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; LTS. Ban doc da quen nhitn voi viee gidi
. che phuong trinh va bt phirong trinh, trong do
dai lugog phai tim la cac bidn s8. Bdy gio
moi cie ban lam quen voi vige gidi cac phuwong
Arinh ma eai phii tim lai 14 cde hame s6. Noi

cach khéac la ching ta lam quen viri vide gl

che ® phirong trinh ham 2.

voi elip s6 duong'a, b ta ¢d thd thanh lap

Pic ditm chung, i ching dén thudce doan

fmin (e, b), max ta, bjl. Cac dang don gidn Lon

¢l 'h eae gia tri trung binh cfng, trung binh nhin,

trung binh diéu hoa, trung binh béc hai.. ma

ta thirdmg gip trong thrtrn;: trinh to4n pha ihi‘mg

-trung hoe, Ta o6 Lhe sip xép chiag thes mot
trit ty nhla dinh :

il

2‘1’ |
GmplE o e
ne el ; b

A1)

- f'('v’a?y"}=f(.

NGUYEN VAN MAU

T

" {ban doc ¢t the tw klEm tra dé dang che b'ﬂ-

ding thire nayh

: Hay liy hoi dai leong trung  binh nlmu VL
coug lam vi dp. T (1) ta nhin thdy ngay ring

bit phuwong trinh ham : :

Eife *‘-._' f b +‘ *

/ ﬂ"l._ryJ = f (_,_____;!g',__) xy =0 (2)

£

Bm . 8¢ nhin moi him [ (z) dbng bién trong khas’mg
duoce rit nhibu eie dai lrgng trang binh f

[0, o= ) 1am nghieém en= no ; trony khi do, phrong
trinh ham tuong tu :

:|:—+-,;a”\i
)

chi et mot ngi‘luitf-m [ (x) %2 mot hing 56ty ¥..
B&i 16 do, cae dang bit phwong trinh him va
phwong trinh him (%) — (3 dirge xem A eae -
‘bai toan ®gua d'\”. vi it it npwai cha ¥ tai.
Tuy vy, vin dé si* khong dom gidn néu ta thiy
chc bai toan (2) ~(3) bling bai todn sau diy:
Nhitng 16p hdm s8 ndo s& thie hi¢n pheép chuy #n
tidp mot dai luung lrung hinh 3da d6i s6 sang

(3)
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mot dai lwong - llung bmh clia hﬁm s6. Vi du, -
xac dinh ham s8 [ (z) théa min didu kien

f E:l:'l'f'f{q)

EL

=L ﬂz g =0

Cac bai todn twong tw nhu bai todn (4) aa
duge phicu ngwdi cha ¥t lau, bii 1@ ching
lién quan chil che dén vige chuybn tidp che eip
80 v ede d.l_y si. Thal vy, ndo him =4 ,f'{:l:,'l
thoa min (4) thi f (2) s& chuvin cip 36 nh.’rra

e via >0
thanh mat cip so (;1(:'?'”

' f ta)); [ (a2),.
khie,

ail agf

B&i vai ede bai toan ta cling c6 chie
-«linh trang» twong ty. j
Ta e6 th® chin che bii todn va chuyén Lifp

cac dai lwong rung binh thinh hai phém. Mot

nlivm gbm it ¢l céc bai toan chuydn ti€p cua ¢

mit dang trung binh, Nham con lai, gom efie haj
oan chuy®n tiép chia hai tlsng trung binh kbae
nhau,

Nhém ¥

Bai tedn 1: Xic dinh cic ham 35 f{.:} litn tue
Vi m(;u x; sao chos ;

i'( .)2 f @+

2

4y
2

= voi moi x.y

Bai uuin 2: Xic dinh .cic hﬁm 88 [ l;r} hén

tue vai-x 2> 0, sao che .

f Vap = 1D T g >0,

Bai todn 3: Xﬁc dinh caec hamn mf(.-t) lign luc
vai x == 0, sao cho

f(jggﬁ): @G -g'.#.m e
ehyloc [l oy e

Nhom 11

Bai toam 4: Xic dinh céc him s8 [ (x) lien
tue vai moi xy sac cho

f( 24y ) i . 2f () f () :
2 Six) +f ()
Bai toén 5: Xac t‘l’mh f (r) lien iuce v(n mm
. sag che ’
f(ﬁ—;i- ) AT )

Bai toan 6: Xie dink f{:l:} lien tye véi o 5= 0,

sao cho
ixp

f l(a_!"i*

> } - 'ﬁ‘{r} [ ),

3

Danh mue cac bii toAn trdng che nhém [ va
It con mhitu nira. Ban doc d& ding fu dit va

> giti ddi vai eie dang  chuy®a {itp khéc (xem
()

phiin bai {ap ap dungj Nbin xét rdng, cde baj
todn 1—6 ¢o iod gidi rdt ngin gon néu ta doi.
héi cie ham s5 [ {::,) 1a nhong him s5 cé dao
ham (hah kha vid G:diy, s& trinh bay vin 1t
mot ph u'un;: phip so cip ehi dya trén tinh chdt
lién lue cia n.g,imm [ (2). '

Dt [ (0 = a; f(}

)

| Cach giai hai toan 1:
Khi t?{'h cho =t =2
ta -dwoe [(2)= (1) - }'fr%)‘“’?,b-—ﬂ Cha
&= 17y=3thiduoe f(3) =2 {{2)= f(1)=35 = 2a.

Biing phireng phép quy nap todn hot, ta thu
~duoe E '
[ (n) = nh - {n 1) a=n fh=a)+a. {5)
Tigp theo. chox =0 ta duae
Jorrfm _ f+d

/ (J.L) =

<

2 e 2

\Ul =1

';’(—*-}:w"'

4

Biing phuong phap (fu» nap to&n hoc, ta thu
dirge : ;

e “Biea :
fk - ) = e o A
Két hop (5) va (6) ta co
b £l ;
fl—;+J = (b-a)——+a, (G
i 7

- St dung tinh lign tuc cfia f(x), tr (7)1la -
nhin duoge
Sl @=k-a e+ oa;
Viy mghitm cfia bai tmm 115
f (J:) =g 4
Gtal ‘bai h:mu A
GiA st ton {als 25 520 cho f (2e) = 0. Khi dé‘
f To —i"l j'f (Jo}f(y“}
( = ) I(fn}‘f‘f{y’}- i
Vay [ (z) =0. ham 6 ndy khéng thda man
Suy ra [ (x) =-E--L Vil mol X

trung do bya tity ¥.

ca iy ¥

= x*{fri nu;u' P

)... L g
Dﬂtg(:: flr
xdm : g(.r}

e |

thi bai todn 4 ¢6 dang :
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Theo két ua efa baitoan I thig (v = cx # a:
coxi e e

Vay
o t
Fitey= -
{cx + al
PR him g6 [ (e lign [u{* Vi moi e da pliiti ch
s ?;a-ﬂ-ll :
Viv e ) e=ddes — R0

: Giai bai ledh 3
e e

colbiNén ,l' {ral ==l tat = =y n-‘m do thi

Lo+ 1}

flets ) = VTG TG = s £

Toe difo kign baitodn, suyv ra

== 0:la m_,"lil‘-m duy nhit.
2} Gid thic f(l )
pit [ {=a>0:1 (1) =abb>0;
: [ )= e:.big ().

Ta et g (0 =g (1']':[ ¥ii:

S bl
& 3 : - o 5 i : ..._.__..
ab T ﬂ(%} = Vab%g(x) ab? gly)

}:‘J‘

ey (““**' ""} ‘:‘v"é(t"l g ().

1

'mn v o= u ta duae

‘ y(i)=1’:sm
sl

i3 s I . v
cho x =1 thi — =1
el )

; I
Cho x == 1/ 2 thi g (*“-—) = L. T% dd suy ra
j i l |
nibn e ,
q F— =1.mg N.
Mat khie :
glil= lg (xi2)P,
3 Ay
y(—*? ------ ) #r;mm}

Suy ra voi x=.2 g @) =].

Yoirxr=1l, g=4§ thi
1=-’I.”g(!}y{3]; Vayg =1,

Voi x=2% yp=4 llli i

-

S dung linh chit lien tue

4

Suy ra g () =1 voi mei a tw nhién,

Do g (G) = T"g (gl n 5';1_15 18 g {==n) =1
Vay : :
g {n) = 1 v6i moi n nouyéin: {3y

K&L hop (70 va (8) ta tho duge g (n/2%) =1,
clim ham sé g (r)ta
SUY ‘rii g fx) =1 ;

vay T (z)=a.0";

B == Aty 1.

S Aaial bai toan 2
L ) = rivi] =0
W NMaw neu £ (= 6l fil sy () s 0 1a
nghidin dll\' J1t1'1l- Ta chi vai )'”i}*"'!l Nép fan
Izu gia tri . 0 sa0 cho [ {ra)=0 thi f{t}

=1 Ia ng’nﬁm duy nhiit: Do @6, ¢o 1hd gia
Ihlétf {c},, RS ' -

1 \-,g@-.:_u-u(:.};__m\ﬁ

PCho g = 0 1a duge f l“}} X

!'}fll e

g{'u)—mf (e”) ihi bii todn 2 ¢d ciae;g

Fadp \ oo e
i1 = p} e " ‘;1:4‘)9(0‘1
e

Vay & nhin dugc bai lodn ahngh}“‘a‘b“
Sux ra f (z)=In (e &3], ; '

Tuang tir, cie bij tm-m dvab de ding ehuyin
V& che bii todn 44 xét. Thit vy, trong bai toan
Bt dit u = Uz, v=1iy vi g (w)=f (1/), ta
58 chuy®n »& bii todn 5 4di vioi ¢ (u). Troug
bdi toan 8 dat u=1/rv=1/y va g {u) = {FC )
ta s# din.vé bai toan 1, ;

-

Bai tap &p dung :
1) Tim ham £ {x) xdc dinh
moi T, thoa min didu kién

f{'vji-i--ﬂ—) 2 fo {u‘}z +«&f if-c-a-}i" i
et : o S

2
vGi moi .

2) Tim ham f{x) zic dinh vi lign tye véi
.r{"‘ i, thés min ditu kibn .

: okt A
S (rs) - Lo
; &%

VoL Eop > 0

23 Tim  haw f (x) xae dinh vd dien
L2 ) thua min difda Litn
2f () LCIVAT: fy}
fLT) 47 ()

vi lién .{l.tc ViFi

e " wai

f ('\‘{.'uy'} ===

Lo L P s
4) Tim bam f (23 xde dinh vi litn tue voi

o= 0, théa min didu kien

; f( vy ) = fix}# [y
T +y i '
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THI VO BICH TOAN TOAN QUOC 1984

(]

Ti-]EO. thwong 18, vdo diu thing ba hing nisn,

Bo gido duc td chire k¥ thi vo dich toan
gude chon hoe sinh gidi toan lop 12, Nim nay
tit cd ehe tinh. thinh phd trong ¢d nuwdeva hai
CMtrwdng dai hoc (dai hoe Tong hop va dai hoc
sit pham T14 "-QIJ 26 khoi chuyén lodn déa tham
gdia. e
Sau ddy & d& (hi lam trong hai ngiv {mbi
nghy lam 3:-bal toan irong 180 phat) va két qué

I. PE THI
Bai 1.
1) Tim da thie ¢hia r ¢6 bac nhd nhit Vi
he 50 nguyén c6 mot nghidm la /2 + 1.3'3
.2} Gidi phwong trinh: .
S e . e
Vit Vi-oly +2)® = Va-o)=0+¥i—2?
Bai 2.
Cho diy 86 ufy v s, .. nhu BAU s Ly = l. uzui,-

‘e 1T dUp 0oy YOI n =2, 3,..,

Day sé o1, 0g... duge xde dinh thee qui Iudt

n
P

arccotgui, 'n =1, Ry
= : :

Hay tim Hm .
n-¥pa 4

Bai 3.

Trong miit phiing P cho hinh yudng ABCD
_canh biang « Trén nika dwong thing 4x vuéng
gm‘ vOi P 1ay didm 8 sao cho S4 = 2a.

1) M va N 1A hai ditm
irén BC wva DC,

a) Xac djnh vitri cia M; N sac ches
BM + DN 2 3/2 ay hai miit phing SAM vi SMN

vubng gée v&i nhau va tich B‘lf DN dat  gid
tri nhd nhdt,

tirong ung di dong

re o fﬁ-“
b) Xae dinh vi tri cia M, N sao t:hu_.‘.’:lja' =45

Vit tht tich cia ti dign SAMN I6n nhit, nhd

‘nhidt. Tioh cac gid {1 da.
2 Q1 didm di déng sao cho O lidn fudno
phin AR, 4D duwéi ede goe vudng. Goi I 14 mal

- philng vubng goe vai P theo gino tuvén 4810

cil 41 tai Q" :
a) vim quy tick eda Q. :
b) Difm Q & trén & 'vé nén &u&ng (!tL Goi R

In gino ditm thir hai khic voi Q olia €O vh (&),

'i g - . / ; : ; - t

hittps ;ffsires. google.com/si rw?én'ungfcieﬂma th

[

¥ b 2 e
th‘tn ring dai_ lwrgng sin® Q'DB +
sin® ROB T mot hiing s8 khong plm thude vio
vi Ari‘enin @ trong do B 14 piao didm cha DP
viri mat phing [l

Baj 4. S
S 1) Cho x va y 1 ehe 80 nguyeén; khong dong
thri bfing 0. Tim gid trj nhd nhit cda bidu thic

minh

\ : A ='1|ﬁr2+jllxy"5y2F-
. 2) Tim rit ca edc 56 duong! sao cho 0,.9¢= '—lg-]‘
e Al

i tmng ido ky hicu {.‘] chi ph.m nnu}. én cfa f

Bai 5,
Cho a vi & Ila hai g6 thwe trong dd a == .
Hay 1ir_u da thirc Pra) thoa min 'digu kign:
z Ple—a)={1—BIP(z)
Béu 6. Cho g(:c tain dién
da IS: = e ;‘r‘Sy == va L;S' =7 Goi 4.8, €

trong tng la gid tri coa ¢de goe nhi dign canh
Sgs S,,, Sw cla, goe tam dign dy,

ﬁ':ryv dinh S, trong

‘1) Chlrlié, minh :
~ a) sina/sind = sinf/sink = sinT,s{nC "

») & + B = 180° khi va chi kbhi A + B = 180°.
"2} Gia st o= 13 =7 = 90° Goi O la lm}l_riiEm
el dinh trém 5z 840 cho S0 = a.
- M ovd N la hai digm di déng lrén S» vi Sp
sao cho SH o 31___5_ Chirng minh ring dai lrgng

SOM + SO."v 4+ MOUN 12 mot hiing 's6 khang phy
thude vi lricha M va N. Tim qu¥ Hich tam'l r‘ua

~ hinh eflu ngoai lmp tir difn OSMN.

1. KET QUi
A. Giai cd nhén ¥
Giai nhat ; i

Ngnyén Vidn Hirng, tnmm Phan Chu Trioh.
Oaing Nam Da Ning : '

&ifi nhi . i '
B8 Querng Dol truedmg HHSP Ha ‘Nai 2
Giai ba

. Cag Hodng !:u. tr'm&ng Le Hong Phong
th&nh phé Ho Ghi minh;

2. Ngupén Thite Anhy trirémg Lam Stm, Thanh
Hf‘]p 1
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3« Vo Dai Ho':! fire, 1:1r{mw Ls Hong P’xnnn .

thanh phd HCM ;
i Ngwyédn Qafe Lan, trwong Lé Hong Pliong

thiinh phd- HOM: by}
8. Nygoyén Thenh (uang, Erlrér..g lhi xa {dn '{!mg ‘

Hau Giang.
CGidl Ehivén khich

L. Bam Thash Sen, truong DH ’5111; Ilr:rp
Ha Nm :

Pflﬂ"l Plird 1£.r{4‘f'\' [ru'-_'}n%,{ Qudc hoe, Binh

: Eu "lluﬂn 2

Hua, ;

4. Ngoyén Mink 4, fredng  Chy Vin Jm,,

‘ Ha Noi;
3. Nguygén Hou Anm, tmcmg Lam "Bog, Thanh
Hﬂa R

. - 6 Ngugln Hodnh Cudng, lrm\nu Trtrl‘r"' Virong,
Nghia Binh; -

. VB fodng Litng, tiwang Lam ‘a(r*i, 'I'imnh

B ftps: pfv’s'ia;es. google.com/sitelle érungfcig?ima:h

i, Lé fhanh Ha, treong Law Son; Thanh Hea ',

8- Lé Bial Frong, 'i':'m‘mg Quéec hoe, Binh Tri
Thitn: : ;

9. Dwong Vam Bink, (riéong Phan Bei Chau
Npho  Finh i

. %5 Thu Thng, irtmug I’h'm Chu Trmh,

- Qoing Nam ba Niing i

11, Boan Ngugén Thupni, frrdng  Lé Hong
I*Eorm thanh phé a‘lu Chi Mink. :

SR eral mm;, dcl.
Giai nhit: Thanh pha 1o Chi Minh.
Giai nhi: Thanh Hoa va Quéng Nam Da Nang.

 Gidi ba: DH Tdng hop Ha Néi, Nghé 1inh,
Ha N6i, Th4i Binh, Ha Son Binh, Ifa Nam f\mh.

; Hal Hu‘ng v Hiu Giang.

LE HAI cHAU .

ey

HUNG ta xét hai bal toan sau diy :

8aitodn 1. Gib st m, n, pla cicsd ngu_}én
khae nhau bat ky, (htmg minh ring

L k k
il L BRAEEY 3 LT P B i

©tm = nMm—p) : fn"‘P}(n—-m) (p—m)(p=n)

la 56 nguyén véi moi sd nguvén k =

Bai toan 2. Gm st m, n. p,g 1% che 58 nguyén
khae niaau. bit kv, i'”hung minh ring

i ; - X :
- : i &
. (m—nlm-plm—q)  (n—pda—gdn—m)
; k : i g
-+ ._i_...f’:. s T ___.__ﬂ___.._.q_- oo R

{p’—-qi'(p-m)(p--n; (g m)ig=n)gn PJ

o ss nguyeén voiomol so nguyen Eo=2 0.

Cée bai toan niy néu giai biing phurong phdp
thong thueng thi rit phlrc tap. Nhung ching sé’
Ard thinh don gf n néu s dlﬂl& phirong phap
nhw sau : ;

(NG DUNG CUUA MOT SO BONG NHAT THUC

HA HUY BANG

Ta 6 dbng nhit thie ;

k43

; (x".'_a}[r-b)(.r-&};vk - et ~—(a+b.+e:}xk+2 4

fli o ;
+ahd-be +eal ;r.] N aﬁm:k1 k=L
-Dai i——na. t=h r=¢ta duges :

i (a+b+c) b i tab+be+ea) a* !

*-abcuk = 0,

k+3 k-2

B b 8T (ahbbo o) g

L 0
: ck 3-—' fa+b+e) _{fL—T"B“I‘ {ub+be+ eal f.‘k 1

e ck = 1'),

Gld 5 @, b, ¢ khac nhau. Chia hai v& ctia ﬂ&ng
thce thir nhs - cho {a@ — b) (@ — ¢), the hai cho
(b-'-c} {6b—n), thir ba cho {c—u){c b) roi ccrng

Bi. ta duoe

-

g 5
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ok tH3 {15‘ +3 ck+:.+'
Iy e i
(a—ba-e) =~ {b=-elb=a) f{c—allc=b)

R N T W1

el

G B e s ! st (b—a).

SKF2 e
4 ol PR Ty S R e
eaimpe T ] b {ab+ bo-tca)
[ .I.-i+] . _ 'hi_;—é-]'

(a—bia --t‘} (D) (homg)-
._._,f,.it;_h _____ ] = qilia [.m,_...,iu_m_ o
{am—g) fr:m—’r} {a—h) {a—r)

B i '

i mhe o S i e st --————w] s
B—ch(b~d)  (c-n)ic—b)
: k=0T
: K - T
: i f
BEE() S et i
s ke =bla~c) (b—cj (h-qa)
: k :
+ _____.*‘_“____; £t
{e ~a)le—-h)
Khi ﬂd (1) trd thanh _
.{3’! ‘Sk {ﬂ + b+ (} ‘:‘B+2+{-‘Ib+uc+ca15k+1 |
—-uﬁcs o

‘Béi vay, néu bitt Sy Si %2 ta eo thd tinh
dwrge S (k >3) nho ebng thire irny todn (8)

Ta tinh b&. S1. Sz lrue tiép tie (2) @
: 4
12 : 1

y (a=>0) {a=— ¢} b= e} (b= a)
4 b = ket 0
fe o akic b) (a =b¥la = chb=1)
denm e S et WS
{a—bHa—-c) (5 - c}{#wu} fcwrf}(-: — b
a8 —bia—o ke lamn)
la -b) fo—c) (=2
i ot B
e B e s o My L
(a —b) (a ~ ¢) (h—g) (b= rr)
= R “b)a—e)b o)
el a0t o
0 vao {3) ta dirge

Thay & =
i ?3;— ﬂ'r_b 1“ I"-}I.

va i u’hj a& 1Inh diroe 84, 53

2

hittps./isites. google. camfsit&’fer-ruﬁgﬁenmath

. Nbir'viy Ia nho (3) va Sy —'S1 =0, S = I,
fa giai dirge bhai toan Evit tinh duge moi thng
S (& 2= 3),

Ta lai c6 déng nhit thie : ;
{x—a)(z—0)(x -

::Txk-"l--i =latbtctd) »

Yz =d) 2"
L+

ok (ab + be t'ff. -+ da} ;uk+z

= Labe o+ bod “Fedd == dah) z bl + obed 2%

fua ST g, By oee d' khfie nhan ; lam trong t
ohu tr um dirore s :

. L L TR
(4} .Sk_‘}q \ {a 4+ b+ o4 d)SE__‘H,}
E (b + be + cd + siu);i:_i_g
rﬂf:lC"]"JCd"Lt‘dﬂ""dqbl S‘?'* ; -+ absds
yvoi (5) :
?s, - ._-___ ____._._._{,]—..k—:-.r--—n.--—...u i :., ; -{;k
K 7 (a—ba=ca—a)  (b- )b d)b—a)
L cf‘__m iy dIt .
(e —d}{cu‘a) Gy (d—a¥d—b)d—e)
ey B

Tinh irge tiép 82, S' S;, S; v ta dwge S; =
=0 v:'i.'ig :_1.

. Thay gia tri cia 87, 5’:; S;; S; vio,. (4) ta

duge e
5."" el __._..._".z_f:‘,.'., EHETS e .E.{h__
T G = b¥a pita~ dj SR r“(!’l“—n‘l(b—ri}
et E-E&'

{e—d)ie ——u‘t(.« = h) 5 (d=aXd—bid—c)

= cr+b-|—c-{-

Nhwr viy T nho (4) va §7 = §* = 5% o g,

Sg = T ta gfﬁ'i dirge baitodn 2 vi tinh duge moi N

C tong 'S:(k :—:’:il.

Ching toi danl cho dde git viée tbng qu.ﬂ
hoa bai todn nay. Sau day {:f_\'.mg, ta xét mot vai

g dung khic cig phwong phap nay @

f{ttpé://tieulun.hopto.org ;
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T

1. Bon giin biku (hic :

v a Ik b 1 :
a” (a—b)la—c) = B*(b+=¢)b—a)
AR
c*(e=a)e=—b) !

L piai @ Bien doi ad hang :

1 % : [
> 2 o L . -_
a“ (a—b)a C}'  a%a?

- Y6i e ‘bidu thiwe com lai. Tir dé ta cd

Ll
: e

Tm--—l‘t

&
2. Pon gidn bidu thic . :
2 S
ala—b)a—r¢) b(b ~ ai(b—¢)
e{c—allc—b}
Lé&i gidi : Dat d=0, khi do
1 pasied

: + o
l:_u-—t_a!(a—c}(a-—d} {b—e)b—dlb—a)
| : ) 1

B&i
; abe

\-“w yi
B Lhtm;, minh ring :
(a+blate) e (b-+e)b+a)
(a—b)a—c) (b — e){b—a)
m feta)leth) . :
{e—a) (c—b) :
lusn 1a sd n}:uvén viri moi s ngu}'én ay byc m;

m = 1.

-

L&i giaj :
Ta thiy :
¢ latolate) (atpte)a™t! + abea™ !
(a=b) la—c) (a—b)a-0)
,Biéﬁ d6i _tl.rrvl!-g b cac sﬁ:"ha.mg sau, ta dige !
. ﬂd{ﬁ ThtekS g FodkeS L.

Ap dung i{ét gua bai todn 1 ta duge didu phii
chitng minh.

o 5
A im. st nhn’n k- nbo

Bai 1/ i34
cho A=k19"%% 1 gy 1953

chin h#t cho 13390.

Lii ahu {ctia Lam Bal — lop 0B, Pl'Tii, thi

xd Thi Dau Mot, Séng Bél

Ta s& giai baitoan dang tong E[Ildi ‘homn: Tim
sﬁ L nhien & nhé nhit sao cho A=k197°H! 4
8422+ chia Wet cho 13390, (Mudn tré vb bai tehn
&ia ta, chl viec Ay ‘n = 991).

nhii soo :

10va

Trirge iién ta thiy 13340 == 103 X 13 X
03,13, 1 nguyén 16 cing nhau. Viy A phéi
Elehiachetoho o3 80 0. St )
Do: 47! = 4 (mod 10) = 8"+ = &(mod 10},

9% +! = g(mod 10) = 19°°+! = 9(mod 10).
Vay mudn A% 10 phii co. fc = 4 (mod lﬂ): (l‘;' e
MAt khic A= k. 19*+! 4 (103 — 100+

S :)]‘3“’“ + 103N
(N nguyén duong)
41103 = &k —1= 0 (mod 103).
hay k=103 m+1. S
Ttr (11 va (2) co m= 0m'+1 —=
k== 1030m’ + 104,

Y

7 e
https://tieulun.hopto.org
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- Ta ed:

A=(1030'm’ + 104) 107°+] o (533 4 10y
=(10%m' £19510° F 13y (8 nguven dwong) R D) T ITED < alue i) ety
4] 13 = 1030m” + 105 = 0 (mod 13). Via+2in << 0 + 1 (2)
105 == 1 (mod 13) =''1030 m’ = 12mod 13, g o : :
1630 == 3 {mod 18) = m" = { (mod 13), (Y aVn s Vatg <= 9Vnii
hay m'=13L + 4.5 = 1030 (13L + 4) + 104 +=>:zn+z+ﬂn[n—zb “n_'_!}
g e Iﬂ)i” 1_:” _lll_ 3‘21 '- & = n-fn-l-""l =ah ] ditng. s :
- nho ahdt khi L = IF"'.. dvsohcan thm la F=yeaf s Y e T 2 (et ]) ditig : : ;)
o hrer hE '1rr CF)y i (20 suy ra ditn phai ching minh:
e i AV 2nt 1l =] A e Ga h BE2R > 000401
Bai 2(134 Cho hai du thire vii he s5 ngigtn - 4y .-;-{F:;—]”wl' F Wasiary) ©
filz)s falz), ff o mfn (i‘;‘i“'u Lign: Da ihr}r : P
ffx) = filx ) L .r_.!‘-u":. Y chia h#t cho ;:; + :::-H ______ _+ J fnt‘-‘}n > 3n I"*Z
Chitng mink ring: {5 -\/I 5 i i Vi & ,,}._+ i‘
USCLN (£101984), f5(1981)) => 1983, ' B nia
Lévi giai (cda nhidu ban). e s i v1 i = Tl e s oo ) (1]
=1 = nw] + el - o) . ' o 2n .
¥ (1) + fm} L alued
Dé théy ; i e 5
R = e, , V'*‘;*?:"H"l;;*"’-” =
f205) — folt)d S+ 2 2000 o Gra
¥ay theo gia thigt thi suy ra ; =1+ ;::'+ 144:'1'2_ = R> i
: efz () + () fa% + 2 + 1. ' SRR el 2
v Suy ra fa()=:fi(11=0. ' ; _ 1+ -';i——:—-;’ B .
Hay f2 (x) va ,ﬁ {z) chia hét cho x ai Twrds - : J
SU¥ ra. - o @14_1*"_;’_}]'4_ Sy ____E?.._
USCLN (f1 (1981), ,fg(ma;]—f. 1983, k ~ tr ain? 2n  15n°
nhitn. k=1 khi fiiz)=fix) =z — L. Sinn whiootn > ;
Nhan xét: Hiu hit efic bai glal khéng o h1 ra A / 3 _"m'
dirge lrurong hep r“:‘mg thire ‘Kd\ ra. gy o —\ i ::> | "TE}."'
: e - 4 > Frisal Ly R
A A fin 36n* ;
Bai 3/134 7in phiin aguyén .t"(.i'ﬂ af}' i Vay khi n > 3 thi vé trai cha f3) 88 lem- hont
s ““‘f"'i'j'!(ﬂ T 4 (V1 + Vo +: +"l e e g :3-!---«§-'.. Viy
+ ﬂ' n 'f‘ i 3 b"rn} : "~ 12n 12n Yon 20
L¥i g ai. Ta ching minh 2 : = dung. i ¥
i (2 4 11 {‘,A e s Suy ra: [al=12a 4 lI khi n b
1 e e Bn 4643 X Trivdng ty,x‘p n=1 2 tinh truec tiép
('V’n(n+ﬂ+"ufﬂ+l}fn‘% 2 + Ving 2im) < F204 12 L
- A=Y ath it HHHHHLH} ©obomaj 4/134 Bs mat cha khoi !-a-p-pil'mwng fiu
" fch duwge chin théph 51 6 vudng bdng nhau

+ ‘V'{n +2)n <'3n 4 3.
https://tieulun.hopto.org
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»

grrr‘r ta ditng 54 s8 {y nhiéa dﬁu lan dank 65
‘31 d vudng dd.

Chitng minh ring bdl ki cdch dinh 50 nag
théa mfn ditu kign: hai sé tw ahién lign nhan
dirpe danh 8 vdo hai 6 k& nhan h‘lm 4 cd canh
chung). bao gidr ciing iim thily hai 6 podng ke
nhan ma hién che hai s0 trong do > 12.

H#y chi ra mﬁj ciich dénh $6 sao che h:éu hm
s3 & hai & suong ké nhau bao gia ciing < 12

LTS. Tit ch cae ban gidi bai nay dén khong:
Tuy nhién, do so sulit toa sodn:

gidi tron ven.
da ddog khong ehinh xicdé ra cha lie gin. Toa
shan chén lhm]h xin Ibi tAe gia va ban doc.

Durdri dfn Toa soan xin ding ]n1 dé ruvh l(‘n

gidi cua fac glé.

Pe bai: B: m{ih‘:lm khai lap phmmq R~ Mt‘h
‘dirpe chia thdoh 54 uu@nq biang inhau: a‘.’gudt
ta ditng 54 sés lg nhién dlu tién dénh s6 53 8
pubng do, thea nguyén tdc : ket 56 ly nhién liEn
nhan dige danh 58 vao hai ¥, nm’}ng k¢ nhaw (hei
4 co canh chung) :

Chr,r.-tg minh rdng b&! ki edch rfém st nda bao
. gio ciing tim thiig hal 6 vebng Ké nliau md higu

clha hai s8 trong do 2= 13.

Hﬂy chi ra mgt cach ddnh sd. sac cho h'éu hat
83 ¢ hai 6 vudng k¥ akan bao gié cing il

Lérd gidi : X4 dinh day ofia l"Lp huung
chin mit xung quanh cta fap phuong thanh ha
lap, mai lép 126 vudng. Xét i!ﬁ]} ,<,,1u'u vi chdn

ba & ('éu'h déu nhau irén do. Gid atr ha =0 a, I:_

e voi a< b<c la ba sd ghi trén ba & vubng nay.
(Dudi day ta goi tén ecdc O lm.:é, chinh chAc sd
“ ahitrén d6). Ta xéL 5 6 gdm: 6 a. 8 ¢ va bao
pdm gifrtn @ va ¢ Hién nhiég trong 5 8 d6 ¢o

th2 chon dige bai 6 ké uhau m, n sao cho me
b<"n {m c¢6 th® trang v&i g, n co thd tring voi,
qua b

e)e Vi cac 6 litn tidp . m dén n piaat
nén dé thiv n—m 2= 11,

it m din n hofg chi

https:/isites. google. comisite letrunglienmath

chirng -

‘Néu o — m 215 thi bai toAn duoe
ininh. : el - :
Néw n - m < 13 thivo rangche & litn 1iép di

14 ehe'd thude lop giira,
hode thude lép gifra va mol trong hai lép lrén

Py

hode dudi. Ta gif si cde 8 nay Lh&ng thude 1dp

irén. Khi d¢ cic 86 & lop trén ndm ngodi doan
[ on. 111 .
Xét hm & mi, nt & lap'irén twong ong kB voi
m; n. proah 3
— Wi g <om thi nl < m—2) khi 4o n— =
R 2 2> 13y v oadla hat 0 cin tim, :
= New omi<on thi mi 2 nb2 khido my—m=,
n —111-!-2 22 13, m va mi la hai *.,- chn Lime-

Ce Néuomizen, mis_m thiomy v oap ld bai 6

SSRAT Hm

Fﬂch danh &6 thoa min de ]Jéu nhu sau :

< i P
- 1 46 | 43 |52
47 |54 | 51
| |
48 | 491 50
G e B B B
86 | 87| 38
123 | 21 | 25
i
TR T
A S :
95 | 22 ! hEE e A R | 26" | 39 l
g Lan oo s {4 | e er a0
53210 7|6 i' 5|15 l 28 | 41 !
; LT l_ """ = 3 L
& 18 ; 17 \ 16 2
PR, lgl____.,u.__,
331801 20
4l |43 |4
P ¢ L
f
i THONG BAO
pil diu i s6 4 pdm 1981 tré dj
gid mdi s6 bho THVTT li 2 ddng.

g .

hitps://tieulun.hopto.org
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Bai 5/134. Tim {8 cd cde n'gfu'a:‘n Attu 1 cila
phuong trinh : :
>

2 =3 oi=

¥ P =5
el giai {cha
Ha Nai). i
: Phwong trinh di cho tueng ditong vai
¥ = (a=1) (32 +5).
bat y = klr—1). Viz, phitu lv, gln k& hivu ty.
- Fa b ks

D3 Qmang Bai ~ 12 CT DHSP

iz 1P = (=1} 3z +5).
- Phuong trish cd nghi¢m hira I{ x=1, yﬁﬂ.
—~ Néw z—1==0 ta cé
¥ (z-1) = 3z+5
= {kzn—ajr:f.-z_—!-a
. (k%45
2=y

Vay t4t ¢ cic nghibm hitu t§ cha phuong
teimh a0 ;

o (% +5) 8k
_ (1 ~3) (1 —3)
voi &k & sd hitu ¥ bt k¥ khac 3. -

E.B'Kl

Bai 6/134 Cho solidt | @ { thod man dida kién

el s o e
Hay Hm dedu kign cin va 46 451 véi 2 vd xp dE
- trong s8 ligt o vi 36 58 ngayen.

i 1 ;
Lét gial, Dat rp = —— ; t diku kitn ola
In
ddu bai ta suv ra T iru_!_f oL viri

ol n=1. §-3.... Viy frﬂf 1a cdp =8 cong.

Néu ed w8 s6 86 n sao cho &y nguyén, khée
khong, thi ciing véi cac s n dé ta co

.“lﬁrn&-‘:l‘

RKhi d0 edp s6 cong vo han ry pbii co chig’

sai bdng 0, tire 1o 71 =2, =58 nguyen.

10

. Bao lai nbu xi==us 13 38 ng{:yén kh4e 0 thi
In = Ty Dguyén voi moin. -

Vay ditu kién cin va di phdi tim 14 : oy = a0
14 s8 nguyén khae 0,

BH.B:K.

- Bai 7/134. Tim tit ed cde gid .:r_i'.ni'sao cho .

_’m:ﬂ‘u + (1 -*'n'):rﬂ-"&: 1
khi | x| s 1.
- BOi piai (oiia I'rang Lam Bing va Vo Thank

Hing-—11 chuyén todn, Lé Hbng Phong, Ha Chi
Minh). ; : :

: E}a_itl flx)= mz®+ (i '---mfl x. Ta ihi;ﬂ Flx)la

ham 1¢, nén chl clnxétxtrong khodng 0 <J1.

Nhung khi ¢ = 0 hoic = = 1 thi thiy ngay
fH{2) 1< 1, néa chi con phii xét = € (0, 1),
Ta up' '

@ <10 1< me’ +(=m)s < 1
= "-"(If‘l‘l) 5—: m (,1“.3“—..?:) fi; =z —1)

R |

R r3: -~ T e el rsmx{_f(l]
T —a i il T 2
s i S
e e L e e e (1)
alx~1) ‘rf{x 1) ot
‘Bfing - dao ham, tinh ¢ure dai wvi ci_n: tidu,
fa el i : ;
f 1
ale—4) > — — s ey RO
: iy 2{x—=1)
: 5 : ]
et} 2o - -~ = 2
Sala 6 2

Vay voimoi m trong khetng 4 2 m = = 1/2

thi ¥6i moi 2 G0, 1)1a den cé (1), va do dé

sé o | f o<1

Phurong trinh #(x+1)=2~a ludn c6 nghiém
“thue thuéc (0,1} y6i <72 va nho iy ¥, suy ra
vai m<_ ~1/2 {1} khéng thoa man.

Tom lai, cac gia v m cin tim la

= diramang

Nhon xét : Nhidu ban 3 giti 61 gidi bai nay,
song khong It 167 gidi con sai sot, '

N

P.H.

https://tieulun.hopto.org
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Bai 8/134.
- Hay tink thng
E : T g :
B e
i=o |tcosl :
Liri giai. Trade: hét la chitng minh

thire sad:

¥

httos:/sites. pooale com/siteletrunglaenmarh

diing

Ap dung etng thirc
208 2= Se0siT = 1,

Phi Nhugn, Ho Chi Minh) Ngupén #Phi Quy (10CT
Phan Chu Trinh, Ba Ning), Vi Quy ULwong
{Ao 12, DHTH, Ha Noi}, Trin Duy Hinh (11C,
Trung viongs Quv Nhon).

: : ' TN.T.

Bai 9/134, Cho géc x0Oyp ef dinh

_ A4 chay .
trén Ox,B chay trén Oy sao cho J

n .
iy . o
I g 2'e=cotgr — -2“1-1.(',0155 gtk e g
i=o GA a8
2T i : trong d6 a, b Id ede d§ ddi cho trude.k Ig mo!
Vi o e Ve B Je= nguytn, Thiue vy, ti cdng s8 cho trude. Tinvvi irt elia .-i va B d’ (m ufa{l
' AOB ¢d chu vi nhi nhii.
thire tg2y = g'i ~-, ta 06 gy = cotgy —2eolgly. Lo giai (chia Pang Vi Son —lop 10 CT, BDai
: L —tg%) : - hoe Thng hop Ha Noi). Trede titn ta chirng
Do vay dit gy =2'r ta co: minh cal tuyén AB théa min
n - 5} i i a b
: i i1 e R L T
T oaigale= B t?icotg21£*2i+j colg? i 0a - 1% k,
jz=a i=9 i 2
x
= {:ntg:-2n+].cotg2n+] A
(1) da duoe ching minh.
Ti (1) i&v dao ham hai v& theo x. ta dwge’
ooy ! s &
= e tis e sk ; ; '
e sin®k sin{ 2ty

s& luén di qua m{t ditm cé dinh M. That viy.

ta di dén !
E n i dﬂlﬂfk:ﬂacbfkﬂhola 36:&‘0!(}&"'&0}‘08:1(]};
5 4 Liy trén Ox didm 4, sio cho Ode = ne. Qua
e cos2Hix Ao ké dudmg song song vai Oy, dwong nay cat
40 AB tai M. Qua M. ke dudng song song vaéi O,

e {, it d R ). T qay  odt Oy lai Bo.

N sin sl 2 i st : :

Cuéi cang, liy ¥'=1/2 {dd do radian) - irong O4,/04 = BM/BA va OB,/OB = AM/AB w=

mien xae dinh eta (2) o co:
n i
LB L BT,
=] 4 !. %
l+cosd

e

(7

150
e e i
2 b sint @™ O sintd

hav dang khae 12

2) ]

5 ::_.ml——- (4ot - 1) + 2. 4" cotg® (AW
a

e
«~ —= colg? (/2.
b

'Nh.gin'xé{',' Danh sich céc ban gidi trong doi
Nguyfn Binh Kim (12 Ajp

tot. bai may. ia:

OAJOA + ORLJOR = 1 NMlnrng di cd 04,50 Va
{1) == (1R =bs tite M. 1 didm ed dioh irén AR,
: Bai todn trd thinh xic dinh cal luyén AR qu;
M o6 dinh sao cho chu vi 2\ OAB nhd nhit
; :

- §

https://tieulun.hopto.org
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hﬂm&fm..face baa_fc. comile rmngkfmrﬁ

Qua M v& duing trén (e} tAm C ti:‘z-p e vai
Ox tai P vd Oy tai ¢ Ké A¢Bg bt kv, qua M®
va I cht tuyén ofia. vong tron
va li€p xie voi (). Ta thiy sgay chu vi eha
A ds R r:[l-n hon chi vi A QAL B va biing O P+00
bay 20 P. Mt khiae AB qua M tiep xie vai(e)
nén A OAR ¢6 chu vi biing cho vi cla A OAsE2
bing 20 8.

B xhe dinh A va Bia lctlII nhir sau: Xde dinh
didm M co dinh bing cop didm A4, B, Ve vong
tron (e) 1wm € tiép xie vei Oz Oy, Sao cho
dean OM nlim ngodi (c'), OM kéo dii cit ()
tai M Qua M Ké daong soug song voi M'C, odt
0C° tai €. De dang chirng minh vong tron tam
G bfm kinh €M tiép xie voi Oc va Oy

Qua M v t1ép tuyén cfia vong tron tam c né}'
Giao diém cia ti€p tuvén voi O:l vi Uy cho ta
che didm 4,B clin tim

NPT

Bai 10/ 134 Chirng minh .ﬂ-:mg nFr: mot rn-g:ic

ngoqi 1iép c6 eanh a.b, ¢, d od dién tich S= Y‘abm‘

rm i gide do la tid gide ngl 11¥p.

o+ a% —3ed cos €. T do co v

w2 £ 5%~ 2ab (1 = 28ind A)2) =
c? Fdt < 2ed (1 = 2sin® 6/2)
5 (a-b)® + dabsin® 4/2
- =(c—d)? - ded sin? C:’I’;_
= (a=~b+e-d la ~b=c+d -

= — 4 ab sin® A/2~ 1 cd sin? €/2.

{c). A2B3l 418y "

vy A, B chinh 14 hai didm cin dm.

, 01 gidl. Ta co BDL= a2 p? — gl epa A=

Nt gide Ia 1'|gm‘ti lifp nén o0 a-f cIZ_ bod
Tie dé tn en:
fuf sin /2= "ifﬂb sin Al

Mit khae i) fuﬂ‘mff:Sl_\'dc_“msﬂﬂﬂ

1)

+ Sppe— M2 ab sind + 1/2 edsin. €
Chia }1.'1i i dr'ing hire nay cho ab ta 0o
9V ed/V (;Ea--— sin A+ f,e‘n'fab} atnf.
S dung (1) 'ta di dén:
2AsinA/2M(sin12) = sind -+ [Gind A ind D)
X sind
=ifsinrf2) =20 42 -F_.'T':sin.i,f':l.fcf?sii.'i!’.'"{5'141(,'.-"2)
& 1= (sin2/2) (cosA/2) + (sin A /2 e0sC/2) =
sin' [(4 + C)/2)

] Vi, 8, €, D 1a cde goc clia ﬁnj:t tir gife nénta ed:
. AR CI=T/2hay A+ C=T
 Viy tw gidc ABCD 13 (v gike nbi tilp.
Nhan xéi: Cac ban Huynh Bic Thiag (11C,
Trung Vuong, Quy Nhon); ChE Quong Quyén

2 {114, Long Thanh., Dong Nai), Lé Bucluiia | 111

Trung Yuong, Quy Nhon), Haynh Vin Fhan
(16 CT, Nguyén vén Trbi, Phi Khénh) e 161

: guil tirong d6i ol

T. V. T

Bai I/137. Ky hidu -8 {n) 14 wée 56 18 1én
nhdt cha sd ty nhitn n. Ching minh réng véi
mointa co f T e L

IS 2% |

§ B e i b
k=1 k : 3

B85 Bd Khang

12

_tin 12 bbi 36 clia 0k,

Bai 2’137 Cho n 14 m(ﬂ 88t nhién, '."lﬂ.i’n,n:
minh rding néd phuong trinh 3* + oy~ =n
cH 1t nhil mbt r'ghnam ngutén ‘thi co-vd 56

: ngh:ém nguyén.

Trin Xudn Pédng

Bai 3/137. Cho day Phibonasi xhc dinh nhir

‘s4n

=1, o1, ua=On_4 7 oo Vi ni= 5
= .

Chitng minh ring néu n 13 boi sé eta k thi

Trin Onang Minh

https://tieulun-.hopto.org :
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Bai 4/137, ('.i.}ﬂ‘ xi. 22, 3 [4 chc nghiém thye

© cha phtwng Arinh

2 tar +x £ 0=0, b-*ﬁ
Chéng minh réng
(@ = 1)) (g = 1/22) + /(g — 1/g) Ty =1/ L)+
F (®g — 1/xg) (11 - H{TP=A4,
i ; N_r;luyén Fin Mﬁu.

Bai 5/137. Ba goc x.7. 7 thia min digy kign -

P gy 2
cosz o cosy + cosz =10
sinz + ging + sinz=10

Chirng minh réngx, 4. z lip thanh m6t cdp

v al aﬁng, vé&i cong sai 27/3.

Phan Bice Chinh

Bai 6/137. Cic s duong 4 va B phai théa

min didu kign gi, d& ton lail_ﬁl 50 drong ues Uy

uys 0g, ug 14p thanh mot cdp s6 nhdn, véi -
etup=d,nj+usg=8B7.

: Phan Birc Chinh

Bai 7/137.
i i
Pit H (i, m, n)= Si=15 B o
x - [ 8 R
trong dé n nduvén 2> @, u 14 cip sb cdng

gom n + [ 6 hang Og Upe.sttns 56 hang diu g,

v cOng sai khae khéng, !':ij la th hop chép &

ol n.

b -

h ﬁps :isites. google. com/si tw?ér}"u ngltienmath

1} Chirng minh gia tri clia ¥ (a, m, n) Lhéng
phu thude vho cip so céng u khi m <n.

., 2) Tim gia trj nhé nhdt cia m da H (gy m, n
phu thudc vio Ua. ;

Ta Vdn ?'gr

Bai 8/137. Cho .('i,u-(”mg thiing {d) niun ngodi
duréng tron tam 0. Goi 8 li chdn dudng vubdng

‘ghe ha tir O xuéng (d). K& cal tuyén SAC va liep

tuyvén SA. Goi M, N la giao cia AB ‘”I AC wai
(d). Charng minl SM = SN.

Ta Hbng Qudng

Bai 9/137. Cho t¢ dién ABCD. Quatrong lam
G cha tir dién ta dung mot mil phiing (P) tay ¥,
Goi AA1, BBy, €Cy, DDy 14 khoiing cich ti 4,5,C.D
dén (P). Chirng minh riing mot trong bon , doan
thing 4A ), BBy, CC; DDy biing toéng clia ba doan
thdng con lai. 3

L& Qudec Hdn

Bai 10/137 Che mot dudng gﬁp khie 4442...
An khép kin. khong dong ph ing; ciic ditm 44-
ddu thnde mat ciu tAm O, ban kinh R cho trude.
Xé1 biku thirc

f
d=- X Ai B,
i=1
trong .46 B; 1a hinh chiéu vudng goe clia mat
didm B trong khong gian xudng Aidppr teong itng ;
(Ang¢ == 41). Tim vilri cia B d& d nhd nhit.

Pham ﬂﬁng Long

Tim hidn siu thém loén hge pho tlmng

PHUO NG PHAP HINH HOC GlAI CAC BAI T{}AN
TIM GIA TRI LO’N NHAT VA NHO NHAT

’E‘E" friete chimg ta da lam quen voi “che bai

s todn cue tl:rl bién hoje it didu kién, Trong -

bai nidy strinh biy moét phwong phip pidi

dE hidu d6i voi mot s6 bai tefin cye tri nluéu
bién v nhidu didu kign.

D& lam rd noi dung v edch vin dung phuong

phép néy, ta trinh bay thong quacic vi dy iwu '

bt%u dl,rfn day 4

TA VAN TU

¥i du i3 Thn gid tri [on nhdt vh bs nhit ela

him s6 y == 1)—22 lrén mién G ¢
( (r;-ﬂJE'-"l-{-.L'z 3)2>‘3o
:rf +t’.::_;a . 4}'5@a 25
b o g f&:i

£ 0,08 P
| i
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Loi giai : DO thi bituo dién mitn ¢ 14 mibn
gach chéo (rén hinh 1. Pothi clia ham Ty = gy =
g, y ¥ bdng s6 nio do, 14 tinh tisn db thi A
wia ham xa = &3 mot lirgng (=g} theo truc xa.
Gia sir gid tri lom nbil yoe (Geong ty gein) dat

dwoc taididm €z , 2] ) efia itn 6. Dibu d6 cd
L _ i) : gaag

‘nghia 1A h¢ - e

[ T4 X2 gmax

(zg=6)" + (go— 2)¥ e 25
) 9 st
a:]+'.’:rzw 4y =925
—-23r4 + x2 = 4
Lzt =0, z2 220

co it nhidt 3 ligfrig!m 14 {:::; ,:r,’, ). hav dd thi ham

Xz = xl = ymex ¢6 ditm chung vai do thi biku
dién mién G. Nhr viy d® tim gmax hodc ymm
trén G, ta x&c dinh vi tri thich hop cha d& thi
a tinh tign efa [\ v ¢6 ditm ehung voi'de thi
bitu difn mién 6 ma & 46 12 nban dewe gif
fri 16m nhil hode nhd nhit ein tim. Do : ( ey )
£ ¥ < (—pmig) v6i g = rt— 35 (a1, 121G G,
nén gmin twong tog véi vi tei dd thi eno nhit

Vi Yrax Lrong trng véi v tri dd thi thép nhst:

trong cie do thi la tinh tidn-eda /2 mi ed ditm
chung véi d6 thi clia mign G. Vi tri d& (hi eao
nhiit 14 di qua ditm A va vitri dd thi thip nhit
24 di qua ditm B. Giai he phwong trinh

% -3 (s ke e
v1 + (22407 =25
vii chi ¥ toa dofelia didm A déu dwong ta cé

on 46 ciia A 1a (V5, 4+ 25 ).

i

Vay yain = V56 — @ +2V5) = ~i'= V5

Burong tron (z;——6)" + {za=3¥ = 95 o ltue

. hodnh {8l cde ditm B va € véi cde toa do lirony

wng 1 €20 0 va (a, o) VAY paiak o T =

Nhgn xét

Mudn lam 161 phwong phdp nav can vo da thi
nbaoh, chinh xic va phii biét cheh Bip ludn
trén do thi. Cac ham s the'trmg gip 1a:

1) Y= axtb— co dd thifa dudng thiing.’

2) y= (o~ a) - (ao—p)°, y 2> l—c6 an ih;
la dwang tt'é_a_rr Him {a. B) Bin kinh __fg: oo

3} 'y = gx? +hrd e 0 ==~ dol hi ia l’.arulml._

) Ty = b, b ==~ ch dothi la dudng Hypeehol, ©

Cac tinh ehél thwédng dang i

1=Dad thi bam s6 y=flr+a) 1& tinh tién a5
thi clia ham y = f(z) theo true x mot Yirpng (= a).

2=Dg thi him s6 p = f{xj+b 14 tinh tién db
thi hiim y = {(x) theo true g mot hrgng b,

Vi du 2: Tim gid trj nhé nhit va lon ohit
cf;&_ bam s6 F = dry+6rz vii che dicg kign':

Ty e e 0
Tit+dxz =8,
<1 X 64
05 22 *@;af

o

£
'51'* j‘?"ﬁ
g,

i e

L A

. Hinh 2

Loi gai @ Bolthi mitn 6 drrereibidu - didn bling
_n_n'i?u gach ehio trép hinh 2. Hing Ta= -——2"xl+~L
voi F 1i hing ad, 6 db thi Ia tigh tign d6

; . . 2
thi A cia ham 2= — = xitheo irue £3 mét

iuqng Pll'lﬁ- Do FmiuﬂF{Fm;x Vi s 4;1'1"
Gr2 (xys 2) GG, nén Fmax lwong tug vai v
tri cuo ohil, con Fuyy lwong ong vai v i

https://tieuIun.hopto.org



 hetpsiiwww facebook.com/letrunglkienmath

do thi thip nhit trong cic db thi 14 tjnh tién

- clia A\ ma c6 ditm chung v6i mign gach chéo.

fa : 2
Hi sd goc cha eie dwdng thing az = — -5—- E1s
¥y = —ry kel as = - — rpF2 lEnilvot
ok : y ;
tgx = < 2/3, 198 = —1, tay = -1 Viv eie

goe o B, v dén 1 va B<Za<ly do him y==tglx) -
tdng troag khodng J0/2, 70), Tir 36 vi tri do thi
cao nhal b di gua didm A, vi el d6 thi thip

phal 1 di qua ditm K. D& ¢6 foa do cda didm

LA L (5 B) tonedd oba didm B 14 (0, 2). nén:
Haoax = 4 5+65 = 50 vi Fuig = 4.0+62=12,

¥i du 3: Tim gia tri lon nhdt vi nho nhil
' efia him y =] 2;— 1) — x5 trén midn G

Hinh §

Loi giai ¢ DO thi mitn G 14 mién gach chéos
trén hinh 3._1:"11;.; viri moi g, A6 thi ham sd 2=
fx; = 1]-—yg & linh tién @0 thi A\ eda him
vz = |zp —1] theo true xz di mot leong { —y)
Do {—lmax} {; =l {’L ~gmin? \‘r';fily = | if i
=g, (b, va) € G nén ymiy Lrong  ong vai vi'
tri dO thi cao nhét, ymax trong tng voi vioAri
d0 thi thip nhdt so voi trye a2 trong cde do thi
I linh tién coa A mi o6 dilm chung.véi mién
‘gach chéo. Vjiri db thi cao nhdt Ja di qua didm
A, vi trf do thj thip nhit 14 41 qona didm O, Toa
df clia cdc digm A va B df ding lim dwge la .
(i 6) vi (& 0) Do vAY gpa = | o=l | =B =5,

goar = ld=1lap = 8,

hitps:iisites. soogle. com/siteletrungldenmath

Vi du 4! Tim !gia trj 1om nh&t va nhé nhit cia
ham Z = z¥+4* vai he didu kien :

ek
o - TS <6
s Ty

L&i giai? Bo thi mién & 14 min gach rhéo
trén hinh 4. Ung voi méi 2]
4 dwdng trén tam {0, 0) ban kinh 1"! DE lim
Zraaxs ta Xfc dinh duomg tron tam 0 {0, 0) ban
kink lon nhil va eo didin chung voi midn gach
chéo. DE dang thdy dudng tron ohue théla di gua
ditm 4 hoac N. .

Hinh 4

f..."g."}‘%y':ﬁ' s

feial he { ol =iy = 11ta cod loa d5 cha diem

A 1A (B/5, 5). '['1rdng b ioa dé efia N 1a (5, 174),
=

Co z, =165)" + 520644 vh Zy=8% (11412 =
i : :

i A g :
%5 ———. Vay dudng tron cin tim 13 diqua ditm

i6

Avh oo Z = zA = 26.44. -

max

be tim Zpyn ta xace dinh dwong teon tam (6, 0
et ditm chung v&i mign gach chéo va ¢ ban
kinh bé nhii. B8 xac dinh toa do efia cac digm
B vi M ta gidi he plwoug trinh

Vi chi ¢ hohnh 46 cia B bé hon hodnh &€

0 LRI e R AR
L eta digm M tacé B 5 ; ; Vi
: : 4 4
M (5-':-5{'-’- _‘},IEE?_,) Ggl O Ia didm gis

®

£ '15

=2 db thi 32 -J-yzzz_ :

“
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chia dogn €0, tpa do cia € va Qi tﬂ; i) va ({-,_0}

h=VE
nén 0y c6 toa d0 13 (2, 2). Do --w-—é——uff,z. ndn

ditm € va B ndim cing phia a6i voi didm Ty ol

Lai do A OCQ can, nén 00 | €Q. va theo.djnh
ly & hinh ehién va dudens xitn,
mién ABCD diém B gin géc toa 46 nhdl. Ly
Jdudin teong !fr--l:a. ed tiong mién {J-'e:H,'P"thi digm

2= v’ﬁ

M ghu goe'ton dd nhit. Nhirng c6 Z

min

Zu e V‘} + nkn dtmng_.g tron - ean xbe dinh o
14 di qua didm B va cc':- Z = Z =11-5

Vidu 5: Tim gi4 tri bé nhit va lén nhdl cia

: 3 i
ham - s8. p. = T8 —a, el x voibe ditukien:
EI 2ryF3i0 56

; oy e w4
B "Eﬂ'i 20, xp 22 0.

C(BALS lmm:; muc D8 #a ky niy »=—PBio THVTT
8 101).

Lo giit: Dd thi cda G-1a mien gach chéo tvén

hinh 5. Va&i mbi hdng =8 y, dd thi ham 86
IR P S s
2 = 5'-" = 2ry ~ y 14 tinh ti¢n dd thi parahol
1 & A
A\ clin ham zz = v = 2r; theo'trye zsmot hrong

A =gk BR {im gyiw ta xde dinh vi Iri dd thi cao
nhit trong ecie dd thi 14 tinh tifn eda /A md 6

ta oo lrong

DANK SACH CAC BAN THI Gihi TOAN

didm chung voi 40 thi eda mien 6. Do thi cAb
tim ti€p xic wdi-dwong thing 2xq +Fixz = 6 tal
‘ditm A, DR tim gif tei hoanh 46 cla A ta giki
phweng trinh ¢6 nghiem kép:

HL 2
b e ST ol A e SR
Tl o Xy 2ry Hebeos
(1 5
Ta ebd xy =2 /3 va {h":ng thod od yom= —22/9,
Do A thude dudng thing '}11+'%.12—-6, nén ta co

tung df cia 4 la x2=14/9, PE Lim Vmex ta xic

dinh vi tri do thi thdp nhil trong ehe do thi la
tinh tién cha A va ¢ didm chung vai mién gach
chéo, D& thiy vi tri d6-thi cin tim 13 di qua
dIEm 0 (1 0} ﬂ'ou. B(2, 0) va b pae = 0.

LA ]

1Tigp theo)

f’\lgufy &n Hiuw Tudn (BA Frung Nhi, Ha Noi) ;e
Triin Quang Kim (111 Chu Van  Af,- Hi Noi),
Nguyén Hau Hanh ({1 P6 Hing Vuong, HO Chi

Sinh); Ca'Minh Ngan (12X Hing Vaeong, Hi Ghi
Minh)., Nguvén Dpy Hong (Ngd Quyén. [HHii
Phong). Trin Dire Tuio (11 chuyén loin, Quée

hoe Hué), Nguvén le Tuin (10 chuyén tein,
Phan Chu trigh, DA Ning), Ngo Tdn Vai (1002
Frfin Pha, Ba Néng), Phan Ba ‘Trinh, L& Yiat
Tin (& Cao ding Su pham Nghia Binh); Nguyén
An Tan (10C), Le llm-n Thanh' 10,0, Nguveén
“ Hoang Kim (10B), L& Xudn Thanh (11 F), { Trung

Vuwong, Qui Nhonl; Trinh Bao Chi¢n, Nguyén

Anh Tufin (11G), (An. Nhon 1 Nghia Binh):
‘Phan BPire Bio {(11E An Nhen II, Nghia Binh):
¢ Duy Can (MHoai Nhon I, Nghia Binh) lrin
Lue Lang (11 Tuy Phwoe 1D, Pham Moai Trung
{94 Thii Nguyén, Phi Khinhd; Huynh Kim Linh

..(L!‘- Lai, Dong Xudn, Phi Khanh). Cso Vin An
{104}, Nguyén

Trong Bio (101Y fAn Khé,
Lai—-KonTum}). L& Ngoc Thiang (9 Pha Phong,
Chau Thaph- Tidn Giang), Nguyéu Thanh Quang
(S6¢ Trang, Haun Giapg). Bang Vit Giang (Khou
Luw hoe sinh, Bl ngoai ngit Ha N¢i). Vin Thanh
{Binh Lap, Lang Son).

In 11550 cufn tai xi nghidp in 75 Hang BS - Hangi S6 in 141/84,

In xong  va gl hra Bhidu thang 10/198¢ Chi s8 11884
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