy quan tAm dic hlﬁ‘i eiia Uy ban Khoa hoc
"ﬂ]éu nirde, nho cd zir giap A& nhiétl linh coa cie
t'f-,r quan xufl bin, dn loal, phat hinh bio chi,
bjru dién. cong véi nhitng ed gdng bén bi, tich
cire clia ban hién

2

st bio dldu lién

vay, nhd '

Hip. loa soan va cae ban chng

tac, bdo Todn hoe va Tudi tré di nhu cdy ming
viron 1én giwwa miaa déng bio, vuret qua moi khié

-khin gian khd gdy nén bii nhitng birde leo thang

chién tranh nghy cang dc lict efia quan tha,
phye wu ban doc dirge l_h1rr}n;; xuvén va lién
tuc. Trong lic méy bay Mi ngiv dém gieo ric
dau thwong vd do nal trén cie phé phudng lang
mac, bio Todn hoe vd Tydi tré vin veot qua
bom dan dén véi ban doc bén miéng him tro
in hay dwdi mai tredng so tin, rudi theo céc
hom thu thay dbi cida ede chifn si phong khong
dén bén mém phao, canh tram ra da, quanh dan
tén lira hay 4p 4 tromg ba 16 ctia eié anh ho
doi Cy HG dang «xé doe Truéng son di
nroe ».

Cclri

Cude khing ehién chéng M7 giinh thing nhil
diit nude két thie thadng loi niam 1975 di md
dudang che bio TH va TT bay vio céhetinh thanh
mign Nam. MOt phong triao doec bio vi giai bai
trén bio TH va TT lai didy I&n trong ecic nha
lriréng cla ede tinh, thanh moi d rge gidi phong.
56 luwgng phal hinh bao ting lén rd rét va ngudi

" ta thiy xudt hién trén bio TH va TT nhitng loi

gidi hay efia cdc thanl thigu nién.
viét efia cde thdy, cb gido ela cac trudng
thudc cdc finh phia Nam: Mot s6 giai thuéng
trong cac cude thi gidai toan cia bio dia ducc
tang cho cic hoc sinh yéu todn va - gidi todn ¢
cic tinh, thanh phia Nam. Tuy nhién, trong vong
mirdi ndm tré lai didy nhitng kho khin méi dén
viri bio TH va TT khéng phdi 14 it. Song, nho
¢ s edng tde nhiét tinh Vi fo ldn cda dong
dao ban cong the, ban bidén tap va die biét la
co sw ung hd tich cwe etia Vign Khoa hoc Yigt
nam, bio TH va TT da dap bliing song gic d@
phue vu ban doc ngay mol tél hon. :
Nhin lai qua trinh 20 nim phue vy ban doc
ngudi ta ed the thiy nhitng thinh tieh ndi bat
cia Bap TH va TT: :
gol = Nhidm dang muye dich va déi tuong ela
minh, bdo TH va TT da thyce s giy duoe mit
kKhong khi sdi ndi va phong trio say mé hoc
todn va giti todn rong rii lrong cae thanh thiéu
nién ham hoe, dic biét 14 ‘trong hoe sinh céc
11'1r<)‘ng pht théng trung hoc.

= Dong gop dang k& vio vidc ning eao chit
111‘1’ g hoe t"ip va trinh {16 tohn hoc ciaa hoo sinh
cic trudng phd thang trung hoc. Dong gop quan
trong vao vi¢e nang cao chit lugng bai gidng,
trinh dé v Inng véu nghd cla che thiv gito, cd
gido trong cic truong phd theng,

nhirng bii
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TR v g u—

3 — Co the dung sAu xa va trong yéu ddi vai
viée dan txo, hdi dudng va phat hién nhitng tai
niing tré lam nong ecdt cho viée nhanh chong
dio fao vi xAy dung ddi ngi cdn bd Khoa hoe
k% thuidl noi chung vA todn hoc noi riéng. . .

Panh’ gi4 thanh tich eiia bao TH va TT trong
20 nim qua, Hoi dong Nhi nude Nude Gong hoa

" XA hoi Chil nghia Viet Nam da ting thubng bao
TH va TT Hudn chirong lao déng hang nhi.
Bay la phin thudng cao quy va vioh dye lén

Jao ma Déng va Nhit nuwae danh cho tip thd fém
nhitng nguwoi dit gop cong gop ste xay dyng va
lam nén !#nh lich cho bie THvaTT.

Ngiy 10 thing 10 nam 1967 Chh tjch Hoi dong
B trlrmig., Pham Vin Béng da co 1!1=1 gui ban
doe etia bio TH va TT nodilén vailro cua bio ddi
vii ludi tré va dong vien thanh thién gién © néu
cao ¢hl nghia anh hing cdeh mang lrong vige
lién girdn vio Ihoa hoe, kif thugl 3. Nhin dip bao
TH va TT tron 20 tudi ¢ ha Heh lai viét thw cho
ban dec clia bio xde nhin « T'rong 20 adm qua,
bdo i« Toda hoc va Tudl {rév di cé nhing ddng
gop quen frong déi vt phong trdo hpe loan ciia
tidi tr#® va An cdn chi bio cho ching ta < Hoe
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fodn vd tdm lodn khdng chi ld di lim cdi hag, cai
dep efia {odn hoe md phdi dem tlodn hoc irng
dung cé higu qud vio mot [inh vere phdl trién kinh
"¢ pd xd hii»

B xung ﬁ.ﬁnq vir phﬁn thudng eao qu\ cila
Nhit nwdre, d& linh hoi sdu sic va thwe hign sinh
Iong nhitng ldi ehi bio clia Chil tich Hoi dong
Bo trudnyg. d? chip eanh wdc mo cho cie ban
tré yén todn, gitp ho ndng cao nhigt tinh vi
phéat huy o¢ sing lao, nhanh ching chiém linh
nhitng dinh cao eiia tri ti¢ hay gnh vie nhirag
trong trach trong edng cube dung xdy vi bin vé
diit nires bio TH va TT mong duge s cing lac
chiit ¢h& hon nita ciia cAe ban cong the, mong
dige sy giap d& vi ing hd nhigu hon nita clia céc
co quan ciia, Ping va Nha mrde, mong duge sy
barding teng, gdp ¥, pheé binh cia déng dao ban doc.

Nhian ngay k¥ niém vé vang niy bao THva I'T
xin biy to long biél on déivéicae co quan Ding
vi Nha nwée di hudng din va ginp do bao
hoat ddng, xin chin thanh cim on cie cd nbin, ca
gquan, doan thé di edng lic vai bio va di gop
phin [im nén thinh tich cfa bio.

Bio TOAN HOC V& TUOI TRE

Néi chuyén véi cdc bgn (ré yéu toan

. ' s& VA LENH

L

CiC s thong thudng (s6 thye) con cd gi ding

suy nghi nita nhi? Nhung chi viéc ddi ecach

nhin thi lai ldm digu méi xudl hign, it ra ciing
A mé&i ddi véi nhimg nguoi chi e kién thite
toan hoc phd thang. -Ta hiay ldy mét phép nhin
hai s tlnre, chiing han 3 4. Ta c6 thE coi ©37
14 mot lénh va “47 1a vat chiju 1énh: 1énh «3»
tac dung lén vat «4? lam cho vit nay trd thinh
vat €122 €Lanh? va ¢ Vit» & day déu ld 56
thure.

Néu ta thue hien lign tiép lénh *3* rbilénh
€53 Jen vit €4?, cy the la: 5. (3. 4), thi ta duge
vil €607 Ta clng dege két qud do. néu ta chi
'tlnrr' hién c6 mot lénh duy nhél 14 «15» l-:n vil

«d». Nhu thé ngwoi la noi ring lénh €15 14
tich etia hai lgnh 3" va %52 xét theo thi’r tir
_da (& day the tu khoéng quan lrong nhung sau
dav, khi md w#ong khii nidm ®Knh?, ching la

NGUYEN CANH TOAN

o

s& thiy riing thir Ly niy 14 quan Lrong). Mot cach
téng quéil, ta noi ring tich ela hai «lénh» (1y
theo mot thir tr ndo do6) 14 mot “lénh ® duy nhit
¢O tac dung lén (rén moi «vdty gidng nhw tac
dung clia vige thyre hién lién Liép hai «lénho»
dit cho, (theo thi tw di cho) lén cing « vt » do.

Ro rang edch nhin mdi nidy cho phép ta md
rong cic «lénh» va cde -« vil » ra ngodi pham
vi che s thie. Noi chinh xdc hon thi & day co
“janh» L, e viat chiu lénh» V va €K&t qui sau
khi 1&nh dd thi hanh® @, 1t cd déu la sé thwe.
Sau day, khi m& rong, co cai khéng con'la sd
thire niva. Ta hiy di Liyg bude:

Buéoe thir nhat: ¥V v @ 14 nhirng ciip s6 thye
sdp thir tr con L vin la s6 thire. Ta quy ude
riing, «léenh® ¢ tac dong lén €vits (a, b) véi
a, by ¢ 1a nhitng s6 thye thi chola @ \At” (ca. eb)
12 cip sd lhire ca 1"1 ch. : :

https://tieulun.hopto.org



https:i'www. facebook. com/letrunglaenmath

-

Bu#e the kai: L va V déu
sdp thi tu, eon Qla s6 thye.
Ta quy w6c riing “i¢nh? (p,g) tac dong len
« yats (a,b) thi cho két quid la s6 thue pa+qgb.
Bicwwe thir ba: L, V, (O déu la cip 86 thire.
Ta quy wée ring «lénh? {p.q) tac déng lén
avat? {a,b) thi cho k&t qud 1£L cip s thuc
{pa, qb).
Bwee thir tw: L i hai efp 88 thue sdp’ thinh
mét h.’mg gom mot cip & trén vd mot cip &
dudi, ¥V 1aimot ckp s6 thue va O ciing ld mot
cip sd thue.

l& cdp sb thuc

e

Ta quy uwde ribg *lénh» (r '\,) tde dong lén

®vat» (a,b) thi cho két qui la cip sd thue { pat
gb, ra -+ sb).

Ta sé viét lai béo quv wde & hon bude noi
trén nhu sau:

e. (a,b)=(ca, cb) - - {1)
(p.q).{a,b)=patqb (2)
(p.g). (a,0)=(pa, qh) (3)

(”) Bt : ra b))

Pén A4y, chic ban di hdo hirc mudn md rdng
di xa hon nita. Nhung théi, ta hiiy tam dirng &
birde thir tu d2 di siu eai di. Ta cha y riing
(4) thwe chit la 4p dung hai lin (2), lin thi
nhit ap dung «lénh» (p.g) véo «vits {a.b) dd
et pa+gb, lin thir hai ap dung « la.%nh » () vio
« vatas (a,b) d& eo ra-+sh.

Ta lai
) thi k&t qui & vé sau cia

fel
(pq) ea dang (;c

(4) s& giéng v ol Kkét qud & vE& sau eha (1):
2 .
(; G) (a.b)=(ca, cb).

ch
Vay hai *lénh s c va (O u) ¢t the eoi nhir la

L
chi ¥ ring, néu trong (4), ©lénh®

1
mit. Dic bigt hai *1énh ® 1 va (Uj)déu]ﬁ 1&nh
€ 42 pguyénu va «hai l&ph® 0 va (ﬂg) dén la
S 10
lénh atriét tidgu» vi 1.(a.b)= (‘“J'("“: {a.b)

) 0
0.(a, b) m(g ,) Mg, b)=(0, 0)

https:/isites. google. com/site/letrunglienmath

Ta ciing ehi ¥ ring, nfu trong (4) «lgnhs.
({Jg) cé dang (‘32) thi két qui O v& sau cia

(4) s& giGng nhwr kél qud & vE sau eciia (3)

Tom lagi, m& rong nhu & (4) 1a d& bao tram
chec m& réng & (1) va (3) va: 1a vige thwe hién
hai ldn md rong & (2). Che nén ta tap trung
nghién efru md réng (4) va ta thiy ngay ulueu
ditu moi, ¢d6 vé kv lg nita, xudt hién:

01
lay linh: Ta thi xél lenh 2= (ﬂﬂ). bem =

tdc dong vao mol edp (a.b) nao dé, theo (), ta
cé eiip (b0): tigp theo do ta lai cho & tée ddng
lin nita vao cip (b, 0): cudi edng ta deoe eiip
(0, 0). Nhu vay %% t4e dong vao cip (a, b) gidng
y nhw lgnh « 0 Vay ta ed the viét:

%2 = 0 {nhung * +=0. vi tac dong cda lénh

@ khac tac dong ctia 1gnh 0).

Ti do suy ra: Wd=alx=px=0
rof din dén suv ra:
=0 voimoi s6 ty nhién n.

Ta gip mot sy Kién mai'la® mgl phén U
#==0 nhung mei liy thira ecla nd deu biing
khong. Mot phin tit nhu viy goi la mot phin
Lt «liig linho».

= 8 R
Lay &ﬁng. Ta thir xzét lénh = (DU)' Bem £

téc dong vao mdt cap (a, ) nao dé, theo (1),
ta ¢6 cidp (a, 0); tiép tue téc dong | B vao cip
(a, 0) ta van dwoe cap (g, 0). Viy B* cing tlie

dgng lén cip (a, b) giéng nhu &, tiee 14: B2=0,
Te a6 PP=p2B=Bp=.

rii suy ra =P v&i moi s6 tir nhién n.
Ta gip moOt sy kién moi la khac: mét phin

tir p khac I v& khae 0 ma mai liiy thira ciia né
déu biing u6. Mot phin Ui nhw vay goi ld mot
phiin tir « lily dang ”

Cian bac hai caa —1. Ta .thi xét lénh i =

=1 = - :
i o] Demitéc déng vio mot cip {@, b) nao

do, theo (4), ta eé cip (b, a); ti€p toc tée
ding i vdo cip (-—b 1), ta duge cip (——a* —=b)-
Viy tac doog cua1 gidbng v hét nhe téc ddng
chia lénh « —1», Yiy i* = =L

o1 -
Di nhién —i-‘—‘-(_ln) ciing' ¢ binh phuong

biing —1. D& hidu lam sao. ThE ma ngdy xua
ngudi ta kh&ng hiu ndi va gei i 1a 8§ ngu
ngde diy!
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Can bge hni cha 1. Ai chid bift +1 va —1
déu ¢t binh phwong bang 1. Nhuwog ddn da hét,

01
Ta hiay x¢t lenh e= (I “)> R rang 46 khong

phai la lénh * gilt nguyén ». Nhung ban tir minh
¢d thd thir dd th&y ring e® lA ®“1gnh? «gilr
nguyén® Viy 1, —1,¢ vd —e d&u co binh phirong
bing 1.

Uée etta khong. Ta hily 4p dyng lénh:
p= (_2I _3) vao edp (a, b). Theo (1), ta ¢ cip
(2 —2h, —2a-+4b). Ta lai ap dung lénh :
= (g}) vao edp (a—2h, —2a+4b). Theo {4),
ta dwoe eap (0, 0). Vay: tich gp = 0 mie du

p=0, q=f=1'.h g v& p goi la ce wde cia fhing,
mét difu ciing mai la.

= Tich hai l¢nh néi chung khéng gino hoan.
Ban cir thi tinh ma4 xem.Trén kia gp=0 nhung
pg ==10. ; '

Ré rang ta bude vade mot the gidi méi, mb
réng theé gigi md & dé cae «lénh» 14 cée s6
thie. Chic ban hio hire mudn birde vio thé gidi
d6. Nhong di vie diyv, phdi rft cin thin nhur
khi bude vao mét bai min. Ching han vio diy,
néu gip ding thite ab = ae. Véi a==0, chéd voi
woe luge d8 co b=c. Vi ab=uac cho la ab—~ac=1{
hay alb—c) == 0 nhung alb-c)=0 c6 th¥ xdy ra
voi a==0 vi b ~¢==0 tire b= ¢. Hollc phii rit
than trong véi thi tir chc thira s6 trong mét
tich. D vay, long hdo hie déi vai el mai chic
s¢ thie diy ban sdm mét méy do min d¥ di vao
bii min do. :

Cudi cing xin noi rdng, t6i goi “1¢nh ® cho
no ném na, con trong toan hoo ugm’}j ta goi chc
«lénh® bing mot danh Lk vin ve hon la:
« loAn tir»,

Tim hiéu sdu thém todn hoc phé thong

1M ®A THOC VOI NGHIEM CHO TRUGC

%

Hay xét bai tosn: Tim mot da tbire voi e
s8 nguyén co bae nhd nhit ahgn mp! sé =
cho irwde ldm nghiém. Div i mot bai toan

eb didn cd lidn quan chit ché dén viée phat

tritn mol 86 khiai niém co s clla toan hoe.

Ngiy nay ngwoi ta biét ro phai gidi quyét baj -

loin ndy nhi thé nio. Tuy nhign v&i trinh do
pht thong do vAn 14 mo6t bai tean kho.

Co the r;:iﬁh hoa ditu niy gqua truwdng hop
x =V + V3. Pay 14 mot a2 bai cdia ky thi
hoc sinh gidi toan Iop 12 tedn qudc vira qua.
Hiu hét thi sinh dén tim thiy:

P(X) = X6 — 6x* — ex + 12X% — 36% + 1

SR
Ia mot da thie véi hé 86 nguyén nhin "riﬁ + 13'3
lam nghié¢m nhung khong ai ching minh dwee
do 1a da thite ¢6 bae nho nhédt thoa man disgu
2 kiétn trén.

Vite tim ra P(X) hoan todn don gidn va dira
vio nhan xét sau: Tich clha wmdt da thie cé
nghiém la % v&i mot da thire bt kv vin I3 mét
da thire cd nghiém la % Da thde c¢é bic nho

NGO VIET TRUNG

nhgt (voi hé sd thwe) nhan V2 + V3 lam
nghiem 1a X e !U{S* B% loai cAn bAc ba ta
nhidn 8O véi (X — 1".’.;-)2M+ (X 4-1"‘3—]%.':‘3‘_*- !V‘éi__
Vil u!n‘g}l durge  da 1F1IE'L; e
(x-V2)P-s=x%-3V2 22+ 6x - 212 -3

B loai cin bic hai ta lai nhan tidp vdi
X3 +6X~3+V2 (3%%+2) va nhgn duce:

PiX) = (X° +6x — 5% — 2 (3x% + 2)?

Say khi tim dwge -P(X} nhigu thi sinh rhan
xél la: vi 2 va 3 nguyén b6 cing nhan nén 6=
2.3 phii I bdc nhé nhal rl'_!a_:'.e'lc da thire véi
he s6 nguvén nhan V2 + V3 1am nghiém. Do~
dé PLX) 13 da thite cin tim. K&t luin ligu nhung
ral gdn s thil. Tai sao khong tiep tuc maét cach
binh thwong bing viée gid st cd mot da thire:
Q(X)=as+ ;X + ... + asX” véi hé sé nguyvén
nhan Voo +V3 voi chirng minh
g, = ..

bBigu kién duy nhdl rang }m?c cic 56 nguyén
.. véinhau la Q(V2 4 V3 )= 0. Vin d2

lam nghiém

-=ay = 072

.-

B
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14 phai loai duge che. cin bic hai va ba. b2

" Jam viée ndy ta hiy khai tri;éu che 1y thira clia

—

Va + V3 trong Q[‘V".T+ V3 rbi viét lai
LR 1
phwong trinh L}(‘-h 114-13 ) ” 0 dudi d'{_i_'i_g, o
by + b1V2 + B2V3 + bV 0 + sV 2 V3 +
== 5}51};1"5.}_:
Ban doe c6 thd dé dang thir lai d@ thiy:
by=ag + 202 + 33 ~ 404 + Slasg
h=al + 203 + 12aq + das
ba=a) + Bag + 3a4 + 2005
ha=3az + 1244 + 3az
bi=2az -I-'Sm + 15a5
Bz = Jag + 20as.
l.oai edn baec hai ta nhin (]u'r_;c phu‘U:l trinh
5= B o —
(bo+b2V3 + baVO ) - 201+ bsV3 + b5V9)% =
= Dg + Ghoby - 26 — 12babs +
| H(2bobz + 303 - 4bybs — 602) V3 +
+ (2boba +b3 = 4b1bs —263) V3. =0

Tinh ¥ sé thiy phwong trinh trén cho ta mot

da Ilil'ratt bic hai AX* + BX +€ voi he 6 nguyén
-"I_- . T v 1 \.. -4 2

nhan V3 lam nghiém: Biéu sniay. dian dén lien

Lﬂﬁhg 314 bic-nhé whit-clia'dde -da thire nhan -

V3 lam nghi¢m. v do d6 A, B, C phﬁi biing
khéng. Ching minh didu nay khing kho. Tir gid
N T
thict AVe + BV3 +C=01a c6:
(4Ve + BV3 +cnaVs ~ =342 - Bc-
—(B* — 4C) i3 = 0. ;
Khir ciin bic ba s& nhin duge
342 - BC)® =3 (B2 —40)’ = 0.

Dit m = 34% — BC va n = B* — AC. Ta c6 thd
thiy ngay li m, n phai chia hél cho 3 nghia I
m==3m1, n = 3dnl v&imi. nl 1a nhitng s6 nguveén.
Ta lai eo mi — 3!1‘} = 0, tir ddy lai suy ra mi, my
phdi chia hét cho 3, v.v... Nhw vay m, n'sé ehia
hét cho moi liy thia coa 3. Piu nay chi xiiy
ra khi m=n=0. T didu kien 34°— BC=0,
B*—AC=01a lai c6 34" —B"=0 va do d6 A, B
phai bang khong nhwe & trén. Quay lai voi gia

3= ¥
thiét 4V 9 + BV 3 4+ € =0 ta 6 Lhe két luan 14

A=B=C=1,

Vé&i chitng minh trén thi
b2 + Gbabs — 2b]—12bsb5 =0,

2b,ba+3b5 4bibs 6bE =0,

1l

% obs + b — 4bibs — 263 = 0.

Cac phuong trinh ndy cho thiyibs. . b;, phai
1 che s chin. Dat by=2b,. ... bg=2b5 roi thay

viio h¢ phuong trinh tréd va giin wde sd chung

4 di ta lai dugemét hé pheong trinh tueng tu
voi An 14 b, .., by Tir day laisuy ra oo .o, bs,
phiii 14 cac s6 chiin v.v.., Tom lai bps ..., bs chia
hét cho moi iy thia etia 2. Ditu niy chi xiy
ra ‘khi bp=... =bs=0. . S
Nhir vay 1a tir ditu kign Q(V 2 + 1§ 343
fa di suy ra dwgce 6 phuong irinh sau:
ap + 2az + 3a3 + day + 5005 = 0.
al + 2a3 + 12q4 T a5 =10,
al + Bag + 3as + 2005 = 0,

0

il

a2 + 1244 + 3as =,
. 2ug + 8ay - 15a5 = 0,
" Sas + 20as ; = 0.

Ban doc co th? dé dang gidi hé phuong trinh
niv va nhan dwoe két qua ag = .. =as = 0.
By gio ta c6 thé ket lugn 613 bae nhd nhit
ctia cée da thire voi hé s6 nguyén nhanV 2 + V3
lam nghiém. .

Trong truéng hop tdng quit khong phai val
s6 @ nao la cling tim dwge mot da thire véi hé
s6 nguyén nhin & lam nghigm. Yi du nhua cac
s6 70, ¢ khong tht la nghiém ciia bt ky mol da
thire  viri hé sd nguyén ndo, vi vy ngudi la gol
ching la chc st siéu viel. Nguwoe lai ngudi ta
coi ® 1la mot 8 dat s6 néu co mot da thire voi
Flé 50 ngu;:én nhin % lam nghiém. S6 fo i cling
la mot sé dai so vi nd 14 nghiém clia phuong
trinh X2 4+ 1=10.

Che s dai s6 thwdng ct the bidudién qua cdc
ciin bAé tir nhign cha cée s6 nguyén voi che
phép tinh théng thirong Khong phii vige x:i‘_r.-
dinh cfe da thire voi hé s nguyén bie nho nhat
nia:}u ching lam nghi¢m }lli?_uilﬂ ciing dé dang
nhir truéng hop = Va2 + V3 .San diy 1A H'Illj.l.
cach xfe dinh che da thire niy dyua theo cac ket
qué elia todn hoc eao cip. i

Gia st P(X) la mdtda thie voi he so nguye

. bac nhé nhit nhdn mot 56 % lam nghicm. Néu

bic cha P(X) 1A nibingudits c6 thd tim thay
nlsﬁ @1, -.y %5 khéc nhan sao cho:i’

P(X) = alX—2) ... (X— %5}
& ddy a 13 hersd cta X7 trong P(X). Tdl nhien®
nﬁm;rong ChC 5O B, vey En VA Aeri Tned The 12 oéE
s6 phire. Ban doe chua quen véi 8 phiie co the
hidw chung 14 cée s6 co dang a + b vGi a, bla
nhitng s6 thye méa phép nhin hai s6 phire thue
hién duge nhér tinh chit 12 =— 1. Cic 6 %1, 0
duwge goi la chc s§ lien hpp cia %. Vige tim
P(X) c6 th® quy v& vige tim cdc sd lién hop
cila .
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Néw % [ mot cdn bae m cia mdt sd nguyén

; 1 : e

a khdng cod danga = ble véi b ld mdt ke s6
clia mr thi cée so lign hop cha %= la.

. 3 Bjon AL/
ik b isin )-L/E!

( EOE e
m

=1, m,
da Hni{ (';iu tim:

i\'(-.u % oo Lthe bicu didn dwdi ti!_‘:l;g F (B. T,
i P liemdl da thive nhigu bién véi hi sé nguyén

va B, T,

1 I3 o . m [ -
.. 1 céde s ¢d dang 7y & nhir lrén sao

cho néu B = Ei-'f-bm\':'l = 'mi-'r::_h thi b va ¢ phfli.

nguyién t6 cing nhau, thicic sé lien hop cia %
s& c6 dang F{B, T° .} voi f T, .- 14 mal
cip chc s6 litn hop tuong xing cha B, T,... Gid
sk %1, ..., % 14 cde s6 khde nhauw ¢o dang F(B,
T, ) Da thite (X—21) ... (X—%,) s& c6 hé sd
1 cac s6 hite 19, Quv dong va loai bo miu sd &
cie bé sd cua da thire nay ta sé ¢6 da thire PIX)
cin tim.

. che 80

Y B
§ T

rs : : P e
Vi do ohu trudng hgp x =V 2 + V 3

Jir—— . iy o T —
lien hogpcta "V 2 IA+V 2 vacoa V' 3

Bai

1,136 .
rz = 100 vi
Tadk = kg o St = LB MR 20

Cho ddy 56 lra| nher geu: r1= 20,

Chitng minh ring, 16n tal mt s8 ctha day chia
fiét-cho 1984.

© Liri gidi: DL rp = 19840 + rn, ¥a 221
oy vi rgoli eche =8 nguvén va 050 rn = I!Iigig

Xeét day cip-s8 (ri. ra); (2. rg) v oy (rof
Fa41):
Vi diy nay vd han ma sd ede 2d ri hitu han

nén phai ton tai hai 86 lir nhién I, m {am sl
m > 1) sao cho (rn v131) = (P, Fmap) theo nghia
ry TR &

S (D)

g e

Ta s& chirng t0 ring,

That viiy, xét hitu:
I el — DLL2] =

ki d0 -] = Fp—1

VA ta co :“(‘\)*" “1m-a I3 mat

e t— e

https:/isites. google comisite/letrunglienmath

(=17 V 3V 5.
thiy,
x—¥a —v’ﬂfw V2 - V3)x
w(x—~ VI + Vi +~1 3.V )
wx=Vat+t¥Vm—-iv3sViwx
s (X 1-"7 Var+i¥s Vo x
< X+ V2 + Vak—iVs.Van)=
=Xx® = 6x* ~ 6X? + 12%% ~"36X + 1.

Can phéi nhitn manh ring phwong phap trén
chi giap ta xic dinh P(X) trude va ta van phéi
('hu‘ncr mmla hiing che kién thire so cdp riang da
thire PLX) tim dum theo cich nay chinh li da
thire véi heé sd nguyén bie nhd nhit nhin & lam

nghiém.

Ban doe cb th thi la; d@

Ban doe nao quantam dén che kidn Lhire to4n
hoe cao cip din dén phrong phéap trén e the tim
doc quydn “Dai s » efia Serge- Lang (Phiin II.
chirong VII va VIII) do Nha xufit bin dai hde
vi trung hoe chuyén nghi¢p xodt bin nim (974,

= (xpti = 42 4 1964) = (2143 — 4a3 + 1964)

= {zp+1 — 2141) — dlam — @1)

= [1984 (241 — B4 [+ (rmpy = Fi401) —
— 41984 (et = o) + (ry, — )] :

= 1984 [(o 5y — g1} — 4(a,, —ap]  (theo (I})

Suy ra Bfem_g— xit): 1984 va do (5, 1984) =1
nén (Tpg = w1k N5
T day PR R T
Tuwong bir taefing ¢d r_z=r,_g va eir liép tye
qui trinh trén ta nhin duge:
05w Pl

[
re = riplyg—p) {

Ta s2 chirig td réng Ty-1: 1984,
That vy, ta 26t
Srp—l = ami42 = dagm_t4q o+ 106
= 1084 et 2T ¥m 142 .
— 4610984 oty + Fm—H-l) =+ 1964
= f'.'.|8-l(0tm_g.:|_g—4Z¢m_‘g.|.1]+(rz-—4.r'1 )+ 1964
(theo (I1))
T digu kién {Iﬁu bai ta co S 20, rz = 100
va do viy:

]

LR 1 s e B L S R w&;.
Suv ra Sag,-1i 1081 va do (5, 1984) = 1 nén
tm=1t 1984 (d.pcom).

o

=1
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Nhan xzél: Céc ban Bé Duy Khdnh (10 CT
Nguyén Vin Trdi — Nha Trang), Lé Thanh Ha
(12 CT Lam Son Thanh Héa), Lé Bd Tudng (21
Luwong Vin Cu, — Long Xuyén, T'rdn Hung (12
CT Ngo ST Lien Ha Bic), Nguyén Ngoc Vin
Khoa va Lam Ting Giang (10 CT Phan Chéu
Trinh — Pa Ning) c6 l&i gidi t6t.

NGUYEN KHAC MINH

‘Bai 2/136: Voimdl s6 ti nhién 4 = ayaz... an
(ay==0) ta kij hiéu A ld s8 an ap—j.-- a;. Hdy
tim tdt ed cde 8 ty nhién k c¢6 tinh chil sau:
Néu 58 tu nhién A la bft ciia k thi 38 ty nhitn
-

A ciing 1@ bgi chha k.

Lot gidi: D& thiy 1, 3, 9, 11, 33, 99 la cécsd
tir nhién ¢b Linh chiit néu trén. Pé 1a nhitng wée
86 ciia 99. Ta s& ching minh moi s6 k cb tinh
chiit nén trén 14 woe s8 cha 99.

Gia st k 1a s6 ¢6 m chir 38 do d6 &k < 107,
Trong 10™ — 1 s6 tr nhién lién tiép tir 10721
dén 2.10™ — 1 cd it nhdt mot s chia hét cho k.
$6 d6 la laga.. ap. Khi 46 sé op... azayl ciing
chia hét cho k. Vaiy k va 10 nguyén t0 cling nhau.

Ciing vay trong 18™ — 1 s8 ti nhién lién tiép
Lir 5,10 + 1 dén 51.10™ — 1 cé mot s6 chia hét
cho k. Gia st d6 1i s B viét dudi dang co
s 10 la 50b3b2... by. Khi dé eca B va do d6
M=58. Hjm"-'l + B ciing chia hét cho & Ta cb

M = by boby 100 byba... bm = M — M = 99.10™.

Khi d6 M — M chia hét cho k hay 99.10™ chia
hét cho k. Ma k va 10 nguvén 1§ cung nhau,
vay k phai Ia wdc cta 99.

Nhgn xél : Bai ndy khong ban néo cod 101 giai
diy di.

QUAC TOAN

Bai 3/136: Cho diy s6 0. = uy = 1, ugky =

(u + Nfu, | vol mpi n€ N. Clirng minh tn”

nougén pdi moi n.
Léri gidi: Ta chivng minh bai toan biing qui nap.
Véi n=21a couz = (u? + 1)/n, = (1+1)/1 =2

= 2 nguyén.
Gia su dd ching minh dwgc us nguyén voi

moi n < k. Ta 6 o

‘o uptl = l:u:ﬁ + 1M ug_.q = tngylin_l = o +1

Nén ugi-d-lu;i..l:u]: +1

2
vk Hp—2 =ug-1+1

e 2 | )
Suy ra -updg Og—] — UpO—2 T Mk T k-1
= g g (g + 1) = ugley toug—2)
= mflugsy + ug—1) = ey /(mg + f;_.2)
Tuong lif
uy— /g + p2) = /(1 + Ox—5) = -
= pyiluz + u) = 1/(2+1) = 1/3.

Do d6

iy + ug—1) = 13 = ug+1 = Juy - Bg-1
= uyp4; nguyen (vi vy, Uk—1 nguyén)

Viay @n nguyén voi moi n.

Nhan xét: Cac ban Lé Thankh Ha (12 CT Lam
Son, Thanh Héa); Ldm Ting Giang vi Nguyén
Ngoc ¥&n Khoa 10 CT Phan Chiu Trinh, Pa
Ning). Tritn Hirng (12 CT Ngé §i Lién, Ha Bac):
Ngugén Quang Thdi (11 CT PHSP Ha Noi 1) c6
leri gidi tot. :

B.B.K

Bai 4/136: Cho 0 < a,b,e<1. Chirng minh :
afib +c+ D+bilc +a+ 1)+ c/la+b+ 1+
(1 =al1—b)il —e)< 1
Lt gidi: (cha ban Nguyin H6 Anh Nguydn,
lép 11 CT Phan Chiu Trinh, Pa «Ning):
Trude hét ta chieng minh, nén 0<%, B<C1 thi:
(-2 -t/ +2+H) Lo
That vay, ap dung bt ding thie Cosi cho 3
s6 khong am (1—2), (1—8), (1+2+58)ta co:
(1-z+1-8+1+x+B)3P >
>(1-2)1- )1 +2+ By -a)(1 —B<1/ (1 +2408)
P2 § ring: alle+b+c)+bilat+b+ec)+
+ cllat+b+eo)=1
Khi 46 b&t ding thic cia dé ra cé thd viét
thanh : 2 g

althb+e+1)+bi(a+e+1)+e/{atb+1)4
+(1=a)(1=-b)(1~e)Kai{a +b+c)+b/(a+b+cl+

Ctcllatb+c)

1

all—a}
(at+b+e)bt+e+1)
B(1—b)

(a4 b4cXatc+1)
¢1—r¢)
(a+b+c)la+b+D)

Theo (¥) ta c6:*

1+ b+e) >U—b1—c); 1/(A+ate) =
> (1—all-c); 1{1+a+b) =1 =a)l=b)

e

= (1-a)(1-b)(1-c)(**)
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T do suy ra:

aft —a) - a(i—_u)[l—‘b:‘”—c) M
(a+b+cii+b+e) a+b+c

b(1-b) < b{1—a)(1=b)(1-¢) @)
(a+b+c)i+a+e) atbte

c(1—c) c(1—a)(1—-b)(1-c) @)
(a+b+c)(1+a+b) a-+bte

Cong vé vai vE ba bit alngmfu (1), (2), (3)
ta duge bil dgmg thice (*%). Vi nhe vay bil
ding thirc cda d@ ra dirge ching minh. 3

Chii ij: 1. Ding thtte xdy ra khi va chi khi
a=b=c =1,

2. Bidng
lrén co th&é chitng minh duge
tdng quit hon:

Voi 0<<ay <1, (i=1,n) thi:

phwong phap efia 1oi giai
bit ding thirc

n n
L a/(1+5—a)+T (1-a) <1
fm] im]
n
a div: S=Z q;
i=1

Nhdnxét: Cac ban Lam Tiing Giang (10 CT Phan
Chau Trinh, Pa Ning), Lé¢ Bd Twong (21 Lwong
Vin Ci, Long Xuyén), Nguyén Ngoc Van Khoa
(10 CT Phan Ch&u Trinh, Pa Nang),... co lai
gidi 1at. 2
' NGUYEN KHAC MINH

Bai 5/136: Tam gide ABC c¢o d6 lén hai

géc B ra C C khdc nhan. AH, AM, !Phrﬂ'ng irng
la dirong cao, .Erung !uyén phan gidc dung i
A. Chirng mu:h rang PH = PM khi vd e¢hi khi

staB.sin € = sin®(4/2).
* Lai gidi: (Clha NguyPn Ngpc Van Khoa
lép 10 CT. Phan Chiu Trinh. Pa Ning)

Phan gide AP kéo dai edl dudng tron ngoal

llEp tai P, P" la digm g]u‘a cupg BU va do do
P'M | BC suy ra AH/P'Mva P& trong doan HM.

Ny

Ap dyng dinh 1y ham s8 sin cho hai tam
gidc ABP va ACP ta dwoe:

BP/AP=5in(A/2)/sinB vi CP/AP—sin(4/2)/sinC
Do-dé sin®(4/2)=sinB.sinC twrong duong vii
BP.CP=AP?. Do BP.PC=AP.PP’ cho nén

sin?(4/2) = sinB,sinC
&> AP.PP = 4Ap?
b5 4 PP'= AP e
= HP=PM (vi B=FC)

Nhan xét: Trong s6 trude d8 ra cd sy nhim
lin PH=PM thainh MH =MP. Tit ci chc bai
giri v dén di chinh 1¥ va gidi 161 Trong sé céce
bii giri vE& bai ciia em Nguyén Ngoc V-'m Khoa
tuy hoe lép thp nhit nhueng e6 bai g|a1 ngdn
gon, sang sia nhit,

oudc ToAN

Bai 6/136: Tim td! ca cde do (hire Plx)odi he
s8 nguydn., 6 bdc khdng qui & vdéi tinh chél:
ton fat 5 $8 nguyén khde nhau xp, T3, T3, T4
x5 sao cho

Plxy) Plxy) Plxzy) P(ry) Plrs) =—3.

h‘n gidi: Vi vai trd cim cic s6 (. 22, T3, T4,
snhir nhaunén la ed the gia thist [Plxy '}'t = Placjd ;
j=2,3,4,5. Co hai kha niing P(:!l):ﬂj vi Plxry)=-13,

4) P(xy)=3. Khi do Plx2) P(x3) Plry) Plz5)= :
=—1.

Cin phan bitt hai trudng hop nhéd:

A1) Plxz) = Plxy) = Py} = —1: Plrs) = 1.
Khi d6 Plx)=Nxx—r2)z —x3)x - £4) -1 (1)
voi Q(2) la mot da thie véi he s6 nguyén (e6
bic khong qud 1).

Thay x=ux; va r=x5 vio (1) ta durge
Wy Ny —x2) @ —ag)r—xy) =4 (2)
QlrsHas —x rs—rg)as—ay) =2 (3)
Vi vai trd cia rz, x3, rd nhir nhaw nén ta
¢d thd coi x4 > x3 > rz. Thé thi theo (2):
T1~rz > ] — 23 2> xl - xy 13 nhing wdc giam
didn ciia 4.

Theo (3): ws—rm2> a5 —ra> s —ay Ia
nhitng wée giam din efia 2. Néu xg > g thi
Ty =1y, rl— ¥a, Fl — @y, r5— Ty la che ude
gidm didn cia 4. Suy ra x1 —az=2;
1 —r4 = —1; a5 —x4g=—2% Tir d6 suy ra:
ry—x4 ==2 hay x9=x; many thuin.

[ of Wl v

Twong tw, néu x1 < o5 thl r5 — 12, 25— z3.
r5 — x4, 1 —axg 13 cdc udc gidm dién efla 2
Pitu nay khong thd xiy ra,

https://tieulun.hopto.org
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CAZ)Y Plra) = =1 Pleg) = Play) = Pleog) =1.
Khi do Plr) = gl (e =a3) (r — xryd (e = 25)+1
véi Q(x) 1a mot da thie v&i he 58 nguyén. Cho
T ol v =rg SuY ra;

Q (x1) (x1 — x3) (1 —~ 24) (x1j— r5) = 2.

o (w2) (xz — xa) tay = x4) oz — a5) = —2,
cO 1h& eoi riing xg == vy > vy thi x1 — x3. x1—x4.
Xl = x5 VA Xe = X3 = X3, M3 — T2 ldchc roe
gidm din cla 2,

Nén iy >z thi @l — r3 Tl — &8, Xl --zs
rz— xs la ~L wie giam didn eia 2, diéy ni\ khong
xdy ra.

Néu zy< 22 thi x5 — a7, X5 — @2 x4 — 19,
a3~ zz la 4 woe gidm din coa 2, ditu nay cing
khong thé xiv ra.

B) Play}=.— 3. Khi 446 P(z2) Piz3) Pilxy)

Pirs) = 1. Ta phin bigt 3 truong hop nhd:
o By Plr) = Pm—»} = Plag) = Plas) = — 1.
- Khi dé.
Pley=A(r —xa){r ="r3) (& — b X
Xty = rz)—1 {4y
: (voi 4 14 1 56 nguyén)
Thay & = xy véo f4) la duge xy— x2, xp — z3,

x)] — x4 &1 — r5 12 4 ute khée nhaun cia 2,
diéu nay khdng th? xdy ra.
B2 Plag) = Plra) = —1; Plzy) = Plaz)=1.
Cé thd gid thiét x3 > xa; a5 > g Khi d8
Plx)=g(x) (x ~ x2) (x —a3) —1 (5)
Thay * = xy, * = x4, x = a5 vao (5) ta duge
Olr) (g = a2) (x] — 2g) = =2
Olxy) (xa—13) (-!'4—.'&'3} =31
. 0(x5) {ig—22) las—ag) =2
Vay rg ~=@p, 24 =82, 0y = xg 1hcie inde
gidm diin cua 2. Suy ra:
a) Hofle a3 —22 = 2;rg—x2 = 1; rg—a3= —1
suy ra xz=r3 vo ly.
b) Hode a:

= 1.
5 ;
—2 suy ra o —x3 vo 1y.

bl i B G i 1 B R (R e |

Ey= i
Ba) Plra) = Plxa) = P(:r.;):P{.t_g! —
Khi do

Plr)=Alz—- rg”.r—rq] (x *'14} (x— a5 ]"H fﬁ}
(voi 4 13 | 58 nguyén). Thay x = x; vie (6) ta
duge r)—rz, 3 —I3 T4, T
la céc ~ khdc nhau cfia 4. Co
-I2>m3:>$4:}.“5. Cac wée cha 4'la:

—y, =2 —1,1,2 4

e th eoi:

10

Suy ra T{—rd, Ti=py. rp o) s 1 c-"tt' e

ting diin cha 4. Nhan xél ring of—xos= 4
—+i1: 2 vi khi'do khong tht chon mm( 4 wie
khac nhav. Suy ra: 3

b s o e o (e 3 T O TR o e

X Tae =2 ;

tirdé A= —1. Viv' P(£) 5 ~(z—r; -2} X

Xlr—zp=Dlr-z 4+ 1) {(a—x+2) + 1

hay
Pla) = —{e=a)* +5 (x<e)? — 35 Voi xp 1a-
mdt sd nguyén tuy ¥.

Nhin xét: Cde ban Lé Bd Tudng (2] —Lwong

Vian Ci, Long Xuyén) Trin fwng (122CT Ngo Si
Lién, Bdc Giang, Ha Bdc} cd loi gidi tot. Mot
st ban khac, do nhim lin trong suy ludn va
tinh-toan di di dén cac két ludn: Khong ton tai
nghi¢m hode ton fai hai da thire khae nhauthoa

- min digu Kién Dbai ra.

NV AL
Bai 7/136: Hay tim gia {ri nhé nhiit cia
hdm sd:
® — 1025 4+ 192* + 622 - 1512% - 062 + 257
= ; i
a3~ 5a?—3r 4 16
trén dogn [=V3 : V3 |
I-:.r! gidi: Tf{ e A = a3 — 522 — 3 +i5=
= 2Nz =5)=3zr=5V=(x" - ANr=-5) =
= (z = V3)a+ V3 )tz -5) (1)
Mat khéc. hdm sd trén ed the bito dién drge
dudi dang:
y:..-:’-'.n S8 = (T2~ 522 — 3k 18) ()

tie (1) ta thiy A 2= 0 vdi lel <C f'?:n;l ad—5p8 =

3r+16= A-l—l nén tie (2 ap dung bit déing thie
Cési ta ¢6 y 522 va didu bing dat dugc khi vi
ehi khi: :

23 =522 = B+ 16 = 1/(2® =522 =30+ 16)

&= (=522 3182 = 1

= r3+-5n'-'--'33} +16 = 1 voi |2 <

& 2P T5p% = 3rh15 =0, vathepi(1) thi
trén &Oau {—'13 ] V’“ ] ta ¢ h.n nghigm la

= 4 V3.

Tom Ini gif tri nhd nhit cfn IJm Umin = 2 VA
dat duae lai —'l'f.i Jhoidc I—T"r
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Nhdn wél: Che ban Ha Anh Vi 010 CT. DHSP
Ha Nou), Lam Tong Giang (Phan Chau Trinh,
DA Ningh, Lé Thién Thanh, Ly Van Thdnh (Phd
thong Trung hoe An Nhon, Nghia Binh) va ban
Nguyén-Thuc Vdn (truéng phd thong trung hoe
Thiang Long, Ha Noi) c6 1oi gidi 16t

T.N.T

H lip hep til cd cde fam
thire bac hai P(x) = ax® + bx + ¢ sao cho !P{a}""t
péi mpl gqid tri 0 r S.1. Hily lim ecwrc dgi ciia
|P(x)| vii moi P nim trong V.

Lirt gidi* Vi P ()
nhit nén trén doan [0,1] P'(x) nhin cic gia tri
cire dai va cwe tidu tai 2 d3o mat 0 va 1, do 49
cire dai cia P’ (&) chi ed th8 & | trong 2 didm
=0 hay xr=1. :
Tacé P'(1) =2a+b=58(at+b+e) - fat+2b+4c)+c

= |pt EI]'—f‘Jr:+IJ. = 1|r:—|—b-i—t'!_-t-|u+2b-r-lcl+

+ el =3 ."(1 +4 P/ +[Pl0)) <
sl Fodd +1 = 8¥ PEV
Mat khae P{0i=b=(a-+2b+dc)—(a+b+c)—2c
=[Pl =ib|<la + 26+ 1cl -+ |a+ b +cl +3[c|=
=4|P(1/2)| + [p(1)|+ 3[P(0) < 8
vai moi PEV.

Ta suy ra P <8 ¥ z€][0. Ihwg ¥ P EY

Cudi eang ta thilv tam thire P{z) = st —-ﬁx'i'h ¥
v och P’(U) =S8

Bai 8/136: Go1 v

Nhanxél + Cae ban L& Thanh Hd vi Trinh Vin
Hig¢n, (12 CT Lam Son Thanh Hoba), Triin Hing
(12 CI' Ngé Si Lien Ha' Bde) cb 16 gidi tot.

B.B.K.

Bai 9136 Che mot mite mal cdu 1dm O bdn
kinle R ¢ dinh vd hat. hinh ciin nhd thay déi
nfirng hdn ligp wne mhan vd noi ligp trong nira
mdt cia (rén.

Chitng mmh rrtnr; ligp didm cia hai hmh cin
nhé fuon ludn ndm trén mot madt ¢da ci dinh.

Léi gidi: Goi Al Az 14 tiép didm efia che it
ciu nhd (@1 ; (02) vai hinh tedn 1én cda nga
hinh ¢fiu d& cho: By, Bz la cae tiép didm ena
cie mit cin (O1), (02} véi nda mit ciu di cho.
€D 1a dwong kinh cda hinh ciu tfm 0 bin kinh
R, vuang goe voi mit phing eha hinhi tréa lén
di cho. Ta c6:0p4i//0C; 0,07 Bi thing hang va
do 0iBy/0id; = OBYOC nén ciing oo A By, G

thing hing (vai i=1 ‘2) Lai ¢é, tir giac ,-IIODBI'
noi tiép vi DBiC = -‘i OD=1v, nén:

= 2Jaxr + b 1a mol ham bae

CAi B — (DD =1R% "= 1]) Do d¢ £ ob
ciung phuong teh véi hai mil eiu (01) va (Qa).
hay € ndm trén mit ding phuang cia hai mit
cin d6. Tir do, goi T i tidp ditm ctia hai mil
ciu ﬂhn !hl ta 86 CF 55 la tiép tuyén ciia Lhung
v Gy LB = 3R Vay T thudce
tim C ban kinh H_‘L-’:__

mal cluy

ca dinh (d p.ean),

Nhanwél: banLé Tharhk Ha (12 CT. Lam Son,
Thanh Hoa) gidi dang va c6 1éi gidi gin gidng &
trén. Ngodi ra cac ban Lé Bd Cuong (21. Lwong
Vin Ci, Long Xuyén) ding kién thic v8& tam giac
lrgng va mit cdn \pﬁiunmi ban Nquyén Phi
Quyp (10 CT. Phan chau Trinh, Da Ning) dung
kién thee hinh hoc gidi lich cing 6 loi gidi-

HAwong dai tot.

T.N.TF.

Bai 10/136: Chio tam gide ABC ¢ éde canh a,
b, . Chirng mink ring la ludn 6 bil ding thite.

3
) <

!g(l 2 J'q B2} . fqley 9

( b= =+ =
colgd + cofgB + f.'nF;IC

£ ahr

Lai gidi (Dya theo cigh gidi elta ‘cde han
Triauw Duy Hinh, 12G Trung Vweong, Quy Nhon.
Lé Thank Ha 12CT, Lam Son, Thanh Héa va
mat s6 ban khéc).

Ta cd y
=0 +e? - 2becosd =bi+e ~ (2besind).cotga
= b*+ 0% - 45colgd (S 13 dién tich A4BC)

T do suy ra -

=18(colgd + cotg B+ cotgll) (1)
i

o
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- Mat khée, |
4l = b2+ ¢® — 2be cosd 3= 2bc — 2be cosA =
, = 2bell — vosd)
= dbe.sin® (4/2)

iy 2(_4 2)
= 4bpec.sinA. Al S
sind
= 15:tg{.1j2).
2 :
Do vay: — - =48, Tir do suy ra:
tgla/2)
”zbzcz

i T (2).

gl A/ 2) 1l Bf2).1p(C/2)
Kt hop (1) va (2) ta deoe d.p.com. Dau == xdy
ra khi va chi khi a=b=c¢c, te AABC 13 tam
-gide den. !
Cach 2 (dua theo cich gidi cha Lé Bda T'wéng,
21 Luong Van Cn, Long Xuvén: Trin Hung
12CT Ngo 51 Lién., Bac giang, Ha Bic: M6 Anh
Nguyén 11CT" Phan Chu Trinh Pa Ning va moét
sfi ban khac): s

Bai 1/L139 Tim s tu nhién n nho nhit sao
cho 1954 phan sd sau ddy 14 t6i gidn: .
1(n "8 1981n43) 1 2/(n' "4+ 1080 +1) 5 00
1984/ (n19%4 4+ 1981+ 1956)-
B Bue Thdi

Bai 2/139. Tim gi4 Iri I4n nhit v nhd nhit
ctia bidu thire x-+y+z, biét ring x, y. = thoa
min phirong trinh :

g4yt =1-35
Lé Quic Hdn

Bai 3/139. Ching minh ring trong AARC:
giao ditm ciia dudng phan gide ABC vai dudng
trung binh song song voi AB, va cae didm tiép
xtic clia dudang tron ndi tibp AARC voi AB va
AC, nim trén mot dudng thiang.

Bé& Hing Anh

Bai 4/139. Cho AABC. Goi M, N, P 14 che
tiép didm cta dwéng tron ndi tiép vai cae canh

12

Goi r la ban kinh Twréong trén ngi ticp AABC.
Ta co:
r=8p={p- angla2)=(p - bhe(B/2) =
= (p — eMgle/2) )
e e et - nz

(b% + ¢% — a®)i2be T
45

‘colg A= —
2 28/be
Tir (1) va (2) la suy ra bil ding +thire clin
phiti ching ‘minh trong dirong vii:
(8 < a¥p?e . pP(p-a) (p—b)(p 2 /)83 =
o _:J'f:zbgr.“.h':'
= (a+b b +e =) leta~rY Katbiet (3).
a* mat=th-cF=fa+b-cla+t i b)
Mol =pl—ta—-cP=la+b obtec—a)

L2t -ta=-b2=(a+c~ b (b+ec—a)

(2)-

Nhan ede vé tuong ng ta dwoge (3N
Nhan xéi @ Mt sd ban khac con dang hé thice
fle A& ching minh,
N.AVLM.

e s

BC, CA, AB. Gia sir; dgla dwong thing qua didm
gitta cia PN va vubng goe vai B dyladuwong
thing qua didm gida etia PM v vubmg goe voi
AC, d. 12 duong thing qua ditm gitra cia MN
v& vubng goc vai AB.

Ching minh ring da dp. de diong qui.
% Phirang Thdo

Bai 5/139. a) Tim phwong trinh bac 3 c6
nghidm 1

coslmi7), cos(3%/7), cos(b= 7).

b) Ta'dé hiy tinh tong:
Veos(m/7) + 1/eoe(3%/7) - eos{am/7).
B4 Ba Khang
Bai 6/139. Mot {ir giac ghénh co efc goe doi

ditn bang nhau. Ching minh rang cac canh ddi
ctia-tir gide biing mhau,
B Ba Khanyg
Bai 7/139. Cho tam thire bic hai
flz) =a® +bx+c.
Chirng minh ring néum, n, kla ba s0 nguyén
161 mot khae nhay thi max | /Cm), fla), 7(k) | >1/2:
Ngayén Vin Man
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BT "-""1) la
mot a8 ugm én t&. Ching minh ring phwong
trinh aex* + aja*=" k-2 4 Aap=0khoéng

=

*Bai 8/139. Cho pP=fg,a1az..

t+az
¢6 nghiem hiru tv.

Nguyén Van Mau

oBai 9/139 Gui Ry la bin kinh durdng tron
ngoai tiép lam gifc cd 3 eanbh la 3 dudng trung

tuvén cia A4BC, va R 12 ban kinh dudng trén

TOAN HOC

7 H()l SONG

1. ¥au 1y todn la gi? Trurde hét hay ldy mit
vi duw v& phuong phip vil Iy lodn. Trong eo
hpe, d& tim chuy®n dong eda moL vat trong khong
gian, ngwdita cd th md hinh hoa vil do drri dang
mot didm co kh&i lwgng m va gia thir tai thai

—

didm t & vitei voi véeto bén kinh r, rdimo ta
chuy®n dong bing him r = r(r} vin tée Dbing
ham v = = dr/dt. gia t6¢ biing w =d"r rrdt? va ap
dung dinh ludt Niuton mé ta quan, hé giita lyc
tic dung F vi chuyen ddng biing phuong trinh
tedin hoc.

d*r =

I = i

di®

Do la phuong trinh vi phin md th chuy®n
dong cla vil didm trong khong giau. Phuwong
trinh ndy cho phép cée nhd co hoe ¢6 the khio
sit chuyén dong biing cde 'dinh 1y todn hoe,
tire qua tich phin cac phuong trinh ndy co the
riit ra céc két ludn khae nhau vé c]nnEn ddng
mi khong edn dén nhitng quan sat hay céc thue
nghiém vira tdn kém vira mét nhiéu thoi gian.
Qua vi du trén e6 th® noéi, val 1y foan la
phuong phip khiio sal cée bai toan vat 1y bing
ehe dinh «1¥ 1oan hoec, li 1¥ thuyét v& chc mod
hinh tedn hoe mo ti cic hién twgng vat Iv. Thire
chit efia phurong phip nay li: chi ra mol s6 dai
lrgng dic tring cho qui trinh cin khio sat,
thiét’ lap cédc phwong trinh vi phin mé té quan
hé dinh luong E,nra cic d:u lwong dde lring
nguyén nhin vi h¢ qui cta hién tugng, sau do
dung phureng phap suy dién todn hoe, cac phwong

B R —

“hoe, tir hoe, vil 1¥ lwong tin 1y

ngoai tiép ?MB!‘..‘. Chirng minh ring
Ri/Rq = 14/3) cos(4/2) cos(B/2) cosl(Ci2).
Ta Vin T
*Bai 10/139. Cho ham s6 f: (0,00) = (0,5°).

Ching minh réng hai khing dinh sau twong
duong :

&) [z () = yf () W,y 0,
b) flay) = fl=) fiy) Foa,y>0.
flfix)y=x x>

Ngupén Minh Birc

VAT LY TOAN TRONG KHOA HOC
VA KY THUAT HIEN BAI

PHAM HUYEN

phap tich phin xéc dinh cde dai luong dic irirng
O tai mbdi vi tri, moi thoi digm v&i yéu cdu sao
cho lé&i gidi todn hoe thu drge phai phi hop vai
cie sO lidu quan sit thye té T diy con co thd
rit ra cac ket luin 1¥ thuyét khic nhau cho
cong the thwe hanb, thi dg nhi trong co hoe, c6
th® chi ra cde lre cin tc dung d8 céc chuy®n
dong xdy ra theo yéu cdu cho trude v v...

D} lap che phuwong trinh vi phian mi td hién
trong ta phdi dea vho che gia thuyét hay con
gpi 1a cac tién dé hay céc nguyvén Iy, li ehe
chan 1¥ dwge riat ra Lir qua trinh quan sit lau
dii va sir tong hop thre 18 su sic qué Lrinh
vit'I¥. Trong co hoe —di 14 cae tign d& Niulen.

2, Vai net vé sy phdt tridn cia vat 1y tedn.
Niuton (1643 —1727; 14 ngudi dit nén mong cho
phuong phap vat 1y todn nhir mét khoa hoc. Vai
bai tofin ee hoe vé chuyvén dong, Niulen di xiy
dirng duge cae md hinh vé ede vil, ce phirong
trinh vi phAn chuy®n dong trong co hoe 1y thuyét,
xAy deng 1¥ thuyét hip din tr nhién. Dalambe
(1717 - 1783), Ole {1707 — 1783), Becnuli (1700—1782),
Lagrang (1736 — 1818), Oxtrogratxki (1801—1862),
Liapunop (1857 — 1918), Xléclop (1864 — 1926},
Traplrgvn (1869 — 1942), Poangearé, - Kopmbgo-
réip... da mé rong phweong phip nghién ciu nhidy
hitn twong vt Iy khic, nhw bai toan vé dao
d¢ng cta cic diy cdng. cia cic thanh, chuyén
ding cia chdt long, sy lan truyén 4m thanh va
nhiét v.v.., nh@ng bai todn trong quang hoc, dién
thuyét twong
A6i v.v... va 4@ xuft nhigu mo hinh vit 1¥ lodn
mdi dwdi dang ciae phurong trinh vi phan thudng
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(ham dic trirng chiphy thude motbién), phirong
trinh dao ham rieng (ham dic trung .phy thude
nhigén bién), phuong trinh vi tich phan v.v..

bt xiy dung cic md hinh lodn ngudi ta di
ap dung 1¥ thuyét vé cic phép tinh bién phin,
1y thuxét ham vi phiém him, 1y thuyét xie sudt,

cdc phuwong phip tinh gian dung va ci cic may,

» tom lai I& 14t ea che thinh tun
hieén dai. Vi yat 1y todn di trd
thanh mot ehdt két dinh chia lan dai todn hoe
hién daj. Co nhitu nhit todn hoe ldn di vio
nghign ciru chc bai tofn vat 1¥ loan vi nhimg
nghién ciru nay di thiae diy ci todn hoe lin vit
Iy hoc ciing phat trién.

tinh di¢n I1...
cilia toin hoc

Su phél tri®n coa mon vt 1y toan cho Icln'mg
ta thiy mdi quan hé khing khit ciing nhue nhing
ide dong qua lai gifta lodn hoe vd vit I¥ hoe
That vay, lich s phit Lrign kKhoa hoe ¢o khong
it cde vi du khing dinh: nhigu bii toan, nhién
bo mdn lodn ho-
trign trén co s&¢ cac bai tedn vil I¥ (odn. nhu
Iy thuvét phueeong trinh vi phan, 1¥ thuy@t &n
‘dinh, Iy thuygt dién khi&n, 1¥ thuyét bién
phin v.v... Dong théi. nhitu bai toén vat Iy da
dwge -gifi quyél nho xdy dong duge cic md
hinh toan thich hop cho ph:’p sit dung chc 1y
thuyét toan hoe cao cfip hon v.v... Ca nhigu h;eu
irng vat Iy duoe phit hién b"tng I1, thuyét roi mdi
durde chirng minh bing thwe nghi¢m.

Nhi toidn hoc 1900 cd

Dire Hilhert vio nim

dwa ra mot s6 ludn didm todn hoc nbi tiéng, .

trong d6 luan didm thie siu khing dinh nhigm
v «tién A& héa vt 1v hoe bing todn hoe ?. Nha
lodn hoc Nga Xtéclop vio nim 1921 khing dinh :
« Khéng m¢t khoa hoe tir nhién ndo khéng ding
todn hoc ma vin vugt qua dwee giai doan thu
thip tw ligu d& iré thanh khoa hoe sing tdo..
B6i vai vit 1y hoe, todn hoe va vat 1y hoe da
hop nhdt thinh mot the théng nhit dén mire do
khé ma tich bach duge din 14 tofn hoe, diu la
viit Iy hoe P. Nha vat Iv 19 thuyét vi ciing 13 nha
toan hoe Dirfie, vao nam 1930, vidL @ str phat trikn
elia vat Iy yén cilu phii ap dung cée kién thie
toAn hoc ngay céng cao cip hon. Qué trinh triro
tuogng hoa nay con tiép tuc ca irong Leong laj.
Céac thanh twu val Iy phai dya trén onhitng 4bi
m&i, nhitng md rong lién tue cde gid thuyét trén
co 8& che “thanh tru toin hoc...?, Bagolinbdp
vao nim 1963 con cho ring nhitng khai ni¢m va
phwong phap ciia Iy thuyét trwrdng lugng U ngay
cing mang miu sic toan hoe.

3. Mot s6 vide vé thinh tyu ap dung phuong
phap var 1y tean. Vi du hitn héch diiu tién co
18 1& vige phat hifn sao Neptuyn biing tinh toan.
S ovige xfiy va nhw sau: Nim 1781, nha Thién
vin hoe ngudi Anh ld Giersen phat hidn ra sao

14

di duoe x4y dyng holie phit.

“phap t duy

i

Thién Vuong. Khi quan sit sao Thien Vuong
nhi thién van hoe Nga Leexen nhin thiv qui dao
thre khéng phitt hop véi qui dao 1y thuyél tinh
theo 'eo hpe Niuton va dua ra gid thuyét cho
ring sy sai léch nay In[lﬁng phiii do Cor ]m{: Niu-
tont sai ma do anh hiréng cla mot ngdi sao kbac
mi ta con chira phit hign thiy. Theo gia thuyét
nay, nhi thién vin hoe Anh 13 Adamxo da lién
hanh tinh toin qui dao cla ngdi sao chua bift
o va théng bao cho dai thidn van Grinuyceh
vio thang 2ndam 1815, nhung giim dae Erikhong
t&-chire quan sdt kip thoi. Cing theo gid thuyél
dd, nha thitn vin hoe Phip Loverié théng bio
két qua linh todn clia minh cho Pai thién vin
Beelin (15-0-1816) va Giam dée Gale td chire quan
siit ngay (25-9-1846) nén da phat hign ra ngoi
sao'méi & vitel chi sai khdc rdt it vai dis digm tinh
toan (gdn 52 phil goce). B [a sao Naptuyn. Phal
hién ndy duoge dinh gid nhw ky tich cdia phirong
khoa hoe cta thé ky 19.

Niim 1818, troug cudn *Ly thuyét dong luc
vitrirong dign tir ?, Maxuen di dua ra cde phirong
trinh vi phin xic dinh cde dai lieong ena trudng
dién va trudgng Lir cing nhidu gid dinb 1¥ thuyét
khie nhw gid dinh cho ring lia sing 14 ¢éc song
dién tir tdn sd cao. Gid dinh vé& ngudn gde dign
Lir eiia 4nh sing dwge nha vat 1¢ *E)u'c la Hertz
khing dinh bLiing thye nghigm, con céc gid dinh
khae ¢iing dd duge thipe & ching minh.

Gidi thudng Naben niim 1979 vé vil 1y di trao
cho ‘ciae nhi nghitn ciu ly thuyet v& cde hal
hézon Wla hat duge xem nhir thAe nhian chinh
lrong cée twong lde yéu. Bing 1y thoyél, ho d3
chirng minh sir 18n tai eia che bazén va di dodn
khéi luwgng cioa chiing. Va thang 1-1983 nguwdi ta
di ghi nhan deee bing thue nghid¢m diu vé&t
clia ehe- bdzdn diin lién. Ly tha hon nia 14 khdi
Irgng efia ching rdl gin vai s6 lidu tinh todn
Iy thuyét. Do do Iy thuyét vé s tuong lac ydu
da dwroe ching minh bing thue nghig¢m.

4. Vat Iy todn & Viet Nam. {r Viet Nam, vat
Iy toin dwge nghién eiru nhifu trong co hoe,
vat Iy 1y thuyét, hai duong hoe, khi luong hoe...
Co nhitu nha toan hoc Gog dyng dang nghién
ciru ap dung phuong phap vat 1y loan trong céc
bai todn v& mbi truong song (lofin sinh),
kinh t& (toan kinh &), vé didu khién hoe,...

Céc trirdmg Pai hoe Tdng hop Ha Noi. thanh
phiy H&6 Chi Minh . v Hu ¢¢ nhitng bd mon
chuyén dio tao che nbd vit Iy lodn vé co hoc
(thudc Khoa loin —«co), v& vil 1¥ hoe (thubde
khoa vt 1{)...

#

Vat Iy todn Viét Nam dang ché don cae ning
@

md&i clla ban tré

lire tham gia.
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CAN THEM MOT CHU «NEU»

BONG bao THIT s6 107 (ir. 1} 6 néu bai toan
(bai todn 1) cing véi loi gidi sau day:

Bai toan 1. Hay lim gid iri lén nhil va gid
irf bé nhdl caa bita thirc x° + yz virl dida kién

(b _r;2 +1 _'=E+Jr‘ey‘? - x? -"_r;ztﬂ (1)

Liri giai. bicu kien (1) bién ddi dwrge vi dang:

E+ePP -3+ + 14422 =0 @

hay (2% + 3}2 ? -3+ ygi + 1= = 4z (3)
Dit o = x* + 5% Khi d6, tr (3), ta co:

ns - Su + 1 =0 {4)

hay 3=V 5P a<<(3+ 7 5 /2,

5. e e o I o = o . dr-fi e EEETR
Gid tri I&n nhilt eta bigu thie ¢ 4 y© la:

(3 + -ll_:’lrj,:!

5 i B Sl i
Gia trj bé, nhdt cda bidu thie 2° + y% 13
i St o o e

Thue ra, 161 gidi mdi chi két Ivdn dwge ring

Y ta 5 Tl R R

Max (2°+ %) =G+ V5)2va min (% +y?) =
= (3 - ¥ 5 )/2néun x4 ;;2 dat duoc céic gid tri
niay. Di ld dé dang thiy ring digu dé6 xiiy ra
khi = 0. song khong néu dieu d6 ra vin la
mal thidu sot.

Bay gié. ta bdy 1hir xét khd ndng 4p dung
clia cich gidi d6 néu thay Abi d6i chat didu kisn (1),
ching han thay biang digu kign (1') sau day :

(z® - y2 + 1)+ F.Ifzy?' — 1z *"yz—E =0 (1)

Biang cach bi€n d8i tuong ty nhu trén, ta sé c6 2

nf — 3 — 1 <0

Néu Liép tue gidi nhwe trén thi khong thich
hop vi ta sé the duboe mol gl tri Am wng vai
gia trj nhd nhit ¢da w. Mudn eho tirong ung vii
mbi gid tri clla 1 dBu ed mot gia tri cha a®+ y?
cin théa man dién kien w22 2% Vi ‘viy, bing
cdch dat X=2z%, ta c6 ht ma efie ban co thi
gidi bing kién thie & 16p 10 (8 cit) sau ddy

il’= ~u®+ 3+
0sL X< u

. D@ trdnh suy luin nham ring t¢ w = X 1a co
'%u dat gid trinhd nhit khi o = X, che ban ed tha
“x6l thém Lid loén lrén vai su thay thé disg
kien (1) bing digu kitn (1™) say day:

(x® = g*+1)% 4 42%2—622 — 2 +2=0 (1)

PANG VIEN

Bai todn 2. Cho hinh thang ABCD voi ddy AB
vi DC. Clibng minh ring:

AC*+BD*=AD*+ BC 4948 . CD(9/82 THTT).

Trong léi giai do bai bio ehi néu triromg hop.
cie hinh chiéu H va #'elia A va B xudng €D
du & troug doan CD. Trong khi do, c6 ch thay
6 iruwdmg hop'khic nhau (ede trurdng hop M hodc
H’ tring vio € hodie D déu dwge coi I4 ndm
trong doan CD), nghia 14 101 gidi ehi ding néu

“xdy ra triedng hop twong Gng voi hinh di ve.

Bay gi¢, 1am thé nio d2 gidi tron ven bai toan
cho ¢ 5 triréng hop con lai nita 2 Chic che ban
déu thiy ngai néu phii vé& thém cho dii 5 trirérng
hap hinh v& con lai va tién hanh gidi lifp tkeng’
trirdng hop mot vi ddy qud 1a mot cOng vige
ding chén. Nhirng, thé thi phii lam thé nio? ¥
Ban d3 tihg gip mot hé thie nao 46 bao quat
moi trueong hop hinh vé chwa? Ban sédp nhé ra
TOi diy... chinh Ia bé thie Sa-lo. Bay gid, ban
hily chitng minh h¢ thire tdng quat sau day ve
binh phwong eanh AB trong tam gide A BC {khong
c¢lr tng voi goe € nhon, i hay vuang):

AB*=AC2+BC?+2BC.CH (1rong 46 1 13 hinh
chidu cia dinh A xufing canh BC). roi ap dung
no vio vige giai bai todn nay.

Ta 6+
AC=34D% + CD 420D . DA
BD*=BC*+ D + apc.on

AC*+BD = A0%+ BC2+ 2DC(DCY AD+CHY)

=AD*+BC®+ 2BC . HIF' (Ap dung

he thirc Sa-lo vao bitu thire trong ngoic don.)

hay AC*+ DD =AD?+BCE 2.0 . 4B (vi ABH'H
la mét hinh chir nhgt). Suy ra:

AC®+ BDP= AD*+ BC2+2.ABCD

- (viDC, AR li hai vecto song song cing chiéu)

Bai toan 3. €6 mgt misng bia hink chis nhgt
¢ 18cmiX48cm. HOl phdi eit di 6 4 gée 4 hinh
pudng biing nhan véi canh bing bao nhibu dé ed
Ihe lam thanh met cai hop (khéng nip) voi ths
tich tan nhitl e 1he direr.

15

https://tieulun.hopto.org



https:i'www. facebook. com/letrunglienmath

hitps./isites. google.com/site letrunglkienmath

Léri giai 1. Goi x 1a canh cac hinh vudng phii
cht di, ta c6 thd tich V echa edi hop la:
V=a(18 —2x) (48§ —2x) viri 0 < x < @ hay V =8/5.
Ba/2. (18 —22)(12 —x/2). Vi ciic thira s6 bién ddi
5z/2, 18 —2¢ vd 12— /2 déu dwong vi o tdng
bing 30 khong ddi va ching lai bing nbau khi
x=4 nén V dat gid trj lén nhiit khi va chi khi
T=4 (em) theo dinh 1y 1 (hé qué cta dinh 1y
Co-si) sau dy:

Binh Iy . Néu ns6 khong 4m al, az, az,... dn
ma c6 thng khong ddi thi tich ciia chiing dat gia
tri lén nhit khi va chi khi ching bing nhau.

Chéc cde ban déu cho ring ddy li mdl loi
gidi hay vi no ngiin, gon. Thé ma, van thiéu chat
ché diy! B lam sing 16 didu dé, ta hiy lay
mot 1 gidi khac lam phin vi du:

: 1
Lot gidi 2. Ta ¢6 ¥ =a(18 - 2x)(48 = 2x) = — 4x,
4

(18 =—20)(48—22) vai 0« p<79. Vi cdc thira sé bién
dbi 4, 18—9r va 48—2x déu dwong va co tdng
bing 66 khong d6i, hon nira, hai thita s6 18—2r
va 48— 2@ lu6n ludn khong bling nhau nén theo
dinh 1y 1 thi V khong bao gio dal gid tri lén
nhat (1).

Vi vay, ciin phii thém mot chir * néu® vac
dinh 1y 1 (thifu chdt eh@) thanh dinh 1y 1
sau ddy:

Binh Iy '« Néu n sé khéng Am aqs 02,0 3.0, dn
ma cé Long khong db6i va néu c6 thd xiy ra
trwdng hop ching biing nhau thi tich clia ching
dat gia (rj lén nhit 'khi va chi khi ching biing
nhau.

Bai toan 4. Cho trude m@t dudng tron. Chitng
minh riing trong $8 cde tamn gide ngi HEp dudng
irdn dé, tam gldc déu ¢é didn lich lén nhit.

Loi gidi. Xét che lam gide ndi tiép dwong trin
d6. Vi e¢dc tam gidc dBu déu bdng nhau nén
chiing c6 mot di¢n tich xée dinh duy nhét. Do do,
mudn elrng minh «lam gidce d2u li tam gide cod
dién tich 16n nhit », ta chl viée chirng minh ¢ tam.
gifc 6 dién tich 1on nhit la tam gide déu® Ta
88 ching minh ménh d& niy bing cich chitng

minh ménh d& phin dao cia né (tirc ciing ding
gid vai no) sau day: amoi tam gide khong déu
déu khong eé dign tich 1on nhét®. Qui viy. xél
tam gide ABC khéng déu. Thé thi, no cé it nhat
mat cip canh khong bing nhau, ching han,
AB>RBt. Dé dang ching minh réng dién tich
A ABC bé hon dién tich mét trong hai lam gibc
cin c¢h day la AC. Bai todn chirng minh xong.

Nhiéu ban rit thich l&i giai nay vi trdng 4o
dd van dung lién tiép hai cédeh chirng minh gidn
ti€p. Thé nhung, nd vin khéng duge chdp nhan
vi ehung con thidu mdt chir néu. Ban ‘hiy thi
nghi xem lai sao véy?

Thwdéng ta vin quen xél tip hop hitu han so
thire trong d6 bao gio cling tdn tai it nhit mot
s6 lin nhit dong thiéi it nhdt mdt s& bé nhdt.
Nhung ditu d6 khong con ding nira d6i voitdp
hop vb han s6 thye. chiing han, tip hop sé thue
trong ntra doan (0; 3) khoéng co sé lon nhdt. O
day, t4p hop dién tich che tam gide ngi tiép
hinh/ teon da cho la mot Lap hop vo han nén cling
chua khiing dinh dwoe ring n6 ed sé lén nhit
hay khong (dua vio ede dinh 1y vé ton tai gioi
han & lop 11, ban d& dang chitng minh ring c6).
Cho nén clin phai thém mét chir néu vio ditu
da duge ching minh trong 1&i giai trén nhu
sau: « Néu ton tai it nhil mot tam gidc noi tiép
duwdng teon do, vai dign tich 1én nhdt thi tam
giae déu chinh la tam gide do .

Qua cic vi dy trén, cdc ban co the ril ra mét-
vii dién don gian sau day:

1) Cin ludn ludn co ¥ thire canh gidc vé tinh
t6n tai efia khai niém toan hoc ma ta dang sir
dung-

2) Thwang cae sai lim vé 18gic duge xét theo
chc loai sau dav: sai vé ludn dé (1oi gifn' bai
todn 4), sai vé luan e (loi gidi 1), va sai ve
Indan ching (cée lod gidi bai loan 1va bai todn 2)

Cac ban di frwde I_u‘iu nhur déu cd mdt nhin
xét thdng nhit nhwr sau: « phd thong, didu cin
thigt nhdt 13 dwge rén luyén ciing nhir tyr rén
luvén vé tr duy toédn hoe». Mong ring céc ban
nhin thiy & diay mdt 1oi khuyén qui bau.

CHI HO1 MOT CAU

Trong mot cude cdm trai Ti thiy ¢o mot trai
dep gui, mudn dén héi xem diy la trai cla

lép 10A bay lép 10B. Khi dén, mhing nguoi
trong trai ra digu kién cho Ti: Ngwoi ted lai Ti
klidng n6i ma chi gat hay ldc ddu lam hitn ld
ding hay khong. Ngudi lép 10A s& noi that,
nguai I6p 10B 58 noi d8i. Nhitng ngudi ed mit
& day c6 cd nguoi lop 10A lin nguoi l6p 10B.
Ti mudn hdi ai thi héi nhwng chi dwoe hdi mdl
cdu thoi, Chc ban tim ginp Tt moL chu hoi dd
Ti bift ddy la trai clia lop 10 ndo?
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