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Céac em thin mén !

Tir ném 2017, theo tinh thin @i méi, mén Toan dd chuyén sang hinh thirc thi tric
nghiém (50 ciu lam trong 90 phit). Noi dung d& thi bao quat toan bd chuong trinh sach
gido khoa, ting cuong phan hoa va cac ciu hdi m& rong nang cao. Phén kiém tra kién
thirc co ban dung d& xét Tét nghlep va phan néng cao dé sing loc thi sinh trong tuyén
sinh vio cac trudng Pai hoc, Cao ding. D2 thi dam bao ca 4 mic d6 : Nadn biét, Thong
hiéu, Vin dung va Vin dung cao.

Nhim gitip cic em chuén bi kién thirc t5t nhit cho ki thi THPTQG, nbom téc gia
d3 x4y dung khéa hoc truc tuyén trén website Moon.vn (Pro 8.A.T) bao gom céc khéa
hoc: Luyén thi, Luyér dé va Téng 6n theo timg giai doan hoc ctia hoc sinh. )

x 2 ‘s

Mdi don vi bai giang trong khoéa hoc bao gbm : video bai giang, bai tip tric
nghiém va dap an, 11 gidi cac bai tip d6 trén hé thong Moon.vn.

Tép 2 chia b séch ProS duge viét bam theo hai chii d&: Ham s6 va Mii, Loga.

Pidm dic biét ciia cubn sach ndy 12 hé théng tra ID céc bai tip tw luyén. Sau khi
nhép méa ID trong séch 1én thanh tim kiém trén website moon.vn, cic em c6 thé ngay 1ap
tirc xem duoc 1o giai ch1 tiét clia mot ciu héi trong mot bai bat ki. SO‘ hifru cudn séch
nay, céc em s& khong cin phai in ti liéu hay tim kiém tai liéu minh cén, tat ca &3 dugc
hé théng bai ban va khoa hoc.

B0 séch Pro$ s& tiét kiém thoi gian chuin bi budi hoc ciia cdc em, tranh viée thét
thoat t3i liéu do in roi qué nhidu t8p tin nhd vA gitp cic em dé dang theo dai tien d6 hoc
tap, dong thdi 6n tip lai cic mang kién thirc mdt céch hitu hiu nhat.

Hang nim, nhém tac gia thudng xuyén cip nhit va 1am mdi gido trinh, tai 1iéu, bai
giang. B sach ProS véi nhimg déc diém wu viét trén s& gittp cac em hoc tdp dé dang
hon, tién thing t¢i dich moét cach nhanh chong.

Du rét cb ging nhung chéc chin trong qua trinh bién soan céc tic gia khong tranh
dugc nhitng sai x6t. Ching t61 rht mong: nhan duoc nhimg ¥ kién dong e“p quy bau cia

quy ddc gia, cac em hoc sinh, dé cung cp cho ban doc ban cép nhat, bd sung mét cach -
nhanh chéng nhét.

Chiic cic em thanh cong !
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TiNH DONG BIEN, NGICH BIEN CUA HAM SO
(Phin 1) [TV6043]

I LY THUYET TRONG TAM VA PHUONG PHAP GIAI TINH PON DIEU
CcUA HAM SO KHONG CHUA THAM SO
1. Ly fhuyét trg;ng tam.

Ki hiéu K 1a khoang ho#ic doan hodc nira’khoang. Gia sir ham s6 y= f(x) xéc
dinh trén K. Tanéi: o ' ' : ,
+) Ham s6 y = £ (x) dbng bién (ting ) néu véi moi ¢ip x;x, thudc K'mi x <x, thi
F(x)<flx) thela x <x, = f(x)<f(x)-
Vidy 1: Xéthim s y = f(x)=2x+1.
Xét x, <x, = 2x <2x, = 2x +1<2x, +1= f(x,)< f(x,) suy raham 56
y.= f(x) = 2x+1 13 mét ham sb ddng bién trenR . |
+) Ham 86 y = f(x) nghich bién ( giam) néu véi moi cdp x;x, thude Kma x < x, thi
F(x)> f(x) thela x, <x, = £(x)> £ (x)- |
Vi dy 2: Ham so y=f(x)= -7t+2nghlch b1en trénR, vi: Gid st x, < x2 ta co:

f(xl) F(x)=-7x+7x,= 7(x2 --xl)> 0= f(x,)>f(x2)

suy ra ham s§ y=f(x)=—7x+2 12 mdt him s& ddng bién trénR -

Ham sb ddng bién hoic nghich bién trén K dugc g01 chung 12 ham sb don digu trén K.
Nhdn xét: Tix diph nghia trén ta thiy:

a) f(x) ddng bién trén K @f—(’ff)—lf(i)>o;wl;xzefc(;q #£x,). -
: XX

s z Xy 1=
1) f(x) dongbiéntrén K < ()= /(=) <0;Vx;x, €K (x #x,).
XX
¢) Néu ham sb ddng bin trén K thi @5 thi di 1én tir trdi sang phai, néu him s6 nghich
bién trén K thi d thi di xudng tir tr4i sang phai.
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Vi dy 3: Xét sy bién thién ctia ham s§ » =f(x)=x*-4 trén {~00;0) va trén (0;+w0)

+) Vx,x, €(—0;0),x, #x, tacé:

xét 4= d @) -F(x) _(5-4)-(x- 4) X (%) (ntn)
ATR AT R oy

Vay A=x +x,<0 (vix, X e(—oo 0)). Vayhams6 y = = 1 (x) nghich bién trén (—-oo 0)

1) Vx,x, €(0;4%),x, # x, ta co:

xet 4=/ (B)=f(®m) _(H-4)-(8-4) 22 (5-x)(x +%)
N =% AT =X X=X

Viy Ad=x+x,>0(v1 x,x, e(O +0)). Viy hdm s6 y = f(x) ddng bién trén (0;4<0).
DINH LY: Cho ham s y = f (%) 6 dao ham trén K.

a) Néu 7' (x)>0 v6i moi x thudc K thi ham sé f(x) ddngbibntrén K,

b)Néu *(x) <0 véi moi x thude K thi him s £ (x) nghich trén K.

Tom laixéttrén K : f'(x)>0=> f (x) dbng bién; £ '(x)<0=> f(x) nghich bién,
Chii y: Néu f'(x)=0 (Vx e K) thiham s y = £(x) 12 him 56 khong ddi trén K.
f(3%)= llmf(x) f(x)

dé chimg
o X xO

Ghi nh¢ cong thirc dgo ham tai diém x=x, 1a :
minh dinh 1y trén.
Vidy 1: Him s y =5 13 ham hing trén R
2. Phuong phip gidi.
Ta s&r dyng bang bién thién dé xét tinh don diéu ciia ham s8 theo cic budc sau:
. Bwdc 1: Tim tip x4c dinh. .
Buéc 2: Tinh dgo him f'(x). Tim céc didm x, (=1,2,3.....,n) ma tai c4c didm d6 dao
ham béng 0 hoiic khéng x4c dinh,
Buére 3: Sap xép cac didm x; theo thit ty ting din va 13p bang bién thién.

Vidy 1: Tim céc khoang don di¢u ctia ham sé y = 2x* +1.

Loi gigi

TXb: D=R.
Taco: y'=8x.
10
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| Meon.va

Bang bién thién

s foo —+00
FREC R 1

Vay him s y = 2" +1nghich bién trén khoang (—o0;0), déng bién trén khoang (0;-+e0).

Vi du 2: Tim c4c khodng don digu ciia ham sb y = 2sin x+1trén khodng (0;27).

Loi gidi:
s
JC=§
Taco: y'=2cosx=0s ) (Do xét x e(0;2x))
x=22
2
Béng bién thién
T 3n
x {-0 2 - 2r
2 I

”/\/

Viy ham sb ddng bién trén cic khoang [ J va | —; 21: ,

nghich bién trén khodng (2 5 ]
Chit y: Ta ¢6 diph Iy m& rong sau day:
Gid sit ham 86 y = f(x) c6 dao ham trén K. Néu f'(x)20 (f'(x)<0), VxeK va
£'(x)=0 chi tai mdt s6 hiru han diém thi him s& ddng bién ( nghich bién) trén K.
Vi du 3: Tim céc khoéng don digu clia ham s6 y=x’+3x7+3x—4trén R.
Loi gidi:
Tach: y'=3x* +6x+3=3(x+1) 20 VeR.
Mit khéc y'=0 chi tai diém x=—1 nén him sb déng bién trén R.

11
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Béng bién thién;

Chii y: Céc em c6 thé 13p bang bién thién d8 xét déu y'.
Dé xét déu cho bidu thitc g(x)= (x- a) (x- -b)’ (x c)q ta lam nhu sau:

Buéce 1: Tim tit ¢4 céc nghiém ciia g(x) va sip sép theo thir ty tang dan va dlen vao

truc sb.
Burée 2: Cho x —» +o0 dé xdc dinh diu cia g(x) khl X —> 400,

Bwéc 3. X4c dinh déu ctia cdc khoang con lai.

Ghi nh¢: Qua nghiém bi 1¢ th g(x) dbi diu con qua nghidm bdi chin thi g(x) khong
d6i ddu (chin gift nguyén, 1¢ déi déu). o
Vidy 4: Xét diu cia bidu thic f(x)=(x- 1) (=~ 2) (x 4).(x-5)".

Buwéc 1: Ta théy nghiém ciia bidu thire trén 1a ,2;4;5 sép x&p thit ty ting dén trén tryc sb
Buéc 2: Khi x — +o0 ta thy f(x)>o0.

Buére 3: Xac dinh ddu ciia c4c khoang con lai. Do (x~5)" mii chiin nén qua 5 bidu théc
khéng d6i déu, do (x—4)' mii 1 nén qua 4 bidu thie ddj déu.

Ta dugc bang xét ddu ciia f(x) nhu sau:

T -0 1 2 4 5 +0c

y( l + ¢ + 0 — e + 0 +
Vi dy 5: Tim khosng déng bién va nghich bién ciia him s& y=f(x) biét ring f(x)

xéac dinh va lién tuc trén R va f'(x)= (x- 1) (x- 2) (x-4)(x~ 5)

Loi gidi:
Lap bang xét ddu cho f'(x)

:r:, —00 1 2 4 5 +oa

+0+ 0~ o0 + o +

¥
Dya vao bang xét d4u ta thiy ham sé dong bién trén cac khodng (—0;2) va (43+00) va
ham s6 da cho nghich bién trén khodng (2;4).

12
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E-| Moon.vn

2x% ~8x+11
x2—~4x+5
A. Nghich bién trén khoang {—=;2).
B. Ddng bin trén khoang (—0;2) va nghich bién trén (2;+<).

Vidu 6: Himsb y =

C. Dong bién trén khodng(2;+)
D. Nghich bién trén R\{2}.

Loi gidgi:

Ngoai phuong phéap st dung bang bién thién hodc xét ddu cho y', cic ban cbé thé sir
dung CASIO cho vi du trén bing cach nhu sau:

St dung mAy tinh Casio kiém tra tinh ddng bién va nghich bién

Bude 1: Nhip him s gin x=X (nhén SHIFT- Diu tich phan ).

d [2)(2 —8X +1 1)

e\ XP—4X+5

x=X
Budc 2: Thay céc gia tri trong khodng cin chon vio ( An CALC nhip X =3).

CALC 3= ta dugc két qui ‘?1 (»'(3)<0 ham sb nghich bién ).

CALC 1=ta digc két qua -21— ( y'(1)>0 ham 56 ddng bién ).

Dua vio két qua trén suy ra B 12 d4p 4n ding.
Chii ¥: Khong vibt ham s6 nghich bién trén R\{2}. Trong chuong trinh todn. THPT
chiing ta chi hoc khdi niém ham ) déng bién trén mét khoang, mot doan, nira khodng,
mia doan.
. ViDU MINH HQA
Vi du 1: Cho him s6 f(x) c6 f'(x)<0 (VxeR) vd f'(x)=0 chi tai mt s6 hiru
han diém thuéc R . Khing dinh ndo sau day 13 ding. '
f(xl)_f(xz) <0.

X =X
OSINN

X =X,
f(xl)-f(xz) <0'
I (xz ) -f (x3 )
f(xl)_f(xz) < O.
f (xz)"f (xa)

A.Véimoi x;x, eR v x # x, tach:

B. V6imoi x;x, eR va x, #x, taco:

C.Véimoi x,;x,;x, €R va x, <x, <x; taco:

D. Véimoi x;x,;x, €R va x, > x, > x, tach:

13
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Loi gidi:
Hamsb f(x) ¢6 f "(x)<0 (vxeR) va f'(x)=0 chi tai mdt sb hitu han diém thudc
R nén ham sb da cho nghich bién trén R suy ra véi moi x;x, eR vd x, #x, ta cé:

X175

f(xl) f(xz)
f(x)-rf(x )
f( 1) f(xz)

Véi x <x, <x tachd: f(x)<f(x)<f(x)=

Véi x, >x, >xtaco: f(x)> f(x)> f(x)= >0.
> ()2 7(2)> £ () > 27005
Chon A.
3 x2

Vidu 2: Chohamsoy——s--—i—2x+2 Tim khéng dinh ding.
A. Him s6 ddng bién trén R .
B. Ham s nghich bién trén R .
C. Ham s déng bién trén céc khoang (—c0;—1) va (2;+0).
D. Ham sb déng bién trén (-1;2).
Loi gidi:
Tacé: y'=x*-x~2=(x+1)(x~2). Xét ddu cho y'.

T [ —o0 1 2 +o0

o I + o - 0 4
Nhu vy d& thiy ham s ddng bién trén cac khoing (—o0;~1) va (2;+0).
Ham s6 nghich bién trén khoang (~1;2).
Chen C.
Vi dy 3:[Trich @& thi THPT QG 2017] Cho him sé y = f(x) c6 bang xét déu dao
ham nhir sau

x l —0 —~2 0 2 +00
Y I + 0 - ” - 0 +
Ménh d¢ ndo du6i ddy ding?

A. Ham sb déng bién trén khoang (-2;0).
B. Ham s6 dong bién trén khodng (—0;0).
C. Ham s6 nghich bién trén khodng (0;2).
D. Ham s6 nghich bién trén khoang (—oo;— 2).

14
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d Moon.va
i b ety Sards ey

Loi giai:

Ham sé nghich bién trén céc khodng (—2;0) ; (0;2)va dong bién trén trén cic Khodng
(—o0;-2) va (2;4w0).
Che¢n C.
Vi dy 4: Cho ham 56 y =+/4x—x* . Khiing divh nao duéi ddy 1 ding?
A. Ham s ddng bién trén R.
B. Ham s& nghich bién trén R .
C. Ham sb ddng bién trén khoang (0;2) va nghich bién trén khoéng (2;4).
D. Ham s6 nghich bién trén khoang (0;2)va ddng bién trén khoang (2;4).
Loi giai:
4-2x

TXD: D={0;4]. Tachd: y'=—p—roos

[ ] 2Wdx -
Do y'>0<>0<x <2 nén him sé ddng bién trén khoing (0;2).
Do y'<0<>2<x<4 nénhim s nghich bién trén khoang (2;4).
Chon C.
Vi du 5: Cho ham s6 y = x> —6x* +12x+1. Khiing dinh nio dudi day 12 ding?
A. Ham sb ddng bién trén R.
B. Ham sb nghich bién trén R .
C. Ham sb ddng bién trén khoang (—0;2) va nghich bién trén khodng (2;+<).
D. Ham sb nghich bién trén khodng (—o0;2) va ddng bién trén khodng (2;+).
Loi gidi: '
Tacé: y'=3x~12x+12=3(x-2)’ 20 VxR nén ham sb ddng bién trén R.

Vi dy 6: Cho ham s y =[2x—1|. Khdng dinh ndo sau ddy 13 sai:
A. Ham sb d cho c6 dgo him [ ¥'= — i
. Vax* -4x+1

. . “ . 1
B. Ham sb nghich bién trén khong (-oo; %) va dbng bién trén khodng (5 : +°°J'
C. Him s &3 cho ludn ddng bién trén R .

D.Hémsédﬁchokhéngcédaohémtaidiémx=%.

15
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Loi gidgi:

Ta co: y='2x_1|: f4'x2_‘4x+1.:»>y,= 8x—4 N 4xf2'

Wax —ax+1 4 —dx+1
Do d6 ham sb khong c6 dao ham tai didm x = %
Ham s nghich bién trén khoang (——oo; %) va dong bién trén khodng Gm} :

Chon C. e O A T LTI I PP

Vi dy 7:[Trich 4 thi THPT QG 2017] Cho ham s§ y =/2x + 1. Ménh'd ni¢ dudi
déy dhng? G
A. Ham s6 nghich bién trén khodng (-11).

B. Ham s6 dong bién trén khoang (G+w).

C. Ham s ddng bién trén khoang (—oc;0).

D. Ham 56 nghich bién trén khoang (0;-+ o).

Loi gidi:
! '>0 x>0
Taco y’=(42x2+1) =-—-£—-—:> y’ TEY
V22 +1 ¥y <0 x<0

Suy ra ham s6 nghich bién trén khodng (—0;0), ddng bién trén khoang (0;+o0).
Chon B. |

Vidu 8: Him s6 y=2x+sin2x ddng bién trén khoang nio:

A.(—0;0). ' - B(0,+oo)
C (—oo,-i—m) D. (-—oo;l).
Loi gidi:

Taco: y'=2+2cos2x=2(1+cos2x}>0 (VxeR).
Do déu bing xéy ra tai hitu han diém do vay ham sé da cho dng bién trén R.
Chon C.

16
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Vidy9: Cho hams§ y = f(x) lién tyc va xdc dinh rén R biét

(%)= (x=1)" (x+2)" (x—5)". Khing dinh ndo sau day 12 ding.

A.Ham scf) déng Biéul ttén R.

B. Ham s6 nghich bién trén R.

C. Ham s6 ddng bién trén khoing (—2;0) va nghich bién trén khoang (1;5).

D. T4t ca c4c ¥ trén déu sai.

Loi gidi:

Taco: f'(x)=x*(x-1)" (x+2)'(x-5)' 20 (VxeR)..

Diu bing xay ra chi tai x = =0;x=Lx=—2;x=5 nén ham sb ¢ cho ddng blen trén R.
Chon A,

Vidy 10: Cho ham s§ y = ' (x) lién tuc va x4c dinh trén R biét

f(x)=(1-x)(2-x)’ (x+1)’. Khing dinh nio sau day 12 ding.

A. Ham s‘é ddong biéntrén' R .

B. Ham s6 nghich bién trén R .

C. Ham s6 ddng bién trén khodng (—1;1) va nghich bién trén cc khodng (—oo; -1) va (L +co)

D. Ham sb nghich bién trén khoang (—1;1) va ddng bién trén céc khodng (—o0;—1)va (1;+0)

Loi gidi:

Tap xé4c dinh: D=1R. Lap bing xét déu cia »':
x l -0 -1 1 2 400
y - 0 + 0 - 0 -

Dua vio bang xét déu ta c6: Ham s6 ddng bién trén khoang (—1;1) va nghich bién trén
céc khoang (—oo;—1)va (L;+). '
Chen C.

Vi du 11: Ham s6 nio sau ddy 14 ham s§ ddng bién trén R ?

X x
AL y= B.y= .
r= x+1’ g Vi +1
C. y=(x2—1)2—3x+2. D. y=tanx.
Loi gidi:

Céc ham sé y=i1 v y=tanx khong x4c din trén R nén ta loai d4p 4n A va D.
X+

17
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Xétham s6 y=(x* ~1)° ~3x+2=> y'=4x(x* -1)-3=4x" ~4x~3 nén ham sb khng

dong bién trén R .

d 1 % +1 i

NEarint A s T >0(vVx<R) nénhimsd

ddng bién trén R .

Hamsé y=

Chon B. |
Vi dy 12. Ham sb ndo sau ddy ddng bién trén R?
A y=x"-2x"-5, ' B. y=—x+1.
C. y=x—_——1-. D. y=x"+3x-1.
x+1
Loi gidi:

Hims§ y=x+3x—1 cotdp xac dinh 13 R va c6 y'=3x"+3>0(VxcR) nén ham sb
ddng bién trén R. |

Chon D.

Vi dug 13: Him sé y=x+l—2m:

A. Ddng bién trén (—1;+00) va nghich bién trén (—o0;—1).

B. Ddng bién trén (1;+w0) vi nghich bién trén (—oo; 1).

C. Ddng bién trén (—o0;—1) va nghich bién trén (—1;+).

D. Dong bién trén (—o0;—2) va nghich bién trén {~2;+c0).

Léi gidi:
. 2x+3 V2 +3x+3—(2x+3)
Ta cb: y'=1— = .
Vi +3x+3 Nx 4+3x+3
-3
x2—
Xét V2 +3x+3 =2x+3 < 2 & x=-1.

Z+3x+3=4x>+12x+9
Nhin théy véi x>—1 thi y'<0 vAd x<—1 thi '>0 nén ham sé da cho ddng bin trén
(—o0;—1) va nghich bién trén (~1;+wo).
Chen C.
Vidun 14: Him s6 y=x* +x—cosx—4
A. Bong bién’ trén R.
B. Nghich bién trén R.
C. Ddng bién trén (—o0;—1) va nghich bién trén (~1;-0).
D. Dong bién trén (0;+0) va nghich bién trén (—0;0).
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PROSTOAN HOC:HAM SGVAMO LOGHRITH

Loi gidi:

Tacé y'=3x? +1+sinx=3x" +(l+sinx)>0 (Vx<cR) nén ham sb dong bién trén R.
Chon Al

Vi du 15: Him s6 y=cos2x—2x+3.

A.Ddng bién trén R .

B. Nghich bién trén R.

C. Ddng bién trén (—0;0) va nghich bién trén (0;+<0).

D. Ddng bién trén (0;-+0) va nghich bién trén (—0;0).

Loi gidis _
Tacé: y'=-2sin2x~2=-2(1+sin2x)<0 VxeR. DAu bing xay ra tai hiru han diém
nén ham sé a4 cho nghich bién trén R.

Chon B,

Vi du 16: Cho ham s y = 2> Ham s6 da cho:

x—1

3 -

A. Ddng bién trén trén cac khoang (—w;0) va (1;-+w0) va nghich bién trén khoang (0,1).
B. Ddng bién trén khoang (0;1) va nghich bién trén cac khoang (—o0;0) va (1;+0).
C. Pdng bién trén khoang (—-oo;O) va nghich bién trén khodng (1;+0).

D. Ddng bién trén khoang (1;+w0) va nghich bién trén khoang (—;0).

Lot giai:
—2X

=

Lépbéngxétdﬁutacé: y'>00<x<l1, y'<0<::>[

Tacéd TXD: D=R\{1} va y'=

x<0

x>l

Véy ham s6 ddng bién trén khoang (0;1) va nghich bién trén khodng (—<0;0) v (1;+0)
Chon B.

Vi du 17: Him s6 nio sau diy dong bién trén khoéng (—;0) 14:

A, y=—x*+3x% +1. B. y=—x"+1.
C. y=x'-3x"+4. D. y=—x'-x*+2.
Loi gidi:

Ham sé.y=—x3 +3x*+1va y=—x*+1; y=—x*—x?+2 nghich bién trén (-;0).
Hamsd y=x"—3x*+4 ddng bién trén khoang (-—oo; 0).
Chon C,
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Vi dy 18: Ham s6 ndo sau ddy khdng don d1§:u trén R.

A y=—x"+6x*-12x+3. : - B. y=x+sinx.
3
C. y=2x*+1. D. y=£3~+2x—sin2x+l.
Loi gidgi:

Tr y=-—x’+6x2-12x+3 suy ra y'=-3x*+12x- 12—-3(x 2) <0VxeR nén ham
s6 nghlch bién trén R
Him sd y=x+sinx c6 y'=1+cosx20 VxR nénham sb ddng bién trén R - -
3
- X .
Hiam s6 y=?+2x—sm2x+1 co y'=x2+2+2cos2x=x2+2(1+cos2x)20VxeR

nén he‘un s6 dbng biéntrén R .

Ham s6 y=2x*+1 c6 Y'=8<0x<0 vi y'>0< x>0 do d6 ham s6 nay
khéng don diéu trén R . ‘
Chon B.

II. BAITAP TU LUYEN [TT6044]

Ciu 1: [526299] Ham'sé = ‘%x“' +x° —¥%5 ddng bién trén:

A. (-—-oo;—l) vi (%;ZJ. B. (—oo;—l) va (2;+oo).
C (-—1'_—1 va (2;40) D (lm]
. ] 2 ] . . 2 ]
2
Cau 2: [526304] Ham sé y = —> +2; 4 ddng bién trén:
x—
A. (0:2) va (2;4). B. (0;2) va (4;+a0).
C. (—0;0) va (4;+00). D. (—0;0) va (2;4).

Cau 3: {526308] Cho him s y = 1—— Phat biéu nao sau ddy dang?
-x

A. Ham s6 dong bién trén khoang (~o0;1).
B. Ham s6 déng bién trén mbi khodng (—0;1) va (1:+0).
C. Ham 56 déng bién trén khoang (—o0;1) (11 +0).

D. Ca hai cu A vi B déu ding.
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w2 =2x+1
x_

Ciu 4: [526311] Cho ham sb y = . Phat biéu nao sau diy dimg?

A. Ham s6 nghich bié_n trén cic khoang (1;,2)va (2;3) .

B. Ham sb nghich bién trén khoang (1;3).

C. Ham s6 nghich bién trén khoang {1,2)U(2;3).

D. Ham s nghich bién trén céc khodng (—wo;1)va (3;+0).

Ciu 5: [526314] Choham sb y= J3x* - . Phit Biéu nao sau day sai?
A. Ham s6 nghich bién trén cic khodng (—o0;0)va (2;3) .

B. Ham s ddng bién trén khoéng (0;2).

C. Ham s& nghich bién trén khoang (—o2;2) va (2;3).

D. Ca hai ciu A va B déu két luin ding.

Cau 6: [526318] Cho ham sb y = £(x) x4c dinh trén khoing X . Piéu kién du dé him
sb y= f(x) dong bién trén X la:

A. f'(x)>0 tai hiru han diém thugc khoing X .

B. /'{(x)>0 véimoi xeX.

C. f(x)>0 véimoi xeK.

D. f'(x)<0 voimei xeK.

Ciu 7: [526322] Ham s y=1—x*

A. nghich bién trén doan [0;1].

B. nghich bién trén khoang (—0;+).

C. ddng bién trén doan [0;1].

D. ddng bién trén khodng (—o0;+0).
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. Moon.vn

| Hoe 8 xben Sk minh

Ciu 8: [526326) Cho ham sé y = f (x) x4c dinh trén doan [a b] Dleu klen du aé ham

s& nghich bién trén doan [a b] 1a:

A. f(x)lién tuc trén (a;5) v& f'(x)>0 v&imoi xe [a;8].

B. f'(x)20 v6imoi xe[d;b] .

C. f(x) lién tuc trén [a;6] va f'(x) <0 véimoi x e(a;b) .

D. f'(x) sd véimoi x e [a;b].‘

Céu 9: [526331] Cho ham s6 y = x* —2x* —5. K&t ludn nao san day ding?
A. Ham s6 dbng bién véi moi x.

B. Ham sb nghjch bién véi moi x.

C. Ham sb déng bién trén khoing (—cc; -1).

D. Ham b dng bién trén khoang (-1;0) va (L;-o) .

Ciu 10: [526338] Cho ham sb y =x +% . Két Iugn nao sau day 1a ding?
A. Ham sb déng bién trén khoang (—o0;2).

B. Ham sb déng bién trén khodng (2;+00).

C. Ham s6 dbng bién trén khoang (-2;2).

D. Ham s nghich bién trén khoang (-2;2).

Ciu 11: [526340] Ham s8 y =+/2+x—x* nghich bién trén khoang'

ofba). ()
C. (24). D. (-1;2).

Céu 12: [526343] Cho ham sb y = iz—x"—_x—;—l . Két luén nao sau day sai?
A. Ham s ¢6 2 khoéng déng bién.
B. Ham s6 c6 2 khoang nghich bin.
C. Ham sd nghich bién trén khoang (—0;0) va (2;+c0).
D. Ham s6 ¢6 3 diém t6i han.
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Cau 13: [526345] Ham s6 ndo ddng bién trén (1;+w0)?

A, y=—§x3—x2—3x+1. B. y=+/x~1.
C. y=—x*+2x*+1. D. y=—x"+3x* +3x+1.

Can 14: [526350] Ham sd nao nghich bién trén (1;3)?

A, y=lx2—2x+3. B. y=2x—5.
2 x-1
2
X +x-1
C. y=2x3—4x2+6x+9. D.y=—""—
3 x—1

Ciu 15: [526351] Ham s ¢6 chiéu bién thién khde voi chidu bién thién cta c4c ham sb
con lai 1a:

A, f(x)=i—:_§ B. f(x)=x3—6x2+17rx+4
—x*=2x+3
C. =x 4+x— -4 D f\x)=—""7—
f(x) X +x—cosx f( ) il
Ciu 16: [526352] Ham sb n&o sau diy khong cling chiéu bién thién trén R ?
A. f(x)=x*-x—cosx—4 B. f(x)=sin2x+2x-3
C. f(x)=x’+x—cosx—4 D. f(x)=cos2x—2x+3

Ciu 17: [526353] Ham s6 y = £ (x) ddng bién trén khoang (a;b). Ménh d& nao sau
day sai?

A.Himsb y= f(x+1) ddngbién trén (a;b).

B.Ham sé y =—f(x)—1 nghich bién trén (a; ).

C.Ham sb y =—f{x) nghich bién trén (a;b).

D.Ham sb y = f(x)+1 dbng bién trén (a;b).

Cu 18: [526355] Cho bam sé y =+/x* —3x. Nhdn dinh ndo dudi day 12 Déng ?

A. T4p xac dinh D =[—J§;O]U[J§;+oo).

B. Ham s6 nghich bién trén (~L1).

C. Ham s& nghich bién trén cic khoang (-1;0) va (0;1).

D. Ham sb ddng bién trén cdc khoang (—oo; -3 ) va (J’g, +oo)
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Céu 19: [526358] Ham s8 y = 6x° —15x* +10x° =22 -

A.Pongbiéntrén R.
B. Nghich bién trén R .
C. Déng bién trén khodng (—oo; 0) va nghlch bién trén khoang (0; +oo)

D. Nghich bién trén khoang (0;1).

Cau 20: [526361] Cho ham sb sau: y=—x+/x? +8 , chon céu phét bidu ding nhét:

A, Ham s6 dong bién trén R .

B. Ham s nghijch bién trén R .

C. Ham sb nghich bién trén khoang (-8;-c)

D. Ham s6 ddng bién trén khoang (—8;-+w0).

Ciu 21: [526363] Cho ham s6 3 =~/xZ 9 . K&t luan sai v& khoang don diy 13:

A. Ham s ddng bién trén (3;+0)

B. Ham s6 nghich bién trén (3;+o) T o

C. Ham s6 nghich bién trén (—o;—3)

D. Ham s6 dong bién trén (4;8).

Cau 22: [526368] Cho ham s§ y = —x’ +3x* —3x+1, ménh d& nio sau day 13 ding :

A. Ham s6 Iu6n nghich bién.

B. Ham s6 luon ddng bién.

C.Ham sé dat cyc daitai x=1.

D. Ham s6 dat cyc tiéu tai x=1.

Ciiu 23: [526370] Trong céc khéing dinh sau vé ham s6 = .3"-‘74, héiy tim khing dinh diing ?
x —_—

A. Ham s6 c6 mét didm cyc tri.

B. Ham s6 ¢6 mét diém cuc dai va mot didm cye tiy,

C. Ham s6 ddng bién trén timg khoang x4c dinh.

D. Ham s nghjch bién trén tu'ng khoang xdc dinh.
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Céu 24: [526371] Him sé y=25=x*:

A. Dbng bién trén khoé.ﬁg (;5;0) va (0;5).

B. Ddng bién trén khoang (-5;0) va nghich bién trén kboang (0;5).
C. Nghich bién trén khodng (~5;0) va ddng bién trén khoang (0;5).
D. Nghich bién trén khoang (—6;6) .

- . e xz —X + 3
Céu 25: [526372] Him s6 y=——"1
x +x+7
A. Dbng bién trén khoang (-5;0) va (0;5).
B. Dong bién trén khoang (—1;0) va (I;+e0)
C. Nghich bién trén khoang (—5;1).

D. Nghich bién trén khoang (—6;1).

Ciu 26: [526373] Cho ham sé y = L*: Hiy tim khing dinh ding :
x —

A. Ham s6 nghich bién trén cdc khoang (~o0;—1) va (—1;+0}.
B. Ham 56 ddng bién trén cac kboang (—w0;—1) va (—1;+0).

C. Ham sb nghich bién trén céc khodng (—o0;1) va (1;+0).

D. Ham s6 ddng bién trén cac khoang (—o0;1) va (I;+0).

2x+7
X+

Céu 27: [526375] Cho ham sb y = c ab thi (C). Hay tim ménh d& sai ;-
A. Ham s6 ludn nghich bién trén R .

B. Ham 56,06 18p xio dinh 13 : D=R\{-2}.

C. D) thi cit tryc hoanh tai diém A(‘%; 0] :

-3

D.Codaoham y :(x+2)2 .
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Céu 28: [526377] Cho him s6 y=x*-2x*+3. Tim khing dinh dting.

A. Nghich bién trén cac khoang (—o05-1) va (0;1).
B. Déng bién trén céc khoing (—wo;—1) vi (0;1).

C. Nghijch bién trén céc khong (~1,0) va (1;+<0) .
D. Nghich bién trén R.

Chiu 29: [526378] Him sé y = 2;‘;35 dbng bién trén :
A. (~3;+w) B. R
C. (—;3) ' D. R\{3}
x*-2x -

Ciu 30: [526382] Him sb y = " .

- X
A. Nghich bién trén c4c khodng (—o031) va (1;+0).
B. Déng bién trén cic khodng (—oo;1) va (L;+o)
C.Nghichbiéntrén R.
D. Ddng bién trén R.

Ciu 31: [526386] Ham sé y =

x*+1

A. Nghich bién trén cic khoang (~o05—1) va (1;400).

B. Péng bién trén cac khoang (—o;~1) v (1;+0).

C. Nghich bién trén (~11).

D. Ddng bién trén R.

Céu 32: [526389] Cho cic him s y = f(x);y = g(x) 12 cic him s6 duong trén (a,b),
f'(x)>0 wén (a;5), g'(x) <O tréa (a;5) . Khi 46, hém s6 nio sam diy déng bién trén (23 5) ?

A. f(x)g(x)- B. g%
&(x) x)+g(x
C.f(x). D. f(x)}+g(x).
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Céu 33: [526394] Cho céc ham s8 y = f{x);y=g(x) 12 cacham s6 duong trén (a,b),
f'(x)>0 trén (a;0), g'(x) > Otrén (a;b).Khidé,hémsénéosaudéydéngbiéntrén (a;b)?

I—(f—)‘ - -g—(ﬂ x)—g(x
A. f(x)g(x). B. g(x)' C. f(x) D. f(x)-g(x)-

Ciu 34: [526395] Cho ham sb y = . Tim c4u diing trong c4c ciu sau.

x*+1
 A.Himsb ddng bién trén (—1;1) va nghich bién trén (~o0;—1) L (1;+w0).
B. Ham sb nghich bién trén (~11).

C. Ham s6 ddng bién trén (—0;—1) va (L;+%0).

D. Ham sé ddng bién trén (~L1), nghich bién trén (—o0;-1) va (1;+).

PAP AN TRAC NGHIEM

0L.D |02.A |03.D |04.A |[05.C [06.C |07.A |08.C |09.D |10.B
11.A |12.C |13.B |14.C [15.D |16.A [17.A [18.A |19.A |20.B

21.B |22.B |23.C |24.B |25.C |26.C |27.A [28.A |29.A |30.A
21.B |22.B |23.C |24.B |25.C [26.C |27.A |28.A [29.A [30.A

31.LA |32.B [33.A |34.D
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 TINEDONG BIEN; NGHICH BIEN CUA HAM SO
. _(I_?hﬁn 2-3). [TV6045-6046]

I LY THUYET TRONG TAM VA PHUONG PHAP GIAI
TMDGNDIEUCUAHAMSO CHUATHAMSO

1. Ly thuyét trong tam. .

Ddu ciia tam thirc bdc 2: Xét tam thirc bic2: y=ax® +bx+e {a+0) ta dabidt.

a>(

+) yEO(VxeR)@axz+bx+c20(Vxe]R)<:>{A<0.

a>0
+) y20(VxeR) o o +bx+c>0(VxeR)<:>{A<0.

Kién thire vé bt phuong trinh:
Ta ¢6: bt phuong trinh: mz_f(x) VxeD<mz Maxf(x).

Batphuongtrmh m<f(x)VxeD<:>m<Mnf(x)

Kién thire hrcmg gidc:

+) Ta cé: —IScosu(k);éiﬁh(x)Sl;Dd a6 -—]alsasil_:luslak—[a[ sracosusla[.

+) ~Ja® +b* <asinx+bcosx <Ja® + b hay |asinx +bcosx| < vVa® +b* .
2, Phuong phap gidi.-
Déi voi ham s6 béc 3 chika tham sé m,
Xét ham sb y=ar +bx’ +ex+d (a=0)taco:

3a>0

Ham s6 ddng bién trén R@y'ZO(VxeR)@3ax2+2bx+cZO(VxeR)®{A' <0
<

3a<0
Ham s nghjch bién trén R y'<0(VzeR)w 3o’ +2bx+c<0(VerR)<:>{ <0
Ham 56 déng bién trén D < y'20(Vxe D).
Ham s6 nghich bién trén D« y'<0(vxeD).
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Moonyni

Chii y: Trong trudng hop hé sb a chira tham s6 m ta cn xét hé s6 a=0 trudc.

Déi v6i ham 56 phan thire y=ZX2.
ex+d
+b ad ~bc

Ta cé: y=£x——:>y'=———-—5.
+d (cx+d)

Néu ad = be thi ham sé da cho 12 ham hing. Do d6:
Ham sb ddng bién trén mdi khoing x4c dinh ciia né <>ad—bc>0.

Ham s6 nghich bién trén mi khodng xac dinh ciia né <> ad—bc<0.

ad—~bc>0
Ham s6 dong bién trén mién D =(i; /) & y'>0Vxe(i;j) < -dg(- )

— 1'

[+ +J

ad—bc <0

Ham s6 nghich bién trén midén D =(i; j) & y'<0Vxe (3 j) = ie(i;j) .
c

Chil y: V&iham sb hop :y=M:> y'=—(-i‘-i-:—éc—.u'(x).

. cu(x)+d |:c.u(x)-;-d:|2

I YiDUM]NHHOA

PHAN 1: HAM SO BAC BA CHUA THAM SO

Vi dy 1: Ham sb y=%x3 +(m+T)x* —(m+T)x+1 ddng bién trén tap xéc dinh ciia n6

khi va chi khi
m=-1
A, 2<m<-1. B. .
m<-2
m>-1 :
C.l: ) D. 2<m<-1.
m<—2 : L
Loi gidi:

Tacé: y'=x*+2(m+1)x—(m+1). Him sb déngb'iéntrén?]l{-éy'z'o vxeR (y'=0
a=1>0

e (m+1)(m+2) S0 2<m< 1.

tai hita han diém) <
' n dicm) {A'y.=(m+l)2+(m+1)so SR

Chon D.

29
http://tieulun.hopto.org



3

Vi du 2: Cho ham sé y=(m2—1)%+(m+1)x2+3x+5.Déhﬁmsédéngbiéntrén R thi:

A.m=>2. B.m<-1.
C. m=<—] hoic m=2. D. m=41.
Lai gidi: o .

Tacé m=-1=>y=3x+5 hiam s§ ddng bién trén R.

V6i m=1= y=2x*+3x+5ham s6 nay khong dong bién trén R
Véim#tltachd: y'= (m2 —l)xi +2‘(m+1')Ax+ 3. Ham s6 déng bién trén R
<y'20 VxeR (y'=0 tai hitu han didm)

m>1
a=m'-1>0 m<-1 m=2
o = )
Ay =(m+1) =3(m*-1)<0 7 |[m22 T |m<-1
‘ m<-—-1

] ‘ mz2 .
K¢t hop céc trudmg hop ta cb [ <1 12 gid tri can tim.
m —_—

Chgn C.
Vi da 3: Cho ham sb y=—%x3 + 70+ (3m-+2)x+1. Tim tht c4 céc gié tr cia tham s6

m @& hiam s6 nghjch bién trén khoang (~003+00) .

m=22
A. [mS—I' 7 B. m<2.
Co _2$m:<_—1- ) D- —lsmEOo
Loi gidi:

Tacéd: y'=—x"+2mx+3m+2 . Him s6 nghich bién trén Rey's0 VxeR (y'=0
a=-1<0

’ &-2<m<-1,
A'y.=m +3m+2<0

tai hitu han diém ) @{

Chon C.

Vi dy 4: Xéc dinh m dé hdm s6 y = x* —2mx® +12x -7 ddng bién trén R.
A. -3<m<3. B. 3<m<3.
C. m<3. D. -l<m<l.

30

http://tieulun.hopto.org



Loi giai:
Tacé: y'=3x* —4mx+12. Ham s6 dbng bién trén R < y'20 VxeR ( y'=0 tai hira
han diém)

a=1>0 - 3<m<3
=4 S>-IEmMEI,
AL =4m* -36<0
Chgn A,
Vi du 5: Xéc dinh m @8 ham sé y =—x* + mx® — 3x +4 nghich bién trén R .
A 3<m<3. B. 3<m<3,
C. m<3. D. —17<m<1.
Ta co: y'=—3x2+2mx-—3.Hémsénghichbiéntrén R<y'<0 VxeR ( y'=0 tai
han dié a=-3<0 3<m<3
hit diém ) < & -3<ms3,
Chon A.
Vidu 6: Tim tht cd cAc giA trj clia tham s m d& ham s8 y = x* +x* —mx—5 dong bién trén R .
A.m<—l. B. ms—l.
3 3
C.mS—i. D.mz-l—.
3 3
Loi gidgi:

Ta ¢6: y'=3x*+2x—m. Ham s6 ddng bién trén R <> y'20 VxeR ( »'=0 tai hi
han diém)

a=3>0 <_1
Fay=143m<0 T "3
Chon B.

Vi du 7. Tim tét ca céc gid tri ciia tham s8 m d& ham s§ y=—x"+3(m—D)x* —3m*x—4m+1
nghich bién trén tép xé4c dinh ciia né. :

A.m?.l. : B. m=>1.
2
C. m>0 D.m>%.

Loi gidi:
Ta co: y'=-3x"+6(m—1)x~3m’ =3li—x2 +2(m-—1)x—mz:| .
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Hamsongh.lchblentren R < y'<0 VxeR (y'=0 tai hira han diém)

a-—-1<0 |
Pt <:>—2m+1_<_0<:>m2—.
= (m—1) <0 2

Chgn A
Vi du 8: Cho ham sb y-%x +2x* + (m+Dx—3m. Ham sé d3 cho dong blen trén R

voi gia tri mla: .
A m=23. B. m<3.

C. m<3, D. m>3.
Loi gidi:

Taco: y'=x*+4x+m+1. Hamsodongblentren Rey'20 VxeR ( y =0 tai hifju
han diém)

a=1>0 >3
1A, =4-(mi1)s0 T ™23

Chon A. -
Vi du 9. Tim tét ci c4c gié trj ciia tham s6 m dé ham s&
¥ =-2x" —6(m+3)x” + 24mx+2 nghich bién trén R .

A . m<-9. B. 9<m<-1.
C.mz-9. D. 9<m<-1.
Loi gidi:

Tacd: y'=—6x"—12(m+3)x+24m = 6[—x —2(m+3) x+4m] Ham s nghich bién
a=-1<0

trén R < y'<0 VxeR (3'=0 tai hitu han didm) <
d (r=0 ' ) {A':(m+3) +4m<0

om +10m+9<0 = -9<m< 1.
Chon D.
Vi dy 10. Tim tit c cdc gid trj clia tham s6 7 d& ham s

y= ——3—10:3 +2x7 +(2m+1)x—3m+2 nghich bién trén tdp xic dinh cta né.

A. m=0. B.mzi.
2

C.m<-——5. D.msls—.
2 2
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Léi gidi:
Ta ¢6: y'=—x* +4x+(2m+1). Him s6 nghich bién trén R <> y'<0 VxeR ( y'=0
a=-1<0 -5

{ hitu han diém) <1 | eom<Z,
te1 hifu ben diém) {A'=4+2m+150 "7

Chon D.

Vi du 11. Tim tht c& cac gié tri cia tham sb m d& him s6
y=x>=3(m—2)x +3m’x—4m+1 ddng bién trén tip x4c dinh cia né.

A. m<1. B. m2>1
C.mz0. D. m<1.
Loi giai:

Taco: y'=3x"-6(m—-2)x+3m".
Ham s ddng biéntrén R < y'>0 VxeR (»'=0 tai hitu han diém)

a=3>0

= 2 , . o-dm+4s0em2l.
A'y.=9(m-2) —9m° <0

Chon B.

3
N ’ 2 I X
Vidu 12. Tim tat cd cic gid tri cha tham s6 m d€ ham s y=—3—+mx2+4x+3 Iuén

ting trén R
A. —l<m<l. ‘ B.2<m<2.
C.-1=m<1. D. 2<m<2.
Lot gidgi:

Tacéd: y'=x*+2mx+4. Him sb ddng biéntrén R © y'>0 VxeR ( »'=0 tai hira
a=1>0

5 &S-2<mL2,
A'y=m—4<0

han diém ) @{

Chon D.
Vi dg 13. Tim cdc gid tri clia tham_sf) m & ham sb y=-;-(m+2)x3 —(m+2)x" +{m-8)x+m’ -1

luén nghich bién R.

A. Z2<m<l1. B. m<-—2.
C. mx1. D.m<-2.
Ldi gidi:
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Xét m=-2 tacd y=—10x+3 (ham s6 ndy luén nghich bién trén R ).
Tacé: y'=(m+2)x* —2(m+2)x+m—-8. Him sb nghich bién trén R
< y'<0 VxeR (»'=0 tai hitu han diém)

m+2<0 . m<-2
= & Sm<—2,

A'z(m+2)2__—(m+2)(m.—8)50 (m+2)(9-m)<0 -

Két hop 2 trudng hop.
Chgn D.

Vi dy 14: Tim céc gi4 trj thir cda tham sb m ¢é ham sé y=%(m2 +m)x® — o + 2x+1

dbng bién trén R .

A.m=0. B. Z2<m=<0.
mz20 m>0
C. ; : D. ;
m<-2 m<-2
Loi gidi:

Véi m=0=>y=2x+1 ( him sb lu6n dbng bién trén R).
V6i m=~1= y=x"+2x+1 ham s ddng bién trén (~1;+w).
Vi m’ +m#0.Tacs: y'=(m’+m)x* —2mx+2 . Him sé ddng bién trén R
< y'20 VxeR ( y'=0 tai hitu han diém)
a=m’+m>0 m+m>0 m>0

= 2 3 ~ 5 =)
A=’ -2(n +m)<0 " |’ +2m>0  |ms-2
Vi =0 14 gia trj cn tim

ay | o _, lagidtrcln tim.
Chon C.
Vi du 15: Tim cdc gi4 trj thic cila tham sé m ¢é ham sé y=%(m2-m)x3+mx2-—2x+1

nghich bién trén khodng R .

A.OSmSE. B.O<mSZ.
3 3
mz— m>=
C 3 D‘ 3
m<0 m=<0
Léi gidi:
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‘Moon.vn

| Hoe b kinbng @b dod ©

Véi m=0= y=-2x+1 (ham sb ludn nghich bién trén R).
Véi m =1:>y=(x—1)’2 ( ham s6 nghich bién trén (—oo;l) ). '

Vi m?—m#0 tacé: y'=(m’ —m)x" +2mx~2 . Ham s6 nghich bién trén R

& '<0 VxeR ( y'=0 tai hitu han diém )

m—m<0 0<m<l1 2
“> 5 5 et ) &0<ms—
'=m +2(m —m)SO Im? —2m <0 3

Vay OSms-é-légiénicénﬁm.

Chon A.

Vi dy 16:[Trich @ thi THPT QG nim 2017} Cho ham 86 y =—x’ —mx’ +(4m+9)x+5
v6i m 13 tham sb. C6 bao nhiéu gi4 tri nguyén ciia m dé him sb nghich bién trén
khoéng (—o0;+0)?

A. 4. B. 6.
C.7. D. 5.
Lii gidi:

Tac ' =(=x —m +(4m+9)x+5) =35~ 2mx-+4m+9.
Ham sb nghich bién trén khoang

(03 +0) < ¥ 50, Vi & (—o0;+c0)=> {a=_3<0 < m’ +3(4m+9)<0

A'<0
< 9<m<—3, meZ=> Cé7gid tr ciia m thoa mn d& bai.
Chon C.

Vi dy 17: Tim tht ca céc gié tri thyc cda tham s m dé ham sb p =x° ~3x* +mx+1

dbng bién trén khoang (0;+0).

A, 3sm<3. B.m=z3.
C.m>3. ' D. m<3.
Loi gidis

Tacod: y'=3x"—6x+m.
Ham sb ddng bién trén khoang (2;+0) < y'=3x" —6x+m20 Vx € (0;+w)
35
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Moon.van

R o o ke e manh,

> m2-3x"+6x=g(x) (Vxe(0;+w))<:>m2maxg(x)

(0:42)
Mit khdc g'(x)=—6x+6=0<>x=1.Taco y_?gg(x)=0;x%g(x)=m; g(1)=3.
Do vy tyw)cg(x)=+co.D0 d6 m>3 13 gid tri cAn tim.

Chen B.

Chai y (;éc em’nén‘ tham khao bai todn GTLN,GTNN clia ham sé trudc khi lam bai
nay de¢ hiéu rd van dé hon.

Vi dy 18: Cho ham s6 y = —x* +3x% + 3mx —1. X4c dinh tht 3 cic gi tri clia tham s m
@€ ham s8 da cho nghich bidn trén khoang (0;+o).

A m<~1, B.mz—l.
C.m>-1. , e Dim=s-1.
Loi gidi:

Taco: y'=-3x"+6x+3m. Ham s6 d& cho nghich bién trén khodng (0;+e0)

< y'<0 Vxe(0;+w)

S mx’-2x=g(x) Vx & (0;-+0) &> m < min g (x)

(040)
Xét g(x)=x"~-2x (xe_(O;-l—oo)) tacd: g'(x)=2x-2=0x=1
13_13g(x)=0;x1j_£l’;=+oo;g(l)=—1 nén (r();ﬂz)g(x):—l
Do 86 m<—1 la gié trj cAu tim.
Chon D.
Vi du 19: Cho ham sb y=§-x3+x2—mx+1. Xéc dinh tht c& cic gi trj clia m 48 ham

s6 nghich bién trén doan [-2;0].

A.meR, B.m=>0.
C.m>0. D. m<0.
Loi gidgiz '

Taco: y'=x"+2x—m. Ham s6 44 cho nghich bién trén doan [-20] y'<0 (Vxe [~2;0])
<Fm2x’+2x=g(x) (Vxe[—Z;O])@mZ%%:}cg(x).
Mitkhic g'(x)}=2x+2=0<> x=—1
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Lai c6 g(—2)=0;g(0)=0;g(-1)=-1.Do vy J[gc?]cg(x) =0

Vay m>0 13 gi tri can tim.
Chon B.
Vi du 20: Cho ham sb y=—§x3+2x2+mx+1. Xac dinh tht c& céc gid tri cia m 48

ham sé ddng bién trén doan [0;2]

A.-meR. B. m=0.
C.m>0. b. m<0.
Léi gidi:

Tacé: y'=—x>+4x+m. Ham s6 d4 cho dong bién trén doan[0;2] < y'>0 (Vx € [0;2})

om2x’-4x=g(x) (Vxe[O;Z])@mZﬁI/a[fzz]xg(x)

. Mitkhic g'(x)=2x-4=0>x=2.Tacd g(2)=—4g(0)=0 dodé z}g:gfcg(x)
Véay m >0 12 gi4 trj cAn tim. Chon B.
PHAN 2: HAM SO PHAN THU'C CHUA THAM SO

Vi du 1: Xéc dinh tit ca cac gid trj ciia m dé ham sé y = 2> ddng bién trén céc
khoang xac dinh.
A 2<m<2. B. 2<ms2.
mz2 m>2
C. : D. .
m<-2 m<—2
Loi gidi:

2
TXD: D=R\{m}. Taco: y'=( il +i . Ham s6 ddng bién trén cic khoéng xic dinh

Y x—m '
< y'>0 (VxeD)-m +4>0Vre D -2<m<2

Chu y: V61 bii todn nay cic em khéng dwoc giai y'>0 vi khi y'=0m=42 thi
y'=0 (Vx e D) khéng thod mén du bang x4y ra tai hiru han diém.

Chon A.
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Vi dy 2: Xac dinh tit ca cdc gi4 trj clia m dé ham sé y = ;nx—_3 ddng bién trén cic

X—m

khoang xac dinh.
A. —J6<m<+6. B. J6<m=<6.

eqmzNe o Twsde
< {mS—Jg' D- Lﬂ<—\[6_'

Léi gidi:
Ta ¢ v -’ +6 A ,‘\ - & P X s . .
aco: y'= (—2-—-7 . Ham s0 ddng bién trén mdi khoang x4c dinh
X—m

m>/6
m<—J6

< y'>0 (VxeD)@-—m2+6>0<:>[

Chon D.
Vi dy 3: Tim tht ca céc gid trj cia m dé ham sé y= ;nx_ 2 ddng bién trén mi khoang
—m
x4c dinh.
m< -2
A, . B. 2<m<2.
i mz2
[(m<-2
C. . D. 2<m=<2.
| m>2 '
Loi gidi:

! g
TXP: D=R\{E}. Ta co: y':—m-fiz.
2 (2x—m)

Ham sb déng bién trén mdi khodng x4c dinh
<y >0VreDe-m+4>0 2<m<2.
Chon B.

(m+1)x-2

x—-m
dbng bién trén timg khoang x4c dinh.

Vidy 4: Chohamsé y= . Tim tét ca cdc gi4 trj clia tham sém & ham sb

>
A 2<m<l. B. ’:m_l ;
m<-2

m>1
C. 2<m=<1. D.[ .
m<-=2
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Moon.vn

Léi gidi

—m(m+1)+_2

i it Al
(x-m)

Ham sb ddng bién trén midi khoang x4c dinh

o y'>0VxeDo-m-m+2>0-2<m<1.

TXD: D=R\{m}. Taco: y'=

Chon A.
Vi dy 5: Xéo dinh tht ca cdo gid tr clia m @& ham 56 » = 7 —>"*2 nonich bién trén
xX+m
timg khoang xéc dinh.
mz=4
A l<m<4. B. .
m=<1
m>4
C.1<mxz4. D. .
m<l
Léi gidii:

2
TXD: D=R\{m}. Taco: y'= T2 *o"4
(x-m)
Ham sb nghich bién trén mi khodng xéc dinh
m>4

@y'<0‘v’xeD<:>-—m2+5m—4<0<:>[ .
m<1

Chon D.
+1

Vi du 6: Xéc dinh tt ci cée gid tri cia m dé ham sé y = “—— nghich bién trén timg
khoang xac dinh.
A.m>0. B. m=0.
C. m<0. : D.m=~1.
Loi gidi:
Véim=0=y =%I khong thod min YCBT.

—3m

2 o
(me2)

Vé&i m=0. TXD: D=}R\{
m

}. Taco: y'=

Ham s6 nghich bién trén mdi khoang x4c dinh <> y'<0VxeD & -3m<0m> 0.

Chon A,
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Vidg 7: Xdc dinh tit c4 cdc gid trj cia m dé ham sb » =

khodng xic dinh.

A m=0
1 2<m<-1

C. m=0.
Loi gidi:

Xt+m+l dbng bién trén timg
mx+2

B. 2<m<l.

D.0<m<l.

Tacé m=0=> y= i‘zﬂ ( théa méin ddng bién trén khodng xéc dinh),

Vai m=0 khi 46 TXD: D=]R\{

=2
m

2—m(m+l)

}. Taco: y'= ( +2)2 .
mx

Ham s6 dong bién trén m3i khodng xéc dinh
Sy >0Vxe DM -m+2>0 2<m<1.

Két hop cac tredng hop.
Chgn B.

Vi dy 8: X4c dinh it ca céc gid tri ciia m d8 ham s y =

A.m=0.
C.mecR.
Loi giai:

X+

B. m=0.
D. Khong t6n tai m.

V6i m=0= y=—x ham sb nghich bién trén R

Véi m0khi d6 TXD: D=R\{l}

m

2

Moon.vn.

{402 56 ke G i

"’1 nghich bién trén R .

tn o4 —l—m
. Taco: y =(—~——~—2<0 VxeD.

mx—1)

Khi d6 ham sé nghich bién trén tirng khoang (-co; l) va (l ; +oo)

Véy m=0 1 gié tri cdn tim.
Chon A.

Vidu9: Timtétcéca’.cgiéh‘ithuccﬁathamsémdéhamsé y=x

khoéng (1;+oo).
A.m>0.

C.m>-1.

40
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Moon.va

Léi gidi:

~l+m

Xét xe D= (L;+00). Tacéd: y'=

)

Ham s6 ddng bién trén (I +0) <> »'>0Vxe D& m-1>0em>1,

Chon D.
Vi du 10: Tim tit ci cAc gia tri thure clia tham sbmdéhamsbd y= mx—ll ddng bién trén
x—
khoang (3;+0).
. A.m>0. B. m>1
C.m<—1. D. m<l1.
Loi gidi:
-m+1
Xét xe D=(1;40), Tacd: y'= 7 >
(x-1)
Ham sb ddng bién trén (L +0) < y'>0Vxe Do -m+1>0&m<l.
Chon D,
Vi dy 11: Tim tht & céc gié tri thuc ciia tham s6 m d& him sé y = 2*=> ddng bién trén
khoang (2;+w).
A, m<2, B. m<2.
C.m<w5—. ]).2<m<E
2 2
Loi gidi:
—2m+5 C iy s : 2m+5>0
Tacd: y'=~—£—7.Ha‘1m s0 dong bién trén khoang (2;+00)@- .
x—m m ¢ (2;+0)
> ” 2o m<2.
m<2
Chon B.
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Moon.vn.

Vidy 12: Tim tht ca cic gi4 tri thyc cia tham s6 m dé ham sé y=ﬂ21- nghich bién
x+m—
trén khodng (0;-+0).
A 1<m<2. ' B. ~l<m<2.
C.1<mx2. D.1<mx2.
Loi gidi:
2
2 e — . g e . v - - 1m=m-2<0.
Ta co: y'=~m*'”i-.Hz‘1m 50 nghich bién trén khoang (0;+0) <
(x+m-1) (1—m)£(0;+90)
-l<m<2
S1<m<2,
I-m<0
Chon A.

X+ 21 ddng bién trén

Vi du 13: Tim t4t ca cac gia tri thyc ciia tham sb m dé him sé y=-

nira khodng [0;+c0).

A. m<Q, B.m<———1-.
2
C._?l<m50 . D. m<0.
Laoi gidi:

V6i m=0=> y=—x (khong thod m#n YCBT).

—-1-2m

V&i m#0:Tacd: y'= -~ . Ham s ddng bién trén.

mx—1

1-2m>0  |m<-L ,

[0;4+00) & 1 1 & 2 emenr.

—&[0;-+0) Lo 2
- -
m

Chon B,

” 1 A s . - 4 A AL A 2 . - A
Vi du 14: Tim tét ¢4 céc gia tri thuc cla tham sé m dé ham sb y= adi nghich bién

mx—2
trén nira khodng {—;2].
A. 0<m<l, B. m>-1.

C.0<m<l. D. 0<m<1.
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. oon.vi

Loi gidi:
Véi m=0=>y= —_2—1x thoa man didu kién nghich bién trén nira khong (—w0;2].

—2-2m

(me—2)

2-2m<0 m>-—1 m>-1

Véi m#0: Tach: y's Ham sb nghich bién trén

—0; 2| & <> <1 =0<m<].
( ] —2-6(—00;2] E>2 1—m—>0
m m m

Viy 0<m<1 1a gia tri cn tim.
Chon D.

i . e e (m-Dx+2
Vi du 15: Tim tit cd cdc gid tri thye cha tham s0 m d€ ham s0 y=——+-m—~— nghich

x

bién trén khodng {-0;0).
A. -1<m<0. B. m>-1.
C. -1<m<90. D. -1<m<0.
Ldi gidis
m-m-2<0

—m & (-e0;0)

m—-m—2

Taco: y'= .

Ham sé nghich bién trén khoing (—0;0) <
(x+m)

4'—1<m<2
-m=0

Chon C.

= -1<mz0,

. s L he on g ep o ., £ PO tanx— X - £
Vi du 16: Tim tat ca cdc gia tri thye cia tham s6 m d€ ham sd y=__x_r;z dbng bien

trén khoang (0; i;-)

A.m=22. B.m>2.

C. m<2. D. 0<m<2.
Loi gidi: _
) 1 _
Tacoé: y'= T 5.——— . Do 12 >0Vxe[0;£).
(tanx—-2) cos”x (tanx—-2) .cos’x 4

Do véy ham s& ddng bién trén khoang (O;%) om=-2>0m>2 .

Chon B,
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O

Vi du 17 { BE MINH HQA 2017]: Tim tit ca céc gié trj thuc ciia tham s& m d ham s

y= tanx—2 ddng bién trén khoéng (O;EJ.
tanx—m 4
A. m<0 holic 1<m<2. B. m<0
C.1lsm<2. , : - DPem=2.
Léi gidi:
Taco: y'= m+2 = 12 .
(tanx—m)" cos”x
~m+2>0 _
Him s6 ddng bién trén khoang (o;f = ).
4 tanx#m| Vxe O;Z
m<2 m<2
= |me/ tano tan”] (01) =21
m stan— I=(0;
4 m=<0
Chogn A,
Vi dy 18: Tim tht ca céc gi4 tri thyc clia tham s& m dé ham s y=~°&:ﬂ ddng bién
cotx—m
A ; 7
trén khoang (O;Z).
A.m<0 hodc 1<m<2. B. 2<m<1.
C. 2<m<«<]1. D. m>-2.
Léi gidi:
Taco: y'= m=2 5 __21 .
(cotx—m) sin”x
m+2>Q

P n T
Ham s0 d6ng bién trén khoa 0— < .
am s6 dong bién trén oang( " cotx;&m(Vxe(O;—i-:—])
m>-2
= & -2<mLl,
m€(1;+oo)
Chon B.
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[ Moon.va Moeon.va

-1 1eoc b kndon Ank minh

- 1 A s s -:V . - A A1 A _2 A A
Vi du 19: Tim tat ¢4 c4c gia tri thuc clia tham s6 m d€ ham so y=.£.¥sx———f— dong bién

cosx—m
a . T
irén khoang [O;EJ.
A. m<0hoic 1<m<2. B.1<m<-2.
C. 2<m<]l. D.m>2.
Loi gigi: _
-m+2 . -2 .
Ta co: y'=~—?L2.(—smx)=m—2.smx.
(cosx—m) (cosx—m)
. /4
Do smx>0Vxe[0;EJ.
m>2
. P 2 Vs m>2
Ham s6 dﬁngbléntrén[o;—](: odmzleom>2.
2 m(0;1)
m=<0
Chgn D.
N AL 2 g g - N £ 21 £ 2tanx—-1 .3 . .z
Vi du 20: Tim tat ca cac gid tri thyre cia tham s6 m @& ham so y=—t————-— dorng bien
anx-—m
n A T
trén khodng (0;-4—].
-1 1
A. m<0hoic —<msl. B.0<m<=.
2 2
C. m<0. D.m>0.
Loi gidi:
Taco: y'= —2m+1 1

(tanx—m)2 “cos’x

2m+1>0

Ham sé ddng bién trén khoang | 0; L2 PN zY).
' 4 tanx=m| Vxe O;Z

1 m<—
m<— 2
<> 2 &Sm0
e(0;1) 721
’ m<0
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Vi dy 21: Tim tit ca céc gié tri thyc cha tham sé m dé ham s y="3B%=2 popich
A 2sinx—m
bién trén khoang [O;-;EJ
A [m>2 B m=2
|m<-2’ |m<=2’
c (m>2 b [(m>2
'_m$—2' '_m'S_—2
Loi gidi:
2
Taco: y'= il cosx

2

Ham s& nghich bién trén khodng (0; f—) &

Chon A,

Vi dy 22: Tim tit ca cAc gid tri thyc cia tham s§ m @& ham sé y=M ng}ﬁch
cosx—m
bién trén khodng (—%;0)
A. m<0 hoic 1<m<2. B.
C.1€m<2, D.m>
Loi gidgi:
Ta c¢é: y'=——~ﬂ—2—z.sinx.Do sinx <0 (Vxe[i;OD.
(mcosx~1) 2
m<2
, ) . z -m+2>0 m=<0
Ham s6 nghich bién trén .| ——;0 | < &Silmzl o .
2 me(0;1) 1<m<2
m=<
Chon A.
46
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2

, , . . . +m-2 ,
Vi du 23: Tim tht cd céc gid trj thyc cua tham sé m dé ham s6 y=% ddng bién
x—
trén timg khoédng x4c dinh
A. . m<l1. S ' B. m<l1.
C. m>1. D. m<2.
Lo gidi:
2-—— — — —
Ta co: D:R\{I} y:.x__..}izz__..lzx—}-l.g-m_lzy':lm m 12
x—-1 -1 (x_l)

Ham sb ddng bién trén khoang x4c dinh
m—1
(1)

< 1-

520 (VxeD)@y'=(I—l()::1()r?_l) (VxeD)

om-120om<l.
Chon A.

Cha y: Béi toan ndy cic em c6 thé 14y déu bing vi khi m=1= y'=1>0(VxeD)
( Ham s d3 cho khéng phai him hing trén D).

Vi du 24: Tim tit ca cac gia tri thye ctia tham sbmdéhamsb y=

bién trén cdc khodng xéc dinh

A om>L B.m>1L.
2 2
C.ng. D.m>2.
2 2

Loi gidgi:
(6x+m)(2x-1)-2(3%" +mx—2) 652 +6x-m+4
(2x- 1)2 (2x - 1)2

Tacéo: p'=
Ham s6 nghich bién trén timg khodng xéc dinh <> —6x*+6x—m+4<0 (Vx # %)

a=-6<0 13<6 S
L= SI33% SmZ -
A'=9+6(4—m)<0 ey

Chon B.
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Vi du 25: Vi gié trj ndo clia m thi ham s§ y =

2-x
khoang xic dinh ciia nd.
A .m=-1. B.m>1.
C.me(-11). ‘ D.ms—%.
Loi giai:
2 e .
Tacéd: y'=—% JE““)ZZ.’"“.Ham s nghich bién trén timg khoang x4c dinh
2—x
a=-1<0 -
—x2+4x+2m+1S0(Vx¢2)<:> <‘;:>ms—5.
S A'=4+2m+1<0 2
Chon D.

Vi dy 26: Cho ham s8 y =2x* —3(m+1)x* +6mx . Tim gié tri cita  d& ham sé 43 cho
ddng bién trén khoang (2;40).

A . m<2. . B.m<2.

c m<2 ' D m<?2

“lmel’ “lmel’
Loi gidgi:

Yéu cau bai todn <:>y'=6(x2 —m(x+1)x+m)2 0 Vxe(2;40).

< (x-1)(x-m)20 (Vxe(2+m)) > x2m (Vxe(2+w)) > 22m.

Chon A.

Vi dy 27: Cho hdm s6 y =2x* ~3(m+2)x* +12nx+1. Tim gid tri ciia m dé ham sé da
cho d6ng bién trén khodng (3;+<).

A. m=<3. B.m<2.
m<2 m<3
C. . D. .
{m¢1 {m;&l
Loi giai:
Ta ¢6: y'=6x2-6(m+2)x+12m20<¢x2-(m+2)x+2m20.
Gia thiét
) @(x—m)(x-—Z)zO (Vx>3)¢:>x—m_>.O(Vx>3)<::>x2m(Vx>3)¢:>32m.
Chon A.
48

http://tieulun.hopto.org



i Moon.va
5 Hhoe b knbemy frany

%

Rl

Ll

Vi dy 28: Cho ham 6 y =x*—3mx* +3(m” —1)x+1. Tim gid tri ciia & ham s6 da

cho ddng bién trén khoang (0;+0).

A. m<1. ’ B.m<2.
C.m<-1. D.m<-1.
Loi gidi:

Ta c6: y'=3x2—6mx+3(m2—1).Tac6: y'20<:>x2—2mx+(m2—1)20
x>m+l
<:>(x—m—1)(x—m+1)20<:> .
x<m-1
Do viy ham sb ddng bién trén (—co;m—1] va [m+1;4w0). .
Dé ham sb da cho dong bién trén (0;+w) &> m+1<0 = m<-1.
Chen D.
PHAN 3: HAM SO LUQNG GIAC CHUA THAM SO
Vidy 1: Tim m déhamsa y=x+mcosZx lubn dong bién trén R .

A.—lSms—l-. B.—l<m<l.
2 2 2 2
C. -1<mxl. D -I<m<l.
Loi gigi:

Tacd: y'=1-2msin2x. Ham sb dbng biéntrén R < y'20 (vxe R)

& 1=2msin2x> 0 (VxeR)@Mny'=1—|2m|20<:>|2m[£1<:>—%$‘m.5%. ”
R .
Chon A.
Vi dy 2: Tim m 48 hdm s6 y =(m+1)cosx—2x+1 ludn nghich bién trén R.
: T mz1
A. —1<m<3. B. .
. m<=3
m>1
C.m=1. D. .
m<-3
Li gigi:

Tacb y'=—(m+1)sinx—2. Ham sb [uén nghich bién trén R <> y'<0 (VxeR)

mz1

: <:>Maxy'=-2+|m+1|$0<:>|m+1|22<:>I: .
R m<-3

Chon B.
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Vi dy 3: Tim m d& him s6 y =msinx—5x—2 Iuén nghich bién trén R .

mz5
A, S<m<5. B. <5’
m_-—
C.m=5, D. -5<m<5.
Léi gidi: o

Ta c6: y'=mcosx—5. Ham s6 tudn nghich bién trén R < y'<0 (VxeR)
<:>1V[axy'=|m|-—5$0@—5$ms5.
R

Chen D.

Vi dy 4: Tim m dé ham s y=sinx+2cosx+mx—2 luén df?mg_ bién trén R .

>
A m25. , B.[m _‘/:[_
C. m=+5. D. /5<m<45.
Léi gidi:

Taco: y'=cosx—2sinx+m.

Ham 55 luon ddng bién trén R <> cosx—2sinx+m20(VxeR).

@ﬁfn-y'=—,f12 +(—2)2 +m20mz45.
Chen C.

Vi dy 5: Tim m € ham s6 y = asinx+bcosx+mx (a;b € R) ludn ddng bién trén R.

A. m<—Jat+b* . B. m<—Ja*+b%.
C. m>Ja*+h* . D.mzJar+b%.

Lot giai:

Taco: y'=acosx—bsinx+m=g(x). Him s ddng bién trén Reg(x)20 VeR

© Ming(x)20& —a’+b* +m20o m2va® +5*

Chen D.
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Vi du 6: Tim tht ca c4c gis trj thyuc ciia tham s8 » d€ham s6 y =x+mcosx dong bien

trén R.

A.m=1. B. m<1.

C. me[-L1]\{0}. D. -1<m<1.
Loi gidi:

Tacéd: y'=1—msinx. Him sb ddng bién trén R < y'>0 (vxeR).
@ﬂ%iny'zl--|m|20c>|m|51<:>—lsmsl.

Chon D.
Vi dy 7. Tim tit ca cic gi tri ciia tham s6 m dé ham s y=2x-mcosx+sinx luén
dbng bién R. '

A -l<m<]. B. 2<m<?2.
C.-1<m<]1. D. ~3<m<3.
Loi giai:

Tacd: y'=2+msinx+cosx. Him 56 dbng bién trén R <> y'20 (vxeR)
<::>ﬂ/§ny'=2—\/m2+120<:>m253<:>— 3<m<A3.

Chon D.
Vi du 8: Xéc dinh gi4 trj cia b d& him sé 7 (x)=sinx—&x+c nghich bién trén toin
truc sb.

A. b<1 . B. b<1.
C.b>1. D. b=1.
Loi giai:

Tac6: y'=cosx—b. Ham sb nghich bién trén
Recosx—b<0 VxeRo bzcosx VxeReb21

Chon D.

Vi du 9: X4c dinh gia trj cia m dé ham s& f(x)=sin2x+mx+c dong bién trén R.
A m>2. B. 2<m<2.
C.m>2. D.mz-2.
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Léi gidi:

Tacd: y'=2cos2x+m.

Ham s6 dong bién trén R@y'z0(Vxe]R)<:>Mny'=-—2+m20®m22.
R :

Chon A.

Vidy 10: Xéc dinh gié trj ciam @ him s6 y = msinx +cosx+(m+1)x ddngbién trén R .

A . m>0, B. —-ISmSI.___
C. m>1. D.m>-1.
Loi gigi:

Tacé: y'=mcosx—sinx+m+1. Him sé ddng bién trén

m=—1
R@y'zO(VxelR)<:>Mny'=——\/mz+1+m+120<:>m+12\lm2+1¢> TS
R _ m+2m+12m +1
=<>m=20,
Chon A.

Vidy 11: Xéc dinh gid trj clia tham 56 m dé ham s6 y=(m—3)x—(2m+1)cosx luén
nghich bién trén R .

A.—4Sm£%. B. 4<m<3.
2
C. “lngE D- -—1<mS3
Loi gidi;

Taco: y'=m—3+(2m+1)sinx. Ham s6 nghich bién trén R <> »'<0 (vxeR)

m<3 m=<3
maxy'=m-3+2m+1<0&3-m22m+l o 5 .21,
R (3—m) 2(2m+1) Im” +10m—-8<0
<::>—4Sm$-%.
3
Chon A.
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IIL BAI TAP TU LUYEN [TT6047].
PHAN1:

Céu 1: [527520] Tim m dé ham s8 y =—x" +3x% + 3mx—1 nghich bién trén (0;+c0):

A. . m=<-1. ‘ C. m=>2-1.
B. m<-1. D.m>-1.

Cau 2: [527522] Tim m @é ham s6 y = ‘?zf +(m+1)x* + 2mx+5 ddng bién trén (0;2):

A.mz?. B. m=0.

C.m<-;—2. D. m<0.

Céiu 3: [527524] Tim m d& ham s6 y = -‘3—1x3 o+ (m— Z)x-% ddng bién trén doan

c6 @6 dai bing 4:
A.m=2. B. m=-2.
C. m=-3. D. Ca A va C déu ding.

Chu 4: [527525] Tim m dé ham s6 y = x* —6x” +mx +1 ddng bién trén (0;+c0)?

A. m=0. B. m=>12.
C. m<90. D. m<£12.
" . ks & x—m+2 _, ,. l,' . e e i
Céu 5: [527527] Tim m dé ham s6 y=—1 gidm trén céc khoang ma no xic dinh?
x+
A. m<l1. B. m<l1.
C.m<-3. D.m<-3.

Céu 6: [527528] Tim m dé ham sb y = %x-" +mx* +4 ddng bién trén R ?

A.2<m<0. B. 2<m<(.
C. m>-2. D. m=0.
ry 1 AL A m+4 -2 ~ 5
Cau 7: [527530] Tim m d¢ hdm s6 y = gidm trén khoang (—0;1)?
x+m
A, 2<m<-1. ' B. 2<m<-i.
C.2<m<-1. D.2<m<-1.
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3
Ciu 8: {527531] Tim GTNN ciia m dé him sé y=%+mx2—mx—m ddng bién trén R ?

A, m=0. B. m=-4.
C.m=4. D.m=-1

Cau 9: [527533] Vi gid trj ndo ciia a thi ham s6 .y = ax + x* ddng bién trén k.

A.az0. B. a<0.
C. a=0. D. Va.

Ciu 10: [527535] Him sb y = -%—1-:«:3 +(m—2)x* —mx +3m nghich bién trén khoang xac

dinh khi:
A. m<0. B.m>4.
m<}
C.1<m<4, : S A .
. m>4

3

Cau 11: [527537] Ham sb y=53-+mx2 +4x ddng bién trén R khi?

m=-2
A, 2<m<2. : B.[ .

m=2
C. ms-2, D.m>2.

, : . )
Cau 12: [527538] Him s6 =-3i+mx2 —4x nghich bién trén R khi:

m==2
A.-2<m<2. B.[ .

m=2
C. m<-2. D.m>2.

Cau 13: [527543] Tim m 88 ham s6 y =(2m+1)sinx+(3—m)x ddng bién trén R ?

A.-—4Sm$g. B.—4<m<§.

W

C.m<—4. _ D.m>§.

Céu 14: [527545] Vi gié tri ndo ciia m thi him 86 y=2m+1+x+mocosx ddng bién

A.m>1, B. m<-1.
C.~1<m<l. D. Vm.
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A o b ey anh sminh .

Ciu 15: {527547) Tim m d& ham s y=—x" —3x* +4mx—2 nghich bién trén (—o0;0]

C.mz%. o D. m<

Ciu 16: [527548] Cho ham s§ y = —x* +(m+1)x* ~ (m’ + 2)x+m . Tim d4p 4n déng.
A. Ham sb ddng bién trén (-2;4).

B. Ham s6 c6 ca khodng ddng bién va khoang nghich bién.

C. Ham s lu6n nghich bién trén R.

D. Ham s6 nghich bién trén (—m;m® +1) .

Cau 17: [527550] Ham sé nao sau d2y nghich bién trén R v6i mei m?

A y=—m’x*+m. B. y=—m’x’ +mx’ ~3x+1
C. y=_m+l. D. y=x"-2mx+1.
x+m

Ciu 18: [527551] Véi gié tri ndo ciam , ham sb y = —%xs +2x* —mx + 2 nghich bién
trén tip x4c dioh ciano ?

A m<4. - B. m=4.

C.m>4. D. m<4.
Cau 19: [527557] Vi didu kién ndo cta m thi him s y=x’+(m—2)x"+(m" —Hx+9
d6ng bién trén R ?

A. m>1hoic m< 2. B. m=>2 hoic m<—4.

C. m20 hogc m<—-1. D. m=>3 hoic m<-3.
Ciu 20: [527559] Véi gié tri ndo cia m, ham sé y = i’"—‘—?"—”—’ dbng bién trén mdi
x+m
khoang x4c dinh cia n6?
A. m=>22holic m=<0. B. m>3 hodc m<0.
C. m>2 hodc m<0. i D. m >3 hoic m<0.

Ciu 21: [527562] Vi gia tri ndo cia 7, him s§ p=x* —3x" —mx+2 ddng bién trén
(0+0)?
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Ams=2. " Bims<-3.
C. m<0. . . D.m<—4.

’;’ nghich bién trén

Cén 22: [527564] Tét cd céc gid trj clia m dé ham s6 £ (x) =2
timg khoang x4c dinh cia né 1;

A.m<l1.. : ' B.m>1.
C. m<«]|. D. m21.

Ciu 23: [527565] Xét hai ménh d2 sau:

(DHamséy=(1-x)’ déngbibntren R~~~

(I Ham sé y=(1~x)" déng bién trén R.

Hay chon céu dang? _ |
A, Chi() B. Chi (II)
C. Ca hai dtng. D. Ca hai sai.

Ciu 24; [527567] Ham s6 ndo trong cdc ham s8 sau chi ¢6 1 chidu bién thién trén tip
x4c dinh cha n6? :

1 o
A y==. B.y:—lT.
x x
1 . x
C.y=—. ‘ D y=—.
[ B

Cau 25: [527569] Tht ca cic gid tri cia m dé ham sb £ (x) = 3C3—~+nv.-.x2 +4x ddng bién

trén R 1a:
A, 2<m<?. B. 2<m<2.
C.mg-2. D.m=2.

X . (m+Dx+2m+2 ,
Cau 26: [527571} Him s6 y = N nghich bién trén (—1;-+0) khi:
x+m

A.m<l B.m>2
C.1sm<2 D. -1<m<2

Cau 27: [527572] Tim tht ca chc gid tri m dé him s6 y = %f -2 _2x+1 ddng bién

trén khodng (1;+c0)
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~1.
—2.

IA 1A

- B. m
C.m=1. D.m

Céu 28: [527520] Tim t4t 4 céc gid tri m 46 ham sb y = -%f +(2m+1)2* - mx -1

nghich bién trén R.

A, —l—smsl. B. —1Sms—l.
4 4
C. Khdng c6 gia tri m thoa mén. : D.m=1.

PHAN 2: [TT6048].
m2 \ .
, dong bién trén cic khoang (—o0;4)} va (4;+) khi:

m< -2 m=<-—2
A. . : B. .
[m>2 [mZZ

C. 2<m<2. - ' D. 2<m<2.

Cau 1: [527680Ham s y =2

Cau 2: [527681]Him 5§ y =2 *1 1uén nghich bién trén céc khodng xéc dinh thi:
X+m

A m<g2. _ B, m<-2.
C 2<m<2, D. 2sm<2,
~ Y . z P 4 cotx—2
Cau 3: [527683] Tim tat c& cac gi4 tri thuc cda tham sd m dé ham s6 y = ot
cotx—m

ddng bién trén khoing (0;%):

A. m<0 holic 1<m<2. B. med.
C.lsm<2. D.m>2,

a I 1y . 4 A A 1 A - - 2 . A
Cau 4: [527684] Tim gia tri cia tham s6 m d€ ham s6 y = ——~—-——J1—5x - nghich bién trén
—S5x—m

khoang [0;-;—) :

A. m<0 hoic 1<m<2.

C.lsm<2. D. m>2.
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Cau 5: [527687] Tim tht ca chc gié trj thyc cia tham s m sao cho him s6 y = SBE¥=2
St : sinx—m
déng bién trén khoang [o;i;-)
A.m<0. . B.mSthfa_c%Sm<2.

C.%£m<2. ' D. m=2,

Céu 6: [527688] Cho him s y =" —3x* — o +2. Tép hop tit ca céc gid trj cia m dé
ham s6 da cho ddng bién trén khoang (0;+00) 1a:

A m<-3. - B. m<—2.
Cl ms_l. . D- m..<._0-
Ciin 7: [527688] Ham s6 » =22 nghich bién trén khodng (—oo;3) khi
XxX—m
A.m>2, B. m=3.
C. m<2. D. m<-3.

Cau 8: {527692] Ham s6 y=x"—2m’ —(m+1)x+1 nghich bién trén khoang (0;2)
khi gia tri cia m thoa:

A.m<2, B. m=2.
C.ms<l, | D. m>1
9 . | 9
Céu 9: [527693] Ham sé y=*—L nghich bién trén khoang (~ocs2) khi va chi khi
xX—m
A.m=22, B. m>1,
C. m>2. D. m>1.

Céu 10: [527695] Cho ham 56 y = %xﬂ ~x*—(3m+2)x+2. Tim m d& him s8 nghich

bién trén doan c6 46 dai bang 4.

A . m=1. B. m=3.

C.m=—;-. ' D. m=5.

3 2

Céu 11: [527697] Ham s§ y = % - -'"—;— —2x+1 Iuén ddng bién trén tap x4c dinh khi:
A m<-22. B. -8<m<1
C.m>22. D. Khéng c6 gié tri m
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|t o knibrg doh minh -

Ciu 12: [527699] Gié tri nho nhét cua m d8 ham sb y = %x?' +mx? —mx —m ddng bién

trén R la:
A.m=-1. B. m=0.
C.m=1. D.m=-2.

Céu 13: [527700] Cho ham sb: y =x° —(m+1)x’ —(2m2 -3m+ 2)x+1 . Két tudn nio
sau diy ding ? |

A. Ham sb luon ddng bién trén R.

B. Ham s6 udn nghich bién trén R.

C.Ham s._é khong don diéa trén R.

D. Ham sb c6 hai cuc tri va khodng cach gitra hai didm cuc tri bing 1 v6i moi m.

Céu 14: [527702] Ham s6: y = %ﬁ ~(m—1)x* +3(m—2)x ddng bién trén khodng

(2;+00) khi:
A mz2. B. m<2.
3 3
C.m<2. D. m<2.
PAP AN TRAC NGHIEM
PHAN 1:

01.A [02.B [03.D |04.B [05.B |06.D {07.D [08.D [09.A |10.C

11.A [12.A {13.A |14.C |15.A |16.C |17.B [18.B [(19.B |20.D

21.B [22.C |23.D [24.A |25.B [26.C |27.B |28.B

PHAN 2:

01.A [02.C |(03.D [04.A |05.B [06.A [07.B |08.D (09.A [10.C

i1.D |12.A |13.C |14 A
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CUCTRI CUA HAM SO
( Phin 1-2-3) [TV6049-TV6050-TV6051]

L. LY THUYET TRONG TAM VA PHUGNG PHAP GIAI
A. Gia sit hAm sé / xéc dinh trén tdp hop D (DeR) va x, D
a) x, duoc goi la mot diém cyre dai cia ham sd f néu tbn tai mét khodng (a;b) chita
. " (a;0) <D
ém x, sao cho .
° F(x)<f(x) Vxe(a;b)r\{xo}
Khi d6 £ (x,) 1 gid trj ce dai claham sd f .
b) x, dugc goi 13 mdt diém cyre tifu cia ham sé f nbu ton tai mot khoang (a;b) chira
(a;8)=D
F(x)> f(x%) Vx e(a;b)\{xo}'

Khid6 f(x,) 12 gid tri cye tiu ciia ham sb f .

diém x, sao cho {

Gié tri cuc dai va gid trj cuc tiéu duec goi chung 13 cye tri
Néu x, 13 mt diém cuc tri ciia ham s6 / thi ngudi ta néi ring ham s f dat ouc trj tai
diém x,. Nhu vy, diém cuc tri 12 mdt diém trong ctia tép hop D (]D)'e R).
Nhén manh: x, € {a;b) = D nghia 1a x, 1A mot diém trong ciia B .
Vi du: Xé him s8 f(x)=+x xéc dinh trén nira khoang [0;+0). Ta thdy ring
£ (x)> £(0) véimei x>0 nhung x=0 khong phii la didm cyc tidu ciia ham sb vi tap
hop [0;+0) Khong chira bt ky mét 1an cin ndo cia diém 0.
Chii y:

e Gié tri cuc dai (cuc tidu) néi chung khong phai 13 GTLN (gi4 tri 16n nht)

(GTNN — gi4 trj nho nhéf) cia ham sé f trén D.
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 Ham sb c6 thé dat cyc dai holic cue tidu tai nhiéu diém trén tap hop . Ham s
cling c6 thé khong c6 diém cyc tri.

* x, 1a mft didm cyc tri ciia ham sé f thi diém (%03 F (%, )) duoc goi 12 didm cuc
trj ctta 40 thi ham sé. '
B. Diéu kign cin dé ham sé datcwetri __ . ___
Dinh I 1: Gid st ham s6 dat cyc trj tai diém x,. Khi d6 néu c6 dao ham tai didm thi
fx)=0.
Chii y:
* Beolim /" 6 thé bing ta diém x, nbung ham s £ khong dat oy ti tai diéem ;.
* Him s6 c6 thé dat cyo tri tai mot dim ma tai 6 ham s6 khong o6 dao him.
e Ham sé chicéthéfiatcgctlitaim@tdiémmétaidédaohﬁmcﬁahimséb%ng 0,
hoic tai 36 ham sb khéng ¢6 dao ham.,
* Ham s dat cyc tri tai x, va néu @ thi him sb ¢6 tidp tuyén tai didm (3£ (%))
thi tiép tuyén dé song song véi tryc hoanh.
Vidy: Him s6 y =|x| viham s y= .
Dinh Iy 2: Gia sit ham s6 £ lién tuc trén khoang (a;b) chira diém %, va ¢6 dao ham
trén cac khoang (a;x,) va (x,;5) . Khi d6

. Néw {f'(xo) <0; xe(a;x,)

thi ham s6 dat cyc tiéu tai diém x,. N6i mot cich
S'(%)>0; xe(x,;0)

khic, néu f'(x) dbi déu tix 4m sang duong khi x qua diém x; thi ham s6 dat

cyce tiéu tai diém X,.

X a X, b
f{x) - 0 +

f(a) f(b)
f(x) \ /
£(x,)

) f'(xo)>0;xe(a;xo) , L _
e Néu thi ham s6 dat cuc dai tai diém x,. N6i mét céch
F(x)<0; x &(xy;0)

khic, néu f'(x) dbi déu tir dwong sang &m khi x di qua diém x, thi ham sb dat
cuc dai tai diém X,
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£(x,)
f(x) /
£t \‘ £

Pinh I 3: gia sit ham sb ¢4 dao ham cép mot trén khoing (a;b) chira diém x,,

F{%)=0va f c6daoham cAp hai khéc 0 tai diém x,.
e Néu £"(x)<0 thi ham 6 f dat cuc dai tai diém x,.
e Néu f"(x,)>0 thi ham s6 f dat cuc tiéu tai diém x,.

Chi y: Khong cin xét ham sb c6 hay khong c6 dao ham tai diém x = x, nhung khéng

thé b qua didu kién “ ham sb lién tuc tai diém x,

1—x khi x<0

Vi du: Ham sb f(x)={x i x>0 khong dat cuc tri tai x=0. Vi him s khéng
1 X

lién tyc tai diém x=0.

II. CAC VAN BE LIEN QUAN PEN CUC TRI CUA HAM SO
VAN BE 1. MO PAU VA CUC TRI CUA HAM SO
1. Vi DU MINH HQA
Vi du 1: Cho ham s6 f(x)=x*"-2x>. Him s6 g(x)= F'(x)—4x* dat cyc tidu tai x;,
dat cyc dai tai x,. Tich g(x,).g(x,) ¢6 gié tri bing

) | .85,
27 27
248 . 248
27 27
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Loi gidi
Taco f(x)=x"-2x"= f'(x)=4x"—4x suyra g(x)=4x"~ax* —4x.

x=1
Xét him s g(x), c6 g'(x)=12x*—8x—4 . Phuong trinh g(x)=0e 1.
x=-=
- = oo 3
g”(1)>0 x1=1 g(xl)'=—
Laico g"(x)=24x-8 —>: |y = =] 124
1243 496
by ik 8(x) ¢(2)=(-4), - 27) -
Chon B. '
2 S i L . L
Vi du 2: Ham sé y=f+—x;-—1 ¢6 bao nhiéu diém cyc trj ?
x— : _
A, 2. : B. 1.
C. 0. : - D.3.
Loi gidi _
) 2 2x+1){x-1 2tx+1 2_
Xéthémsﬁy=-u{-ﬂ,tacoy—(x JE-D)-(F+x+1) 2 gy sl

*=1 N e I
xxl [x=1+J§

Phirong trinh y' =0 < o )
& 7 {x2—2x—2=0 x=1-3

Vay ham sb da cho ¢6 hai diém cyc tri.
Chon A.

Vi dy 3 [PE THI THPT QUOC GIA 2017]: Cho him sé y=f(x) c6 bang bién
thién nhw hinh v& duéi ddy. Ménh d& ndo dudi day sai ?

X —00 -1 1] 1 +oa
y - 0 4+ 0 - 0 +
+0C ' +00
3
0 0
A. Ham s6 c6 ba diém cuc tri. B. Ham s6 ¢6 gié trj cyc dai bing 3.
C. Ham sb c6 gié tr cyc dai bing 0. D.Him s6 c6 hai diém cuc tidu.
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Léi gidi

Dira vio bang bién thién, ta thily ring:
o Ham sb di cho c6 ba didm cye tri va x =—1, x =112 hai diém cuc tiéu.
o Ham sb c6 gié tri cyc tiu bing 0, ¢6 gié tri cuc dai bang 3.

Chon C.

Vi du 4: Ham s6 nao dudi day c6 duy nhét mot diém cye tri ?

A y=x+2. B. y—x+i
x
C. y=cotx. D. y=x*+x".
Loi gidgi

Dua vao d4p 4n, ta ¢6 nhén xét sau:
o y=x'+2——>y=3">0,VxeR=y=x"+2 12 him sb ddng bién trén

khodng (—co;+c0) suy ra ham sd da cho khdng c6 cyre tri.

. y:’:; s e (le) <0, Vx;&1:>y_;-i-% la ham sb nghich bién

trén mdi khoang (—oo;1) va (L;+c0) suy ra ham sb d3 cho khong cb cyc tri.

<0, Vx#kz = y=cotx 13 hiam s nghich bién

¢ y=cotx—> Y =——m

sin® x
trén mbi khoang xic dinh suy ra him so di cho khdng c6 cuc tri.

o y=x'+x ———)y'=4x3+2x=2x(2x2+1), ¥ =0<>x=0 suy ra ham s da
cho c6 duy nhit mot diém cyc tri. o

Chqn D.

Vi du5 Chocachamso F(x)=x"+3x, g(x)=x"-8%’ +18x% +1, h(x)—x+-1- Goi

m 1asohamsocom9td1emcucm n lasohamsocohaldlemcucm Tong m+n bang

AL T B. 2.
C. 3. D. 4.
Loi gidi

+) Xét ham s6 F(x)=%+3x, ¢6 f'(x)=3x*+3>0,VxeR suy ra ham sb da cho
dong bién trén khodng (—o0;+0). Do d6, ham s6 y=1 (x) khéng c6 cye tri.
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+) Xéthim 6 g(x)=x*—8x* +18x*+1, ta c6

g'(x)=4x"~24x+36x=4x(x—3)’, VxeR.

. =0
Phuong trinh g'(x) =0 @l: = Dya vio bang bién thién, ta thay g (x) chi dbi déu

khi di qua nghiém x =0 suy ra ham sé y= g(x) ¢6 mét diém cuc tri.

1 21
+) Xétham b h(x)=x+1, 06 K(x)=1-2 =Z L vy 2g.
' X LT X X -
x#0 x=1 .z - .z
Phuong trinh #'(x)=0< 2 0@ | Suya ham s6 y=£(x) 6 hai diém
x-1= x=- _ 7 ‘ A
cyre tri.

Viy m=n=1suyra m+n=2.

Chgn B.

Vidy 6 [THPT CHUYEN PAI HQC VINH —~ NGHE AN]: Cho him s& y=r(x) cé
dao ham f'(x)= x2 (x2 —4), x € R. Ménh dé ndo sau ddy ding?

A. Ham s6 43 cho ¢6 2 diém cyc tri.

B.  Ham s5 d4 cho c6 3 diém cye tri.

C. Ham s6 d3 cho dat cyc dai tai x =2.

D. Him sb d4 cho dat cyc tidu tai x=-2.

Xét ham s6 y=f(x),tac6 f'(x)=x (Jc2 —4) va f"(x)r= 4x(x_2 —2); Vx e]R

=0
2=4
nglnem x=2, x=—2 vi khéng dbi d4y khi di qua nghiém x=0. Vayhé.m sodﬁchocé

2)=16>0"
ha1 dlem cuc {ri va ( ) => ham sé dat cuc tidu tai x=2 va dat cyc dai
f( 2)-—16<0

. | 0 | :
Phuo'n'gt;inh f'(x)=0<=>[ @[i Y . D& thay f(x) d6i daukhtd;quahaa

tai x=—
Chegn A,

Nhan xét: Pé tim hiéu 3 dang todn, gia thiét cho S'(x) 1a mdt him da thire va yéu cau
xdc dinh s diém cyre tri cia ham sé, ta 8 xét vi du dudi day.
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4 lloon.vn

i'lme&m«m

Vi du 7: Cho ham sb f(x) ¢6 dao ham ['(x)=x" (x-1) (x+2)’, xeR. Ham sb cb

bao nhiéu diém cure tri ?

Al B. 2.
C. 3. D. 4.
Loi giai

Xét bai todn tong qudt: Ham sb f(x) c6 dao ham f'(x)= g(x) véimoi xeR.

Phwong trinh f‘(x)=0<::>g(x)=0<:>[z J;"', (x> %, €R).

e Véi x=x, langhiémbdilé ciia g(x)=0, tic1a (x~x,)" véi a 1 s 1e.

e Vé&i x==x, 13 nghiém bdi chin cia g(x)=0,tca (¥-x, Y’ véi b 1256 chin.
Khi 46, f'(x) dbi ddu khi di qua nghiém bdi 1é (hodc nghiém don ) va khong dbi ddu
khi di qua nghiém bdi chin. Suy ra s4 didm cwe tri ciia ham sb chinh 13 s6 nghiém bdi 1¢
( hoic nghiém don) cla phuong trinh f '(x}=0.

Quay tré lai véi vi du 7, ta thiy f'(x)=0 cb nghiém bdi Ié duy nhét 12 x=1 nén ham
s6 duy nhat mot diém cyec tri.

Chon B.

Vi dy 8 [PE THI MINH HQA THPT QG BGD - 2017]: Gia tri cyc dai y, cia ham
sé y'=%*—3x+2 bing

A. Yoo =4 B. y,=1.
C. yp=0. D. y,,=—1.
Loi gigi
Ap dyng dinh 1y 3

o Tinh dao ham f* (x) cha ham sd.
e Tim céc nghiém x, (1_123 )cuaphuongtrmhf(x): .
. memx tmhglatnx

- Neuf (x)<0 thi ham s dat cyuc dai tai diém x, .

- Néu f"(x,)>0 thiham s dat cyc tiéu tai diém x, .
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Xétham s6 y=x* —3x+2 véi xeR,tacd f'(x)=3x*-3 va f'(x)=6x; VxeR.

x=1
Phuong trinh f'(x)=0<:>x2—1=0<:>[ 2 (-1)=-6<0.
x=-
Suyra x=—1 12 diém cuc dai ciia ham sé. VaY yop = f(-1)=4.
Chon A

X2 +3

7 . Ménh

Vidu 9 [PE THI 'm["rN(;B]EM THPT QG - 2017]: Cho him sé y =
& no dui diy ding? - - .
A. Cyc tiéu clia ham s6 bing -3,

B. Cyc tiéu cita him s6 bing 1.

C. Cyc tidu ciia ham s8 bing 6.

D. Cyc tién clia him sé bang 2.

Loi gidgi

Nhdic lai kidn thitc: y = %(i) Sye [”(")Jr _ ¥ (@)v(x)—u(x)v'(x)

(x) v(x) V(%)

, ¢ x+3 . ¥ +2x-3 8
Xéthamsd y= f(x)= Vol x#~1,tacé flx)=2TT"2. £(x})=_°

x# -1 x=1
Phuong trinh f'(x)=0 "(1)=1>0.
vong trinh f(x) @{x2+2x—3=0©[x 5=/ W)=t

Suy ra x=1 12 diém cyc tiu ciia ham sé. Viy cyc tidu cia ham s6 bing f(1)=2.
Chen D.
Dt vin dé: Viée tim diém cye tidu, didm cuc dai clhia ham s6, ta c6 thé l4p bang bién
thién hofic tinh dao ham cép hai tai diém x, (c4c dink Iy d4 gisi thiéu) nhung véi bai
todn trén, tinh dgo ham cdp hai bing cach thong thudng rit dai va mét nhidu thoi gian
: C d

nén ta nhd cdng cu méy tinh dé mt ngan thoi gian, bang cich sir dung ‘—*;( ¥ '(x))

¥=xy
(durgce hiéu 13 tinh dao him cia ham s f'(x) tai diém x = x,) ohu sau:
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2 _ :1 .
v Tacd f'(x)=L'£CT§,phumguinh f'(x)=0<:>[x . Ta cén xét xem
(x+l) ’ x==3
£"(1) hoic f"(—3) mang gia trj 4m hay duong d& tim cwe tidu, cue dai cia
ham s6.
dlx*+2x-3
v Nhap biéu thirc x - —
p ( ( )) e, dx (x+1)2

x =]

Céc gia tri x, Man hinh hién thi

Véi x=1—->f"(1)>0>x=1 14

diém cyc tieu ciia ham s6.

Véi x,=-3— f"(-3)<0>x=-3

13 diém cuc tiéu cla ham so.

Két ludn: pé gidi g .:yez‘ mdt bai todn, bang cach nay hay cdch khdc sé luén ra dzmc két
qua tuy nhzen ta can lua chon cdch gidi ngén, it thoi gian dé gidi quyét nhanh né (nhi
phan dgt vén dé), danh thoi gian cho cdc bai todn kho hon.

Vi dy 10: Cho ham sb y=L“J3Ci+—1 cb gid trj cyc dai 13 y, va gid tri cyc tiéu 13 y,.
Tinh hi¢u S=y,—y
A. S=-1. B. §=-5. C. S=4. D. S=—4.
Loi gidi
. Xét ham sb y=f(x)=fz—-'-jc—x-ﬂ=x+;lc--3 voi xiO,tacéf’(x)=1—-;1;; "(x):-f;.

‘ v 1 x=1 f"(1)=2>0
Phuong trinh f (x)“0<:>1—?—0<:>l:x=_1:>{f”(—1)=—2<0.

Suyraha‘xmsédﬁchodatcuctiéutai x=1=y,=f(1)=-
Vi ham sb &4 cho dat cuc daitai x=—1= y, = f(-1)=-5.Viy S=y,-» =4

Chon C.
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]noon.\m:

2

o 1, ,
Vi du 11: Gié tri oge tidu cta ham sb f {x) == - bing a+2v . Tinh tdng a+5.

A 7. - 'B. 6.
C. 4. D. 3.
Loi gii

2 _ '
Xéthémséf(x)=x 21,06 f'(x):Jc(;“;)tl,Vx;ez.

Phurong trinh f’(x)=0<:{x=2_ ]

x_=':2+\/§

= x=2++/3 12 didm cyc tiéu ctia ham sb.

suy ra f”(2+J§)>0.

=4

~a+b=1T.

Vay Yo =f(2+x/§)=4+2\/§=a+2\/3:>{z

Chon A.
Vi du 12: Cho him s8 y=—2x+3vx? +1 ¢ gid tri cyc tri duge biéu didn dudi dang

m~n V&l m, n 1a cc s6 nguyén duong. Téng m+n bing

A. 8. . B. 5.
C.7. D. 6.
Léi gigi

_ 2
24 3x =?:x 24x +1;Vxe]R.
i +1 x+1

Xétham s6 y=-2x+3Jx* +1 véi xeR, tacod y'=-

' 2 2 2 .
Phuong trinh y'=03x=2Jx'+l o x=—_ Va “[—)>0:>x=—— la diém
g Yy Jg Y J§ Jg

; . 2 m=1
cure tiéu ciia ham s6. Vay ya=y[—£]=\/-5_=m«j;:>{ 5:>m+n=6,
n=

Chgn D.
Vi dy 13: Goi @ vA b 14 hai gié trj dé ham s £ (x) o6 dao him £'(x)=2ax+6+2
X

véi x>0 v dat cye tiéu tai x=1 vi cuc daitai x=2. Tinh téng a+5.
A. a+b=-4. B. a+b=-5.
C.a+b=1. D. a+b=2.
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. Loi giai

Xét ham sb f(x)"trénkhoéng (0;+00),.ta06 f'(x)=2ax+6+£:>f"(x)=2a-—%.
: N , , x X

1)=0 & 1}>0
Hémsodatcuctleutalx =1 vacycdaitai x= 2(:}{f() (1)

(2= 0 & f"(2)<0

2a+6+b=0 & 2a-b>0 a=-1
=a+b=-5.

& L=
8a+12+b=0 & 8a—b<0 =—4
Chon B.
Vi dy 14: Cyc tidu cia ham s§ y=(x—3),f[| bing

A, -2 B. 0.
C. 1 D. -1.
Lai gigi

Nhéc lai kién thicc vé déu tri tuyét ddi: |A| A ki A0

ét doi: |A|= .
Nhdc lai kién thiec vé dau tri tuyét o _A Khi A<O
Chuy: Hétm sO lién tyc nhung khong c6 dao ham tai didm x = 0, khi xét cye tri ham 0
ta khéng cin chimg minh ham 56 khong c6 dao ham tai diém x=0 ( xem dinh 1y 2, gidi
tich 12 ning cao).

, : (x—3)\/; khi x20
Ham s da cho xéc dinh valiéntuc trén R. Tacé y = .
: ' , (x—=3)-x Khi x<0

3(>-1)
2\/_ khi x>0 '
Khid6 y'= ] . . Trén (—o0;0) — y'>0 V& (0;+0) > y'=0x=1.
e x ki x<0
2 -x
Bang bién thién
y + | - 0 +
y /0\ /m
| —c0 | ' -2

Ham s dat cuc dai tai x=0, £{0)=0, ham s6 dat cuc tiéu tai diém x=1, f(1)=-2.

Chon A.
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Vi dy 15: Cho ham s6 y = f(x) c6 db thi nhu hinh v& bén. d
Tim tip hop tit ci cic gid tri cia m &8 dd thj ham sb
y= f(|x|+m) ¢6 ndm diém cye trj.

A.m>1. B. m>-1, ;
C. m<l. - D.m<-1. | / —— .
Loi gidi

Dya vio db thi him s6, d& thiy ham s6 £ (x)=x* —3x+2.
Xét ham sb f(]x|+m)=([x|+m)3f3(|xl¥m)+2 véi xeR.

2x x

War

Chit y: Cye trj 14 diém lam y' d8i dfu va 1 (x) =[x = V¥* = f(x) =
s _ 2 _ 11 x

Dods f (fxl+m)—3[(|x[+m) 1:|.|x|.

x=0 _

Gx’.—}-m)z =1 (*) L

Khi d6 y=f(|x]+m) cé 5 diém owc trj < (*) c6 4 nghiém phan bigt <> m<—1.
Chon D. : :

P_hucrng trinh f'(x)=0¢:s[

4
A3 s A, 4k N £ X ,
Vidy 16: Biétring x=m 1a mét di€m cuc tri ciia ham sé y=?-—5mx2+x.Tmh m.

A. m=0,. S ' B. m=1.
C.m=—-;—. D. m=1++03.
Li gigi

4
. X
Xét ham sé y=—2——5mx2+x,taco Y =2x"3mx+1va y =4x-3m; VxeR.

m=1
Vi x=m 13 d#m cuc tri cia ham sé =y (m)=02m* -3m+1=0= 1.
m=—
2
Chon B. '
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g_msisé-a sy

Vidu 17'Taphoptatcacacg1atr1 m #hamsd y=x*+mf4-x* c63cuctrila

A. (-6;6)\{0}. B B.[- 66]\{0}
C. [-2;2]\ {0}. D.(-2;2)\{0}.
Léi gidi

Ham s6 c6 tp xéc dinh D =[-2;2],tacé y'=3x"— Vxe(-2;2).

mx

Ja-x*~

x.(3xx}4—x2 —m) [x =0
0«

Phuong trinh y'=0< 3x? ——b _ =0 =
rong y S 3x = ay '—4—x2 (*)

4—x* \/4—3_«:2
Dé ham s ¢6 ba diém cyc trj khi va chi khi (*) c6 hai nghiém phan biét khéc 0.

Xéthamsd f(x)=3x4-x* trén (~2;2),taco

f()—%,f() 0o x=1+2.

Va lim f(x)=0; lim f (x) = Of( 2)=6; f(~2)=-6.
Dya vao bang blen thién => (*) c6 hai nghi¢m phin bigt khic 0 < m e(—6; 6)\{0}

Chgn A.

Vi du 18 [PE THI THU NGHIEM THPT QG — 2017]: Cho ¥,
him sb y=f (x) x4c dinh, lién tuc trén doan [-2;2] va c6
46 thi 13 dudng cong nhw hinh v& bén. Him s6 f (x) dat cuc AN

dai tai diém nao dudi day ?

EETT Y

A x=-2.  B.x=-1

C. x=1. D.x=2. -4
Loigiai

Duya vio d6 thi ham s6, dé thiy x=—1 13 diém cuc dai ciia ham sb.

Chon B.
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.- - 30 sau ddy lékhé’mg dmh dﬁ:ig‘?

Vidy 19: Cho him s6 »= f(x) xécdmh,henlmc u'en e
doan [~1;3] vécédéhnhuhlnhvében Khé.ngd;nh .

A Hkn,so c6 hai dlem crgrt_:‘.da.t‘lé, x=-1,x=2."

, B.Hamsécéhaidiemcucﬁéula x=0,x=3. =} Y/

C. Hémsodatcuctneutalx 0 cucdaltalx 2.
D. Hémsodatcuctleutalx 0 cucdaltal x=-1.
Loigigi .
Dura vao doth1hamso tathéyn’mg

. Hams_odatcucda1_ta1-x=2.

. Hz‘lmsédgtcuctiéﬁtai x=0.
Chen C. | _
Vi dyg 20::Cho him sé yzf(x) xécdmhtren R v&
c6 @b thi cia ham sb f’(x) nhu hinh vé. Dt

g(x)= f(x)—-x Ham sé g(x) dat cyc dai tai diém
nao sau day‘?

A x=-l. N ‘B. x=0,

Cxsl - Diasa
Loi gidi

Xét ham sb g(x)=f(x)—x,¢6 g'(x)=f'(x)-1.
Phuong trinh g'(x)=0< f'(x}-1=0.

Dya vao 3 thi ham sé f(z), kedu'cngthangy 1, ta thiy ring g'(x)=0 cb 3
nghlq:mphﬁnbletvag(x) dmdaukhldlquahmdlemx—-—l x=2.

Ma g’(x) dbidin "+"— "~ khidiqua x=2=> x=2 la.dxemcucdawﬁ_ahfmsé g(x)-
Chon D. :

74

http://tieulun.hopto.org



2. BAI TAP TU LUYEN [TT6052}

Céu 1: [530568] Cho bham sé y=2x"—5x* +4x+1999. Goi x, va x, 14n luot 13 hoanh
dd hai diém cuc dai va cuc tiéu cia ham sb. Két luin nio sau day 13 diang ?

A. xz—xk=§. B. 2x,—x =—

C. 2x1—x2=§. D._xlr—xzzg.

Céu 2: [530569] S6 diém cyc tri clia ham s6 y = 2x* —5x* + 4x+1999 1
AL B.2.
C.3. D.4

Cau 3: [530571] Ham s6 y =25 +3x* —12x+2016 cb hal diém cic tri lin lugt 14 4 va
B. Két luan ndo sau day la ding?

A. A(-2:2035). B. B(2;2008).
C. A(-2;2036). ' D. B(2;2009).

Ciu 4: [530573] Gié tri cuc dai ca ham s§ y =2x* —5x% +4x+1999 I

A, 23001 B.2.
37

c, 24003 D. 4.
27 o

Ciu 5: [530574] Gid tri cuc tidu clia ham sé y =2x° +3x? —12x+ 2016 1a:
A. 2006. B. 2007.
C. 2008. D. 2009.

Ciu 6: [530576] Ham 56 y =3x* —4x> —x+2016 dat cuc tidu tai:

-2

A x=—. B. x=1
9
-1

C.x=—. D.x=2
9

Cau 7: [530577] Cho ham s6 y=x*+3x* —9x+2017. Goi x, va x, lin lugt 13 hoinh
d6 hai diém cuc dai va cuc tidu cia ham sé. K&t ludn nao sau déy 13 dang?
A.x,—x,=4. B. x, —x, =3.
C. xx,=-3. D. (x,—x,)* =8.
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A.x=?. B. x=25,

By

T
Céu 10: [530583] Cho ham s6 y=2x"+3x* —12x+2016. Goi x, va x, lin luot I
hoanh d¢ hai diém cuc dai va cyc tidu ciia him s8. Két luan ndo sau ddy 1 diing?

C. x=17. D. x

A x —x,=4. B x,—x =3,
C. xx,=-3. D. (x,-x,)* =8.
Céu 11: [530585] Ham s y =3x° —4x% —x +258 dat cuc dai tai:
A, x=—_2. B. x=1,
9
C.x=2L, D, x=—1,
9 9
Céu 12: [530587] Ham s6 y = —x* +8x% —13x-1999 dat cyc tidu tai:
A. x=3. B. x=1.
C. x:l. D. x=2.
3

Céu 13: [530588] Biét ham s§ y=x*—6x" +9x~2 06 2 diém cye trj 13 A(x,,y,) va
B(x,,y,) . Nhin dinh ndo sau day khéng ding.

A.]xl—x2|=2. B. yy,=—4.
C.y=-y,. D. 48=26.
Ciu 14: [530589] Him s8 nao dudi day cé cyc dai ?

A y=x*+x*+1. B. y=—£i.
x+2
C. y= 22—x. D. y=x*-2x.
x°+2
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Chu 15: [{530591] Téng sé diém cyc dai cia hai ham sb y=f (x)=x*-x"+3 va

y=g(x)=—x*+x"+2 la:

Al B.2.

C.3. D. 4.
Céu 16: [530592] Tong s6 diém cyc tiu clia hai ham sb y=f(x)=x'-x*+3 vi
y=g(x)=—=x"+x"+21a:

Al B.2.

C.3. D.4.

¥ 2

Céu 17: [530594] Cho hai ham 58 y=f(x)=x"-x*+3 va y=g(x):?—-——2—-—x+2.
Téng s diém cuc tri, cuc dai, cuc tidu ciia 2 him sé lan Iuot 1a:

A.5;2;3. - B.5;3;2.

C.4;2;2. _ D.3;1;2.
Cau 18: [530595] Cho ham sb y=—x’ +6x* —9x—4(C). Toa d¢ didm cyc dai cha dd
thj ham 6 14: _ §

A. 4(1;-8). B. A(3;-4).

C. 4(2;-2). . D. A(-L10).
Cém 19: [530597] Cho ham 86 y =x* ~3x* +4(C). Goi Ava B 14 toa 46 2 didm cye tri
cia (C). Dién tich tam gidc OAB bing: = -

A. 4. B.S$.

C.2. D. 3.
Cau 20: [530598] D thi him s6 y = x* —3x* —9x+2(C)c6 diém cyc dai cyc tiéu Iin
lwotla (x;;,) va (x,:5,). Tinh T=xy,—x,3,. -

A. 4. B.-4.

C. 46. D. - 46,
Cu 21: [530599] Cho him sb y = x*—x* —x+1(C). Khoang cch tir O dn diém cuc
tidu clia db thi ham sé 1a:

A3 ' B. 2.

C. 1’-1—195-. | D.1.
729
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Cau 22: [530600] Khing dinh nio sau day 13 sai:
A.Ham s§ y=x* +3x+2 khdng ¢6 cyc tri.

B. Ham sb y=x—2x —x.c6 2 diém cyo tri.
C.Himsé y=x>—6x>+12x+2 ¢b cyc tri.
D.Ham's6 y=x" +1 khong cé cuc trj.”
Cau 23: [530603] Gia sit ham s8 y=x*-3x*+3x+4 ¢6 a diém cyc tri, ham sé

y=x'+4x*+2 co bdlém cye trj va ham sé y= 2x-—11 c6 ¢ didm cyc tri. Gi4 tri cia
D x4+

T=a+b+c la:

A0 - .. B.3.
C.2 __ D.1.

Ciu 24: [530604] Ham 56 y = £ (x) =% —2x ¢6 bao nhiéu diém o tri ?
A.0. S B. 1.
c.2. D.3.

Ciu 25: [530606] Cho ham sé y = f(x) = —x* —4x® + 2. Chon phét bidu ding:
A. Ham s trén c6 1 diém cyc dai va 2 didm cyc tidu

B. Ham s trén 6 2 diém cyc dai va 1 diém cye tidu.

C. Hém sb c() 1 diém cye tri 1a diém cye dai.

D. Ham s6 ¢6 1 diém cye trj i dlem cye tidu.

Cian 26: [530607] H&m so m’ao sau day khéng co cuc tn:

Ciau 27; [530612] Ham 56 .!_y = f(x)=x"+x* —x+4 dat cyc tri khi:

Gl [x=0

alx | B 2
P R P
L 3

x=1 [x=-1

C 1. D. 1

x=-= *=3

3 L3
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Cau 28: [530613] Cho ham s6 y = £ (x)=3x* —2x? +2. Chon phét biéu sai:
A. Ham s trén c6 3 diém cyc tri.
B. Ham s6 trén ¢6 2 diém cuc dai va 1 diém cyc tiéu.
C. Ham s6 trén c6 1 diém cuc dai va 2 diém cyc tiéu.
D. Ham s6 c6 cuc dai va cuc tiéu. '
2

. . 5
Ciwu 29: [530615] Cho ham sb y = f(x)=2x’ w~’2‘——-x+4- dat cyc dai khi:

A‘ =1' ’ Bo :*—.
x I - PEETE

C. x=—1 | D. x=1
x=-1. 5=

Cau 30: [530616) Him s§ y = f(x)=x"-3x+1 c6 phuong trinh dudng thing di qua 2
diém cpctrilda
A 2x+y-1=0. B. x+2y—1=0.

C. 2_1—}’—.1;0. . : D,.x-v2y+1=,0.-
Cau'31: [530617] Ham sé (C):y =x° —2x" +x+1 dat cye trj Khi:
[x=1 o x=—1
A. 1. i B 10
xX=— - X=-.
| 3 o i3 i
3

Cygmye D yir e

Cai 33: [530621] Cho ham s (C):y=+x*~x+1 .Ham'sb dat cuctritai

A. x=1. B x=l.
2
1
C.x=——. D. x=-1
2
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Ciu 34: [530622] Ham s6 (C):y =(x* -2)* -3 dat cyc dai khi:

A x=—2. B. x=2.
C. x=1, D.x=0,
Cau 35; [530623] Cho him sb (C): y iﬂ’;—“ e
o _

(1). Ham s dat cyc dai tai x=—1.

(2). Ham 56 ¢6 —3xp, = Ter
(3). Ham s6 nghich bién trén (—o0;—1).

(4). Ham sb ddng bién trén (-1;3).

Céc phét bidu diing 14:
A.(1), @ B. (1), {2).
C.(),3. - - D. (2), (3).

Cau 36: [530625] Cho him s6 (C):y=2x*—x*. Chon phét bidu sai trong céc phat

biéu dudi day:

A. Ham s6 dat cyc tiéu,tai x=0,
B. Ham s6 c6 gié trj cyc dai bing 1.
C. Ham s ¢6 hai cu'c.tri.

D. Diém cyc tiéu clia 45 thi ham sb 13 (0;0).

PAP AN TRAC NGHIEM

01.C [ 02.B | 03.C [ 04.A | 05.D | 06.B | 07.C | 08.A | 09.D | 10.B

11.C | 12.B | 13.D | 14.C [ 15.C | 16.B | 17.A | 18.B | 19.A | 20.B

21.D | 22.C | 23.D | 24.A | 25.C | 26.B | 27.D | 28.B 29.B | 30. A

3LA | 32.C | 33.B | 34.D | 35.B | 36.C

80

http://tieulun.hopto.org



i Moon.vil

F Pyl gty

VAN BE 2: CUC TRI CUA HAM SO BAC BA
[TV6050)

1. TIM PIEU KTEN PE HAM SO CO CUC TRY
Bai todn: Cho ham 58 y=ac® +bx® + cx +d. Tim diéu kién A8 hém s8 ¢é cuc tri.
PHUONG PHAP CHUNG
Ta c6 dao hdm y'=3ax® +2bx+c, '=0<>3ax’ +2bx+c=0 ().
a. Ham sé khéng cé cie tri: Ta xét hai trudmg hop:
Truomg hop 1: Néu g=0 thi y'=2bx+c.
Didu kién 13 y' khéng ddi ddu < b=0 va c#0.
Trudng hop 2: Néu a =0 thi diu kién y' khéng dbi ddu < A'<0.
b. Ham s6 cb cwre tri: Ta xét hai truong hop:
Trueomg hop 1: Néu a=0 thi () <> 2bx+c=0. Diéukignla b#0.

a0

Truong hop 2: Néu a0 thi phuong trinh (*) ¢6 hai nghiém phén biét <> {A' S0
c. Ham sb cé cure dai, cire tidu:

a0
<> phuong trinh (*) ¢6 hai nghiém phén biét < {A' 50"
d. Ham s c6 cyc dai, cwe tiu véi hoanh dp théa min didu kign K.
Ta thire hién theo cac budc sau:
Buce 1: Ham sb ¢6 cuc dai, cuc tiéu
. . . . a0
< phuong trinh (*) c6 hai nghi¢m phén biét < A'SO°
Khi d6 phuong trinh (*) ¢6 hai nghiém phan biét x,, x, thoa man hé thirc Viet,
Bude 2: Kiém tra didu kién K.
e. Ham sb c6 cye dai, circ tiéu trong khodng /

< phwong trinh (*) c6 hai nghiém phan bit trong kboang I .
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f  HAam s6 6 cie dai trong khodng 1 .
Ta xét hai truomg hop:
Trudng hop 1: Néu a=0 thi (*) < 2bx+¢=0 (1),
Diéu kién 1a phuong trinh (1) c6 nghiém duy nhét thudc 7 vi qua d6 y' dbi ddu
- [b<0

duong sang 4m << ¢ .
"*2—b' el

Trudng hep 2: Néu a0, ta thyc hién nhur cic budc:
Buéc 1: Ham sb ¢6 cuc dai

< phuong trinh (+) ¢6 hai nghiém phén biét <> {Z ZOO .
Khi d6 phuong trinh (*) c6 hai nghiém phén biét x, <x,.
Bude 2: Tuy theo a, ta 14p bang bién thién ciia ham sé.
Tir bang bién thién suy ra hoanh 49 diém cyc dai x,.
Bude 3: Ham b c6 cye dai trong khoang I <> x, < 1.
Twong fir cho trudmg hop cuc tidu,

y'(x0)=0

g. Ham sé dat cye tidu tai x, & . .
y"(x,)>0

J"(xo)zo

h. Ham s6 dat cye dai tai x, < ) .
y"(x,)<0

i. Phwong trinh dwing thing di qua hai diém cyec trj ciia db thi ham s,
Budc 1: Tim mién x4c dinh ciia him sé D=R.
Buée 2: Tinh dao ham y', thiét 14p phuong trinh y'=0, gia st 7 (x)=0 (2).
: . .2 . . . a#{
Budc 3: Ham s6 6 cye dai, cuc tidu < (2) ¢ hai nghiém phén biét < A0
Buoc 4: Khi d6, phirong trinh (2) c6 hai nghiém phan biét x,, x, .

Budc 5: Dé xéc dinh phuong trinh dirdng thing di qua didm cwe dai, cuc tidu cua 43
thi ham sb, ta thuc hién theo cach sau:
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T
Meoon.va

Thyc hién phép chia da thuc y cho y' taduge y=y'.g(x)+h(x).
Ta co:

) Goi (x,; ¥, ) 12 toa d6 didm cyc dai hoac e tiéu clia db thi ham s y*(x, ) =0.

Do dé y, = y(xo)=y'(x0).g(xo)+h(xo)=h(xo) .
+) Thiy ngay ring toa d6 cic diém cuc dai va cyc tiéu cung thoa man phurong
trinh y, = h{x,). Vdy phuong trink dudng thing di qua diém cyc dai va cuc tidu
ctia d6 thi ham 56 c6 dang y = h(x).

2. VI DU MINH HQA

Vidu 1: D3 thi ham s6 y = x* —9%* + 24x+4 c6 cac didm cuc tidu va diém cyc dai 1An

lwot 12 (x,3,) va (%, ). Gié tri cha bidu thitc T =y, —x,, bing

A. T =-56. B. T =56.
C. T=136. D. I'=-136.
Léi gigi

Xétham sb y=x* —9x* +24x+4,tacod y'=3x"—18x+24 va y"=6x—18; VxcR.

=2->y=24 "(2)=-6<0
Phuong trinh y'=0<:>3x2—18x+24=0<:>[x Y ) {J’ (2)

x=45y=20 " |y"(4)=6>0

=T =x9,—-%) =4.24-220="56.

N {(xl;yl) =(4;20)

{(x3:3,)=(2;24)
Chon B.

Vi du 2: Cho ham sb y=—§x3—%x2+2x—1. Goi x=a va x=5b l4n luot 13 c4c diém

f A <A N | £ o ros a W2 . a+l .,
cuc dai va cuc tiéu clia ham s0 44 cho. Gid tri cia biéu thitc T=—= 13

Lot gidi
Xét ham sb y=—%x3 —-%xz +2x-1,ta¢d y'=—x"-x+2; VxeR
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Xep =1

Phuong trinh y'=0_<:>x2+x—2=0<:>[

.Dohé sé a=-l<0 nén
2 ' 3 Xep =—2

+1_ 141 1

Vay gi4 tri cha bidu thire 7=27~ =——,
h-2 -2-2 2

Chen C.
Vidy 3: Khoéng céch giita hai diém cyc dai va cyre tidu ciia dd thi ham s y=x"-3x* bing

A. d=-2. ' B. d=22.
C. d=+/5. . D. d=2./5.
Léi gigi

Xéthamsé y=x*—3x, tac y'=3x"—6x; VxeR

x=0-y(0)=0

Phuong trinh y'=0<3x-6x=0< .
x=2—>y(2)=—4

Suy ra hai diém cyc trj 13 A4(0;0) va B(2;—4). Viiy AB=~2*+4% = 2.f5.

Chen D.

Vi dy 4: Cho ham sé f (x) lién tyc trén khodng (a;b) va c6 dao ham cAp hai trén
khoing  (a;d). Biét diém x,e(a4b) théa man s (n)=0 va
() =(%—2)x+mP-m+2 v&i m 13 tham sb thyc. Khing dinh ndo dusi ddy 1a
khing dinh ding?

A. Ham s dat cyc tiéu tai diém x,.

B. Ham s6 dat cuc dai tai diém X,.

C. Ham s6 dong bién trén khoang (a;5).

‘D. Ham s6 nghich bién trén khodng (a;5).

Loi gidgi

Xét ham s S (x) c6dgo ham 7' (x) va dao ham cip hai 1a f* (x)=(%-2)x+m’ -m+2.

Tacd f'(x,)=0=>x, 1a diém cyec tri ctia ham sé. Vi F(x) = (%~ 2}, +m? —m +2.

| 1Y 3 xelR
= f"(x)) =% —2x,+m® —m+2= (xo—-l) +(m—5) +Z >0; V{n:eR
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Suy ra x, la diém cyc tidu cia ham sé £ (x).

Chgn A.
Vi du 5: Cho ham s y=x*—3x* +4 va M(3;2), N(-10). Goi (d) 12 dudng thing di
qua hai diém cuc trj cda db thi ham s6. Dubng thing MN cft (d) tai P. Tinh ti s %.

A, B.

(SR -N

Wi MW

c. Ll D.
2

Loi gigi
Dé gidi quyét dugc bai todn, diém mdu chdt chinh 1a viét phieong trinh dwomg thing di
gua hai diém cyc tri cia dé thi ham s0, ta c6 thé Iam theo ba cach sau:

o Cich 1. Goi 4(x;;3,), B(x,;y,) latoa dd hai diém cuc tri cta @ thi ham sb.
X=X - Y=

X=X Va2

e Cich 2. Thyc hién phép chia da thirc y cho y' nhu phén ly thuyét.

Khi d6, phwong trinh dwdng thing 4B c6 dang

e Cich 3. Thyc hién phép tinh g(x)= y—% [CT] v6i a 12 hé sb chia x* va
o
", »" 1An twot 13 dao him cip mdt, cAp hai clia ham sb. Khi d6 y = g(x) chinh
14 dudmg thing di qua hai diém cyc tri clia ham sé.
Xét ham sb y=x=3x"+4,tac6 y'=3x"—6x v& y"=6x—6; Vx eR.

x=0—>y(0)=4:>{A(0;4)

Phuong trinh y'=0<3x*-6x=0&
& Y e Lc=2—)y(2)=0 B(2;0)

Khi d6 4B =(2;—~4) => 1, =(2;1) = phuong trinh dudng thing (4B):2x+y—4=0.
(3x* —6x)(6x—6)

18

Gén x=100 —=2 5 ¢(100)=-196=—2.100+4=—2x+4=>y=-2x+4 14 duong
thing di qua hai didm cuc trj ciia db thi ham sb. V4y phuong trinh dwdng thing
(d):2x+y—4=0.

Hoic sit dung [CT]: g(x):y—-J%Jﬂ , ta thiy g(x)=x"-3x"+4~
a
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g D04 6 mp_d, 2
Nos(d) 2 2 - 5 NP d, 3
Chon D. T - T e

Vi dy 6: Goi (A) dudng thing di que hai diém cwc trj cia dd thi ham sb
y=x"-3x"-9x+1. Gi4 tri clia tham sé m dwong vi gén gid tri ndo nhit dé ba
dudng thing dé ba duomg thing (A),(d,),(d,) Vi (d):2x+y-1=9,
(d,):(m+1)x—y+m*~2=0 déng quy la '

A. 0. B. 1.
C.2- D. 3.
Léi gidi

Xét ham sb y=x=3x-9x+1,tacod y'=3x"-6x—-9; VxeR,

x=3-y(3)=-26

A):8 2=0.
x=-—I—>y(—1)=6:>( )iBxeys

Phuong trinh y'=0< [

. 8x+y+2=0 =——
Toa dd giao diém cia (4) va (d,) 1a {7 ot 2:>M(—-1-;2].
2x+y-1=0 2

m>0 1++/73
— =
2m* -m-9=0 4

Vi (4),(d,), (d,) dong quy nén M e(d,) suyra {
m gin gi trj 2 nhit,

Chgn C.

Vidy 7: Cho ham s y = x* ~2x + 2x+1. Goi (d) 14 dudmg thing di qua hai diém cuc
trj cia dd thi. Tinh téng tit ¢ cac gid tri ciia tham s& m duong thing (4) song song
v6i dudng thing (A):36mx—9y+9m +10=0.

A. Zm=-§‘ | B. Zm=0.

1 2
C. Z’”“‘g' D. Zm—g.
Loi gigi
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Moon.vi

T pROS TOAN HOC- HAMSO VA MO LOGARITH

Xét ham s6 y=x"—2x"+2x+1,tacd y'=3x"—4x- . vh y"=6x-4 VxekR

Tuy phién, d& thiy phuong trinh y'=0 c6 nghiém v6 ty (nghiém x4u) nén viéc viét
phuong rinh duong thing (d) theo céch thong thudng thi s& dai va tén thoi gian. Vay

L]

trong trrdmg hop nay ta s& dung cong cu tbng quat {CT]: g(x)zy—); éy
a
3x% —4x+2)(6x—4
TR . =)
Gin x=100 = 5 g(100)=23 4100413 _4, 13 2.0 1 duomg
9 9 97 9 97 9

th%ng di qua hai diém cyc iri cia d6 thi ham s6.
Theo bii ra, ta c6 (d)ll(A) = =1 ] ©om=——.
Chon A.

Vi du 8: Goi a,b, 1a céc gid tri sao cho ham s6 f(x)=x’+ax’ +bx+c dat cuc ti

bing 0 tai didm x=—2 va @b thj ham s ciia n6 di qua diém M (1;0). Tinh tong

a+b+ct
A. 36. B. 29.
C. 25, D. 40.
Léi gidi

D5 thi ham sb di qua didm M (1;0) suyra f(1)=0 a+b+c+l=0cat+bre=-1 (1).
Xétham sb f(x)=x'+ax® +bx+c,taco f'(x)=3x"+2ax+b; VxR,
Ham s6 dat cyc tritai x=-2 v& f(—2)=0suyra
(-2)=0 f(12-4a+b=
F(-2) o [12-4a+b=0 ).
f(_2)=0 4a-2b+c—-8=0

a+b+c=-1 a=3
Tit (1),(2) taduge 14a—b=12 <b=0 =a’+b"+c* =25
da-2b+c=%8 c=-4
Chon C,
87

http://tieulun.hopto.org



Vi dy 9 [PE THI THU NGHIEM THPT QG - 2017]: Biét hai diém
M(0;2), N(2;-2) la diém cyc tri clia d thi him s6 y = ax® +5x + cx +d. Tinh gid tri

cla ham s6 tai x=—-2.

A y(-2)=2. B. y(-2)=22.
C. y(-2)=6. ' D. y(-2)=-18.
Léi gidi

Xétham s§ y = ax® +bx* +ox+d,tach y'=3a’ +2bx+c; VxR,
D6 thi ham s6 di qua hai diém cyc tri 4(0;2), N (2;~2) khi va chi khi
c=0;d=2

<< 12a+4b+c=0
Ba+4b+2¢c+d=-2

-_—>y=x3—-3x2+2.

{y'(0)=y'(2)=0

{a=l; b=-3
¥(0)=2; y(2)=-2

c=0;,d=2
Véygidtri ciaham sé tai x=-2 13 f(-2)=-18.
Chen D.

Vi du 10: Tim tit ¢4 gi4 trj thuc cia tham sé m d& ham s& y=4x* +mx* —12x dat cyc
tidu tai diém x =2.

A . m=-9, B. m=2,
C.m=-2. D. m=9
Loi gigi

Xét ham 56 y =4 + mx? —12x,ta¢6 y' =12x" +2mx—12 va y"=24x+2m; VxR

& m=-9,

(2)=0 22 2-12= 4m+36=0
Theo bai ra, ta cé {y( ) {122 +2m.2-12 0@{ ™ -

¥'(2)>0  (242+2m>0 m+24>0
Chon A,
Vi dy 11: Cho ham 86 y=—2x"+(2m~1)x" ~(m” ~1)x+2. Héi 6 tht cd bao nhicu

gia tri nguyén clia tham s6 m d8 ham s6 da cho 6 hai didm cuc tri.

A 4. B. 5.
C. 3. | D. 6.
Léi gidi
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' Meoon.vn

Xét ham sb y=f(x),tacd y'=—6x"+2(2m—1)x—m’ +1; VxeR.

Phuong trinh y'=0<> 6x° -2(2m~1)x+m’ —1=0 (*)

D& ham s6 d cho ¢6 hai didm cyc trj <> phwong trinh ' =0 ¢4 hai nghiém phan biét.
<> {*} c6 hai nghiém phan bigt < A'>0 & (2m—1)’ —6(m* -1)> 0« 2m* +4m—7<0

2+32 2-342
2

<m<-—
2

.Ma meZ suyra m={-3;-2;-1;0;1}.

Chon B.
Vi dy 12: Cho ham s6 y =x*+ax* +bx+2 . Biét ham sb dat cyc tiéu tai x=1, tim gi
tri nho nhét ciia bidu thirc 7 = a® + b2

AL B. 2.
5 5

c. L. D. 2.
10 10

Léi gidi
Xétham so y=x"+ax*+bx+2,tacod y'=3x>+2ax+b vd y"=6x+2a; VxR

y'(1)=0 {3+2a+b=0 {bz—2a—3

Ham sb dat cuc tidu tai x=1<
y"(1)>0 6+2a>0 a>-3

Khidé I'=a’+b’ =a* +(~2a-3)" =a® +4a* +12a+9=54" +12a+9.

Xéthamsd f(a)=5a*+12a+9 véi a>—3,tacod

F{a)=10a+12; f'(a)=0<:>a=—§
Tinh f(—§]=-2'; f(-3)=18; al_ig}of(a)ri-oo - nﬁnf(a):-g-sz 2%

Chon B,
Vi dy 13: Tim tit c& céc gid trj thyc ciia tham sé m @8 ham s 7 (x)=2x* ~3x* —m c6
che gia tri cuc tri iréil déu

A.-1va0. ' B.(—c0;0}U(—1;+).
C. (-1;0). D. [0;1].
Léi gidi
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Tacé f'(x)=6x"—6x; f'(x)=0<:>|:x

x=1

fFQ)=-m-1

0:>|if(0)=—m

Yéu cdu bai todn < m(m+1)<0<> —1<m<0.
Chon €. s e e e

Vi du 14: Goi x, x, 12 hai didm cye trj cda bam 58 y=x"—3mx* +3(m’ ~1)x—m’ +m

Gi trj cha tham s6 m &8 x* +x3 —xx, =7 12

A, m==0. B mzi_%.
C.m=i£. D.m=+2
2
Loi gigi

Tacod 3 =3x° -—61*;17c+3(.m"‘—1)=31:3‘:2 —2mx+(m2 —1)].
Do A'=m? —n? +1=1>0, VmeR nénhim sb ludn c6 hai diém cwe tri x,, x,.

A T |}t x=2m
Theo hé thitc Viet, ta c6 , L
xx, =m -1

Yéu chu bai todn <> (5 +x,) ~3xx, =7 4 3(m’ ~1)=T & m’ =4 > m=212.
Chon D.

Vi duy 15: Ham s6 y=ax® +bx* +cx+d dat cuc tri tai hai diém x,, x, ndm hai phia
truc tung khi va chi khi

A . a>0,b<0,c>0. B. a,ctréidéu.
C. b* -12ac>0. D. b* —12ac> 0.
Loi giai

Pao ham: y'=3a’ +2bx+c.

Pé db thi ham sb c6 hai diém cyc trj nim v& hai phia truc tung khi va chi khi phuong
trinh y'=0 c6 hai nghiém x,, x, trai ddu. Suyra a v ¢ trdi ddu.

Chon B.
Vi dy 16: Tim tit ca céc gié tri cta tham s6 m dé ham s y=%x3—mx2+(m+2)x cb
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| Moon.va

hai diém cyre tri nim trong khoang (0;+0)?

A, m>2. B. m<2.
C.m=2. D. 0<m<2.
Loi gidi

Tacod ¥y =x"—2mx+m+2
Yéu cu bai todn <> y'=0 ¢6 hai nghiém dwong phan biét
Al=m’—m-2>0 (m+1)(m-2)>0 [m>2

<~

@98 =x+x,>0 <42m>0
P=xx,>0 m+2>0 m>0

m<-lom>2.
Chon A,

Vidu 17: Cho ham sé y=2x" —3(m+1)x” +6mx +n’ . Tim gi4 tri thyc clia tham s6 m
dé d6 thi ham s6 c6 hai didm cyc tri 4, B sao cho d6 dai 4B=+2 .
A, m=0. B. m=0 hoic m=2.
C.m=1. D. m=2.
L gidi

Tacé y'=6x"—6(m+1)x+6m, y'=0<:>x2-—(m+1)x+m:0<:>[
m

D4 ham s6 ¢6 hai diém cyc tri <> m=1.

Toa db cac diém cue tr 1a A(l;m3 +3m~1) va B(m;3m2) )

Suyra 4B =(m—1) +(m* —3m* +3m~1) =(m-1)" +(m-1)°

Theo bairataco

4B* =26 (m=1)" +(m=1) ~2=0& [ (m-1 | -1+[(m-1)* 1] =0

& [(m-1 1] {(m-1)"+(m-1)" +2]=0 & (m-1) =1©[Z:§ (thoa mar).

Chen B.

Vi dy 18: Cho ham $§ y =" +3x" +mx+m—2 véi m 13 tham sb, c6 dd thi 1a (C,).
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Xac dinh tham s6 m dé (C,,) 6 céc diém cyc dai va cuc tiéu nim v& hai phia d6i véi
truc hoanh ?

A m<2. B. m<3.
C. m<3. D.m=<2.
Lai giai

Paohdm y'=3x*+6x+m . V6i A', =9-3m.

D6 thi ham sb cb cyc dai va cue tiéu khi: A, >0 m<3.
Tacd y= lx-l—~1- Y+ 2_m_2 x+ 2_m_2 .
3 3 3 3

Goi x,,x, 12 boanh d6 ctia 2 diém cyc trj khi d6:

Hai diém cyc tri nm v& hai phia truc hoang khi:

2
Vs <0¢>(?22—2] (% +1)(x,+1)<0

2 2 <2
= 2—’"—2} (xx, +x +x,+1)<0 < 2_m_2] (E—l <0 " %,
2 3 2 m#3

Chen C.
Vi dy 19: Tim tét ca céo gid tri thyc cia tham sé m dé ham sé y=%x3 —%f +ax+l

dat cuc tri tai x,, x, théa mén didu kién (x,2 +x, + 2a)(x22 +x+ 2a) =9,

A. a=2. B. a=—4.
C.a=-3. D.a=-1.
Loi gidi

Xét ham s y=%x3—-;—x2+ax+l,tacé y=x"-x+a,VxeR
+ 2 . . 2
Phuong trinh y'=0< x> —x+a=0 (*),c6 A=(-1) —da=1-4a.
Dé ham s6 d4 cho c6 hai didm cuc tri <> ' = 0 ¢4 hai nghiém phén biét < a < %.

Khi d6, goi x;, x, 1an lugt 1a hoanh d6 diém cyuc dai, cyc tieu clia ham sd.
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Taco (Jcl2 +x, +2a)(x§ +x, +2a): 9.

< (3, ) +xx, 45+ +2a(xf+x22+x1+x2)+4a2 =9
M % +x, =(x, +x2)l:(xl +x,) —3x,x2]=1—3a va xt+x =(x +x,) ~2xx,=1-2a.

2 2 2 a=2
Suyra @’ +a+1-3a+2a(2-2a)+4a’ =9 a’ +2a-8=0& 4
a=—
Kéthqpvé’idiéukiéna<%—>a=2 I gié tri cAn tim.
Chon A.

Vi du 20: Tim tAt ci céc gi4 tri thuc ciia tham sé m d8 ham s y=-:£;x3 —%(m-i—S)Iz +mx

¢6 cyc dai, cyc ticu thoa mén diéu kién |x., — x| =5.

A . m=0, B. m=-6.
C. m={0;6}. D. m={0;-6}.
Loi giagi

Xét ham sb y=%x3 —%(m+5)x2 +mx,tacé y' =x*—(m+5)x+m; VxR,

Phuong trinh y'=0< x> —(m+5)x+m=0 (*),co A=(m+5)2—4m=m2+6m+10.
Dé ham sé d4 cho cé hai diém cyc trj <> y'=0 ¢6 hai nghiém phén biét.

& (*) 6 hai nghiém phin bigt < A'=m?+6m+10=(m+3)° +1>0; VmeR.

Khi d6, goi x,, x., 1an hrot 1a hoank do diém cuc dai, cuc tidu ciia ham sb.

. Xepy + Xpr =m+5
Theo hé thirc Viet, tac(){ o e .

*cp-Xer =M

Mt khdc [xcp ~¥er| =56 (xep —%ep )’ =25

< (% +JCCT)2—4.JCCBJCCT =25:>(m+5)2—-4m=25<:‘>m2+6m=0<:>[m .
m=—

Véy gid tri cAn im clia m 1 m={0;—6).
ChonD.

Vi du 21: Cho ham s6 y =x*+(2m—1)x*+(m+1)x. Tép hop tit ci cic gié trj cia

tham s thue m sao cho dd thi ciia ham sé d3 cho ¢6 hai didm cure tri ddng théi hoanh
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d0 ciia diém cyc dai khéng nhé hon —1.

A (-oo;-—ﬂu{z}. B. (__C’O;hiju(z;m)'

Léi gidi
Xét ham sb y=x3+(2m—1)x2+(m+1)x,tacé y'=3x2+2(2m—1)x+m+1; VxeR.
Phuong trinh y'=0< 32" +2(2m—1)x+m+1=0 (*).
Dé ham s6 d& cho ¢6 hai diém cyc tri <> y'=0 ¢6 hai nghiém phan biét,
m>2

< (*) co hai nghiém phan biét < A'=4m* - Tm-2> 0 1 (1).
"me<——

—b'—JA' 1-2m—am* - Tm—2

a 3

Vihéso a=1>0 nén x_, <x. suyra xg, =

m— 2-— —
Theo b ra, ta c6 x> —1¢ L2 VAW ZTm=2 i o 2m— A —Tm—2 23,

3

i

S""'— r 1

o —Tm-2<4-2me|" 4.Kethop (1), ta dugc me(—oo;—z}.
m=2

Chon C.
3. BAI TAP TU LUYEN[TT6053]
Ciu 1: [532053] Diém cuc dai ciia d6 thi ham s§ y = x* —6x> —15x—5 13
A. (5-105). B. (-18).
C. (-13). D. (5~100).
Ciu 2: [532054] Diém cuc dai cia 46 thi ham s6 y = —x* +3x* +5 14
A. (0;5). B. (0;0).
C. (2,9). D. (2;5).
Céu 3: [532055] Piém cyc tidu ctia @5 thj ham 86 y=x* ~2x% +x+1 13
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Ciu 4: [532057] Piém cuc tiéu clia @ thi ham 86 3 = —2x° +2x* +2x+5 I

A, (1,7). : B. (—%,%J
C. [1;12—5). D. (-17).
327

Cau 5: [532058] Gid st hai didm 4, B 13n hrot 12 cuc dai va cyc tiéu ctia 33 thi ham sé
y=x°—3x+4 khi d6 d6 dai doan thing 4B 1A

A. 5. B. 3/5.
1

C. —~. . D. 2./5.
g
Céu 6: [532059] Cho ham s6 y = x* —3moc+1(C) . Tim gia tri ctia m dé d0 thi bam sb
(C) dat cuc dai tai diém c6 hoanh d6 x =-1

A m=-1. B. m=1.
C. ymeR. D. me.

Cau 7: [532060] Cho ham s6 y = x> —mx? +x+1(C) . Tim gid tri cia m @& db thj
ham s6 (C) dat cuc tiéu tai diém c6 hoanh d6 x =1

A m=1 o B. m=-1,

C.m=2 D. m=-2.
Ciu 8: [532061] Cho him s6 y = x* —3(m+1)x* + 9x~2m* +1(C) . Tim gié rj ctia

m @& 36 thi ham sé (€) <6 cuc dai, cyc tiéu tai x,,x, sao cho % —x,f=2

A. m=1. B. m=-3.
m=1

C.{ . D. me@.
m=-3

Chu 9: [532062] Cho ham s§ y = %f —--é-mxz +(m* —3)x (C) . Tim giA trj cita m @

d6 thi ham 86 (C) c6 cuc dai, cye tidu tai x,,x, sao cho x> +x2 =6

A.m=0. B. m=1.
m=0 :

C.f: . D. med.
m=1

55

http://tieulun.hopto.org



Céu 10: [532063] Cho ham s %f =(m+2)x* +(m* + 4m+3)x+6m+9 (C). Tim

gia tri caa m d& db thi ham sé (C) c6 cuc dai tai x, , cuc tiéu tai x, sao cho % =x,

A.m=1. B. m=-2.
m=1

C.[ S : : D.med.
m=-2 '

Cau 11: [532064) Tim cuc tri cfia ham sb y =§x3 —%xz —-2x+2

B, =2 By M. __3

+ Veq = 6’ycr 3' - Yea g’ycr 4
19 3 19 4

C.y, =——y, == D.y, ="y ==
ycd 6 yc.r 4 ycd 6 ycr 3

Ciu 12: [532065] Diém cyc tidu cta dd thi ham s6 ham s6 y =x* —3%* +6 la:
A x,=4. _ B. x,=3.
C. x, =1 D. x,=2.

Cau 13: [532066] Gi4 tri cyc dai clia him s6 y =—§x3 #2542 1a

A2 B. 1.
3

c. 10 D. -1.
3

CAu 14: [532067] Cho ham s6 y=—x"+2x>—x+4. Tdng gid tri cuc dai va cuc tiéu
clia ham s6 1a:

A 22 | B. .
27

c. 2 p, 212
27 7

Chu 15: [532068] Cho ham sb y=§x3 ~2x? +3x—1. Khodng céch gitia 2 diém cye

dai, cuc tidu 13

A @. g, 213

3

c. W71 D. 23@

3
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Cén 16: [532069] Cho him sb y = %"3 ~ 2+ (m=Dx+6 dat oy tiéu tai x, =1 khi

A m>2. B.mz2.
C. m=2. - D. m=-2.

Ciu 17: [5320°70] Ham sé y=%3~——m~2i+% dat cuc tidu tai x, =2 khi m bing:
A m=1. B. m=2.
C. m=3. D. Pép 4n khac,

Ciu 18: {532071] Cho ham s6 y=x* —mx® —m . Gia st hiam s8 dat cuc tidn tai didm
x=1. Viy gia tri cia cuc tidu khi d6 1a:

A. 1. ' B. -1.

C.2. D. Khong tdn tai.
Céu 19: [532072] Cho ham s8 y =4x® +mx® —3x+1. Tim tt ca cdc gid trj ciia m d&
ham sb ¢4 hai diém cyc tr x;,x, thoa man x =-2x,.

3WV2 | 32

A m= +—. B.m=

>
C.m =—¥. ' D. Khéng c¢6 gia trj clia m.

Cau 20: [532074] Ham $6 y=(m—3)x> - 2m* +3 khéng ¢ cye tri khi

A. m=3. " B. m=0 holic m=3.
C. m=0. D. m=3.
Céu 21: [532075] Ham s6 y =x* —3x* —9x—7 dat cyc dai tai:

A x=-1. B. x=3.
. x=-1 x=-=1
C. . D. .
x=3 x=3
Céu 22: [532076] Ham s6 y = —x* +5x7 —3x+12 ¢6 diém cyc tidu 6 toa do 1:
A. (3;21). B. (3;0) .

c. [1;11_1]. D. [1;0}
3 27 3
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Cau 23: {532077] Him s6 y =x>—12x+15 c6 2 diémoyctrila 4 va B. Mot nira clia

A. 4J65. B. 265 .
C. 1040. D. 520.

Cau 24: {532078] Cho him s6 y =x*+3mx+nx+1. Biét d6 thi ham s6 nhan diém
M (~L4) 12 diém cye tri. Gié trj clia biéu thitc T=m+n la:

AL ' B. 4.
3 .

C. :%é D. Khéng ton tai m,n.
Cau 25: [532079] Cho ham s6 y=2x"—3(m+1)x*+6mx+1 (C). Gid sit x;x, Ia
hoanh 49 céc diém cyc tri. Biét x +x; =2. Gié tri ctia tham s m la:

A m=%l1. R = S

C. m=1. D. m=%2,

Ciu 26: [532080] Cho him s6 y=—x" +2(m-+1)x" +mx+3 . Gid trj cia m d& ham sb
dat cyc tiéu tai diém x= -g- ia:

A m=0. B. m=1. .

C.m=2. D. Khong ton tai m.
Chu 27: [532081]Cho ham sb y =§x3 —mx® +(m* —m—~1)x. V6i gid tri nao cda m thi
ham sb d4 cho dat cwe dai tai x=—17

A. m=0. - B.m=-1.
C.m=0. D. Pap an khac.

Ciu 28: [532082] Cho hdm s6 y = +3x? +mx+m~2. V&i gid tri ndo ciia m thi ham
s0 ¢6 2 diém cuc tri nim vé 2 phia cia truc tung ?

A. m<Q. B. m>0.

C. m=0. D.m=1.
Cau 29: [532083] D6 thi ham s6 y=x>—9x* +24x+4 ¢6 céc diém cyc tidu va diém
cye dai Bn Tugt 13 (x;3,) V& (x,;, ). Gid tri ciia biu thirc x,y, - x,y, 1&:

A. —56. B. 56.

C. 136. D. —-136.
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Cau 30: [532084] Lip phuong trinh-dudng thing di qua hai didm cue tr cha bam sb
y=x —4x" +3x-1.

14 1 14 1

A y=—"x+—, i Wm——X——,
TTTe Ty TTT e T
14 1 14 1
C.y=—x+-. D, y=—x-——.
Y= 9*T3 779

Ciu 31: [532085} Goi x,, x, 14n hugt 12 hai diém cyo tri clia ham s6 y =x* -5x* +4x—1,
Gia tri cia bidu thirc | y(x)+y(x, )I ghn véi gid tri nao san day nhit ?
A. 6. B. 7.
C.8. D. 9.
Céu 32: [532086] Cho ham sé y=x’—3mx*+3(2m—1)x+1 (C,). Cic ménh @&
duén day:
(a) Ham sb (C) c6 mbt cuc dai va mot cure tiéu néum # 1.
(b) Néu m>1 thi gia tri cyre tidu 1a 3m—1.
{c) Néu m <1 thi gia trj cuc dai 12 3m—1.

Ménh dé nio dtng ? _
A. Chi (a) ding. B. (a) va (b) ding, (c) sai.
C. (a) va (c) dang, (b) sai. D. (a), (b), (c) déu ding.

Céu 33: [532087]Tim m @& hamsb y = ° ~3n0x? +3(m” 1) x+m dat cuc dai tai x=2.

A.m=2, B. m=3.
Com=l | D. m=4.
Cau 34: [532088] Toa d6 diém crc tidu cha dd thi ham s6 y =2x* —3x% —12x+1 1
A.(-L8). B. (2;-19).
C. (-52). D.(2;-1).

Cau 35: [532090] Goi A(xl; y,) va B(xz; ¥,) 14n huot 12 toa d6 cdc didm cyc dai va cyuc

tiéu ciia 4 thi ham s6 y = —x* —3x? +9x+1. Gid trj ctia bidu thire T =2 — 22 bing;
' Y. N
T B.
18 13
c 2 _5
13 18
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Céu 36: [532091]Goi 4, B 13 toa d) 2 diém cyc trj ciia d6 thi ham s6 y=—2* +3x+2 (C)
Do dai 4B 1a:

A. 2.f3. ' B. 24/5.
C. 24/2. D. 5J2.
Cau 37: [532092]Cho ham sb c6 bang bién thién nhu sau.
x —0 -1 1
y’ + 0 — il +
+
y
0
-

Khing dinh nio sau déy 13 diing,

A. Him s6 d4 cho c6 mét didm cuc tr tai x=—1.

B. Gid tri ctia cyrc dai 14y, =4 va gid tri clia cye tidu 14 Yer =0.

C. Gia tri cha oye dai 13 y, =40 vA gid tri cia cuc tidu 13 3, =—0.

D. Ham s6 d cho khong dat cyc tr tai diém x=1.

Ciu 38: [532093]Cho ham s6 c6 d6 thi nhu hinh v&. Khing dinh ndo sau ddy 12 dting.
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A. Ham sb dd cho dat cyc dai tai x =4 va cuc tidu tai x=2

B. Ham s da cho dat cuc daitai x=0 va cuc tibu tai x=4

C. Gié trj clia cwc dai 13y, = 4 va gid trj cda cyo tiéu [ y_ =2

D. Ham s6 dat cyc dai tai didm x=0 va c6 gié tri cia cyc tidu 12 y_, =0.

PAP AN TRAC NGHIEM
01.C | 02.C | 03.A | 04.B | 05.D | 06.B | 07.C | 08.C | 09.A | 10.C
11.A | 12.D [ 13.C | 14.A | 15.B { 16.A | 17.B | 18.B | 19.A | 20.C
21.A 1 22.C | 23.B | 24.C | 25.B | 26.D | 27.A | 28.A | 29.B | 30.A
31.B | 32.A | 33.B | 34.B [ 35.C | 36.B | 37.B | 38.D
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VAN BE 3: CUC TRI CUA HAM SO TRUNG PHUONG (BAC BON)
{TV6051]
1. TiM DPIEU KIEN BE HAM 8O CO CUC TRI

© Xét ham sb tring phwong = ax* +bx +¢ véihésé a#0.

Ta c6 mét sb két qua sau:
» Ham sb cé mitcyctri <> ab>0.

e Hamsbcobacuctri < ab<0. .

, : : C a>0
e Ham sb c6 mét cyc tri va cue tri 1a cyc ticu <=>{b>0.
a>0

e Ham sb c¢6 mdt cyc tri vA cyc tri 12 cyc dai ﬁ{b<0'

a>0

e Ham sb c6 hai cuc tidu va mdt cyc dai <> {b<0'

a<{

e Ham sb c6 hai cuc dai va mot cyc tidu < {b>0.

© Mot s cong thire tinh nhanh lién quan dén cyrc tri cia ham sb béc bbn.

Xétham s§ y =ax* +bx” +¢ voi a#0 va ham s6 c6 ba diém cye tri.

b A b A},
Khi dé goi A(O;C), B 1’——;——- ,C —,’———;-—-— 13n Tuot 14 ba diém cyc trj cla
2a 4a 2a° 4a

4
d thi ham s6 = AB=AC= bz——lL;BC=2J—i véi A=b"—4ac.
16a” 2a 2a

Xét AABC can, dit BAC=a ,tachd

b +8a
b’ -8a

8a(l+cosa)+5 (1—cosa)=0 = cosa =

2
Va dién tich § =%.f’—|., /_Eb— , phrong trinh duéng tron di qua ba diém 4, B, C 12
fa a

ye 2 A
P4yt =(ctn)x+cn=0 véin=——-—.
b da
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Tam gidc ABC vudng cén tai 4

8a+b" =0.

Tam gisc ABC déu

24a+b* =0,

BAC =« 8a+b3.tan2%=0.
S5 =S, 324°.(8,)" +b° =0.
bz
. W= —-
Fassc =¥, (bén kinh dudmg tron néi tiép) b
[a[ I+, 1-—
a
BC =m, am; +2b=0.
AB=AC=n, 16a* 1t —b* +8b=0.
B, C e Ox (ba ¢ifm cyc tr ndm trén cing ,
N . b —4ac=0.
mit tryce toa d) _
Tam giac cé trong tim 0(0; 0) (géc toa dd) b —6ac=0.
Tam giac ¢6 trire tAim O(O; 0) (géc toa do) b +8a—4ac=0.
P . o YA b3 —8a
R, 45c = R, (bén kinh dudmg tron ngoai tiep) R, = 8] Ib .
- a

2. Vi DU MINH HOA

Vidy 1: Cho ham sé y = x* —8x* + 6. Ménh d& ndo dudi day ding ?

A. Cure tidu ctia ham sé a3 cho 13 0.
B. Cuc dai ctia ham sé da cho 1a —2.
C. Cyec tidu ciia ham s6 ¢4 cho 13 6.

D. Curc dai cia ham sb di cho 12 6.
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Loi gidi

Xéthim s y=x*-8x°.46,taco

x=0=y(0)=6

'=4x* -16x —> Y'=0& :
d & L=i2:>y(i2)=—10

S gz o)
Mit khac y" =8x"—16 suyra
¥'(£2)=16

-16 :
= cyc dai cia haim s6 da cho 1a 6.

Chon D.
Vidg2: Chohdmsd y=x*-4x*+3 (C).Ménh dé ndo dudi day diing ?
A. D6 thi (C) di qua diém cuc tiéu 4(0;3).
B. Db thi (C) ¢6 duy nhét mét diém cyc tri.
C. Gi4 tri nhé nhét ctia ham 88 bing —1.°
D. Gi4 tri cyc dai ciia ham s6 bing -1,
Loi gidi
Xéthamsé y=x*—4x*+3,taco
x=0= y(O) =3

x=i\/§:>y(i\/§)=—l.

Laico, hésd a=1>0 suyra 4(0;3) 1a didm cyc dai cia db thi (C).

y=4x'-8x - y'=0&

Va gi tri cyc tiéu ciia him 58 bing y(+V2)=-1.
Mit khac x* —4x° +3=x4—4x2+4-1=(x2-2)2-12-1, VxeR—> miny=-1.
Chen C,
Vi du 3: Db thi ham s§ y =3x* —2x% +2017 c6 ba diém cyc tri 4, B, C tao thanh tam
giéc cAn tai 4. Khi d6, sé do géc BAC bang

A. 120°, ‘B. 90°.

C. 60°. D. 30°.
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Lo gidi

Ap dung cong thirc gidi nhanh BAC =a — 8a+b3.tan2% =0,

Véihé sb {Ziiz suy ra tan %:—i—a=3c>tan§—fc>5—60°=>a 120°.
Viy sé do géc BAC bing 120°.
Chon A.
Vi du 4: Parabol (P) di qua ba diém cyc tri ciia @ thi ham 86 y=x"—-4x"+3 va cht
dudmg thing d: y=2x—1 tai hai diém phén bidt A(x,;y,) v& B(xpy,)- Tinh gid tri
bidu thitc P =x,.y, +x,.¥,, V6l x, > x;.

A. P=17. B. P=—

C. P=-3. D. P=3.
Loi giai
Xétham sé y=x*—4x* +3,tacod y’=4x3—8x=4(x3—2x)=0c:>x3—2x=0.
Khi 46, hoanh dd ba diém cyc trj otia d6 thi him 56 12 nghiém ciia phirong trinh y'=0.
Taxét y=x*~4x" +3= xt-2x7 +3-2x —x[gc_y—;?__}x]+3 2x%.

Suyra y=3—2x> la phuong trioh parabol {P) di qua ba diém cuc tri.

. x=1
Phuong trinh hoanh d6 giao diém (P) va d 1a 3-2x =2x—1<:>x2+x—2=0<:>|: 5
) x=-

vay Ja=1= 0=l g + 7
=X,. Xg. =1,
ay x3=—2=>y3=—5 4V V4

Chgn B.
Vi du 5: Cho ham sé y=x'~2x"-2 (1). Goi 4,B,C lan lugt 12 ba diém cyc trj clia
¢ thi ham 6 (1). Tinh dién tich tam gidc 4BC (don vi dién tich).

A Sy =1 B. S, 50 =2

C. Sppc=4- D. S, =2
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Loi gigi

; x
Céch 1. Tacé y' =4x° —4x; y’=0@x(x2—1)=0¢¢.{
X

Khi dé 4(0;-2), B(1,-3), C(~5~3) suyra Syac =%.d(A;BC).BC=1.

Cach 2. Sir dung céng thirc giai nhanh Spizc =8, =32a°.(S,)* +5° =0,

rr1oa A a=1 2 bs —2 ’
th¢50 {b:—z suy ra (Su) "='“'32'€13'=_' 32) =1:'>SO=1,‘

Viy dién tich tam gidc 4BC bing 1.

Chgn A.

Vidy 6: Cho ham s y=x*-2x2+2 c6 ¢ thi (C). Goi 1 13 tam duong tron (T) di
qua ba diém cyc trj ciia d3 thi ham sé va didm M(1;0). D¢ dai doan thing Iar bing

A IM=2. B. IM=2, C. IM=4f3. D. IM =22
Loi gigi
, £ - 1 3 ] 3 x=0
Xéthamso y=x*-2x"+2 tacéd y'=4x —4x y' =0 -x=0 1
X=x

Khi d6 4(0;2), B(1;1), C(1;-1) 12 ba didm cyc trj clia db thi ham sé,
Goi phuong trinh dudmg tron di qua ba diém (4BC) I3 x*+ 7 —2ax-2by+c=0 (7T)
4-4b+c=0 a=-1

V1 4,B,Ce(T) néntacé {2-2a-2b+c=0b=0 =(T):(x+1) +y* =53 1(-1,0)
2-2a+2b+c=0 |c=-4

12 tim dudmg tron (7') = A7 = (20)=im=2.
Chon B.
Vi dy 7: Cho d6 thi ham sé y=ax*+bx* +c dat cuc dai tai A(O;—S) va cyc tidn
B(~1-5). Tinh gia trj ciia biéu thic P=q+2b+3c.
A. P=-5, B. P=-9. C. P=-15. D. P=3,
Loi gidi
Xét ham sb y=a’+bx’ +c,tach y' =4’ +2bx vi Y'=12ax® +2b; VxR,
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P thi ham sb di qua diém cuoc dai 4(0;—3) va diém cuc tidu B(—1—5) khi va chi khi

~4a-2b=0 a=2
c=-3 o{db=—4=P=a+2b+3c=-15.
a+b+c=-5 c=-3

y(0)=y'(-1)=0
{y(0)="3: y(-1)=-5
Chit : V&i a=2; b=—4; c=-3 tadugc y=2x"—4x" -3 —y"(0)=—8<0=>x=01a
diém cuc dai ciia ham s6.
Chon C.
Vi dy 8: Cho ham sb y=x*—2x% +m ¢ b thi 1a (C). Goi 4 1a diém cyc dai ciia 46
thi ham s6 (C), diém B(m—1Lm’—m) v6i m>~1. Goi.m,, m, la hai gié tri sao cho
46 ddi 4B ngin nhét, tdng m, +m, bing

AL B. 2.
2
1
C 1 D. 1-—.
| V2

Loi gidi

Xéthim'sb y=x*—2x* +m,tach ¥y =4x’ —4x; y’:0<:>x(x2~1)=0<:>[

Vihé 6 a=1>0 nén A(0;m) 12 diém cyc dai ciia & thi ham sd.

2

Tacd B(m—].;m2 —m) :>A—B=(m——l;m2 —2m):> A.B=\j(m—1)2 +(m2 —Zm)

1Y 343

Dt = —2m+1=(m—1) 20, khi d6 AB=Jt+(t—1) = (r-—) +2>X2

it t=m" —2m (m-1) . o (1-1) 5| *32
V3

Suyra 4B, == ddu "=" xdyra < t=%<:>m2—2m+—§-=0=>ml+m2 =2.

Chen B. _
Vi du 9: Tim tht ca gi4 tri cia tham s& m d& him s y =mx* +(m—1)x* +3m+1 chi ¢6

dling mdt cyc fri.

A, 0<m<l. B.mz=1.
mz1
C. m<0. D.
m<0
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Lo gidgi
TH1. V6i m=0, khi 46 ham s6 trér thanh y=1—x? 13 him s& bac hai nén c6 duy nhét
mdt diém cyc tri, hé s8 a=~1<0 nén ham sé ¢6 diém cyc dai.
TH2. V&i m =0, xét ham sé y=mx*+(m—1)x* +3m+1, ta c6 y’=4mx3+2(m—1)x
Phuong tinh y' =0 > 4 3—2( 1)A o]0

1 =Vedm +2{m-1lx=0

g it y 2mt =1-m (v)
D ham 56 6 duy nhét mgt diém oyc trj <> phuong trink (*) ¢6 nghigm duy nhét x=0

l-m=0 m=1 m>1
ho:_icphuongtrinh(*) v0 nghi¢m. Khidé | 1—,, 0<::> m>1<:>[ -
—c<

_ m<0
2m m<Q

mz=1

Vay [ Lo lagitmidé ham s 42 cho c6 ding mét oy tr.
ms

Chon D,

Vidy 10: Cho ham s6 y = x* —2x*. Goi A 12 dudng thing di qua diém cuc dai cia d8 thi
ham s d& cho vi c6 hé sb géc m . Tép hop it ca céc gid trj ciia tham 6 thye m sao cho
téngcéckhoéngczichtﬁhaidiémcuctiéucﬁadéthihémsédﬁchodénA 12 nhé nhit.

A. m=0, B.m=i%. C.med. ' D.m=zx1.
Loi gidgi

x=0
+1°

Xétham sé y=x*-2x2, ta c6 ¥ =4x —4x; y'=0<:>x(x2—1)=0<:>[

Suy ra 4(0;0), B(L,-1), C(~1;~1) 12 ba diém cyc trj cita db thj ham sb,
Phuong trinh dudmg thing A c6 hé s6 géc m va di qua didm 4 13 y=mx &> mx—y=0,

Tacé d(B;(A)})= }"%; d(C;(A))= ";:}, khi d6

3

_'Im+1|+[m-—1]

T=dy,,\+d;, = 2
m°+1
- =m+1>0
oL ___lmtli+m-1  a+p voi 12 41 = ab>0,
B ol e " iy
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bZ
Mt khic 20b20<:>(a+b)22a2+b2<:>£f-t—)—>1:>121@1’2«5:>1”‘- =~2.

a+b 2 -
. . a=0 ]m+1‘=0
Dau "=" xdy ra khi va chi khi =%l
b=0 {m—1=0

Chon D.

Vi dy 11: Tim m d& dd thi ham s6 y=x*-2(m’ —m+1)x* +m—1 c6 mot diém cyc
dai, hai diém cyc tidu va théa man khoang cch giita hai diém cuc tiéu ngén nhit.
A.m=——1—. B.m=£. C.m=§. D.m:-—i.
2 2
Léi gidi
Tacéd y'=4-::c3-—4(m2-—m—i-l)x=-4[-x|:x2--(m2 —m+l)];

Phuong trinh y'=0(:>x|:x2 -(mz—m+1)]=0©|:

x=0
x=tlmt-m+1
 Suy ra db thi c6 hai diém cyc tidu 13 A(—M; yCT) v B(m; ym.).
Khi 6 4B* =4(m2—m+1)=4|i(m—l]z+§}23. Diu "=" xdyra < m=L.
2 4 2
Chon B.

Vi dy 12 [PE THI MINH HQA THPT QUOC GIA — BGD]: Tim tt ca céc gid trj
thyc cia tham s6 m sao cho db thi ham s8 y=x*+2mx?+1 ¢c6 ba didm cuc tri tao

thanh tam gidc vudng cln.
1 1
A m=——. B. m=-1. C.m=_—=. D. m=1
g 3 "
Lo gidi

Xétham s6 y=x*+2mx’ +1,t2 cé y'=4x" +4mx; VxeR.
, x=0
Phuong trinh y’=0<:>4x(x +m)=0@ .
w=om (4
DE db thi ham sb da cho ¢6 ba didm cyc trj khi va chi khi (*) c6 hai nghiém phén biét
khéc 0khi va chikhi —-m>0&m<0.
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Khi d6, goi A(0;1), B(,/—m;l—mz), c(- —m;1-m") la ba diém cyc tri ciia db thi

ham sb = AB =(J—_m;—m2), A—C=(—J——m;—m2)..

Tam gidc 4BC vubng cén tai 4 <> ABAC =0 m+m' =0<>m=-1.
a=c=1

Hoécsﬁdungcﬁngthﬁcﬁnhﬁhanhvéihﬁmséy=ax4+bx2+c=x4+2mx2+1:>{ )
=2m

Tam gidc ABC. vudngcin 82+’ =0584(2m)’ =0 m’ =~lesm==1....
Chon B,
Vi dy 13: Cho ham 6 y =—x* +2mx” ~4 6 @b thi 1z (C,). Tim cdc gia trj cla m dé

tht c4 cac diém cyc trj clia (C,) déu nim trén cic truc toa do.

A m<0. B. m=2.
C.m>0. D. m<0 hoic m=2.
Lai gidi
= ’ 3 2 x=0
Tacd y'=—4x +4mx=-4x(x —m);y'=0<::> ) .
X =m

Pé ham sb ¢o ba diém cuctri < m>0. _
B_(—w/r;;mz—4)
C(\/r;;mz —4) ‘

Toa 4§ céc diém cyc tri clia dd thi ham s6 13 4(0;~4) e Oy,

m==2 (L)

Yéu cdu biitoan <> B,CeOx > m? —4=0< .
m=2 (tm)

Chon B.
Vi dy 14: Gié trj clia tham s& m bing bao nhidu dé dd thi ham sb y = x* —2mx? +1 c6
ba diém cwc tri 4(0;1), B, C thoamin BC=4 ?

A m=14. : B.m=+2.

C. m=4. D. m=%+2.
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I Meon.va

Hoc 0 avbes ot vaniy
Loi gidi

x2=m

P
Ta cb y’=4x3—4;rmc=4x(x2 —m);y'=0__<:>[
D& db thi ham sb c6 ba diém cyc trj <> y' =0 c6 ba nghiém phén bidt < m>0.
Suy ra toa d6 cac didm cuec trj cta @6 thi ham s6 12 A(01), B(JE;l-—mz), C(—Jr;;l—mz)

Yéu ciu bai todn: BC =4 <> 2Jm =4 < Jm =2 <> m =4 (théa man dicu kién).
Chon C.

Vi dy 15: Tim m @6 d thj ham s§ y = x* ~(3m+1)x* +2(m-+1) o¢ ba diém oo tr

tao thanh tam gidc o6 trong tAm 13 gbc toa do.

A.m=—g-. B.m=z. C.m=-—--1-. D.m=l.
3 3 3 -3

Loi gidi

Ta cé y'=x3—2(3m+1)x=x[x2—2(3m+1)]; y'=0<:>[;_2(3m+1).
Pé ham sb ¢6 ba cye tri ¢:>2(3m+1)>0©m>—%.

Khi d6 d thi c6 ba diém cuc trj 13

4(0:2(m+1)), B(~2(m+1);-9m" ~dm+1) va C( 2(3m-+1);-9m" —4m-+1).

, 2(m+1)+2(~9m" ~4m-+1)
Suy ra toa d0 trong tAm clia tam giac 4ABC 1 G=]0; 3

- m=3 (m)
Yéu céu bai todn: GEO¢>2(m+l)+2(—9m2—4m+1)=0<:> 32 .
m=—-§ (L)

Chon D.

Vi du 16: D& @5 thi ham sé y=x*—mx® +m—2 ¢6 ba diém cyc tr tao thanh tam gide
¢6 ban kinh dudng tron ndi tiép bing 1 thi gid tri clam 14
A.m=-2. B. m=1. C. m=2. . D. m=4.
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Loi gidi
Xéthimsd y=x* —mx® +m—2, cb ¥ =4x" —2mx; VxeR.

x=0

2x*=m (*) ’

D db thi ham 55 d4 cho ¢ ba diém cyc trj khi va chi khi phuong trinh (+) o6 hai
nghi¢ém phén biét khic 0 < m>0. ‘

Khi a6, goi 4(0;m~2), B(x,3), C(xc;y) Jaba diém cye trj cla dd thj ham 56,

Phuong trinh y'=0<:)4x3—2mx=0<:>[

2

V6i x,, x. 13 hai nghiém cia phuon s trinh (*)=>x,=—x, =\/~§ va y=—-r—}-Fm—2.

Tam gidc 4ABC cantai 4 ¢6 AB=AC suyra p=AB+A2C'+BC'-'—-‘ ZAB;BC.
Goi H 13 trung diém clia BC suyra AH | BC= S, ;. =%.AHBC’.

Mit khac, ban kinh dudmg tron ni tiép AABC bing i suyrta S, .= p.

Tacé AB= -';’-+'1"—6AH > BC= 2m suyra2——+-—— Jom =2

Thay céc gid tri m & d4p 4n, ta thdy m=4 13 gié tri cin tim.
Chon D.

Vi dy 17: D6 thi ham s8 y=ax*+ 52" +¢ c6 hai diém cyc tri 4(0;2), B(L;m). Bidu
thirc P=2(a’ -m’)-b* dat gié tri 16n nhét khi a+5+c+m bing
A 1. B. 2. C. -1. D. -2.

L gidgi
Xéthim s y=ax* +bx* +¢,tacé ¥y =dax’ +2bx, VxeR,
D6 thi ham 56 ¢6 hai diém cyc tri 4(0;2), B(1;m)

Y(1})=01{2a+b=0 1.

y(1)=m a+b=m-2 (2)
Liy (1)-2x(2), ta duge (2a+b) 2(a+b) —2(m- 2) < 2a° - B =—2_(m—2)2.
Khid6 P=2a"-b"~2m’ =~2(m-2)' —2m* =—4-4(m-1)' <-4 > P_ =—4.

rax
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Déu "=" xdyra <> m=1. VA &

Cheon B.

Vi du 18: Biét d8 thi him s6 y=x*-2x*+m cé ba diém cyc tri 13 4, B, C. Tim gi4
tri thyc cia tham sé m sao cho tam gidc ABC bi hai truc toa 6 Ox, Oy chia thanh bén
phin c6 dién tich bing nhau.

1
A. m=+/2. B. m=$.
Lai gidi

. , x
Xéthamsb y=x*—2x>+m,tacd y'=4x"—4x, y =0‘:>[
Khi d6, toa d6 ba diém cyc trj 1an heet 13 A(0;m) va B(—l;—l+m),'C(1;-1+in). '

Pit ABNOx=D, BCNOy=H thi hai tam gidc AOD, ABH d6ng dang.

5 1
Theo bai ra, ty 1én dong dang nay phai la 75 nén

m=—1 |m—(—1+m)|©m~/5=1<:>m=—l .

R o )

Chen B.

3. BAI TAP TU LUYEN [TT6054].
Cau 1: [532112] Biém cyc dgi ciia dd thi ham s6 y=x* ~2x> +3 1
A. (0;-3). _ B. (1;2).
C. (-L2). D. (6;3).
Céu 2: [532117] Piém cyc dai cia @5 thi ham s6 y = —x* +8x* +1 1a
A (217). B. (-2;17).
C. (0;1). D. (2;17) va (-217).
Cau 3: 532118] S8 diém cuc dai clia dd thi him s6 y=-x* +6x° +9 1a

A. 0. B. 1.
C.2. D. 3.
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Ciu 4: [532120] S5 diém cyc tri ciia dd thi ham s y = x* —4x* +6 1a

A.0. . B. 1.
C.2. D. 3.

Céu 5: [532121] S6 diém cyc trj ctia 46 thi ham s6 y = —x* —6x* —9 13

AQ. e SO - S S S
C.2 D. 3.

Chiu 6: [532128] Cho ham s6 y = mx* +(m~1)x* +m® —m+1(C) . Tim m dé 4 thi
ham sb (C) chi c6 mét cyec tri

A. m<(. B. m<0.
m=<0
C.m>1. D. .
mz21

Céu 7: [532129] Cho ham $6 y = x* ~(m—1)x* + m’ +1(C) . Tim m dé 43 thi ham sé
(C) khéng c6 cyc dai

A.m=1. B. m>1.
C. m<1, D. m=1.

Chu 8: [532142] Cho ham 56 y=x* ~2(m’ —m+1)x* +m—1(C) . Tim m @& @b thi
ham sb (€) ¢6 cye tri va khoang cach giﬁa hai diém cyc tiéu nho nhit

A.m=1. B. m<1.

C. m=1. D.m=—

Céu 9: [532143] Cho ham s6 y=x* —2mx? +m {C) . Tim m dé ab thi hé.m 56 ¢6 3
diém cyc tri tao thanh tam giéc c6 ban kinh duong tron néi tiép bing 1

A. m=1. B. m=0.
C. m=-2, D.m=2,

Cau 10: [532144] Tim gid tri cia m 4& 46 thi him 58 y=x* —mx® +1 6 3 diém oy trj
tao thanh mét tam gi4c vuéng.

m=0

A.[ ; B. m=2.
m=2 .

C. m=0, D.m=1.

Cén 11: [532154] Ham s6 y=%x4—2x2+5 c6 mAy diém cye tri o6 hoanh d I6n hon— 1 2
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‘Meonovm . U PRO'S TOAN HOC - HAM SO VA M0 LOGARITH

! Hor 34 dhng @nk minn © L

A. 0. B. 1.
C.2 D. 3.

Ciu 12: [532155] Cho ham s6 y = x* + x* +1. Khéng dinh nio sau day dung ?

A. Ham s6 chi c6 cuc dai.

B. Ham s chi c6 cire tiéu.

C. Ham 58 ¢6 1 diém cyre dai va 2 diém cuc tiéu.

D. Ham s ¢6 1 diém cwe tidu va 2 diém cuc dai.

Céu 13: [532130] Cho ham 86 y = —x* +6x +15. Tung 35 clia diém cye tidu clia ham sb 1a:
A.15. : ‘B. 24.
C. 0. D. 3.

Cau 14: [532145] Cho ham s y=x* ——12-x2 +1. Phuong trinh dudng thing di qua 2

diém cyc tifu clia ham s6 13:

A, y=£. B. x=l.
16 16
C.'y'='t—l'—. - D. y=lx+1..'
2 , 4

Cau 15: [532147] Goi 4 14 didm cuc dai, B,C 1a 2 diém cyc tiéu cia ham sb

y =%x4 —8x* +35. Toa d§ chén dudng cao ha tir 4 clia A4BC 1a:

A. (4-29). B. (-2;7)..

C. (0;-29). D. (2,7).
Céu 16: [532156] 'Chq ham sb y=—x*—2mx* +2. Vi gid tri ndo cha m thi ham s6 ¢
chi c6 cuc dai ma khong c6 cuc tidu?

A. m<Q. B.m
C. m=1. D. m

i

0.
.
Céu 17: [532157] Cho ham s y =%x4 -(B3m+1)x* +2m+2 (C). Véi gié tri nao cia

m thi ham s6 ¢6 3 diém cyo tri tai 4,B,C sao cho tam gidc ABC nhén gbc toa 46 O lam
trong tim?
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Cau 18: [532158] Cho ham s6 y=x*—2mx*+1 (C). Vi gid tri ndo ciia m thi him
86 ¢6 3 diém cuc trf tai 4,B,C sao cho O4+OB+0C =3 v6i O 13 ghe toa db.

5

C. m= D. Ci A, B déu ding.

Cau 19: [532160] Cho ham 8 y=x* —2n0x® +2m? +1. Vi gié tri ndo cia m thi him
s6 ¢6 3 diém cye trj tao thanh 3 dinh ciia tam gifc vudng can ?

A. m=0. B. m=1.
m=0

C.[ . D. m=-1,
m=1 ‘

Cau 20: [532161] Cho ham sé y = x* —8m’x® +1. Vi gid tri ndo ciia m thi ham sé ¢6
3 diém oy trj tao thanh 3 dinh cia tam gidc c6 dién tich bing 64 7

A. m=i\/5. B. m=ii"/5.
C. m=is5/§. D.m=%2.

CAu 21: [532162] Cho ham 56 y = —x* +4x* +1(C). Toa df diém cyc tiéu cia (C) 1a
A.(0,0). B. (0;1).
C. (V2;5) va (—+/235). D. (10).

Céu 22: [532122] Cho ham s6 y = %x“ ~2x* +2(C). Toa d¢ diém cyc tiéu ciia (C) la:

A. (1;%) va (—1; %J B. (0;-2).

C.(2;2)va (=2-2). D. (0;2).

Céu 23: [532123] Cho cic him s§ sau: y=x*+1(1); y=—x*—x?+1 (2);
y=x"~2x" (3). Db thj him sé nhan diém 4(0;1) 1 diém cyc trj 12 :
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A. (1)va (2). B. (1)va (3).

C. Chi c6(3). D. Ci (1);(2):(3).

Céiu 24: [532127] Gia sit ham s6 y = (x> ~1)" ¢6 a diém cye trj, Him sb y =x* +3 c6

b diém cyc tri vaham s8 y =—x*—4x* —4 c6 ¢ dim cyc trj. Téng a+5b+c bing:
A.5. B.7. C.6. D. 4.

Cau 25: [532146] Goi 4,B,C 1a toa d8 3 diém cyc tri cha d6 thi ham sé

y=x*—2x*+1. Chu vi tam gidc 4ABC bing:

A. 42 +2. B. 2+/2 +1.
C. 2(«/5+1). D. 1+/2.

Ciu 26: [532149] Cho ham sb c6 dangy =(m~1)x* +(m2 —1)x2 +2(C). Khing dinh
n&o sau day 13 sai: '

A. Ham sb d4 cho khong thé c6 2 diém cuc tri v&i moi meR.

B. Diém 4(0;2) luén 1a mdt diém cyc trj ciia dd thi ham s6 d cho véi moi meR.

C. Ham s6 da cho o4 i6i da 2 didm cuc tri.

D. Ham s d4 cho ludn ¢6 cue tri véi moi gia tri cha m.

Céu 27: [532150] Cho ham sé y =x* —2mx® +1 (C). Gié trj ciia m d& @b thj ham s6 c6
3 diém cyc tri tai 4, B,C sao cho O4 = BC (v6i 4 1 didm cye trj thudc truc tung) 1a:

A m=L B.m=zl.
4
C. m==+2, D. m-—-'l_'s/f.

Cau 28: [532152] Cho ham s§ y=x*+a’+b. Biét ring d6 thi ham sé nhén diém
A(-1;4) 1a &iém cuc tidu. Téng 2a+5 bing:

A. -1. B. 0.

C. 1 D. 2.
Cau 29: [532163] Cho ham sé y =(m—1)x* +(m2 —4) x* +1. Piéu kién d8 dd thi ham
0 ¢0 3 diém cuc tri 1a: '

A. me(0;1)U(2;+x). B. m'e(—z;l)u(2;+oo).

C. me(—0;-2)u(L;2). D. meR/{1}.
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Chib 882, CYUCTRICUAHAMSS -+ 5

Ciu 30: {532165]  Cho bham sé
y=x*—mx*+n cb 46 thi nhu hinh v&. Gid trj
cia m va n lan luot la;

A.m=Ln=4,

B. m=n=4. L.
C.m=—3;n=4.

D.m=2n=4 , o _ '3

fate

Il
¥
2

Chu 31: [532166] Bidm cye dai cita b thi him s8 » = x* ~4x* —1 o6 toa o 14 ?
A. (V2;-5). B. (0;-1).
C. (—JE;—\/E). D. (iﬁ;"\/g).

Ciu 32: [532124] Pidm cuo tidu ctia dd thi haim sé y=x*~3x2+4 37

A. [i—‘@—;—g]. | | B. (0;4).

C. (i—‘/—g;lj. : D. (1;2).

Cau 33: [532125) Pudng thing di qua diém M (1;4) va diém cuc dai cia dd thi ham sb
y=x"—2x +4 ¢6 phuong trinh 13 ?
A. x=4. B. y=4.
C. x=1. D x-2y+7=0.

Ciu 34: [532126] Ham s y =x*—2x*+2 dat cyc dai tai x=q, dat cuc tiéu tai x = b.
Téng a+b bing?

A. 1 hodc 0. B. 0 hoiic —1.
C. ~1 hoic 2. D. 1 hodc -1.
Ciu 35: [532132] Tich gia tri cyc dai va cuc tidu clia ham s6 y = x* —3x° +2 bing ?
AL B.0.
2
c -2, p. L
2 2

Céu 36: [532133] Tim gid tri ctia m dé ham sb y = x* + mx? dat cuc tidu tai x=0.

A. m<90. B. m<0.
C.m=20. D. m>0.
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Ciéu 37: {532135] Phuong trinh dlr(mg thing di qua hai diém cuc tidu ciia dd thi ham sé
y=x"-8*+31a:

A x+y-14=0. _ B. y+13=0.
C. x+y-3=0. D. y=3.
Cau 38: {532136] Cho him s6 y =x*—2x+1 ¢6 b thi (C). Biét ring d thi (C) cé

ba diém circ trj tao thanh ba dinh ctia mét tam gidc, goi 14 AABC. Tinh dién tich cha
tam gidc ABC.

A. S=4. B. S=2.

C. S=1. | D.s=1,
Ciu 39: [532138] Cho him s6 y=ax* +bx* +¢ Vi a0 va chc khing dinh sau ;
(1). Néu ab>0 thi ham sb c6 dting mot diém cyc tri.
(2). Néu ab <0 thi him sb ¢4 ba diém cye tri.
(3). Néu a <0 <b thi ham s6 c6 mdt cye dai, hai cyre tiéu.
(4). Néu b <0< a thi ¢ thi ham sé c6 ba diém cyec tri tao thanh mdt tam gidc cn.
Trong céc khing dinh trén, nhimg khing dinh nao diing ?

A.1,2,3. B.1,2 4.

C. 1,3, 4. D. 2,3, 4.

Céu 40: [532140] Cho ham s y = %x“ —mx*+3  (C,). Biétham sé (C,) c6 giéd tri

cuc tidu bang —1 va gid i cue dai bang 3. Tim gid tri cia sé thire m théa mén yéu céu
débai?

A . m=2. B. m=-2.
C.m=3. 7 D. m=4.

PAP AN TRAC NGHIEM

01.D | 02.D | 03.C | 04.D | 05.B | 06.D | 07.C | 08.D | 09.D | 10.B

11.C | 12.B | 13.A | 14.A | 15.C | 16.B | 17.A | 18.D | 19.B | 20.C

21.B | 22.A | 23.A | 24.A | 25.C | 26.B | 27.A | 28.C | 29.C | 30.B

31.B | 32.C | 33.B | 34.D | 35.B | 36.C | 37.B | 38.C | 39.B | 40. A
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Vin @& 1. GIA TRTLON NHAT & NHO NHAT CUA HAM SO
[TV6055-TV6056}

L LY THUYET TRQNG TAM VA PHUONG PHAP GIAI
1. Mét s6 kién thirc mé dau
Cho ham sé y = f(x) x4c dinh trén D.
+Néuco x, e D md f(x)< f(%), VxeD thi M= f(x,) duoc goi 1 gi4 trj 16n nhét
(GTLN) ciia ham s6 y = f(x).
Ki hiéu max y = M.
xeD
+Néu c6 ., e D md f(x)2f(x,), VxeD thi m= f(x,) duoc goi & gid trj nho nhét
(GTNN) ctia ham sé y = f(x).
Ki hiéu min y =m.
xeD
2. Phuong phap 6m gia trj lém nhit va gid tri nhé nhat

Péi v6i bii todn tim GTLN va GTNN ciia ham 56, ta ¢6 mdt cdch lam tong quét
d6 1d 1dp béng bién thién cia ham s6, tir d6 dua ra két lugn. Céc buce co sé ciia céch
lam nay nhir sau:

+ Buéc 1. Pua ra tip xéc dinh cia ham s8 y = £ (x).
+ Buge 2. Tinh dao ham y' va gidi phwong trinh y'=0— céc nghiém.
+ Bude 3. Lap bang bién thién va két lusn.
» Luu ¥ quan trong
Néu dé bai yéu cdu tim GTLN va GINN cia him s6 y = f(x) trén dogn [a;b]
mé ham 56 y = f(x) xdc dink va lién tyc trén dogn [a;b] thi ta c6 thé lim nhanh nhu
sau ma khong cén ldp bang bién thién:

xe(a;b)

+ Buwgc 1. Tinh dao hdm y' va giai — cacnghiém x, x,,..., x,.
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+Budc 2. Tinh f(a), £(8), £(x,), £{%,)- £(%,) v so sinh két qua, két qua
nao 16n nhét thi d6 chinh 14 GTLN cta him s§ y = £ (x) trén doan [;5], két qua nio
nho nhét thi 46 chinh 13 GTNN ciia him s8 y = £ (x) trén doan [a;5].

Vi céch 1am ndy, ta dic biét uu ¥ ¢én tinh xéc dinh va lién tyc ciia ham s§ trén mot
doan. Chiig han, ham s§ y =1 - khong xdo dinh v knong lién tuc tén [0;2], viée si
x-=1.

dung cach iam trén @& tim GTLN va GTNN ciia y=—1—1 trén [0;2] 13 hoan toan sai l3m,

.x"

Néu dé bai yéu ciu tim GTLN vé G’I‘NN ciia ham s ma khong néi g1 them tIn ta

hiéu 13 tim GTLN va GTNN ciia him & trén tap xéc dinh,
II. ViDUMINH HQA

Vi dy 1. Tim gié trj nho nhét cda him s6 y=x* —2x* +x~1 trén doan [1;3].

i - B. min y =—1.
A miny= 3. bl y=-1
. miny=1. D. min
C mipy=1 Tpy=2.
Léi giGi

Ham s d3 cho da xic dinh va lién tyc trén [1;3].
xe(13)
y'=0

Tacd y'=3x>-4x+1; { = xeld.

Ma y(1)=-1; y(3)=11:rﬁ1?y——1
Chon B.
Vi dy 2. Tim gié trj 16n nhét ctia ham s8 y =x*—2x* +5 trén doan [0;2].

A =3 B.m T y_%'
C.:ﬁ?ﬁ;yzll D. :[%%%gy 20.
Loi gidi
Hém s6 4 cho ¢ x4c dinh v lién tyc trén [0;2].

0;2
Taco y'=4x° —4x=4x(x*-1); {xe( ) o
. y'=0
Ma y(0)=S5; y(2)=13; y(l)=4:>%;az¥y=13_

Chon C.
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2x-1

Vi du 3. Tim gi4 tri Ién nhét cia ham s§ y =

trén doan [0;4].

x+2
7 L H _1
A Y= B =3
4
C. rﬁﬁ?yz? D. rgﬁ:icy_l.
Loi gidi
Ham s6 d4 cho d4 xé4c dinh va lién tuc trén [0;4].
Tacod y’=-——5—>0; Vx e(0;4). Ma y(0)=¥l; y(4)=z:>maxy=z.
(x+2)2 2 6 D47 6
Chon A
Vi du 4. Tim gié tri nhd nhét cfia ham s y = x* + -2 trén doan [1;4].
x
A. I{ll;i!]fly=17. ' ) B-lﬁ%lyzlz.
C. 1'[111:21]1};:20. ' D. IFEH]ly=IO'

Ldi gigi

Ham sb da cho da x4c dinh va lién tyc trén [1;4].

16 [xe(4) - [xe(t4)
Tacod y'=2x-—; = &x=2. May(1)=17, y(4)=20, y(2)=12=miny=12..
Bo0yEETg {y'=0 {2x’=16 F My (=17 (8) =20 /(2)=12=
Chon B
2
Vi dy 5. Tim gi4 tri 16n nhét ctia him sé y=x :;4 trén doan [0;4].
10
A. zgg;}cy:& B. n[%g:icy=?.
.24
Cmyr=s DS
Lai gidgi _
Ham sb da cho d4 x4c dinh va ién tuc trén [0;4].
4 0:4 xe(0;4
Taco y=x(x+1)+ =x+ 4 =y'=1- 4 =5 xe(. ).<:> ( 2) A x=l
x+1 x+1 (x+1) y'=0 (x+1) =4
\ . 24 _ _24
Ma y{0}=4; y(4)—?,y(l)—3=>1%%%iy— %
Chon D
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Vi dy 6. [Trich d& minh hqa lan 1 nim 2017 cua BGD & PT] Tim glé tri nho nhit

2 - s

3
clia ham sb y=x +1 trendoan [2 4]

x—
A gigy=6. B- pigy=-2.
Pypr—" - N — e 19
C. min y = -3, D. min y =—.
Bgy=-3 iz
Léi gidgi
Ham s6 d4 cho da xac dinh v iién tuc trén [2;4]. S
X144 4 4 [xe(z4) [xe(z4)
Taco y= =x+l+—=2p'=1- 5 = , Sx=3
x-1 x-1 (x-1)" |y'=0 (x-1)" =4

Ma y(2)= 7y(4)—-~,y(3) 6:>r{nu}1y 6.

Chon A

Vidu 7. Ki hiéu M, mla.nluutlagmtnlonnhat,nhonhatcuahamsoy V2+x +\/
Tinh gid tri clia biéu thirc S =M +2m?.

A. §=20. B. S=12+2.3.
C. S=16. D. S=12+4f3.
Léi gidi

Diéu ki¢n: -2<x<2.
Ham s6 da cho d4 x4c dinh v2 lin tuc trén [-2;2].

11 .{xe(—Z;?,)@{xe(—-Z;Z) om0,

Tacd y'= ;
O T rx 2a=x |y'=0 24x=2-x

Ma y(-2)=2; (2)=2; (0)=2v2 = M =22, m=2=>5=16.
Chen C

Vi dy 8. Gié trj 16n nhét ciia him s y=+2¥x ++2—x+2v4—* bing ?
A2 B. 1+34/3.
C. 6+2:2. D. 4+24/2.
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Loi gidgi
Pidukién: 2<x<2.

Ham sb dd cho d4 xéc dinh va lién tuc trén [-2;2].
Pt t=V2+x+V2-x 2022 =4+2,f(2+x)(2-x) = 4+2J4—%°

SWA-x* = -4 y=1+"—4.

Theoﬁduuén,tacé ngay 2srs2\/2":>re[z;2ﬁ].
Xéthamsd f(t)=¢*+1—4, v6i te[ 2,22 | taco f(r)=21+1>0, V1 e(22V2).
Ma f(z)=2;f(zJi)=4+2J5:>[%f(:)=4+2\/§=>,}g%y=4+2J5.

Chon D
Nhdn xét

Ta c6 thé khio sat tryc tiép ham sé y=2+x+2-x +24/4—x* trén doan [—-2;2]

nhwr sau:

Xétham s6 y =+/2+x ++2—x +2J4—x*, véi xe[-2;2] c6

b L1 2
¥ 242+x 22-x \/4-—x2.
—2: 2.2
Do d6 {xe( 22) , |*=(%2)
y'=0 J2-x-J2+x-4x=0
xe(-2;2) xe (-22)
o1 2-x—(2+x)

A 1
e 4x=0 2% ——F==+2|=0
V2—x+2+x (\/2—x+ 2+4x ]

Ma y(“2)=2;y(2)=2;y(0)=4+2~/5_:1[1_12:3]@=4+2«/§.

< x=0.

Chon D
Vidy 9. Ki higu. M, m 14n luot I3 gid trj 16n nhit, nhd nhét cia him sé y = x+9— 5,
Tinh gi4 trf clia biéu thirc S =2M* +ns’.
A. §=9. B. §=63.
C.S=-9. D. S =18+54+/2.
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Léi gidi

Diéukién: 9—x" 20> -3<x<3.
Ham sb da cho da x4c dinh v lién tuc trén [-3;3]. -

xe(-3;3) |

9—x* |y'=0 V9-x* =x: 3

Taco y'=l—L' {xe( ’ )<:>{ ( ) =4 {xzo S x=

9_x*=x

3 ]=3J5:>M=3Ji, m=-3=85=9,

Ma y_(—3)r= -3, y(3)=3; y[

S

Chon A : .
Vi dy 10. [THPT Chuyén KHTN lin 2 nim 2017]
Gi4 trj nh6 nhét ciia ham 8§ p=2x+3J9—x* bing?

A. -6. B.-9.
C.9. . D. 0.
Loi gidi
Didukign: 9-x* >0 -3<x<3.
Ham sb d4 cho d4 x4c dinh va lién tyc trén [-3;3].
Ta cé y,=2_ic_; {xe(—3;3)c>{xe(—3;3) R x:2(03,3)
9-x* |y'=0 29— =3x {4(9_x2)=9x2

6 .
Ma y(-3)=-6; (3)=6; J?[-EJ=3JE:>1[1_%%y=—6.

Chon A

Vidy 11. Cho him s8 y = /4x—»*. Ménh ¢ nio duoi ddy 14 ding ?
A. Ham s6 d3 cho ¢6 gié trj nhé nht va khong c6 gid tri 16n nhit.

B. Ham s8 da cho ¢6 gié trj 16m nhét va khong c6 gi4 trj nho nhét.

C. Him sb d cho c6 gid trj nho nhét va gid trj 16n nhét,

D. Ham sb d4 cho khéng ¢6 gi4 tri uhd nhét va khong c6 gid tri 16n nhit,
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Loi giai

Diéu kién: 4x—x* 20> x(4-x)200<x<4.

Ham s6 d cho d4 x4c dinh va lién tuc trén [0;4].

Sx=2.

42 {xe(ﬂ:ﬂ‘)
Tacd y' =—F—;

2Wax—*" |y'=0
Ma y(0)=0, y(4)=0; y(2)=2ﬁmaxy=2; l-fg;jﬁ_yz_o.

[0:4}

Chon C

Vi dy 12. Tim gi4 tri nho nhét cia ham s6 y = x(lnx~2) trén doan [éeil

A- 1- y=€—2. B- 1. y=_e
i?’i iz”i
1

C. migy =-2 D. migy =—1--In2.
Loi gigi

Ham s d4 cho d4 xac dinh va lién tyc trén [%;e:l.

Tacod y =xlnx—2x:y'=}nx+x.—1——2=1nx—1.
x

1 1, 1
Do d6 xe(i’e)@ XE(Z’e)@ xe(z’eJQxe(Z.

y'=0 Inx=1 x=e

Chon B

Vidy 13. Tim gié trj 16n nhét cia him s§ =2 trén dogn [L;e*].
. ) y=—

2 1

A. maxy=—. B. maxy=—In2.
M ] 2
C. max —lln3 D. max -1
=ik . "B’ e
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L gidi

Ham sé d4 cho d4 xac dinh v lién tyc trén [1; e2] N

—x-Inx 2 fe. 2 -
="1i"‘;{j‘,.‘_i(i;e)@{;iﬁ’_f_)?ff?- |

x x
X . 1

Ma y(l):O,y(e ) 2,y( )——— [18]

Chon D

Vi du 14. [SGD & DT Ha Nji nim 2017]

"2

Tim gi4 tri 16n nhét clia ham s6 y=—— trén doan [1 e].

X
1
A. maxy=—. B. max y=—In’2
[l;e’]y e [1;a]y 2
4 1
C. maxy=—. D. maxy=—.
] ” & el ” e
Loigidgi

Ham s d4 cho d x4c dinh va lién tuc trén [1; e3:|.

2
Tacod y =—1—.11:12Jc:>y'=—iz.]n2 x+l.2]nx.l:-2—h—£cThL—x~.
X x x x X

, {xe(l;e) xe(le) 2
Do &6 B S nx=0 Sx=¢".
y=0 [m:z

\ 9 4
Ma y(1}=0; y(e3)=?; y(e2)=e—2:>1[111;ea;](y=e—2.
Chgn C

Vi dy 15. Tim giA tri nho nhét cia ham sé y=(x" ~2)e* trén doan [-52).

= R
A. El:%y B.Elll;ﬁy 2e°.
C. ?_311%;: 2¢". D. E{g}y 2¢%.
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j Moon.vn
51 Mo o kb thely eien

Lai gidi
Ham sb @4 cho d4 xac dinh va lién tuc trén [-1;2].

xe(-52) {x e(-52)

x+x2-2=0

< x=1.

Tacod y'=2xe™ +(x* -2)e™*.2;
e

Mz y(-1)= “1?9 y(2)=2¢" y(1)=—¢" = {n[i%y =—e,
€ —k
Chon A
Vi dy 16. Cho ham sé y = 7 (x) xéc dinh, lién tyc trén R va c6 bang bién thién sau:

x —co 1 +oo
y' + 0 -
_ _ =
¥y / \.
=1 1
Xét cac kh:fmg dinh sau:
1. Ham sé da cho cb gi4 tri 16n nhét bing 2.
2. Ham sb d4 cho c6 gid tri nhd nhét bing 1.
3. Ham sé da cho dat gia trj 16n nhét tai x =0,
4. Ham sb a4 cho dat gié trj nhé nhit véi x e (~oo31).
Trong cac khing dinh trén, ¢6 tit ca bao nhiéu khing dinh diing ?
Al . B.2.
C.4. D. 3.
Léi gidi
Ham sb d4 cho dat c6 gid tri 16n nhét bing V2 tai x=1.
Ham s d4 cho khéng c6 gid tri nhé nhét.
Do d6 chi c6 khing dinh 1 13 diing.
Chon A
Vi du 17. Tim gi4 tri nho nhét y_ cia him sb p = x* —4x> +8x.
Ay, =0 B.y . =5
C.y,.=—4 : D. y..=-3.
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Loi gidi
Ham s8 da cho ¢4 x4c dinh trén R.

x=1

x¥1i£

Tacé y'=4x" -12x° +8;y'=0c>l:

Béng bién thién:

x -t 1—J3_ 1 _l+~5 +e0

’ m\_“/s\_i/w'

Tir bing trén ta dugc gi tri nho nhét cia ham s8 da cho bing —4.

Chon C
. sr g TP x+4 -
Vi dy 18. Gié tri Idn nhét cia hdm s6 y = bang ?
x+8
A2, B. 3.
C. 2+2‘/§. D. #.

Li gidi
Ham s6 d cho d4 x4c dinh trén R.

\/172_-}-8—(x+4). ad

18 x2+8-(x2 +4x)

Tacé y'= = =0 x=2,
x*+8 (x2+8)\/x2+8
Bing bién thién:
X ] 2 +00
y' + 0 -

3

y / \
=1 1

Tir bang trén ta dwgc gié tri 16n nhét ciia ham s8 d3 cho bing 3.

Chon B
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Vi dy 19. Tim gi4 trj chd nhit cia him §6 y = oo

x+1
A. wy:S : B. %g}g;)y=6
C. (Oérﬁl;%y=—3. D. g;;[j%y=4.
Loi giai
Ham s6 d4 cho 44 xé4c dinh trén (0;-+<0).
. +1){x+2)+4
Tacd y=(x )(x ) =x+2+i:>y'=1- 4.2.
x+1 x+1 (x+1)
| xe(0;400) x &(0;+o)
Do 46 o , ©zx=L
y'=0 (x+1) =4
Béng bién thién:
x 0 1 +00
¥y - D +

, 5\5/4@

Ti bang trén = miny=5.

Chon A

Nhdn xét

Tir bang bién thién trén = ham s6 d4 cho khdng 6 gid tri 16n nhit trén khoang (0;+0).
Bai toan c6 céch 1am khac nhw sau:

(x%l)(x;i-2)+4=x 4

+24+—.
x+1 x+1

Tacd y=

Véi x e(0;+w), &p dung bét déng thirc Cosi ta c6

x+2+i=x+1+i+122,’(x+1).i+1=5.
x+1 x+1 x+1

x>0

Diu "=" xayra < 4 <x=1=>miny=5.
X+l=— (0:40)
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2s8in x —cos x+10

Vi du 20. Tlmgiatnlo‘nnhaty _clia hdm s§ y = ——

sinx+2
Ay =10, ' B.y, . =4
C. y. =8 D.y. =6

Loi gidi

2-(1-F)+10 pigeg 9
, — = —— =]+ .
E+2 Ci+2 t+2

bt t=sinxe[-L1]=cos’x=1-1>= y=

e e A PR S S G
Xét ham sb f(t)—t+t+2, véi te[-11] c6
te(-11) [te(-L1)
(f 2) ()=
Hamsd f(r) dd xéc dinh va lién tuc trén [—5;1].

Ma f(-1)=8; f(1)= 4:ym—maxf(t) 8.

, teld.
(1+2)" =9

Chon C
Vi dy 21. Tim gié tri nho nhét clia him s6 y =sin® x+3cosx trén doan [-7;7].

. mmy:lz‘ji—l. B. miny=-12—3\/§.
{-ma] 8 [ia] 8
C. min y =-3. D. min y =—4.
[-i7] [-i=]

Léi gidi
Ham s6 da cho d4 xéic dinh va lién tuc trén [—z; 7].

Tacé y'=3sin’ xcosx—3sinx =3sinx(sinxcosx—~1) = 3sinx(-;—sin2x—l}

xe(-m;m)
Do do {xe(—ﬂ:,n’)@ [sinx:O @{xe(—ﬂ’z)ﬁ{xe(—mﬁ) (keZ).
y'=0 . sinx=0 x=kx
sin2x=2

Suyra —z<km<m<-l<k<lek=0=>x=0.

Ma f(~r)=-3 f (%) =~3 1 (0)=3= miny=-3.
Chon C
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. 2sinx+cosx—3

Vi dy 22. Tim gid tri 16n nhét y__ chahimsd y =

2cosx—sinx+4

5 1
Ay, =—2. B.y,  =—-.
1 2
C. =—=. D. =——.
Léi gigi ©

Ta ¢6 2cosx—sinx+4>-2—1+4>0=> ham s6 da cho 44 xé4c dinh trén R.

Khidé y= 2smx+c?sx—-3 < y(2cosx—sinx+4)=2sinx+cosx—3
2cosx—sinx+4 '

<> (2y—1)cosx—(y+2)sinx=—4y~3.
céncé(2y—1)2+[—(y+2)]22(—4y—3)2@11y2+24y+450@—2s'ys—%.
2
Dodé y_ =——.
odo y .. .11

Chon D

Vi dy 23. Tim gi4 trj 16n nhét cia ham sé y =[x’ —3x+1| trén doan [-2;2].

A. r{{lzfg];y=l. _ B. r[gzeg];y=4.
C. Ilgza;,glgy=2. D. }Ex}zzgfy=3.
Loi gigi

Xétham s§ f(x) =" —3x+1, véi xe[-22] tacé

22
*e(2 )'@ =%
f'(x)=0

Ham sd f(x) xéc dinh va lién tuc trén [-2;2].

Ma f(-2)=-% f(2) ‘=3%7 {'.(1)=—1; f(-D)=3= max f(x)=3%

F'(x)=3x"-3; {

mmf(x):—l

[-22]
>-1<f(x) <3 3< £(x)<32|F (1) <32y <3

. x=2
Dau "=" xayra < = max y=3.
au X&y It [x - y
Chon D
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Vi du 24. [Trich de thl THPT,Quoc gia pim 2017] Cho ham. sb y—ﬂ (m 12
x

tham s6 thyc) thoa man ?11111 y 3 Mgénh dé ndo dudi day 13 ding ?

A.m<—1. ' B. 3<m<4.

C. m>4. D.I$n_z§3_.
Loi giai

Ham 56 dé cho 44 xé dioh va lién tye trén [2;4].

Dao ham y'=— _": #0, ta cdn so sénh y(2) v2 y(4).

1
(x-1)

Tacd y(2) =.m+2, y{4) =—rg—§:£ = y(2)—y(4) =

2m+2

+THL m>—-1=> y(2) > y(4) = min

{2ﬂy =y(4)= T4—3:m 5, théamanm>—1

+TH2. m<—1:>y(2)<y(4):>1€21§41]1y=y(2)=m+2=3:>m=1, khéng théa min m<—1

Chon C

Nhin xét

Khi xét m>-1, taduge y'<0, Vx €(2;4), tir 46 ham s nghich bién trén [2;4].
Do d6 I[lél;J}]ly=y(4).

Khi xét m<—-1, taduge y'>0, Vx e(2;4), tir 45 ham sé ddng bién trén [2:4].
Do d6 1[121;£1]1y=y(2).

Vi cach lam ndy thi ta khong cén tinh y(2)-y(4).

Vi dy 25. [Trich d& thi THPT Quéc gia n&m 2017] Cho him sb y= Ll- (m 1a
X+

tham sé thyre) thdéa man 1E1121]1 y+ [1-21 y= % Ménh d& nao dudi day -1?1 ding ?
A, m=<0, B.m>4,
C.0<m<2. D.2<m<4.
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Ldoi gidi

Ham s6 da cho da x4c dinh va lién tyc trén [1;2].

. 1= . a1 3
Dao ham y _(x-i-l)z ¢O:>1f11;121]1y+n[}gi{y Iuén bing y(1)+y(2).
Tacd y(1)+y(2)=—"ﬂ+——m+2=16—=>m=5.
2 3 3
Chon B

Vi du 26. Cho ham s6 y=x*—2x* +x—m (m 14 tham s6 thuc) thoa man rﬁ]%]y:—l.

Ménh d& n2o duéi ddy 13 ding ?

A. m=<0. B. m>10.
C.0<m<2. D.2<m<8.
Lai gidgi

Ham s6 da cho da x4c dinh vi lién tyc trén [1,3].

: ‘ (xe(1:3
Tacod y'=3x*—-4x+1; F SN )c>xe®.
_ 1y'=0

Tacé y(1)=-m, y(3)=—m+12:>y(l)<y(3):>1%2;i3?y=y(1):>—m=—1:>m=1.

Chen C
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Vin @8 2. GIA TRI LON NHAT & NHO NHAT CUA HAM SO
L LY THUYET TRQNG TAM VA PHUONG PHAP GIAL
Buée 1: Dt 4n x cho gi4 tri cdn x4c dinh. (X4c dinh didu kién ctia 4n x).
(Vi dy: 12 canh hinh vudng, x 1a chi phi‘mot cudt sach, » 12 vin tée cia xe......)

Bude 2 Dua vao c4c gia thiét ctia bai todn. Xéc dinh céc dai lugng thanh phin cdu tao
nén yéu t6 tong hop.

(Vi du: Xéc dinh quing diwdng AB, BC dya vao x, x4c dinh chi phi trong céc g1a1 doan 1
giaidoan 2......., )

Budce 3: Biéu dién yéu td tdng hop (-yéu 16 cin x4c dinh' GTLN, NN) qua ham f (x),
quay v& bai toan tim gi4 tri 6n nhit nho nhét ciia ham sb fx.
Chit y: Ching ta c6 thé van dl,mg linh hoat CASIO va phim CALC dé chon dap an

nhanh va chinh x4c nhét. Khi d& bai cho 4 gid tri cla x, ta ding CALC dé Iya chon
phuong 4n cho gi4 tri 16n nhit (nho nhét ).

. ViDy MINH HOA _

Vi dy 1: [Trich d& thi THPT QG ndm 2017]. Mot vat chuyén déng theo quy ludt
= —%t +6¢ véi ¢ (gidy) 1a khoang thii gian tmh tu' khi vat bit ddu chuyén dong va

s (mét) 13 quing duong vét di chuyen dugc trong khoang thi¥i gian d6. Héi trong khoang

thi gian 6 gidy, k& tir khi vét bit dau chuyén dong, vén tbc lorn nhat cua vat dat du’ctc
bang bao nhiéu?

A. 24(m/.s'). B. 108(m/s).
C. 64(m/.5'). D. 18(m/s).
Loi gidi:

Ta ¢6 v(r)z(—%t3+6t2] =——§—t2+12t(m/s):>v’(t)=—3t+12=0<:>t=4.
Suyra v(O) =0, v(4)= 24, v(6)=18 i%v(t)-: 24(m/s).
Chon A.

Vi du 2: Mot vét chuyén dong theo quy lut s = —%t’ +12¢%, vai ¢ (gidy) 12 khoang

thoi gian tinh tir lic vat bét ddu chuyén dong va s (mét) 1a quing dutmg vt di duoc
trong khoang théi g1an do6. Hoi trong khoang théri gian 10 gidy, k& tir Iac bt diu chuyén
dong, van té¢ I6m nhit caa vét dat dwgc bing bao nhiéu ?

A. 512 {m/s). B. 90 (m/s).
C. 700 (m/s). D. 96 {m/s).
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| Meoon.va

Loi gidgi
Taco v(t)=s'(¢) = —%tz +24¢.

t(0;10)
viH)=0

Xét ham sb v(F) = —-;-tz +24r, v6i te[0;10] tacé vi()=-3t+24; { o 1=8.

Ham s6 v(r) lién tyc va x4c dinh trén [0;10].
Ma v(0) =0, v(10}=90, v{8)=96 = r{:&z&;v(t) =96 (m/s).

Chon D

Vi dy 3: Cho mdt tdm t6n hinh chir nhit g ¥ 0 c M
ABCD ¢6 AD=60cm . Ta gip tim ton
theo 2 canh MN va QP véo phia trong
sao cho BA tring v6i CD dé duoc ling
try dirng khuyét hai déy. Khéi ling tru c6
thé tich 16n nhét khi x bingbao nhicu? | | N - .

4 ‘N D
A. x=20cm. B. x=22,5cm LR G0em e E \/

. e

C. x=25m. D. x=29m. R i 4D
L& gidi:

Thé tich khéi ling try duge tao thanh 1a ¥ = S, MN .

Thé tich dat GTLN khi S, ,, 16n nhét.

Sup =yP{p—a)(p-8)(p-c) =30(30—x)(30-x)[30—(60 - 2x)]

Hay S =\/30(30—-x)2 {2x-30)

(30-x+30-x+2x-30)’
27

Xétham sb f(x)=(30-x)" (2x-30)= (30~ x)(30-x)(25-30) <

+b+cf

(Ap dung BDT achET) < f(x)<1000

Diu bing xdy ra <>30—x=2x—30<> x=20.
Chon A.
Vi du 4: [ Trich dé thi thir THPT Lwong Tai 2] Tt mot tAm bat hinh chit nbit c¢6 kich

thude 12mx 6m nhy hinh vE. Mot nhém céc ban hoc sinh trong qua trinh d1 da ngoai 43
gip dbi tAm bat lai theo doan néi trung diém 2 canh 13 chidu 1ong ciia tim bat sao cho 2

mép chidu dai cha thm bat sét d4t va cach nhau x () (nhw hinh v& ). Tim x dé khoéng
khong gian trong 1&u 12 16n nhit.
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A. x=4. B. x=33.
C.x=3. . . . .D_x=3\[5‘

- Loi gidi:

Phén khong gian trong 1éu duogc tinh béi cong thirc thé tich hinh ling try dimg.
Tacb: ¥V =S,.h=S,.12. Nhu viy thé tich 16n nhét khi dién tich tam gisic d4y I 1én nhét,

Déthéytamgiécdélatamgiaccancézcgmhb%mg3m. o B
‘/ 1/ J36— <= [" +36-x ] =8l.

0 dayta ap dung BDT ab<[ ;b) , ¢ic em c6 thé tinh dién tich tam gisc d4 cho theo

cong thirc Herong 1a: S=Jp(p—a)(p-—b)(p—c) .
Déu bing xdy ra <> x* =36—x* < x> =18 <> x=3v2 (m).
Chon D. '

Vi dy 5: (P& MH THPT QUOC GIA 2017]: Cho mét tim nhém hinh vuéng canh 12
cm. Ngudi ta cdt & bbn goc ciia thm nhém d6 bén hinh vuéng bing nhau, m3i hinh
vudng c6 canh bang x (cm), rdi gap thm nhém lai nhur hinh ve& dudi ddy dé dugc mot
c4i hop khéng nip. Tim x d& hop nhdn dugc c6 thé tich 16n nhit.

I

O P
e

!
b ON

=
W o
i
W

138

http://tieulun.hopto.org



g T
i Moon.va |

Léi gidi:

Thé tich cia khdihop 12 ¥ =(12-2x)" x = f(x) (05x<6).

Ciich 1: f(x)=4(x"—4x" +4x) = f'(x) =3(3x* —8x+4)

Lai c6 £(0)=£(6)=0; £(2) =128, fﬁ 2048

= |====. Vay thé tich l6n nhit < x=2.
3) 27

Cach2: f(x =l 12-2x W12 —-2x .4x$—1~
()= axst

3
12—2x+1§-—2x+4x) —128.

Diu bing xdyra <>12-2x=4x <> x=2.
Chon C.

Vi du 6: Mot ngon hai dang @4t tai vitri 4 cich bo A
bién mét khodng 4B =4 (km). Trén bd bién c6 mot
cai kho & trj tri C cach B mét khodng BC =7 (fom). -
Nguiri cant: hai dang phai chéo do tir vi tri 4 dén vi
tri. M trén bd bién véi van tbe 6 (km/ k) 1di di xe
dap tir M dén C véi van tbe 10 (kmm/ k) (nhu hinh
v&). X4c dinh khoang cach tir Af dén C dé ngudi d6
ditlr 4 dén C 1a nhanh nhét. \ .

B M C
A. 6 (im). B. 3 (km).
C. 4 (fam). D. 9 (an).
Léi gidi

Dit MC =x (0<x<7)=> Thdi gian di quing dudng MC la % (gi®)

Quiing dudng AM = AB* + BM? = 1/16+(7—x)2

16+(7~x)’
6

=> Thei gian di quing dudng 4M 13 (gi®)

, ) ,/16 7—xY
Tong thoi gian ngudi d6 ditir 4 dén C 12 i+#.

’ z
Xét ham s6 f(x)=i+w-, voi x &f0;7] taco

10 6
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a1 a7 |xe(07)
f (x)—vl-a+g.I\/T—7)2-—0, 6\/16+(T7)2=10(7—x)
x.e(0;7) | {xe(O;'T)

x=4,

= 36| (x~7)" +16|=100(7-x)’ Tea(r-xy =3616"

J65 4 37

Hz & lié 8 - 3 0 = —— =— )= —
amsb f(x) lién tyc trén [0;7] ma £(0) = 7(7) 20 f({4) ”
:>I[Ig?,1]1f(x)=f(4)%§—g:>MC=x=4 (km) thoa mén b todn.

Chon C

Vi dy 7: Tir mot tm ton dang binh tron véi bén kinh R =50cm, mdt ngudi thy cin cht
mét tAm t6n c6 dang hinh chit nhat ngi tiép hinh trdn trén. Anh ta gb thm ton hinh chit
nhét ndy thanh mdt hinh try khong ddy (nhi-hinh v&):dé 46 théc vio trong.“Thé tich 1on
nhét cia khéi try thu duge gin nhét véi két qua nao duéi day ?

=R

A. 0,28»°. B. 0,02m°.
C. 0,29m°. D. 0,03m".
Léi gidi

Khéi try thu dugc ¢ thé tich 13 ¥ = n+2h.

Goi chiéu dai ciia hinh chit nhdt 13 b= b* + > =(2R)’ =1 (R=0,5m)

_ 2 _ 2 _ 3

Tacd 2r7r=b:>r=—é—= L-h ::»l’/=:’r:.1 ;:.h=h h = (k).

2z 2z 4z 4z

1-34 1 1
Paoham f'(h)= =0 h=—2=V< f| == |~0,03n".
robam f'(h) == N f[ﬁ]

Chgn D
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Vi du 8: Cho mot tam nhém hinh vuéng canh 6 4, 2m =

cm. Ngum ta muén ct mot hinh thang nhurr hinh  sm

v&. Tim tdng x+y dé dién tich hinh thang EFGH =i

dat gi4 tri nho nhét. »

Ax+y="7. B.x+y=5. o

C.x+y=%/§. D.x+y=4—\/5. D o ¢
Loi gidgi

Ta cO Sgugy ho nhit < 8 =58, . +8, .0 +Sypy 160 nhét (do S, khong d6i).
Tinh duge 25 =2x+3y+(6—x)(6—y)=xy—4x—-3y+36. (1)

Tacé EFGH 14 hinh thang — AEH = CGF

— > MEH~ACGF —> 2 AT 2 X -6 (2)
CG CF y 3

Tix (1) va (2)suyra 2§ = 42_—[4'x+53_-
’ X

_).Dé 25 16n nhét khi va chi khi 4x-+ -5 nho nhit,
X
Theo bit ding thirc AM — GM, ta c6 4x+—1§->2J4 18 _ 12f~—>s —21-642.
X

18 32 72

Diu "=" xayra @4x=—c>x=—-—>y=2«/§::— x+y=T.
x

Chon C.

Vi dy 9: Mt ngon hai déing dit & vi tei 4 céch b A

bién mét khodng AB =5 km.Trén by bién c6 mot
céi kho & vi tri C céch B mdt khodng 13 7km.
Ngudi canh hai ding c6 thé chéo dd tir 4 dén vi tri
M 1rén b bin véi van the 4 km/h 181 di bd dén C
véi van toc 6 kmvh. Vi tri cdia diém A7 cich B mot
khoang gin nhit vi gid tri ndo san diy dé ngudi d6 : T km
dén kho nhanh nhét 7

A. 3,0 km. B. 7,0 km.

Skm

AT
S
)

C.45km D. 2,1 km.
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Loi gidi

Pt BM =x km (0<x<7) —> AM =x*+25 km
MC=(7_x) km

S S NxE 425
Thdi gian chéo do tr 4 deén M 1a: tm=—4—h

Thoi gian di b tix M dén C 1a: :m=7—;"h-—> Thdsi gian ngudi canh hai ding d&i

\/x+2 ‘7 -x

tuA—)Clat-—t +t ¢ h

Jx2+25 JT-x (,/g);””‘/__

Xéthamsb f(x)=

Vayngumdodenkhonhanhnhatkinwmmadlem Mcach B motkhoang x= Zf 4 Skm.
Chen C.

Vi du 10:M¢t soi ddy kim loai dai 60cm dugc cit thanh hai doan. Poan ddy thir nhét
udn thanh hinh vuéng canh ‘a, doan ddy thér hai uén thinh dudng tron bén kinh 7.
Dé tdng dién tich ciia hinh vudng vi hinh tron nho nhét thi ti sé 2 bing:

. r

A 2o B.%-2
r
c Z=s, ) ey
r r
Léi gigi

Got x 12 d§ dai ciia doan diy cudn thanh hinh tron (0 <x< 60) = Chiéu dai doan cdn
lai 1a 60—x.
2

X
Chu vi dudng tron: 277 =x=>r= 2i—+ Dién tich hinh trén: S, = 7.r? = o
T Fi4
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Tdng dién tich hai hinh: §="—

X’ [60—;;]2 _ (4+7)x" —120mx+36007

4 4 1874
4+ 60 4
Paohdm: §'= w S'=0<:>x=60—” S"——ﬂ>0
8z A+’ 8z
\ r or o .y qa A 60
Suy raham S chi ¢6 mdt cyc tri va 13 cuc tiéu tai x=4—.
+
, Y S 607
Do do § dat gia tri nhé nhattai x = .
4+xz
Véi x= 60z - 30 &ae 240 £=240 2
447 (4+7) (4+7)4 r 120
Chon B.
Céch 2. Ap dung bét ding thite Cauchy—Schwarz, ta ¢ § *-{2— (60 x] > 60 .
Az 4 4z +16

Diu "= xayrakhl X _80—x —>x= S0z
4 16 4vrm
Vi dy 11: Mot manh giy hinh chit nhit cé chiéu dai
12 cm va chidu 1ong 6 cm. Thuc hién thao tic gip goc dudi
bén phai sao cho dinh dugc gip nm trén canh chidu dai con
tai. Héi chidu dai Z t6i thidu cua ré:, ghp 13 bao nhidu?

A. minZ =62 cm. B. minL:g‘z—@cm.
C. L_zl/_— . D. minL =92 cm.
L gidi

EF =a

bit EB =g >0 nhir hinh v bén —— .
: a 114 v& bén {AE:G—a
Trong tam gidc vubng AEF ¢

cos AEF =87, cos FEB=2"% (hai géc bi nhau).
a

143
http://tieulun.hopto.org



Tacé ABEG = AFEG —— FEG = BEG =_-;:FEB.

2 — —
Suy ra cos FEB = cos (ZEFG) = 2(cos _EFG) 12228 = cospEG = [273.
' - a . a
. i . 3
Trong tam gidc vubng EFG c0 EG= EF = -2,
cosFEG Va-3

Xétham f{a)=

a 9 93

o3 V8 a>3;taduoe min £ () dattai a=>——EG=""
Chon B. ,
Vi dy 12: Mjt ngudi dang ngdi trén mét chiéc -
thuyén & vi ti 4 trén hd nuéc hinh tron ¢6 bén
kinh 10 km, dy dinh vi tti C d6i dién v6i 4 qua
tAm ciia hd nudc bing céch boi thuyén dén vi tri B
véi vén tc 8 km/ h sau d6 1én b di doc dén vi tri
C v6i vin the 5 kmn/h ( nét dit cia hinh v& bén
biéu hién quing dudng di ). Hoi thoi gian di tir vi trd
4 dénvitr C nim trong khodng nao dudi day ?

A. (2;6)gid. B. (2,5;27) gio.
C. (2;27) gio. D. (2,5;6) gio.
Phin tich loi gidi

« Bii todn hoi khodng thoi gian di tir viti 4 — C, tirc 1a tim khoéng giiiathc‘ﬁ gian
nhanh nhit va thoi gian 18u nht di tir A—)C:(mintd_,c;maxtd_,c).
3 Do BC
o Tongthoigiandith 4 >Clat, =t 4+ ¢ =—A—B+———.

Vi Vac

e D0 dai cung tron cia dudng tron ban kinh 7, chin goc & tim ¢ (do bing radian)

drge tinh biing cong thirc —-— = L. 1 = o R, sit dung Iy thuyét dé tim do dai BC.
chuvi 2x&

e Chon 4n thich hgp, dua v& xét ham s6 lién quan dén thoi gian dé tim min, max .
Léi gidi

bat BOC =2x (rad)= b dai cung BC 1a L=20x (km)=>t, .= L s (B).
vV,

BC
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Léi gidi
Ham s6 dd cho d4 x4c dinh va lién tuc trén [-1;2].

xe{-12) - {x e(-12)

x+x2-2=0

o x=1.

Tacé y'=2xe” +(x*-2)e”.2;
y (-2)2 1

Ma y(-1)= —*i?_; y(2)=2¢*; y(1)=—¢' = fnliﬁy =—e’.
e =L
Chon A
Vi dy 16. Cho ham s6 y = f(x) x4c dinh, lién tuc trén R vi c6 bang bién thién sau:

x -} i ~+o0
¥y + 0 -
V2
¥ / \
~1 1
Xét cic khing dinh sau:

1. Ham sb d cho c6 gié tri 16n nhit bing 2.
2. Ham sb d3 cho c6 gi4 tri nho nhét bing —1.
3. Ham s6 d cho dat gié tri 16n nhét tai x =0.
4. Ham s6 da cho dat gi4 tri nho nhdt véi x e (—oo0;1).

Trong c4c khing dinh trén, c6 tit ca bao nhiéu khing dinh ding ?

A.l. B.2.
C.4. D. 3.
Loi giai

Ham s6 da cho dat c6 gié trj 16n nhét bing 2 tai x=1.

Ham s6 d4 cho khong c6 gia tri nho nhét.

Do d6 chi c6 khéng dinh 1 13 ding.

Chon A

Vi dy 17. Tim gi4 tri nh nhdt y . ciahim sé y=x*—4x° +8x.
Ay =0, B.y_ =S5.
C.y, =4 D.y_, =-3.
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Loi gigi
Ham s6 dé cho d3 x4c dinh trén R.

Tach y'=4x’ —12x*+8; y'=0<::>{

Bang bién thién:
x -0 1-4/3 1 1+J§ +a0
y - 0 + 0 - 1t +
5 +06

Tir bang trén ta dugc gia tri nhé nhét clia ham s d4 cho bing —4.

Chon C i
. Ty Ay o v % +4
Vi duy 18. Gid tri 16n nhat cia him s y = béng ?
x*+8 :
A.2. B. 3.
C. 2+2‘E. D. 2—‘3@.

L gigi
Ham s6 84 cho d3 x4c dinh trén R.

7 = ‘ X
X +8f(x+4).m_x2+8_(x2+4x)

Taco y'= = =0 x=2,
x*+8 (x2+8)Jx2+8
Béng bién thién:
x — 2 “+00
y' + 0 -

3

y _1/' \‘1

Tir bang trén ta dugc gid tri 16n nhit ciia him sé da cho bing 3.
Chon B
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Meoon.va

3 . . 2 A 5 3 A x2+33f‘l‘6 ~ 5 \
Vi duy 19. Tim gi4 trj nho nhat ctia ham $6 y = ———— trén khoéng {0;-+<c}.
x+1 '
A pnr=> B iy =6
. min y=— D. min y =4.
“pr=" i
Loi giai
Ham s6 a3 cho 4 xéc dinh trén (0;+).
4
Tacb y=(x+1)(x+2)+ -—-x+2+—4—:>y'=1— 4 5.
x+1 x+1 (x+1)
xe€ 0§4—oo xe(0;+oo)
Do @6 ( )c:» , <x=l
y'=0 (x+1) =4
Bang bién thién:
x D 1 +00
' - 0 +

6 -+

¥ \\\‘ Fﬂfﬂgﬂfﬂfﬂﬂdf'”ﬂﬂfﬂﬂﬂ*
5

Tt baog trén = (@oo'njn)_y =5
Chon A
Nhin xét
Tix bang bién thién trén => ham sb d4 cho khéng c6 gia tri 16n nhét trén khoang (0;+0).
Bai toan c6 cach lam khéc nbwr sau:

(x+1)(x+2)+4 P
x+1 x+1

Taco y=

Véi x €(0;+00), dp dung bét déng thitc Cbsi ta c6

PO Y SIS PO ) /(x+1).i+1=5.
x+1 x+1 x+1

x>0
Diu "=" xayra < 4 <:>x=1:>(lgliny=5.

x+l=—r0 74)

x+1
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2sinx —cos’ x+10

Vi dy 20. Tim gié trj 16n nhét y,,, ciia hamsd y =

A ym‘_l{). B. ynmx=4

2-(1-£)+10 212149 9
= =1+

Dt t=sinxe[-L1l]=>cos’ x=1- = y = P PP 2

o 1n A 9 . M
Xét ham sb f(t)=t+:5, v6i te[-1;1] ¢6

o 9 te(-11) te(-L1)
7= {f'(t)=0@{(t+2)2 =9

oteld,

—(t+2)2 ’
Ham sb £ (¢) da xéc dinh va lién tyc trén [—1;1].
Ma f(-1)=8; f(1)=d4=>y__ =€ﬁ§f(t)=8.

Chon C
Vi dy 21. Tim gié trj nhé nhét clia him s6 y =sin® x+3cosx trén doan [~7;7].

_1243-1 B, min y= 12733
' [-mia] 8 ) : I—Jz';fr]y 3 )
C'[Eml'.jy:"& D. [@_mj_nly=—4.
Loi gidi

Ham s6 da cho d& x4c dinh v lién tuc trén [—7; 7].

Tacé y'=3sin® xcosx—3sinx =3sinx(sinxcosx—1) =3sinx(%sin2‘x-1).

xe{-m;7)
Do d6 {xe(_ﬂ’”)ﬁ [sinx-:o @{J{E(_”’x)@{xe(—”’ﬂ) (keZ).
y'=0 ) sinx=0 x=kx
sin2x =2 :

Suyra —m<kr<mr-1<k<lok=0=x=0.

Mi f(-z)=-3 f(=)=-3; £(0)= 3> i y = 3.
Chon C
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2sinx+cosx—3
2cosx—sinx+4

Vi du 22. Tim gi4 tri I6n nhit y__ clahimsé y=

5 1
A' ymax:_Z‘ B' ymax=_g
1 2
C- =e——. D- =——.
Lo gidi

Ta co 2cosx—sinx+4>-—2—1+4>0=> ham sb d4 cho d4 xdc dinb trén R.

Khid6 y= 23mx+c?sx—3 < y(2cosx—sinx+4)=2sinx+cosx—3
2cosx—sinx+4

< (2y—1)cosx—(y+2)sinx=—4y-3.

Cinod (2y-1) +[-(»+2)] 2(4y~3) ©11y* +24y+450 & -2< ys—%.

2
Do dé =—=.

Vmax =717
Chon D

Vi dy 23. Tim gié trj 16n nhét cia ham sé y =’ -3x+1| trén doan [-2;2].

A, =1. B. =4,
myrl P
C. 1[3_122;13113;:2. D. r[gagigy=3
Loi gigi

Xéthamsé f(x)=x*-3x+1, v6i xe[-2;2] taco

VN a2 .xe(—z;z) _
f'(x)=3x*-3; {f'(x):(} ox=t

Ham s6 f(x) xéc djnh va lién tuc trén [-2;2].

Ma £(-2)=—1% £(2)=3 /(1) =~ (1) =3=>max /(x)=3 pin ()=-1
=-1< f(x)<3=3< f(x)<3=>|f(x)| <32 y<3. |

. x=2
Dau "=" x3 ey = max y=3.
u Xayra [x I Eag = ¥y

Chon D
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Vi du 24, [Trich de thi ’I'HPT Quoc gla nam 2017] Cho ham so ¥ —f-—— (m la
xX—

tham s6 thrc) thoa mén r[nu]1 y= 3 Menh d8 nao dudi day 12 ding ?

A. m<—1. B. 3<m<4.
C. m>4. D.1<m<3.
Loi giai

Fim 56 i cho da e dih va i o én [234],
Daohdm y'=—— ~1- 7 #0, tacansosanhy(2)vay( ).

=i
Taco y(2)=m+2, y(4)="22 = y(2)-y(4) = 222,

+THL. m>- 1:>y(2)>y(4):>mmy y(4) ——3—4—3:>m 5, thoamﬁn m>—1.

+TH2. m<-1> y(2)< y(4)= min y=y(2) =m+2=3=m=1, khong théa min m <—L.

o

Ch¢n C

Nhdn xét

Khi xét m >, taduge y'<0, Vxe(2;4), tir 46 ham s nghich bién trén [2:4].

Do 46 miny =y(4).

Khi xét m <1, taduge y'>0, Vx &(2;4), tir d6 ham s6 ddng bién trén [2;4].

Do d6 miny = »(2).

Vi céch lam nay thi ta khéng cdn tinh y(2)— y(4).

Vi dy 25. [Trich & thi THPT Quéc gia nim 2017} Cho ham s6 y=>"" (m 1a
x+1

16

tham s6 thyc) théa man 1:[111121]1 y+ na y——— Ménh 48 nao dudi day 13 ding ?
A. m<0. B. m>4.
C.0<m<2. D.2<m=<4.
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Loi gigi
Ham sb 4 cho da xdc dinh va lién tuc trén [1;2].

e #0=>min y+max y ludnbing y(1)+»{2).

Pao h3 f= 1
a0 am y (x+1)2 [];2} [1’2]
Tacod y(1)+y(2)=_"3.ﬂ+_niﬂzgz>m=5,
2 3 3
Chen B

Vi du 26. Cho him s y =x* —2x* +x—m (m 13 tham s thyc) théa mén iy =—1.

Meénh d& ndo dudi ddy 1a ding ?

A. m=<0. B. m>10.
C.0<m<2. D. 2<m<8.
Loi gidi

Ham s6 d4 cho d& x4c dinh v lién tuc trén [1;3].

S f (1:3
Ta cd y':3x2—4x—e-i; S )¢:>er5.
ly=0 .

Tacd y(1)=-m, y(3)=—m+12::>y(l)<y(3):>1:ﬁ%?y=y(l):>-m=—1:>m=1.

Chon C
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Vin @& 2. GIA TRI LON NHAT & NHO NHAT CUA HAM SO
I. LY THUYET TRONG TAM VA PHUONG PHAP GIAL - -
Buée 1: Dt dn x cho gid trj cAn x4c dinh. (X4c dinh didu kién ciia 4n x).
(Vidy: 12 canh hinh vuéng, x 14 chi phi mt cudn séch, x 12 van the cia xe......)
Burge 2: Dua vio cic gid thiét clia bai todn. Xéc dinh céc dai lugng thanh phin cu tao
liénjfé’utétﬁngﬁqp. ST T
(Vi dy: Xdc dinh quing dudng AB, BC dya vao x, xic dinh chi phi trong c4c giai doan 1,
giaidoan 2........ ) . :
Buée 3: Biéu dién yéu t6 thng hep ( yéu-t6 edn x4c dinh GTLN, NN) qua ham- £ (),
quay vé bai todn tim gid trj 16n nhit nhé nhét ciia ham s f(x). |
Chit y: Chiing ta c6 thé van dyng linh hoat CASIO va phim CALC dé chon ddp 4n

nhanh va chinh xéc nhét. Khi d& bai cho 4 gid trj ciia x, ta ding CALC d3 Ira chon
phuong 4n cho gid trj 16n nhét ( nhé nhét ).

0. ViDbyMINH HQA

Vi dy 1: [Trich @& thi THPT QG niim 2017]. Mt vit chuyén dong theo quy ludt
5= —%ﬁ +61* v6i t (gidy) 1a khodng thoi gian tinh tir khi vAt bt ddu chuyén dong v
s (mét) 12 quing dudmg vat di chuyén duoc trong khodng th&i gian d6. Hoi trong khoang

thdr gian 6 gidy, ke tir khi vat bét dhu chuyén déng, van téc 1on nhét cta vat dat duoc
biang bao nhiéu?

A. 24(m/s). B. 108(m/s).
C. 64(m/s). D. 18(m/s).
Loi gidgi:

Tacé v(t)z(-—%t3+6t2J =—%t2+12t(m/s):>v'(t)=—3t+12=0<:>t=4.
Suy ra v(0)=0, v(4)=24, v(6)=18=>13§3]cv(t)=24(m/s).
Chon A,

Vi dy 2: Mot vét chuyén dong theo quy ludt s = —-;-t"’ +12¢%, véi ¢ (gidy) 14 khodng

thoi gian tinh tir lic vt bét diu chuyén dong va s (méf) 13 quing dudng vit di duge
trong khoang théi gian do. Héi trong khoang théi gian 10 gidy, ké tir lic bét diu chuyén
dong, van tc 16n nhit cta vat dat duoc bing bao nhisu ?

A. 512 (u/s). B. 90 (m/s).

C. 700 (m/s). D. 96 (m/s).
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| Moon.va:

Loi gidi

Tacd v()=s'() = —-%tz +24¢.

1€(0;10)
vi{#)=0

Xét ham s v(t)=-%t2+24t, voi £€[0;10] tachd v'(£)=-31+24; { <=8

Ham sb (f) lién tuc va x4c dinh trén [0;10].
Ma v{0)=0, v(10)=90, »(8) =96 = 1[13?3]( w(t) =96 (m/s).

Chon D

Vi du 3: Cho mdt tim ton hinh chir nhit g M c M

ABCD ¢6 AD=60cm . Ta gip tAm tn

theo 2 caph MN va QP vao phia frong

sao cho BA tring v&i CD dé dugc lang

tru dfmg khuyét hai day. Khéi ling tra ¢6

thé tich 16n nhét khi x» bing bao nhiéu? -
A ] [1]

A. x=20cm. B. x=22,5m  «—= o '54‘—: \

C.x=25m. D. x=29cm. -

Loi gidi:

Thé tich khdi lang try duoc tao thanh 13 ¥ =S, . MN .

Thé tich dat GTLN khi S,,,,, 1on nhét.

Sy =[P (p=~a)(p~b){p—c) =[30(30-x)(30—x)[ 30— (60—2x)]

Hay § =4/30(30-x)".(2x-30)

30-x+30-x+2x-30)’
27

Xét ham s6 f(x):(30—x)’(2x-30)=(30-x)(30-x)(2x—30)s(

(a+b+c)3

( Ap dung BDT abc < ) < f(x)<1000

Dau bing xay ra <>30—x=2x-30< x=20.
Chon A,
Vi du 4: | Trich a& thi thir THPT Lwong Tai 2] Tix mdt tAm bat hinh chir nhét ¢6 kich
thudc 12mx 6m nhye hinh v&. Mot nhom céc ban hoc sinh trong qua trinh di di ngoai di
gdp d6i tAm bat lai theo doan ndi trung diém 2 canh 1a chiéu réng cia tim bat sao cho 2
mép chiéu dai cia tim bat sat d4t vi cach nhau x (m) ( nhw hinh v& ). Tim x dé khoang
khéng gian trong 1éu 13 16n nhét.
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A x=4, B. x=33.
C. x=3. o D. x=32.

Loi gidi:
Phan khéng gian trong 1éu duoc tinh béi cong thirc thé tich hinh ling tru démg.
Tacd: ¥ =S,.h=S5,.12. Nhu vay thé tich 16n nhét khi dién tich tam gi4c d4y 14 1dn nhét.

D2 thy tam gidc d6 13 tam gidc cdn c6 2 cank bing 3m.

1 Y 1 X1 1({x+36-22Y
S=ox 32| 2] scx9-E c i xfB36—x <m | EOTE b _gp L
2y [2) 2T T 4( 2

O day ta ap dung BPT ab< (%9] , ¢ic em c6 thé tinh dién tich tam gisc d4 cho theo

cOng thiric Herong 1a: S=Jp(p—a)(p—b)(p-—c) .
Diu bing x4y ra <> x> =36—x* <> x* =18 <= x =32 (7m)-

Chon D.

Vi du 5: [Bé¢ MH THPT QUOC GIA 2017]: Cho mdt thm nhém hinh vuéng canh 12
cm. Ngudi ta cit & bén goc clia tim nhém d6 bén hinh vudng bing nhau, mdi hinh
vudng c6 canh bang x (cm), 181 gép tAm nhom lai nhw hinh v& duéi day dé dwoc mot
céi hop khéng nfp. Tim x d& hop nhén duge c6 thé tich 16n nhit.

o
Il

P!

-

1

o8]
=
H
W
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Moon.vn

Léi gidi:

Thé tich ctia khéi hop 1a ¥ = (12— 2x)" x = £ (x) (0<x<6).

x=

2
2.
3

Cich 1: f(x)=4(¥ ~42* +4x)= f'(x)=3(3c" -8z +4) &

X =

Lai ¢6 f(o):f(6)=0;f(2)=128;f[§)=3;ﬁ. Viy thé tich 16n nhit <> x=2.

3
Ciich 2: f(x)=:11-(12—2x)(12—-2x).4xS%(Iz_zx+l32_2x+4xJ =128.

Diubingxadyra =12-2x=4x < x=2.
Chen C.

- Vi du 6: Mot ngon hai ddng 3t tai vi tri 4 céch ber 4
bién mot khodng AB =4 (km). Trén bd bién c6 mdt
céi kho & tri tri C cach B mdt khoang BC =7 (km).
Nguéri cant hii ding phai cho db tir vi tri 4 dén vi
tri M trén bd bidn véi van the 6 (km/ k) 18i di xe
dap tir M &n C v6i vin tde 10 (fon/ k) (nhu hinh
v&). Xac dinh khoang céch tir M dén C dé ngudi d6
ditir 4 dén C 13 nhanh nhit. \

A. 6 (m). ' B. 3 (km).
<. 4 (fm). D. 9 (km).
Léi gidi

Dt MC =x (0<x<7)=> Thoi gian di quing dudng MC 12 % (gi®)
Quéing dudng AM = AB> + BM> =,/16+(7—x)2

1/16+ 7-x .
_%_). (gl()’)

2 . 1/16+ T—xY
Téng thori gian ngudi d6 ditr 4 dén C 1a %+_-(6—’Q-

=> Thoi gian di quiing duong 4M 13

. J16+{x=7Y
Xét ham sb f(x)=%+—+(x~—-7-)-, v6i xe[0;7] tacd

6
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xe(0;7)

. |
! =— —."'—,,,,"ﬁ=0; . — — . .. .
6 106 16+(x-7) 6y16+(x~7)" =10(7-x)

xe(0;7) x€(0;7)
|36 (x=7)" +16]=100(7-x7 é{@i(l:x)z 3616
5

Ham s6 £ (x) lién tuc trén [0;7] ma £(0)="22; £(7)= 30,f( )

= min f(x)= f(4)-—=:~7‘M’C x= 4(km) thoa mén bai toan.

[0:7]

Chgn C

Vi du 7: Tix mt tAm ton dang hinh trdn véi bén kinh R = 50cm, mdt ngudi thy cin cit
mdt tAm tén cé dang hinh chit nhat ndi tiép hinh trn trén. Anh ta gb tAm ton hinh chif
nhit nay thanh m6t hinh tru khong ddy (ohwr hinh v&) @& 8 théc vao trong. Thé tich 16n
nhit ciia khéi tru thu duge gin nhit véi két qua nao dudi day ?

O)-E

A. 0,28n7". B. 0,021,
C. 0,29n°. D. 0,03m°,
Loi giai

Khéi tru thu dugc c6 thé tich 13 ¥V = z+2h.

Goi chiéu dai cta hinh chit nhdt 1a b=> b* +#* =(2R)" =1 (R = 0,5m)

1t _ 12 g3
Tacod 2rr= b:r—i= ) ::>V=7r-1 ;;Jz=h h =f(h).
2r 2x 4 47
Drobam f'(h)= 22 =0 h= - :>V<f[“)“0,03m3.
5N\ E
Chon D
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Vi du 8: Cho mét thim nhoém hinh vudng canh 6 4 2= =

cm. Nguoi ta muén cét mét hinh thang nhu hinh  sem y

v&. Tim téng x+y @& dién tich hinh thang EFGH ¥ [

dat gia tri nho nhét, N .

Ax+y=T7. B.x+y=35. -

C. x+y—i D.x+y=4«/§. D -- Yo Tc
Loi gidgi

Ta 6 Sgegy 1ho nhit <> 8 =8, o +Sucor + Sapgy 160 nhét (do S, khong dbi).
Tinh dugce 2S=2x+3y+(6—x)(6—y)=xy-—4x—3y+36. (l)

Tacé EFGH 1a hinh thang — 4EH = CGF

— > MEH~ACGF — 4B _AH 2 X, y=6 (2)
CG CF y 3

Tir (1) va (2)suyra 2S=42—(4x+§).})é 25 16n nhét khi va chi ki 4x+-> nho nhit
X x
Theo bit ding thirc AM — GM, ta ¢6 4J|:+E>2J4x1 =122 — S ax =21-642.
X

X
18 3\/" 72

Déu "= "Xdyra S4dx=—oOx="—-y= 2a/_::>x+y_T
X
Chon C.
Vi du 9: Mot ngon hai déng dit o vi ti 4 céch bo y: |

bién mét khoing 4B =35 km.Trén bd bién c6 mot
cai kho & vi trf C cich B m{t khoing 1a 7km.
Ngudi canh hai ding c6 thé chéo do tir 4 dén vi trd
M trén b bién véi vin tde 4 km/h 1di di bo dén C
véi vin tdc 6 kmvh, Vi tri otia diém M cich B mét B M " C
khoang gin nhit v&i gia tri ndo san diy dé ngudi d6 Tkm

dén kho nhanh nhét ?

A. 3,0 km. B. 7,0 km.

C. 4,5km. : D. 2,1km.

Skm
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Loi gidi

AM i +2 km

MC=(7-x) km

\/x +25

4

Pit BM = x km (os_x__s'i)._»{

Théi gian chido d60r 7 dén M 13 t B

Thoi gian di b tr M dén C la: L = 76 h—) Thoi gian ngudi canh hai da.ng di

\/x+2 7 X

tuA—>Clat—tAM+tMC e 5

IxP4+25 T-x

7 +—6— trén [0,7], tadu'gc mmf() f(QJg):

h.

144545

12

Xéthamsb f{x)=

VayngumdodenkhonhanhnhatkhlwmcuarhemMcachB motkhoangx 2\/_ 4Slcm_
Chen C.

Vi du 10:Mdt soi day kim loai dai 60cm dugc it thinh hai doan. Poan diy thir nhét
ubn thinh hinh vudng canh a, doatt ddy thir hai uén thanh dudng trén ban kinh .

Dé tbng dién tich ca hinh vuéng va hinh tron nhé nhét thi ti s £ bing:
r

A —=1 B- —=2
C —=3 D-‘—'=4
Loi giai

Goi x 14 49 dai cta doan ddy cudn thanh hinh tron (0 < x < 60) = Chiéu dai doan con
1aild 60—x. '
2

: X
Chu vi dudmg trom: 27r = x=> r = -2"——> Dién tich hinh trén: S, = 7.2* = =
T 4
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2
Va dién tich hinh vuéng canh 6‘%" I S, =(60"‘) .

Téng dién tich hai hinh: S =+

x* (60_ sz _(4+7)x" ~1207x+36007

4 4 167
4+ 7). x—607 4+
Pao ham: S'=-(-—-——)—-———~—-—-; S':O@x=60_ﬁ; S"=—7£>0_
, RY4 441 - 8z
) 1 T r I - + 1% . X . 60”
Suy raham § chi ¢d mdt cuc tri vala cuc tifutal x = .
s
Do d6 § dat gia tri nhd nhét tai x = 2%
447
Vei o807 30 . 240 ,a_240_,
d+xz (4+7) (4+7)4 r 120
Chon B,

Cich 2. Ap dung bét déng thitc Cauchy-Schwarz, ta ¢6 § = 4—+
7

%2 [60-—x]2 o607
4

T4 +16

x 60-x 60z
—= S x=—,
4z 16 4+
Vi du 11: Mdt manh gidy hinh chit nhét c6 chidu dai
12 em va chidu rong 6 cm. Thure hién thao tic gip goc dudi
bén phai sao cho dinh duge ghp n#m trén canh chidu dai con
1ai. Hdi chiu dai Z t6i thiéu ciia r-d - gp 13 bao nhiéu?

Diu "=" xay ra khi

A. minZ =62 cm. B. minL=—9~—2\/—§ cm.
C.rninL=7—J-§—cm. D. minZ =92 cm .
Loi gidi

EF=a

Pat EB=a>0 nhr hinh v8 bén —— .
& a. r vé bén {AE=6-—a

Trong tam gidc vuéng 4EF c6

cos AEF =879, cospER=2=% (hai géc bl nhau).
a a
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Ta c6 ABEG=AFEG ——> FEG =BEG = %FEB.

2 - —_—
Suyra cosFEB= cos(ZEFG): 2(30551:'(;) _1=a_6_5:> cos FEG = |2 3‘
a a
3
Trong tam gidc vudng EFG cb EG=—tr_ = [ 9=
cos FEG a-3

a 9 9\/5

Xeét ham f(a)=a vai a >3, ta duge mmf(a) dat tai a=_2 >

|
b
- by
Q
Il

Chon B.

Vi dy 12: Mot ngudi dang ngdi trén mét chiée
thuyén & vi tri 4 trén hd nuéc hinh troén c6 bén
kinh 10 fan, dy dinh vi trf C d6i dién v&i 4 qua
tAm ciia hd nuéce bing cich boi thuyén dén vi tri B
v&i van toe 8 km/h sau d6 1én bd di doc dén vi ted
C véi van tbe 5 kan/h ( nét dirt cia hinh v& bén
biéu hién quing dudmg di ). Hoi théi gian di. tix v trl
A dénvitd C nim trong khoang nao dudi diy ?

A. (2;6)gio. B. (2,5;27) gio.
C. (2;2n) gio. D. (2,5;6) giv.
Phén tich loi gidi
e Bai todn hoi khoang thi gian di tir vi trf 4 — C, tirc 1 tim khoang gitra thoi gian
nhanh nhét va thoi gian ldu nhét di tr 4> C:(mint,,c;maxt,,c).

o Téngthigianditk A—>C B t,,c=t,,,+1,,, =B+ 2C.

Ve Vae

+ DJ dai cung tron clia dudng tron ban kinh », chin goc & tim @ (do bang radian)

duoe tinh bing cong thise —=— =2 = I.= R, sit dung Iy thuyét dé tim d6 dai BC.
chuvi 27

e Chon 4n thich hop, dura vé xét ham sb lién quan dén thoi gian dé im min, max .
Loi gigi

Dit BOC =2x (rad)= d dai cung BC 1a L=20x (m)=1, .= L 4x (h)
v

BC
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Rt

X L e adovsva 4 2%+ x+1
Vi du 2: Tim tiém c4n dlrng va ngang clia do6 thi ham s6 y=———(C).

%2 =3x+42
Lgi gidi:
2x* +x+1 2% +x+1
,: - T — ]lﬂl — e
Ta cé Hr 11.53 (x 1) (x 2) -0 (hoic Lim y= him (x—l) (x—2) +0) nén

dudng thing x =1 14 tiémi cn dimg ciia (C)

Tuong tr dudmg thing x =2 cling 13 tiém cfn dimg clia d5 thi him sb d cho.

1
24—+—
x2

2
Wz

X

2
P . 1
Lai ¢o: hmy=hm2x trr

1
= X = A A > — 1\ t'A
s xdwy? ~3x42 e 3 2 nén duong thing y=2 la tiem
X

1-
cin ngang cha d6 thi ham sé d3 cho.

Vi du 3: Tim céc tiém cdn ngang va dimg clia cic ham s6 sau:

Léi gidi:
a) TXD: D=R|{1;3}.

1 4
2——4+—
Taco: lim y= hﬁ#—-& nén dudng thing y=-2 13 tiém cn ngang cia b
X x> :_- —_1
X ox
thi ham s6.
2
Laicéd: lim y=lim 2x —x+d =+00; lim y =—o0.

x—1* x—I ( x— 1) (3 x) =1
Suy ra dd thi ham s c6 tidm candlmg la x=1.
Tuong tir ta cling ¢6 db thi ham s6 co tiém cén dimg 13 x=3.

b) TXD: D ={—0; l]u[l +oo)

1
f2_ 71+ 1——2
Tacc'):]imy=limx+x Loy X =Z.
x—m e Jx—3 x40 3_1 3
2
X

16l
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0.

Do d6 @ thi ham sb da cho ¢6 2 tiém cén ngang 1a y =

Tiém can ngang y=§ khi x —>-r0 va tiém cn ngang y=0khi x > -

Pd thi ham sb @4 cho khéng ¢ tidm cdn dimg vi khong ton tai lim y.

B B L xw,g;
Vi du 4: Tim cac dudng tiém cén ding va tiém cén ngang ciia d6 thi ham sb
_ x*+x—1

(-1

x+x*+1
2x+4x% +1

Loi giai

a) y

b) y

a) TXD D =R\{}}. Tacd: limy=lim

x>

cia d6 thi ham s6 di cho

X+x—-1_ . xFtx-1 .
(x_l)z x—):lmxz_zx_}.l z—):bwl_

Mit khidc lim y = lim

X—rio Xt

Do vay y =1 13 dudng tiém cin ngang ciia 5 thi hiam s d cho.

2

x°+1

1+

' 1
1+ 1+
x2

x+x* +1

b)) TXPD=R.Tacéd: lim —— e = lim —=%_—_ = lim — 2%
reox Al 41 e gyl o 1
24— 2+,(4+—
x x
2
2 1+ Y% +1 1- 1.].,1_
- I x+x"+1 x . 2
Mit khac lim — = = lim =0
2x+4x* +1 2+\/4x +1 2_J4+l2
x x
162
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‘Moen.va

ma khéng o6 iiém

Do vy d thi ham sb ¢ 2 dudng tiém cin ngang 13 y=0 vi y=

NI

cin ding.

x+Imx? +

: ~ K oioa A ) A Y1 Z 1 £
Vi du 5: Bién ludn s6 fiém cén ngang cia d6 thi ham s y = T theo tham so m.
x

Loi gidi

x+1-x*

+} V& m<0 (vidu m=—l:>y=—-xT ) khi d6 khéng ton tai }_i’x}:lmy. Do viy
v6i m<0 db thi ham s& d3 cho khdng c6 tiém cén ngang
Ve m=0=> yzf-_;:—; b thi bam sb da cho ¢ duy nhit mét durdmg tidém cdn ngang
B y=1

3 1+\j:n+—'_2
+) Véi m>0 tacd x%y=x%f+—x%-ﬂ=x%——i—’£—=1+@,dodé

1+—
X

y =1++/m 12 mdt dudmg tiém cén ngang cia db thi ham sb da cho.

mxt +1 1
x+mx? +1 L+ I=ym+=
Lai c6 lm y= km = lim % = lim——* =1-Jm dodé
X0 X x+2 X0 1+g X—p—c0 1+2

X X
y=1 ~Jm 13 mét dudng tiém cin ngang cia do thi ham sb d3 cho.
Nhu véy véi m > 0 thi db thi ham s& d4 cho c6 2 dudng tiém cinngang 1a y =1++/m
vay=1+ Jm.
. ViDU MINH HQA
Vi dg 1 [ PE MINH HOA THPT QUOC GIA 2017]: Cho ham s6 y= f(x) ¢
lim f(x)=1va lim f(x)=—1.Khing dinh ndo sau day 1 khing dinh dlng ?
A. Db thi ham s6 d4 cho khong ¢6 tiém cén ngang.
B. D thi ham s da cho c6 diing mét tidém can ngang.
C. Db thj ham sb da cho ¢6 hai tiém cdn ngang 13 cac duomg thing y =1 vi y=—1.

D. D6 thi ham sb 34 cho c6 hai tiém cén dimg 13 cac duong thing x=1 vi x=-1.
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Loi gidi:

+) lim f(x)=1=>y=1 12 | dudng tiém can ngang.
X—3400

+) lim f (¥)=-1= y=—1 1a mft dudng tigm cén ne~- .

Chen C.
Vi du 2: [ P2 thi thir nghi¢m BGD&PT niim 2017] Pudng thing nao duéi diy I3 tiém
cén ding ciia b thi ham s6 y =221,
: ' - x+1
A x=1. B. y=-1.
C.y=2. D. x=-1.
Lai gidgi:
Tac: lim y=co nén db thi ham s6 nhan x=—1 13 tiém cén dimg.
Chen D.
Vi dy 3.[D% thi THPT QG nim 2017] D3 thi cta ham sb y= ;‘2‘ ¢6 bao nhiéu
dudng tiém cin?
A. 0. B. 3.
C. 1. D. 2.
Loi gidi:
Tacd y= x_—2= x—2 <:>y=L.
¥ -4 (x-2)(x+2) x+2

lim y=lim y=0 . .
Khi 86 > o = D6 thi hdAm s6 ¢6 1 TCP va 1 TCN.
x+2=0x=-2

Chon D.

Vi dy 4: Gid st y =2 14 tiém cin ngang ciia 0 thi hdm s8 y = f(x). Khing dinh n3o
sau ddy 13 dang.

A.Iin;y=+oo. B. lin%yz-—ooho&ch'n%y=+oo.
x> x— x-3
lim y=2 lim y=2
. X—-tac . 3 Xx—rtmo .
lini;y=2 lim y=2
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Loi gidiz

Ham sb y=f (x) x4c dinh trén mot khoang v6 han (14 khoang dang (a;+00);(—0;b)
holic (—o0;+e0). Pudng thing y =y, 12 dudng tiém clin ngang ( hay tiém cén ngang)
ciia d5 thi him s6 y = f(x) néu it nhat mot trong cac didu kién sau duoc thod min:
lim = y,; lim =y, .

Chon D.

Vi dy 5: Cho ham s6 y = f(x) xéc diuh trén khodng (0;+0) vé théa man Lim f(x)=1
. V6i gia thiét d6, hay chon ménh d& ding trong céc ménh d8 sau:

A. Dudng thing y=1 1a tiém cin ngang clia db thi ham s6 y = f(x).

B. Dudmg thing x =1 13 tiém c4n dimg clia 46 thi ham sé y = f(x).

C. Dudng thing x'=1 14 tiém cin ngang ciia d3 thi haim s6 y = f(x).

D. DPudng thing y =1 12 tiém can dimg ctia dd thj ham s6 y = £(x).

Lai gidis

Tacé: lim f(x)=1nén dd thi ham sb da cho c6 mdt dudng tiém cinngangla y=1.

Chon A,
Vi du 6: Cho ham s c6 bang bién thién nhu sau:
z |- -2 +o00
Y + +
5 3
, _
1 -0

Khing dinh ndo sau diy 12 ding.

A. D) thj ham sb d cho ¢6 2 dudng tiém cin ngang va khong c6 tiém cin dimg.

B. D thi ham s6 d3 cho ¢6 mot dudng tiém cin ngang va mot dudng tiém cin ding.
C. Pb thi ham s d4 cho c6 2 dudong tiém cén ngang va mét dudmg tiém cin dimg.

D. Db thi ham sb d4 cho khong c6 tiém can.
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Db thi him s§ y =

Nhén xét nio sau diy la dung

Mt khac lim y = 44hm

x—=1"

_2x-1
x—1

_6x+1
3x-3

Vidu 7: Cho ham sé c6 bang bién thién nhw sau:

—0Q

—Q

Do lim y =3; lim y=1 nén d6 thi hani s da cho co2tiémcdringang la y=3 va y=1

Mit khac hm) =—0 nén do thi ham s6 &4 cho ¢6 mdt duimg tiém cén dimg la x=-2.
(-2 7 o

A. Db thi ham sb da cho ¢6 2 duong tiém cén ding 12 x=4 va x=2.
B. P4 thi ham sb d3 cho c6 2. dudng ti€m cin ngangla y=4 va y=2.
C. D6 thj ham s6 d3 cho ¢6 2 dudmg tiém cin ngang va khong 6 ti¢m cn dimg.

D. D thi ham s6 d4 cho khdng c6 tiém can dimg va tiém can ngang,

Ta co: li‘ﬁo ¥ =+0; lim y =—o0 nén dd thj ham sé da cho khdng c6 tiém cén ngang.

1y =2 nén db thj ham s6 d& cho khong c6 tiém cén dimg.

Vi dy 8: D6 thi ham s8 nio sau day khéng nhan céc dudng thing x=1 vi y=2 14

céc dudmg tiém cin dimg va tiém cdn ngang.

_ 2x+1
2x-2"

_4x+3

2x—2°

L 0 tiém cin dimg 1a x=1 va tiém cén ngang 1a y =1.
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Vi du 9: D0 thi ham s nio trong cic ham sb sau nhan céc dudng thing x=2 va y=2
1a _céc dudmg tiém cén.

2x-2 x-1

A y= . B. y= .
Y 2 x4
2x—1 2x+1
C.y= . D. y= .
7 x+2 d x+2
Loi gidi:
Db thi ham 56 y =272 cic dudng thing x=2 va y=2 1in huot 13 cdc dudmg tiém
x-—
cén ditng va ngang.
Chon A.
Vi dy 10: D6 thi him 6 ndo trong c4c ham sb saudiy ¢6 2 dudng tiém can1a x =1 va y=-2.
AL y=1—2x' B. J)=3—2Jc.
1-x x—1
D. =2x+1. D.y=x+2.
x=2 x-1
Loi gidgi:
Db thi ham sé y=3‘21‘" c6 2 dudng tiém can 13 x=1 va y=—2.
x—
Chon B.
Vi dy 11: D6 thi him s6 nao trong cdc ham sé sau khéng cé tiém cin ngang.
x+1 % +1
A y="—., B.y= .
7 x=2 Y x=2
C. J,'231«: 2' D =2x—1
x=2 x
Loi gidi:
2 2 2
Y L . . + . +1
Bﬁth;hamsoy=x ko c6 tiém cin ngang vi lim = 21=+oo;11mx 2:-—00_
xX— EHO - x=>—m xX—

Chen B.

Vi dy 12: P4 thi ham s6 ndo trong c4c ham sb sau nhan cac dwong thing x=1 v
¥ =-3 1a cac dudng tiém cin

A y=2"1 B, y= 3%+l
x—1 1-x

C. =1—3x. D.y=3x+1.
1-x x+1
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Loi gidi:

P thi ham sé y= 31”1 nhdn dudng thing x=113 tiém cin ding va nhin dudng
—X
thing y =-3 I3 tiém cin rigang.
Chon B.
Vi dy 13: Tiém cén dimg cia d thi ham s6 y=— 2 Ja:
x—3x+2 _
A . x=-Lx=-2. . B.x=3;x51.‘ _
C.x=2x=1. ' ' D. x=0.
Loi gidi:

TXD: D=R\{l;2}. Tacd: y= .Dé théy linlly=oo;]j_13y=oo nén db thi

2x
(x-1)(x-2)
ham sb da cho ¢6 2 dudmg tiém cin dimg 13 x=L,x=2,
Chen C, o _ o
Vi dy 14: [ Trich @& thi THPT QG 2017]. Tim sb tiém cdn dimg cta dd thi ham sé
x'-3x-4

x'-16

A. 2. B. 3.

C. 0. D. 1.
Léi gidi:

¥ -3-4 (x+1)(x-4) x+1

Tacé y= =——=x+4=0x=—4. Suyra dd thi c6 1 tiém cén dimg.
2 TR F P 4 Hoo T v e Cine
Chon D.
. Lk re S S X ~5x+4
Vi du 15: [Trich de thi THPT QG 2017). Tim s6 tiém cn ctia d6 thi ham s6 y=2—1:
x —-—
A 2. B. 3.
C. 0. D. 1.
Léi gidi: '
TXD: D=R\{*1}.
2 -4)(x-1) x- lim y = lim y=1 .
Tach y=2 25”4:(" o) x4 JEmy=im . Suy ra db thi ham
-1 (x-D(x+1) x+1  |x+i=0¢>x=-1

$0 c6 hai dudng tiém cén.
Chon A.
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I Moon.va -

£l Heie
b I xz_].
Vi dy 16: Tiém cén ding cia d6 thi haim s6 y=———— la:
x—4x-5
A x=5. B. x=-5.
C. x=-35;x=1. D.x=5x=-1.

Loi gidi:

A1 (=U(x+D)
7t (D) (o3) %

TXD: D=R\{-1;5}.Tacé: y=

lim y = lim L‘ig:% én @b thi ham sb d& cho chi c6 mdt dudng tiém cin dimg 13
X—r— Xoap—, x-—

x=5.

Chon A.

Vi dy 17: Tiém can démg ciia d thi ham sé y=—— la:

A. x=0. B. x=1.
C.x=~1. D.x=4%1.
Loi gidi:

NJx+1 1

TXD: D=(-1+0)\{1}. Tacé: y=(x-1)(x+1)=(x—1)x/x+1'

Do Emy=co; lim y=-oo nén db thi ham s6 d& cho c6 2 dudng tiém cén dimg la

x—1 x—{-1)
x=+l1.
Chon D.
, ‘a Al ar S W £ x+1
Vi du 18: Tiém cén dimg cia d6 thi ham s6 y = = 1a:
x -1

A x=+1. B, x=1.

C. x=-1. D.x=
Loi gidi:

x+1

TXD: D =(~o0;~1)(L;+e0). Tacd: y=

1f(x+1)(x—-1) '
x+1 x4l

Mit khac lim y = lim = lim =+00
x—)I*? xai*J(x+1)(x_l) =1 A fx -]
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x+1

Laic: lim y= hm ——20 = lim. _(“x_l) — fim Y2 o

eviy S (x+1){x-1) =tv J (1-x)(-x=1) =t I-x

nén d6 thi him s khéng c6 tiém cin ding x=-1.

Chon B.
in . - l | A ] ; r ; sz__l- 1 o
Vidu 19: Ti¢m cdn dimg ciia d6 thi him s6 y = o la:
x - .
A x=41. oo - B. x=1.
C. x=-1. o s R D.x=0.
Li gidi:

TXD D:B;m)\{l}.

Do lim 2x-1

=t oy -1

= o0 nén db thj him sb c6 mot tiém cin dimg 13 x=1.

Chéi y khéng tdn tai lifn[ 7y vitai x—(~1)";x > (~1)” ham s khéng tén tai.

Chon B.
Vi dy 20: Tiém cén dimg cia @3 thi him sé y = "“11
x -—
A, x=+1, B. x=1.
C. x=-1. D.x=0.

Loi gidi:
TXD D= (1; +00) .

1 . ,
= lim —==—=——— = +00 nén db thj ham sé d3 cho ¢6 mot tiém cdn dimg 14 x =1
1" -\/ (x+1) . g

x-1*

Chgn B.

1- J—

Vi du 21: Tiém cén dimg cia d6 thi ham s§ y =

-9
A. x=13, B. x=3.
C.x=-3. D. D3 thi him sb khong c6 tiém cén démg.
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K 45
|Moon.va

Léi gidi:
TXD: D=[2+0]\{3}.

3—x

I-Jx—2=1+\/x—2 _ -1

#-9  x-9 (x+3)(Vx-2+1)

Ham 6 khéng x4c dinh khi x ——3. Do d6 dé thiy db thj ham sé dd cho khéng c6 tiém
cén ding.

Chon D.

Taco: y=

Nx+2 .

la:
x* -4
Al B.2.
C. 3. D. 4.

Vidy 22: S tiém can ding ciia @ thi ham s y =

Loi gidgi:
TXD: D =[-2;+00)\{2}

Nx+2 . 1

Tacod: lim y= lim ———~"—= lim ———w =
O T A (42 (5-2) B Va2 (a2)

Miit khac lirr:}y =<0 nén do thi hdm s6 c6 2 dudng tiém cdn dimg 1a x=2 va x=-2.
X,

Chon B

. s . x+2
Vidu 23: S6 tiém cén ding cia d6 thi ham s6 y = ———— [a:
- Nt +x-2
Al B. 2.
C. 3. D. 4.

Loi gidgi:
x+2

. (x—l)(x.+ 2)

D =(~0;-2)(1;+00). Tacd: y=

(]

‘x+2 ] + ' ] - \ . '
d = lim X =0 va lim y =+ nén d6 thj ham sb d3 cho ¢6 1

lim ——e X2
=0 fx-D(x+2) =2 Jx-1 *ok

dudng tiém cin dimg duy nhét 13 x=1.
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X 1‘

Viduy 24: S6 tiém can ctiadd thi ham sb y =

= &
Al B. 2.
C. 3. D. 4.

D=R\{-11}.Dd thi ham sb d4 cho c6 2 tiém cin dimg 13 x =1
Mit khac h'_I)n y =0 nén db thj ham sb da cho c6 1 dudng tiém cin ngang la y=0

Vay dd thi bam s6 ¢6 3 tiém can.

Chon C.
Vi du 25: S6 tiém cén cta d6 thi ham s6 y = = la:
1-x
A. 1. . B.2.

C.3. D. 4.

Loi gidi: |

D=(-31). Do x_;h{r_li)+y=+oo;1j_1)qy=+oo; nén d6 thi ham sb da cho o6 2 dwdng ti¢m
can dimg 13 x=-1 vd x=1. D} thi ham s6 d4 cho khéng c6 tiém cidn ngang vi
D =(—1;1) nén khong ton tai ?_{EJ’-

Chon B.
Vidy 26: 86 tiém cin cia 46 thi him s y = ——— 1&:
x° -1
Al B. 2.
C.3. D. 4.

Léi gidi:

D =(—o0;—1)U(L;+0). Dd thi ham 56 d4 cho ¢6 2 tiém cdn dimg 13 x=+1

Mat khic lim y = lim = 0 nén db thj ham s6 da cho ¢6 1 ti¢m cin ngang 13 y=0.

x* -1
Viy d thi ham sb da cho ¢6 3 tiém cin.
Chen C.
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Al | B.2.
C. 3. D. 4.

Lai gidi:
TXD: D =(—00;—1)U{2;+0)

Db thi ham sb d3 cho c6 2 dudng tiém cin ding 1a x=2 vd x =1

Mgt khic lim — e = lim — e = lim —— =1
N R R ) “’*“\/1_1__2“
x x
Lai 6 fim —mee = fim — = lim ——— =1 nén db thj him s
e ox=2 eyxox-2 = | 12
x X xz
dd cho ¢0 2 tiém cdn ding va 2 tiém cin ngang,.
Chon D.
Vi du 28: S6 tiém cén ciia dd thi him s &’C_'.':..___J___ x 1 1a:
x -4
Al B.2
C. 3. D. 4
Lgi gidi:
TXP: D =(—o0;-2}(2;+0)
P4 thi ham s6 c6 2 dwdng tiém cén ding 1d x=-2 v x=2
Fh_ -2
Mitkhic im y = lim 3+ 2 -3 men y =3 13 mdt tiém cin ngang.
I—H-m X0 Jx 4 x—)-kn J
\/xz—l 1
= 3- fl-—
Laicé lim y hm3x+ = lim L =_2 nén y=-2
x—)—oo X 4 x-H«:o Jx _4 x—-+o _\ﬁ-i
X x*

1a mt ti€m cln ngang ciia dd thi ham sb.
Chon D,
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2
Vidy 29: S6 tiém cén cia b thi ham s y = 3‘-12-—-— ‘”1" Ia:
x—

Al B. 2.

C. 3. D. 4.

Léi gidi:

TXD: D=[-11]

D6 thi ham sé d4 cho ¢6 1 dudmg tiém cin dimg 14 x:% va khéng c6.tiém cén ngang

vi khong tdn tai lim y .

330

Chon A.
2
-3x+2 :
Vi du 30: S6 dudng tiém can ctia 4d thi ham so_,y_—,:x—ai—? Jar
X _

A2 S - B. 1.

C.3. ' D. 4.
Loi gidi:

TXD: D=R\{-1;3}

(x=2)(x-1)
(x+1)(x-3)"

Tacth: y= . Db thi ham sb d3 cho ¢6 2 duong tiém cin ding.

3x+2 R .
Mit khic lim y= hm——x———l nén db thi ham sé d4 cho c6 1 dudmg fiém can

x—iw x—+m x -2x-3

ngangla y=1.
Véy db thi ham s da cho ¢6 3 dudng tiém cén.
Chon C.

\/;+I

Vidu 31: Choham sé y= Vv Céc duong tiém cin dimg v tiém c4n ngang coa db

thi ham sb d3 cho ¢6 phwong trinh 14n hret Ia:

1 1
Ac = 2, -, B, =4, =
C.x=2,y=1. D. x=4,y=1.
Loi gidi:
TXD: D=[0;+oo)\{4}
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4 Moon.vn

Ja-

1 + -r -
Tachd hmy ooy Hm y = lim =1 nén d6 thj ham s6 c6 1 dudng tiém cin dimg 13

X—rHoo Xty _2
x=4 v mt dudng tiém cin ngang 13 y=1.
" Chon D. |
Vet +1
2x+3
A. 0. B.2.

C.3. D. 1.
Léi gidis

Vi du 32: S6 dudmg tiém cén cia 46 thi him sé y= I

D=R\{_73}. D4 thi ham s8 d4 cho c6 1 dudng tiém dimg 1a x=—=

1

5 I+—
Mit khac lim y = lim x”+1 = lim ¥ _1
Xy e Dy 43 X 3 2

2+=
X

nén y % 1 mot dwomg tiém can
ngang ctia do thj ham sé d3 cho.

x*+1 1
N E
Lai ¢6 hm = lim =lim —* = lim X = &

=— nén y=%1 la mét

== Z2x+3 X——0 2+§ X3 2+§ 2
x x
dudng ti€ém cén ngang cia d6 thi ham s6 d3 cho.
Chon C.
Vi du 33: P4 thj him s ndo trong cdc ham sé sau khéng c6 tiém can
_ L2 Jxi-
A.y=9x. B.y=—_“x 1.
2-x x+2
Jx-1 N1-x*
C.y= D oy= .
: 2+\/; x+2
Loi gidi:

i

X

Db thi ham s§ y = c6 1 dudng tiém cén dimg 13 x=2

[\

—X

3

Db thi ham sb y=

- co 1 duong tiém cin ding x=-2 va 2 dudng tiém cén
X

ngang y=-+1.

Py

-1

P4 thihdmsd y= 6 dudmg tiém ngang 13 y =1

=

[y.]

-+
175

http://tieulun.hopto.org



1-x

Pd thi ham sb y=-

x+2
X —>too;x ——2.

Chgn D.
Vidy 34: Db thi ham s6 nao trong cdc
x+1
A y= X
4 x-2
2
x+1
C.y= .
‘ x*-2
Loi gidi:

1—x

N2-x?

D6 thi ham sb y =

Chgn B.

khéng c6 tiém céin vi khong t6n tai lim y khi

ham s0 sau khong ¢ tiém cén ngang -

B.y= 1-x
\/2—x2'
xvx+1

D.y= .

Y xt+2

Vi dy 35: D3 thj ham s nio trong céc ham s8 sau khéng cé'tiém can dimg.

3x-1
A y= .
Y x*—1
c y_x2+4x+3
k3
Loi giagi:

2
Db thi ham s6 y = X% +3

Jx+3

x2_+4x+3 - fim (x+1)(x+3) _

Vx+3

JVIx+1

B. y= .
Y x -9
D. y= x_+3 '

-9

khéng cé tiém cén dimg vi

= lim (x+1)Vx+3=0.

x—{-3)

khong c6 tiém cin ngang vi khong t0n tai lim y khi x — #co.

Vi dy 36: D4 thj him s8 nio trong cic ham sb sau c6 cé tiém cfin ngang va tiém cén dimg.

lim
Sy SN P
Cheon C.
A = x*-2
Y txil
2+x
Cy=—="",
x—\fxz-l-l
Léi gidgi:
2
s . -2
Db thi céc ham s6 y = ———— v
2x" +x+1
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S

s L . 2+ . .
P06 thi hdm s6 y=————x— cling khdng c6 tiém cin dimg.
x—vx*+1
Iy o x—4 .
D6 thi ham 86 y=———— ¢6 ca tiém cén dimg x =-3 vatiém cdnngang y=-+1.
Vxi—-x-12
Chon D.

Vidu 37: P thi hiam s6 nao trong cdc ham s sau c6 2 dudng tiém cin ngang

1 B N-x*+4

A, y=——. - V=
3x+4x% +1 x+2
y_x—-l D. y= x -1
x+2 25+ —1
Ldi gigi:
D3 thi him s6 y = "“; 06 mit tiém cin ngang 14 y=1.
X+ '
X - « F4 \I_x2+4 ~ Foa A A
D6 thi ham so6 y=—— khong c6 tiém cin ngang.
x+
1 r4 x
Do thi ham s6 y = ———=—= ¢0 1 duodng tiém cén ngang 1a y=0.
3x+x?+1
P i UV N S PP
D6 thi hdm s6 y =——————— ¢6 2 dudng tiém cdn ngang 12 y = ——== khi x >+
2x+4/x" ~1 2+1 3

va y=;1-=-1 khi x ~» —o0.
2-1

Chon D.
Vi du 38: D4 thi him sb ndo trong cic ham sb sau c6 ding 1 dudng tiém cén dimg,
+3 xt-1
A y=2"2 B.y= .
-4 Y x+1
y= xt -1 D y_x2—4
YT T xe2
Léi gidi:
b thi ham 58 y = ;‘;’_3 c6 2 dudmg tiém cin dimg.
xz—l_(x—l)(x+1)

) thij ham sé y = khong c6 tiém cin dimg.
X

+1 A x+1
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Jx? -1
x+1

D6 thj ham sé y = ¢ 1 dudng tiém cin dimgla x=—1.

2 i |
Db thi ham s8 y =>—2 _(+2)(x~2) khéng 6 tiém c4n dimg,

Vx+2 Jx+2
Chen C.

Vi du 39: P thi ham s8 nio trong cic ham s6 sau nhin cac dudng thing x=1 va
y =2 lacéc dudmg tiém cz_“m.‘

x42 - - x+1.
A. = e— B. _—
Y= 312 r 2
+xi—1 2x* -2
C.y=2INX 77 D. y==2 _
x-1 X —-x
Loi gidgi:

2" -2 _2(x+1)(x-1) _2(x+1)
x*—x x(x—l) x

D6 thi ham sb y= nén khéng nhin dudng thing

x =1 13 tiém cén ding.
’ 2 .
Chi ¢6 b thi ham sé y=ic+—x1——1 nhin cic dudng thing x=1 va y=2 13 cic
x-1 _
dudng tiém can. '
Vi dy 40: D thi ham s6 nio trong c4c him s6 sau nhan céc duomg thing x=2 va y=1
la cic dudng tiém cén:

2x+1 x—1
A y= x—l'_ B.y=x2_4.
C,y=x2+1, . D, - J2x+1'
x=2 N2x=2
Loi gidgi:

D6 thi ham sb y=2x+11 c6 tiém cén ding 13 x=1 va tiém cn ngang 13 y=2.
x.—

Db thi ham sb y=—§;4—- c6 tiém can ngang 13 y=0.
x —

xr+1

D6 thi ham b y = 5 khéng cé tiém can ngang.

x—

\/2_x+1

D4 thi ham s6 y =—~==—— nhan céc dudng thing x=2 vi y=1 14 c4c dudng tiém can,
J2x-2

Chon D,
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Vi du 41: D6 thi ham sb nao trong cdc ham s sau c6 duy nhét mot dudng tiém cin:

2
-1 x° -1
A y=2"2, , B. y= ,
_ x|+1

C. y=Yr=2 D b

-4 'y=\/TT—+—_1'

Lai giai:

D6 thi ham sé y = x—; c6 2 duc‘mg ti€m can.

x—

. X -1 x4l o
Béth_ihz‘lmsﬁy=x - =£—khongcot1emcan
3x-3 3

5 =2 c6 3 dirdmg tiém cdn x=42;y=0.

D6 thi ham s y =
x°—4

s o |1+l bt le
Do thi ham s y = co mdt dudmg tiém cdn 13 y = 1v1l1m
Ny =N 2 "
2
X
Chon D.
Vidu 42: Goi a;b;c lin luot 13 s tiém c4n ngang cta dd thi cia cic ham sé y= xz—ll;
. : x+
’ 2
=Nz 142 Y= ! .Khﬁngdinhnéosaudﬁylédﬁng.
2x+\/x2+1 : 3x+2\/x2+1.
A.a=b>e. B. a=c<b. _
C.a>b>c. D.a=b=c.
Lai gidi: ' :
Db thi him 56 y = :"‘2"1; ©6°1 dudmg tiéin é4n ngang 13 y=0.
x4+ -
o 2 .
D3 thi ham s§ y =X 12 06 guimg tiem odn ngang 14 y= = L ki
2x+vx* +1 2+1 3
X—>+c0 VA y_—2:11-=—1 khi x 5 -0,
A oies % 1 . NP .
Déthihamsd y=———— ¢ 1 dudng tiém cdn ngang 13 y =0
3x+2vx% +1 :
Dodd a=c<b.
Chon B.
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Vi du 43: D thi ham sb-no trong céc ham s6 sau c6 nhidu hon 1 dudng tigm cinngang.

1 cx+1
A ym——— B. y-
3x+24% +1 2x~1
x 2x+1
C.y=—F . D, y=2X*1
Cx+yEHl - o+t
Loi gidi:

Himsd y=— oo ! ¢6 lm y =0 néii'dd thi ham sb c6 duy nhit mét duomg tiém
3x+24x% +1

X—rioo

cin ngang la y=0.

D3 thi ham 6 y ="

c6 1 dudng tiém cén ngang 13 y =%

2x—1
Tacd: im ——— -—1—-—1
X0 ’ )
X+Nx'+1 1+‘f1+i2
x
Laicd Im ———== 1 =_1-=—co,

"‘"°°x+\/x +1 LA 0

. . x .
D6 thi ham s0 y = ——==— ¢4 duy nhdt 1 dudng tiém cdn ngangla y=—
x+x*+1

D4 thi ham sé y=gil- ¢6 2 dudng tiém cinngang 14 y=2 khi x—>+e0 va y=-2

|xl+1
khi x - —00.
Chon D.
Vi du 44: Db thi him sb ndo trong c4c ham s sau cé3d1r(‘rngtiém can.
A.y—_-........%ii-.l_.-. . B_y:x—-l-l-
Vxi +3x 2|x[+1
x-2 x
C.y="—=. D, y= .
Y2 7 vx?+1
Lgi giii:
2x+1

Db thi ham sb y=J—T__——2(D=(—3;+w)\{O}) c6 2 dudmg tiém c4n dimg 13
x +3x

x=0;x=3 va c6 1 dudng tiém cin ngang duy nhit13 y =0 khi x —+0.
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x+1

2[x|+1

Db thi ham s8 y = \/3:—_ c6 2 dudng tiém can ngang va khong cé tiém cn dimeg.
+1

Pd thi ham s y = c6 ding 2 duong tiém c4n ngang va khong co tiém cén dimg.

Chon A.
Vi du 45 : [ D2 thi thir nghiém cia BGD&PT nim 2017]. Tim tit c4 céc tiém cin

2
L . —~1— 3
dfmg ciia db thi ham s y = 25 VX FX+3

x—5x+6 _
A x=-3x=-2 . .~ B.x=-3.
C.x=3x=2. D. x=3.
Lo gidi:
(2x0-1) ~(x* +x+3) 3x% -5x-2
Tacod: y= 3 =
X =3x+6 (x—2)(x—3)(2x—1+\/x2 +x+3)

B (3x+1)
(x—?:)(2x—1+\/x2 +x+3)
Do véy chi c6 diromg thing x =3 13 tiém c4n dimg ctia dd thi ham sb d3 cho.
Chon D.
PHAN 2: BAI TOAN TIEM CAN CHUA THAM SO

Vi du 1: Gi4 trj cia tham s6 m d8 ¢ thi ham s§ y = 7%} ¢6 2 duong tiém cfn Ia:

A melR. B.m=—l.
_ 2
C.m;e—l. D.m=2.
2
Loi gidi:
Ta co: y=mx+1 cod y'=—2—'11i1—2.£)6th1:hémsé ¢6 2 dwomg tiém cén <> him s da
—x+2 (~x+2)

cho khong suy bién < m = -—%.

Chon C.
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Vi du 2: Gié trj ciia m 4 dd thi ham 6 y = 1

5 khong ¢6 tiém cin 1a:.

A m=-2, B.m:—l.
m=-2

C.m=-2. D. { ) ———
m=0

Loi gidgi:

Vai m=0:>y=x—+51 suy ra dd thi ham sé k]:u“)ng i}é tlém cén; -

Véi m+0 d6 thi ham sb khong c6 tiém cdn <> ham sb d4 cho bj suy bién
S2-m=0m=-2

Chon D.

Vi dy 3: Gié trj ciia m dé @b thi ham s y = ™%

: ”ll nhén dudng thing =2 12 tiém cin

ngang la: , o . o

A m=1. B. m=-2.
C.m#2. D.m=2.

Loi gigi:

PK € ham s6 khong suy bién Id —m+1%0<>m=1.

Khi d6 tiém cén ngang cita dd thi him s5 1 y = m. Gid thuyét suy ra m=2..

Chgn D. e o -

7 -

. ‘ - 3 r +1 - kA 7.:‘
Vi dy 4: Gia trj clia m dé db thi ham sé y='"i‘ nhan duéng thing 7 =1 1a tiém
. P
cin ngang 1a:
A . m=1. B. m=-1.
C. m=+41. D.m=+12,
Léi gidi:

Didu kién dé ham sé khong suy bién 1a m® ~120

o ) m=1 (loai)
Khidé tiém cénngangla y=m" =1< : .
m=—

Chon B,
Vi dy 5: Gid tri ciia m d€ 43 thi him 56 y = "> nhin dudng thing x =4 1 dudng
tiém cdn dimg la:

A m=2. B. m=-2.

C. m=+1. D.m=%2,
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Loi gidi:

Didu kién dé ham sb khong bi suy bién 13 —m’ +8=0.

. , m=2 (loai)
Khi d6 titm cin dfmg 1a x=m =4 .
m=-2
Chon B.
Vi dy 6: Cho ham s y = ""”22. Gid tri ciia thng m-+n d& db thi ham sé da cho nhan
nx—-

cac dudng thing x=1 va y=2 13 céc dudng tiém cin 1a:

A. 6. B. 8.

C. 2. D. 10.
Lei gidgi:
Ham s6 khong suy bién khi 2m—2n=0< m+n=0.
Khi d6 tiém cén dimg 12 x,=2=1:>n=2.Tiémcannganglé y=2=£n2—=2<:>m=4

n n

Doviy m=4;n=2.

Chon A,
Vi du 7: Cho ham sb y=2—xi—2. Gid trj cta m dé @ thi ham s c6 2 dudng tiém
x“—mx—
cin dimg la:
A m#—1. B. m=-—1.
C.meR. D.m=#1.
Loi gidi:
Dé d thi ham sb y=7i_2- c6 2 dudng tiém cin dimg thi g(x)=x* —mx—2=0
X —mx— -
Ag(x)=m2+8>0
¢6 2 nghiém phén biét khac 1< om#E-L,
g(1)=1—m—2¢0
Chon A.
Vi dy 8: Cho ham s6 y = "j"; . Gié trj cia'm @& @b thi ham s6 c6 2 dudng tigm cén
: X" —3X .
dimg la:
A.meR. B. m=3.
C. m¢%. D. m=3.
Lot gidi:
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mx—1
2

Dé db thi ham s6 y=

cd 2 tiém cén thi PT:mx—1=0 khong phin x=3 va
x ~3x S S S .

m0-1=0. 1

=0 [2 dudng tiém cin <> omea.
¥ =1 14 cliong bistn can {m.3—1¢0 3

Chon C.

x+1
x? —(2m+1)x+m

Vidy9: Choham sb y = . Tim m d€ d thj him s c6 tiém cén dfmg

di qua diém A(1;3)

A. m=0. . B. m#0.
L m=0
C.m=1. D.I: .
m=1
Lﬁgia’i: - e e - [ PR e . — e m mim = ia =

Vi tiém can dimg di qua diénr-4(1;3)- suy ra TCD 1 x = I~ Khi d6-phwong trinh:- - -
x* —(2m+1)x+m c6 nghiém x=1=>1—(2m+1).1+m=0<>m=0.

Chon A.

Vi dy : Cho ham sb: y=—2*1 Tim tht ca cdc gié tr ciia tham sém dé db thi
x°—2mx+4

ham 36 ¢6 ba dudng tiém céin.

m< -2

A m<—2 B 5

lm>2 T me-Z
[m>2

c. {Lm<-2 D. m>2.
mz—_
2
Loi gidi:

Vi 1imy=]jm2—x—+1—_=0 nén dd thi ham s& luon ¢6 mdt tiém cin ngang 1a y =0
o0’ xow x? — Dpry + 4

D¢ d6 thi him sb c6 3 dudmg tiém cén thi n6 phai ¢6 2 dudmg tiém cin dimg

<> PT:g(x)=x*~2mx+4 cb 2 nghiém phan biét khic
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Chon C.

2
, -1 : vy z 2 4d 1
Vi dy 11: Cho ham 86 ¥ = ——————— . Tim tht ¢4 c4c gi4 trj clia tham sb 7 G& db thi
x4+2mx+l
ham sé c6 déng 1 dudng tiém can
A —l<m<l. B. —-1<sm<1.
m>1
C.{ . D.meR.
m<-1
Léi gidi:
xt-1 . . .
Ta cé: llmy—hm—-—-———"'() nén db thi ham s6 ludn c6 tiém can ngang la y=0.

= 5% + 2mx+1
DPé 35 thi bam s c6 ding 1 dwong tiém cén khi va chi khi n6 khong ¢6 tiém cin ding
< PT:g(x)=x"+2mx+1=0 v0 nghiém SA'=m-1<0-l<m<-1.
Chgn A.
Chii 3: Khi m=1=> y=§_~:—i (d thj bam s6 vin c6 tiém cén dimg) hoic khi

- x+1 2 3A . + - yorA ~ 3
m=-1= y="—- thi d0 thi ham s6 vén c¢ tiém cén dang.
x._.

Vi du 12: [PE MINH HOA 2017]: Tim tit ci céc gi4 trj thyc clia tham s6 m sao cho

A st n 1a X x+1 oA A
o thi cia ham so : y=—J_.2= coO 2 tiém cin ngang.
mx" +1

A. Khong c¢6 gia tri thyc nao cia m. B. m<0.
C. m=0. D. m>0.
Loi gidgi:
1+l | .
Khi #2>0 taco: lim = y=—= 12 mot tiém cdn ngang.
""*‘”\fmx +1 "‘”‘”’ 1 \/7; Nm :
m+—
x
+) lim == x+1 lim —lﬂl _l—i _- =>y-——i 14 mdt tiém c4n ngang
X-D—c0 ’ x—)—w\/m +1 J 1 \/; ‘J; ¥ ~ d
m+—2"
X
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Khi d6 @5 thi ham sb c6 2 tiém can

V&i m=0 suy y=_x-1|-_1 dd thi ham s6 khong c6 tiém cn.

Vé6i m<0 db thi ham sb cfing khong 6 tiém cin vi khong ton tai lim y.

X0

Chon D. . : . o . e
. L s s ep s . £ S e 1a £ mx® +1
Vidy 13: Tim tit ca cac gid trj thure clia tham s m sao cho d6 thi clia ham s6 : y=—£—
x_.
cd 2 tiém cin ngang. ' i
A. Khong cé gié tri thyc nao clia m. B. m<0.
C.m=0. . D. m>0.
Ldi giii:
1
mx® +1 m+ =
Khi m >0 ta co: lim-———=lim—x—=s/r;:>y=s/; 1a mdt tiém cén ngang.
T e xe2 e 2 . e netle
x
ot +1 1
e i .
+) lim = lim —*F —= X =—\/r;:>y=—\/r; 13 mét tiém c4n ngang.
o x—-72 P ] 1_2 1_2 .
x x

Khi d6 db thi ham s6 c6 2 tiém cén:

Véi m=0 suy y=-1—2 d6 thi ham s6 6 duy nhét dudng tiém c4n ngang a y =0.
x_

Vé&i m< 0 @6 thi ham sb ciing khéng c6 tiém cén vi khong tdn tai lim y .

Chon D.

mx++x2+1

Vi dy 14: Tim tht ca cc gi4 tri thyc ciia tham s m s20 cho d8 thi clia him sb y = 1
x—

c6 2 dudng tiém cén ngang 12 y=a va y=>b sao cho a’ +5* =10,

A . m=12, B. m=143.
C.m=i\/§_ D. m=+2 .
Loi giai:
J—— ‘m+ 1-1-1
2 oz
Ta co: limzlx——ti—ﬂ= lim———lx—-=m+1:>y=m+1 132 mét tiém cén ngang.
Z-rio0 X - Xm0
1——
x
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x*+1 14
+4x* 41 m* K )
+) lim ZEINX +D = lim X __ = lim

= =m- =m—1 la mot
x——xn x—1 X0 1 1 m 1:>y m-1 la ;
-1 -1

X X

tiém cin ngang. Khi 46 a* + 5% = (m+1)" +(m—1)" = 2m’ +2=10 &> m= 42,
Chon A.

2x+bx +1

Vidu 15 : Cho hams6 y = 1
x—

. Nhén xét ndo sau diy Ia SAL
A. Db thi ham s6 da cho Iudn ¢6 2 duwodng tiém can ngang.

B. D4 thi him s6 da cho ludn c6 dudng tiém cin dimg 13 x=1.

C. PO thi ham s6 d4 cho ludn di qua diém c6 toa do (0;—1).

D. D thi ham s6 d3 cho Iudn ¢é it nhét 2 dudng tiém cin.

Loi gidi:
2 —
Ta ¢6: ﬁmy:lel; limy:2—1b|.
T 1 o 1

Khi b=0 d6 thj ham sb d cho chi c6 mot tiém cén ngang duy nhét1a y=2.
Chon A.

2

Vi du 16: Cho ham sb y = m’;: . Gié trj ciia m va n @& @3 thi bam sb nhan céc duong
thing y =1 vi x =2 13 c4c duong tiém cén I:
A [m=1;n=—2 . B [m=2;n=—1
m=-Ln=2 m=-2n=1
C.m=Ln=+2, D.m=-Ln=242.
Loi gigi:

Dé x=2 I tiém can dimg thi x=—"=2 (m=0).
: m

TR
x*+1 xz
Mit khac véi m#0 ta ¢6: lm y= lim = lim +——=

=— do do y_— la
X=>+m = gy -+ 1 E—pa0 +Z m m
m

H:"a

dudng tiém cén ngang.
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[
lim y i AL VT 1

dod6 y= -t 13 dudng ﬁém cﬁn ngang.
m :

= v 40 x-—)—co m+£ m
X
2
losm=lon=-—2=y=3* *1
Do d6taco: | ™ x-2
. 2
——1—=I<=>m=—1<:>n=2:>y= x +1
Chgn A. o
Vi du 17. Cho him s6 y = ’2‘:1 . V6i.gié tri ndo cla m thi d thj ham sb 4 cho c6 3
- V6i.gi tri ndo clia m thi.
dudng tiém cén
A. m<0. B. m=0.
m<0
C.m>0. D.{ .
m#-1
Lai gidis
Ta co: Jim 2 =0 nén &b thj ham sb lubn c6 mét tigm cfn ngang 1a y=0.
xoso x7 4y

Dé @6 thi ham s6 c6 3 tiém can thi n6 phai cé 2 tiém cén ding .

. . . m<0
Khi d6 PT x* +m =0 cé 2 nghiém phén biét khic —1@{ BT
m ——
Chon D. '
. X -x+1 . .
Vi du 18: Cho haim s6 y =——————. Véi gid tri ndo ciia m thi d6 thi ham s6 da cho
x +2mx+4
¢6 ding 2 dudng tiém cén.
A m=41. B. 2<m<?2.
m<-2
C.m=%2; D. .
. m>2
Ldoi gidi:
. x—x+1 : ,
Taco: lim ————————=1 nén d6 thj ham s6 ludn 6 mdt dudmg tiém cin ngang1a y =1
xt0 x° + 2mx + 4

Pé 5 thi ham s c6 diing 2 dudmg tiém can thi né c6 ding mot tiém cin dimg. Vi tir sb
x> —x+1>0 (¥xeR) nén dé dd thi ham s8 ¢6 1 tiém cén dirng thi
PT: x> +2mx+4=0 cénghidmkép < A'=m’ -4=0m=12,

Chgn C.
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xt—x+1

Vi du 19: Cho ham s6 y = . V61 gid trj ndo caa m thi d3 thi him sb d4 cho

x4+ 2mx+4
¢6 3 duong tiém cén.
A. m==1. B. 2<m<2.
m<—2
C.m==%2. D. .
m>2
Ldi gidgi:
,-xz—x'*'l A AR e AT A r oAl a s s N
Tacéd: lim ————————=1 nén d6 thi bam s0 ludn c6 mdt dudng tiém cdn ngang 1a y =1.
x>io x4 2mx 4+ 4

Dé db thi ham sb c6 ding 2 dwdng tiém can thi né c6 ding mdt tiém cin dimg, Vi th sb
x* —x+1>0 (VxeR)nén dé 5 thi ham s6 ¢4 1 tiém cén dimg thi

m>2
PT: x* +2mx+4=0 co6 2 nghiém phén biét <:>A'=m2—4>0©[ <
m —
Chgn D.
Vi dy 20: Cho ham 6 y=;nx+2.Véri gi4 trj ndo cla m thi 43 thi ham sb 44 cho khong
x+m
¢0 tiém cén.
A. m=+]. B. 2<m<2.
m< -2
C.m=12. D. .
m>2
Loi gidi:

D0 thi ham sb da cho khong ¢6 tidm cdn <> né bisuy bién om’ —-4=0m=22.

Chon C.
(m2 —l)x2 +(m—1)x+1

Vi du 21: Cho ham s§ y= . Véi gid tri ndo cta m thi db thi

2x+1
ham s6 d& cho c6 tiém c4n ngang.
A, m=+1. ‘ B. -1<m<1.
C.m=-1. D.m=1.

Léi gidi:
(mz—l)x2+(m-l)x+1
2x+1

Bédétmhamsécéﬁemcanngah,_-tm% =y, om-1=0&m=11
X

Chon A.
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2—x

Vi du 22: Cho ham sé y = —. Tim tAt ¢4 cdc gid tri clia tham s m dé ham sb da
X—m B ’

cho ¢6 tiém cin dimg.

A.m<2. B. m=2.
C.m>2. D.m<2.
Loi gidi:

TXD: D= (-—oo; 2] \ {m}

Pé @6 thi ham sb c6 tiém cin dfrng th1 lun+ éoohoéc lim 00,
=m X —m xam X—m
gy PR \1'2"'-7‘;""1.:..-- L% noiia A
Khid6 m<2.Chuykhi m=2=y= = d6 thi ham s0 vén ¢6 tiém cén
x-2  2-x
-1
dingla x=2 béivi lim =—00,
g x—)l‘,fz_x
Chen D.
. . . 28 -3x+m
Vidy 23: Tim tht c céc gid tri ofta m dé dd thi ham s§ y === 2" Ly an0 6 tiem
x—m '
can dimg.
A m=1 B m=1
) m=l. ' m:O.
2
m=0
C.0<m<]1. D. .
m#1
Léi gidis

; . . 2x* -3x+
D thi ham sb khong c6 tiém can dimg thi h_?lum £
I T
3 a . 2 2 m=0
Khi 36 x=m la nghiém ciua PT 2x" -3x+m < 2m* -3m+m=0< .
m=
Chon B.

Vidy 24: D thi him sb y= 2—”‘&’;’-*—1 o6 tiém cin démg va tiém cdn ngang Khi va

x+
chi khi.
A.m>1. B. m<l1.
C.m=#=1. D. m=1.
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Loi gidi:
Pb thi ham s6 d cho cé tiém cin ding va tiém cdn ngang khi va chi khi ham sb khong
bi suy bién < 2m—(m+1)20=m=1.

Chon C.
Vidy 25: V6i gié tri ndo cita m thi 48 thi ham s8 y=——="1  c6 mot dudng tiém
x°-2mx+1
cén dirng.
A . m>1. B. m<1
C. m=1. D. Khéng ton tai m.
Léi gidi:

Pé d6 thi ham sb d3 cho ¢6 1 dudng tiém can ding thi PT x* —2mx+m+1 ¢6 nghiém
(nghiém phén biét hoiic nghiém kép) trong d6 ¢ nghiém bing 1

A=m"-120
o S m=1.

(1Y -2m+1=0
. -1
Véi m=1:>y=(x 1)2 =L1 6 thi ham sb c6 duomg tiém cin dimg I x=1.
x— X

Chon C,

Vi du 26: Cho ham sb y=Jm:_H.Giétxicﬁamvéndédéthih&msédﬁchonhﬁ.n
X +n

céc dudng thing x=1 v y =2 14 céc dudng tiém cén 13:

A.n=tm=2. B.n=~lm=%2
C.n=Im=%2. D. n=-1m=-2.
Loi gidi:

Bé x=1 12 tiém cén ctia 43 thi ham sb thi (1)’ +r=0& n=-1,

1 1
m+— m+-—
Laico lim ———— me+l _ lim —* =m, v lim ———— mx+1 = lim —%*—=-m.
X0 x +A z—H-ou n X——0 x +n X—>—0 n
e e
o s , _ m=2
Do viy dé duong thing y=2 létlemca"nngaugthi{ L, em=%2

Chon B.
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mix+2

Vi du 27: Cho ham s y= . Thm tit ca céc gid tri cita m d& dé thi him s co

, L dx+mo
t1ém cn ngang 13 y=1:
A . m=+2, B. m=-2.
C.m=2. D. m=+1.
Loi gidi:
. . -'-"—2——1
Dé y=1 14 tiém.cin ngang ciia dd thj ham sé thi { 4 Sm=-2.
' m —8#0
Chon B. | - |
Chii y: Khi m® —8=0<>m=2 (ad = bc) thi ham sb da cho suy bién thanh ham hing,
; X £ m’x-2 sp s s PR £ s i A e
Vidu 28: Choham sé6 y= . Gia tri ctia m de d6 thi ham s6 ¢6 tiém clin di qua
i m_ 22 T mem - EREE
diém 12 4(1;2).
Aom=2. o e U B. m=1
m=1
C.[ . D.m=%2.
m=2
Loi gidi:

m=#z0

Biéukjéndéhémsékhéngsuybiénlﬁ—m2+2m¢0c>[ s
m

A P S ST s | s m’
Khi d6 d6 thi ham s& c6 tiém cdn dimg 13 x=— , tiém cdn ngangla y=—=m,
m m

olm =4 N
e m=2 (loai)

Chen B.

Vi du 29: Cho ham sé y=f-1x~+—x——1- va y= 2mx+1
2x+1 x=2

s trén c6 chung mot dudng tidm cén ngang la:

. Gi4 tri ciia m @8 &b thi 2 ham

A.m=il. B.mzil.
2
C. m=-+l. Dom=tl.
4
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mx+vx ~1 " l—xz _m-—1
X—3—ca 2x+1 x——0 2+l 2
X
QI 2_
Do d6 36 thi ham s6 JJ:%CI—l céZdu&ngﬁémc@nnganglﬁy:Ei;—l va
x+
_m-~1
YT
Aopogs L 2mx+1 \ i a 5
Do thi ham 86 y=—"—— > cd 1 dudng tiém cén ngang 14 y=2m.
x_
1
f%f__zzm .
Cho Sm=t—,
m-—1 3
—=2m
2
Chon A,

III. BAI TAP TU LUYEN [TT6060]

Cau 1: [535480] Tiém cin dimg cta dd thi ham sé y = 2x ‘7 1a;
x__
A x=7. - B.x=14.
C.x=3. D. x=3.
2
n n a ar e axas  z 8x=25
Ciau 2: [535481] Tiém cin ding cua 6 thi hdm s6 y = 3 la:
x_.
A, x=17. B. x=14.
C.x=>. D. x=3.
2
Céu 3: [535482] Tiém can dimg ciia db thi ham sb y=§%‘—19% 1a:
. C4x—
A x=7. ' B. x=14.
C.x=2, D. x=3.
2
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Cau 4: [535483] Tiém cin ngang cta ¢ thi ham sb y = 2x—73 la:
. x—
A y=7. . B. y=14.
C —-E D.y=2
.Y 5 .
. N o o 8x—25
Céu S: [535484] Tiém cdn ngang ctia d6 thj ham s6 y = 3 la:
x_
A. y=8. B. y=3.
C. y=2, 3 FE D. y=2.
3 _
Ciu 6: [535485] Tiém cin ngang clia d6 thi ham sb y:_gx‘;igg la:
x.—
A, y=8. - B.y=3.
C. y=3, D. y=2.
2
Ciu 7: [535486] Tiém cén xién clia &b thi ham sb y =25x~8+ 1a:
x_
A, y=25x-8. _ B, y=25.
C. y=25x-99. D. y=25x.
\ . x3
Cau 8: [535487] Tiém cén xién ciia d6 thi ham 6 y = — 1 la:
x —
A.y=x-1. B. y=x.
C. y=x+1. 7 D. y=—x.
~ C A " .~ N X . N z 2x2_3x-1 N
Céiu 9: [535489] Tiém cin xién cha d6 thi ham s6 y =—2—-— la:
x_
A, y=2x-1. B. y=x-2.
C. y=2x+1. _ D, y=—x+2.
Céu 10: [535490] Trong céc ham sb sau, ¢ thi ham sé nao ¢6 duong tiém cin ngang:
A. y=x"+25x* +8. B. y=x*-8x*+99.
—-3x-1 2x* -1
C.y= . D.y= .
Y x -2 Y x—2

Céu 11: [535491] Trong cic ham sb sau, @b thi ham sb nio cé dudng tiém cén xién:
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A. y=x>+25x +8. _ B. y=x*-8x"+99.
“3x—1 25x* -1
C.y=—7"—. D.y= .
T YT

Céu 12: [535493] Trong cic ham sb sau, @5 thi ham s6 nao c6 dudng tiém cén xién:

A y=x"+25x"+8. B. y=x"-8x"+99.
—3x-1 25x" —1
C.y= . . Db.y= ;
e ¥ x—2
, _ . . X3 -1
Cau 13: [535494] S6 dudng tiém cédn cta do thi cla ham s6 y = 2—1 1a:
x a——
Al B. 2.
C.3. D. 4,

Ciu 14: [535495] Pudng thing x = ‘?1 13 tiém cén dimg ciia d6 thi ciia ham sé nao ?

A y= = . : B. y=x>+25x*+8.
x" -8 :
2x* -1 | -
C.y=2—. p. y=3%=2
x-2 3x+1

Céu 15: [535497] Duong thing y = -8 13 tiém cén ngang ctia d0 thi ciia ham 56 ndo ?

2x+7 16x-25
A y= : B.y= .
Y= o YT 3 0k
2x" —1 8x—25
C.y= . D. y= :
Y 1632 >
Ciiu 16: [535498] Phuong trinh céc dudng tiém cin cia db thi ham s6 y = 2 +13 1a:
x_.
AL y=Lx=2. B. y=2,x=1.
1 1
C.y=—,x=1. D.y=1x=—.
e 2 * ’ * 2
Ciéu 17: [535499] Cho ham s6 y = x*j ¢ @ thi (C) cb hai diém phan biét M,N
x_
tong khoang cach tir M va N dén hai tiém c4n 12 nho nhét. Khi d6 MN? bing
A. 68. B. 48.
C.16 . D.32.
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x2—6x+3

Ciu 18: [535500] D thi ham sb y = . S tiém can ciia @6 thi ham sb trén 1a:

x*=3x+2
Al B.2.
C.3. D.0.
A ?_4x+3
Céu 197 [535501] Cho 1am's6 v e-—-"’“"zftﬁ"ﬁ '"ya-—x— 2__44;__ — Téng s6 dirdiig
X - X —

tiém cén ciia hai @ thi 1a

A3, B. 4.

C.5. - D.6.

mx—4

Céu 20: [535502] Tim tAt c& cdc gid tri thyuc cia tham s6 m ¢ 46 thi ham s8 y = "
c6 tiém can di qua diém A4(1;4) '
A . m=1. B.m=2.
C. m=3. D. m=4.
Cu 21: [535503}Gid sit- M (x,; ;)12 giao diém cita duomg phin gidc gbc phén t thir nhét

NP |

(miam?atphﬁngtoadé)véiﬁé_mcénngangm':adéthihﬁmsé y= .Tinh x, + y,.
% )
A2 B.3.
C. 4. D. 8.
A z 3% —4xX+5 L3 s ra A ax . . \
Cén 22: [535506] Cho ham s6 y = —W . Po thi ham s6 di cho ¢b cic dudng
x(x—
tiém cén nao?
A. Co tiém cén ding va tiém cin ngang. B. Chi ¢6 tiém cén dung.
C. Chi c6 tiém cén ngang. D. Khdng co tiém cin.
2
3 . —2x+2 .
Céu 23: [535507] PO thi ham 86 y=—; i 5 €0 may dudng ti€ém cin:
x=2mx+m" -1
AL B.3.
C.2. D. 4.

¥x+3

Cau 24: {535508] Goi g, b, ¢ lin lugt 12 56 tiém cén clia céc ¢ thi ham sb sau: y = :

x+4
17 x—2 .
= Dy =- . Nhin dinh nédo sau diy 13 ding ?
Y 4x* +x-2 ‘ 2x+1 ’ y g
A. b>c>a. B.b>a>c.
C.a>c>b. D.c>a>h.

Céu 25: [535509] Cho ham s6 y="""1 Néu dd thi ham sb c6 tiém cin démg x=3

x+n
va ¢6 tiém cén ngang va di qua diém A4(2;5) thi phirong trinh ham s8 1a:
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x-3 x-3
—Sx+1 3x+1

D.

x-3 x-3

Ciu 26: [535511] Dudng thing x = a duoc goi tiém cin dimg clia d6 thi ham s6 » = £ (x) néu:

A. liﬂf(x)=a. B. P-E;lf(x)=0'
C. liﬂf(x)=a D. %f(x):oo.

Ciu 27: [535512] Khéng dinh nao sau ddy 12 ding?

A. D) thi ham phén thirc chi ¢6 tiém c4n ngang khi bac clia tir s 16n hon bac cia méu sb.
B.~D(‘3 thl ham phén thirc chi ¢6 tiém cén ngang khi béc ctia tir s8 khong 16m hon bic cia
méiu so.

C. Db thi ham phan thirc [udn 6 tiém cin ngang,

D. P4 thi him phan thirc ludn ¢6 tiém can dimg.

x

Jxr-9

A. Db thj bam 55 ¢6 2 dudng tiém cin dimg 12 x =23 va 2 dudng tiém cdn ngang 14 y =+1

Céu 28: [535513] Cho ham sb y = . Khéng dinh nio sau day 13 ding?

. B. D4 thi ham s6 ¢6 2 dudng tiém cén dimg 13 x=+3 v& | dudng tiém cin ngang 13 y =1.
C. D0 thj ham s8 ¢6 1 dudng tiém cin dimg 13 x=3 va | dudng tiém cinngang 1 y =1.
D. D thi ham s6 ¢6 1 dudng tiém cin dimg 12 x=3 va khong c6 tiém cin ngang.

Céu 29: [535515] D5 thi ham s§ y=x*—2x*+5 c6 bao nhiu dudng tiém cin ?

A. 0. B.1.
C.2. D. 3.

Cau 30: [535517] D4 thi ham s6 ndo sau d4y nhan duong thing y=2 13 1 dudng tidm cin ?

3x —2x+1
A- = B, = .
d x=2 7 2-Xx
C. y=2x_1. D.y=x-2.
2—-x .
Cu 31: [535518] D thi ham s8 ndo sau ddy c6 2 dudng tiém cin ngang?
x-1 x+1
A y= . B.y=—"——
Y 2x43 YT
2
C y=X ;2. D. y=x-3x"-1 (27) .
x_
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Ay B. y=—2"2

x+2 X —x+1"
+2 x-1
C.y— 2. D y= XL
x—x-1 : (x+2)2_-

Chu 33: [535520] Goi 4 12 1 didm thue db thi ham s6 y = i‘_t.s"'. (C) . Goi S thng
e
khoang cach tir 4 dén 2 dudng tiém cén cia (C). Gid tri nho nhit ctia S la:

A. 6. P ‘B. 24/6.
C.6. | D.12.

Cau 34: [535521] Cho ham s y == +§ , i (C). Goi P,Q 142 diém phan biét

nim trén (C) sao cho tdng khoang cich tir P hodc Q toi 2 dudmg tiém cén la nhd
nhét. Do dai doan thing PQ 1a: '

A 443, o BsE
C. 4. R D.2V2. )
Céu 35: [535522] Cho ham sé y_-—-—’f-:?--—— Véi gia tri ndo clia m thi 36 ham s c6 1
x? —4x+m
duomg tiém cin dimg?
A m=4. B. m=>4.
C.m<4. - D.med .

Cau 36: [535522] Cho ham sb y = x_+g (C) . Tidm cén dimg cita 43 thi ham s6 (C) 1
X+

A x=-6. B.y=1.
C. x=-9. D.y=-6.

Cau 37: [535524] Cho ham s6 y = -"-:-——i (C). Toa do giao diém ciia tiém can ding va
.

tiém can ngang cda (C) 13

A. (3;5). B. (53).
C.(31). D. (51).
,. . £ x*+x+1 T U .
Ciu 38: [535526] Cho ham s6 y = (C) . Tiém cén xién ciia 43 thi ham s (C)
x_
A. y=x+3. B. y=x-3.
C.y=x+2. D.y=x-2.
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Céu 39: [535527] Cho ham sb y =

(C) . Tiém can dimg ctia d6 thi ham sb (C) 12
x -1
A x=1. : B. x=-1.
. C.x=1vax=-1. D. D6 thi khong o6 tiém cindimg,
ﬁ Cu 40: [535528] Cho him s6 y = 2_ng_§ (C). 86 tiém can dimg cita db thi ham
xX° +4x—-
6 (C)la -
A. 0. B. 1.
C.2. D. 3.
CAu 41; [535529] Cho ham sé y = x”; (C) . Tiém cén ngang ctia & thi ham sé (C) Iz
X+
A y=1. B. y=-1.
C.y=1vay=-1. D.x=1vax=-1.
Cau 42: [535531] Chohim sb y = 6x+9 (C) . Tiém can ngang ciia d6 thi ham sb (C) 1a
- V3x* +5 _
A y=23. B. y=-24/3 .
C.y=23 va y=-23. D. x=23 vi x=-23 .
Céu 43: [535532] Cho him s6 y= -z—z—ii?_z— (C) . Tim m @& db thi ham sé (C)
X +x+im
khdng cd tiém cén dimng '
A m<= B. m>l.
4
C.m>L D. m<—.
16 16
Céu 44: [535533] Cho ham sé y = — x+] (C) . Tim m @& 5 thi ham 6 (C) ¢6
X +x+m
mét tiém can ding
A.m=0. B. n'.e=-l .
4
C.m=0v§1m=l. D.med.

, 2x" +mx -2
Chu 45: [535535] Cho ham sb y = = "%~ ~%

; (C) . Tim m d& 3 thi ham s6 (C) c6
x+

tiém cén xién tao véi hai truc toa &6 mot tam gidc b dién tich bing 4
A m=6vaim=-2.

B.m=2vam=-2,
C.m=6vam=—b6.

D.med.
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Cau 46. [535536] Tim giao diém hai dudng tiém c4n cia dd thi ham s6 y = =¥ ‘11 .
. =
A (132). B. (2;1).
C. (1;1). D. (1:3).

Cau 47: [535538] Cho ham s6 y =§,’Fj§. c6.dudng cong (C). Khiing dinh nio sau diy

x
la dGng ?

A. (C) khong tdn tai ti¢m cén.

B. (C) c6 tiém cin ngang 13 y =—3— .
a 200 s

C.(C)nhén y= 3 12 tiém cén xién.

D. (C) ¢6 hai dudng tiém cén dimg.

Cau 48: [535539] Tim sé duomg tiém cén cda b thi ham s6 y = 2x+1- 1.
x

A2 B. 1.
C.3. D. 0.
- \ s S P S 25" -3x-1
Ciu 49: [535541] Tim dudng tiém cén xién ciia 46 thi ham sé y = -———2——
x -—
A. y=2x. B. y=2.
C. y=2x-3. D. y=2x+1.
Céu 50: [535542] Tim giao diém coa truc tung voi tiém cén xién cia dudng cong
X’ —3x+4
2x+1
. _
A. (0;——) B. (0;4).
4
1
C. (0;-2). D. (O; —) .
2
Ciu 51: [535543] Tim dudng tidm cin xién cla d6 thi ham s6 y=3»* —x.
A y=x. B. y=2x.
C. y=2x-3. D. y=1-x.
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|_ﬁoou.1m ;‘
il Hog: ab oo clnn by (2555

Ciu'52: [535545] Tim tht ca céc gid tri cia tham sb m @& db thi him s6 y =

x—1
khéng ton tai dudng tiém cin xién.
A . m=-1. B. m=0.
C. m=#—1. D. m=3.
4 . . £ 2 . mx3 -2
Ciau 53: [535546] Tim tat ca cAc gia trj ciia tham s6 m dé dudng cong y = m
¢6 hai tiém cén ding.
A mgi2 1 B mﬁ{?r 1}
.m =r. . =0 .
4 . 2
C. m=-1. D. me{2;1}.
Y U 2 2 o4 s 4x* - m
Cau 54: [535548] Tim tit ca cic gié tri cia tham 80 m d€ dudng cong y = m
¢ hai tiém cén dung.
A. m¢{4;36}. B. me{21}.
C. me{3;4}. D. m#-1.

DAP AN TRAC NGHIEM

01.A |02.D [03.C | 04.D |05.A |06.D |07.A ;08.B (09.C ;10.C

11.D |12.D }13.C [(14.D |15.B |16.B (17.D |18.C [19.C [20.A

21.A [22.A |23.B |24.A |25.B |26.D [27.B |28.A |29.A |30.B

31.C |32.B {33.B |34.A [35.A [36.C |37.D |38.A [39.C [40.C

41.C 142,C |43.C |44.C |45.A |46.A |47.B |48.A |49.D [50.A

51.A |52.B |53.A |54.A

201

http://tieulun.hopto.org



http://tieulun.hopto.org



NHAN DIEN D0 THI HAM 56 BAC 3

L. LY THUYET TRONG TAM VA PHUONG PHAP GIAI
1. Ly thuyét v& ad thi ham s6 bac 3: y=ax® +bx* +ex+d (a=0)
Dang 1: C6 2 diém cye trj (khi va chi khi '=0 cé 2 nghiém phan biét)

by

5

by

{Héso a>0; x., <x.p)

(Hésd a<0;x., >x.0)

Chii y:_ Trong trudng hop ham s6 bac 3 ¢6 2 diém cue tri thi y., > yor -

Dang 2: Khong c6 cuc tri { khi va chi khi y'=0 ¢ nghiém kép hodc vb nghiém

A, <0)

le

i

(H& sb a>0)

(Hasb a<0)
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Moon.va:

D5 thi ham s6 ludn di qua diém c6 toa 4§ (0;¢)

Sy d6i xtrg cha hai d3 thi ham sé.

1. Db thi ham s6 y = f(x) vd y =—f(x) dbi xing nhau qua truc hoanh:

Viduy 1: +) Db thi cdc him s§ y=x* v3 y =—x* dbi x(mg nhan qua truc hoanh,

+) D6 thi ham s y =log, x va y=1log, x=—log, x (phin loga ching ta s& nghién ciru)
3

dbi ximg nhau qua tryc hoanh.

yl

2. P4 thi ham sb y = £(x) vd y = f(—x) d6i ximg nhau qua truc tung.
Vidg2: ) Pothihamsé y=x*+x vd y= (—x)2 —x dbi ximg nhau qua tryc tung.
+) D6 thi ham s§ y =3* va y =3~ d6i ximg nhau qua tryc tung.
+) Db thi ham s§ y =sinx va y=sin(—x) @i ximg nhau qua tryc tung.
yh

2. Phwong phdp gidi:
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Pé nhan dién db thi ham sd béc 3 ta lam nh sau:
+) Dya vao lim y @& x4c diph hésb a.
X—riay

Néu > 0thi nhanh cudi di 1énx; ytién v& v6 cimg.

Néu a <0 thi nhanh cudi di xuéng x —>+w v y > .

+) Dua vo giao diém véi truc tung 4(0;c) suy ra tinh chét ciia hé s6 c.

+) Dyra vao s diém cyc tri ciia b thi ham s6 suy ra s6 nghiém ciia phuong trinh y'=0.,
+) Dya véo vi tri ciia cdc diém circ tri, toa d6 céc didm cyc tri va cac didm ma d8 bai da
cho thudc dé thi ham sb. '

1. Vi DY MINH HOA
Vi du 1: | P minh hoa THPT QG nim 2017] : ”
Pudng cong trong hinh bén 13 d thi clia mdt ham sb
trong bbn ham sb dwoc liét ké & bdn phwong 4n A, B,
C, D duéi day. Héi ham 6 d6 14 ham s6 nio ?
Ay=-x"+x-1 By=—x"+3x+1.

~

Cy=x*—x"+1. D.y=x'-3x+1.

Léi gidi:
Do db thi ham s6 ¢ 2 cuc trj nén ta ré ring loai A va C.
Ta thiy ring hiam s8 nay c6 hé s a>0vi lim =+ nén loai dép 4n B,

X=rH0
Chon D.
Vi dy 2: Pudng cong trong hinh bén 13 d thi cta LY
mét ham s6 trong bon ham sé dugc list ké & bén
phuong 4n A, B, C, D dudi ddy. Hoi ham sb d6 1a
ham s6 nao ?
A y=—x'+3x. B.y=—x"+3x* O
C.y=—x*-3x. D.y=x—3x*. T
Lai gidi:
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Do d thi ham 6 ¢6 2 cyc tri nén ta r& rang loai A.
Db thi ham s6 da cho cé hé s6 @< 0 nén ta loai dap 4n D.

Mat khéc & ddp 4n y =—x* +3x* ta thdy y':—3x2+6x=0<:>{ 5 nén ham sb dat
Yo

cue trj tai cac didm x=0; x =2 khong thod mén vi trong hinh v& do th1 ham so dat cuc

tri tai mot didm x=0 va mot d:em x<0.
Chon C.
Vi du 3: Dudng cong trong hinh bén 13 db thi ciia ty
mdt ham sé trong bén ham sé duge lidt ké & bén SR
phuong 4n A, B, C, D dudi day. Hoi ham sé d6 12
ham sb nao ? 1
A.y=——2x3—3x2-—1.' R RS W T
: TN O %
B.y=—2x3+3x2—-1. ' ) ‘ ' \/ -
C.y=-2x-3x*+1. RN B R
D.y=2x"+3x* 1.

Léi gidgi:
Dya vao db thi ta thiy him sb d4 cho c6 dang ctia ham s bac 3 c6hé s6 a<0(loai D)
Miit khac d thi ham s6 di qua diém A(0;¢) duya vao dd thi ta thiy ring ¢ <0 (loai C)
Lai ¢6 & thi ham s8 dat cyc tri tai x=0 va mdt didm c6 hoanh d6 x <0. Do d6 chi c6
dép 4n A thoZ man yéu ciu bai to4n.

Chon A.

Vidy 4: Bu'cmg cong trong hinh ben 13 d6 thj ca y

mot ham sb trong bdn ham sé du'qc liét ke & bbn

phucmg an A,B,CD dudi day. Hoi hém so do 1a

ham s6 ndo ?

Ay=-2x"-x"+2. B.y=—x*-3x+1 :
g _ _.xé_ 3 / _ R

C.y=—+x+1, D.y=s—-x+2. o T
3 3

Loi gidi:

Du'avao dot]:uhamsotathay Ham s6 d4 cho c6 hé sb a>0 (loaidap an A vaB)
Ham s d8 cho khéng cé cyc tri ( loai dap 4n D).
Chon C,
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fﬁoon.v'a ,

Vidu 5: Dudmg cong trong hinh bén 14 d6 thi cia v
mét ham sb trong bdn ham sb dugc ligt ké & bén
phuong an A, B, C, D duéi diy. Héi him sb d6 14
ham sé ndo ?

A.y=x"-3x-1. B.y=x"-3x*+1.

C.y=x"-3x+1. D.y=-x"-3x+1 \
ZAVARE

Loi gidi:

D3 thiy d6 thi ham s8 cit truc Oy tai diém c6 tung @6 dwong nén loai A.
Ham s6 ¢6 hé s6 a>0 nén loai D.

Ham s6 ¢6 2 diém cuc tri x, <0< x, nén loai B.

‘Chgn C.

Vi du 6: Dudng cong frong hinh bén la dd thi cia by
mét ham s trong bén ham sb dwoc liét ké & bén
phuong an A, B, C, D dudi day H01 ham sb d6 1a
‘ham s6 ndo ?

A y=—x"—3x%.
B.y=x"—3x"+3x.
C.y=—x"+3x"+3x. 0 z

D.y=—x"+3x"-3x.

Loi gidi:
Dua vao 44 thi ham s6 ta thdy, ham s d3 cho khong c6 cuc tri nén loai d4p 4n A va cb
hé s5 a<0 loai d4panB. Him s6 y=—x+3x% +3x cb y'=-3x> +6x+3=0¢62
nghiém nén loai d4p an C.

Chon D,

Vi du 7: [Trich d& thi THPT QG nim 2017) v
Pudng cong & hinh bén 13 5 thi ciia ham sb ndo
trong bn ham sb dudi day?

A y=x 35" +3.

B. y=—x*+2x*+1.

C. y=x"-2x"+1.

D. y=-x"+3x*+1.
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Loi giai:

Duya vao dd thi ham sb ta loai d4p 4n B va C, mit khic limim y=-+o0(logi D).
Chon A,

Vi dy 8:[Trich aé thi THPT QG nim 2017] y
Puong cong hinh bési [47dd thi cta ham '$é nas "
trong bén ham sb dudi day?

A y=x"=3x+2.

B. y=x"-x"+1.

C. y=x*+x"+1. I 0 z
D. y=—x+3x+2.
Loi gidi:
D'I.Ia Vé.o d%) th,i hém Sé tathéy L N T s
Ham sb d cho ¢6 2 didm cyc tri, lim y =+ nénhésd a>0.
Chon A.
Vidy 9: Dau 13 d6 thi ham s§ y = x* —3x% +1 trong céc dd thi sau:

ty yt

0 z
O T
A. B.
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C. D.

*2e

Loi gidi:
‘Hamsb y=x"—3x>+1 c6 hés6 a>0 nén taloai 2 d6 thi CvaD

z x—O a
Mit khac ham s6 nay c6 y'=3-6x=0 '2'. Dura vao d6 thi 2 hinh A vi B ta
x=

thdy chi ¢4p 4n A théa min mét circtri x=0 vi mét cuc tri dwong.
Chon A.

Vi dy 10: Dau 12 db thi céia ham sé y =—x* +3x—2 trong cdc d3 thi sau:

yll yll
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" C. "D,
Loi gidi:
Ham s6 y=—x*+3x—2 c¢6 hé s a<0 nén ta loai d4p 4n A, Him 86 c6 ¢ =—2<0 nén
cét tryc tung tai diém c6 tung d6 am ( loai B).

x= . . s
Miit khac y'=—-3x2+3=0<=>[x_ lnéndﬁthi_hémsﬁcéZdiémcuc_triloaiD.
Chon C.
Vi du 11: Cho db thj ham s6 y =2x° —3x* +1 (C) nhu hinh v&.

y“

N

)
-
By

Gié tri ciia tham s6 m 48 phuong trinh x° --;-xz +2m+1=0 c6 3 nghiém phan bigt 1a:

A.lzmz-}-. B.l>m>l.
4 2 4 2
1
m=5 m>-—
C. . D.
m=— m<—
4
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] thor 8 stubeng e inh AE2ZTRST:
Loi gidgi:
Tacd PT <»2x° —3x"+4m+2=0<2x" -3x" +1=—4m—1 (1).
S6 nghiém ctia PT (1) 1a s6 giao diém clia (C) vA dudmg thing y=—4m -1 ( duing
thing nay song song véi truc Ox).
Dé PT da cho c6 3 nghiém thi 0<—4m—1<_1<=>%>m>-;-.
Chon B.
Vi du 12: Cho d6 thi bim s6 y =—x*+3x +1 (C) nhu hinh v&.
yil

GiA tri clia tham s6 m & phuong trinh 2x* —6x% +m~2=0 cd ding 2 nghiém phan biét la:

m=4 -m=10
A'|:m=1' B. [m=5 .
m>4 m=3§
n.[M. D.[m=2.
Loi giai:

Ta cb: PT <> x° .—3x2+-’;1~1=0@1"—=—x3+3x2+1

86 nghi¢m ctia PT dé cho phy thudc vio s& giao diém ctia (C): ~x* +3x% +1 va duong
thing d:y=—

Dya vio db thi ta thAy: PT di cho ¢6 2 nghiém <
Chon D.
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Gia trj ciia tham s6 m dé phuong tinh |x3 —~3x+ 2| =m ¢6 4 nghiém phan biét la:

A. O<m<4. - - B.0<m<4.
C.0<m<4. S D. Khong tdn tai m.
Loi gidi:

. . | —3x+2khix’-3x+2>0
Xeéthim 8 y=|y "3x+2|={—(x3 ~3x+2)khi ¥ ~33+2<0 (€)
Do véy (C,) gbm 2 phén

Phén 1: La phén ciia (C) nim bén trén tryc Ox.

Phén 2: Ly d4i ximg phén ciia (C) nim duéi Ox qua Ox.

Yy |

0 T
Dua vao 0 thi ta thdy PT d4 cho ¢6 4 nghiém < 0<m<4.
Chon A.
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Vi dy 14: Cho ham s6 y = x> —3x* +2 (C) c6 44 thj nhw hinh v&.

yh

[ S]

Gi trj cia tham s6 m dé phuong trinh [x* —3%" +2|=2m-+1 c6 6 nghiém phan bigt 13:

A.O<m<?2. B. -1<m<l.
C._—1<m<-l—'. D. -l1<m<3.
2 2

Loi gidi:

. . ; -3 +2 khi ¥*-3x*+220
Db thi ham 56 y =[x’ —3x* +2|= , s o,
-(¥ =32 +2) K £ -3x"+2<0
Gdm 2 phan:
Phén 1: LA phén ciia (C) ndm trén truc Ox.

Phéin 2: Liy d6i xtimg phin ciia (C) nim duwéi Ox qua tryc Ox ta durge dd thi nh hinh v&,

,yii

0 >

Dé phwrong trinh d cho c66hghiémphénbiéttbi O<2m+1<2<:>:"2—1<m<%.

Chen C,
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Vi dy 15: Cho db thi ham sé y=2x-3x*+1 nhu hinh v&:

]

Gi trj clia tham s6 m & phuong trinh 2|x’] —3x* +2m—-1=0 c6 2 nghiém phan biét 1a;

A, m=-1—. ' : B. m>l.
2 | 2
1 1
C.m<—. D.0<m<=.
2 : - : 27
Lo gidi:
Xét y=2x" 32" +1= f(x). Tacé: PT & 2|¢’|-3|x*|+1=2-2m.

. khi x>0

Xétham sd y =2|*|-3|x*|+1= £ (ja]) = f(?) * ).
f(—x) khi x<0

Do viy (C,) gdm 2 phén:
Phiin 1: LA phin cita (C) tmg v6i midn x>0
Phan 2: Ta thdy him s§ y = f (]xD 12 ham s8 chin nén nhén tryc tung 13 truc déi x{mg
Do vay phin 2 ta l4y d6i ximg phin 1 qua truc Oy
Ta dugc d6 thi nhy hinh ve.

¥

1

/NS

0 T
Tir 46 suy ra PT ¢ 2|x°|-3|x*|+1=2-2m c6 2 nghi¢m phan biét

<:>2—2m>1<:>m<%.
Chon C.
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IIL. BAI TAP TU LUYEN [TT6062]

Cau 1: {539238] Bang bién thién & bén 13 cia ham sd nio?

—c0

-t 1 +a0
y + 0 +
' +00
1
¥y ‘
-l
A y=x"-3x" +3x. B. y=—x+3x" —3x.
C. y=x+3x"-3x. D. y=—x—3x*—3x.
Ciu 2: [539239] Bing bién thién & bén 13 cila him sb nio?
X | —o 0 2 +0
¥y - 0 + 0 -
+o 3 \
5 \_1/ .
A y=x"-3x*-1. B. y=—x"+3x*-1.
C. y=x+3x"-1. D. y=—x'—3x*~1.

Ciu 3: [539242] Cho ham s§ y = f(x) xéc dinh, lién tyc trén R v ¢ bang bién thién
dudi day

x —0 0 1 +c0
y' + l - 0 +
0 400
_ \‘“1

Khing dinh nio sau diy 12 ding?
A. Ham sb ¢6 dang mot cyre tri.
B. Ham s ¢6 gié tri cyuc tiéu bing 1.
C. Ham sb c6 gié tri 16n nhit bing 0 va gia tr nho nhit bing 1.
D. Ham s6 dat cyc dai tai x =0 va dat cyc tiéu tai x=1.
" Céu 4: [539244) Cho ham s6 y =ax® + bx” +cx+1 c6 bang bién thién dudi day:
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Ménh d nao dudi diy ding?
A. b<0,c<0.
C. b>0,c<0.
CAu 5: [539245] D4 thi hinh bén 13 clia ham sb ndo?
A, y=x"+3x. ' -
B. y=x"—3x
C. y=-x"+2x.

D. y=—x’-2x.

Ciu 6: [539246] Db thi hinh bén 13 cia him sé ndo?
A y=—x"+1.

B. y=-2x"+x%

C. y=3x*+1..

D. y=—4x* +1.

Céu 7: [539247] D4 thi hinh bén 14 ciiz ham s6 nao?
A y=2x+3x% +1.

B. y=2x"-3x*+1.

C. y=-2x"—3x% +1.

D. y=-2x"+3x* +1.

216

D. b<0,c>0.

~ B.b>0,c>0.

_———

24

By

http/tieulun.hopto.org



3

| Moon.vn '
REEY-Y -

Ciau 8: [539248] D) thi hink bén 14 cita ham 56 nao?
A y=x-3x

B. y=—x"—3x

C. y=—x*+3x+1.

D. y=x"-3x+1.

Céu 9: [539249] D6 thi hinh bén 13 cia him s8 nio?

A. y=%x3 —x7 .

B. y=%x3 —x*+x-1.

C. y=—x"+3x" —3x.

D. y=x"-3x*+3x-2.

Cau 10: {539250] Bi‘i_jt.hi hinh bén 13 cia ham sb nao?
A y=x*-3x"+3x+1.

B. y=—x*+3x"+1.

C. y=x"-3x+1.

D.y=-x-3x"-1.

Ciu 11: [539252] D3 thi ham s6 y =—x* —3x* +2 c6 dang

y]
- —12
1
i 1
i
1
] I a -
-1 O -: z
]
t
[
—al _xl
yll
1
1
3L~ -
01 T
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Cau 12: [539253] D) thi ham sé y = x* —3x+2 c6 dang
v v
3L __ --13
I
1
1
|
|
1 ! 1
I
1

— e -
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C

Cau 13: [539255] Db thi ham s6 y =ax® +bx* +cx+ d
c6 d6 thi nhir hinh v& sau. Ménh dé nao sau ddy ding?
A. a<0;b>0,c>0;d >0.

B. a<0;b%0;c>0;d>0.

C.a<0;b<0;c>0,d>0.

D. a<0;b>0;c<0;d >0.

Céu 14: [539257] Cho ham s6 y = ax® +bx* +cx+d cb
d6 thi nhwr hinh vé& sau. Khing dinh n3o sau déy déng?
A, a,b,c <0;d>0. - ‘

B. a,b,d<0Gec>0.

C. ac,d<Gb<0.

D. a,d > 0;b,c <0,

5

b
.-—'-’"La

i
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Cau 15: [539258] Cho ham s y = f(x) c6 dd thi
ham s6 y = f*(x) cét truc Ox tai ba diém c6 hoanh 45
nhu hinh v& bén. Ménh @& nao duéi ddy ding?

A. f(e}> f(a)> F(b).
B. f(c)>f(b)>f(a).

C. f(a)>f(b)>f(c)._

D. 7()> f(a)> f(c).

Cau 16: [539259] Cho ham sé y = +bx* +cx+d
c6 d thi nhur hinh v& bén. Ménh @2 nio dudi day ding?
A. b<0;ed <0.

B. b>0;¢d <0

C. b<0ed > 0.

D. b>0;cd > 0.

Cau 17: [539261] Cho hdm s6 y=ax’ +bx® +cx+d
¢6 db thi nhv hinh v& bén. Ménh d8 nao dudi day ding?
A a<0,b<0,c=0,d>0.

B. a>0,b<0,c>0,d>0.

C.a<0,b>0,c>0,d>0.

D. a>0,6<0,c=0,d>0.

Ciu 18: [539263] Cho ham sé y=a’ +bx’ +cx+d cb
d5 thi nhu hinh v& bén. Ménh d& ndo dudi day ding?

A . a>0,b>0,c=0,d<0.
B. a>0,b>0,c=0,d>0.
C.a>0b6>0,c>0,d>0.
D.a>0,b<0,6=0,d <0.

220
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Cau 19: {539265] Cho ham sb y=ax’+bx* +cx+d
¢6 db thj nhwr hinh v& bén. Ménh d& nao dudi day dung?
A a<0,b>0,c>0,d>0.

. a<0,b<0,c=0,d>0.

B
C.a>0,b<0,c>0,8>0.
D. a<0,6>0,c=0,d>0.

Ciu 20: [539266] Chohdm sb y=a’ +bx’ +ax=d
¢6 db thi nhwr hinh bén. Khing dinh nio sau ddy ding?
A, a,d>0b,c<(.

. a,b,c<0;d>0.

B
C. a,c,d>0b<0.
D. 2,b,d >0,c<0,

Cau 21: [539270] Cho ham 86 y=ax® +bx? +cx+d

¢6 @5 thi nhe hinh bén. Ho6i phuong trinh 4

@ +b* +ex+d—1=0 ¢6 bao nhisu nghiém? /1\ , 1
A. Phuong trinh khong c¢6 nghiém. 0 ' X
B. Phuong trinh o6 déng mot nghiém. '

C. Phuong trinh ¢6 ding hai nghiém. _3. ....... :

D. Phuong trinh c6 ding ba nghiém,
Cau 22: [539271] Cho him s6 y =’ +5x* +cx+d cb bang bién thién nhy hinh v&
dudi day.
—x 0 2 +0
0

¥y’ + 0 - +
5 —m/_é\ﬁ /-l-m

Khing dinh nio sau day 12 sai.

A. Ham 56 c6 2 diém cyc tri tai x=0 va x=2.
B. Gi4 trj I6n nhit ctia him sb bing 4.
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C. Gié tri cyc tifu cia ham s6 14y, =0.

D. Ham s6 ¢6 a>0;¢=0. :
Ciu 23: [539272] Cho d6 thi ham sb
y=ax® + bx* +cx+d nh hinh v& bén. Khing dinh
nao sau ddyla ding: - -

A a<0b>0,c>0,d>0.

B. a<0,b<0c>0,d >0
C.a<0,b>0,¢<0,d>0

D. a<0;b<0;c<0;'d>_0

Ciu 24: [539274] Cho db thi ham s
y =ax’ +bx* +cx+d nhu hinh v& bén. Khing dinh
nao sau ddy 1a ding.

A a>0b>0c>0d>0.

B. a>0,b<0,c>0,d>0
C.a>0b>0c<0:d>0

D.a>0b<0ec<0;d>0

Ciu 25: [539276] Cho ham  sb
f(x)=a@’+bx* +cx+d ¢6 dd thi cia ham sb
() niw hinh v& bén. Khiing djnh nao sau day 13 sai.
A. Ham sb da cho dat cyc dai tai x=1.

B. Ham s6 d3 cho ¢6 2 diém cyc tri.

C. £{0)>r(1)> 1 (2)-

D. Ham s8 da cho nghich bién trén khodng (1;2).
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Ciu 26: [539277] Cho db thi ham sb AY

y=-x'+ax’ +bx+c (a,b,ceR)cd ab thi 13

dwdng cong nhir hinh v&. Tim khéng dinh sai? R
oy | 3 z

A. & +b +c +2abe=117. ;

B. b°+abc#0. §

C. ¢ +100bc >1. : 41N

D. a*+4b20.

Ciu 27:[539278] Cho dd thi hiam sb AY

y=ad +bx® +ex+d (a,b,ceR)cé @ thi la duong )

cong nhw hinh v&. Tim khing dinh dtng?

A. Ham s6 nghich bién trén khodng (0;2) va (4;+0)
B. Ham s dat cyc tidu tai x=2, x=-2.

C.Véi ce[-1;2] thi f(-1)< f(c)<f(2)-
D. miny+ max y=0.

Ciu 28: [539280] Dudng cong & hinh bén 14 45 thi ctia ham
s6 y = f(x). Khang dinh ndo sau d4y 12 khiing dinh sai ?
A.Pdthiciahimsd y = f(x) o6 truc dbi ximg 12 truc hoanh.
B. Phuong trinh f{(x)=m c6 ding kai nghi¢m phén bigt
khi m=2 hodc m=-2.

C.Hamsd y = f(x) ddng bién trén khodng (0;2).

D. D% thi cia ham s6 ¢ hai diém cuc tri.

vA

Y

=

:
Lo
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Ciu 29: {539281] Cho ham s6 bic ba c6 bang bién nhu hinh v& dudi déy. K.he‘ing dinh
ndo sau déy la ding? - ‘ ' i D

A. Ham s dat cyc tiéu tai x =—1 va dat cyc dai tai x=3.

B. Gié trj cyc dai cia him sb1a -2,

C. Gié tri cuc tiéu cia ham s 13 0.

D. Ham s6 dat cuc dai tai x=—2 va dat cye tidu tai x=0.

Cau 30: {539284] Cho ham s§ y = £ (x) =—x* +ax® + bx-+¢ xdc dinh, lién tyc trén K
v bang bién thién nhir hinh v&

z |—o0 -3 1 400

v - 0 + 0 -

N

Tinh gid trj clia biéu thitc 7 = £(2)+2.£(0). .

A. 6. B. 10.
C. 12 D. 8.

PAP AN TRAC NGHIEM

01.LA [02.A |03.D |04.C [(05.B [06.A |07.D |08.A |09.A [10.A

11.C [12.D !13.A {14.D [15.A |(16.D |[17.A |18.A |19.D [20.D

21.C |22.B |23.B {24.B (25.C |26.C |27.D |28.A [29.D (30.b
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[TV6063]

I. LY THUYET TRONG TAM VA PHUONG PHAP GIAI
Xét ham tring phwong y = ax* +bx* +¢ (a=0).

s Cuctri

Pao ham y'=4ar’ +2bx=2x(2ax’ +b) nén y'=0| ,

+Véi ab>0 thi ham s8 c6 mét cye tri x, = 0.
. lden ok s . b
+Véi ab<0 thi ham s6 ¢6 3 cuc tri x, =0, x1,2=_t,’—§—.
a

¢ Giéi han
+Véi a>0 thi lixiy=+oo.
+Véi a<0 thi lim y=-o0.

Xt

o Bang bién thién

x | =-» 0 + x | = 0
¥ - 0 + y + 0
+50 +a0 cb
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e Db thi _
+ Db thj him s8 luén nhin Oy 14 truc dbi xtmg.

20 ab<0Q

va tE W
a>0

0 @ o .

v b
a<0

[ o P ' "o ®
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H. ViDUMINH HQA
Vidu 1. Chohamsé y= f (x) x4c dinh, lién tuc trén R va ¢6 bang bién thién saw:

x | —» 0 +a0
b - t +

/
\

Hoi ham s§ y = f(x) c6thé1a?

A y=—x"—4x*+2. B. y=x"—4x*+2.
C.y=—x*+4x*+2. D. y=x*+4x*+2.
Loi gidi

Tacod lim y=+4+0=a>0= Loai AvaC

x—im
Tir bang bién thién => him sé c6 mét cyc tri.
Hamsé y=x*—4x*+2 c6 ab=—4<0=>y=x"—4x"+2 cb ba cuc trj.
Hamsd y=x*+4x>+2 cb ab=4>0= y=x"+4x* +2 c6 mot cuc tri.
Chon D

Vidy 2. Cho ham sé y = f(x) x4c dinh, lién fuc trén R va ¢6 bang bién thién sau:

Hoi ham sé y = f(x) c6thé1a ?

A y=—x"+4x* +4. ' B. y=x—4x" +4.
C. y=-x*—4x*+4. D, y=x*+4x"+4.
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Lo gidi

Tacod lim y=—o=a<i=> Loa'tiz‘iD

x—>3w0
Tir bang bién thién = ham s c6 mot cyec tri.
Ham s y=—x*+4x"+4 ¢6 ab=—4<0=> y=—x"+4. +4 cdbacuctr.
Hamsd y=—x*—4x"+4 c6 ab=4>0=> y=—x'—4x"+4 ¢6 mdt cyc tri.
Chon C

Vidu 3. Chohim s6 y=f (x) xéc dinh, lién tuc trén R va c6 bang bién thién sau:

x | —wm -1 0 1 +x
y - 0 + 0 - 0 +

NN 4/5\4/%

Ménh dé ndo dudi dy 14 dang ?

A y=x"+2x"+5. . B. y=—x*+2x"+5.
C. y=x*-2x"+5. D. y=—x*-2x*+5.
Loi gidi

Tacd lm y=4+0o=a>0= Loai BvaD,

e
Tir bang bién thién => ham sb ¢ ba cyec tri.

Himsb y=x*+2x+5¢c6 ab=2>0= y=x*+2x*+5 c6 mdt cyc ti.

Hamsb y=x*~2x*+5 ¢6 ab=-2<0=> y=x*—2x*+5 ¢ ba cuc tri.

Chon C

Vidy 4. Cho ham s8 y = f(x) x4c dinh, ién tyc trén R va c6 bing bién thién sau:

x |- -1 0 1 -+
y' - 0 + 0 - 0 ¥

N AN
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Ménh @ nio dudi day 13 ding ?

A, y=3x"-4x"+5. B. y=—x*+2x*+5.
C. y=x"=2x*+5. D. y=—x*-2x*+5.
Loi giai

Ta ¢ ,I_i,?;y=+°°:>a>0:> LoaiBvaD

Ham s8 dat cye tri tai x=0, x==1.

Tt y=3x*—4x2+5=>3y'=12X -8x= y'(1)=4=0= Logi A
Dén ddy, ta chon ngay dwoc C 1d dap dn ding.

Néu dimg dhéukién y(+1) = 4 déloai A thi tasé " thiit bai * boivéi hams6 y =3x" —4x" +5
thitacd y(£1)=4.

x
Tir y=x4—2x2+5=>y'=4x3—4x=0:>|ix 1= bép an ding C.

Chon C

Vidu$.Chohimsé y= 7 (x) xAc dinh, lién tyc trén R va c6 bang bién thién sau:

x |- -1 6 1 +@
¥y - 0+ 0 - 0 +

y -HJD\ 4/5\4/—!-00

Ménh d8 ndo dudi day 12 ding ?

A, y=x*-2x*+4. B. y=x"—-2x*+5.
C. y=—x"+2x"+5. D. y=—x'-2x*+5.
Loi gidi

Ta co liril;y=+00:>a>0:> LoaiCvaD

Hon nita y{0)=5= Loai A
Ta cilng c6 thé logi A bing cdch stk dung diéu kién y(£1)=4.

Chon B

229

http://tieulun.hopto.org



Vi du 6. Cho ham s6 y = f(x) xéc dinh, lién tuc trén R vi c6 bang bién thién sau: .

x |- -1 0 1 +P0
y' -0+ 0 - 0 4+

! +m"\.4/"5\.4'/”%

Ménh d8 nao duéi diy I déng ?

Fas y=%x4—x2+5. B. y=x*-2x*+5,
C. y=—x*+2x"+5. '  Doy=—x*-2x*+5.-
Loi gidi

Ta cb %y2+00:>a>0:> LoaiCvaD

Honnita y(1)=4= Loai A.
Chon B
Vidy 7. Cho ham s y = £(x) xéc dinh, lién tuc trén R va c6 béng bidn thién sau:

x |- -1 0 1  im
y' - 0 + 0 - 0 +

NG N

Ménh d& nao dudi day 12 ding ?

A, y=x*-2x*+5, B. y=%x4——x2+5.
C. y=x*—-4x*+5. D. y=—x*-2x"+5.
Loi gidgi

Tacé y(1)=4= Loai B, C, D.

Chon A
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Vi du 8. Cho ham sb y=f (x) xéc dinh, lién tyc trén R va c6 bang bién thién sau:

x - -1 0

y + O - 0 +

NGO

Ménh d& nao dudi dy 1a dang ?

-+Hio

Sy | O
|

A, y=x*~2x*+5, B. y=-2x*+3x"+5
C. y=——;-x4+x2+5. ‘ D. y=—x"+2x"+5.
Loi gidi
Taco ]ixin;y=—oo=>a<0:> Loai A

Laicod y(+1)=6= Loai C

Hémsédatcuctritgi x=0, x=41.

T y=—2x4+3x2+5::>y‘=—8x3+6x:>y'(1)=—2¢0=> Loai B
Dén day, ta chon ngay duoe D L ddp dn ding

1 = Dép in ding D

Tir y=—x4+2x2+5:>y'=—4x3+4x=0<:>[x
x

Chon D
Vi du 9. Pudng cong nhu hinh bén 13 d thi cia i
mdt ham sb trong bén ham sé dwoc liét ké & bén
phwong 4n A, B, C, D duéi day. Héi ham sb d6 1a
ham sé nio ?

A y=—x*+1.
B. y=—x*+2x% +1. 1
C. y=x"+1. ) oz
D. y=x*-2x*+1.
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Loi guit

D0 thi clia bbn ham sb dugc 1igt ké & bon phwong 4n A, B, C, D déu da di qua didm (0;1).
Tacd liril;y=+002>a>0:> Loai A vaB.

D4 thi him s6 cin im khéng ct truc hoanh, didu ndy c6 nghia 14 phuong trinh hodnh
d0 giao diém v6 nghiém.

DA thi ham s6' y = x* +1 khéng cét truc hoanh vi x*+1=0 vd nghiém.

D4 thj him s§ y = x* —2x® +1 cit truc hodnh vi x* -2x’ +1=0<> 2" =1<> x =41,
Chon C I

Vi du 10. Pudng cong nhw hinh bén 1a dd thi cua gk
mdt ham s trong bén ham s dwoc Lét ké & bén ]
phuong 4n A, B, C, D dudi day. Hoi ham s d6 1a - 3

ham s ndo ?
A y=—x*-24"+3. 1

B. y=—4x"+3,

C. y=x*—5x2+3. 2 {-i o 1\ 2z

D. y=—x*+3.

Lgi gidgi
Db thi ciia bdn ham sé duoc liét ké & bén phuong an A, B, C, D déﬁdﬁdiquadiém (0;3).
Ta céd xli_)til;y=—00=>a<0=> Loai C.

D4 thi ham sb cAn tim cét truc hoanh tai 2 diém phén biét.

2
=1
<> x=%x1= Loai A

2

x
Ta cd —x“—2x2+3=0<:>[
x

—4x4+3=0¢>x2=\[§¢;x=i‘4/§ ma %<1:> Loai B

Pén ddy, ta chon duoc ngay D la ddp an dung.
Tacd —x*+3=0 x* =3 © x=+43 thoa min.

Chon D

232

http://tieulun.hopto.org



Vi du 11. Budng cong nhur hinh bén 13 d@b thi cta -
mot ham s trong bbn ham sb dwgc liét ké & bon 4
phuong én A, B, C, D duéi d4y. Héi ham sé d6 12

ham s6 no ?

A y=x'-4x"+4.

B. y=x'-5x"+4.

uY

C. y=—x"+4x" +4. 2 -1 0 1 2

D. y=—x* -i- 5x* +4.

Léi gidi

Pd thi ctia bbn him s6 duoc 1iét ké & bbn phuong 4n A, B, C, D déu da di qua didm (0;3).
Ta-co ,li?;yzw:’a:’(): LoaiCvaD

Db thi ham sb cin tim cét truc hoanh tai 2 diém phén biét.

Ta ¢b x4—4x2+4=0<:>(x2—2)2_f:0;;;>x=i\/§.

- 4 2 x2 =1 x=%l .
Laicd x —-5x"+4=0¢< = = Loai B.
) x2 = 4 X = :‘:2
Chon A
Vi du 12. Pudng cong nhu hinh bén 12 db thi ciia I
mot ham sb trong bén ham sb duoc list ké & bdn 3
phwrong 4n A, B, C, D dui day. Hoi ham s6 d6 13 .
ham s nao ? i 2 E
| 1
A y=—x'+4x" i E
I N I
B. y=x*—4x% -2/ 1 0| 1 \2 2
C. y=—x"+3x%

D. y=—x*+2x%.
Loi gidi
D thi ctia bén ham sb dugc Ligt ké & bn phrong 4n A, B, C, D déu d4 di qua diém (0;0).

Taco lim y=—0=a<0= Loai B

x—»to0 )
Ham s6 dat cyc tiéu tai x=x, e(-2-1), x=x, (1;2) va y(x)e(23).
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o ‘ x=0
+ Véi y%—x‘+4x?3y'=—4x3+8x=—4x(x2—2)=0<:> x=- 25(—2;-1)

xéﬁe(l;Z)

Ma y(—/2)=-4+8=4¢(23)= Loai A

+Véi y=—x“+3x2:‘>y'=—4x3+6x=-*23t7(23‘2‘3)=0<:"> x=—\/';ie-(_2;'"1)

M y(—‘g}ge(zﬁ):} C ding.

Dén ddy ta chon dwgc ngay C 1 ddp én diing.

x=0

Vo y=-x*4+2 = y'=4 +d4x =0 = x=-1¢(-2;-1)= LoaiD.
x=1¢(12)

Chon C

Vidu 13. Cho ham s§ y =ax* +bx® +c c6 db thi v 4

nhur hinh v& bén. Ménh d€ nao dudi diy la déng ?
A. a<0, b>0, c<0.
B. a>0, <0, ¢>0.
C.a>0,b<0, c<0.
D. a<0,5>0, c>0, 1 o i

6y

Loi gidi
Tacé y(0)>0=>c>0.
Lai cé liril;yz—oo:a<0.

Bao ham y'=4ax’ +21J.7c=2x(2ax2 +b)= 0 c¢6 3 nghiém phan biét nén —52— > 0.
a

Ma a<0=5b>0.
Chgn D
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Vi dy 14. Cho ham s6 y=ax* +5x* +¢ ¢6 dd thi y 4
nhu hinh v& bén. Ménh d8 nao dudi day 12 ding ?
A a<0,b>0,¢>0.

B. a>0, <0, ¢<0. >

C.a>0,b>0 c<0.
D.a<0,b>0, c<0.

L gidi
Taco y(0)<0=c<0.

Laicod lim y=+0=>a>0.

x>t
Paoham y'=4ax’ +2bx = 2,1c(2a;:::2 + b) =0 c6 3 nghiém phén biét nén —'Zi >0.
: : 2

Ma a>0=2>b5<0.
Chon B

1. BAITAP TU LUYEN [TT6064]
Céau 1: [539158] Bang bién thién & bén
13 ciia ham s ndo ?

x |- -1 0 1 +0
A y=x*-3x*-3. ¥ - 0 + 0 -— 0

+
+30 +aG
B. y=—lx4+3x2—3. \ -3
4 y /' \
—4 -4

C. y=x*-2x*-3.

D. y=x*+2x*-3.

C#u 2: [539159] Bang bién thién & bén

e . £ —~0 1} +0
14 ciia ham s6 nio ?

o =

A y=x*-3x"+1.

- 0 +
+o +oo
B. y=-x*+3x" +1. y \ /
-1

C.y=x"+32"-1.

D. y=—x*-3x% +1.
Caiu 3: [539160} Bang bién thién & bén
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14 cia ham s6 ndo ?

A y=—x"-3x"-3. _ ¥yl

B. y=x*-x"-3. \ -3
y /
C. y=x*-2x*-3,

D. p=x*+2x-3.

Céu 4: [539161] Cho ham sb y = f(x) lién tuc trén R va c6 bang bién thién nhu sau:

X |— -1

1

0

0
yl|1 - 0 + 0 -

0

+

Khing dinh ndo sau daylasai?’

A. Ham s6 ¢6 hai didm cyc tiéu, mdt diém cyc dai.
B. Ham s6 c6 gi4 trj nho nhit bing —4.

C. Ham s6 ddng bién trén khodng (1;2).

D. Ham s6 ¢ gia tri 16n nhét bing —3.

Ciu 5: [539162] D6 thi hinh bén 13 ciia him sé nao ?
A, y=—x*+3x" +1.

B. y=x*—-2x*+1.

C. y=-x*+2x"+1.

D. y=x*+3x" +1.

Ciu 6: [539163] Pd thi hinh bén 13 ciia ham sé nao ?
A, y=x*+2x".
B. y=x*-2x%
C. y=—x"+2x.

2

D. y=-—x*-2x".
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Ciu 7: [539164] Db thi hinh bén 13 ciia ham s nao ?
A y=—x'+4ax"-1.

B. y=x"-2x*-1.

C. y=x*-2x*+L.

D. y=x*—4x*-1.

Cau 8: [539166] P4 thi hinh bén 13 cia ham s nio ?
A y=x"+2x*-1.
B. y=—x*-2x"-1.
C. y=x'+2x*+1.

D. y=-—x*+2x"-1.

Ciu 9: [539167] D6 thi hinh bén 13 ciia ham sé ndo ?
A, y=x*—3x%-3.

B. y=——lx.4+3x2—-3.
4

C. y=x*-2x*-3.

D. y=x*+2x*-3.

Cian 10: {539171] DA thj hinh bén 14 cta ham s
nao ?

AL y=xt-3x%
B. y=—lx“+3x2
2 .

C. y=—x*-2x"

D. y=—x"+4x%
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Cau 11: [539173] D6 thi hinh bén 1a cla ham s6 ndo? - . - oo« o

A. y=.x4—3x2—1. -

1
B. y=——x*+3x?-1.
d 4

C.y=x*+2x"=-1. ' o . -

D. y=x*-2x"-1.

Cau 12: [539175] D6 thi bam sb y=ax* +bx’+c cit

p 2 v
truc hoinh tai bon diém 4, B, C, D phan biét nhy hinh v&
bén. Biét ring AR = BC = CD, ménh d& ndo sau day diing ?
A. a>0, b<0, ¢>0, 1005*> =9qc. _
B.a>0, 5>0, ¢>0, 95 =100ac. A B/\C D

9
I
|

R

O
C.a>0, b<0, c>0, 95* =100ac. o \/ 1\

D. a>0, >0, ¢>0, 1005% =9ac.

Cau 13: [539176] Biét ring ham s y=f(x)=ar' +b’ +¢
c6 d6 thi 13 dudmg cong hink v& bén. Tinh gi4 tri

Fla+b+o). y

A. f(a+b+c)=-L. 1 /\ 1
1
I

L /O
B. f(a+b+€)=2. I

C. fla+b+c)=-2.

D. f(a+b+c)=1.
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Céu 14: [539179] Cho ham s y=ax* +bx* +¢ c6 dd
thj nhwr hinh v& bén. Ménh d& n3o duéi day 13 dang ?
A.a>0 b<0,c>0.

B. a<0, >0, ¢<0.
C.a>0,5>0, c>0.
D. a>0, b<0, ¢<0.

Céu 15: [539180] Cho ham s§ y =ax* +bx* +¢ ¢6 dd
thi nhur hinh v& bén. Ménh &2 nio duéi ddy 13 ding ?
A. a>0, b<0, c<0.

B. a<0,5>0, ¢>0.

C.a>0,56>0, c>0.7

D. a>0, b<0, ¢>0.

Cau 16: {539181] Cho hdm s6 y = ax* + bx® +c c6 46 thi
nhir hinh v& bén. Két ludn ndo sau ddy 1a ding ?

A. a<0,b<0, c>0.

B. a<0, b<0, c<0.

C.a>0,5>0, c>0.

D. a<0, 5>0, ¢>0.

Chu 17: [539182] Cho ham s§ y = f(x) lién tyc trén R
va ¢6 db thi (C) nhur hinh v& bén. Khing dinh nio sau
day 1a ding ?

A. Db thj (C) c6 ba diém cyc tr tao thanh mot tam giAc can.
B. Gi4 trj 16n nhét ciia ham sé 13 4.

C. Tong c4c gid tr cyc tri ciia ham sb bing 7.

D. D6 thj (C) khéng c6 diém cwe dai nhumg c6 hai diém

cuc tidu la (-1;3) va (1;3).

=
<

I
I
|
)
T
1
!
;
]
1

bt fom e — — — — — — .-
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C#u 18: [539184] Cho ham s6 3= f(x) c6 d thi nhur
hinh bén. Tim tit ca cAc gid tri thyc cha tham sb m dé -
phuong trinh f{x)=m+2 cé bdn nghiém phan bigt.

A d<m<-3.

B. 4<m<-3.

C. 6<m=<-5.

D. 6<m<-5. _ ! _
Cu19: [539185] Chohamsb f(:)=ar' +b +coddd 47
thj nin hinh v& bén. Khing dinh ndo sau day 1 ding 7 |
A.a>0, b<0, c>0. '

B. a<0, b<0, ¢>0.

| 1

C. a<0, b>0, ¢>0..

D.a<0, 5>0, <.
Cau 20: {539187] Cho him s y = f(x)=ax*+bx* +c c6 bang bién thién nhu sau:

x — -2 +oo

2

¥ -0 + 0 - 4 +
4 4

Y —m/\o/\—m

Khing dinh nio sau day 13 sai ?
A. Gi4 trj 16n nhét cia ham s6 trén R bing 4.

B. Ham s6 ¢6 hai diém cyc dai va mét diém cuc tidu.
C. Db thi him sb nhén tryc Oy 13 tryc ddi ximg.

D. Biéu thitc ab(c+1) nhan gié tri duong.

Céu 21: [539190] Cho ham 88 f(x)=ax® +bx* +¢ ¢6 N
db thi nir hinh v& bén. Khiing dinh ndo sau ddy 13 diing ?
.a>0,b>0, ¢>0, b* =4ac.

.a>0, b<0, c>0, b =4ac. /\
0

.a>0, b>0, ¢c>0, b* >4ac.

™

o N W p

.a>0, b<0, ¢>0, b* <4dac.
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Céu 22: [539191] Hinh v& bén 13 @ thi etia ham sb
y=ax'+bx’ +c. Gia tri cha biéu thic 4=a"+5" +
c6 thé nhan gia tri ndo trong céc gid fri sau ?

A. A=24, ‘

B. A=20.

C. 4A=18.

D. 4=6.

Ciu 23: [539193] Cho ham sb

L L]

y=f(x)=ax*+bx* +c cb bang

0 1 +eo

bién thién nhw hinh bép. Tinh gis
tri ctia biéu thitc P=a+2b+3c. 4

- +
el v +m\ e 3\ e )
B. P=15. I B o —57 . —5

C. P=-8.
D.P=8 .

Cfu 24: [539194] Cho ham s6 y = 1 (x) lién tuc trén
R vi c6 dd thi phar hinh bén. Xét cdc ménh d& sau:
(D. Ham s6 nghich bién trén khoang (0;1).
(ID. Ham s6 ddng bién trén khodng (-1;2).
(11). Ham sb c6 ba didm cyc tri.
(IV). Ham sb c6 gid trj 16n nhit bing 2.
$6 ménh d& ding trong cic ménh @& trén 13 7

A. 1.
C.3.

D. 4.
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Céu 25: [539196] Cho ham s§ y = f(x) lién tuc trén R va ¢6 bang bién thién nhw sau:

* | @ =) o 1

-HIO

yi!  + o - & +

b

_m//*ﬂ\ 3 /0\@_ o

Tim tht c& céo gi4 tri thyc ciia m @& phuong trinh f{x) =2m cb ding hai nghiém phén bigt.”

(m=0 ‘
A, m<—3 B.m<-3. ..
i _
m=0 3
C. 3 D.m<—5.
m<—— , o 2.
L 2

DAP AN TRAC NGHIEM
01.C | 02.C | 03.C | 04.D | 05.C | 06.B | 07.D | 08.D | 09.C | 10.D
11.C | 12.C | 13.A | 14.B | 15.D | 16.A | 17.A | 18.D | 19.C | 20.D

21.B | 22.C | 23.A | 24.B | 25.C
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1. Ham phan thikc bjc nhiit trén bic nhét y =2

NHAN DIEN D0 THI HAM SO PHAN THUC BAC 1
[TV6065]

L LY THUYET TRONG TAM VA PHUONG PHAP GIAI

voic20, ad—bec#0.

cx+
ot d
Mién xéc dinh D=R\<~—>.
c
Pao ham y’=adubc,Vx;e—g— suy ra
cx+d c

- Néu ad —bc>0 —— him s ddng bién trén D.
- Néu ad—bc<0 —> ham s nghich bién trén D.

Gidéi han, tiém cdn

T . ax+b a T S P Y
- limy=Ilim =— > y=— 1atiém cén ngang cla do thi ham sb.

oo’ xsewexd+d ¢ ¢

) . ax+b d ... L P
- lim y= lim =0 ——> x=-= 13 tiém cén dimg clia dd thi ham s4.

za—g x—)—icx'l'd c

c ¢

Db thj ham sé
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3. Dé thi ham s6 chira trf tupt d6i y =|f (x)], 68 thi (C,) hofic y = f(|]), 48 thi (C,)

o Db thi ham sb y=1f(x)|.fodéthi y=f(x),védc")thihamsé y=|f(x)l.

Giit nguyén phin d6 thi nim trén Ox cha (  rduoe ().

T4y dbi ximg phan dd thj ndm duéi Ox cia (C) qua Ox va bo phén phia
duéi Ox, taduge (C,). A
- Suyraddthihdmsd y =lf(5c)]“rﬂ‘1'(C") =(c)v(G,)-
- Hiph v& minh hoa

¥

e Db thi ham sb y=f(|x[).T1‘rdéthi y=f(x),védéthih&msé y=lf(x)|.
- Giit nguyén phin db thi nkm bén phai Oy cia (C), ta duge (C,).
- Bo “hin” phin d5 thi bén trdi. Oy caa (C).
- Liy dbi xtmg phin d3 thi (C,) qua Oy, ta duge (C,).
- Suyraddthihimsd y=f([x]) 1a (C)=(C)w(C).

- Hinh v& minh hoa

A |

L L]
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1 boe b g canes enien £

II. ViDUMINHHQA

Vi dy 1: Pudng cong trong hinh bén 13 db thj cia mot }y
ham sb trong bdn ham sé dirgc liét k& & bbn phwrong 4n

A, B, C, D dudi diy. Hai ham sb d6 13 ham s nio ? h
_ 2x+1 By X+2 ! —
x+1 IR -2 { 11 2
1 x-1
C y=2"" D. y= .
Y 2x-1 4 2x+1
Loi gigi

ax+

Goi hirn 56 cin tim c6 dang y = £ (x)= 3 ¢6 &b thi (C).

cx+
Dua vio hinh v&, ta thiy:
o Do thi (C) cittruc Ox tai 4(10) suyra f(1)=0®%=0©a+b=0.
. C

o D thi (C) cittruc Oy tai B(0;—1) suyra f(0)=-le>—=-1b=~d.

e Diém C(-2%1)e(C) suyra f(-2)=1& “2ath =1 —2a+b=~2c+d.
—2c+d
Tir c4c didu kién trén, suy ra him s cdn fim 13 y=———.
2x+1

Chgn D.

Vi du 2: Cho ham sb y=ZF2

c6 @b thi (C b
b i (C) t¥
nhur hinh v& bén. Tinh tdng T =a+2b+3c.

A. T=0. B. T=-1. — .
~2 0o |2 x

C. T=3. D. T=2. ~1|\

Léi gidgi

Tt hinh v&, ta ¢b nhan xét sau:
o Dudng thing x=2 14 tiém can dimg cha dd thi (C)=>x=——=2<<b=-2c.
&
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¢ Pudng thing y =1 13 tiém c4n ngang ciia &b thi (C):>x'=£=1<:>‘&=‘c.
c

e Diém M(0;-1)e(C) suyra y(O)z—.l@%:—l.@b:—z.-

a=1 _
Suyra § ©3b=-2=>T=a+2b+3c=1+2(-2)+3=0.
b=-2c=~2a -
c=1
Chon A.
Vi du 3: Dudng & hinh bén 13 d3 thi ciia ham sé y = ‘”‘*i’, 74
i cx +
véi a,b,c,d 12 céc sb thirc. Ménh & ndo dudéi ddy diing ?
. . ) 1
A. y'<0,Vx#2. B. <0, Vx#1. —
C.y>0,¥x=2 D. y' >0, Vx 1.
Léi gidi

Duya vio d6 thi ham sb, ta thiy ham s d3 cho nghich bién trén mdi khoang x4c dinh.

Mt khic, x =2 12 dudng tiém cén dimg ciia 40 thi ham s6 = 3’ <0, Vx=2.

Vi du 4: Dudng cong hinh bén 13 db thj ham sb ¥4
y = axth v6i a,b,¢ 13 cac sb thuc duong, Ménh
oooxt d

déu nao dudi diy ding ?

A. >0, VxeR. — - :*

B. y"<0,VxeR.

C. y">0,vx>1.

D. y">0, Vx#1.

Loi gidi

Dua vao d6 thi ham sb, ta théy rz"mg
e Ham s6 d4 cho nghich bién trén mdi khodng xdc dinh. (1).
Db thi ham sb c6 dudng tiém cin dimg 12 x=1. (2)-
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T (1} va (2) suyra y'=ﬁ—ﬁ—b%<0, Vx#1= ad—-bc<0,

(cx+d)
Khi do y#:-zi(‘m’_"b,f_) két hop véi ¢ >0, ta duge 1" >0, Vx>1 va 37 <0, V<],

(c:x+d)
Chen C.
, . ¥

Vi du 5: Cho ham 56 y =" ¢4 4 thi nhu hinh

x—
v& bén. Ménh d& nio sau day ding ?
A a>b>0. B. a>03>b. .
C.a<b<. D. a<0<b. —

Loi gidgi

Tacd 1ingy=1irrslax+; = suyra x=>» 13 tiém cin d{mg cta 46 thj ham sb.
X, X—>, xX—
- . ax+l S eta A A WP z
Vi lim y =lim b=a suyra y =g la tiém cén ngang ctia @6 thi ham sé.
x—p00 X0y — - ) . ’

Dua vio d6 thi ham s, ta thiy TCD nir phia bén tréi fryc Oy va TCN ndm phia trén

x=b<0
truc Ox nénsuyra .Viay a>0>5.
y=a>0
Chen B.
Vi du 6: Cho ham b y= @b (v6i a,b,c,d 1a cac vi
cx+d '
56 thuc) c6 @b thi ham sb nhy hinh v& bén, Xét céc
ménh dé sau
(I):ac>0, (I):ed <0.

. . O '
(I[[).bd<0, (IV) rab>0. \2:—\ ;-
S6 ménh @ ddng 13 \

A 3. B. 1.
C. 4. D. 2.
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Lo gidi

Dura vao db thi ham s, ta ¢é nhén xét sau:

. . ax+b . y a a ., T A Y |
e lim y= lim = X -~ = y=" 14 tiém cén ngang cia d6 thi ham so.
PR L) xotxo oyt d  xoie d c c
x

Tir db thi ham s, ta thdy duémg tiém cin ngang y =y, >0 suyra >0 (1).

. . . +b d . " ’:._., :. .',.’_‘.-.‘,- __}‘;,‘.., .-..,‘ ..L...‘.‘i-. e
e lim y= lim =Fo =>x=—— latiém cn ding cua d6 thi ham so.
L X 7 m ca : 0S¢
x_,_,_c_ x— ;cx+ c

Tir &b thi ham sb, ta thiy dudng tiém cdn dimg x=x, >0 suyra 2.0 (2).
(44
A PP A L - b I -1 b
e Do thi ham s6 cat truc Ox tai diem A{ ——;0 |, cét tryc Oy tai diém B 0;} .
: g g

xA__<70, b b

Dya vio hinh v&, ta thiy { &==<0,=<0 (3).
¥z <0 a d

Gié sir hé s§ @ >0 nén tir (1);(2) va (3) ta duge ¢>0, 5>0, d <0.
Chon C,

¥
c6 d6- thi nhu

Vi du 7: Cho him sb y=‘“x—b
cx+d

hinh v& bén. Khing dinh nio sau diy ding ?

ad >0 7 B ad <0 )
be<Q’ “lbe>0" //
“lbe>0° “lbe<0’
Loi gidgi
Xétham s y= f(x)=Z"2 voi x» <.
cx+d c

Tac lim, y= lim "x—:;mo suyra x=—2 I3 tiém c4n démg cia do thi ham sb.
C

d
x> 5=
¢ ¢
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£ Mo gk xhdnn A mminti

Vi lim y = lim ax=b_a suyra y =2 1a tiém cdn ngang cta dd thi ham sé .
5

X x> x4 d Pl

Duya vio hinh v&, ta thiy ring TCP nim phia bén phai truc' Oy va TCN nam phia trén
d

x=-2>0 dY(a ad
truc Ox nén suy ra ¢ ﬂ(-—).(—)=———;>0@ ad <0,

a YAV ¢
y=—2>0
¢

Miit khéc, 46 thi ham 6 y = £ (x) cét truc Ox tai diém c6 hoanh 46 duong = b > 0.
a

Khids 2.2-250c be>0.Vay ad<0 va be>0.

ca ¢

- Chon B.

; (C3)
DD vi a<0 obdbthi (C,) niurkinh vé,

cx+d

Ménh dé ndo durdi diy 14 diing ?

A b<0,c<0,d<0,c<b

Vi dy 8: Cho him 5 y=x—+:;, c6.d thi (C,) vahim Yy
e x4l RN _

8.

y

B.b>0,¢>0,d <0, c<b. _ Y

C. b<0,c<0,d<0, c_>_b.
D.b<0,c<0,d>0,c>5.
Loi gidi

Dura vao d0 thj ham s6 ta thiy

» D thi ham s6 (C,) cét truc Oy tai diém c6 tung d6 dwong :>%> 0.

» D{ thi ham s6 (C,) cét truc Ox tai diém o6 hoanh d6 4m = _b o,
. , _ , . a
« Duong thing x = x, <0 L4 tiém cin dimgciia 43 thi ham s6 (C,) = — % <0.
. [

Két hop véi diéu kién a<0, ta duge <0, d <0, c<0. Va dua vao dd thi ham sb

y:f—t:—?1 ta thdy duge b<c.
x+1

Chen C.
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ax+b

¢ dd o
cx+d Y
thi f'(x) nhu hinh v& duéi ddy. Biét ring dd thi
S(x) di qua diém 4(0;4). Hoi khing dinh ndo
sau ddy ding ?

A f(1)=-12—1. | B. f(I)=11. L

Vi du 9: Cho ham sé y=f(x)=

=1} |0 T
C. f(1)=Z; D. f(1)=—.
Léi gidi
D5 thi ham sb di qua diém 4(0;4) suy ra f(0)=§=4<:>b=4d.
, (o ad—be ITERPRP
Tacé g(x)=f"(x)= . Dyra vao do thi ham sb, ta thdy ring
U (ex+d) ' e
e x=-114tigm cdn dimg clia dd thi ham s6 g(x) suyra x=-% =1 c=d.
, = _
e D4 thi ham s6 y= g(x) di qua diém (0; ad—be :
d thi s0 y—g(x). qua diém (0;3) suy ra g(0)= y =3& ad-be=3d".
. C|e=d
» K&t hop véi L taduge ad~-4d* =3d* < a=17d,
b=4d
b 1d+4d 114 11
vay £(1)=2%°_ =2,
s c+d d+d 2d 2
Chon A.
Vi du 10: Cho ham s y = f(x) x4c dinh, lién tuc trén mdi Y,

khoang (—<0;0} va (0;+), ﬁngf(x):l, c6 db thi ham sé
y=f'(x) nhu hinh v& bén. Biét ring f(2}+ f(~2)=2.7(1).
Gié trf 16n nhét ciia him s6 y = f(x) trén doan [-2;3] 1a

A F(-2). B. £(3).
C. 7(1). D. f(-2).
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Lo giai

Dya vio d6 thi ham sb, ta thdy trén (—o0;0) — f'(x) <0, trén (0;+0) — £'(x)>0.
Do d6 ham sé y = £ (x) dbng bién trén khodng (0;-+00) suy ra £(0)</(1}</(2)< /().
Mitkhic 7(2)+ f(=2)=2.r (1) & F(1)= £ (=2) = £(2) - F(1) > 0 £ (1) > £(-2).
Vay £(3)>{/(-2)./ ()} = max / (x)= 7 (3)-

Chon B.

ax+b
cx+
hinh v& bén. Tht cd cc gi4 tri cia m dé phuong trinh
|7 (x){=m c6 hai nghiém phén biét Ia

Vi dy 11: Cho ham s y= f(x)= ¢6 d6 thi nhu

A. m>=2 hodc m<1.

¥
-—-——")
- 1

Q

2 F3
B. 0<m<1 hoic m>1. /

C. m>2 hoic m<l.

D. O<m<].
Loi giagi

Tix hinh v&, ta tim dugc ham sb y =f{x)= ff:.% ¢ dd thi (C) nhy hinh v&.
x—

Dua vao céch tim db thi ham s6 y = | £ ()|, ta dugc @b thi ham sb nhur hinh v& dudi day.

Vi

I

1

H\X

0 1

m>1

Dya vao hinh v&, & phuong trinh | £ (x)|=m c6 hai nghiém phan biét @[O et
m
Vay 0 <m<1 hodic m>1 la gi tri cin tim.

Chon B.
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Vi dy 12: Cho ham sb y=*—2
x+1

6 dd thi ham sé

nhu hinh v& bén. Tim tit c4 gia tri thyc cia tham sb

m & phuong trinh ”lﬂl—j‘ =m c6 dang hai nghiém
phan biét.

A. [1,2)u{0}. B. [0;2).

C. [12]wio}. D. [1,2).

Léi gidi

Ta xéa phiin bén tréi truc tung cita (C): y = -’fi% rdi 14y déi ximg phén bén phai truc
X+ ’

tung cua (C) qua tryc tung ta dugc d6 thi (C') ciahimsd y =

o2
[x]+1

Ly dbi xing (C') qua truc hodnh rdi x6a phin phia dudi truc hoanh ta duge dd thi

(C):y =|l|§||;—?| nhu hich v& bén dudi.
(7
A
= 5 —
Dya vio b thi ham s8, phuong trinh IIIJ;l'; ?I
Chen A.
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ax-1

Vi du 13: Cho ham 56 y = c6 db thi (C) 4

x+ec

ntiv hinh v& bén. Piém A thudc (C) v

H, K 1in lugt 13 hinh chifu cia M trén tiém .
o4n démg cta @ thi (C) va tryc hoanh, Co tht ~
¢4 bao nhiéu diém M théa min MK =2MH ? o 2 K z
A 4. B. 2.
C. 1 D. 3.

M

Loi gidgi
Dura vao d6 thi ham s6, ta ¢6 nhin xét sau:

o Pudngthing x=2 RTCP ciadd thj (C) > x=—c=2&c=-2.

» Dudngthing y=112 TCN cia dd thi (€)= y=a=1&a=1.
N £ x=1 ., .x o .2 m—1 ,e
Suy ra ham so y=—y c6d6 thi (C). Piem M e(C)= M _m;———i ,Voim#2.
x— m_
Khoang cich tir diém M dén dudmg thing x=2 13 MH =d(M;TCD)=|m-2|.

Khoang céch tir M dén tryc Ox 1 MK=d(M;0x)=]m—"; :
m-—

1 ——m—l_=2(m-—2)
Tir gid thiét, ta c6 1\4K=2M—->]—”i-——}=2|m—2|@ m-
m—2 m—1
mep~ A2m)

{m—1=2(m—2)2 [2m2—9m+9=0 m=3— M(32)
p—

o | amtmmer=0" |m=3 s | 3. 1)
m—1=—2(m-—2) m - im+/= m_z_.-—) E’
Viy c6 hai diém A thoa man yéu ciu bai tosn.

Chon B.
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Vi dy 14: Cho ham sé y=2+2
X

(C) nhu hinh v& bén. Diém A thude (C) vi
H,K lin lwot I3 hinh chiu cia M trén
Ox, Oy sao cho_dién _tich ‘hinh chit nhat
MHOK bing 2. Khi d6, tdng hoanh d§ cia
cac diém M bang

A -3 - B. L1

2 2
C 1. D. -1.
Léi gidi

Dura vao db thi ham s, ta c6 nhan xét sau:
o Db thi ham 6 cét truc Oy tai diém (0;-1) = y(0)=—b=-1<b=1.
« Dudng thing x=1 A TCP ciia dd thi (C) = x= L =lesc=1.
8 z |
a

» Duongthing y=2 [ATCNcladd thi (C)= y="=2oa=2c=2.
C

2221 06 08 thi (C). Biém Me(C) = M(m;2'"—+11] ,v6i m1.

Suy raham s6 y =

2
Khi do H(m;O) vi K(O; 2m+1) suy 1a S0k =OH.OK=|m|.|2m+1|= 2m +ml'
-1 : m~1| | m—-1 |
2mz+m__2
2 1 2m*—-m+2=0
Theo baira, tacod S, =2 suyra 2m +m =2e| ™ 1 =1 mo-m .
m-1 2mz+m__2 2m* +3m-2=0
m—1 '
m=-2
Phuong trinh 2m’ —m+2=0 vo nghiém nén 2m* +3m—2=0<> 1 .
m=—
2
Viy tng hoanh d6 cta céc diém M bing ~%.
Chen A.
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e

M. BAY TAP TU LUYEN [TT6066]

Cau 1: [541478] D4 thi hinh bén 13 ciia ham 6 ndo ?

_—2x+1 B. v -X
Y S G
~ -x+1 —-x+2
C- = . D, = .
Y x+1 Y x+1

Céu 2: [541479] Bang bién thién & bén
13 ctia ham sb ndo ?

A _ 2x+1 _x-1
A "V oxt
2x+1 x+2
C.y= ) D y="=-
Y x-1 Y 1+x

Ciu 3: [541480] Bang bién thién & bén
14 cia ham s6 nao?

2x+1 x—1
A y= . B.y= .
Y x-2 Y 2x+1
C. =x—_l-1‘ y=£‘__3.
x—2 2+x

Ciu 4: [541481] Bang bién thién & bén
13 ciia ham s nio ?

A,y:x—-i-l_ B. y:..{.:}._
x-1 x+1

2x+1 —x
C.y= } D.y=—"-.
Y2 Yo s

x |0 -1 +o0
y' +
y ///////#m //////”2
2 —a0
x | —e0 2 4ot
Y -
1 +a0
¥
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Ciau 5: [541482] Cho ham sé

y=Z%P 6 4b thi nh hinh v& bén.
ex+d

Meénh & nao dudi day ding?

A. bc>0,ad <0.

B. ac>0,bd >0.

C. bd <0,ad > 0.

D. ab<0,cd <0.

Cau 6: [541489] Cho him sé

y=T*L 6 4 thi nhur hinh vé bén.
cx+d

Ménh dé ndo dudi day ding?

- a<0,b>0,c<0,d>0.

>

. a>0,b<0,e<0,d>90.
. a<0,b<0,c<0,d>0.

o N =

.a<0,b<0,c>0,d<0.

Ciu 7: [541490] Cho ham sb

y=F" 61 a>0 o6 db thi nhr hinh
cx+d

v& bén. Ménh dé nio dudi diy ding?

A. b>0,c<0,d <0.

B.5>0,¢>0,d<0.
C.b<0,c>0,d<0.
D. b<0,c<0,d<0.

Ciu 8: [541491] Cho ham s
y=F¥P 5 & thi nhur hinh v& bén.

x+e
Tinh gi tri cia a+2b+c.
A, -1, B. -2,
C. 0. D. 3.
256
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Céu 9: [541492] Cho him sé

y="*8 4 4 thi nhu hinh v& bén.
x+1

Tim khéng dinh diing trong cac khing

dinh sau.

A. a<b<.
B. b<0<a.
C.0<b<a.
D. 0<a<b. '
Céu 10: [541493] Tlm a,b,c de ham

sb y=ax+2 co do th1 nbur hmh vE&
cx+b

bén. Tim khing dinh ddng trong céc
khing dinh sau.

A.a=2b=2c=-1.
B.aslb=lc==l
C.a=1b=2c=1.

D. a=1,b=—2,c=1.€ '

Céu 11: [541494] Tim a,b,c 38 ham

sb y=ax+b ¢6 b thi nhir hiph v&
ex+d
bén. Khing dinh dung trong cac khang

dinh sau.
A. bd >0,ad > 0.

B. ad<0,ab>0. - -
C. ab<0,ad <9,
D. ad > 0,ab <.
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Céu 12: [541495] Tim a,b,c & ham

£ ax+b
0 y=

cx+

c6 d6 thi nhu hinh v&

bén. Tim khing dinh ding trong cic

khing dinh sau.
ad <0
" lbe>0"

C ad >0
" lbe<0’

Ciu 13: [541496] D6 thj ham sb y =

s ad <0
“lbe<0’

| {ad >0
D. .

bc>0

.
:Ju | 1 IL
St 31
1+
_2._
3+
Y
-
2%

<+ N

A. (D).
C.(3).

258
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2x

X+

13 hinh nao trong cac hinh sau:

>
31
2-..
1-- -
X
:——_l L 1 —l L i
3 2 1 2 3
2]
i
S
¥
3.-—
T {3
l-.-.
B ¢
ot +——t—
k =1 | 1 2 3

B.(2).
D. ().
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Céu 14: [541497] Pudng cong trong hinh } Ty

3
bén 1a &b thi cta hiam s6 nao trong cic ham /‘ T
sb sau ? T
Ay 227l By2XtS /-—-“———i'
x+1 x+1 6 4 2 2 4 &
C. y=2x+1 D. y=122*
' x+1
ax+b _
Cau 15: [541498] Cho ham s6 y = v4
ex+d
¢ d6 thi nhu hinh v& bén. Khﬁng dinh nao
san déy la ding.
A a>0b>0ec>0,d<0 =" -
B.a>0,6<0,c>0,d<0 : ST >
C.a>0b<0;c<0;d>0.
D. a<0;6>0,e<0;d >0
Ciau 16: [541499] Cho d5 thi ham sé v
= b i hinh v& bén. Khing dinh
Ccx+d
nao sau ddy 13 ding. \ .
A. ab>0;bc<0;ad$0. — 0 —
B. ab>0;bc <0;ad <0 \
C. ab<0;bc>0ad <0

D. ab<0;bc<0;ad <0

Cau 17: [541500] Db thi no trong 4 b thi duéi day la b thi cia ham sé y = > "’1‘
o
/y ¥
% 1 z o ol z
=1 oy 3
[ o
A. B.
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C.
Cau 18: [541501] D5 thi hinh v& bén 1a d6 thi ciia mjt f
trong 4 ham s dugc liét k& & cac phuong 4n A, B, C,
D dudi ddy. Hoi d6 13 him s8 nio?.

2x—1 2x—1

A. = B. =
Y x—2 Y x+2 - )

—2x-1 —2x+1 ﬁ
C.y= o Dey= :
Y x+2 Y x+2

v

-2

ax+b ..

(ham 56
ex+d

bic nhit trén bac nhét ) c6 db thi ham sb nhu hinh v&
bén. Xét cac ménh dé sau

(I):ac>0, (H):ca'<0.

(II):bd <0, (IV):ab>0. < >
S6 ménh dé ding 1a: \
A. 3. B. 1.
C. 4. D. 2.

Céu 19: [541503] Cho him s§ y=

PAP AN TRAC NGHIEM

0L.C | 02.A | 03.C | 04.A | 05.B | 06.D | 07.B | 08.D | 09.D 10.D

1LD | 12.C | 13.A | 14.A | 15.B | 16.C | 17.B | 18.D | 19.C
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TUONG GIAO B0 THI HAM BAC BA
[TV6067]

L LY THUYET TRQONG TAM VA PHUONG PHAP GIAI

1. Mot s6 kién thiee mé diu

Xét d6 thi (C):y=a® +bx* +ox+d (a=0) vadudng thing d: y =mx+n.

Hoanh d8 giao diém cia d va (€) 14 nghiém ctia phuong trinh
ax3+bx2+cx+d=mx+n<:>ax3+bx2+(x—m)x+d—~n=0 (D)

—> 86 giao diém cia d va (C) chinh 1a 56 nghiém cila phirowg trink (1).

¢ Truong hgp 1. Phuong trinh (1) c6 mét nghi¢m dep x=x,.

Khi d6 (1) thanh (x-x,).g(x)=0, véi g(x) 12 him s bic hai.

+ Phuong trinh (1) ¢6 3 nghiém phan biét

Ag >0

g(x, )=0

* Phuong trinh (1) ¢6 diing 2 nghiém phan biét <> g(x)=0 c6 nghiém kép khéc x, hogc

g(x)=0 6 hai nghiém phén biét, trong d6 1 nghiém béng x, vi nghiém con lai khac X,-

< g(x}=0 c6 2 nghiém phan biét khac x, <

+ Phuong trinh (1) ¢6 nghiém duy nhét

< g(x)=0 vd nghiém hoic g(x)=0 co nghiémkép x=x,.

* Triwomg hop 2. Phuong trinh (1) khdng c6 nghiém dep x = x, nhung cd lp dirgc tham sé.
Khi 46 ta bién ddi (1) thanh ¢(x) = k(m).

Tir d6 s6 nghiém ciia (1) chinh 13 s giao didm cia dd thi bam s y=9(x) va y=h(m).
Liwu y, ducng thing y = h(m) song song hodc trimg véi truc Ox.

Ta tién hanh xét ham s§ y = #(x) va l4p bang bién thién = két luan.
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2. Mt s6 lru ¥ khi giai todn

Xét dd thi (C):y=ax’ +bx* +cx+d {a=0).
+ Hoanh 49 giao diém cita (C) va truc hoanh (Ox:y =0} 12 nghiém ciia phwong trinh,

a +bx* +ex+d=0.

+ Tung 40 giao dlé‘:mcua (_CS iratrué tung (Oy:x:O)nl-é nghiém cﬁaphucmgtﬁnh y=d
= (C) céttryc Oy tai diém M(0;d). -
1. vi DU MINH HQA

Vi dy 1. Biét ring dudng thing y=—2x+2 cat do thi hmn sd y= x +xX+ 2 tai dlem
duy nhét, ki hiéu (x93 7) latoa dd diém d6. Tim y,.

Ay, =4 _ B. y,=0.
C. y,=2. oo T - DLy, =-1.
Loi gidi

Phuong trinh hoanh d giao diém x* +x+2=-"2x+2& X’ +3x=0x=0=>y,=2.
Chon C.

Vi du 2. Biét rang duong thing y=-3x+4. cit b thi ham s§ y=x*+x+4 tai diém
duy nhét, ki higu (x,;,) 1a toa d9 diém d6. Tim y,.

Ay, =4. B. y,=0.
C. y,=-4 D. y,=3.
Loi gigi

Phuong trinh honh 49 giao diém ¥ +x+4=-3x+4ox’ +4x=0=x=0=>y,=4.
Chon A. -

Vi dy 3. Bibt riing dudmg thing y=5x+2 cit 45 thi ham 6 y=x+x+2 tai ba diém
phan biét c6 hoanh @3 1an luot 14 x,, x,, x,. Tinh §= =X+ 34X,

A. S=4. B. §=10.
C. §=8. D. §=6.
Loi gigi
; x=0
Phuong frinh hoanh d¢ giao diem X 4+x+2=5x+2 <:>x3=4x<:{ _ﬂ:>S=0+4+4=8.
Chon C
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Vi dy 4. Biét ring dudmg thing y=x-+1 cit dd thi ham sb y=x"—x*+2 tai hai diém
phén biét 4, B. Tinh d6 dai doan thing AB.

A. AB=2. B. 4B =22,
C. AB=4. D. 4B =32,
Léi gigi

Phuong trinh hodnh d¢ giao diém x° —x% +2 = x+1

x=1=y=2= 4(12)
x=-1=y=0= B(-10)

— AB= (-2-2)= 4B =, /(-2)2 -.|L‘(—2)2 =22,

Cheon B

<:>x3—x2—x+1——-0<=>[

Vi du 5. Biét ring dudng thing y=2x+4 cht dd thi ham s6 y=x*+x+4 tai ba dlem
phan blet 4(0;4), B, C. Tmh d1¢n tich S cuatam gidc OBC, véi O 1a géc toa do.

,_A. S=4. o o | B.s=4J§.
C. S=2. D. §=24/5.
Lot gigi

Ta sé tinh dién tich S ciia tam gidc OBC theo cong thirc § = %d (0;BC).BC 0

Mudn vy, ta cén viét Phuong trinh BC va tinh dwoc canh BC.
Luu y, phueong trinh diong thcfng BC chinhla y=2x+4— g di tinh canh BC.
Phuong trinh hoanh d9 giao didm x* +x+4=2x+4 < 5* = x

x=0=>y=4= 4(0;4)

S| *¥=1=2y=6=B(L6) =BC=(-2-4)=BC=\(-2) +(—4) =25,

x=—l:>y=2:>C(—1;2)

[2.0- 0+4 _

N2+ (1)

Honnita BC:y=2x+4=5 BC:2x-y+4= 0=d(0;BC)=

25=4.

Thé vao (1) = S =

T

l\)ll—l

Cheon A
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-¥f dy. 6. Biét ring dudng thing y =2x+4 cht b thi ham 8§ y=x* +x+4 fai ba didm
phén biét 4(0;4), B, C. Tim toa 4) trung didm° M cia doan thing BC.

A. M[{);g-} o B. M(0;2).
C. M(O;%} D. M(0;4).
Léi gidi i

Phwong trinh hodth 40 giao didm % +x+4=2x+4e ¥’ =x
5=0=y=4= 4(04) I T
©|x=1=y=6=B(LS) :>M(; . 2) iy
x-—Iay 2:>C( 12)

ChQnD 115 E R T . - R

Vi du 7. B1etr€mg dubngﬁ:la.ng y= 2x+4 catdothlhamso y=x 3y x+4 talba dlem
phén biét A(0;4), B, C. Tim toa d trong tim G cia tam gidc OBC, v&i O 14 gbc toa do.

A. G(0;2). , B. G(O;%}
. S L 8
C. G(0;4). : ' - S D G(O;-é-).
Loi gidi '

Phuong trinh hodnh 4§ giao didm x>+ x+4=2x+4 & ¥ =x

x=0:>y=4::>A(0;4) ' a -
©|x=1=y=6=5(L6) =>G(0+1"1;0+6+2):‘>G[0;§]_

3 3 3
x=—1:>y=2:.'-:>C’(—1;2)

Chon D

Vi dy 8. Cho ham s6 y = x* ~3x* +3x+m ¢6.d6 thi (C, ), v6i m la tham sb thyc. Biét
ting (C,) céttia Oy tai diém M théamin OM = % véi O 1a gbe toa 86. Ménh d
nio dudi day 1a dlng ?

A.l<m<2. B. 4<m<6.
C.2<m<3. D. 3<m<l.
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Lot gidi

Tacd M=(C,}nOy=> toadd M 12 nghiém cia hé

W3 2 = =Ty
{y“;‘ B 7 ()= O =(0m) = O =
X = x=

Baira OM =2 == e m=22.
2 2 2

Hon nita M thudctia Oy =>m= % thoa mén.

Chon C

Vidu9. Chohdm sé y=x*—3x+m c6 db thi (C,,), v6i m 14 tham sb thyc. F6i c6 tht
¢4 bao nhiéu gi4 tri nguyén cia. m-dé (C.) ot truc tung tai diém M khic O thoa min
OM <10, véi O 14 gbe toa dd.

a0 B.18.
C.19. _ o D. 9.
Lévi gidi ' |

Tacé M=(C,)nOy=> toadd M langhiém clahg

{y—-x 3x+m<:>{y ™ — M(0;m) = OM = (0;m) = OM =|m].
x=0 x=0

Baira OM <10 nén |m| <10 < -10<m<10.

Ma m e Z=> me{t9;%8;..;£1,0} va OM = 0=m=0.

Do d6 ¢6 tht ca 18 gid fringuyén cia m thoa man bii toan.

Chon B

Vi dy 10. Cho him s§ y=x* ~2mx? +1 ¢6 dd thi (C,), véi m 1a tham b thye. Biét
ring (C,) cét dudng thing d:y=x+1 tai ba diém phan biét c6 hoanh d6 x,, x,, x,
fhoa mén didu kién x, +x, +x, =3. Ménh dé nao dudi ddy 1a dong ?

A.l<m<2. B. 4<m<6.
T C.2<m<3. D. 2<m<].

265

http://tieulun.hopto.org



L gigi
Phuong trinh hoank ¢4 giao didm

x=0

* =2me +1=x 410 x(x —2mr-1) =0 5| )
' X —2mx—1=0 (1)

Taco d cat (C,) tai 3 diém phn bigt < (1) o6 2 nghiém phan bigt khdc 0

[A'=m*+150
@ X R
0 —2m0—120 7 ¢ o

x+x,=2m

Gia sir x, =0 khi d6 %;%, 12 2 nghiém caa (1), theo Viet c6 { 1
: KXy ==

Do d6 x, +x, +x, =3<:>.2m+0=3®m=%théamﬁn(*).

Chon A

omelR T

Vidy 11. Cho ham $§ y = x* — 2m? —1 COdOthl( n)> VOi m 13 tham s§ thye. Hoi c6 -

tit ¢4 bao nhiéy gid tri nguyén cia m 48 {C, ) cit dudng thing 4 y=x-1tai ba diém

phan biét c6 hodnh d¢ x,, x,, x, théa man X +32 +x2 <20.

A. 4. B. 6.
C.5. D.3.
Loi gidgi

Phuong trinh hoanh d6 giao diém

x=0

X =2mx-1=0 (1)
Tacé d cit (C,) tai 3 diém phin biét < (1) ¢6 2 nghiém phan biét khac 0

x —2mx? -—1=x—111|»x(x2 -—2mx—1)=0<:>[

"=m?+1>0
= <meR ®
0" -2m.0-120
| +x,=2
Gid sit x, =0 khi 46 x,;x, 13 2 nghiém cda (1), theo Viet c6 {x‘ f=om
XXy =—

f 2,2, 2 9 3
Dodé x +x+5 <20 & (x,+x,) ~2xx, <20 © 4m? +2 <20 & 1 < 72_-
MémeZ:me{ﬁ;il;O}.

Chon C
266
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Vi dg 12. Cho ham s6 y=x"—2mx*+3 ¢6 db thi (C, ), v6i m la tham s§ thuc. Biét

ring (C,) cét dudng thing d:y=x+3 tai ba diém phan biét c6 tung 40 y,, y,, ¥,
théa min diédu kién y, + y, + y, =12. Ménh @& nio dudi ddy 13 ding ?

A l<m<?2. B. 4<m<6.
C. 2<m<l. D. 2<m<3.
L&igiéz‘

Phurong trinh hoanh dé giao diém
' x=0 .
x3—-2mx2+3=x+3<:>x(x2—2mx—1)-—-0<:> 5
x*—2mx—-1=0 ()
Tacéd d cit (C,) tai3 diém phan biét <> (1) c6 2 nghiém phan biét khac 0

A'=m’+1>0
< meR *)

c> -
0 -2m.0-1#0

o : . R Y . . + =2
Gia sir x, =0 khi d6 x;%, 14 2 nghiém ciia (1), theo Viet c6 {x‘ % 1 "
o . XX, =—
Gia sir (C,,) cat dudng thing d:y =x-+3 tai ba didm phan biét c6 hoanh d6 x, x,, x,.

Khi dé y, +y, +y, =12 < (x, +3)+(x, +3)+(p, +3) =12

<:>x,+x2+x3=3<::>2m+0=3<:>m=% thoa mén (¥).

Chon D

Vi du 13. Cho ham s6 y=x*~3x"—(3m—1)x+3 c6 db thi (C,), v6i m 1a tham sb
thyc. Biét ring (C,) cét truc hoanh tai ba diém phén bigt ¢6 hodnh d6 x,, x,, x, theo
thir tyr 1ap thanh mét cép sb cong. Ménh dé ndo dudi day 1a dang ?

A -l<m<l. B.3<m<%.
C. 1<m<3. D.4<m<%
Loi gigi
Phuong trinh hoanh d6 giao diém »° —3x* —(3m—1)x+3=0 '¢))

Tacd x° —3x" - (3m—1)x+3=(x—x )(x—x,}(x—x,)
=(x—x1)[1c2 —(x, +x3)x+x2x3]

= JC3 —(x, +x,+ Jg)xz + (x[xz + X, X, )x-—xlxzxa

267

http://tieulun.hopto.org



X +x,+x,=3

=X, R XX XX =3m+l
XXX, =3

Baira x, x,, x, theo thit tr 14p thanh mét cip sb cong nén X +x =2x,

3x2 =3 xZ =1
2
=1x, (x1+x3)+xlx37=1-)—3m:> xx, =-3 S>m==.
XXX, =—3 0 12-3=1-3m

Thit lai, ta thdy m = -_f; thoa min bai tosn,

Chon A

Vidy 14. Cho bdm s6 y =" =7x* +14(3m—1)x=8 06 88 thi (C,), v6i m 14 tham s6
thye. Biét ring (C,,) cét truc hodnh tai ba didm phén bigt c6 hoanh d9 x,, x,, x, theo
thtr tyr 14p thanh mét cap sb nhan. Ménh 48 nao duéi day 13 ding 2. - -

A. l<m<3, ' B.3<m<%.
9
C. -l<m<l. D.4<m<5.
Loi gidgi

Phuong trinh hoanh d§ gizo diém x* - 7x* +14(3m~1)x—8=0

Tacd x° ~7x* +14(3m—1)x—8=0 =(x-x)(x—x,)(x-x,)
=(x—xl)[x2—(x2+x3)x+x2x3:|
=2 (0 + %, +25) 2 +(xx, 0,0 + 50 ) x— x5 x,x

x+x,+x,=T7
=X, + X0 H X, =14(3m—1)
X% =8
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Béira x,, x,, x, theo thit ty 14p thanh mdt cAp sb nhén nén xx, =x;

X +x,+x,=7 x,=2
2 2
= 1%, (x5 +x,)+x% =14(3m-1)= {5 +x,=5 =>m=3.
x; =8 2.5+4=14(3m-1)

Thit lai, ta thiy m = % théa mén bai todn.

Chon C

Vi du 15. Tim tht ¢ cdc gi trj thuc clia tham sb m sao cho dudng thing d:y=x+1
cht @ thi (C,) cia ham s y=x*-2mx*+1 tai ba diém phén biét 4, B, D véi D 1a
diém c6 hoanh d6 khong déi, thoa mén A(2;3) 1a trung diém cla canh 4B.

A m=-2. B. m=-1.
C. m=2, D. m=1.
Loi gidi

Phuong trinh hoanh d6 giao diém
x=0

x3-2mx2+1=x+1<:>x(x2-—2mx-—1)=0<:> \
: x*~2mx—-1=0 (D)

Tacé d cét (C,) tai 3 diém phén biét <> (1) c6 2 nghiém phén biét khic 0

A=m*+1>0
& melR (*)

L=
0 -2m0-1#0
Vé6i x=0=y=1= D(G;1).
Do 4, Bed=> A(x;x +1), B(x,;x, +1)=> x;;x, 12 2 nghiém cta (1).

A% _g
2

(% +1)+(x, +1) _3
2

Diém M(2;3) 14 trung diém cia canh 4B & & x +x,=4.

Theo Viet ¢6 x, +x, =2m nén m=2 thoa mén (*).

Chon C
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Vi dy 16. Tim tit c cic gia tri thuc cia tham 5§ m sao cho duomg thing d:y=x+3
cét db thi (C,,) cia him s y =" ~3(m* ~1)x*~(2m+1)x+3 tai ba diém phan biét
A(0;3), B, C théamian 4 la trung diém cla canh BC.

A. m=+2, B. m=411,
C. m=2. D. m=1.
Léi gidi |

Phuong trinh hoinh d¢ giac diém x*—3(m’ —1)x* ~(2m+1)x+3=x+3

o 7 fx=0 ‘
<:>x[x2—3( ) (2m+2:l 0<:>[x2__3( ) (2m+2) 0 (1)

Tacd d cit (C ) tai 3 dlem phan biét < (1) c6 2 nghlem phan biét Khic 0

™

o |8=9(m" 1) +4(2m+2)>0 @{A=9(m2 ~1) +4(2m+2)>0 -
m#-—1

0 ~3(m* -1).0~(2m+2) %0
Véi x=0=> y=3=> 4(0;3) tmg véi d& bai cho.

Do B, Ced=>B(x;x,+3), C(x,;x, +3)=>x;x, 132 nghidm ctia (1).

A% o
2
(3 +3)+(x,+3)
> =

Diém 4(0;3) 1a trung diém céia canh BC < < x+x,=0.

Theo Viet ¢ % +x, =3(m” 1) nén 3(m* —1)=0 <> m =1,
Két hop véi (*) ta duge m =1 théa man.
Chon D
Vi dy 17. Cho ham 6 y=x*—5x>+7x—2 c6 db thi (C) va duodng théng d di qua
A(2;0) 6 hé sb géc k. Tim k sao cho dudmg thing d cit {C) tai ba didm phan biét
4, B, C théamin G(1;-1) 14 trong tAm cia tam gisc OBC, véi O 12 g toa d.

A, k=-13. ' B. k=3.

C. k=44, D. k=4.
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Loi giai

Tacd d:y=k(x-2)+0=d:y=k(x-2).
Phuong trinh hoanh 46 giao diém x* —5x* +7x—2 =k(x—2)

x=2

@(x-z)(xz“3x+1)="("‘2)©[x2_3x+1—k=0 W

Tacé d cdt (C) tai 3 diém phan bidt < (1) c6 2 nghiém phén bidt khéc 2

5
A=9-4(1-k)>0 (4k+5>0 |k>-2

22-3241-k=0  |k=-1 k1
Véi x=2=>y=0=> 4(2;0) {g véi 4& bai cho.
Do B, Ced = B(x;k(x—2)), C(x,;k(x,~2)}=> x;x, 122 nghiém ctia (1).
Diém G(1;~1) 1a trong tAm clia tam gidic OBC
X +x,+0 -1

3 - x+x,=3
k(5 -2)+k(x-2)+0 7 k(5 +x,-4)=-3

: -

<~

Theo Viet c6 x, +x, =3 nén k=3 thoa man (*).
Chon B

Vi dy 18. Tim tit c4 céc gid trj thuc cia tham s m sao cho dudmg thing
d:y=m(x—2)+4 ct @ thi (C) ctia him s8 y=x"-3x+2 tai ba diém phan bigt
4, B, C véi 4 1adiém c6 hoanh d9 khong ddi, thoa min BC = 2+/30.

A. m=4. B. m=—4.
C. m=3-. D. m=—3.
Loi gidi

Phuong trinh hodnh d6 giao diém x* —3x+2=m(x—2)+4 & x* —3x—2=m(x~2)

x=2

<:>(x—2)(x +2x+1)=m(x~2)<:>|:x2 +2x+1-m=0 (1)

Tacé d cit (C) tai 3 diém phén biét <> (1) c6 2 nghiém phan biét khéc 2
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@{A'=1—(1—m)>0©{m>0

224+2241-m=0 m#9

Vi x=2= y=4=> 4(2;4).

Do B, Ced ::»B(xl;m(x1 —2)+4), C(xz;_m(Jg.z_A—Z)_-}:ét-)

= x,;x, 12 2 nghiém ctia (1), theo Viet thi {x' to=-2
ST X%, =1-m
Ta cé B_C'z(xz—xl;m(xz—xl))ﬁBcz=(x2—x1)2+m2(x2-.—x1‘)2_- .

= (m2 +1)(x! —xz)2 = (m2 +1)[(x1 X )2 -—4xlx2}

=(m 4}1)[4—4(1—m)j ;4m(n% _+‘1)

Bii ra BC =230 = dm(m’ +1)=120 <> m=3 thoa man ().

Chgn C |

Vi du 19. Tim tit ca céc gia tri thyc cia tham s& m sao cho dd thi (C,) ciia ham s8
y=x*—mx+m—1 cét truc hoanh tai ba diém A(L;0), B, C thba man tam gidc MBC
¢6 dién tich bang 2, v6i M (0;1).

A.m=3. B m=}1.7
4
C. m=4, D m=l?—.
4
Laoi gidi

Phuong trich hodnh 8¢ giao didm %* —mx+m—1=0& (¥ ~1)-m(x-1)=0
5 x=1
c:»(x—l)(x +x+1—m)=0<:> )
X +x+1l-m=0 (1)
Tacé (C,) cat truc hoanh tai 3 diém phan biét <> (1) c6 2 nghiém phin bidtkhic 1 -
A=1-4(1-m)>0 |m>>
= =S 4 ™

2 |
F+1+i-m=0 m=3

Do B, C e Ox= B(x,;0), C(x,;0)=>x,;x, 14 2 nghiém ctia (1)
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x+x,=-1

Theo Viet thi {

xx, =1-m
Tacé BC=(x, éxl;O)ﬁBCZ =(x,=x) =(x +x) —4xx, =1-4(1-m)=4m-3.

1 19

Khi d6 Smc=%d(M;BC).BC= 1A =3 =2 ¢ m=" tha min (*).

Chon D
Vi du 20. Héi c6 bao nhiéu gi4 tri nguyén clia m sao cho dwong thing d:y=x+1 cit
dd thi (C,) ciahimsé y=x*~2x—m+3 taiba diém phén bit ?

A.S. - B. 4.
C.3. - D. 6.
Ldi gigi
Phuong trinh hodnh d6 giao diém x* —2x—m+3=x+1¢>m=x"-3x+2 1)

YCBT < (1) c6 3 nghiém phan bigt

& dudng y—m cht @ thi cia ham sb y—x° —3x+2 tai 3 diém phén bigt.
Xét ham sé y=x3—3x{2, voi xeR ¢ y'=3x* —3=0c>x=%1.

Béng bién thién: |

x —n ) -1 1 40

T

¥y + 0 - 0 +

Tir bing bién thién trén ta duge 0<m<4 md meZ=>me{l;2;3}.

Chgn C |

Nhdn xét

Tir bang bién thién trén ta c6 ngay:

+ Dudng thing d okt (C,,) tei diing 2 diém phan bigt @{ .
- . e : m=

m>4

+ Pudng thing d cit (C,,) tai diém dﬁy nhit < [ <0
m
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II. BAI TAP LUYEN TAP [TT6068]

Ciu 1: [543217] Cho him sb y=x’-3x>+3x+4 (1). Dudng thing (A):y=x+4
cit dd thi ham sb (1) tai ba diém phan biét 4(0;4), B, C. Tinh di¢n tich tam gic
OBC, véi O 14 gbc toa dd.

A.2. o , _ B. 1.
C. % D. 2.

Cau 2: [543219] Cho ham 6 y= x’ —5x+2 c6 4o thi (C) va du'ong thﬁng
(d):y=2-x Trong c4c didm A(O 2) B(Z O) D(-2; 4) thi didm ndo 13 | glao diém
ctia (C) va (d) ?

A.Chid B. B. Chi B, D.

C.Chi 4, D. D. C43 diém.
Cau 3: [543222] Cho ham s8 y=x*—4x+5 (1). Dudng thing (d):y=3-x cit db
thi ham s6 (1) tai hai diém phén biét 4, B. D dai doan thig "AB biing ?

A3  Bs.

C. 542. - ' D. 34/2.
Chu 4: [543223} Cho ham s6 y=x’ +(2~m)x? +4m (1). S gid trj clia m d& dd thi
him s6 (1) cit tryc hoinh tai ba diém phan bigt 4(-2;0), B,C sao cho
AB* + AC* =12 1a? -

A. 0. B. 1.
C.2. D. 3.

Cau 5: [543224] Cho him s y=x'+3mx*+3(m+1)x+1 (1). Tim tit ca gia trj
duong ctia m A€ duong thing (d):y=x—2 cét 4 thi him s6 (1) tai ba diém phén bigt
A, B, C sao cho B 1 trung diém cia canh AC vadiém A4 c6 hoinh do bﬁng -1.

A.m=2. B.m=1,
3 1
C.m==. D.m=—,
2 2

Cilu 6: [543225] Cho him s6 y=x’+(2m+1)x> +mx~m (C,). C6 tht ca bao nhiéu
gid tri nguyén ctia m dé dudmg thing d': y=—2x—2 cit dd thi ham sb (C,) tai ba diém
phan biét ¢6 hoduh dd 1dn Iugt 14 x,, x,, x, thoa mén didu kién %2 +2% 4 <17,

Al B.5.

C.3. D. 4.
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1 Hot b ¥hdno &nh minh

Ciu 7: [543227) Goi d 13 dudng thing di qua 4(2;0) c6 hé sd gc m cit 46 thi
(C):y=—x"+6x*—9x+2 tai ba diém phan biét 4, B, C. Gei B', C' lan lugt 1 hink
chiéu vudng goc cta B, C 1én truc tung. Tim gid tri duong cia m @& hinh thang
BB'C'C c¢6 dién tich bing 8.

A.m=2, B.m=1.
C- m=§-. D m—i
2 2

Chu 8: [543228] Cho ham sé y=x’+x*+(m-3)x+1-m (1). Dudng thang
(d):y=x~1 cit d thi ham s6 (1) tai ba diém phén bigt 4(1;0), B, C. K¢ (A) L(d)
tai B, diém E(L-2)e(A). Tim m biét EC =/10.

A m=2. B.m=2.
2 8

5

‘C.m=2. D- m=§.

Cau 9: [543230] Cho him sé y=x>-3x*+4 (1). Goi (d) la dudng thing di qua
M (1;2) vahé sb goc 1a k. Tinh thng gid tri cia & dé dudng thing (d) cét db thi ham
sb (1) tai ba diém phén biét M, 4, B thoamin AB=20M.

A. 2. B. 3.
C. 1. D. 0.

Céu 10: [543232] Cho ham s§ y =" —2mx* +x—2m (1). Goi 4 la giao diém cia db
thj ham s6 (1) véi tryc hoanh, tiép tuyén clia b thj ham sb (1) tai 4 cét tryc tung tai B.
Tim gi4 tr dwong ciia m d& dién tich tam gidc OA4B bing 1, véi O 14 gbc toa do.

1
A m=—=. B. m=+/2.
2 m
C. m=1. . D. m=L1.
2

Cau 11: [543234] Biét ring dudng thing y=-3x+19 cit db thi cia ham sb
y=x"—x—14 tai diém duy nhét c6 toa 6 12 (x,;7,). Tim y,.

A, y,=3. B. y,=7.
C. y, =10. D. y,=13.
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Céu 12: [543235] Cho bam s6 y =" ~3x+1 6 dd thi (C). Trén (C) My hai didm 4 va
B sao cho diém M (2;9) 14 trung diém cha canh 4B. Tinh gid tri clia bidu thirc P=3y’+y.

A. P=360. B. P=362.
C. P=364. ' D. P=366.

Céu 13: [543237] Cho ham $6 y=x"-3x~4x+3 c6 dd thi (C). Trén (C) 14y hai
diém 4 va B d6i xéng nhau qua tryc tung. Tinh giA trj ciia bidu thirc P= Vi+2y2.
A P=108. . . . B.P=147. ... .

C. P=12. D. P=243, ‘
Céu 14: [543238] Cho ham s8 y=x* -2x+m c6 dd thi (C,,). Tim m sao cho (C,)
ciit truc tung tai A thoa man didu kién OM =4,

A, m=+=l. B. m=12,

C. m=43. D. m=14.
Cau 15: Cho him s6 y=x*—2mx’ +1 ¢6 8 thj (C,,). Tim m sao cho (C,,) cht dudng
thing d:y=x+1 tai ba didm phin biét c6 hodnh 40 x,x,x théa min
X +x, +x, =2017.

2017

A.m B. m=1008.

2017
=5

C.m D. m=1009.

Ciu 16: [543240] Cho ham s6 y = »* —2mx® +1 ¢6 @8 thi (C,,). Tim m sao cho (C,)
cat dudng thing d:y=x+1 tai ba diém phan bigt c6 honh dd x,x,,x, théa mén
Y+, +y, =2017.

A. m=3¥. B. m=1007.
C. m=2—(:!l. D. m=1009.

Céu 17: [543244] Cho ham s§ y = x> —3x> —mx+3 c6 db thi (C,): Ky higu ¢, 1356
gid tr clia m théa man (C,) cét truc hoanh tai ba diém phén biét c6 hoanh 46 x,,x,,x,
theo thir tir lp thanh mét cdp sb cong. Tim t.

At =1 B.z, =2.

C.t, =3. D.z, =0.
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Cau 18: [543245] Cho ham s6 y = x*—7x* +14mx—8 c6 dd thi (C,,). Ky hiéu 1, 1asé

gi4 tri ciia m théa mén (C,,} cét truc hodnh tai ba diém phan biét c6 hodnh &8 x,,x,,x,
theo thi tyr 1dp thanh mét cAp sb nhéan. Tim ¢ .

At =1 B. s, =2.
C.t,=0. D.:, =3.

Cau 19: [543247] Cho ham s6 y = ~2mx* +1 ¢6 @5 thi (C,,). Tim m sao cho (C,,)
cit dudng thing d: y=x+1 tai ba diém phan biét 4, B, D véi D la didm c6 hoanh &6
khong d6i, théa min trung didm M cia canh 4B nim trén duimg thing
Arx+y-2017=0.

A. m=1007. B. m=—2-%1—7—.
C. m=1008. D. m=$.

Ciu 20: [543259] Cho ham s§ y = x* ~2mx* +1 ¢6 4 thi (C,, ). Tim m sao cho (C,,)
cht dudmg thing d:y =x+1 tai ba diém phan biét 4, B, D véi D 13 didm c6 hoanh do
khong ddi, théa man 4B =2./34.

A m=31. ' - B. m=%42,

C. m=43, D. m=414.
Céau 21: [543261] Gid sit 4 va B 14 céc giao diém cila dudng cong y=x° —3x+2va
truc hoanh. Tinh 8 dai doan thing 4B.

A. AB=3, B. AB=4./2.

C. AB=53. | _ D. AB=645.
Ciu 22: [543262] Tim s6 giao diém cia dudng cong y =x* —4x+3 va dudng thing
y=—8x+3.

Al B. 2.

C.3. S D. 4.
Cau 23: [543263] Trong mit phing véi hé toa dd Oxy, xét hinh vubng (¥) tim O, hai

dudng chéo ndm trén hai truc toa 6 va (¥) c6 dién tich bing 2. Xac dinh s8 giao didm
clia hinh vuéng (¥) va d6 thi cia ham s6 y = x* —4x+3.

A. 1 giao diém. B. 2 giao diém.

C. 3 giao diém. D. 0 giao diém
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Cau 24: [543265] Tim tit c4 cdc gid tri clia m d& dO thi ham sé .y = x*+1 cét duomg

thing y = m(x-+1) tai hai didm phdn bigt.
A, m=3. B.m=

3 .
7
C.me 3;3}. D.me 2;3;—3:}.
4 4] .

Ciu 25: [543266] Tim tit ca cac gia tri ciia tham sb m @& duo.’mg cong y=x+me’ —x-m
cat truc hoanh tai ba diém phén bidt. ST L L S R B b

A m=xl. : - B. m'=%.
C. m=313. D. me{1;5}.

Ciu 26: [543268] Tim gid tri cia m dé dudng cong y =x* +(2—m)x* +mx—3 cht truc
hoanh tai ba diém phén biét ¢6 hoanh d9 x,, x,, x, théa man x? +x2 +x2 =10,
A, me{—l;?}. B. me{2;3}.
Comef34.  D.omef-1}.
Cau 27: [543269] Tim gid trj clia m d€ duomg cong y =x* —2x* +(1—-m)x+m cit truc
hoanh tai ba diém phan biét c6 hoanh 43 x,, x,, x, théa min x* +x2 +x2 <4.

A. me{2;3}. B. —%<m<1',m¥0.

C. m=1. D. —%<m<1.

Cau 28: [543271] Tim gi tri cia m dé dudng cong (C): y=x"+mx* +1 ct duong
thing y=-x+1 tai ba diém phan biét 4 (0;1), B, C sao cho céc tiép tuyén cia (C) tai B
va C cta dudng cong vudng goc vdi nhau.

A. m=i~/§. B. me{2;3}.
C. me{3;4}. D. me{1;5}.

Céu 29: [543273] Tim tit ca céc gid trj clia m dé dudng cong y = 24" —3mo® +(m—1)x+1
cht dudng thing y=2x+1 tai ba didm phan biét 4, B, C théa min diém C(0;1) ndm
giita 4 va B, dong thoi doan thing 4B c6 d6 dai /30,

A. m==%5. B. me{2;3}.
C. me{O;g}. D. me{l;5}.
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Cau 30: [543276] Cho ham s6 y=x> +2mx* +3(m—1)x+2 ¢6 db thi 14 (C). Cho diém

M (3;1) va dudmg thing d:x+y—2=0. Tim c4c gié tri cia m d& dudng thing (d) cht
db thi (C) tai ba didm 4(0;2), B, C sao cho tam gisc MBC c6 dién tich bérig 2/6.

A m=1, B. m=4.
C 1 o
« MM=—1. . m:4

Cau 31: [543278] Cho ham s8 y=x°—4x* +6x—1 (C) va dudmg thing d:y=x+1.
S6 giao diém ciia dudng thing d.va db thiham sb (C) 14 7
A.0. B.1.
- Cc2 S _ D.3.
Chu 32: [543280] Cho ham s y =x*+3x% —2x—9 (C) va dudmg thing d:y=2x+3.
Goi x,, %,, x, 12 hodnh d6 céc giao diém cia dudng thing d va d thi ham sb (C).
Téng 22 +x2 +x7 co gidtrila?

A. 13, " B. 8.
C.21. D. 17.

Cau 33: [543281] Cho ham s y=x>—6x> +9x—6 cb dd thi 13 (C). Tim m d& dudng
thing d: y = mx—2m—4 cét (C) tai ba diém phan biét.
A . m=-3. B. m<-3, m#-1.
C.m>-3, m=l1. _ D. m=-3.
Céu 34: [543283} Cho ham s6 y=x° —3x> +1 ¢6 db thi 1a (C). Tim m dé dudmg thing
d:y=(2m—1)x—4m—1 cét (C) tai hai diém phén biét.

A, —§<m<l. B.m=-—§-.
8 2 8
C.m=—§h0}icm=-1—. D.m=l.
8 2 2

Cau 35: [543284] Cho ham s6 y =%’ —(m+3)x* +4mx—m’® c6 & thi 12 (C). Tim m
@& (C) cht truc hoanh tai ba diém phén biét 4, B, C sao cho x’ +x; +x5 =8.

A. m=0, B. m=1.
C. m=-1. D.m=2.
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Céu 36: [543286] Cho him sb y=x"~5x>+3x+9 c6 db thi 1a (C). Goi A 13 dudng
thang di qua 4(~1;0) vA c6 hé s6 géc 14 &. Tim & d& A cht (C) tai ba diém phan bigt
4, B, C' sao cho tam gidc OBC o6 trong tim G(2;2) véi O 1 gbc toa do.

A, l B. _E_
c.-1 D. 3,
4 4
DAP AN TRAC NGHIEM
01.A | 02.D | 03.D | 04.B | 05.C | 06.A | 07.A | 08.C | 09.B 16.D
11.€ | 12,8 13:D"| 14.D-| 15°A | 16.B 1 17:A | 18:A [ 19.C [ 200D
21.A | 22.A | 23.B | 24.C=[-25: A | 26: D {-27:B | 284 |-29: € - 30: D
31.C | 32.D | 33.C | 34.C | 35.B | 36.D |
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TUONG GIAO DO THI HAM TRUNG PHUONG

[TV6069}
I. LY THUYET TRONG TAM VA PHUONG PHAP GIAI
Xétdd thi (C):y=ax® +bx® +c r(a #0).
+ Tung d giao diém cta (C) va truc tuﬁg {(x=0) langhiém ciia y=c
= (C) cittryc Oy tai diém M(0;c).
+ Hoanh @9 giao t;ém cia (C) va truc hodnh (y =0) lAnghiém ctia ax* +bx’ +c=0 (1)
1. Bai toan lién quan dén sb giao diém
86 giao diém ciia (C) va truc hoanh chinh 1 56 nghiém ciia phicong trinh (1).

Dt 1 =x> >0 thi (1) thanh ar® +bt+c =0 o | )
e (C) ot tryc hodnh tai 4 diém phén biét < (2) c6 2 nghiém duong phén bigt
A=b"—-4ac>0
= AT =—£>0

a

[
th,=—=>0
L a

e (C) cdt truc hoanh tai déng 3 diém phén biét < (2) ¢6 1 nghiém duong va 1
nghiém bing 0.
. 2 2)cl iém képduon
e (C) cit tryc hoanh tzi diing 2 diém phin bigt <> { =) eneniemkepduong
(2) conghiém duong va nghiém am
(2) ciing nghiém képbing 0

o (C) cét truc hoanh tai diém duy nhit < i )
(2) cénghiémbang 0 va nghiém am
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(2) v6 nghiém
* (C) khong cit tryc hoanh <> {(2) cling nghiém kép am
(2) c6 2 nghiém Am phan biét

Mgt 56 bai todn co thé thay truc hodnh thanh d:y=m hodc (P) y mx’ +n, phuang
phdp gidi hodn todn tuong t nhic trén.

2. Bai todn lién quan dén cép s6 cing

Tim diéu kign dé (C):y =ax* +bx*+c {a=0) cdt truc hoanh tai-bén diém phan
biét ¢6 hoanh d¢ Igp thanh mgt cap sé cong.

+ Bude 1. Tim didu kién dé (1) c6 4 nghiém phén bigt
A=b~4ac>0

<> (2) ¢6 2 nghiém duong phén biét 1 va ¢, o t+t, =——11> 0 *
_ a

4, =550
a
Giasu ¢, <t, khldocacnghmmcua(l)la-—\ﬁ; ,/T,\/— J—
+ Burde 2. Baira ¢ —\/t:, JrT; \/E; J:; theo thit t 18p thanh mét cép sé cong nén

()= = () 5 =3 =ty =55,

ft,=——
ad
+ Burée 3. Két hop véi hé thirc Viet, ta gidi hé |7, = <
a
L, =9
b
b b |r=--2
t1+tz=—;1-:> 101‘,:——: 1 13;,
t, =9¢ t, =% t, ="
2 1 _ 2 1 2 10a
, c 9% c ac 9
Thé vao tt, =— = =—=9" =100gc => — = —.
T T 100 a B 100

Chu y ddi chiéu véi (*) va chon dép 4n ding.
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o ViDy MINH HOA

Vidu 1. Hoi co tat ca bao nhidu giao diém gifta @5 thi ham 8§ y=x* =35> +4 va dudmg

thing y=2 ?
A.3. ' B. 4.
C.2. D. 1.
Loi gidi
Phuong trinh hodnh d6 giao diém x* ~3x*+4=2 (1)

Phuong trinh (1) ¢d 4 nghiém phén blet

Chqn B N ) ,

Vi du 2. Cho ham $6 y=x*— 2(m+1)x +m ¢ dd thi (C,), voi m 1a tham sé thure.
Biét réng (C,,) cét tia Oy tai diém M théa man OM =5, véi O 14 gbc toa 5. Ménh
d¢ nao duoi day la ding 7

A 2<m<l. B. 6<m<-2.
C.d<m<6b. D.1<m<4.
Loi gidi

Tacé M =(C,)nOy=> toadd M linghiém ciahé
=x*-2(m+D)x*+m =m —
{y . (met)em [y =r = M(0;m)=> OM =(0;m) = OM =],
x= x= ,
Baira OM =5=|m|=5<m=415.
Hon nita M thufc tia Oy = m =5 théa mén,
Chon C
Vidg 3. Cho him 86 y =x* —2mx” + 6 —2m ¢6 db thi (C,), v6im 14 tham sb thye. Hoi
c6 tht ca bao nhiéu gié trj nguyén cita m d& (C,) cét truc hodnh tai bén diém phan bist ?
Al ' B. 2.
C.4. D. 3.
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L gidi _
Phurong trinh hoanh 5 giao diém x* —2m¢ +6—-2m=0 )

Pit £ =x? >0 thi (1) thinh ¢ —2mt+6—2m=0 (2)
Tacé (C,,) cit truc hodnh tai bdn diém phan biét
<> (1) ¢6 4 nghiém phén biét < (2) ¢6 2 nghiém duong phén biét
A=m—(6-2m)>0 |(m+1)'>7 [m+1>7
&t +H,=2m>0 Sim>0 - o> im>0 _<:>ﬁ—-1<-m<3;«~—

1, =6-2m>0 m<3 m<3

Mi meZ =>m=2 thda mén.

Chon A

Vi du 4. Cho ham sb y = x* — 2mx? +6—2m cb do thi (C,,), v6i m 1a tham sé thye. Biét
ring (C,,) cit truc hoanh tai ding ba diém phén biét. Ménh dé ndo duéi ddy 13 ding ?

A.l<m<—5—. B. -—1<m<}—.
2 2 2
C.§<m<—9—. D.2<m<6.
: 2 2
Loi gidi
Phuong trinh hoanh d6 giao diém x* —2mx” +6—2m=0 1)
bit ¢ =x >0 thi (1) thanh ¢ -2mt+6-2m=0 2)

Ta ¢6 (C,, ) cét truc hoauh tai déng 3 diém phan bigt
¢ (1) ¢6 dling 3 nghi¢m phén bigt
& (2) c6 1 nghiém dirong va 1 nghiém bing 0.
Do (2) ¢4 1 nghiém bang 0 nén 0° —2m.0+6-2m=0< m=3.
Thir lai, v6i m =3 thi (1) thanh x* —6x =0<=>l:x=0 = m =13 thoéa man.
x=i\/€
Chgn C
Vi du 5. Cho ham s y=x*—2mx® +12—m ¢6 4 thi (C,), v6i m 13 tham s thyc.
Héi ¢6 tht ca bao nhiéu gié tri nguyén ciia m nhd hon 18 dé (C,,) cét truc hodnh tai

diing hai diém phén biét.
A.5. B.11.
C.s. D. 6.
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Loi gigi

Phuong trinh hoanh 6 giao didm x*— 2.74»:'3(:2 +12-m=0 ¢))
Pit =" >0 thi (1) thanh > —2mt+12-m=0 | '3
Ta ¢6 (C,,) cét truc hoAnh tai ding 2 diém phan biét
{(2) cing nghiém kép dwong
(2) conghiémduong va nghiém am

m=3
e THI. (2) ¢6 nghiém kép duong :>A'=m2—(12—m)=0<:>|im__4
Vi m=3 thi (1) thinh x* ~6x> +9=0<x* =3 < x =13 = m =3 théa man.
Véi m=—4 thi (1) thanh x* +8x% +16 =0 <> x € & = m = —4 khéng thoa min.

o TH2.(2)c6 I nghiém duong va 1 nghiém &m
A=m’—(12-m)>0 |m*+m-12>0
= Sm>12,
tt,=12-m<0 m>12
Mi m<18 v me Z=>me{13; 14; 15; 16; 17}.
Tém lai c6 tht ca 6 gié tri cia m thda man bai toan.
Chon D '
Vi du 6. Cho ham 38 y=x* +2mx? +m? —3m c6 b thi (C,,), v6i m 1a tham s thuc.

Hai ¢6 tit ca bao nhiéu gié tri nguyén cia m dé (C,) cit truc hoanh tai diém duy nhét.

Al B. 3.
C.4. D.2.
Lo gigi
Phwong trinh hoanh 46 giao diém x* +2n0 +m* —3m =0 )
D3t ¢ =x* >0 thi (1) thanh £ +2mt+m* —3m=0 @)

Tacé (C,,) ciit tryc hoanh tai diém duy nhét

- (2) ciing nghiém képbang 0
(2) cénghiém bing O va nghiém am
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Trong ¢4 hai trudng hop thi (2) déu c6 nghiém bing 0

2 2 m=0
=0 +2m0+m* -3m=0=>
m=3
Véi m=0thi(1)thf‘mhx4=0<:>x-0:>m—0 théaman.
Vi m=3 thi (1) thinh x*+6x* =0 x= 0:>m 3thoama.n.
Tém lai c6 tht ¢4 2 gid trf clia m thoamanbaltoan : T

Chon D
Vidu 7. Chohéméi')"y =x*+2mx” +3m—2 ¢ 40 thi (C,), véi m 1 tham b thye.
Héi ¢6 tht ca bao nhidu gid tri nguyén cha m nhd hon 10 dé (C,) khong cét tryc hoanh.

A.9. - S : B.7.
C. 10. : D. 8.
Loi gidi
Phuong trinh hoanh d6 giao diém x* +2mx® +3m—2=0 ¢
Dt ¢=x* 20 thi (1) thanh £ +2mt+3m—2=0 )
| " " [(2) vo nghiém

Ta ¢6 (C,) khong cit truc hoanh <> {(2) ciing nghi¢gm képam
(2) c62nghiém &m phan biét
e THL. (2) v nghiém < A'=m’ —3m+2<01<m<2 mi meZ—=me.

m=1
e TH2. (2) ¢6 nghiém kép 4m :>A'=m2—3m+2=0:>l:

m=2
V6i m=1thi (1) thinh x* +2x* +1=0 xeF=>m=1 -tﬁéamﬁn.
Véi m=2 thi (1) thinh x* +4x’ +4=0=xe P =>m=2 thoa man.
e TH3. (2) c6 2 nghiém 4m phan biét
A'=m?-3m+2>0 [’”)2 m>2
=1

4+, =-2m<0 m<l
tt,=3m—-2>0 m>_§.

MimeZ va m<10=>me(3;4;5;6;7; 8; 9}.
Tém lai c6 tat ca 9 gi4 tri clia m thoa mdn bai todn,
Chon A
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Vidy 8. Cho him s y = x* —(m+2)x* +m+1 c6 dd thi (C,,), v6i m 12 tham sb thyc.

Hoi c6 tht 4 bao nhiu gi4 tri nguyén ctia m nhé hon 10 @& (C,,) cét truc hoanh tai bén
diém phan biét ¢6 hodnh d6 nhé hon 2.

A.3. B.2.
C.4. D. 5.
Loi gidi
Phuong trinh hoanh d¢ giao diém x* —(m+2)x* +m+1=0 (1)
xﬁ___mzl
2 2
P&y (m+2Y —4(m+1)=m? nén (1) & 2
&y (m+2) —4(m+1)=m" nén (1) . mt2em (2)
X =———=m+l
Ta cé (C,,) cit truc hoanh tai bén diém phéan biét
m+1>0 >-1
& (1) 6 4 nghiém phan bidt <> " *)
: 1 =m+1 m#0
x==x1<2
Tt d6 (2) < | x=vm+1
x=—ym+1<2

Khi d6 YCBT <> m+1<2 <> ~1<m<3,

Két hop véi (*) va meZ tacé me{l;2} théa man.

Chon B

Vi dy 9. Cho ham s8 y=x*—2mx? +1 6 @ thi (C,), v6i m 13 tham sé thyc. Bidt
(C,) ¢t truc hodnh tai bén diém phan biét c6 hoinh 49 x, x,, x,, x, thoa man
X; +%; +x +x; =12. Ménh G2 ndo dudi day 13 ding ?

A.§<m<£. :B..1<m<§.
2 2 , 2
C.£<m<2-. D.2<m<6.
2 2 2
Loi gidi
Phuong trinh hoanh 6 giao didm x* —2mx® +1=0 (1)
Pt t=x">0 thi (1) thanh £ —2mr+1=0 (2)
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Ta ¢6 (C,,) cét tryc hoanh tai 4 diém phan biét

& (1) ¢6 4 nghiém phan biét < (2) ¢6 2 nghiém dirong phan bit

A'=m*-1>0 )
, m >1
L +HL=2m>0 Sm>l *)
m>0
tt,=1>0 R o

Tir £=" taduge x =2+, khi d6 (1) ¢6 4 nghiém 13— f1;3 /13 V.

Tacod x}+x; +x;+x, =t, +t,+1,+, =2{f, +1,) = 2.2m =12 < m =3 thoa mén (*).
Chon C

Nhdn xét

Néu thay a1 x2 +x2 + x> +x" =12 thanh |x1|+[x2|+]3%]+[x4|—6 thi ta 1am nhw sau:

Ta 06 [+ o |+ | + x| =|-/o ]+ J_|+|J_| |J_| J—+~f—)

=5+ +2 4, =9:>2rﬁ+2-=9:>m=3 théamin(*)

Vi dy 10. Cho him s6 y=x*—2mx*+1 ¢6 dd thi (C, ), v6i m 14 tham sb thyc. Biét
(C,) cét truc hoanh tai bon diém phan biét ¢6 hoanh d6 x,, x,, x,, x, theo thi tr 1p
thanh mét cp sé cong. Ménh d& nao dudi day 1a dang 7

A, 3<m<-1. B. -1<m<l1.
C.1<m<3. D.3<m<5.
Loi gigi
Phuong trinh hoanh d§ giao diém x* —2mx® +1=0 (1)
it 7= x* >0 thi (1) thanh £ —2m¢ +1=0 o

Ta c6 (C,,) cét truc hoanh tai 4 diém phan bigt

<> (1) co 4 nghiém phén bigt < (2) c6 2 nghiém duong phin biét

A'=m"-1>0 ,
m >1
= tl+tz=2m>0<:>{ 0<:>m>l ™
=
1t,=1>0 "

Trong muyc I phin Bdi todn lién quan dén cdp sé cong ta c6 cong thirc giai nhanh
ac 9 '

» 100’
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Boi véividupay thi a=1, b=-2m, c=1 nén

o ::—zﬁzwn—g thda min {(*}.
R 2444 1

5 10 x°=3 x=i\f§

Thit lai, v&i m== thi (1) thanh x* ——x*+1=0 1 1
3 3 x=— x=+—

3 V3

2
RO rang —3;- \/— \/— \/_ 3 theo thir tur 1ap thinh mét cdp sb cdng v6i cong sai bing —— i

> m= -j- théa min bai todn.
Chon C

III. BAI TAP LUYEN TAP [TT6070]

Ciu 1: [556959] Cho ham sb y=x*-3x*-1 (C) Db thi ham sé d3 cho cét dudng
thing y=-2 tai ? '

A. 1 diém duy nhét. B. 2 diém phén biét.
C. 3 diém phan bit. _D. 4 diém phan biét.

Cau 2: [556960] Cho ham s§ y=—x*+4x>+1 (C) va Parabol (P):y=2x*~1. 86 giao
diém cta (C) va (P) 1a?

Al B. 2.

C.3. D. 4.
Ciu 3: [556961] Cho ham s6 y =x*—6x* +3 ¢6 dd thi 1a (C). Parabol P:y=—x*—1
' cat d th (C) tai bbn diém phén bidt. Téng binh phwong céc hoanh d6 giao diém cia P

va (C) blng? | |

A.5. B. 4.

C. 10. D. 8.
Ciu 4: [556962] Cho him s6 y=x*—(m+9)x*+9m (C). Gid tri cia m & (C) cit
truc hoanh tai bén diém phén biét déu ¢6 hoanh dd déu Ién hon —4 137

) A.m<16,m¢9. B.m=4, m=#9.

C. 0<m<16, m=9. D. 0<m<16, m=9.
CAu 5: [556963] Cho hém sb y=m’ +(m+1)x* +1 (C). Gid tri cia m d& (C) cét
truc hoanh tai bbn diém phén biét 13 ?

A -1<m<. B. -1<m<0.

C. m>1 hoic m<-1. D. m=.
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Ciu 6: [556964] Chohamsoy x —(m l)x ~ ( ). Giamcuam de( )cﬁtOx

tai hai didm phén biét c6 hoanh db x,;x, thoa mén |x1| + [x2| —4 137

A m=-2, : B. m=—4.
C. m=4, D. m=1L

Céu 7: [556965] Truc hoanh cét dé thi ctia him s8 y = x* —3x> +1 tai bao nhiéu diém ?
A1l B. 2.
Cc.3. ' D.4.

Ciu 8: [556966] Cho ham sb y=x*-2x+m (C,). Tirm tat cd cac gia trj thyc cla
tham s8 m sao cho (C,) cét truc tungtal didm M théa min OM =5.

A. . m=+1. B. m=413.
C. m=12. S D m=215.

phin b1§:t_ c6 hoanh d¢ x;x,;x,;x, thoa min x; +x2_ +x+x=301a?

A. m=6. B. m=5.

C.m=8. : D. m=3.
Ciu 10: [556968] Cho ham s6 y=—x*+5x>—4 c6 @b thi 14 (C). Tim m dé dudng
thing y=m cit 46 thi (C) tai bon diém phén biét theo thi tw 4, B,.C, D théa min
AB=BC=CD.

A.mzl. B.m-—-—z.
2 4

C.m=2. D.m=23.
4 2

Céu 11: [556969] Cho ham s§ y =x*—2mx+1 (C, ). Tim tét ¢4 céc gid tri thyc cla
tham s6 m sao cho (C,,} cét truc hoanh tai bdn diém phén biét ¢é hodnh 4% x,,x,,x;,x,
thda min x”+x; +x; +x; =8.

A.m=2. B. m=3.

C. m=1. D. m=4.
Ciu 12: 556970] DA thi (C,) ciia him s6 y = x* —2mx? +1 cét tryc hoanh tai bbn diém
phén biét c6 hodnh 9 x,,x,,x,,, theo thir tir 1ap thanh mat cip sé cong. Biét ring gia
tri m thoa min didu kién trén c6 dang % véi a, b>0 v % 1 phan s t5i gidn. Tinh
gid tri ciia biéu thitc P=a* +2b%. ,

A. P=41. B. P=43.

C. P=57. D. P=59.
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I

Céu 13: [556971] Cho him 88 y=x*—(3m+2)x* +3m+1 (C,). Tim tht c4 céc gi4 tri
thyc cta tham & m sao cho (C,) cét truc houh tai bén diém phan bigt c6 hoanh dd
1nho hon 2.

A.m;&O,—}-<m<l.‘ B. —l<m<—1-.
2 2 2
1 1

C.m¢0,-§<m<l. D. —-§<m<l.

Céu 14: [556973] Cho him s6 y =x*—2(m—1)x* +3m—9 c6 dd thi 14 (C, ). Tim gi4
trj cia m & d6 thi (C,) cét truc hoanh tai bén diém phén bigt 4, B, C, D théa min
X, <Xy <X <X, Vatam giic MAC c6 dién tich bing 2 v6i M(5;1).

A. m=6. | B. m=3.

C..m=9. D.m=4.
Cau 15: [556974] Cho ham sb y=x*—mx*+1 (1). Goi m 13 gia trj dé duong théng
d:y=2x+1 cht d6 thi ham sb (1) tai bdn didm phan bidt. Biét m<5, sb céc sb
nguyén m can tim 1a ?

A1 - B.2.

C.3. D. 4.
Cau 16: [556975] Tim tht c& cic gid tri thuc cia tham sé m @& dd thi ham sé
y=x'—(2m+1)x" +m* +m cat tryc hodnh tai bén didm phdn biét c6 hoanh dd
a, b, ¢, d thbamin & +b* +c* +d° =26.

A. m=-2. B. m=6.

C. m=3. : D. m=-3.
Céu 17: [556976] Tim tht c4 cic gid tri ciia tham s6 m dé dd thi ham s§ y = x* —2x?
cit dudng thing y = m tai hai didm phan biét.

A.m=>-1. B. m=>0Q.
m>0 m=0
C. D.
m=-1 m=-1

Ciu 18: [556977] Tim tit ci cic gi4 tri cla tham s8 m d& dd thi ham sb
y=mx* +2x* +3 cit dudng thing y=5x+m tai duy nhit mdt diém.
Am=l, B. m=0.
4

C.m=—-. D.m>0,m¢:11-.
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Cau 19: [556978] ‘Co6 bao nhifu gi4 tri thuc clia tham sb m- dé. 5 thj hdm sb
y=x*—mix* +3 ct duong thing y =(1~m")x+3 taiba diém phanbigt 7

A.0. B.1.

C.2. D. 3.
Ciu 20: [556980] Cé bao nhiéu gid tri thuc cia tham sé m dé b thi ham s
»=(x*=1)" =(m+1)’ (1-m)’ céit tryc hoinh tgi bén diém phan biét c6 hodnh d9 twong

ing lap thanh m{t ce“'lp ) cng.

C. 3. | - - D.a
Ciau 21: [556981] Tim sé giao didm' gitta 35 thi ham s§ y=%*~3x*—1 v&i dudng
thing y=-3x.

Al . B.2.

C.3. .. _ D.4.

Céau 22: [556982) C6 bao nhiéu giao diém gifra ¢ thi hém s8 y=—x*+2x? +10 véi
dudmg thing y =5x—8 c6 hoanh dd drong.

Al B.2.

C.3. o D. 4.
Ciu 23: [556983)] C6 bao nhiéu giao diém gitta dd thi ham s6 y =x* +x*—2 véi dudmg
thing y =x+1 ¢6 hoanh &5 am.

Al | B.2.

C. 3. , D. 4.
Céu 24: [556984] Tim tit ca céc gia trj cha m dé dudng cong y =x* —40x* +6m cit
tryc hoanh tai bén diém 4, B, C, D sao cho AB=BC =CD.

A.m=24. B. me{2;3}).
C. me{1;5}. D. me{O;-z—}.

Cau 25: [556985] Tim tit ci cdc gid ti cia m d8 dd thi ham sé
y=x*~2(m+1)x*+2m+1 cit truc hodnh tai bén diém phan biét c6 hoanh d Iap

thanh mét cap s6 cdng.

A m=15. B. me{2;3}.

C. me{—g;4}. D. me{1;5}.
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4

) 5 :
Chu 26: [556986] Cho ham sb » :%—3x2 +2 ¢6 d6 thi Ia (C). Cho diém 4 thude

db thi (C) c6 hoanh @3 12 1. Tiép tuyén cita (C) tai 4 cét dd thi (C) tai diém B. Tinh
@5 dai dogn thing AB.

A. J65. B. 24/17.
C. 2465, D. 4:17.
PAP AN TRAC NGHIEM

01.D | 02.B | 03.C | 04.D | 05.D | 06.B | 07.D | 08.D | 09.B | 10.B

11.A | 12.B | 13.C { 14.A | 15.B { 16.B | 17.C | 18.A | 19.C | 20.D

21.B | 22.A | 23.A | 24.A | 25.C | 26.D
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TUONG GIAO DO THI HAM PHAN THUC
[TV6071]

I. LY THUYET TRONG TAM VA PHUONG PHAP GIAI

ax-t—j; va dudmg thing d: y =mx+n.

Xét do thi (C):y=

cx+

Hoanh db giao diém ciia d va (C) 14 nghiém ctia phuong trinh

ax+b=mx+n<:> xi_? (4=0)
ex+d -

- 1A% +Bx+C=0 (1)

1. Bai toan lién quan dén sé giao diém

e d cit (C) tai hai diém phén biét

d A=R*—44C>0
<> (1) ¢6 hai nghiém phén biét khac —— < 2 -
M ghuém p c A[—EJ B.-—€+C¢O
¢ ¢

o d cht (C) tai diém duy nhét

(1) conghiém kép khic 4

- ¢
) (1) c6nghiémphan biét trong d6 c6 1 nghiém bing 4
<

- e d khéngcit (C)
(1) vonghiém

(1) cénghiém kép _jd_
¢
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2. Bai todn lién quan dén tinh chit cic giao diém

Phén ndy, ta chi xét bai toidn mé c6 fién quan dén d cdt (C) tei hai diém phdn bigt.
+ Bude 1. Tim diéu kién dé d ¢t (C) tai hai diém phan biét

(A=B-44C>0

& (1) ¢6 hai nghiém phan biét khac —2 <> 1‘4 ( d]z _d *)
C ———

+B—+C#0
[sd

¢
+ Budgc 2. Goi toa 4§ hai dlem ta gla su do la 4 va B.
Do 4, Bed=> A(x;; m.x1+n) B(xz,mx2+n)

XX, =——
Laru y x,, x, chinh la hai nghi¢m cua (1) nén theo hé thirc Viet thi

+ Budce 3. Theo yéu céu.be‘li toén, té tim m, _chﬁ y déi chiéu voi (*) va chon dép 4n ding.
H. ViDy MINH HQA

Vi du 1. Biét ring dwong thing y =2x—1 cit 46 thi ham s§ y= %‘—11 tai hai diém
phén biét c6 hoanh d§ x,, x,. Tinh S=x +x,.

A S=1 B. §=-1.
C. §=2. D. §=3.
Ldi giai
Phuong trinh hoanh d9 giao diém 2x-1= 3= 11
x+

x#-1 xz-1 X
= = <~ =85=0+1=1.
(2x—l)(x+l)=3x—1 2% —2x=0 x=1
Chon A

Vi du 2. Biét ring dudmg thing y=2x—1 cit dd thi ham sé y= 3x-1 tai hai diém

x+1

phan biét 4 va B. Tinh db dai doan thing AB.
A. 4B=2. B. 4B =
C. 4B=42. D. AB=

NG
3.
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Leoi gidgi

Phuong trinh hodnh 6 giao diém 2x—1= 3x+_11
x
x#-1 x#-1 x=0=> y=-1= 4{0;-1)
=
< (2x—1)(x+l)=3;:c——1<::> 2x"-2x=0 |x=1=y=1=B(L1)

:>E=(1;2)::>.AJB=~/12+22 =f5.
Chen B

Vi dy 3. Biét ring dudng thing y=2x—1 cit dd thi ham sb y=3"—+‘11 tai hai diém

phé‘m_biét_A va B. Tim,tq_a d_(_’i trug_g_di_ém_ M cua doan théng AB.

A M l;—l . B. M(-l-;O}
373 2
C. M(0;-1). ' D. M(L1).
Léi gidi
Phuong trinh hoanh d giao didm 2x—1= -~ ‘11
X+
x#-1 x#-1 x=0=>y=-1=> 4(0;~1)
= IO & = e
(2x-1)(x+1)=3x-1 " |25 —2x=0 x=1=y=1= B(1;1)

Do 56 toa 46 trung diém M cha doan the"ing AB 1a (?;%l) = (-;—;OJ.

Chen B

3x-1
x+1
phén bigt 4 va B. Tim toa d§ trong tAm G cnia tam gidc OAB, véi O 1a gbc toa d5.

l;OJ. B. G[}—;OJ.

' 3. . 2

. G[_l;o} D. G(l;o).
2 3

Vi du 4. Biét ring dudng thing y=2x-1 cht dd thj ham s6 y= tai hai diém

297

http://tieulun.hopto.org



Loi gidi

Phuong trinh hodnh d6 giao didm 2x—1= 3":‘
X
x#—1 x#-1 x=0:>y=—1:>A(0;—~1)
o i’ o ] = 40~
(2x-1)(x+1)=3x~1"" [2x-2x=0 | x=1=y=1=B(L1)

Do d6 toa d6 trong tim G cia tam gidc O4B I [O*‘;*O;Q“';* ljé(%;o} '

Chen D

Vi du’s. Tim tit ci cic gid tri thu¢ cia tham sé m sa6 cho dd thi (C) ctia ham sb

y=2 *i‘ céit duomg thing y = x —m tai hai didm phén biét thudc bai nhanh ciia (C).

X+
A.m>1.. .. B. -l<m<l. .
C. med, : D.meR.

Léi gigi

Phwong trinh hoanh d6 giao diém
x+3 x#-1 x#-1
— = L
x4l |(x-m)(x+D)=x+3 " |F-mx-m-3=0 (1)
Tacé d cét (C) tai 2 diém phan bigt <> (1) ¢6 2 nghiém phén biét khic —1

{A=’”2_4(_’”_3)>0 {(m+2)2+8>0
& =

3 mEV]R ) *)
(=1) ~m.(~1)-m—3#0

meR
YCBT <> (1) ¢6 2 nghiém phan biét x;x, khic —1 thdéa min
(m+1) (g +1) <0 xx, +x +x, +1<0 2)

s A 4 2 AT LRt =m
Do x;x, 14 2 nghiém ctia (1) nén theo hé thirc Viet, ta c6
xx, =-m-=3

Khi @6 (2) ¢>~m-3+m+1<0<>melR, két hop véi (*) ta dugc meR thoéa man.
Chon D
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Nhdn xét .
Néu thay yéu ciu thudc hai nhénh ctia (C) thanh thuge cing mét nhénh clia (C) thi ta
chi cn chuyén (x, +1)(x, +1) <0 thanh (x, +1)(x, +1)> 0. Tuong tu nhu trén thi m € .
Vi du 6. Cho him s y= x_J'i’ ¢6 db thi (C). Biét rhng c6 mdt gié trj Am cta m 13 m,
X+
dé duong thing d:y=x—m cit (C) tai hai diém phéan biét c6 hodnh d¢ x, x, thoa

min x? +x? =14. Ménh & nao duéi day 12 ding ?

A. ~2—6<m0<—£. B. —.ﬂ<m0<—ﬁ..
5 10 10 5
C. —E<m0<—3. D. —§-<m0<0.
5 2

Léi gidgi
Phirong trinh hoanh & giao diém

x+3 x#—1 x#-1
= ——— —
x+1 (x—m)(x+D)=x+3  |F-mx-m-3=0 (1)
Tacé d cét (C) tai 2 diém phén biét < (1) ¢6 2 nghiém phan bigt khic —1

{A:m2—4(—m—3)>0 {(m+2)2+8>0
= o

R *
(<1 —m{=1)-m—-320 e ©

meR

. o R A x+x,=m
Do x;x, 13 2 nghiém cia (1) nén theo b¢ thirc Viet, ta c6
xx,=—m-3
C e 2, 2 2 2 m=2 s
Khido X’ +x; =(x, +x2) —2xx, =m —2(—m—3) =14 & 4 thoa min (*)
m=
T d6é my =-4.
Chon B
Nhin xét
Lién quan dén dang bai todn nay, ta cin Twu ¥ mot s bién ddi sau:

(5 +2)(x, +2) =xx, +2(x, +x,) +4.

5, —x,| = J(xq —ch)2 = \/(xl +x2)2 —4xx,.

x13 +x§ =(Jcl +.7«:2)3 -3xx, (J\:l +x2).
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Vi du 7. Cho ham sé y——]L c6 dd thi (C) vaducmgthang d:y=x-m, v6im Ia
] X+ .

tham sé thyc. Biét ring d cit (C) ta: ha1 diém phan blet c6 hoanh do X, x2 ‘théa méin
x,+2x, =1. Ménh d nio duéi ddy 12 dtng ? '

A. 4<m<-2. _ - B. -—2<_m<—%.
C. -——1—<h1<§-. D.~5-<m<3. ‘
2 2 : 2.
Lii gidi
Phuong trinh hodnh d4 giao diém

x—1 x#-1 x#-1 ‘
X—m=—< =
x+1 (x-m)(x+1)=x-1"" | —~mx=-m+1=0 (1)
Taco d cit (C) tai 2 diém phén biét < (1) c6 2 nghiém phén bigt khic —1
A=m*~4(-m+1)>0
, om +4m-4>0 (*
(—-I) +m-—m+1z0 : :

, . ) +x, =
Do x;x, 142 nghiém ciia (1) nén theo h thirc Viet, ta o6 4 &+ 2
xx, =l-m

Tacé X +x, = m@ x,=l-m
x, +2x, =1 x, =2m-1

Thé vio xx, =1-m taduge (2m—1)(1~m)=1-m < m=1 thda man (¥).

Chon C

Vi du 8. Cho ham s6 y=:::—:315 ¢6 db thj (C) vA dudng thing d': y = x—m, v6i m 1 tham
s6 thyc. Biét ring c6 tht ca hai gid tri cla m 1 m va m, 48 duomg thing d:y=x—m cét
(C) tai bai diém phan biét 4 vi B thoa mén 4B =26. Tinh §=n7’ +nz.

A. §=125. B. §=—-125.
C. S=64. D. §=-64.

Loi gidi

Phurong trinh hoanh d6 giao diém

-m="""& =
a4l |(x-m)(x+)=x+3 7 | -mx~-m-3=0 (1)
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Tacé d cit (C) tai2 diém phan biét < (1) c6 2 nghiém phan biét khac -1

A=m*—4(-m-3)>0 ?
{ m’ —4(-m=3) @{(m+2) +8>0

, cR *)
(—1) —m (1) -m—-3%0

melR
Do A4, Bed=> A(x;x,—m), B(x,;x, —m)= x;;X, 122 nghiém cta (1).

_ x4 x,=m
Theo hé thirc Viet, ta cd AT
XX, =—m—3

Khi 46 4B =(x,—x;%, —x )= 4B = (x,—x) +(x, —x )

m=0

= AB* =2(x, +x,) —8xx, =2m’ —8(-m—3)=24<:>[ =m +m; =—64.

Chon D

Nhdn xét

Lién quan dén vi dy trén, ta con 6 thé hoi gid tri nho nhat clia 40 dai doan thing AB,

céch 1am nhu sau:

Nhu trén thi 4B =2m% +8m+24=2(m+2) +16 = 4B’ 216=> AB2 4.

Diu "=" xdyra <> m=—2 thda min (*)

Do &6 gid trj nho nht ciia 46 dai doan théng 4B 12 4.

Vi dy 9. Cho ham sb y=£+—i- c6 db thi (C) va dudng thing d:y=x—m, v6i m I
x_

tham s8 thye. Biét ring A (2;0) 1a trung diém cia doan thing AB. Ménh d€ nio dusi
diy 14 dimg ?

A. l<m<15—1. B. -S<m<-2.
1 '
C.?<m<4. D.2<m<].
Léi gidi

Phirong trinh hoanh d8 giao diém

x+1 x#1 x#1
x—1

eI (x—m)(x—l)=x+1c>{x2—(m+2)x+m—1=0 1)
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Tacod d cét (C) tai 2 diém phan biét <> (1) ¢6 2 nghiém phan biét khic 1

= 2 _a(m-— 2 _
@{A-—(m-i-Z) 4(m _1)>0@{m +8>0 o -

P —(m+2).1+m-1%£0 meR

Do 4, Bed= A.(xl.;.xl_-f.m).,‘B(xz;xz.—_m}:>-xl;x2 la2nghidmeda(d).- - - - - .

Theo hé thitc Viet, ta c6 X +x, =m+2.

Toa d6 trung diém ctia doan thing 4B 13 (xr;xg ;x1+x1—-2mJ=(m+2;2—m}

27 2
m+2
m+2 2-m 2 =2
Baira cé — |=(z0) e <> m=2 théa min (*).
2 2 2-—m__0
2

Chgn A

Vi dy 10. Tim tit i cdc gié trj thye cia tham s6 m sao cho d3 thi (C) cia ham s5

y=x+i’ cét dudng thing d:y=x—m tai hai diém phan biét 4 vi B clng véi gbc
x+

toa dd O tao thanh mét tam gic c6 trong tim 13 G(2;-2).

A. m=5, B. m=-5.

C. m=6. D. m=-6.
Loi gidi

Phuong trinh hoanh d¢ giao diém

x+3 {x¢—~l {x;&—l

T T | (rem) (x4 ) =503 P mmem3z0

Tacéd d cit (C) tai 2 diém phén biét < (1) ¢6 2 nghiém phan biét khic -1

{A=m2—4(—m—-3)>0 {(m+2)2+8>0
& =

R *
(1) —m(~1)-m-3%0 mer 0

melR
Do 4, Bed = A(x;x —m), B(x,;x, —m)=> x;x, 14 2 nghiém ciia (1).
Theo hé thirc Viet, ta co X +x, =m,

Ton tai AOAB = 0g AB <> Oed = 0#0-m<>m=0 (**)
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3 3

+x — :
Toa d% trong tAm clia tam gidc OA4B 1a (x' +% ;x, %2 2mJ=[E;--’E).

m_s

Baira ¢b [ﬂ;—ﬁ]=(z;—2)@ 3 <> m=6 thoa man (*) va (*¥).
373 m
LA,
3
Chon C

Vi dy 11. Tim tit ca cdc gid tri thuc cia tham s§ m sao cho dd thi (C) cia ham s6

y= i‘““_? cht dudng thing d:y=x—m tai hai diém phan biét 4 vi B théa min tam
X+

gidc OAB vudng tai O, véi O 1 gbc toa dd.

A. m=4. '  B.m=-4.
C. m=3. D. m=-3.
Léi gidgi

Phwong irinh hoanh d6 giao diém
=— = '
x+1 7 |(x-m){(x+1)=x+3 " |F-mx-m-3=0 (1)
Tacé d cit (C) tai 2 diém phan bi& < (1) ¢ 2 nghiém phén bigt khic ~1

{A=m2—4(—m-—3)>0 {(m+2)2+8>0
= —

) melR ™)
(-1) -m(-1)-m-3=0

melR
Do 4, Bed=> A(x;x —m), B(x,;x,—m)=> x;x, 142 nghiém cta (1).

) Clxtx,=m
Theo hé thitc V’let,taco{1 2

XX, =—m—3
Toéntai AOAB<>O0g AB=0¢d <= 020-m<m=0 (*?ﬂ)
Khi 46 AO4B vubngtai O <> O4.0B =0.
Lai ¢6 a=(xl;xl-—m), OB =(x,;x, —m) nén OAOB=0
& xx, +{x —m) (% —m) =05 2xx, —m(x +x,)+m* =0
& 2(-m=3)—-m’ +m* =0 <> m=-3 thoa min (*) va (**).

Chon D
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Vi du 12. Tun tat cd cée gla tri thuc cla tham so m sao cho do th1 (C) cua ham so

y:;? cit dm‘mg thﬁng d:y=x—m tai ha1 diém phan b1¢t A va B théa min tam
x+

gidc OAB céntai O, vai O 12 g(‘)c toa do.

A meR | . . B.m=0..
C. m=3. D. m=-3.
Léi gidi
Phuong trinh hoanh 46 giao diém ;...
. x+3 x#-1 x#-1 L
H’:mQ{(x—rh)(x+1)=x+3Q{xzhmx—m¥3="0_ o

Tac d cét (C) tai 2 diém phan biét <> (1) ¢6 2 nghiém phén biét khdc —1

{A=m2—4(—m—'3)>0 @{(m+2)2+8>0

) omelR *)
(—I) —m.(—l)—m-—3 #0

meR
Do 4, Bed = A(x;x,—m), B(x,;x,~m)=>x;x, ]a2 nghiém cla (1)-

xlxz

Theo hé thirc Viet, ta c6 {
xx, =—m—3

Ton tai AOAB <> O g AB <> O g d >0 0—m <> m =0 N |

OA=(x3%—m)=> 04 -r--JJt:,2 +(x ~m)’
OB = (3%, ~m)=> OB = |/ +(x, —m)’

Khi 46 AOAB can tai O <> 04=0B < 2x} —2mx, = x> —2mx,

Ta cd

X, =x,

o (xt-x)- -x,)=0&
(xl xz) m( 2) x4, =
Véi x, =x, = A= B=> khéng thoa man.
Hon nita theo hé thirc Viet, ta ludn ¢6 x, +x, =m

Két hop véi (*) va (**) thi AOAB cén tai O v&i Vm =0.
Chon B
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2 e A srulengy chnb seiivts 2263

Nhdn xét .
» Mt hudng lam khdc rét dée sdc cho vi du trén nhur sau:
Nhu trén thi O4% = x +(x, —m)2 =2(JC12 —mxl)-;-mz.
Hon nita x, 14 nghiém ctia (1) nén '
X —mx, =m+3=> 04" =2(m+3)+m’ =m* +2m+6.
Tuong tix OB*> =m* +2m+6=>04=0B nén AOAB cantai O véi Vm=0.

= Ta cilng cé thé chira AOAB cdn tgi O v6i Ym#0 bdng cdch khdc nhu sau:

Goi M 13 trung diém cia canh 4B

e Bt B =2mY 1"_;_2)5@':(2;_&)_
2 2 2772 2772

Tu AB:y=x—m:>a=(1;l)$O—M.a=%—%=0:>OMJ_AB.

Tam gisc OAB ¢6 M 1 trung diém cia canh 4B v OM 1 4B.
Do 6 AOA4B cintai O vii Vm#0.
® Phdt trién bai todn hon nita

+ Néu thay AOAB can tai O thanh AOA4B c6 mét goc biang 60° thi khi 46 AOAB déu
vi theo trén thi AOAB di cintai O véi Vm=0.

Ta ép cho 04* = AB>.

Tac6 B = (s, 555 %) = 45" = (55 (3,5 )

= AB? =2(x, +x,) —8xx, = 2m* —8(-m—3) = 2m* +8m+24.

Khid6 OA4% = AR & m’ +2m+6=2m* +8m+24 & m* +6m+18=0=>med.

+Néu thay AOAB céntai O thinh AOAB c¢6 mdt gbc bing 120° thi khi 46 40B =120°.

A8
Tam gidc AOAB cén tai O = sin60° =622=—‘/2-§-©432 =304

& 2m" +8m+24=3(m* +2m+6) <> m’* —2m—6=0 < m=1x7.
K&t hop véi (*) va (**) ta duge m=1+/7 théa man.
« Voiviéc chira OA> = OB® =m" +2m-+6 & trén, ta cé ngay bai todn hay va khé sau:

305

http://tieulun.hopto.org



X+

Tim tAt ca céc gié tri thuc ctia tham sé m sao cho dd thi (C) clia him s y =

duomg thing d y=Xx—m tai hai diém phan blf;,t A, B thoa mén OA—;—B—Z V0’1 o

1 gbc toa do.

Vi du 13. Cho ham s y_——1 codothl( )vaduongthangd y=x—m, véim la
+

tham s6 thuc. Biét ring d cit (C). tai hai diém phan biét 4 va B ‘thda man
04"+ OB’ =10, Ménh dé ndo dugi ddy ladéng? - ..
A 4<m<-2. B. 2<m<5.

C. 2<m<0. D. 0<m<2.
L& gidi -
Phuong trinh hoanh d4 giao diém

x+3 x#—1 . x#~1
X—-m="——>n- =
x+1 (x-m)(x+1)=x+3 ¥ -mx—-m-3=0 §))

Tacd d cit (C) tai 2 diém phin biét <> (1) ¢6 2 nghiém phan biét khéc —1

A=m"—4(-m-3)>0 ?
(~m-3) @{(m;l—z) +8>0 o *

(—1)2—m.(—1)—m—3¢0 melR

Do 4, Bed => A(x;x, —m), B(x,;x,—m)=> x;x, 12 nghiém cita (1).

-+ =
Theo hé thirc Viet, ta c6 {xl T =m
xx,=-m-3

OA4 =(x;%,~m) = O4 =x;+ (o ~m)’
OB =(.7c27;.1\t2 “m)::> OB* =x._? +(x2 ---m)2

Ta c6

=> 04 + OB* =2(Jc12 +x22)—2m(x1 +x,)+2m* =2(x, +x2)2 —4x,x, = 2m(x, +x, )+ 2m*
=2m" +4{m+3)—2m* +2m’ =2m* +4m+12 =10 = m=—1,

Chon C
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Vi du 14. Tim tit ca cic gia tri thuc cia tham sb m ‘sao cho dd thi (C) cua ham s

y =3-‘i% cit dudng thing d:y=x—m tai hai diém phan biét 4 va B thoa min goc
X+

AOB nhon, vdi O 1a géc toa do.

A.m>-3. B. m>-3.
C. m<-3. D. m<-3.
Loi gidi
Phuong trinh hoanh d6 giao diém
x+3 x#-1 x#-1
X—-m=—— =
x4l [{(x—m)(x+)=x+3 (&' -mx-m-3=0 (1)

Taco d cht (C) tai 2 diém phan bigt <> (1) c6 2 nghiém phan biét khéc —1

A= ~4(-m=3)>0 Q{(m+2)2+8>0<:>
(-1) ~m.(~1)~m=3%0

melR ™
melR

Do A4, Bed = A{x;x,—m), B(x,;x, —m)=> x;x, 14 2 nghiém cta (1).

X +x,=m
Theo hé thic Viet, tacd {~" - 2.
X x, =—m-3

— = OAOB = x,x, +(x,—m)(x, —m)

{O_T{:(xl;xl—m)
Laico
OB =(x,;x, —m)

=2x%, —m(x +x,)+m’ ==2(m+3)~m* +m* =2(m+3).
Bii ra gc AOB nhon nén OA.0B >0 < —2(m+3)> 0 <> m<-3.

Chon D
Nhan xét
Néu thay 4OB nhon thinh goc 4OB tithi ta chi cin chuyén OA.OB >0 thinh OA.0B <0

& -2(m+3)<0& m>-3.
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III. BAITAP LUYEN TAP [TT 6072]

Cau 1: [556996] Cho ham sb y =3fi;— (C). D& thi ham sb da cho cét dudng thing
e

y=2x—1 tai hai diém phén biét 4(x;,), B(x,;». Téng y, +y, bing?

A4 B. 8.
c.2. ' D6
Cén 2: [556997] Cho him sé y = "—J“; (C) va durong thing d: y = —x+m. Gid trj cia
x—
m & d cat (C) tai hai diém phén biét c6 hodnh d6 x,;x, thoa min xF +x2 =22 122
A . m=16, B. m=-4.
C.m=6. . D.CaBvaC.
Cau 3: [556999] Cho ham sb = ””“11 (C). Tht ca céc gid trj cita m dé (C) cht truc
.. 1 (€
Ox, Oy tai hai diém phin biét 4, B thod min S, =1 147
A, m"=’l. - B. m=il.
2 2
, m=0
C. m=%1. , D. [
T m=1

Ciu 4: [557000] Cho him sé y= Ll (C) va duong thing d: y = mx. Gid tri ciia m
x+ -

dé d cit (€) tai mot didm duy nhét 13 ?

A.m=0, m=-4, B. m=-4.
C. m=—4, m=1. D. Dap an khac.
Céu 5: {557001] Cho ham s y=x—+?l’ (C). Tim m sao cho dudng thing d: y=x—m
: x+
¢t {C) tai hai diém phan biét thudc cling mét nhanh cia 46 thi.
A.meR. B. med.
C. m>-1. D. -l<m<l.

Cau 6: [557002] Cho ham sb y=%':1 (C). Biét ring c6 hai giA tri ctia m 13 m, va
X

m, @& dwomg thing d:y=x—m cit (C) tai hai diém phan biét c6 hodnh d¢ x;x, thoa

man x7 +x; =21. Tich mm, bing ?

A. -10. B. - —
C. -15. D. ——,
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Céu 7: [557004] Cho him sé y =f-i*—? (C). Biét ring c6 hai gid tri cia m 14 m, va
X+

m, @& dudng thing d:y=x-m cit (C) tai hai diém phén biét 4 vd B théa min
. AB=+f34. Tng m, +m, bing ?

A, 2. B. -4.
C. -6. D. 8.
Céu 8: [557005} Cho ham s y="— (C) Tim m sao cho dudng thing d:y=x—m

cit (C) tai hai diém phan biét 4 va B thoa min 4B nhé nbét.

A . m=2. B. m=-2.
C. m=4. D. m=-4.

Céu 9: [557006] Cho ham sé y=£-l--:;’— (C). Tim m sao cho dudmg thing d:y=x—m
X+

cit (C) tai hai diém phin biét 4 vi B thoa min diém G(2;-2) 12 trong tdm cla tam
gidc OAB.

A.m=2. B. m=5.

C. m=6. D. m=3.

). Budng thing d:y=2x+9 cit dd thi

Céu 10: [557007] Cho ham sé y = 2x—1

X
ham s6 (1) tai hai diém phdn biét 4, B. Tinh tdng khoang céch 7' tir hai diém 4, B dén
truc hoanh.

A.T=9 B.
C.T=17 D.

Ciu 11: [557008] Cho ham sb y=-2—’5"—11 (1). Pudng thing d': y = —x-+1 cit db thi bam
, x+

T=8.
T=6.
s6 (1) tai hai diém phan biét 4, B. Tinh diéntich S ciia tam gidc ABC, véi C(—4;-1).

A. §=2.3. B. 5=4/3.
C.S5=33. D. S=63.

Céu 12: [557009] Cho him sb y= "—“"; (1) Tinh tdng tAt ca gi4 trj ctia m dé duong
x+

théng d:y=2x+m cit @ thi ham sé (1) tai hai diém phén biét 4, B va cit tiém cn

dimg tai M sao cho MA® + MB* =25.

A. 2. B. 9.
C. 10. D. -6.

309

http://tieulun.hopto.org



Moon.va’

Ciu 13: [557010] Cho ham s y="+; (1). Goi m 14 gié tri dé dudmg thing
X+Z 7

d:y=2x+3m cat 4o thi ham s6 (1) tai hai didm phin bidt 4, B théa man

OAOB - % véi O 1 ghe toa do. Gid tri ciia m bing ?

A. B. 1.

C. D.2.

N[= N

Cau 14: [557012] Cho ham sé y= 2"”11 (1). Puomg thing d di qua diém I(~2;1)
X+

va ¢6 hé sb goc 13 k cit dd thi ham sb (1) tai hai diém phén bist 4, B sao cho 7 13
trung diém ctia canh AB. Gi4 trj clia k béng ?
A. 1. B. -1.

C. p. L.

5

~1| -

Cau 15: [557013] Gia st 4 va B 1a céc giao diém cia dudng cong y = —J-C——? véi hai
x —
truc toa d9. Tinh d9 dai doan thing 4B.

A. AB=-2. _ B. AB =242,
C. AB=2./3. D. AB=2.[5.

Cau 16: [557014] Tim tht c4 céc gi4 trj cia tham 56 m dé duomg thing y=2T2 ch
X

dudng thing y = x+m tai hai diém ¢6 hodnh d d&i nhau.

A m=1. B. m=2.
4
3
C. m=3. D.me 2;3;2}.

Cau 17: [557017] Gié tri cia m d& dudmg thing A:y=x+m cit dd thi ham sb

(C):y= ﬁ‘f_; tai hai diém phén biét 4 vi B sao cho 4B =42 1a?

A, 2, B. 2.

C. -2. D. 9++/77.
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=2
-
clia m dé dudmg thing d va dd thi (C) ¢6 hai diém chung 13 ?

Céu 18: [557018] Cho ham sb (C):y va dudmg thing d:y=m?+1. Gia tri
A. me(~o0;—1](2;+0). B. m e (—0;1)(2;+0).
C. me(—o0;—1)u(1;+0). D. m & (~o0;—1)U(1;+0)\{0}.

2x-3

Céu 19: [557019] Cho ham sé (C):y = A va dudng thing d:y=m"+1. Gié trj

clia m dé dudng thing d va dd thi (C) ¢6 hai diém chung la:

A. me(—oo;+co)\{2}. B m e (0;+0)\{2}.
C. me(—oo;-f-w)\{l}. _ D. me(-—-oo;—l)u(—l;l)u(l;m).
DAP AN TRAC NGHIEM

01.A | 02.D | 03.B | 04.B | 05.B | 06.C | 07.B | 08.D | 09.C | 10.A

11.D | 12.C | 13.A | 14.B | 15.B | 16.A | 17.A | 18.D | 19.D
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TIEP TUYEN COA DO THI HAM SO
[TT6073-TI‘6074]

L LY THUYET TRQNG TAM VA PHUONG PHAP GIAI
1. Phwong trinh tiép tuyén ciia dd thi ham s6 tai diém A
Dinh Iy 1: Cho him s§ y = f(x) cé dd thi (C). Phuong trinh tiép tuyén cta dd thi ham
sb (C) tai diém M (x4;¥,)€(C) codang (d):y=y(x).(x—x)+¥,-
2. Diéu Kién tiép xiic
Pinh Iy 2: Cho ham sé y= £ (x) c6 @ thi (C) va duong thing (d): y =kx+m.
Pudng thing (d) tiép xac véi (C) khi va chi khi hé sau c6 nghiém {; ((xx); r’: tm
Khi d6 nghiém x ctia hé chinh 13 hoinh d6 tiép diém.
3. Phwong phap giai _ .
a) Phirong trinh tiép tuyén tgi diém thujc db thi him sé.
Bai todn: Vi dd thi ham sb (C) ¢6 pﬁumg trinh y = f(x). Phuong trinh tiép tuyén tai
diém M(xn;yo) € (C) codang (d):y=¥'(x)-(x—x,)}+¥,,co hé s6 goc k =y'(x0).
Chit y: |

e Phuong trinh tiép tuyén tai M (x,;y,)e(C), tic 12 tiép tuyén duy nhat nhén M

lam tiép diém.

e Phuong trinh tip tuyén qua M & (C), tirc 12 moi tiép tuyén di qua A .
b) Phirong trinh tiép tupén & qua diém cho trudc.
Bai to4n: Cho b thj ham s6 (C) c6 phuong trinh y = /(x). Pé 14p phuong trinh tiép

tuyén di qua diém 4(x,;,) ta lya chon mot trong hai céch sau:
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Cdch 1: Ta thyc hién theo cic bude:

Bude 1: Dutmg thing (d) di qua A(x,;y,) c6 phuong trinh (d): y=k(x—x,)+y,.

Budc 2: (d) tiép xtic véi (C) khi va chi khi hé sau ¢6 nghiém

{ F(x)=k(x-x,)+ y_,,__g{ F(x)=fl(x).(x=x)+5, (*)
f{x)=k f'(x)=k

Chii $: S nghiém phan bit x clia phuong trinh (*) bing sé tiép tuyén ké dugc tr 4
dén db thi ham sb. :
Cadch 2: Ta thuc hién theo cdc bude:

—rx=..=k=..

Budc 1: Gid sit tiép diém 1a M (x;; v, ), khi 6 phuong trinh tiép tuyén c6 dang . -
(d):7=9"(%)(x %)+
Buée 2: Diém A(x,;y,) thudc (d), ta duge y, =y (%) (x, 7«:0)+yo:>x0

¢) Phuwong trinh tiép tuyén biét hé sb géc.

Bai todn: Cho d6-thj ham s6 ( ) 6 phuong trinh y = f(x). Dé 14p phuong trinh tiép
tuyén c6 hé sb: gbe k cua do thi (C } ta hra chon mét trong hai c4ch sau:

Cich 1: Ta thyuc hién theo cic budc:
Bute 1: Hoanh db tiép diém ctia tiép tuyén 4 12 nghiém phuong trinh y'= k= x=..
~ Bude 2: Khi d6 ta dugc phwong trinh'tiép‘tuyén:
(d):y =Y (x)-(x~ x0)+y(x0)
Cdch 2: Ta thye hién theo cic budc:
Budc 1: Pudmg thang (d) véi hé sb goc & 6 dang
(d):y=kx+m |
Budc 2: (d) tiép xtic v6i (C) khi va chi khi hé sau c6 nghiém
| f(x)=lx+m
R

=m=..
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Chi y: Hé sb géc duge chon thudmg théng qua:

¢ Phuong trinh tiép tuyén song song véi duong thang (d):y=ax+b = a=k.
e Phuong trinh tiép tuyén vudng gbéc véi dudmg thing (d):y=ax+b = ak=—1.

e Phuong trinh tiép tuyén tao v4i dudng thing (d): y =ax+b mdt gbc

= tanag =

k—_—“—’ Trudmg hop dic biét Ia truc Ox = [k] =tana.
1+ ak

. Vi DU MINH HQA
A. PHUONG TRINH TIEP TUYEN TAI BIEM

Vi du 1: Tiép tuyén ctia 33 thi ham sé y = x* —3x*+2 tai diém A (1;0) cét truc hoanh
tai A, cit truc tung tai B. Tinh dién tich tam gidc OAB, véi O 14 gbc toa do.

AL B. 6.
c 3l ' D..3.
2
Léi gidi

Tacd y=x'—3x"+2= ' =3x" -6x= y'(1)=-3.
Gui ¢ 1 tiép tuyén cia @b thi (C) tai M(I;O):>d:y=y’(1)(x—1)+b<:>y=—3x+3.

ALO)=M=dnOx (04=1 1 3
Suy ra = = S0 =~ 0A.OB=—.
B(0;3)=d N0y 0B=3 2 2
Chon C.
Vidy 2: Choham sb y = x* +3x +1 ¢6 dd thi (C). Goi d 12 tiép tuyén ciia dd thi ham s6
tai diém A(1;5) vi B 12 giao diém thir hai cia d véi (C). Tinh dién tich tam gidc OAB?

A. 12, : B. 6.
C. 18. D. 24.
Lo gidi

Tacd y=x"+3x* +1= y' =3x" +6x= y'(1)=9.

- Goi d 1atiép tuyén cta (C) tai 4(L5)=> A y=y()(x-1)+5c y=9x—4.
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x==5
Phuongtrmhhoanhdoglaodlemcuad vi (C) ax +3x +1=9x~ 4<:>[ =
x=
- [4B=6vB2 . ,
Suyra B(~5-49)= 4 =80m= ABd(M) GJ_ =12.
d(ﬁd) =T 2 \/_
N7 o
Chon A.
Vidu 3: Cho ham s§ y = x+,;l c6 @b thi (C). Tiép tuyén cia (C) tai diém c6 hoanh
x— _
d9 bing 2 di qua diém M (0;a) thi gi trj ciia a 13 ?
A. a=10. | B. a=9.
C. a=3. ‘Dia=1. -
Lgi gidi
Tacé y—izﬁy’ 2,Vx¢l:>y(2)—
x-1 ( )

Goi A 1 tiép tuyén cia db thi (C) tai didm 4(2;4) = A:y=y'(2)(x—2)+4
<:>y=—-3(x—2)+4<:>y=—3x+10.
Suy ra dudmg thing A di qua diém M(0;10)=> a=10.
Chon A. :
Vi dy 4: Cho hdm s y=x*-2x*+3 ¢6 d thi (C). Goi () 12 tiép tuyén c6 hé sb goc
duong clia (C) tai diém c6 hoanh d¢ x, théa min »”(x,)=44. Khi 46, (4) di qua
di€m cé toa d6 ndo dudi diy ?

A. M(1;13). B. N(2;11).

C. P(3;-7). D. 0(4;-1).
Léi giai
Tacod y=x'-2x"+3= y' =4x’ ~4x= )" =12x" -4= y"(x,) =12x2 - 4.
=2 ¥'(2)=
=—2:>{y'§—)2)=—24

Goi (d) 1 tiép tuyén cia (C) thoa mén d& bai, suy ra (d): y = y'(2) (x ~2)+¥(2)

Suyra y"(x,)=44 < 12x) —4=44 = x2 = 4@[0

< y=24(x~2)+11=24x-37 va di qua diém N (2;11).
Ch¢n B.
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Vi du 5: Goi M (a;b) 12 didm thude d6 thi ham s6 y = x° —3x” +2 sao cho tiép tuyén
cta @b thi ham s6 tai diém M c6 hé sé gbc nho nhit. Tinh gid trj T=a+b ?

A. -3. B. 2.
C. 0. D. 1.
Léi gidgi

Tacd y=x*—3x"+2=> ) =3x* —6x= y'(a)=34" —6a.

Goi A 13 tiép tuyén cia dd thi him s6 tai diém M (a;0)= A:y=y'(a){x~a)+b
e A:y=(3d"~6a)(x—a)+a’ —3a*+2=>k, =34"~6a 1ah¢ $0 géc clia A.
Tacé k, =3a* —6a=3(a-1) -32-3=>mink, =-3 e a-1=0&a=L

Khidé b=a’-3a*+2=0=>T=a+b=1.
Chon D.

Vi dy 6: Cho ham s6 y = x_—? , c6 db thi (C). Goi d, 1a tiép tuyén tai giao diém ciia
x+

(C) va Ox, d, 1 tiép tuyén tai giao diém cia (C) v& Oy . Giao didmotad vad, 13

A M(-3;-1). B. M(L;1).

C. M(-L1). D. M(1;-1).
Loi gidi
' x—-2

Tacd y=—"——suyra y' = >0,'Vx;t—1.
x+1

(x+1)2

+) Goi 4=(C)m0x suyra A(2;0)= y’(2)=%— vi y(2)=0.
—-> Phuongtﬁnhtiép tuyén d, 13 d, :y=%(x—2)<:>x—3y—-2=0.
+) Goi B=(C)NOy suyra B(0;—2) = y'(0)=3 va y(0)=-2.

——> Phuwong trinh tiép tuyén d, 13 d,: y=3x—2<>3x—y—-2=0.

“3y=2 [x=-1
Vay d,nd, =M{x;y)= FYEELITT
3x—-y=2 y=-1

Chon ‘A.
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Vi.dy 7: Cho ham s6 y = %x‘* ~(m+1)x* +m=2; c6 db+thi (C). Tim giA i thuc ciia

tham s6 m @& tidp tuyén cia 6 thi (C) tai x=—2 di qua gbc toa do 0(0;0).

A.m=£. B.m=£.
5 _ 5

C.m=16 D. m=32.
5 5

Léi gidi

'(~2) = 4m~12
Ta cé y’=x3—-2(m+1)x:> y( )= dm=1: ‘
y(_2)=8—4(m+1)+m—2=2—3m

= Phuong trinh tiép tuyén 44 thi (C) tai x==2 1d y=(4m—12)(x+2)+2—3m (d).

Theo baira, ta ¢6 0(0;0) e(d) suyra 0=2(4m—12)+2—3m<_—>m=1253.

Chon B.

Vi dy 8: Cho ham s6 y=2¥L o6 a8 thi (C). Tim gié tr thyc cia tham s6 m d tidp
xX—m : i .

tuyén tai giao diém clia dé thi va trye Oy di qua diém 4(-1;2).

A.m=+1. B.m=%2.
1 1
C.m=% —. D.m=+—.
% 2
Loi gigi
Taco y=fi1— suy ra y'=——m117,Vx¢m.
X—m (x—m) :
X 1 , m+1
biém M =(C)nOy suyra M| 0;——| — (0)=——~, ¥m=0.
m m
3 <A A A . . < m+1 ].
= Phuong trinh tiep tuyén d6 thi (C) tai M 13 y=— —X—— (d).
m m
‘s . m+l 1 2 1
Theo baira, tacd A(-L;2)e(d).suyra 2=—-—2mi=lesm=1= 5
' m  m
Chon C.
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Vi du 9: Cho ham s8 y=x*—2mx*+x—2m  (1). Goi 4 Ia giao diém ctia db thi
ham s6 (1) véi truc hoanh, tiép tuyén cia @b thi ham sb (1) tai 4 cit truc tung tai B.
Tim gié tri cita tham s8 m dé dién tich tam gidc OAB bing 1, trong d6 O 14 gbc toa db.

Am=+l. B.m=i%.

C. m=2. D. m=-1.
Léi gidi
Phwrong trinh hoanh d6 giao diém

= 2mxt +x—2m =0 (x-2m)(x* +1)=0<> x =2m=> 4(2m;0)
Tacé ¥ =3x" —4mx+1=> y'(2m)= 3.(2m)2 —4m2m+1=4m* +1.

Phuong trinh tiép tuyén cita 45 thi ham s6 (1) tai diém 4 1a y =(4m” +1)(x—2m).

x=0

y =(4m2 +1)(x—2m) ::>B(0;—8m3 —Zm).

Toa d6 diém B 14 nghiém clia hé {
Do tam gidc OAB vudngtai O nén S,,,, = %.OA.OB wl= |8m“ +2m2| om= i—;—.
Chon B.

Vi du 10: Goi (d) 12 tiép tuyén ciia b thi ham sb (C): y = == '23 tai M ct chc duomg
— .

tiém cén cia dd thi ham sb tai hai diém phén biét 4, B. Tinh dién tich nhé nhét cia
dwong tron ngoai tiép tam gidc I4B, véi I 14 giao diém cha hai dudng tiém cén.

A Sy =7 ~ B.S, =27
C. S, =4n. D. S, =8x.
Léi gidi
) 2x,-3 .,
Goi M(x,;¥,)€(C) suyra y, = va y' (%)=~ =, Vx, #2
X —2 (xo-—2
Y £ . . 1 2xy—3
Phuong trinh tip tuyén (d) cia (C) tai M:y=———5.(x—x)+
: (x,—2) X2

(d) ct hai dudng tiém cén tai hai diém phan biét A[2; 2% _22), B(2x,-22).

Xy
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Dé thiy M 13 trung diém 4B va 1{2;2) 14 giao diém hai dudmg tiém cén,

Tam giac I4B vudng tai 7 nén dudng tron ngoai tiép tam gidc I4B o dién tich

S =rmIM® = ﬂ.[(xo ~2) + (i?_’j —2ﬂ = ﬂ.li(xo -2)+ G iz)z } >27

Viy dién tich nho nhét cin tim 13 5 =27.

Chon B.
B. PHUONG TRINH TIEP TUYEN BIET HE SO GOC
Vi dg 1: Cho ham $6 y=x’ —3x*+2. Goi dudng thing (d):y=ax+b 13 tiép tuyén

ciia dd thi ham s va vudng géc véi dudng thing (A):3x—5y—4=0.Khi 5>0, tdng
a+18b bing

A. 39, , o B. 27.
C. 61. ' D. -8.
Léi gidi

Goi M (%,3,) 1a tiép diém cia b thi him s6. Prdmg thing (4) 6 he s goc &, = % .

Hoanh d6 tiép diém ciia tiép tuyén (d) 12 nghiém cia hé phuong trinh
' V 2 5 2
V(%) Ky =—13x; -6x, =—3® 9%, —18x,+5=0

Véi x, =§ suy ra phirong trinh tiép tuyén (d) 1a y—y(x0)=—§(x—xo)
5 61 5 6l S S

S y=——xt—=axtb>{a=-=; b=—1=>a+18b =39 (thoa méin diéu kién 5> 0).
3 27 3 27

Véi x, =-§- suyrahé sb b <0 (khong thoa min didu kién).

Chon A.

320

http://tieulun.hopto.org



Vi du 2: S6 tiép tuyén cia 46 thi him sé (C):y=x’—x’+1 song song véi dudng

thing 8x—y~1=0 14

A 3. B.4.
C. 2. . D. 1.
Loi gidi

Goi phuong trinh tiép tuyén ciia dd thi ham sé 1a (d): y =kx+m.

Theo bai ra, (d) song song v6i dudng thing y=8x—1 suyra k=8, m=-1.

. xs _x3+1=8x+m 5x4_3x2_8=0
Vi (d) tiép xtc véi (C) suyra <

(xs—x'3+l)’=8 m=x —x -8x+1

(5 -8)(x*+1)=0 _, g m=. . .
& & 5x" =8« x=%,— suyra (thda man dieu kién m = —1).
m=x ~x —8x+1 5 m=..

Vay c6 tht ca hai tiép tuyén théa mén yéu ciu bai toan.

Chon C.

Vi du 3: Cho ham s§ y = x* — 2m?x? +2m+1 ¢6 46 thi (C,, ). Téap hop tit ca cic gia tri
clia tham s& m dé tiép tuyén ciia db thi (C,) tai giao diém cta (C,) va duong thing
d:x=1 song song v&i dudng thing y=—12x+4 12 ?

A. m=0. B. m=1.
C.m==%2, D.m=3.
Loi gidgi

Goi 4 12 giao didm ciia (C,) vA dudng thing d:x=1:>A(1;—2m2+2m+2).
Tacd y=x"-2m’x* +2m+1=> y' =4x’ —4m’x = y' (1) = 4~ am’.

Goi A 12 tiép tuyén clia (C) tai 4= Ay =y (1)(x-1)-2m* +2m+2.

& y=(4-4m*)(x—-1)-2m* +2m+2 <> y =(4—4m* ) x+ 2m" +2m-2.

k,=—12

Theo bai ta, ta c6 A song song v6i dudng thing y=—12x+4e>4 °
' 2m*+2m—-2=4

=>m=1x2.

m+m-3+0

4—-4m’ =-12 m==2
=N o
m +m=-3=0

Chon C.
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Vi du 4: Goi (d) 1a tiép tuyén c6 bé sb géc nguyén cia b thj ham sb 5 = xF

“di qua
2 q

diém M (-6;5). Dudng thing (d) di qua diém nio du6i day ?

A. A(52). B. B(56).
C. C(-3-2). D. D(0;-1). o
Léi gidi |

Goi k 13 hé s gic cia dufmg thing (4) => phuong trinh dudng thing
(d):y=k(x+6)+5. B

Pudng thing (d) tiép xtc véi dd thi ham sé khi hé sau c6 nghiém

x+2="k(x-i--'6)+5 1+-—f—=k'(x—2')+8k+5 1+i-=—-—i-—+8k+5
x-2 x—2 x—2 x—
__4___._k < - .4" ] < L .7‘4 - A
(x-2) (x-2) (x-2)
(2 —gker - k=-1
& ex=2 S +5k+1=0| ] L=,
~(2k+1) =k | 7

Vay phuong trinh dudng thing (d) 1a y=—x—1 va di qua didm D(0;-1).

Chon D.

Vi dy 5: Tiép tuyén (d) ciia dd thi ham s6 y=x+Z+2 tai diém c6 hoanh d6 x=1
. X

vudng goc v&i dudng thing (A):x—3y~2=0.Goi 4, B 13 toa 45 hai didm cye tri cia
ham s8 d3 cho. Tinh d6 dai doan thing AB.

A 45 B. 5\2
C. 4 D. 10
Loi gigi

Tacod y=x+2+2 — y'=1——£2- suyra 3'(1)=1-a.
x x

Tiép tuyén cia db thi ham sd tai didm hoinh d x=1 c6 hé sé goc k=y'(1)=1-a.

e tas ik £ A T l-a
Mt khéc, ti€p tuyén (d) vudng goc véi (A) = ki =—1<:>T:—I<:>a=4.
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Vay didm A4(2;6), B(~2-2) suyra 4B =4./2

Chon A.

Vi dy 6: Cho ham sb y = L*; c6 d6 thi (C) va duomg thing d:y =x+m . Khi dudng
. .

thing d cit @ thi (C) tai hai diém phén biét va tiép yén voi (C) tai hai diém nay
song song thi gia tri m thubc khoang nao dudi day 7

A. (-4;-2). B. (0;2).
C. (-2;0). D. (24).
Léi gidi

Phuong trinh hoanh 46 giao diém cta (C) va d 1a

x+1 {x¢2
—=xtme

x=2 x+1=(x+m)(x-2)
s x2¢2
o> ~Nx=2m—1= .
x+1=x*~2x+mx—2m 3c+(m 3)f 2m-1 0 (*)
£(x)
f(2)=0

Dé (C) cht d tai hai didm phan biét <> { & (m=3) +4(2m+1)> 0, Vm,

A(,) >0

Khi @6, goi 4(x;7,), B(x,;,) 14 toa d6 giao didm cia (C) vi (d).

3 ;
2,k3=y(x2)=—

Ta Cé kA =y’(x1)=—(x1——2')—

(x, _2)2 .

xn-2=x,-2
o x+x,=4.
X —2=-x,+2

Suyra k, =k, < |x, —2|=|x, —2|<:>[

Theo hé thirc Viet,tacod x, +x, =3-m suyra 3—-m=4Sm=-1.

" ChenC.

Vi du 7: Cho ham s6 y=x"~3mx*+3m-2 (1), m I tham sé thyc. Goi d 1a tiép

tuyén ctia ¢ thi him s6 (1) tai diém M (1;,—1). Hoi ¢6 tht c4 bao nhiéu gid trj ciia tham
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s6 m dé dudmg thing 4 song song véi dudng thing di qua hai didm cuc trj cia d8 thi
ham s6 (1). : - S

A.3. B.2.
C. 1 D. 0.
Loi gigi

Tacd y=x"—3mx’ +3m~2 = y' =3x> —6mx; y’=0®[x=0 )
. x=2m
Ham s6 (1) c6 hai diém owc trj khi va chi khi 2m#0 <> m#0.
Toa d6 hai diém cuc tri ctia d thi ham s6 1a A{0;3m-2), B (Zrn;—ﬁhn3 +3m—2) .
Phuong trinh tiép tuyén d tai diém M(L;~1) 1a d:y = y'(1).(x—1)+y(1)

< y=(3-6m)(x-1}-1<> y=(3-6m)x+6m—4.

Taco AB//d suyra ABn,=0 &> 2m(3—6m)+(—4m’}.(-1)=0

m=0 (logi)
& 2m(2m’ -6m+3)=0e| 315 .
m=
2

Viay ¢6 hai gié trj thuc » thoa mén yéu ciu cha bai toan.

Chon B,
Vi du 8: V&i gié tri ndo ciia tham s& m thi tiép tuyén cia 46 thi ham sé
4+ _3 2 2 . .
=Tm’:-—f- tai diém c6 hodnh d6 x =0 va vudng goc véi dudmg tigm cén dimg
X+m
clia d6 thj ham s6 ?
A m=413. B. m=+1.
C. m==%2. D. m==4.
Loi gigi
. 4+ mx—3x* 125 — 2
4x+m (4x+m) 4
m:—16

Hé sb goc tiép tuyén clia dd thj ham s tai x =01 k=y'(x0)= —.
m
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Tiém cén ding ciia d6 thi ham 8§ 4x+m=0vi lim y=.
m

xs—7
. , _ m*—16
Mt khéc, tiép tuyén vudng géc vdi tiém cin dimg = k=0 —=0&m=14
m

Chon D.

2
. N 4 ax’—bx . . .. % . .2 5 .

Vi dy 9: Cho ham s6 y= c6 d6 thi (C). P& (C) di qua diém A(—I;EJ va

x-w.

tiép tuyén ciia (C) tai gbe toa 40 c6 hé sb goc k=3 thi mbi lién hé gitta a va b 127

A. da-b=1. ' B. a—4b=1.
C. 4a-5b=0. D. a—-4b=0.

Léi gidi

2

Db thi (C) di qua diém A(-I;EJ T e ) DU Y
2 2 (—1)—2 2

ax’ —bx ,=ax2—4ax+2b

Tacd y= =
O

. b

Goi A 1 tiép tuyén cua (C) tai gbctoadd =k, =% 13 hé s6 goc cia A.

Taco kA=—3@§=_—3¢b=—6:(1)@%9—:3—6@(::—%:4‘:—5:0.

Chon C.

x+b

Vi du 10: Cho ham s§ y = 5 c6 dd thi (C). Biét ring a va b 13 céc gia tri thoa

mén tiép tuyén clia (C) tai diém M (1;—2) song song v6i d:3x+y—4=0. Khi d6
T =a+b bing ?

A. 2. B. 1.
C. -1. D. 0.
Lévi gidi
D6 thi (C) di qua diém M(I;-2)<:>—2=;;—b2" (1).
Ta c6 y=;x—t%:>y'=(mi_§=>y'(1)=(j_;-
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Goi A 13 tiép tuyén cua (C) tai M(L-2)=A:y =y (1) {x-1)-2.:.

. 3 -2—ab_m
. e o : AT (4‘.2)2
Tacé A songsong voi d:3x+y~4=0, suyra{ 2+ab - .
~2247 24
(a— ) 2—2#4
(a~2) =
—2—ab .
s —2)2 = ab+2=3(a—2)2 l
Keéthop (1), ta duge _(.a Y { =IT=a+h=2..
N Y 145 - H2-ay=b+1 b=1
a2
Chen A.
I BAITAP TY LUYEN {TT6075] _
PHAN1'

Céu 1: [558704] Cho ham sb: y =-2i‘T1 Viét phiong trinh tiép tuyén cia (C) tai
) X+ T
diém c6 hoanh dé bing 2.

1 5 o . 1
A y=—x+Z | : B, y=-Zx+2.
YETIES YT
11 1
C° =—X+—. . . D, =—X.
=353 Y=g

Cau 2: [558704] Cho ham s§ y=x®—3x? +1 (C). Viét phrong trinh tiép tuyén cia do ‘
thi (C) tai diém c6 hoanh d5 bing 5

A y=24x-79. S - B, y=174x-79.

C. y=45x-79. : D. y=45x-174.

Cau 3: [558706] PT tiép tuyén tai diém cyc dai ctia b thi ham sb y=x*—4x*+1

A, y=4x+23, B. y=—-4x-2.

C. y=1. D. y=—4x+2.
Cau 4: [558707) Phwong trinh tiép tuyén cia dd th1 him s§ y= 3x -x° —7x+1 tai
diém A(0; DIa

A, y=0. B. y=x+1.

C. y=L ' D. y=—Tx+1.
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Cau 5: [558708] Phuong trich tlep tuyén cta d8 thi ham s6 y=x*-2x+1 tai giao
diém ctia @5 thi va truc hoanh 13

A y=0. B. y=1.

C. y=-2x+1. D. y=-Tx+1.
Céu 6: [558709] Cho ham s6 y =x’ —3x% +1 (C). Viét phong trinh ti€p tuyén ciia 46
thi (C) tai diém c6 hoanh dd bing -3.

A. y=45x+82. B. y=—45x+826.

C. y=45x+2 D. y=-45x+82.

Ciu 7: [558710] Cho ham s6 y = x* —4x> +1 (C). Viét prong trinh tiép tuyén cta dd
thi (C) tai diém c6 hoanh 46 bing 0

A, y=—4x-2, ' B. y=4x+23.

C. y=—4x+2. D.y=1.

CAu 8: [558711] Phuong trinh tiép tuyén ciia db thj ham s6 y = 2’“’: tai diém A(L; <) 1
X — .

A y=—Tx+1. B. y=-2x+4.

C. y=3x-3 D. y——17x+10
Cau 9: [558712] Cho ham s6 y =x* —3x° +1 (C) Viét phucmg trinh tiép tuyen cta dd
thi (C) tai diém c6 hoanh d9 bing —1.

A. y=—9x+6. B. y=—9x+66.
C. y=9x+6. D. y=9x-6.
Ciu 10: [558713} Cho ham sb: y———(C) Viét phuong trinh tiép tuyen clia (C) tai
diém c6 hoanh @6 bing —4.
2 23 2 23
A- =—X+—. B = X —
779 g G
7 2 25
C.y=—2x4". D.y=2x+2
=79 YT9 g
Céu 11: [558714] Cho ham sé: y——1 (C)- Viét phuong trinh tiép tuyen cia (C)
x+1
tai diém c6 hoanh ad b?mg 4,
7
A y=2, L B. y==x+
Y=257 725 EE TP
-7 2 7
C - - D.op=— x4+,
R TARPY: GREET AR

Cau 12: [558715] Cho ham s y = x* —4x* +1 (C). Viét phuong trinh tiép tuyén cia dé
thi (C) tai diém ¢6 hoanh d6 bing —1.
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A, y=—4x-2, B. y=4x+2.

C. y=4x+23. D. y=—4x+2.
Ciu 13: [558716] Cho ham s6 y = x* —3x* +1 (C). Viét phuong trinh tiép tuyén cia @b
thi (C) tai diém c6 hoanh o bing 3. '

A, y=9x-2. B. y=9x-26,
C. y=-9x-3. ' D. y=-9x-26.
Cau 14: [558717] Cho ham sb: y=§—-—-—i (C)- Viét phwong trinh tiép tuyén cia (C)
X+
tai didm c6 hoanh d6 bing 1.
1 11 11
fae P X, B. y=-—x-=
YEIE2 =372
C y-"ly 15 y=hyl
) 2

Ciu 15: [558718) Cho him s8 p = x* —4x* +1 (C). Viét phuong trinh tiép tuyén cia dd
thi (C) tai diém c6 hoanh d6 bing 3

A. y=84x-206. " B. y =—84x—2016.

C. y=-84x-206. D. y=84x-26.
Cau 16: [558719] Cho ham s6 y = x* —4x? +1 (C). Viét phuong trinh tidp tuyén cia dd
thi (C) tai giao diém cia 46 thi va truc tung

A. y=—4x+2. _ B. y=1.

C. y=4x+23. D. y=—4x-2.

Ciéu 17: [558720] Cho ham sb: y = ii% {(C)- Viét phuong trinh tiép tuyén cia (C)
X+
tai didm c6 hoanh do bing -%.

A. y=8x+1. B. y=8x+11.

C. y=-8x+1. D. y=—8x+31.

Céu 18: [558721] Cho hdm s6 y = x* —4x® +1 (C). Viét phrong trinh tip tuyén cia dd
thi (C) tai diém c6 hoanh d6 bing 1
A. y=4x+2016, B. y=4x+2.
C. y=—4x+2. D. y=-4x+2016.
Ciu 19: [558722] Cho ham s6 y=x*—3x* +1 (C). Viét phuong trinh tiép tuyén cua db
thi (C) tai diém c6 hoanh d% bing —2.
A, y=24x-9. B. y=-24x-179.
C.y=—24x-9. D. y=24x+29.
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Céu 20: [558723] Cho dudng cong {C): y=x"—3x". Viét phuong trinh tiép tuyén cia (C)
tai diém thudc (C)va c6 hoanh 4 x, =—1.

A, y=-9x+5. B, y=9x+5.

C. y=9x-5. : D. y=—9x-5.
Cau 21: [558724] Cho him s y = x* ~3x2 +1 (C). Viét phuong trinh tiép tuyén ctia do
thi (C) tai diém c6 hoanh d6 bing 4. ‘

A, y=-24x-79. B. y=24x-19.

C. y=24x-79. D. y=24x+4.
Cau 22: [558725] Cho him s y=x* —3x* (C). Viét phuong trinh tiép tuyén ciia 43 thi
(C) tai didm c6 hoanh do bing 1.

A, y=-3x-1. B. y=—x-1.

C. y=x-3. D. y=-3x+1.
Cau 23: [558726] Cho him s§ y = x* —4x2 +1 (C). Viét phuong trinh tiép tuyén cia dd
thi (C) tai diém c6 hoanh d6 bing 2

A. y=-16x-31. B. y=—16x-311.

C. y=16x-3. D. y=16x-31.
Cén 24: [558727] Phuong trinh tiép tuyén cia d thi ham s§ y=x'+3x tai diém co
hoanh d6 x=1 la:

A.y=4x-3. _ _ B. y=2x-2.

C. y=6x—2. D. y=6x+2.

Chu 25: [558728] Phuong trnh tiép tuyén ciia dd thi him s y:E"-_J’—lT tai didm
x—

A(1;2) 1a:
A, y=—6x+8. B. y%6x—4.:
C. y=-3x+5. D. y=3x-1.

tai di€m co

Cau 26: [558729] Hé 56 goc cia tiép tuyén cia db thj ham sb y == 1
X+

tung 6 bing 1 1a:

A k=—32 B. k=2,
25 5
C. k=2, D k=2,
4 4
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Cdu 27: [558730] Tiép tuyén ctia dd thi ham s§ y=x"+3x+1(C) tai giao diém cia

(C) véitruc Oy di qua diém ndo trong céc didm sau: -

A. A(510). o | B. 4(4;2).

C. 4(210). D. A(413).
Cau 28 [558731] Bo thi ham s y=x"—x +1 ¢6 bao nhiéu tlep tuycn d1 qua dlem co
tung d6 bang 13.

Al - - B. 2.
C.3. D. 4.

Céu 29; [558732] Cho ham s6 y= 1n(2+x+x ) Tiép tuyén caa dd thi ham s6 tai

dim x=-2 c6hé sb gbc la:

AL | B.-L
4 4

Cau 30: [558733] Viét phuong trinh tiép tuyén tai didm M thuoc do thl ham 56
y=x"—2x khi Mc6 hoanh'dd bing 1.

A y=x-2. g ‘ C B. y=x-3.

C.2y=x-3. D. 3y =3x-1.
Céu 31: [558734] Viét phuong trinh tiép tuyén clia dd thi him s§ y=x°+3x—1 (C)
tai diém c6 hoanh d6 bing x, thoa mén »"(x,)=6.

A, y=6x+l. B. y=6x-3.

C. y=15x-17. D. y=15x+15.
Céau 32: [558735] Viét phuong trinh tiép tuyén clia dd thi ham s§ y=x*+3x—-4 (C)
tai giao diém ca (C) v6i duong thing A:y=x—1.

A, y=6x-6. B. y=3x-3.

C. y=6x-8. D. y=3x-4.
Cau 33: [558737] Tiép tuyén cia thudc d3 thi bam sé y=2x>~3x>+1 (C) tai M cht
truc tung tai diém c6 tung d6 bling 8. Téng hoanh do va tung 49 cia didm M bing ?

A. -5. B.1.
C. ~29. | D.7.
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Ciu 34: [558738] Viét phuong trinh tiép tuyén cla db thi ham sé y=x* —4mx’ +3 (C)
tai giao diém clia (C') véi truc tung ddng thoi (C) di qua diém A(1;0).

A. y=—4x+4. ~ B.y=2

C. y=4x+4. D. y=3.
Chu 35: [558739] Ky hiéu d 13 tip tuyén clia 46 thj ham s6 y=x*~4x" +2m’ +1 (C)
tai giao diém cta (C) véi truc hoanh ddng thoi (C) di qua diém A(1;0). Hoi cb 6
bao nhidu dudng thing d théa mén bai toan ?

A.3. B.2:
C.8. D. 4.

PAP AN TRAC NGHIEM

01.C | 62.D. | 03.C [ 04.D | 05.A | 06.A | 07.D [ 08.D:| 09.C | 10: A

11.B ; 12.B | 13.B | 14.B | 15.A | 16.B | 17.A"|18.C | 19.D | 20.B

21.C | 22D | 23.D { 24.C | 25.C | 26.B | 27.D | 28.B | 29.D | 30.A

31.B | 32.A | 33.A | 34.D | 35.D
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PHAN 2 [TT6076)

Cau 1: [559256] Cho ham s§ y = —3x? +10 (C). Viét phuong trinh tidp tuyén cia dd
thj (C) tai diém c6 tung 6 bing 10

A. y=10, y=9x-17. B. y=19, y=9x-8.
C.y=1 y=9x-1. : D. y=10, y=9x-7.

Cau 2: [559257] Cho him s6 y=x*-3x*+8 (C) Viét phmmg trinh tlep tuyén cia dd
thi (C) tai diém c6 tung d¢ bing 8 o : '

A y=0,y=9x-1. B.y=8,y=9x—20.

C. y=8,y=9x~19. D. y=19,y=9x-8.
Cau 3: [559258] Cho ham s6 y = x*~3x* +9 (C). Viét phwong trinh tiép tuyén caa dd
thi (C) tai diém c6 tung 46 bing 9

A y=1 y=9x-1. ' B. y=0, y=9x-1,

=Ley=19, y=9x-8. D. y=9, y=9x-18.

Céu 4: [559259] Cho ham s6 y'=x*~3x +1 (C). Viét phuong trinh tiép tuyén cia dd
thi (C) tai diém c6 tung 46 bing 1 o S : :

A, y=19, y=9x-8. B. y=1, y=9x-26.

C. y=1, y=9x-18. D. y=0, y=9x—1.
Céu 5: [559260] Cho ham s6 y=x* —3x*+7 (C). Viét phwong trinh tiép tuyén ciia 43
th (C) tai diém c6 tung 45 bing 7

A. y=19, y=9x-8. B. y=0, y=9x-1.

C. y=7, y=9x-18. D. y=7, y=9x-20,

3

Cau 6: [559262] Phuong trinh tiép tuyén ciia d6 thi ham sé y = %—sz +3x+1 biét

ti€p tuyén song song véi dudmg thing d': y = —x+2

11 11

A y=—x+— B. y=x+—.

Y 3 Y 3
1 1 22 13
Coy=—x+-, y=—x+—. D.y=—x+=,y=-x4+-2,
YETEI =TI YETITTL Y=Y

Céu 7: [559263] S6 tiép tuyén ciia (C): y =—x* +x* song song véi d; y=2x—1 ?

A. 0. B.3.
C.2. D. 1.
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Céu 8: [559265) Phuong trinb tiép tuyén clia 45 thi ham sb y=—x* —x* +6, biét tiép
tuyén song song v6i dudng thing d:y=—6x-1

A, y=—6x+l. B. y=—6x+6.
C. y=6x+10. D. y=—6x+10.
?.Ménh 48 ndo sau dy ding?

A. (H) co tiép tuyén song song voi truc tung.

Cau 9: [559266] Cho (H): y=

x+
x-—

B. (H) c6 tiép tuyén song song v6i truc hoanh.
C. Khong tbn tai tiép tuyén cia (F) c6 hé $6 goc am.
D. Khong tdn tai t:ép tuyén ctia (H) c6 hé sb goc duong.

. 3
Cau 10: [559267] Sb 1iép tuyén cua (C): y= %—2)62 +3x+1 song song v6i d:y=8x+2 ?

A. L B.2.
C.3. D. 0.

Cau 11: [559268} S tiép tuyén cia (O): y = ii% song song véi d:y=-2x—17
x —

Al B. 0.
C.3. D.2.
Céu 12: [559269] S6 tiép tuyén ciia (C): y= —x*—x*+6 songsong voi d:y=—6x-17
Al . B.2.
C.3. D. 0.

Cau 13: [559270] Phuong trinh tiép tuyén cia 4 thi ham sb y=—x*+x*, biét tip
tuyén song song voi dudmg thing 4:y=2x-1

y=2x+21 y=—2x

A. . B. .

y=2x+32 y:—2x+3
y=2x+2

C. y=2x+2. D. .
y=2x+3

Cau 14: [559271] Phuong trinh tiép tuyén clia 85 thi ham 6 y = 3’:2_1 . bidt tidp tuyén
x -—
song song voi dudng thing d:y= —%x +2.

A.y=-j43x+2,y=:§~x+13. B.y=2-1.

C.y=—x+—,y=—Xx+". D.y=x-2.
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Céu 15: [559272] Phuong trinh- tiép tuyen clia db thi ham s§ 3 = 2xo

=l
“vor hé 56°g6e

X
k=-31a 7
A y=-3x-2. . B. y=—3x+2.
C. y=-3x+2, y——3x+14 e e .. Diy=2x-1.

3
Ciu 16: [559273] S6 tidp tuyén cua (C): y=§3——2x2-7!~._3x+1‘ song song véi

d:y=3x+2? e p
A.2, e B3

Ciu 17: [559274} Phurong trinh tiép tuyén cia b thi ham 6 y=27" biét tidp tuyén
song song vdi dudmg thing. d y=—2x-1

A y=—2x+73. B.{ybzx
L y=-2x+3
C.y=—2x+7. . D [y::’“z
=~Tx+3

Cau 18: [559276] Sé tiép tuybn cia (€ y=-x'-x*+6 song somg véi
d:y=6x-1?

Al . B.2.
C.3. : D.o.

Ciu 19: [559277] $6 tiép tiryén cia ©): y= 2x +11 song song véi d:y=-3x-1 ?
x—-

A3, B. 1.

C.2. D. 0.
Céu 20: [559278] Phuong trinh tiép tuyén cta dd thi hdm 86 p=-x* — 52+ 6, biét tiép
tuyén song song véi durdng thing d: y=6x-17?

A y=—6x+1. B. y=6x+10

C. y=-6x+10. D. y=6x+6.

3

Cau 21: [559279) Sé tiép tuyén cia Cry= -3—-—2x +3x+1 song song véi

diy=—x+272?
A. 3. B.2.
C. 0. D. 1.
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3
Céu 22: [559280] Phuong trinh tiép tuyén ‘ctia d0 thi ham s6 = 5 -2x" ¥3x+1, biet

tiép tuyén song song véi dudmg thing d:y=3x+2

A. y=3x+101, y=3x-1L B. y=3x+1,y=3x_%;i_
C. y=3x+2. D. y=3x+10, y=3x-1L

3
Cau 23: [559282] Phuong trinh tiép tuyén cita dd thi ham s6 y = % ~2x +3x+1 biét -

tiép tuyén song song véi dudng thing d:y =8x+2

1 7 2
A. y=8x+=,y=8x——. B. y=8x+_,y=8x
y X 3 ¥ X 3 ¥y X+ 3 ¥y X
-1 11 -1 - 97 .- : 11 - 97
C.y=—xt+—,y=—X——. D, y=8x+—,yp=8x——.
A S A T Y=Y 3

Céu 24: [559284] Viét phuong trinh tiép tuyén clia dd thi ham s5 » = 42x bidt tiép
: X

tuyén song song véi dufm'g thing y =—2x+2016 .

A y=2x+2 B y=2x
’ y=2x+3' : : ’ y=_2x+3'
C y=-2x D y=—2x+2
) y=—2x+2' ) y=—2x+3.

Ciu 25: [559285] Phuong trinh ©6p tuyén ciia b thi ham s§ y=x* +x7, bit tidp tuyén
song song vai dudng thing d:y==06x-1

A. y=6x+6. : B. y=6x—4.
C. y=—6x+L D. y=—6x+10.

Cau 26: [559286] Phuong trinh tiép tuyén cda dd thi ham 6 y =22 =3x? +5 véihé s
gock=1213 L - . :

A. y=12x+12, y=12x-15. . - B.y=2x,y=2x+5.

C. y=12x, y=12x+5. D. y=-2x, y=—2x+5.
Céiu 27: [559287] S6 tiép tuyén ciia (C): y=x*+ song song véi d:y= 6x-1117

A.2. B. 0.

C. 1. D.3.

335

http://tieulun.hopto.org



Moon.va

TERES ‘_-__ dm!m_gmm

Ciu 28: [559288] Phu’ong trinh tlep tuyén ciia do th1 ham so

_—,x-ﬂ bidt tiép tuyén
song song voi duong thing d: y=-3x—1
=—3x+11
A | T B. y=—3x+11.
=—3x-1
' y=-3x+101
C.y=-3x+L : D
rE [ =—3x-1001

Ciu 29: [559289] T1m M trén (H): y =-
(d): y=x+2007? ,
A. (1;-1) hojic (2; -3). B. (1;~1) hoc (4;5) .

C. (5; 3) hogc (1;-1). D. (5;3) hoic (2; -3).
3
Céu 30: [559291] Phuong trinh tiép tuyén ciia 8 thj ham s6 y = x? ~2x7 +3x+1 bidt

——3 sao cho tiép tuyén tai M vudng gée véi..
X =

tiép tuyén vudng gbéc v6i dudmg thing 4 - y= 2

A y="X,0
Y3

B._ y;Sx+131_,)«'=8x——97
C. y=3x+10, y=3x-1.

D. y=3x+101, y =3x--11.

Chu 31: 559292] $6 tidp tuyén cda (C): y = ' —35 +1 vudng gbo véi a- y:291x+2
Al B. 0.
C2. D. 3.

Céu 32: [559294) Phuong trinh tiép tuyén cia db thi ham sb y= X

-g——Zx +3x+1 ,biét
tiép tuyén vudng géc véi dudng thing 4 y=x+2

1 17 ' i 17
A y=x+, y=x4-—, B. y=- +—, y=XxF—,
y=x 3 Y=x 3 y=-x 30 Y=t
11
Cy=—x+—.
¥ 3

1 17
D y=—x+=, y=—g+=L,

YETIRY yEaa g
Céu 33: [559295] Phuong trinh tidp tuyén cia d3 thi him s y=x-

3x%+1 ,biét tidp
tuyén vudng géc véi dudmg thing o y= —_ix+2

A y=-9x+26 B y=9x+6
y=-9x-236 |l y=9x-26

c y=9x+16 D y=-9x+6

| y=9x-216" | y=-9x-26
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Cau 34: [559296] Tim diém M c6 hoanh 89 4m trén 8 thi (C):y= %f '-xsr% 50

choueptuyentaleuonggocvmduongthang y"—%x-}-% S
: 19
A, M(-2;0). B. M| ——;=
-z0- ( 2’ s)

e3¢} (a5
3
Ciu 35: [559297] S6 tiép tuyén caa (C): ¥ = —3~--2x2 +3x+1vudng goe véi d:y=x+2
Al B.3. e
C.0. D.2. 3

Céu 36: [559299] Phuxong trinh tiép tuyén clia db thi ham s§ y = 2";11-' biét tiép tiyén
" : ;
_gé_\héségéc k=3 la: _ S - I e
A. y=3x+l. B. y=3x-lvay=3x+3..
C. y=3x+1vay=3x-35. D. y=3x vd y=3x-1.
Cén 37: [559300] Phuong trinh tiép tuyén ctia dd thi ham s6 y=x* —4x—1biéttiép
tuyén song song v6i dudng thing y =8x-12 la:

A. y=8x+15 hodc y=8x-17. B. y=8x+10.

C. y=8x~12. D..Ca B va C déu ding.
Céu 38: [559301] C6 bao nhi¢u phong trinh tiép tuyén ciia 3 thi ham sb y=x'-4x*-3
biét tiép tuyén vudng goc voi dudng thing x+4y+3=0.

A.0. R B.1,

C S .D3.,
-Cau 39: [559302] Cho ham %3 y= J3x . Phuong trmh tlep tuyen cuia do th1 hﬁm sb
bibt tlep tuyén song song véi duong théng 3x- 2y+1 0la:

“A.3x=2y-2=0. S B3x2y+20

C. 3x-2y—1=0. D. 3x—2y—3=0.
Ciu 40: [559303] Goi k;k, 12 hé sb goc cla cic tiép tuyén cia dd thi ham sb
y=x"+x(C) tai céc giao diém cia (C) véi dudng thing y=mx+1. Biét k, +k, =4,
gié trj clia tham s& m Ja:
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A. m=_0., . L " Conl D s nd Bm=2‘
C.m=1, D. m=4.

Cau 41: [559304] Cho ham s6 y = x* ~2x +1(C). Pau 13 mét phuong trink tiép tuyén
clia (C) di qua diém 4(2;1) 1a:

A y=x—1. - B. y=10x-19.
C. y=3x-5, D.CiAvaB déuding.

Cém 42: [359305] Cho him 56 = +§ (C). Phu 1a mot tiép tuyén cia (C) biét tiép
+ i -'F"" IR S S ’T\' o __"—."‘."=:?.“:.' ”_:_’.:'? RO

luyen di qua dzcm M (5 2) la

A y=x-3. _ B. y=—x+7.

1 2
C. =2 —8. D- ==X,
C. y=2x S Duy=oacZ

Ciu 43: [559306] Phuong trinh tiép tuyén cia b thi ham s y—J3x 2+ biét tiép
tuyén di qua diém M (—2 1) la:

A y==—x-1. B y=-x—_.l;‘
4

- 3.1
C.y=-x+1. D.y="x+—.
r=3* Y=

DAP AN TRAC NGHIEM

01.A'| 02.C [ 03.D | 04.B | 05.D | 06.A 07.D | 08.D | 09.D | 10.B

11.A | 12.A | 13.C | 14.C | 15.C | 16.A 17.C | 18.A | 19.B .20.B

21.D | 22.B | 23.D | 24.C | 25.B | 26.A | 27.C | 28.B | 29.C 30.B

31.C | 32.C [ 33.B | 34.A | 35.A | 36.B 37.A | 38.D | 39.C | 40.B

41.A | 42.B | 43.D
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LU¥ THUA
[Tveo771

L LY THUYET TRONG TAM VA PHUONG PHAP GIAL
1. Luy thira voi & mi nguyén
% Luy thira v&i $6 mi nguyén duong.

Cho acR va neN*.Khid(’) g = aad...8-

M—J
nthua s¢

> Lu§ thira v6i b mil nguyén am, luy thira v&i somil 0
Cho acR va nelN*. Knidé a” =-§"—;a" -1,
» Ly thita vol &6 mii nguyén co céo tinh ché.t trong ty tinh chht chia Tuy thira véisd
rofl nguyén duong.
> Chii - 0° v 0" (neN¥) knng cd pehia.
2. Cinbéc 7. |
Cho sb thuc b va sb nguyén dwong n=2-
Q5 g duge goi 1a can bic # ciasd b nén a"=b. "
Khinle; beR: Thp tai duy nht mot cin bac 7 cia b b 12 b .
Khi  chin va b<0 thikhong (dn tai céin bic n clia 50 b.
Khinchinva b=0 ¢chi cb duy nhé.tm{)t can bic r clia sdbla 2/5 =0
Khi n chin va b>0cd2 canbicn ciia s thuc b 1a 2fp va b

3. Lu§ thira v61 56 mi hitn ty

m
f'\ * I’\ -~ L3 m r : L r o
Cho s thuc a>0 vi 50 hia ty = trong do meZnelN, n>2.Khido a =a".=J" a
H
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P aVaER ﬁ
a =

A a° =
+) Tinh chit I:{

a>1:a"’>a"<:.m>n

*+) Tinh chét 2 (tinh déng bién, nghich bién):
0<a<1:a"’>a" Sm<n

S ® -
A.Azalz. B- A:aGO.
i s
C.Ar—alz' —D.A:—.aZ_
Loi gigi:
3 3435 )
Tacs: 4=/ a4 5“02a3a4=a2+?7=a12.
Chon A,
342
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| bt b b o v TS
49

Céch 2 : Cicem cothdcho a=2 va bim log2 (\/5;'%/7#_)——2- = A=a" ( tai sao

lai 1am dugce nhu viy cic em hoc phan Logarit roi quay lai bai ndy nhé ). -

Vi du 2 :Don gian bidu thitc 4=b25>4b (b>0) taduoc:

A A=P. B. A=p*.
C. A=b. D. 4=3p".
Loi gidi:
P11 11,1
Tach: A=b2b3bs =b23 6=bh

11
(Céic em c6 thé cho b=2 va bhm méy log, 2’2’42 =1= 4=b).

Chon C.
Vi du 3 : Pon gian biéu thitc A-J—\/— a>0) tadugc:
. 5
A A=d. ; B. A=a°.
2 - )
C.A=a’. . D.d=a.
Lai gidi: '
1 2
Jaid ata L3
Tacc'):A_ = =a’3%=g
@ L
Chon D.

Vi dy 4 : Pon gidn biéu thirc 4 =%/;.i/;.'\’{cz_5 (a>0) tadugc:

§

A A=a". B. A=aS.
2
C. A=a’. D A=a.
Loi gidi:
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Vidu5: Don gian bxeu thu’c A= \/a“‘ﬁ \/ a?¥B \/a (a> 0) taduoc:

A =6 B. A=a¥
C. A=a*". D. A=g"*PB,
Loi gii: "
2+J3- SW."S- ) 1+J§ 24 5+-f5
Tacd: A=a 2 a®as =gz 3 § =gt
Chgn B. _
Vi dy 6 : Don gidn biéu thitc 4=a"3a*Va® (a>0) ta duge:
2x+3 2x+3
A d=qg ? ., ‘ B. A=a ? |
sx3 43
C.d=a 3 ., _ D.A=qa ?
Loi gigi: .
1:+3 4x43
Tacd: 4= a\/ \] 2-a"~J3 3 aa3-~a3 )
Chon D.

(Céch ra a2 ndy nhim han ché vige sir dyng CASIO )

Vi dy 7 : Bon gidn bidu thite 4=(a?)"*" 4~ 44 (4> 0) ta duge:

A. A=a7, B. A=a?7,
C. A=g>?", . D. A=ag>"?,
Lot gidi:

Tach: A= amJi .a'"ﬁ.a"‘“‘ﬁ - a&mﬁu—ﬁ—‘t—ﬁ _ as—zﬁ ]
Chon B.

Vi dy 8 : Don gidn biu thirc 4 =( T _ azﬁ)_a-x-zﬁ_

A.A=a—-1-. Ce : ‘B d=g?- 1.
a a
C. A= ,j—___ D. A=d"-q.

Lm gidi:

Tacd: A= (‘ / gt _ & ) a =( a‘“:‘ﬁ — ] a R il g2

=a-a —0""—-.
a

Chon A,
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_.L’!gu“

3 ) 5

A.Ad=ab. B. A=a®,
5 ‘ s
C. A=d°. D. A=a'®.
Loi gidi:

3 1 -1 5 5 -
! \ {/“ s M o3 s 3 = 3 = =
A=3Ja3—5\fa3 =\a\a*a® = a.\}a 2 =\1a.a6 =\ab =qg'®
\Ja

Puong nhién bai todn ndy ta ¢ thé cho @=2 vibim

,1 5 3
log{f*’ 23 ?\[2—3} 18:>A:a13.

Chon B.

11y
Vidu 10: Pon gianbiéu thic A=[I—ZJE+£]:(a2 —b"'] (a;b>0) ta dugce:
a a

A Ad=a-b. - B. A=a.
C. A=-l- D. A=a+b.
a
Léi gidi:
2 . 2

Ta cé: A=[I—JE] f(JZ—«/Ej:[JE"JE] ;(JZ_JE)2=1
. a Ja
Chgn C.

V&i bai to4n niy céc em vén ¢o thé sit dung CASIO bang cich cho a=4,b=9 va thir 4
dap an.

Thay a=4;b=9 ta dugc A=—;:
Chon C.
3
ab'z.(«)abz)
no not
A. A=a®b?®. B. A=a%b%.

5 -1 5 1

C. A=ah?. D. A=abh?.

Vi du 11: Pon gian biéu thitc 4= (a;b>0) ta duge:
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Lai gidi:

3 3
ab_z.(abz)2 ab?atp g2p 4 -
Tacd: A= = 2’-4' =——F=a%h?.
(ab2)5 @b Bb

Chon A. T ..
Vidy 12 : Don gidn biéu thic 4= el (a;6>0) ta dugc:

A A=g""b, _ B. A=g""0p?,

C. A=a*"p". ' D. &%
Léi gidi:

' Jf-rz
Tacd: 4= (an) b _ as+2£-b _a3+-J§
. (bJs'—z )J§+z @B pgt '

Chon D.

1 1
&b +b3Ja

Vi dul3 : Pon gian bidu thirc : 4= e s (a;5>0) ta duge
a+

Ad=ab. B. A=%ab.
C. A=%ab . | D. A=%a-%b .

Loi gidi:
P11
N asbs(aubs]
3 h2 3
Tacs: 4=22X0 @\ ) ¥
as +b* a® +b*
Chen B.
1 7 -1 3

. i s a-a’ b2 -p?
Vi dy 14 : Pon gin biéu thirc 4=——— ————. {a;6>0) ta duoge:

a*-a® b2+p?
A A=a+b. . B. A=a-5.
C_. A=ag+b+2. C.A=a-b+2,
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| toc ob wrdng dunty minh 5

Li gidi
1 -1
(1-a*) bZ(1-¥ ‘
Taco: A=al( ? )— —1( )=1+a—(1—b)=a+b.
a(l-a) b (b+1)
Chon A.
a4 s 19
: . 2 4q2 p4—pt
Vi dy 15 : Don gidn bidu thire 4= "% 1 &0 3 qwoe:
_ a? +a? b*-b*
A d=d*+b. B. A=a*+a-b.
C. A=a*-a-b. C.A=—(a+b).
Léi gidi:
-1 i
2 (1+a®) B*{1-B*) 2_
Tac(): A:a_l( ta )+ l( )=a +11—bb 11=a2—a+1—(b+1)=a2—a—b.
az(i+a) b (p-1) T 77
Chgn C.

(vma)[aib%_a ab)

Vi du 16 : Pon gian biéu thicc 4=

(e/;_a/z)(ﬁ +b§+%f&z7)

(a;6>0;a#b) ta duge:

A 4= B. 4=2"2
a=b a+b
C. 4=1 D.A_a%+§;'
a—
Lai gidi:
12
Ta co: A=(%+%)(a3 +b3 _2/;5]= ({/5)3 +(%)3 _ atb
(%—%)(0§+b§+3abJ (%/;)3—(3/3)3 a—b
*'hom A.

du 17 : Cho 2* =3, Tinh gié trj ciia bidu thic 4=4"+3.27" -1

A. A=8.
C. 4=11.

B. 4A=9.
D. 4=17.
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Loi gidi:

Tact: d=(2°) +>—1=9+1-1=9.
2 -
Chon B.

2x-1
Vidy 18 : Cho 3* =2. Tinh gié trj ciia biéu thire A—=3‘*1.G] oo — e

A. 4=39. o B. A=25.
c 4= o po4=®
2 2
Loi gidi:
L. _ Ax+l 1 | I__ —I+2 i 12_9 x2_81
Tacs: A=3" 07 +9"9=3 +9.(3°) __3—x+9.(3) ==
Chgn C.
. x Zx
Vidu'19 : Biét ring 27 =5. Tinh gi4 trj cita biéu thic A:(EJ [i] 472
_ 2 NE)
A 4=28 : B A=),
5 3
C. A=6. D 4=
: 25
Loi gidi:
Tacé: A=(§] (i) +E:[§i) +__1_6_2=2x+E=1_ﬂ_
2)\3) 4 \273) (2) 25 25
Chgn D.
Vidu20: Cho 2* = ;3" =b. Hay bibu difn 4=24" +6"+9" theo @ va b .
A. A=ad’b+ab+b*. B. A=d’b* +ab+b*.
C. A=ab’ +ab+a*. D. A=a’ +ab+H.
Loi gidi:
Taco: A=(2'3) +(23) +(3*) =273 +2°3 +3" =’b+ab+1’.
Chon A.

Vi du 21 : Cho (J§+1)’ =3. Hay tinh gié trj cta biu thicc 4 =(J§—1)2’ ;(3+2J5)‘

A. 4=18. ' B. 4A=0.
c. 4=22 p. 4=,
9 9
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'ﬂmgﬂ.‘iﬁg& =
| Lo gidi:

Taco: (\/;'7.+1)(J§—1)=1;(3+2~/§)=(\/§+1)2

Do d6 A=[(J5+1)"‘]h +[(J§ +1)2T (VB (Va3 =T
Chqn C.

Vi du 22: Cho 5° =4 hiy tinh gid tri cia bibu thirc 7 =25 -5+ 52

A.T=14. B. T—f:l
C. T=118. D. T=6.
Loi gidi:
47
Taco: T= 16-———+2
(5) -5+ 5 = e
Chon B. _
Vidu 23 : Cho a=2%;b=>5". Haybiéu difn T =20"+50 theo @ va b.
L . ~ab
"A, T=ab{a+b). B.T= .
(a ) a+b
C.T=d*+ab*. o D.T=ab+ad’h.
Lot gidi:

Taco T=(225) +(52) =225 +572" ='b+ab’ =ab(a+b).

Chon A.

Vidu24:Che a® >4 va a® > b" . Khiing dinh nao sau ddy 12 ding.
A l>a>b>0. B.1>b>a>0.
C.a>b>1. D. b>a>1.

Loi gidi: |

Tacd: —/3<—2 nén a"‘ﬁ.>a‘5<50<a<‘l

Mit khac a" >b" < a>b.Doviy 1>a>b>0.
Chon A.

-3 -4 R -
Vi dy 25: Cho (a—1)% >(a=1)7 va J* >3b? . Khiing djnh nio sau day l& ding.

A ab>1. B. 0<a<2b>1.
C.0<a<2;b<l. D.a>2b>1.
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Loi gidi:

-3 4 3 =4
Tacé:—;—>—5- nén (a—1)4 >(a—1)5 Sa-1>laa>2

Mit khic VB > Y57 < b2 > b5 b1
Dodé a>2;h>1.

Che¢n D.

Vi dy 26: Khing dinh ndo duéi day 14 diing.

A (241" > (2 1)™ (vzeR). B, (V2-1) > (v2-1)'".

c.(v2 +1)"2+1 >(+2 —1)"’2 (vxeR).  D.CiAvaC ddu ding
Léi gidi:
A sai vikhi x =0 khong thod man,

- A, - . -2

C ding vi (v2-1) =[(J5+1)‘} =(V2+1) " nén (V2+1)"> (-1 (veeR).
Chon C.
Vidy 27: Cho (a-2)" > J@a-2) w (a-1)" > (5-1)". Khéng dinh nio dusi
ddy 12 diing,

A. 2<a<b<3. B.2<b<a<3.

C.b>a>3, D.a>5>3.
Loi gidi:

z Ji 3 JZ_ .3_ 3
Tacé: (a— ,f - - - -2<1(do v2<2
acéd: (a-2)" > (a-2) < (a 2)" >{a-2)1 ©0<a-2< (do <2)

Suyra 2<a<3. Mitkhio (a-1)" >(3-1)® & (a-1)% <(3-1)% & a-1<b-1 e gt

Dodd 2<a<h<3.
Chon A.

Ja—\B a+4a

Vi duy 28: Pon gian biéu thirc T=% B asth ta dugc :
A T=%a. B. 5.
C.T=%¥a+4b. D. T=0.

Léi gidi:

(Ya) -(45) Ya(4a+4B)
Tacod: T = -~ =Ya+3b-Ya=45.
Ya-4b Ya+ b
Chon B.
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HAM S0 LOY THUA
[TV 6078}

L LY THUYET TRONG TAM VA PHUONG PHAP GIAI
1. Pinh nghia ham s6 Ity thira

+Hamsb y=x%, véi & c R, duge goi 12 ham s6 liiy thira.
2. Tép xac dinh
+Hamsd y=x%, voi a nguyén duong, Xac dinh véi VxeR.
+Hamsd y=x", véi a nguyén 4m hodc o =0 xac diph voi vx #0.
4+ Ham sb6 y=2x", véi o khong nguyén, cb tap xac dinh 12 tip cac sb thre duong.
Luu y. Ham sb lity thira lién tuc trén t3p x4c dinh cda no.
Theo dinh nghia, déng thirc ofx = Jci chi xay ranéu x> 0.

1

Do 6, him sé y=x" khong ddng hit véiham sb y = ifx (neN).

Chéing han, ham s§ y=3/x 13 ham sb cén bfe ba, xac dinh véi VxeR cdn ham
1
s6 liiy thira y = x* xéc dinh vé&i Vx>0.

3. Pao ham ciia ham $6 liiy thira

+ Ham sb liy thira y=x* (@ €R) c dzo ham tai moi diém x>0 va ( ) =ax®"
+Néu ham sé » =u(x) nhén gid ui duong va ¢6 dao ham trén J thi y= #*(x) cing cé
dao him trén J v (u“ (x))' = qu® (x)u'(x).

Chit y. Ta chn huu ¥ hai két qud sau:

+Véi Vx>0 néu n chin, véi vx+0 néu n 1é thi (%E)‘=

nf . n-1 )
, Yx
+Néu u(x) laham 56 c6 dao ham trén J va u(x)>0 voi VxeJ khi » chin,

u(x) %0 v6i Vxe Koi n et (guG))'= W) (véi vaed).

nﬁ"}u"‘l (%)
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4. Vai nét v sy bién thién va a3 thj ciia ham sé liy thira

Trong muc ndy, ta chi xét cdc him sé liiy thira dang y=x" véi @20 Va v6i thp
xac dinh 13 (0;'+co). i
+Ham sb y=x* dong bién trén khodng (0; +oo) néu @ >0,
+Him 6 y = x* nghjch bl;lgn k—h-o*ang (0 +oo) néu o <0,
+ D thi ham sé ¥ =x* ludn di qua didm (L1).
IL. VI DY MINH HQA: -~

Vidy 1. Tim thp xée dinh D cia him s§ y = (x* -3+ 2)”

A. D=[1;2]. | B. D=[24)u(-ail].
C. D=R o -D. D=(3;2).
Lévi gidi

Him sé y=x2, v6i o nguyén duong, xdc dinh véi VxR
Dodéhamsb y= (xz -3x+2)m x4c dinki véi Vx e R
Chon C | |

Viduy 2. Tlmtapxacdthcuahémsoy (x 8) e

A.D=(2 o), B " B. D=R\{2},
C. D=(-a;2), D. D=(-Z4o0)U(—c0;2).
Loi gidi

Him 56 p=x= , VOl o nguyenamxac dmhvm Vx =0,
Hamso y= (x —8)_1 Xac dinh <> x' -8 20« #8 > x=2,
Chon B

Vidu 3. Tim tip xéc dink D cia ham s§ y=(x-8)".

A. D=(2+). B.D=R\{2}.
C. D=(—oo;2). : D. D=(—2;+oo)u(—oo;2).
L% gigi
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e R

Him s6 y=x", v01i =0 xéc dinh véi Vx=0.

Ham sé y=(x3—8)0 xdc dinh <> x° —82 0> #8& x# L.

Chon B

1

Vi du 4. Tim t4p x4c dinh D ciia him s0 y=(x2—6x+8)ﬁ.

A. D=R. B. D =[4;+o)u(~0;2]
C. D =(4;+0)u(-;2). © D.D=[24]
L gidi

Ham sé y=2x°, v6i o khong nguyén, cd tap x4c dinh la tp céc sb thyc dwong,

. i x>4
Ham sb y=(x2—6x+8)1°° xac dinh <:>x2—6x+8>0<:>\: 2_—-:> Pép 4n dang 1a C.

x<
Chen C.
Vi dy 5. Tim t3p xéc dinh D cia hamsb y = (¥’ _6x+8)".
A. D=R. B. D=[4;+'00)u(—oo;2].
C. D =(4+0)U(-=;2). D. D=[24].
Léi gidi

Ham s6 y=x%, voi a khong nguyén, c6 tip xac dinh 1a tip cac sb thuc duong.
N 4 2 Ji r . 2 x>4 I s » by
Ham so y=(x —6x+8) xic dinh <> x* —6x+8> 0 <2:> Dap an ding 12 C.
: : x

Chon C.
Vi dy 6. Tinh dao ham cia bam s6 y = (x* +1)".

A. y'=40x° (x" +1)é. B. y'=10_(x4 +1)9.
'_(x4+1)” . '_(x4+1)“
C. y ——T- D. Y “—_‘4‘.‘4}?—'
Loi gidi

9

Taco y'=10(x*+1)" 4" =402 (z* +1)

Chon A.
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Vi du 7. Tinh dgo him cla bim s6 = (x* = 4x +10)7, -

1 : : Lo
A. y'=(x*-4x+10)7. B.y= (Zx 4)(x2—4x+1o)?.
4(x* -4x+10)* 2 4x+10)
Lo gidi SR
o 1., (T
Tacod y =——(x —-4x+10) (2x 4)-——(x 2)(x ——4x+10) 4= -
4 2 PR
2(x ~4x+10)3
Ch()n D. SR SN e en e B S P S L S T S
Vi dy 8. Tinh dao ham cia ham sé y=+3x2 — 2741
A, y'= L B. y'= !

23x —2x+1 " —J3x2—2x+'1'

C. y'= bx-2 . - , 3x-1

. D. y'= .
V3x? —2x'+rl_ V3x* —2x+1

Loi gidi
1Y 2

Tacd 3x* ~2x+1= xﬁ___] +—=>0, VxR
: [ V3) '3

. 1 : - _ —]
:>_y=(3x2 —2x-t-1)2 = y'= 6x-2 o 3x-l

2's/3x2 —2x+1 x/3x2 —2x-+1 ‘

Chon D

Vi dy 9. Tinh dao him cita ham s§ = (x*+1)"

o (x*+1)"
Ay =2(x* +1)E. B. y'= 5
1 1 (x*+1 "
C. y'=4~/§x3(x"+1)‘+~5. D. y'=ZE.LFJE—.
Loi gigi

1
Tacd y'=v2.(x*+ 1)‘5"l Ax® = 423 (x* +1)4E
Chon C
354
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1 1
2 2 z _
Taco ?——12->0, VxeR:>y=(x +;J =(1_ I J4

xt+ 2

_ 1 x :_1_ x _ X
241} 2(x2+2) Y a(R42) 2 (42)
[x2+2]
Chon B.
Vidu 11. Cho ham s6 y = 3}1112 (x* +1)+2. Ménh & nio duéi day 14 ding ?
,_4ln(x* +1) 5 1_2x1n(x2+1)
. 4xin(x*+1) ,_2mn(x* +1)
C. y —m. D. ¥ —m'
Loi giai
Tacé In’ (x2 +1)+2>0, VxeR:>y=(ln2(xz+1)+2)%
1 1 2 4 2 xln{x*+1
= 3= (0 ()2 2o o1) 2 = (1)) 2ol
4 1 xln(x2+1)_4 1 xln(x2+l)m4xln(x2+1)
a2 N 2 _5';2' w1 - 3y2(x2+1) .
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LOGARIT
[TV 6079]

I. LY THUYET TRONG TAM VA PHUONG PHAP GIAI
1. Pinh nghia

Cho 2 sb dwong a,b véi a+1.Sé o thod man ding thirc a® =b duge ggi la
logarit co s6 @ clia b ki hidu 12 log, b . Nhu viy a® =b <> a=log_b.
Vi du: Tinh c4c biéu thirc éau: log, 4, log, 32;log 5 (4\/5 );log3 27;log £ 9
D4 tinh biéu thirc log, b=7 tadi trd 1o cAu hoi a mﬁbaoﬁhiét_l:tt’ﬁbﬁﬁg b( a=b)
Do vay log,4=2, log,8=3; log ; 4=4... Cac ban tinh cac gid trj con lai nhé !

Chii y: +) Khi @=1013 co sb thap phén ta ky hidu: logx (logx dugc hidu 1a log,, x).
Doc la Léc x. ' .

+) Khi a=e~2,712818 14 co sd ty nhién ta ky higu: Inx. Poc la len x hojc log nepe
ciax (Inx dugchiéuld In, x).

2. CAc cong thirc Logarit ¢An nhd.

Cong thikc I: log,a" =x,(VxeR;1#a>0).
Cong thikc 2: a"** =x(x>012a>0).
Chitng minh: Ta c6: log, x =log, x <> x=a"**.

Céng thikc 3: +; log, x+log, y =log, (x)
+) log, x—log, y=log, X (my>01%a>0)
Yy

Chimg minh : Tacé :

log, x

x=a"%*y =q"% = xy = g% o log, (xy) = log, a5 057

< log, (xy)=log,x+log, y.
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Cong thirc 4: log b" =nlog, b,

log , b =-1—10ga-b (a,b >0a# 1)
n .
Chimg mink : 1. Ta ¢6 : log, b" =log, (bbb...b) = log, b+log, b+...+log, b=nlog, b
Chitng mink : 2. Dt log . b=y =5 4})@@3@ < log, b=log,a”

<:>10ng ny = nloga,,b<:>log b—ilog b

Cong thike 5: log, b.log, c =log, ¢ {a;b;c>0;a;b%1) (Nhé: gibng vecto AB+BC=AC )

Chirng minh Tacé : loga b. logb c=log; bk’g"c =log; ¢ (vi 4% =¢ théo cong thirc 2)

H¢ qua: Khlcho a=c taco 10gcblogbc log c= 1<:>10gcb—10g,, . -
3. Cic tinh chat cin nho' 7 o o
Biéu thirc logarit t5 t3i khi co's6 a> 0va a1, biéu thirc duéi dhu logarit x> 0
log,150log, a=1 (1#a>0). . - v - e
ILVIDUMINBHQA
1. CONG THU'C VE LOGARIT

Vidy 1 Trong céc. s6 a ‘thod mén didu klen dum day 86 nao ldn hon 1.

A logza— -2. B, log,a=m.
C. log,a’ =-1. D. log,a=-0,3.
Loi gidi:

Tacod log,a=n=>a=3">1.

Chgn B.
Vi du 2 : Trong céc sb a thod man didu kién dudi dy. S6 nao nhoé hon 1.
A. log, a=-2. ~ B.log,5=2.
! :a
C.log,5=a. . D.log, a=2.
' ! v
Loi gigi:

Tacéd: log | a=2<:>a=[
B
Chon D,

-
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Loi gidi:

9
Ta cd:log, '\}a a -loga\} ava2 loga\j a2 =log, Vaa“ 11:>g€r a“ =log, a® = %
P ) o r.r J_g £ sz 9
Cdch 2 : Cho a=2.Nhép vao may tinh log, | y2V2V2" |= ta duoc ket qui bang 3
Chon D.
3 .
Vi du 4 : Gid tri clia bidu thitc 4=1log, —J—q_-(l =a>0) la
aila
A. 4= 1 . B. 4= 1 .
4 3
C. A= 1 . D. A= 3 .
2 4
Loi gidi:
3
a? 2t
Tacéd: log, i/_-—loga -=log, a { 4J=-A11.
a a.a"
Cach 2 : Cho a=2 nhip vao mé tmh log \/_2? = tadugc A=~
P Y. - 2 2\/2—” |
Chon A.
Vi dy 5: Gid trj clia biéu thic 4 =log, (a’Jadfa) (1=a>0)
A A= v . B. A= 2
5 10
C. 4= 2 . D. A= g
5 10
Loi gidi: : _
11 3kl . aq
Ta cé: log, (a3.\/c—z.{/a)=loga @ alas |=log. a 2% =log, al =
Chon B.
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Viduy 6: Cho \}x\/x\/; =x* valog, Jya!_ =b (v6ixy>0,y=1). Viy 4 =a+b bing,

A.Azg. B.A=E
_ 4 7
Ca=13 p.a=17
g g
Lévi gidi:

Taco: x—'\}x x"’ V \/xT xsna—-—
(Céc em ¢6 thé bm log, y2v242 =).

5
Lai ¢6: log, \/ =log, \fyy =log, \f Iogy 1= % b= A=%7.
ChgnD.
Vidu7: Cho \}x.xfxﬁ/x—‘ =x" vélogy%}yzﬁ:n (v6ix;y>0;y#1). Viy A=m+n bing:
23 7
A A=—. B. A=—.
12 4
C. 4=3. D. A=Z
3
Loi gidi:

Tacéd \}x x \/\’ \j \/; V \/-xT:—x”:;»m—
5
Laico log, {/y J_ log, \ly Yy —logy\/— log, y3=§-=

Dodb A=mitn=—

Chgn A.

Vi du 8: Thu gon biéu thic A=(a3\/c_z)bgab+(§/l?)hgba (1% a;6>0) taduoc:

A Ad=+a +i{p* . B. A=a +p*.
C.A:\/a—z+i/b_7. D.A=3/c?+~/b—’.
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[Moon.va
; 00N. VI

3 oc ob andog dah manh =

Léi gidi:

1 \Joga b 2\l0ga 43\ log, & 5 \log, a 7 2 7 2
Tacd 4 =(a3.azj +(b3] =[a2} +(b3J = b8 4 g8 = p2 4 g7

Chgn D.

. i log, ¥* P
Vidu 9 : Thu gon biéu thirc 4= (a«/a_3)og +(b\/3)hgb {1+ a;b>0) ta dugc:

A A=d +B. | B. A=d’+}’.
C.A=d’+F. D. A=a’ +b°.
Léi gidi:
3 \1o8a 5 1 \logga? 5\ log, & 3 \log; & 5 El
Taco: A= (a.aiJ +[b1;5) = {af) +[55J =(8*)" +(a?)™"
s 3

=(b2)5 +(a2)5 =b+a.
Chon B.

, Jb a
Vi du 10 : Thu gon biéu thitc 4= (a.{‘/c_z )Iogd ’ +(b.{‘fl;)l% (1% a;5>0) ta dugc:

5 4 R
A. A=at+b3, B. A=a* +b%,
4 3 il 5
C. 4=a% +b%. D. A=a® + b2,
Léi gidii:
A o, ¢ (1N & s s
Taco: A:[a"} +(b3J =(\/5) g’ + gle?? =[b2J +al=b%+a’.
Chon C.

Vi du 11:[Trich d¢ thi THPT QG n#im 2017)
Cho log, b=2 va log, c =3. Tinh P =log, (5'¢’)

A. P=108. B. P=13.
C. P=31. D. P=30.
Léi gidi:

Taco P=log,(b’c’)=2log,b+3log,c=13.
Chon B.
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Vidy 12: Cho log, x =4log; a+2log, b {a;6>0).Kbi d6

A. x=8ab. . | _ B. x=da"+b*.
C. x=+d%b. D. x=da'p’.
Loi gidi:

log, x=4log, a+ 2log, b=log, a* +log, b* =log, a*b*

Do vay x:a4b2. e = o

Chon D.

Vi du 13: Cho log, x =log, Vava +log, (a;b>0) . Khi d6:

b
3 i 3 Jbb

A x=3¥d’b. B. x=%ab’.
C. x=4a . D. x=%ab.
Loi gidgi:

| 3 3 1
log, x=log, Jafa +log, L log, Va? +log; Ls =log, a* +log, b*
3 3 s 3 3 3 3

3 3 bi 3 3

3 1
Dodd x=a*b*=Ya'h.
Chon A.
- 3/ 2 1 1
Vidu 14: Cho 10g4x=210g2\/a_+310g2m (a;b >.0) .Khidé:

2 =5 4 -15

A x=6a%b2. B. x=a’h? .
4015
C.x=ab?, - D x==10ab. -

Loi gidgi:
-3 4 =15

2 = 4
Ta co: log4x=210gz3/?+310g2;2~1\—/~_g=210g2 a® +3log,b? =log,a’ +log, b ?

4 o
Dodo x=a*b? .
Chon B.
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Vi du 15: Rut gon biéu thirc 4 = log, v +log, iz - I'ogﬁ' a® (a>0)tadirgc
a

33 ' 33
A.A=?log2a. B.A=——2—log2a.
C. A=33log,a. D. A=-—2—Ilog2 a.

Loi gidi:
2 1 8 2 -2 8
Tacod: A=log, J5+10g4 —z—logﬁ a =log,a’ +log, o™ -log , a
a 22

A =-;—log2 a—log,a~16log, a= :3—310% a.

Chon B. .
Vi dy 16: Riit gon biéu thirc A =log, a—log, a+log,, a* (@>0) ta duge:

A.d=log,a. B. Azlg—logza.
3 - 2
C. Ar-—z—logza. D. A=§]og2a.

Loi gidi:
. 2 1 1 2 2
Taco: 4 =log, a-log,, a+log,a =Elog2 a-—glog2 a+zlog2 a =§Iog2 a.

Chon D. o _

Vidu 17 [ BE THI THPT QUOC GIA 2016]: |

Cho log, x= V2. Tinh gia tri ctia bidu thirc 4= log, x* +log, x° +log, x.
2

A A=-2. B. A=-22 .

A:—z, D. Azi'"\/z
.2 4
Loi gigis
Taco A=log, x* +log, x* +log, x =2log, x—3log2x+—;-log2x=-—%log2x=—.3/2—§. :
2
2
Viy A=—--J2:.

Chen C,
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A. 4=6. B. A==
c a=21 D. 4=—6.
6 | | _ ]
Lai gidi:

Tacéd: log, 2=3=
- log, x

1
=3 log, x==.

Mit khic 4 =log4x—210g2\/J?=log22 x-2log, x* =%10g2 x—log, xzéllogzx:%.
Chon C. - - ‘
Vi du 19: Rét gon bidu thitc 4 =log, xv/x —log, x* (x> 0) ta duoc:

3

3 1
A. A=510g2x. B. A=——2-log2x.
‘ 2
C.4=2log,x . D. A=-§log2x.
Lai gidi:
2 13 3
A=log, x2 ~log , x* =—.=log, x+log, x="log, x.
z 2 32 2
Chon A.
Vi dy 20: Rut gon biéu thitc 4 =log, x.log, 3 +log; x.log,5 (x>0) ta duoc:
3 1
A, A=.-2—10g2x. B. A=—510g2x.
2
C.4=2log, x. 7 D. A=§log2x.
Loi gidi:

Ta cd: 4=Ilog,3.log, x+log, 5.log, x =log, x+log, x=log, J\:+%—10g2 x= %logz x.

Chen A.
Vidu 21: Cho log2x=s/§. Tinh gi4 tri ciia biéu thitc: B =log, x+log, x+log, x
4 g 16
A B=43. p.p-"123
12
C.943. D. —9+3.
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Jlloo Ry
4000 05 kb, dants fnh %

Loi gigi:
Ta co:

1 1 1 -13 -13/3
B=log, ,x+log,, x+log, , x= —~2—Iog2 Jc—glog2 x—zlog2 x= Elog2 x= T

Chon B.

Vi dy 22: Cho Jog, x=1++/2. Tinh gi4 trj bidu thirc: 4 =log, x* +log, x+log, *
3

A.A=2(1+«/5). B. A=1+2.
c.A=—2(1+J5). D. A=3(1+J§).
Léi gidi: '

Taco: A=3log, x—log3x+log3x5310g3x=3(1+«/5).
Chon D.

Vi du 23 : Tinh gi4 tri cta biéu thirc P =1log, bia.log_ﬁ a (1#a;b>0).

A. -18. B. _—1
2
C. 18. D.-l—‘
2
Loi gidi:

Tacéd: P=log, b7 log , a’ =-3log, b.6log, a=—18.
e

Cheon A.
Vi du 24 : Tinh gi trj caa bidu thio P=log b log za (1#a,b>0)
A. 3. T B.12.
C. 3 ' D_i'
4 _ 3
Loi gidi:

Tacé: P=log , & Iogla 6log, b2log, a=12.

a

Chon B.

2
Vi dy 25: Cho Inx=2. Tinh gi4 trj clia biéu thic T=21n\/e_x—1ne—+]n3.log3 ex’

Jx
A T=21, : B.T=12.
C.T=13. D.T=7.
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Moon.vn

2% tas ab wrdng con e
Ldi gidi:

Taco: T = m(ex)—(z-mJE)+m(ex2)=(1+1nx)-2+%1ux+1+21nx=-;-1nx=7.
Chgn D. '

2
Vi dy 26 : Cho Inx=3. Tinh gié trj cia biéu thirc 7 = 2In ==+ 1n2.log, (¥’.¢?)..
S e :

WA

A T=16. B.T=15.
c.r=2". S D.T=22.
2 |
Léi giii:

Tacé: 7=2(lnx’~Ine)+In(x'e’}=4Inx-1+3lx+2=7Tlnx+1=22.
Chon D. B
2b3

Vidy 27 : Cho log, b=3;log, c=—2.Tinh gid tri cua log, x, bit ring x=

A.log, x=16. - B. log, x=6.
5
C.log,x=13 . D. logaxz-z—.
Loi gidi:

223

£l
Ta cé: log, x=1log, ab log, a* +log, &’ —log, c2 =2+3log, b_—%loga c=16.

Jé

Chon A,

‘a.\/fa?

2

Vidy 28: Cho log, b=2;log, ¢ =3 . Tinh gié tij clia biéu thitc log, x, biét ding x =

c
A. log, x=-6. B. log, x=—4.
C.log, x=-2. D. log,x=-1.

Loi giai:

3 3
Tacd: log, x=log, ﬂzi =log, a+log, b? ~log c* = 1+—2—10ga b-2log,c
c

=1+—3—.2—2.3=-2‘.
2

Chen C.
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1 Moeon.vn

11 Hae ob khion dah minh &

2. BIEU DXEN LOGARIT o
Vi du 1: Cho céc s duong ;b (a#1). Khiing dinh ndo duéi day 14 sai.

A.log, ('b*)=3+4log,b. B. log, b=280
log,3
C. 2+2log, b=log, (" +5*). D. log, b.log, 9=2log,3.
Léi gigi:

Tacé: 2+2log, b=2log, a+2log, b=2log, ab=2log, (ab)’.

Chon C,
Vi du 2: Cho cic sb thuc duong a,b,c voi a,b,ab=1. Kh:?mg dinh nao sau day 14 sai.
A.log,c+log,c=log,c . B. 2log, b+3log, c =log, (b*c’).
C. log,clog, b=log_c. D. 10g,,c=—-0§-”-£.
log, b
Loi giai:

Ta chi ¢6 log, a+log, b =log,(ab) (c+ 1) :
Chon A.
Vidu 3 : Cho cic sb dwong a>5>0 (a # 1) . Khing dinh ndo dudi day 1a sai.

A. log,{d’ —bz) =log,(a~b)+log,(a+b). B.log, (azbz) =2+2log, b.

C. log, (a+b)’ =2(1+log, b). D. log,, Ja—b=-}£(1+logab) .
Lo gidi: | |
log, (a+b)’ =2log, (a+b)=2(1+log, b).
Chon C.

Vi dy 4: Cho céc s duong a;6 >0 (a#1). Khing dinh ndo du6i day 13 sai.

A. log, (avb) =%_(2 +log, B). B. log , (Jc_zb) =%(1_+ 2log, b).
C. log - (ab)=2(1+log, b). D. log ;;(avh)=2+4log,b.
Léi gidi:
Tacé: log (a@)zlog£a+1og\,;\/b_=2+logab.
Chon D.
367
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Vi du 5: Cho cc sb duong a;b >0 {a#1). Khing dinh nao dudi ddy 13 sai.

A FoRb_peed B. d = gb.
C. g% _p?. , D. ¢ =2,
- Loi gidi:

S e -
Tacé: @’ =(b)l°g"° =b2=+b.

Chon D.

Vi dy 6 : Cho céc s6 duong a;b,¢>0 (a " 1) Khing dinh ndo dudi diy 1a sai.

A“ logacbc =.10ga b .. R - . B,‘ ].Og 1 bt—‘ __'fr'-—.loga b .
C. 2log,b-3log,c= -g-log,z 2 D. log,b+log,c—1=log, be .
c a
Loi gidgi:

2

Ta cé: 2log, b-3log, c = log, b* ~log, ¢* =log, .
C

Chen C.
Vi duy 7: Cho céc sb thic a,b,x, y>0 voi a,b+1. Khﬁng dinh ndo sau diy 12 sai,
A. log,b.log, a=1. B. Ini=1nx—llny.
N 2
C. log, x+logy; y =log, (xy’). D. log, (x+y)=log,x+log, y.
Léi gidi: |
Tacd log, x+log, y=log, xy.
Chgn D.
Vidu 8 : Dit a~log,3. Hiy tinh log, 48 theo a.
A. log,48=3+2a. B. lo-g'2 48=4+2a.
C.log,48=4+a. D. log,48=5-a.

Léi gidi:
Ta cé: log, 48 =log, (2*3)=4+log,3=4+a.
Chon C.
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L FROSTOANHOC-HAMSOVA

Vidu9:Dit a=log, 5. Hiy tinh log, 10 theo 4.

A.log,10=2(1+a). . B. 1og4_10=5—"2f-1-.
C. log,10=—2(1+a). D. log,10= _“2_1 :
Lot gidgi:
, 1 1, a+1
Ta c6: log,10=1log,, 10=Elog210=—2-(1+10g25)=-~2-—.
Chon B. '
Vi dy 10: B3t a=log, 3. Hay tinh log,, 18 theo a.
a+2 2a-1
A log,18=—"=_ B. log,,18= :
B 2a+1 8iz 2-a
2a+1 2a+1
B. log,,18 = . D. log, 18 ="~
OBz 2—a i e Oglz 2+a
Léi gidi:
log,(2.3* :
Ta o6: log, 18- 10818 _ % (2. )=1+2.lqg23=1+2a_
log,12 log,(2%3) 2+log,3 2+a
Chon D.
Vidu 11: Cho log, 5=a. Hiy tinh log,1250 theo a.
A. 1og41250=4+7“. B. log, 1250 =144

C. log4125(}_='4a+_3. e - . D. 1¢:>g4_1250=4a—1

Loi gidi:

Ta cé: log,1250 =log, (2.54) = %logz (2.54) = %(1 +1og2'54) 1+dlog,5 1+da

2 2
Chon B. o
Vidy 12: Cho g=1log 3 thi:
3 5

A.log, 15=—— B. log, 15=—-.
E2s 3 (1 ~ a) Bas 3 (1 ~ a)
C. log,,15=— D. log, 15=—
TR 2(1-a) gt T
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Loi gidi:

Ta c6:log, 15 =

Moon.vn

Chen C.

Fiou G kg b sminh
1
log,15 _ log,15 _ log, 15 -1 - Y 1
log,25 2log,5 2(log,15-log,3) 2(log,15-1) 2(1_IJ 2(1-a)
a

Vi du 13: Cho a=log, 7. Hay tinh log,, 49 theo a.

A. log,, 49 = 12—"

+a

C. log,, 49= 22“

Loi gidi:

Ta co: log,, 49 =

—da

log,49 _

B. log,, 49 = 22"

+a

- D. log,49 =—
0Z14 1+

2log,7 2a

log, 14
Chon A.
Vidy 14 : Cho log 4; 20

Tg,(27) 1+a

=a. Hiy biéu dién log, 5 theo a.

a+4 a-4
. log,5=——. B. log,5=—.
08 a+2 & 2-a
2a-1
C. | ,5= . D. log,5= .
B> a1 B0 = e
Loi gidi:
log, (225
Tacd: a=log g20=2log, 20= 210g220 2 gz( )= -2+10g25
log,10  log,(2.5) 1+log,5
a-4
Suyra a+alog,5= 4+210g25310g25-2—
—-a
Chon B.
] ' o 27
Viduy 15 : Dit 10g34=a.Hayt1nhlog3Etheoa.
27 27
A, log,—=3-4a. B. log,—=3(1-a).
08516 a g3 16 ( )
27 27 3-2a
C.log.,—=3-2a. D. lo
T 216 2
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MOLOGARITH

Lai gidi:

Ta co: log, %=k}g3 27-log,16 =3-log, 4° =3-2log;4=3-2a.

Chon C.
Vidu 16 : Cho log,, 12 = a. Hiy biéu dién log, 3 theo 4.
a—2 a—2
A. log,3= : B. log,3= .
5 g 08 0
a+2 a-1
C. log,3= . D. log,3=——.
Y 871 %4
Loi gidi:

log,12 _10g.(2°3) 2+log,3
log,18 log,(2.3") 1+2log,3

Tacd: a=log,12= <> a+2alog,3=2+log,3

a-2
Do d6 log,3= —.
&2 1-2a
Chon A.
Vidu 17: Cho a=log,, 50. Hiy biéu dién log, 5 theo a.
A. log25=2a+1. B. 10g25=2a+1.
a—2 2—-a
- 2a-1 ' 2a-1
C. log,5= . D. log,5= .
% 2-a 082 a+2
Léi gidi:

log,50 108,(2.5) 1+21l0g,5
log;20 log,(2%5) 2+log,5

Taco: a=log,,50= = 2a+alog,5=1+2log, 5.

Do d6 log,5= 22a_—al
Chon C. S
Vi dy 18: D3t log, 3=a, b=log, 5. Haly biéu dién log, 45 theo a va b.
A. log, 45=2a+2ab. B. log, 45=a+ab.
C.log,45=3a+ab. . D.log,45=2a+ab.
Loi gidgi:

log, 45 =log, (3".5) = 2log, 3+log, 5=2a+log, 3.log, 5= 2a+ab.

Chon D.
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Vi du 19: Pat log,3=a, b=log, 5. Hiy bidu dién log,,15 theo a va .

atab : : a+ab
Al 15= . B. 1 15=——..
Ogu b+2 Oglz a+2
a+b ath
C. 1 15= . , . D. 1 15=
0g12 ab + 2a cmm m ot o i ———— . 0g12 b:["Qb RN
Loi gidi:

Taco: log,15=

log,15 _log,(3.5) _log,3+log,5 a+log,3.log,5 a+ab

log, 12 10'32'(2'2.3)_ 2+log,3 2+a.
Chen B.

a2

Vidny 20 : [BMH THPT QUOC GIA 2017) : Bat a= k)g2 3,b= log5 3. Hay bidu dién

log, 45 theo a v b

2_
A, 10g645=a+2ab. B. log645=M.,,.-
ab ab
C. log, 45=23238 | D. log, 45—2“—_2—"b
ab+b cab+b
Lévi gidi: |
Ta o6 log, 45 = log2 45 10g2 (5.9) log,5+log,9 _log,3.10g,5+2l0g, 3
log,6 log,(23)  l+log,3 l+a
a
_ 3+2a _a+2ab
l+a (a+1)b E

Chon C.
Vi du 21: Bit a=log, 2;b=1o0g,3. Hiy tinh log, 72 theo a va b.

A. log,72=3a+2b. B. log,72=2a+3b.
C. log; 72=3a+3b. : D. log. 72 =2a+2b.
Lovi gidi:

Ta co: log, 72 =log (2°.3% ) =3log, 2+2log,3=3a+2b.
5 5 5 5

Chon A.
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Vidy 22: Pt log3 = p;log5 =g . Hiy biéu dién'log,, 30 theo p;q.

A. log, 30=172 B. log,, 30= 2.
p+g p+g

P+q ptg

C. log, 30="—. D. log, . 30="—-=.
E1s 7+ E1s g+1

Loi gidi:
log30 I+log3  1+log3  1+p
logls log(3.5) log3+log5 p+q’

Taco: log,;30=

Chon B.
Vidu23: Cho a=log;15;b=log, 10. Hay tinh log ;50 theo ava b.

a+b+l a+b-1
Al 50—-—— B. log - 50=— .
085 9 . 85 2

C. log£50=2a+2b+2. b. log£50=2a+2b-—2.

Lai gidi:

Ta cdlog ; 50 = 2Iog, 50 = 2{ log, (5. 10)] (log, 5+10g3 10)=2(log, 15—log, 3+10g, 10)
=2(a+b-1).

Chon D.

Vi du 24 Cho a=log, 3, b=log, 2. Hay tinh log 28 theo a va b.

NP | 5 g dr2
2a+2 ab+b
B 4=20*2 D a=_20%L
a+2 2ab+2b
Léi gidi:
- log;28 - log (22-7) 2+log, 7 2*3 4b+2
Tacé: log ;28 =2log 28 =22 =2 —" _p2tlg,’ _, b_

log,6  log,(23) 1+log,3  l+a ab+h’

Chon B.
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Viduy 25: Cho a=log, 5, b=Ilog, 5. Hay tinh log,, 100 theo a,b.

2a+ 2ab+b
Al 100 = B. log,,100= .-
0g,, .y B1a ath
2a+ab 2ab+hb
C. log,, 100 = . D. log.,100= .
Sis T atab _ .g14 - a+b
Loi gidi:

log,100 10g,(2°5) 24210g,5 2424 ..

Ta co:log,, 100 =

Chgn D.

log,14  log,(2.7) = 1+log,7 1+log,5log,7 {,@

. 2+2a_2ab+2b
L3 ath
b

Vidu 26 : Cho log; 2 =a; b=1log, 3. Hiy biéu dién log,;36 theo a,b.

2a+b a+2b
A. log,, 36 = B. log,, 36 = .
0815 36=—— %20 =
2a+2b 2a+2b
C. log,, 36 = . D. log,, 36 = .
s b+1 O81s a+l
Lo gidi:
| log, (22.3?
Tacs : log,, 36.- 1036 _ 8:(2°3") _ 2l0g,2+210g,3 _ 2a+2h
log,15  log;(5.3) 1+log,3 1+b

Chen C.

Vidu 27 :Dit a=log, 5, b=log,3. Hiy biéu dién log,, 45 theo a,b

2a+b a+2b
Al 45= . B.1 45 = .
B =3 B =3
2a+2b a+2b
C. log,, 45 = ) D. log, 45= ,
%840 b+3 %840 a+3
Léi gidi:
log, 45 _ log, (32 ) _2log,3+log,5 a+2b

Taco: log,,45=

5
log,40 " log,(2%5)  3+log,5

Chen D.

374

a+3

http://tieulun.hopto.org



llooa.vn PRO'S TOAN HOC - HAM G VA MO LOGARITH

onamlmmﬂum

Vi du 28: Cho log, 6=a va log, 5=b . Hiy tinh log,, J% theo a,b.

_ab—b+2 _ab+b-2
log,, /20 = B. log,, 20 =
A. log, 2( +1) OB 2( +1)
ab+b-2 ab=b+2
) Joo=22127 2 . log, V20 =——=
C-logu V20 =10 D- log 20 =500
Léi gidi:

Ta c6: a=log, 6=1+log, 3. Mit khac

1log,20 log, (22 5)
2log,12  2.log, (223)

log,, V2 J— ; log,,20=

__2+log,5 _2+log,3.log,5 _2+(a—1)b _ab-b+2
T 2(2+log,3) 2(2+a-1) 2(a+1)  2(a+l)

Chon A.
Vi du 29: Diat log2 7=a;log, 7 =b. Hiy tinh log,,12 theo a,b.
a+2b a+2b
A log, 12= . B. log ,12= .
B b ra 0 abeb
2a+b _2a+b
C.log, 12= . D. | .
o814 ab+a 0! T ab+b
L& gidi:
2 2+2
Tact: lo. 12 108212 _ 108 (23) _2+log,3 _2+log, 7.log,3 5 _a+2b
OB T 10g, 14 log, (27)  1+log,7 1+a a+l abib’
Chon B.
Vi dy 30: Dt a=log,5 va b=log, 6. Hiy biéu dién log, 90 theo a va b,
A. 10g390=f—-t—2~£’-:}~. B. log, 90=M.
b-1 a-1
a-2b+1 a—2b-1
C. log,90=——. D. log, 90 = —-—.
o8 b+1 o T T
Loi gidi:

Tacéd: b=1log, 6=1+log,3

log,(32.2.5 2(b-1)+a+l1 _
Kb d6: 1og, 001290 _ &:(¥25) 2log,3+1+10g,5 _2(b-1)+a+l_a+26-1
log, 3 log, 3 log, 3 b1 b1

Chon A.
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Vidu 31 : Bt log,5=aq, log,15=4_ Hiy tinh log, 10 theo a,b

1-a ab—a
A. log,10= L B. log,10= .
o8 a+2b ‘ gé a+2b
C. log,10=22%2 D. log, 10=—+%_
T La+2h 0 L C2b—a_ . . .
Léi gidi:

log,15=b=>~ (log25+10g23) b::';-log23 2b-a.

10g210__1+log'25 - l+a

Khi d6 log,10= = = .
log,3 2b-a =~ 2b-a

Chgn D. I _
Vidu 32: D3t a=log, 3; b =log, 2; c =log, 7. Hay bidu dién log,, 15 theo a,b,c.
ab+1 ac+1
A log,15=———— B. log,,15=——mm—,
Sa blate+1) _g42 e(a+c+l)
ab+1 atc
C. log,15=————. ¥ D. log,15=—22¢
OB« ab+b+c- 084 at+b+bc
Loi gidi:
: .1 |
oo 15- 108,15 log,3+log,5 Ty ab+l
Ex log,42 log,2+log,3+log,7 1+a+c b{a+c+l)’
Chon A.
Vi du 33: Cho céc s6 thuc a, b>0 a;r&l Khing dinh ndo sau diy I3 ding ?
A. log,(a" +b)=4-+log,b. B.log, (" +a'h*)=2+log, (b* +1).
C.log,(a+b)=1+log,b.  C.og,(ad’b+1)=4+log,b.
Léi gidi: '

Ta c6: log, (a” + azbz) =log, [az (E_)z + I)J =log,a’ +log, (b2 +71).= 2+log, (b2 + 1) .
Chon B. ‘

Vi du 34: [ PMH THPT QUOC GIA 2017] Cho c4c sb thuc a,b>0a#1. Khing
dinh ndo sau ddy 1a ding ?

A. log , (ab)=~1og, b. " B.log,(ab)=2+2log,b. .
P 2 ot

1 1
C. log , (ab)= Zlog b, D, log , (ab)=§+§10gab.
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{Moon.va

1 tor b indenc et
Loi giagi:

1
Ta c6: log , ab= %loga ab = %(loga a+log,b)= —2-(1+10ga b).

Chon D.
Vi du 35: Cho cic sé thyc a,b>0;a;b;ab=1. Khing dinh pdo sau ddy 14 ding ?
a l+log b a l-log b
A. log,, —=———. B. log , —=—2—.
8w = 1 Tog, b 8at 4 " Trlog, b
' 1+log, b
C. log,, 2= 111083 D. log,, &= 1¥108.0
b 1l-log,b b 1-log,a
Loi gidi:
1 a
8.7 _1-log,b

Taco: 1o a-
e T log,ab 1+log, b’

Chon B.
Vi du 36 : Cho céc sb thuc a,b > 0;a;avb = 1. Khing dinh nio sau dy 1a ding ?
I+log b . 2+log, b
Al b)=—>=. B. lo abj=——"T9_
Og"‘ﬁ’-(a ) 2+log, b g"‘ﬁ( ) 1+log, b
2+2log b 2+log, b
C.lo b)=—"T2—. D. lo h)=—"—"2—.
C-Jog, 5 (@)= 1og. 5 2. ()= s b
L gidii: ' |
log, (ab l1+log b l+log & 2+2log b
logm,;(ab)= ACD = ELAN i ELA Bal
loga(qu;) 1+lc’>_gas/3 1+~log b 2+log, b
2 a
Chon C.

Vi du 37: Cho céc s8 thue duong x; ¥ >0 thod mén x° +y* =8xy . Khing dinh nao sau
ddy 14 diing,

A. 10g(x+y)=m3;—+l—cﬂ. B. log(x+y)=logx+logy+1.
C. log(x+y)=logx+logy-1. D. log(x+y)=10.(logx+logy).

Lévi gidi:

Tacé X’ +)* =8y < (x+y)2 =10xy = Iog(x+y)2 =log(10xy)
< 2log(x+y)=1+logx+logy.

Chon A.
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|Moen.va

Vi dy 38: Cho céc sb thuc duong x;y >0 thod mén »* + y* =14xy. Khing dinhnao .
sau day 1a dang.

A. log, % =log, x+log, y. B. log, xl-:Sy =log, x+log, y
_.log, x+log, y . log, xy

C. log; (x+¥) 3
Loi gidi:
Tacéd: x* +y* = 14xy <> (x+ y)2 =16xy < log, (x+ y)z =log, (16x)

log, 3"}’ ‘

& 2log; (x+y) =4+log, x+log, y > log, (x-+ ) =2+

Chon D. _
Vidg39:Chocécsd x,yeR va x*+ ¥* =3xy . Khing dinh ndo sau day 12 ding.

Alog, (x+)= 2B, B. log, (x+ )’ =1+ og, 3 g,
C. log, (x-+y) =1+log, (). D. Tht ca déu ding.
Lo gidi:

Tach: X +y' =3y o(x+y) =Sy e log; (x+ )’ =log, (5xy) & 2log,|x +y|=1+log, xy
Chui $: A sai vi chura thé Khéng dinh x + y > 0, tuong ty B sai vi chwra thé khdng dinh x, y > 0.
Chon C.

Viduy 40: Cho log, x = p;log, x=g;log_x=r (1¢a;b;c;x>0).Hﬁytinh log,,. x.

bqr

Aldog  x=——L B. log ., x=pgr.
e p— Base ¥ = P4
par pgtgqr+rp
C.log, x=—22 D.log, x="*—- &
Babe ptg+r Babe p+g+r
Loi gigi:
log, x=——t - 1 _ 1 1
Bate log, abc log,a+log b+log, c r 1 1 1. 1.1
log,x log,x log.x p q r
___pgr
pg+qr+rp
Chgn A.
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Vi dy 41: Cho log, x=m va log,, x=n (1#x;a,ab>0).Khi d6 log, x bing:

A. log, x=—"2 B. log, x = =
n—m m-—n
mn 1 1
C.log,x= . D. log, x=—~—,
m+n m n
Lot gidi:
log. x = _ b 1 _ 1 _ mn
B log. b 100 ab log ab-log. b 1 1 m—n
*a n m
Chon B.
. P 1 1 1
Vi du 42: Thu gon biéu thitc 4= + + ot ta duogc:
log,b log,b log,b log , b
+1
A 4=20FY) B, 4=-"7L
log, b 2log, b
c. 4=1rt) | p. 4=
2log b log, b
Loi gidi:
1 n 1 2 n

Ta ¢b: loga,,b=llogab:> .Dodd A=
n

= + +..t
log b log,b log,b log b log, b

_ 14243440 n(n+l)
log, b 2log b’
Chon C.

Vi du 43: BMH THPT QUOC GIA 2017] Cho 2 sé thuc duong a v b thod mén
1< a<b. Khing dinh nio sau diy 1a ding.

A. log, b<l<log, a. B. I<log,b<log,a.
C. log,b<log, a<l. D. log,a<1<log,b.
Loi gigi:

Céch 1: Cho a=4;b=2 ta thy log,4>1>1log, 2.
“hon D.

log, b>log,a=1

Céch 2: Taco 1<a<b nén{ =log,a<l<log b.

log, a<log, b=1
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Vidu44: Cho?2 _sé_ there duong a,b thod mén 1> a > b > 0. Khing dinh nao sau.diy 1a dtng.

A. log, b<l<log,a. _ B. 1<10gab<_lo__gba.
C. logab<iogba<1. o D. Iog'ba<1<lég;b.
Loi giai: —
Chon a=%;b=% ta co: logab=2;10gba=-;-. Do véy log, b>1>log, a.
Chon D. | |

1. BAI TAP LUYEN TAP
PHAN 1 JTT6080]

2,534, .
2¢ 45750 . ta duge

Ciu 1: [558479] Tinh gid tri coa biéu thirc M = -
107 :10? —(0,25)

A. 10. I B.-10.
C.12. B _ D. 15.
Cin 2: [558480] Cho f(x) = Yx4/x. Khi d6 £0,09) bing:

A0l B.02.
C.03. D. 0,4.

Ciu 3: [558481] Bidu thirc 4= ,3@,3/% \E vidt duéi dang Iug thira voi s6 mi hiru i 1a:

2 I
Ciu 4: [558482] Tinh gié tri bidu thirc P=(0,04)™ —(0,125)3, ta duoc két qua I

A. 90, B. 121.
C. 120. . D125,
. Liogy10 :
Ciu 5: [558484] 642 bing:
A. 200, B. 400.
C. 1000. D. 1200,
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1 Moon.vn

1 Hoe &b nkod Gih

Céu 6: [558491] log, 48 bing:

A.

C.

lth D=

Cau 7: {558492] Cho a> 0 vd g # 1. Tim ménh dé ding trong cc ménh dé sau:
A, log, x cO nghia véi Vx . B.log,l =ava Iogaa 0.

C. log,xy = log.x.logay. D. log,x" =nlog_x (x >0,n= 0)
Ciu 8: [558494] 3log, (log,16)+log, 2 bing:
z
A. 2, B.3.

C.4. D. 5.
Ciu 9; [558496] Cho céc s6 thyc a,b > 0;a = 1. Kbing dinh ndo sau dy 1a ding ?

A. log,(a*+b)=4+log,b. B. log, (a* +a%*) =2 +log, (¥’ 4}1).

C. iog, (a+b)=1+10gab_ D. log, (a3b+1) =4+log b. ’

Chu 10: [558498] Cho xy/xvx =x° VA log, 3y’ =b ( véi x;y>0;y#1).
Viy A=a+b bing. E o

,A.A:.g_. o . B A=,
c. 4= D. 4=

8 8

2
a Y] SR I z . N A
Ciu 11: [558499] Cho (¢ —1)" >(a~1) va(gJ > b2 . Khing dinh ndo sau day 13 dimg :

AL O<a<lvab>l. . ... . ... Bil<a<2vab>l..
C.a>2va0<b<l. = 7 o . D.l<a<2val<b<l.

Cau 12: [558500] Cho 2° =2 —1. Gié tri cia bidu thitc 4=47+2.27 1&:
AA=32-1. , B. A=4.
C.A=3-+2. D.A=5.
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Céu 13: [558502] Cho c4c khing dinh sau:

1 (\/5—1)20” >(\/§+I)—2016-

2) (x*+1)" > (x* +1) (vxeR).
3) D0 thi ham s6 y=x* xét vdix e (0;+0) 1udn di qua diém c6 toa 4o (L1).

4)Véi ab>0 ta ludn ¢ log, {ab) =log, a+log, b.

S4 khing dinh dung 1:
A 4. - B. 3.
C.2. . D. 1.

Ciu 14: [558504] Cho céc ph4t biéu sau :
1) Gié tri clia @%*"“%* bing 64.
2)Cho 0<a<1va x,<x, suyra a” <a®.

3)Néu a=1g2, b=In2 thi 10° =¢°.

3f.3 4f 8
4) Biéu thirc f(x)-—:ﬂ-—‘/z‘:_—:x2 véimoi x=0.
¥
S6 c4c phat biéu ding 13 :

A 2. B. 3.
C. 4. D. 1.

Ciu 15: [558506] Cho @ va b la hai s6 thuc duong. Két qua thu gon cia biéu thirc

(4]

A= —_1L 14
Y Ja?a’
Al B.bh.
C.a. D. ab.

Cau 16: [558508] (PE MINH HQA QUOC GIA NAM 2017) Cho céc sé thyc duong
a,b, v6i a+1. Khing dinh ndo sau day la khing dinh ding?

A. log , (ab)= -;—logu b. B. log . (ab)=2+2log, b.
C. log . (ab) =%loga b. D. log . (ab)= —;— +%loga b.
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Meon.va

i Hoo A kb b rinn -

Ciu 17: [558510] Cho a>0,a #1. Tinh gi4 trj cia biu thirc P =log’, (a*):

A. P=2. B. P=4.
C. P=6. | D. P=16.
) " i Zlog -2
Céu 18: [558511] Cho a>0,a 1. Tinh gié trj cia biéu thirc P=(JE) =
A.P=2. B. P=4.
C. P=6. , D. P=16.

Cau 19: [558512) Cho a>0,a=1. Tinh gi4 tr clia biéu thirc P =logJ;( ayavaa J:

A P=2 B. P=12,
8 16
c.P=2, . p=2.
32 4

Cau 20: [558514] Cho a>0,a+ 1. Tinh gid tri clia biéu thirc P=log’; a*:

A.P=6. B. P=8.
C. P=4. : D. P=6.

3
Cau 21: [558515] Cho a,b>0,a,b# 1. Tinh gid tri cta bidu thirc P=10gab+loga%:
A.P=2,
C. P=9.

B. P=3.
D. P=6.

2

Ciu 22: [558516] Cho a,b>0,a,b = 1. Tinh gid tri cia biéu thirc P=log, b” +log f’b—:

A, P=4. ‘ B. P=3.
C. P=6. D. P=8.

Ciu 23: [558518] Cho a,b>0,a,b#1. Tinh gié tri ciia bidu thirc P =log = b.log,a*:

A. P=6. B. P=24.
C. P=12. D. P=18.

Ciu 24: [558519] Cho 4,5 >0, a,b#1. Tinh gi4 tri cia biéu thirc P= log , b+log, \/% :

A P=

C. P=

(SR S
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Cau 1: [558952] Gid tri ciia 2.4 bing: .
A8, o B. 32
C 23+Ji ) - D 46\!5—4

Ciu 2: [558954] Gid trj cha a"*%* (0 < a=1) bing;
A3, o B.6.
776'12 T A R LI '.:D' 9... R E S N S

11

' Céu 3: [558956] Tim gid trj ctia bidu thirc sau A = (31?“2"’3"‘ +25%8us J A4gPe?

A. 20. _ B. Pap 4n khic.
C.18 .- T D. 19. '

Ciu 4: [558957] Gié tri cita bidu thirc A = 2log, 6- élogl’ 400+3log, Y45 1a:
E) 3 3

A.5. : B. 4.

C.-3. | B D. 4.

Ciu 5: [558958] Diéu nio sau déy 1a dang ?
- A.Néu a<b thi &" <b” &m>0. B.d"<d <om<n.
C.0<a<l:d">a" o m<n. D.a">a"<m>n.

Ciu 6:'[558960] Néu log,, 6 =a,log,, 7 =5 thi log, 7 bing:

A 2. B. _L.
+1 a—1
a .

. — I o D. 4.
1-b a-1

Ciu 7: [558961] Cho a>0;6>0 va @* +b* = Tab. Ding thirc nio sau day 13 dang?

A. log, aT-i-b = %(lc)g7 a+log, b). B. log, _a_;j= %(log3 a+log, )
C. log, aT+b = %(log3 a+log, b). D. log, f_;l =-;:(10g7 a+log, b)

. 2 1 s 3
Ciu 8: [558962] Cho (a—1)3 <(a—1)3. Khi d6 c6 thé két ludn vé g 1a:

A a>2. B.l<a<2.

—Coa>1. D. 0<a<l.
384

http://tieulun.hopto.org



{ Moon.vsr:

A. 9. 8. -10.
C.i0 . D. 9.
o1z 3
Cau 10: [558965] Cho 4,b>0 thoa man: o > 43,5 > 5* khi d6:
A. O<a<lb>1. B. a>1,0<b<l.
- C.0<a<l,0<b<1. , D.a>1b>1.

25%8¢ 5 49heF _3
3[+]0g94 4 423 +51°g,,_,27 a

Cau 11: [558967} Gié tri ciia biéu thic P=

A.8. B. 10.
C.9. D. 12.
Chu 12: [558968] Dt a=log, 2;b=log, 5, b_iéu dién ding coa log, 90 theo a va b 1a:
A. log, 90=a+2b. | , B. log,90=2a+5.
C. log,90=a+b. D. log,90=2+a+b.
Ciu 13: [558970] Pit a=log, 5;b =log, 3, bifu dién diing cia log,; 40 theo a va b 1a:

I+a : 3+a
Al log, . 40= B. 40= ;
Bas 2b+a 7 0845 2b+a
2+a 2+d
C. log,.40= ] D. log,. 40 = .
s = bta s S a

Céu 14: [558972] Cho log, x = \2, tinh K =log, x* +log, x* +log, x:
2

1

A K=—2. B. K=—.

N

-1 3
C.K=_-. D K=——.
N NE)

Ciu 15: [558973] Cho cic sé a,b>0 théa min o’ +b* =2ab. Chon ménh dé diing
trong cac ménh dé sau: ‘

A log, [%bJ =2(log, a+log; b). B. log, (f—g-éj =log, a+log, b

C. 2log, (%b] =log, a+log, b. D. log, (a+b)=1log, a+log, b.
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Hot o khdag gt mind,

Cau 16: [558974] Cho log,;7=a va log,5=5- Tinh logs-%g_ theo a-va-b.. .

A 2a-2. | B. 4g—>.
b b
C. Za-—z. b. 3a——2“—.
b b

Cu 17: [558976] Biét ring g, b, ¢ 1a c4c 6 thuc théa mén 4° =25° =10°. Tinh gid tr]

<2 - c ¢
bieuthic T=—+-—.
a

C.2. D. —1-
10

Ciu 18: [558977] Cho sb thyue x théa min didu kién Iog, (log, x) =log, (log, x)+a
véi acR thi gid tri clia log, x bing bao nhidu ?

A. 47 B. &

C. 2% : : . , D. 2%,
Céu 19: [558979] Goi x la gid tr] théa min log, x, 1, log, (x+2) theo thir tir ldp
thanh mét clp sb cong va gid tri x duge bidu didn du6i dang a+55 (a,beZ). Téng

a+b bz"mg
A. 3. | B.2.
C.o. . | D.5.
Cau 20: [558981] Cho a=In2, b=In3, c=In7. Gid trj biéu thirc
P=ln%+]n~§—+]n%+...+ln§—8:% theo a,b,c.
A. 5a-2b—c. B. 5a+2b—c.
C. -Sa+2b-c. D. —5a—2b—c.

Céu 21: [558983] Cho hai sé thyc dwong x, y thoa man diéu kién ™" =49, == = fi1.
Tinh gid tri clia bidu thre P = x4 eaf _y
A P=121. B. P=125.

C. P=7+A11. D. P=36.
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Ciu 22: [558985] Cho ba s thuc dwong a,b,c théa man didu kién
3log, a+2log,; c=log 5 b°. Khiing dink ndo dudi ddy 1a ding vé& ding thirc lién hé

gilta a, b, ¢ ?
A. & +b = B. ac=b".
C.ab=¢". D. 2a+4b=3c.
: . . \ . N X
Cau 23: [558986] Goi a,b,c 1a ba canh clia mdt tam giac théa man { 1hel Vi
cx

log,,,a+log, ,a=2log,, alog, , a.Tam giic chita ba canh g,b,c 1a tam gidc mang
tinh chat gi ? '

A. Tam giac vudng. B. Tam giic can.
C. Tam gi4c déu. D. Tam gidc t.

Ciu 24: [558987] Cho log, x =3log, a+2log, b—1 (x;a;b>0). Khi 66

3p2 _

A_'xzab : B. x:M_
2 2

C. x=3ab. D. x=3a+2b-1.

Cau 25: [558989] Cho log ; x=2++2 . Gié tri cfia biéu thitc 4= log, x-+log , 2 1a:

3+42

A A=2. ' B. A="NZ
C. A=6+32. D, A=6+3‘/2_-.

Ciu 26: [559005] Cho a =log,3;b =log, 7. Biéu dién log,, 21 ta duoc:

a+2ab , a+2ab
A logi 21=—"+ B. log,21= —.
T VT R B a1
: 2a+ab a+ab
C. log 21=- . D. log,21= .
T B S
Céu 27: [559008) Cho x=log, 2. Biéu didn log,, 54 ta duoec:
x+3 3x+1
A, log,54=—— B. log,, 54 =
S el T2
C. log,54= D. log,54=
St 1 et
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Ciu 28: [559009] Cho log, b=+2 (45> 0ya+1) gis tri clia bidu thitc 4=Tog , %+ log,, — 1:

A0 B. A—I—————

242’
5

Cod=le-—Ze: - - - D.A=4-37.
242

Chiu 29: [559011] Gié trj ciia bidu thic o572 15" gin bing két qua ndo nhit trong
chc két qua sau:

A. 43. | T B. 30.

C. 65. D. 19.
Ciu 30: [559014] Cho c4c sb thuc a>b>1. Khing dinh n3o sau day 13 ding?

A. log, —1-<1-<log1 —1— _ B. loga-é<1<‘1c:>gbg
2b 3 a | S ta Ly
C.log b<l<log,a. D. Ca A va C déu ding.
DAP AN TRAC NGHIEM.
P a2 1 PP . . -

01.B |02.C [03.B (04.B |05.C |06.B [07.D |08.A {09.B |10.D

11.B |12.D [13.D |14.A |15.D |16.D [17.B |18.B |19.A |20.B
21.B [22.A |23.B |24.C '

PHAN 2

01.C [ 02.D |03.D {04.B (05.C |06.B |07.A [08.A |09.B |10.B

11.C |12.B |13.D |14.B |15.C (16.B |17.C |18. A (19.C |20.D

21.B |22.B |23.A |24.A [25.A [26.D |27.A [28.B |29.C |30.D
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HAM SO MD VA HAM SO LOGARIT
[TV6082]

I. LY THUYET TRONG TAM VA PHUONG PHAP GIAI
I. Ham s mii
1. Dinh aghia

: a>0 4 13 e ok vt £
Cho sb thare L Ham s6 y=¢a" dugc goi 14 him sé mil co 80 a.
a# _ '

2. Tinh chit

* Tp xc dinh : D=R |

* y=g*>0,VxecR { Doviy tip glatn clia hdm s6 mii 1 (0;+c))

*Véi a>1 khidé y'=a"Ina>0. Him sb luén dbng bién
Trong trudng hop a>1 taco lim y= ;EE, a* =0 do d6 @b thi ham sé nhan truc hoinh
la tiém cén ngang

*Véi 0<a<1khidé y'=a*Ina<0.Ham sb ludn nghich bién
Trong trucmg h0p a<1 taco hm lim = lml a* =0 dodé db thi ham s6 nhén truc hoanh
la tlem cén ngang 7- B

* D6 thi ham s6 y =4 nhan true Ox 14 tiém cén ngang va Iuon di qua céc diém (0 1)
va (1 a)

Db thi ham s6 y =" nim phia trén tryc hoanh ( Do c6 tap gid tri 1 (0;-+00)).
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KHAO SAT S{’ BIEN THIEN VA VE PO THI HAM SO MU

- Hamsé: y=3" ' Ham s6: y =G) =37
1.TXP: D=R 1.TXD: D=R
2. Sur bién thién 2. Sw bién thisn

. Xen

| +) Gidi han: Ta ¢6: l_i)-i;y=1im3‘=0 +)G10'1han Ta cé: ]nn hm3"‘-*0

]j_ﬂlmy=+00.Dodéd6thihﬁmsédﬁ lim y=0. Dododoth1hamsodacho

cho nhan dudmg thing y=0 ( tryc Ox ) | nhin dudng thing y =0 (tryc Ox ) 13 tiém
1a tiém cén ngang cén ngang
+)Daohamy =3"In3>0 (VxeR) do

+)} Dgo him y'-=[l} In+<0 (vxeR)
d6 ham sb da cho ddng bién trén R 3 3

do d6 ham sb da cho nghich bién trén R

o, 0 z
Nhén xét: Db thi him s luén nim phia Nhén xét: Db thi hdm s luén nim phia
trén trye Ox Vi o6 thp gid tri 13 T = (0;-+oo0) | trén truc Ox vi c6 tAp gid tri 1 T = (0;-+0)

Nhu ching ta 44 biét dd thi ham s y = f(x) vd y = f(~x) nhén truc tung 13 truc

dbi ximg

Do d6 ta c6: P thi ham 88 y =g vadoth;hamsoy a ——l;déixfmgnhauqua
a

tructung(truc()y)

Vi dul: Do thi ham s6 y =3 vA4 y =3 (hay y=(%} ) d6i x{mg nhau qua truc tung.

"
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. a>0 . . . .
Cho so thie { 41" Harm 56 y =log, x duoc goi 1a ham sb l6garit co sd a.
a

Chii y: log, xR nénhamsd y=log, x cétip gidtrila R.
2. Tinh chét
* Tép x4c dinh ; D =(0;+c0)

*Véi a>1 khidé {log, x)'= >0. Ham s luén ddng bién

xlna

Trong tréng hop ndy ta c6: lim y=—odo d§ db thi ham sb nhén truc tung 13 tiém
- X

cin ding. '

* Véi 0<a <1 khidé (log, x)'= < 0. Ham s6 tuén nghich bién

xlna

Trong trudmg hop ndy ta 96: 3]_.‘51 y=-+4c0do d6 b thj ham sé nhan truc tung 14 tidm
cin dimg. '

* Pd thi ham sé cd tlém cén ‘dl’n:l.g 12 truc Oy va ludn di qua cac diém (1;,0) va (a;1) va
niim phia bén phai truc tunig ( vi c6 tap xdc dinh 1a D =(0;+0))

KHAO SAT SU BIEN THIEN VA VE O THE HAM SO MU

x—=0* x-20"

Ham s6: y=log, x : Ham s6: y =log, x=—log, x
3

LTXD: D=(0;+) 1.TXD: D =(0;+4<0)

2. Sy bién thién. ' | 2. Su bién thién.

+) Gi6i han: Ta c6: +) Giéi han: Ta c6:

hm y = lim (lo =—c0

Jim y = lim (log, x) limyzlim(log, x}=+co
3

lim y = lim (log, x)=+e0. Do d6 db thi
X=pim Xy

ham s d3 cho nhin dudng thing x=0 | im y= lim[logl xJ':—oo. Do d6 db
(truc Oy ) 1a tiém cén ding. . 3 .
thi ham s6 dd cho nhin dudng thing
x=0 (truc Oy ) 14 tiém cén ding,.

+) Pao ham

391
http://tieulun.hopto.org



1
T >0
7 xIn3

s6 da cho dong bién trén (0;+w0)

(Vx € (0;+00)) do d6 ham

+) Pao ham

y'= 1 1 <0 (Vxe(ﬁ;m))'do&é
Xhlg

3.Dd thi
y?
1/ I;:ﬁh
oy /- -

Nhdn xét: DS thi ham s6 ludn nim bén phai
truc Ox vi ¢6 tdp xée dinh 13 D = (0;+0)

ham s d4 cho nghich bién trén (0;+co)
3, B thi |

A

Y

S~

Nhdn xét: D6 thi ham s6 luén ndm bén phai
tryc Ox vi ¢6 tp xéc dinh 14 D = (0;+w)

Nhu ching ta 4% biét 46 thi ham s y = f(x) v y=—7(x) nhén truc hoanh 14 tryc déi

xtmg. Do d6 ta c6: Db thi ham sé y = log, x v4 dd thj ham sb y=log, x=—log,x dbi

ximg nhau qua tryc hoanh ( truc Ox )

a

Vi dy 2: B4 thi ham sé y=log;x v y=~log, x ( hay y=1log, x ) dbi ximg nhav qua
3

truc hoanh.
III. Dao ham ciia ham s6 mii va ham sb logarit.
Ham so cip Ham sb hgp
(eX)T:eX (eﬂ)l'=u!.ell .
(@) =a"lna. (@)'=u'a"lna
1 1 T u'
(Inx)'=—, (x>0) (lnu)'=—, u>0
x u
' 1 ' u'
(In|x))'=— (nfuf)'=—
x u
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o1 " Cow
(iog x}=——,%{(x>0 log, u)' = , u>0
O8. % xIna ( ) (log, ) wlna “s
(N 1 ; ’ . |'__ u'
(log, [x)"=—— (log,fu'=~ —

Vi du 3 Tim gié tri 1on nhét va nhé nbét ciia him sb £ (x) =2x* —In(3—4x} trén doan |-2;0].

L& gidi:
3 x=1
x#E=
Ta ¢d: f’(x)=4x+3 7 =0 4 At
o |4x*+3x41=0 |74

Xét f{x} tén khoang tir [-2;0]ta c6: f'(x)=0& x=-;—1. Ham s6 lién tuc va kha vi
trén dogn |-2;0].

Tacd :f{mZ)=8—]n11;f(0)¥-1n3;f(——i—}=§—1n4,

Nea
25G

o

vA7 GTLX 2 8—Inl1 khi x=—2 vAGTNN Ia %—'m khi x=141~.
1L VI DU MINH HOA

Vi &y 12 Tép x4c dinh cda hdm sé y=In(2x-1) la:

p
A, D—-g-,l-;*oo\ B D=|:-1—;+00J
\2" ) 2
- o={) =)
L. D=y —0;— D. D=} —w0;—
2) 2
Loi giai: '

Ham s6 di cho xéc dinh <:>2x—1>0_<:>x>%.Dodétz’_ipxécéinhlé Dz(%;wo).
Chon A,
Vidy 2: Tép xéc dinh ciia ham 6 y =ln(x-1)" 1a:

A. D=(1;+0). B. D=[1;+x).
C. D=R. D. D=R\{l}.
Loi gidi:

Ham sb di cho x4c dinh <:::>(Jc—1)2 >0 x=l1,
Chon D.
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Vi du 3. Khiing dinh ndo sau d4y 1a khing dinh ding?
A.Dd thi clia ham s6 y=2* va y=2"" dbi ximg qua truc tung.

B. D4 thi him s§ y =2* nim bén phai tryc tung S.

C. Db thi him sé y = 2* di qua didm (1; 0).

D. D3 thj ctia him s6 y =3 va y=log, x d4i xting qua truc hoanh S.

Léi gidi:

D6 thi ham sb y =2 nim bén phai truc tung sai-( dd thi ham s y =2* nim phia trén
trgc hotah) R ST
DS thi ciia ham 6 y =3" va y=1log, x déi ximg qua truc hodnh 1a khing dinh sai,
Chen A.

2+\/3T

[

Vi dy 4: Cho ham s6 y =( J . Khing dinh nio sau day 14 sai.

A. Db thi bam s§ d cho nim phia trén tryc Ox.
B. D4 thi ham s6 d4 cho nhn truc tung 13 dudmg tiém cén.

2+J§].

C. Pao ham clia ham s6 da cho 1a: y=(2+\/§J .ln[
T n

D. Ham sb da cho déng bién trén R .
Loi gidgi:

1 A ax . 2+ Az ak A oa
Ta ¢6 ham s6 dd cho cd a= >1 nén nd dong bién trén R

8
D6 thi ham sb da cho nhén dudng thing y =0 ( truc hoanh ) 13 tiém céin ngang.
Chon B.

Vi dy 5: Ham s0 ndo trong céc ham sb sau ddng bién trén R .

A. y=log,x. B. yz{MJ .
- n

C.y= (EJ . D. Ca A va B du ding.
T
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Loi gidi:
Chi ¥ tap x4c dinh cha hdm s§ y =log, x 1a (0;+).

\/E?+~/5Jx 5 g Y32

>1 nén no6 dong bién trén mien

T 3

Do d6 A sai. Ham sb y =[
xdcdinhla R.

Chon B.

Vi du 6: Ham sb ndo trong cac ham s6 sau khong ¢ dudng tiém cén

A. y=log,(2x-1). B. y=£3+\/2‘_J .

2

w—e

C. y=(x-2x-3)". D. y=(x*-1)
Lot gidgi:

Pd thi him s8 y =(x*~1)" khong c6 dudng tiém cfn vi im y =+o; lim y=0.

x—>to0 x—kl

Db thi ham 56 y =log, {2x-1) ¢6 dudng ti¢m cdn dimg 3 x = —;—

ZY

Pd thi ham sé y = (3TJ c6 dudng tiém cin ngang Iz y=0.

Pd thi haim sé y = (Jc2 —-2x —3)_7[+l ¢6 c4 tiém can dimg va tiém cin ngang.
Chon D.

Vi du 7: Cho him s6 y =log, (3x~2). Khing dinh ndo sau day 13 sai.

A. Db thi ham s d& cho nhin duémg thing x = % I3 tiém c4n dimg.
B. Him s6 da cho ddng bién trén khodng (-%ﬁoo)
C. Tép gi4 tri ciia ham s6 d cho 13 (0;+0).
D. Dao ham cia ham sb d& cho 1a; y'= -—3——
. - x(lnm-1)
Loi gidi:
T4p gid tri ctia ham s6 dd cho1a R vitacé lim y=—c0; im y =40,
2+ X—p0

b d
3

Chgn C.
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Vi du 8: Ham sb ndo trong c4c ham sb sau ddng bién trén R .

A.y{ﬁ) . Byt

2
Cy=4-27. | D. y=(3—2~/5_)’.:
Léi giii:
i b y{_f_)x @y (320a) 6 0<asi nda nghich bt b B

e—e” , | e+e”
co y'=
s T

Ham sb y= >0 (Vx € ]R) nén nd dong bién tren R.

Hamsd y=4*—2% c¢6 y'= ¥ n4-2h2= 2In2(2.2° —1) 0> x=—1. Taldlem
x=—11ta thay y do1 dau nen ham ) y 41 2" khong dong blen trén R '
ChonB.

Vidy 9: Cho ham s y = 3" —2°, Khing dinh ndo sau diy 13 ding.

A. D4 thi him s6 da cho nhin dudng thing y =0 14 tiém cén ngang,

B. Ham sb d& cho ddng bién trén R . |

C. Db thj ham s6 da cho luén ndm phia trén truc hoanh Ox .

D. Ham sb da cho nghich bién trén R .

Léi gidi:

Taco: p'=3’m3-2"In2=0< E) -E@x log3 In3
2 In2 Zn2’

D& thdy y' dbi ddu tir 4m sang dwong khi gua diém x= lo,c_.r,3 %23— do d6 ham sb da cho

nghich bién trén khoang (—o0;0) va ddng bién trén khoang (0;+00}.

Nhin thiy y(~1)= %—% = %1 <0 nén 45 thi ham sé 3 cho khéng lu6n nim phia trén
truc hoanh lim y = lim (3" ~2*)=0. Do d6 d thj him s& nhin dudng thing y=0 I
tiém cén ngang.

Chon A.
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Vi du 10: Khing dinh ndo frong céc khing dinh sau la sai.
A. Db thi ham s6 y=log,x v y=log, x d%u nhdn dudng tiém cin dimg 1d dudng
thing x=0. | 2
B. D thi him ham 6 y =log, x vi y=log, x 46i xtmg qua truc hoanh.
3

C.Him sb y=log,x va y =log, x déu cb tap xac dinh 1a D =(0;+).

2
D. Ham s6 y = log, x nghich bién trén khoang (0;1) va déng bién trén khoang (1;-+e0)
Loi gidi: |
Tacéd: y=log,x=>y'= xIE >0 (Vxe(0;+0)) do d6 ham'sé y =log, x ddng bién
trén khoang (0;+<0).
Chon D.

Vi du 11: Liy dbi x(mg 5 thj ham s§ y =5° qua truc hoanh ta dwge d6 thi him $6 nao
trong c4c ham s6 sau:

A. y=log,x. B. y=log, x.
et
C.y=5". D. y=-5".
Loi gidi:

Khi 14y d8i xfmg d6 thi bam s6 y = f (x) qua tryc hoanh ta & duoc d6 thi ham s
y= —f (x) .
Chon D.

Vi du 12: Liy déi ximg db thi ham s y =log, x qua truc hoanh ta dwgc db thi ham s6
ndo trong cic him sé sau:

A y=log, x. B. y=5%.
—s. N .
C.y=5" D. y='10g;(‘-4x).'._ '
Léi gii: |

Khi 1Ay d6i xtmg d5 thi him 8 y = f (x) qua tryc hodnh ta s& duge d6 thihimsd y=—f(x).
Nhur vy ly dbi ximg b thi ham s y =log, x tadirgo dd thi him sb y = —log, x =log, x.

5 .
Chon A.
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Vi du 13: Liy dbi ximg d6 thi ham 8 y =5 qua truc tung ta dugc db thj him sé nio
trong cic ham s6 sau:

A, y=log, x. B. y=log, x.
5
C.y=5". D. y=-5".
Loi gidi: ' "

Khi Iy d6i ximg b thi ham sb y = f(x) qua truc tung ta s& duge dd thi ham sb y = f{—x)
Nhu véy khi Iy 861 xiing o thi ham s6 y = 5" qua truc tung ta durge dd thi ham 6 y = 5.
Chen C.

Vi du 14: Liy dbi ximg 3 thi ham s§ y =log, x qua tryc tung ta dugc dd thi ham sé
ndo trong c4c him sb sau:

A. y=log, x. B. y=5*.
5
C.y=5". D. y=log,(—x).
Loi gidi:
Chon D.
Vi dy 15: D5 thi ham s6 trong hinh bén 13 dd yt
thi ham sé nao trong cac ham b duéi day.
1 x
A. y=log, x. B. y:(z) .
C. y=4". D. y=x'+3x. ‘/ , z
5 >
Loi gidgi:

Duya vio b thi hinh v& ta thiy:
Ham sb a2 cho phai 13 ham s6 ddng bién trén tip xdc dinh ciané 14 R. (loai AvaB)
Ham s6 d& cho nhan truc Ox 13 dwdmg tidém can ngang ( loai D).

Chon C.

Vi du 16: D thj ham sb trong hinh bén 13 db v

thi ham sd nao trong cdc ham sé dudi déy.

A, y=27, B. y=log, x.

C.y=27". D. y=log, x. 0 1 T
2
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i Moon.va &

Loi gidi:
Dua vao d6 thi hinh v& ta thiy:
Ham sb d4 cho phai 14 him sb ddng bién trén tip x4c dinh ciia né 1a (0;+0). (logi A, CvaD)

Ham s6 d4 cho nhin truc Oy 12 dwdng tiém cin ngang.

Chon B.
Vi du 17: D thi ham sb trong hinh bén 12 46 v
thi ham s6 ndo trong cdc ham sb dudi day.
A y=In(x-1). B. log, (x-1).
2
1Y 1 T
C. y=2x—!‘ D. y:[—) . O \
2 .
Loi gidi:

Nhén xét him sé da cho 13 him nghich bién (loai A va D).
Miit khdc dd thi bam sb d& cho nhdn x=1 13 dudng tiém can dimg.
Chon B,

Vi dy 18: Trong hinh v& bén @b thi (1) 1a cia ham
s y =log, x va db thi (2) 13 ciaham sb y= log, x

(1)
Khing dinh pio sau ddy 1 ding.

A.a>b>1. B.b>ax>l. 2)

C.1>a>b>0. p.1>b>a>0 o| /1 z
|

Loi gidgi:

Dua vio dd thi ta thiy 2 ham sé d4 cho phai 13 2 ham ddng bién nhu viy a;b>1

Miit khéc chon x=2 taco: log,2>log, 2 —1——— >
log,a log,b

b>a.

Doddé b>a>1.
Chon B.
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Vi dy 19: Trong hinh v& bén 4 thi (1) 13 ca a1y

ham s§ y=a* va db thi (2) 14 cha ham s§ y = 5*
Khangdmhnéosaudayladung ST @

A a>b>1. B.b>a>1. 1
C.1>a>b>0. D.1>b>a>0 0.& z
Lai gidi:

Dya vi0 d0 thi ta thdy 2 him s8 d4 cho phai 122 ham sé nghich bién nfur viy 0 < ab<l

Mit khic chon x=—1 tacé: " >b7' < a<b.
Doddé b>a>1.
Chgn B.

Vi dy 20: Tép x4c dinh cia ham s§ y =37 1+ J4—¢* 1a:
A. D=(—1—;2] . | B. D=(-1-;2} ..

2 2

C. D=[1;2] . D. D:[l-

2 o 2

Loi gidi:

. 2x-120 1
DK xac dinh 13 —<x<2.
4-x220 2

C]iqn C.
Vidy 21: [ D& MH THPT QUOC GIA 2017]. Tim ipxacdinh D cita hém s6 y=log, (x2—2x—-3)

A. D =(—o0;=1]U[3;40). B. D=[-13].
C. D=(—o0;-1)u(3;+0). D. D=(-13).
Loi gidgi:

. >3 .
Ham s6 d3 cho xéc dinh khi x2—2x—3>0ﬁl:x ;- Do d6 tap x4c dinh ciia ham sé
8 cho 1 D =(—a03—1) U(3;+o). |
Chen C.
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Vi du 22: Nhin xét nao sau day 1 sai.

A. Db thi ham s§ y ={(0,3)" nhan dudng thing y =0 12 tiém c4n ngang.

B. Do thi him s§ y=log,, x ﬁh_an dudng thing + =0 14 tidm cdn dimg.

C.Hamsb y=(0,3)" va y=log,, x c6 cing tip gi tri.

. D5 thi ham s6 y =(0,3)" nim trén tryc hodnh.

Lei gidi:

Ham s6 y={0,3) c6 tép gid tri 12 (0;-+0) vAhim s§ y=log,, x cotip gidtrila R.
Chen C.

Vi dy 23: Tép xéc dinh cia ham s§ y =2 +log, (x* —2x) 1a:

A. D ={-0;0)(2;+). B. D=(2;-§—oo).
C. D=(—m;0]u[2;+06). D. [2;+0).
Lai gidié:

n >2
Hémsﬁdz’ichoxécdinhkhixz—2x>0<:>[x<0
. X

Viy tap xéc dinh clia ham s6 d4 cho 1a D = (—o0;0) U(2;+0).
Chon A.
Vi dy 24: Tép xéc dinh ciia ham 5§y =/3"—1+1og,, (4—»7) Ia:

A. D=(-22). B. D=(0;2).
C. D=[-2;2] . D. D=]0;2).
Loi gidi:
. 12 * > 30
Ham s6 d4 cho xac dinh khi 3-120 > 3723 S0x<2,
4-x*>0 |-2<x<2
Chon D.
PP S | |
Vidu 25: Tép xéac dinh ctia ham s6 y———2x+1+logﬁ——~4_x la
A, D=(—x;4). B. D =(—o0;4)\{0}.
C. D=(—o;4)\{-1}. D. D=(4;+w0).
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Loi gidi:
Ham s6 d4 cho x4c dinh khi { & x<4.

Chgn A, L o - e

Vi dy 26: Tép xéc dinh cta ham s y = log, (x* —16)+1log, (3 -9) 1a:

A. D=(-44). B. D=(—oo;4)u‘(4;+ﬁ).wﬁ
C. D=(3;4). D. D =(4;+wx).
Loi gidi:

>4
21650 x
Silx<-4 Sx>4.

Ham s d3 cho x4c dinh khi
43513250

x~1>2

Chon D.
- ~ . . ) + A VT 1 . 1.
Vidu 27: Tép x4c dinh clia ham s6 y =log, (2 —2)+Iogﬁ P lg.

A D=[13]. B.'D=(1;J§). -
C. D=(—3:3). D. D=(—3;1).

Loi gidi:
2" >2 >1
Ham s d3 cho x4c dijnh khi 1 = ol<x<qf3
. =>0 —J§<x<J§

3—-x

Do d6 tip xéc dinh cia ham s6 da cho 1a D =(1;+3).

Chen B.
Vi du 28: T3p xéc dinh cia him sb y = B STy
: log; x~2 '\/ 11
A. D=(0;+0)\{9}. © B. D=(0;+0)\{1}.
C. D=R\{1;9}. D. D =(0;+0)\{1;9}.
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x>0 x>0
Hamsodachoxacdmhkhl log,x#2 < {x#9.

’2}’— -',él x¢1
Chon D.
Vi du 29: Tép xac dinh ciia ham 86 y =v-2x* +5x -2 +1In la:
x —_—
A. D=(32). ~ B.D=[12].
C. D=[1;2). - D. D=(1;2].
Léi gidi:
2x*+5x-220
Ham s6 da cho xac dinh khi 1 0 l<x<2,
x* -1
Chon D,

Vi dy 30: T4p x4c dinh ciia ham 6 y= ,/1—1og(2x—1) la:

Loi gidi:
. 2x-1>0 -
Hémsﬁdﬁchoxécdinhkhj{l ” 1<l x>2 <:>1<x<1é1- Do dé D= (1 Il].
 log(2s-1)st ) Gy 2

Chon D.
Vi dy 31: Tép xéc dinh cha him s§ y = fIn(ex’)-2 1a:

D =(Ve;+o0). B. D =(0;4+00).
C. D=(§;+oo). D. D=(—m;JZ)u(JE;+oo).
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ex’ >0 x#0 x#0
2 hnd 2 < 2
1n(ex ).—220 C|I+kx*~220 . {Inx*>1

7<:>x2 ze.axe_(—pp;\/;)u(s/;;m).

Ham sb d3 cho xac dinh khi {

Do d6 D =(—w;e ) (Ves+).
Chon D. oL
Chit y: Inx* =2In|x| khong duge phép bién dbi Inx* =2inx.

Vi dy 32: Tép xéc dinh cia ham s§ y =log, (log, x~1) 1a:

A. D =(0;+w0). B. D=(3;+x).
C. D =(1;+w). _ D. D=(§;—H:o).
Lévi gidi: ) T
2 oa ] . |x>0 x>0
Ham s6 da cho xac dinh khi = & x>3,
{logax—1>0 {10g3x>1
Chon B,
Vi du 33:[Trich 82 thi THPT QG niim 2017]. Tim tip x4c dinh D cia him sb y=10g5f;—;
X
A. D=(—0;—2)U(3;+). B. D =(—0;—-2)U[3;+00).
C. D=(-%3). D. D=R\{-2}.
Lai gidi: '
, - 3
Ham s xéc dinh khi va chi khi l—§>0@[x>. = D =(—0;-2)U(3;+ ).
x+2 x<=2
Chon A.
Vi du 34: Pao ham clia ham s& y=3*x> la; P
A y'=(In3*+3)x>3". B. y'=(In3+3)%3"
C. y'=(xIn3+3).x* 3. D. y'=(In3* +1).x° 3"
Li giii:

y'=3"3x"+33%" = "3 (xIn3+3) = .3 (In3* +3).
Chon A.
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Vi du 35: [ D& MH THPQ QUOC GIA 2017]. Tinh ¢z¢ him cla him s§ y =13

A y'=x13". ) B. y'=13"1n13.
13
C. '=13x . D_ =
¥ - Y s
Loi giai:

Tacé: y'=13"Inl3.

Chon B.
Vi du 36 :[ B MH THPT QUOC GIA 2017]. Tinh dgo him ctia him s6 y = x;l
- - 2
a o l2a+)n2 .y L2 )i
2 2
1-2(x+1)ln2 1+2(x+1)In2
2 2
Léi gidi:
Ta cé:
C#(#)(x+]) - ma(xr1) F[1-2(x+D)I2] 1-2(x+1)ln2
y = 2 = 2x : = . 2x = X
(4) 4 4 4
1=2(x+1)l2
Hay y =T
Chon A.

Vi du 37: [Trich & thi THPT QG nm 2017]. Tinh dao ham ciiaham sb y =log, (2x +1)

2 ]
A y= . B. y= .
Y T+l Y Al
2 1
C. y' = . D y=——
Y= Eeme - Y T rr )z
Loi giai:
u‘
Ta cd: (1 = )
(ogau) ulna

Chon C.
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Vi du 38 : Pao ham ctia ham sé y =372 1a:

A, y'=(2x+3)377, B. y'=(2x+3).(x +3x+2)37
C. y'=(2x+3).3""*9 103, D. y'=(2x+3)3" a3,
Loi giai: AT

Tacé: y'= Z*}"l"?"”"z.lnfl.(x2 +3x +2)‘ =(2x +3).3‘2+3’+2.1113 .
Chon D.
Vi du 39 : Pao him cla ham s6 y ='(x2 + i)é" 1a:

A. y'=(x+1-i)2'.e". _ B. y'=(J£7'—'1)2 .
C. y'=(x2+x+1).e". , D. y'=(x?+x+1).e‘.
Léi gidi: | S

Tacé: y'=2xe" +(Jc2 +1).e‘ =(Jt:+1)2 .

Chon A.
Vi du 40 : Pao ham ciia ham sb 'y=e‘2.sinx la:.
A y=& (2xsinx—cosx). B j}'=.e"1 (2xrsin3_c_+qp§'3c).-
C.y'=ée (sinx—cosx). D. y'= J?(Si'113\:+c::¢:)'s;c).
Léi giii: '

) 2 . - . - i !
TacHd: y'=¢€* 2x.sinx+e” .cosx=e* (2xsmx+cosx).

Chen B.

Vi dy 41: Pao ham clia him s6 y = 273" 1a:

A y'=6"6 . B. y'=3 In3+2°In2.
C.y'=312+2" In3. D. y'=6"ln-;‘-.
Loi gidi:

Tacé: y=2"3"=(23) =6" = y'=6"In6.
Chon A.
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{Moon.va

Vi du 42: Dao him cha hdm sé y=¢*.tanx la:

A. y'=(ta.ux+l)2.e". B. y':(tan2x+tanx+1).e".
2 i x ]-
C. y'=(tanx+cos x)e . D. y'=¢€'| tanx ———5—|{.
cos” x
Loi gidi:

1
Taco: y'=¢ . tanx+e’.-— =e‘(tanx+l+tau2x).
cos” x

Chon B.

Vi du 43: Dao hdm ciia ham sé y =™ —¢™F 1a:

A y,_e";+e“f; B J;,‘_e‘l’?—e““r’?
. —2\/; . . ———2& .
C ,__e""?—e""’_r D y'_e‘E+e“E
TR =
Lai gidi:

Ta co6: y':eJ;_(\/fx_)'_e—&.(_\/;)q= &1 e_‘E e“’;+e‘

ev, + =
Wx 2x 2dx

Jx

Chon A.

Vi du 44: Dao ham cfia him s6 y =In®x 1a:

].112
A y'=3l’x . B. y'=—
. 3x
2
C. y=3mx D, y=31%
x X
Léi gidi:
2
Ta co: y'=31n2x.(lnx)'=§—1—]-1—§.
x
Chon C.
Vi dy 45: Dao him ciia ham s6 y =log, (x> +x+2) 1a:
A y':ﬂ B. y':M
Frx+2’ X +x+2
C y= 2x+1 D. y'= 2x+1
T 2(P+x+2)m2’ (x*+x+2)In2
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(x* +x+2)  2x+l

Tacd: y'= = - .
7 (x2+x+2)1n4 :z(x2+x+2}zn2

Chen C. .
Vi du 46: Pao ham ciia ham s6 y =log, [»] 1a:

2

-1 1 -
A y'=———. B. y'=r—rm——s.
Y x(In3-1n2) 7 T H(m3-n2)
1 3
C.y's———. Y= o
Y = x(in3-m2) P 2x(in3-m2)
Loi gidgi:
1 1 2x 1
T b: y=1 2=—'1 2 '=—, = M
aco: y Oggw[;c— 2 Og%x =>y 5 leng x(ln3—1n2)---- cmme
2

Chon C.

Chii y : Ta co: y=]n[f(x)|:»y'=-ff;:(£§

Vi dy 47: Do ham ciia ham s y =In(xe” +1) 1a:

N i) L B ot
xe* +1 xe +1
xe" +1 xe” +1

Loi gidgi:
xe® +1} x
Tacé:y'=( ) =e"+xe .
xe” +1 xe® +1
Chon A.

Vi dy 48: Pao him clia ham s y =log 5 |2x 1] Ia:

1 4
A. ‘:_——_‘ . '=_“_'“_'—""-'_--
Y= (2x-1)m2 By = G2
2 1
C.y=ro . S —
7 T (2x )2 BT

408
http://tieulun.hopto.org



Ldi gidi:

Tachd: y'= 2 4

T (2 1)1nf 2(2x 1)in2 " (2x-1)n2
Chon B.

. sin(x*+1)

Vi du 49: Pao ham ciia hdm s6 y = — 1a:

A ccos(x2 +1)—1n 2.sin(x2 +1) ‘ B cos(x2 +1)—111'2.sin(x2 +1)—-

2F 4
c. 2xcos (x2 +1)—~1112.si11(x2 +1) . D, —ZJccos(x2 +1)—1n 2.si11(x2 +1) '
2* 2F

L& gidi: ‘
Tacs: y'= cos(x2 +1).2x.2" 412’ In2. sm(x +1) 2x. cos(x +1) 2x}n 2.sin(;:c2 +1)
Chor C.

Vi du 50: Pao him cla ham sé y=In|x—2|+2" la:

1
A y'=——+2"In2. B. y'= +27,
Ix— -2 |?_?f2|
C '——1—+2"]112 D '--——1—+2I
"y Cx=2 ' Y S x-2 '
Loi gidi:
Tacé y=In (x—2)2+2"=%]n(x—2)2+2’
[(x 2 PR T
Dodo y'= +2°In2=——+2*In2.
2 (2 =
Chon C.
Vi du 51: Dao ham clia ham sé y=(x+1)n’ x Ia:
A. y'=1n2x+2h;x(x+l). B. y'=ln" x+2(x+1).Inx,
x
C. y'=ln’x+2Inx. D. y'=(x+1) .Inx.
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Lo gigi:

2Inx

Tach: y'=In* x+(In’x)".(x+1}=In" x+ === (x+1).

Chon A, |

Vidy 52: Dao ham cia bam sé_ y=¢ .cosx la: _ )
A. y'=¢*(cosx—sinx). , B. y'=¢*(sinx+cosx).
C. y'=¢" (cosx+1). D. y'=e‘cots'x(1+sin‘x).

Loigidgi: . ... . .

Tacéd: y'=e¢*.cosx+e*.(cosx)' =e* cosx—e*sinx.

Chon A.
Vi du 53: Pgo ham cia him sé y= ln\/x +2x+3 la
. x+1 2x+2
A y=— i B y'=—ts
- : 2~f—x2-+2x+3 S . \]x2+2x+3
-| x+1 ' x+1
C. y =—J—2=-_ D. ¥y ='—'2-‘-—'-‘“‘"-‘-'-'-‘--.
x+2x+3 X" +2x+3
Loi gidi:

Taco: y=Invx’+2x+3 =111(Jc2 +2x+3)§ =%]11(x2 +2x+3)

2x+2 x+1

1
Doddé y'=—. = .
Y ¥ v2xe3 x* +2x+3

Chon D,

Vi dy 54: Dao him ciia him sb yzln,/x—-]-i 1
x_.

-1 1
N — B. y'=
YEEa Y
1 -1
C.y'=——. D y'=
Yo YT
Lgi gidi:
Tacd: y=— lnﬁl——[ln x+1) ln(x—-l')]
x—
1 1 1 -1
Dodé '='-"'. — = A
7 2(56-!-1 x—l] x-1
Chen A,
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Vi dy 55: Pao ham cia ham s6 y=xlog, x 1a:

A. y'=log, x+1. B. y'=log,(xe).
C. y'=log,x+e. D. y'=log,x—In3.
Lgi gidi:
Tacod
, 1 1
y'=10g3x+x.(log3x)'=1og3x+xm=10g3x+E=log3x+logge=log3(xe).
Chon B.
Vi dy 56: Pao ham cia ham sé y = lnx+l la:
~Inx , Inx
A y'=— . B. y'=—-.
x x
1-Inx , 2—-Inx
C yl=—p. D. y'=—7——.
x
Loi gidi:
l.x—(lnx+1) —Inx
Tacd:y'=2 =
y > 2
Chon A.

Vi dy 57: Pgo ham ciia ham s8 £ (x) =In{x+1+" ) 1

' — 1 1 — !
A= AN o vl

1 |
C. f'(x)= 1 . D. f'{xj= .
7'(x) x+\/x2+l[+2\/xz+lJ . s'G) Jxt 1
Léi gidi:
2 1 l'l": x
Ta cé: f‘(x)=(x+ i +1) LY 50 WS

x-i—_x/xz+1 Cxtd el el

Chon A.
Vi dy 58: Dao him clia ham sé f(x)=x"3" I

A. f'(x)=(3+mn3).x>.3". B. f'(x)=x"3"(3+xIn3).
C. f'(x)=(3+m3")x"3". D. f'(x)=x"3"(3+m3}.
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Loi gigi:

Taco: f'(x)=3x"3"+x" 3 In3=x"3"(3+xmn3).

Chon C.
Vi dy 59: Pgo ham ciia ham s6 1 (x) = log, (3" +1) Ia:

3*In3 3
A flix)=——F. B. fllx}==
7= F)=3 g
FIn’3 3 In9
C. f'[x)= . D. f'(x)= .
1) =% F0) =34
Loi gidi: _
F 1) g x
Tacé: f'(x)= ( ) - >3 ,;3 .
(3*+1)ln3 (3*+1)l3 3" +1
Chgn B.
Vi dy 60: Pao ham cita him s§ y=log x H:
2
A. y'=3loglx. B. y'=ﬂ9—g-ﬁ.
x
3log? x 3
C.y'=—2- D. y'=——.
Y xin3 Y xIln3
Loi gidgi:
. ., 3loglx
Taco: y'=3log; x.(log; x) =x—]§3’3—.
Chgn C.
Vi du 61: Dao ham cita ham sé £ (x)=3"log, x 1a:
1 1
A f(x)=3|Inx+—1. B. f'{x)=3|Inx+—|.
f (x) [ x+xln3j ¥ (x) [ x+1113]
In3 1
C. f'(x}=3|Inx+—1. D. f'(x)=3*]1 .
(%) ( x+— ) f'(x) (og3x+x]n3)

Loi gidi:

3 1
Tacd: f'(x)=3"1n3.1 + =3{Inx+ .
acéd: f'(x) 0g, X +—— ( X+ 3]

Chgn A,
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| Moon.van =

Vi du 62: Tdng gi4 tri 16n nhét va nhé nhit cha ham sb y=x+e™™ trén doan [-1;1] 1a:

A.T=e+—1-. B.T=e.
€
C. T=2+1. ' D.T=2-e¢.
e
L gidi:

Tachd: p'=1-e"=0<x=0.Ham sb da cho lién tuc va xac dinh trén doan [—l;l]
Ta ¢6: y(-—l)=-1+e;y(0)=1;y(l)=1+l. Do d6 1{nli]1:lty=1;maxy=y(—l)=e—1
4 —4 ]

Vay T =e.

Chon B.

Vi dy 63: Téng gi4 tri 16m nbét va nhé nhét ctia him sb y = xe* —2¢* trén doan [0;3] 1a:
A T=&-1, - B.T=J-¢. |
C.T=¢-e. e D.T=¢-2.

Lot gidgi:

Tachd: y'=xe"+e*—2e"=x"—¢" =0 x=1. Him sb d3 cho lién tyc va xé4c dinh

trén doan [0;3]

Ta lai ¢ y(O) =-2;%(1) =.—e;y(3) = e.3 .Dod6 miny=—e;maxy=¢’
{o:3] [033]

Viy T=¢€ —e.
Chon C.

Vi dy 64. Tich gié tri 16n nhét va gi4 trj nho nhét ciia ham s6 y = trén doan [1;2] Li:
X

2 . : . K}
A P=%, B.P=2.
2 2
3 3 _
c.p=£ —l—.e' - . D.P=e"e
2 _ 2
Lai gidgi:
Ta ¢o: y,=xe :e =0 < x=1. Ham sb d3 cho lién tuc va xac dinh trén doan [1;2]
X

eB

2
Ta cé: y(1)=e;y(2)=%.Dodé P=3.

Chon B.
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Vi dy 65: Téng gi4 trj 16n nbét va gi4 trj nhé nhét cla him s6 y = &> trén doan [6;2] 1a:

A & —e. . B. & +¢.
c.e . D. & +e.
Loi gidi: . )

Tacé: y'= “’-2*”.(2;;-2):0 <> x=1. Him s6 d cho lién tyc va x4c dinh trén doan [0;2]

Matkhacy(O) e,y(l) e,y(2) e Dodox{nn}ay e’ ;max y = e::>T e +é.
. . [0,3]

Chon B.

Vi dy 66: Cho ham sé y =3*+3™*. Khing dinh nio sau ddy 12 ding.

A. Gia tri nho nhat cta ham so lag va ham so  khong c6  gid tri lon nhat
B. Ham sé khong co gm tri lon nhat va gia trj nhé nhit,

C. Gia tri nhé nhatcuaham s6 la 2 va gié tri 1ém nhét ciia ham s la 3
D. Gi tri nhé nhét ciia ham s8 13 2 va ham s khéng cé gia tri 1on nhét.

Loi gigi:

’ 1
Tacd: y= 3’+-3—>2 3% o 2nenglalnnhonhatcuahamsolaZvahamsodacho
khéng c6 gia tri 16n nhéit vi llmy +oc>

Chon D.

N AT
Vidu 6‘?: Cho hdm s6 y = (3] . Khﬁng dinh nio sau day I3 ding.
A. Gié trj nho nhét ctia ham s5 12 0 vA ham s khong c6 gié trj 16m nhét.
B. Ham s6 khong c6 gi4 tri nho nhdt va gi4 tri 16m nhit ciia ham s8 13 0.
C. Gi trj nh6 nhét ciie ham 6 13 1 va ham s6 khéng ¢4 gi4 tri 1on nhét,
D, Ham s6 khong ¢6 gié tri nhé nhét va gi tri 16n nhét ciia ham s8 14 1.

Lai gigi:

: I2x-1f 0 -
Ta co: !Zx—ll =0 :(%) S[%] =1.Do d6 gid tri 16n nhat ciia haim s6 13 1 va ham

s6 khéng c6 gia trj nhé nhét.
Chon D.
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Vi du 68: Gid trj 16n nhét va gi4 tri nhé nhét cdia ham 56 y =2 +.2° a:

A. mﬁiny:Z\E;mqu_;&« B. nitiny=2;ma;{y=3.
C. Ir}{iny=3;maé;y=3«5; D.Irgny=2;ma;{y=3\/§.
Léi gidi: |
Taco: y =20 4 2%x - 2‘211 +2°°% Pt r=2" do 0<cos’x<1 néntacs refl;2]

) t=—2 (loai)‘

. 2 )
Xéthamso f(tf)==+fco f'(t)=—+1=0
() t () 1,2 l‘=«/§

Ham sé £ (¢) xac dinh va lién tuc trén doan [1;2].
Lai o6 f(1)=f(2)=3f(v2)=2v2. Vay miny = 24Z;max y =3.
R

Chon A.

Vi du 69: Gié trf 16n nhat va nhé nht ciia him s6 y =4* —2** trén doan [-1;1] 1a:

} 3 . 3
A mmy=—-—;maxy=2. B. mny=——;maxy=0.
[-11] Y 4 [-1 1]y [-11] Y 4 [-l;l]y
C. mny=-Lmax y=1. D. miny=-Lmaxy=0.
[-1:1] [-51] (-] [-13] B
Laoi giai:

Tacod: y=2"-22".Dijt r=2" :>t_e[2‘1;2[]=|:%;2j|
Xéthamsd f(f)=1*~2¢ trén doan [%;2] tach: f'(t)=21-2=0c1=1
Ham s f (t) xac dinh va lién tuc trén doan [%;2:|.

Lai c6 f[%]--_-:;;f(l) ='—1;f(2)-=07..Dordé E&Hyz—'l;ﬁ:;ﬁ]y=0.-

Chon D,
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Vi du 70: Gié tri 16n nhét va nhé nhit cia ham s§ y = 5% +5'F trén doan [0;1] 12: -

A. miny= 25; 5;maxy=6. 'B. rmny 2\/— S5;max y=5.
(o] fo:1] [o:f [0:1]
C. miny=2; 6. D. 2; 5.
Ripy=Zimaxy=6. miny = max y =
L& gidi: | |

U -~ SR ~ .
Taco: y=57 ff.s—,,r;-,_B?F t=5"=tell;5]

Khido f(f)=t+> :>f(t) 1—— 0=>1=+/5.

Ham sé f(¢) x4c dinh va lién tuc trén doan [1;5].

Tacé: f(1)=6;f(5)=2v5:/(5)=6.Dods miny = 2\/_m[z‘a).)§y 6.
Chgn A.

Vidu 71: Tongg;amlonnhatvagtammbnhﬁcuahémso y=xhx trmdoan[ 12 ,e:| ia

A T=e. | B.T=e-2.
e
cr=2-2 D.T=e-2
e e e
Loi gidi:

Ta ¢o: y'=1nx+1=0<:>x=e‘1=1.Hémsédﬁchoﬁénu;cvﬁxécdjnhtréndoan [—l—z-;e:l
e e

Mt khac y(e%]=—;;22—;y(1J——,y(e) €. Dodom =—é;nleix]y=e
& g

Do @6 T=e-l.
e
Chon D.
Vidu 72: Tongglatnlonnhatvaglamnhonhatcuahamso y—E trén doan I:l € } la:
x e
A, T:-l-. B. T=l—e.
e e
C.T=j+%. D.T=e—l.
e € e
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N 1 2 _ !
Lai c6 y[;j]=—e;y(e)=;;y(ez)=e—2‘ Do &6 [r;"ly=—w[fx]y-—~;
Dodd T=~—¢

e

Chon B.
Vi dy 73: Tich gié t- 1m nht v2 gié tri nho nhét cha ham s§ y = JF +3—xlnx trén
doan [1;2] Ia:

A J7-4m2. B. 4n2-27.
C. 4m2—47 . D, 27 -4In2.
134 gidi:

— |
Tacd: y'=—reee—1-lnx =222 _1nxc0 (vxe[t2])

N V2 +3

Ham s6 d4 cho lién tye va x4c dinh trén doan [1;2].

Khi 46 miny=y(2)=7 -2l 2;maxy = y(1)=2
2] [12]

Do dé P=27—4mn2.

Chon D.

Vi dy 74: Cho ham s6 -y = In (3~ x)+In{x+1). Khing dinh nio sau day 12 déing.
A. Ham s6 d4 cho khong ¢6 gia tri 16n nhét.

B. Gia tri 16n nhét ctia ham s6 @4 cho1a 2In2.

C. Ham sb d4 cho khong 6 gid trj 16n nhét va gi tri nho nhit 13 2In2.

D. Gi trj 16n nhét ciia ham s6 13 2In2 vi gid tri nhé nhét 13 0.

L33 g e

3ox 2+l (rd(rrl) T

Mit khic lim y = % y=-o0;y{1)=21In2. Do d6 him s c6 gi trj 16n nhét 12 2In2
=3 x-»{-1)"

va khéng c6 gia tri nho nhAt.
Chon B.
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Vi du 75: Tim gi4 trj nhé nhit cia ham sé y=Inv2x* —3x> +2 trén doan [1;3]

A.r[rll;%?yﬂl. B.I{Ill;lslny=0.
iny=-— Y Miny=
C.Iﬁ%ﬁly—- . l113%1}; In6.
Lavi gidi:
1 1 6x*-6x
Tach: y=—In(2x*-3x*+2) ¢6 y'=—.——————— >0 (Vxe[1;3
y=5t(2 )83 oo g 20 (el

Do d6 ham sé da cho ddng bién trén [1;3]. Do d6 miny = (1) =0.

Chgn B.
Vi dy 76: Tim gié tri 16n nhét va nhé nhit cia ham sé y =x*Inx trén doan [0;2]

A-miﬂy=:l;maXY=4]n2. B. miny=£;maxy=4]n2,
[0:2] 2e” [0z [0:2] 2 (o
e
C.miny=0;max y=4In2. D. miny=0;max y=—.
[02] 7 [o;z]y [0:2] y [o;z]y
Loi gidi:
x=0
Taco: y'=2xlnx+x=0& -1 1
lnx=

— = X=—=
2 Je
Ham sb x4c dinh va lién tyc trén [0;2]

Mt khac Y(0)=0;y[“}—J=:2—i~;y(2)=41n2. Do viy miny=—;maxy=41ln2.

J; (2] 2e. Joz]
Chen A.
Vi dy 77 Tim gié tri lén nhét cia him 6 » = (x*+1)Inx trén doan [Le]
A. rﬁgf(y:ez-i-l. B. n[:;;aef(y=4ez-—1.
C. I![lee.lx y=0. D. Khong ton tai.
Loi gidi:

x*+1

x

TacHd: y'=2xInx+

>0 (Vx e[y e]) do @6 ham s d cho ddng bién trén doan [1;¢]
Do vy nﬂ_a]xyzy(e)=e2+l.
Chon A.
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Ho¢: b Ming e minh &

Vi du 78: Tong gi# tri 1om nhit vA gi4 tri nhé nhét sia hiom 6 yzin{xz +x) trén doan 11;3] I

A.Inld . ' B 3n2.
C.ln24 . B, 2In3.
Lovi gidi:
Tacd: y'= 212‘+1 >0 (Vxe [1;3]) nén him s d3 cho ddng bifn trén doan [53].

x°+1

Do dé Ifllis?yzy(l)=1n2;maxy:y(3)=ln12:>S=In2+1n12=]1124.
g [3]

Chon C.
Vi du 78: Cho ham s y = xe*. Déng thirc ndo sau day 13 dling.
A y'=2y"-y. B. y"=y'-2y.
C. y"=2xp"-y. D. y"=2y'-xy.
Léi gidi:

Taco: y'=e" +xe"* => y"=e" +e" +xe" =2¢" +xe”.
Do dé y"=2y'-y.
Chon A,

Vi du 80: Cho ham sé y = xsin x+cosx . Ding thitc ndo sau ddy 13 déng.

A y"=—y+2y'cosx B. y"=—y+2cosx
C. y"=—xy+2y'cosx D.y"=—y* +2xy'cos x
Loi gidi:

Tacé: y'=sinx+xc0$X—$inx=xCOSX

Suyra y"=cosx—xsinx .Dodd y"=—y+2cosx.
Chon B.

III. BAX TAP TU LUYEN [TT 6083]

Chu 1 [282564]: Him s y = xh(x+Jlj—x2)~J1+f. Ménh d& nao sau day sai?
A. Tép xéc dink ciaham sé1a D=R.

B. Ham sb c6 dao ham y‘=111(x+ 1+x? )

C. Ham sb ting trén khoang (0;-+e0).

D. Ham sb giam trén khoang (0;+0).
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Céu 2 [282565}: Tim ménh d& ddayg trong céc ménh dé san:

A. Ham sé y=1og, xvi O0<g<l1 lamdt ham $6 déng bién trén khoang (O;+oo).
B. Ham s y =log, xv6i @>1 14 mdt ham s6 nghick: vién irén khodng (0;4+c0).

C.Dothicichamsd y =log, xvA y=log, x (6<a <1} & i ximg vi nhay qua trac hoinh.

D. Ham sb y =log, x (0<a<1) c6 tdp x4c dinh 13 (0;+00).

Cau 3 [282566]: Tim t: xéc dinh cfia him sb/2%° 572 +1n - i
C. (2] D. [1;2].
Cau 4 [282567]: Tnh dac}h;mcﬁ;ham 86 f(x)=x" 1 | .
A. f'(x)=xhx. . B. f'(x)=x"(lnx+1).
C. ['(x)=x""(x+Inx). D. f'(x)=x".
Cau 5 [282568]: Tép xéo dinh cia him s y = log, %‘5 1a:
A. (1;+w). | B. (—0;1)U(2;10).
C. (-o;10). D. (2;10).

Cau 6 [282569}: Tim t4p xéc dinh cfia ham s6 £ (x) =

4 .
A Do _m;—3—2\/1_3}u[~3+\/1_3;+w).

2

B. D=

————3 — J1_7 ;—3] W) |:—-—-——3 ;‘lﬁ— ;IJ .

2

C. D =(~0;-3)U(L;+x)

D. D=(ﬂ§_-,3)u[ﬂ_@-q
; AR

2
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Céiu 7 [282570]: Ham s6 y =In(x ~2mx+ 4} c6 tp xéc dimh D=R khi:.

A 2<m<2 . B.m<2.
C.m=2. B om< -2,

Cau 8 [282571]: Tim ménh dé dfng rong cic méni dé seu :

(1Y

A.Péthicichimséy=a v2 y=i — | {{ <e<1)thi 46 ximg véi nhan gua o tun
Y 2} 1{2} £ i
|

B. D0 thi ham sé y=a" {8 < & <1)lubn di qua diém (a3},
C.Hamsd y=a"véi (0< <1} 1a mbt ham s6 dong bien wén{—w;10).

D. Him sé y=a*v6i a>1 1 mdt ham s6 nghich bidn trén(—o0;+90).

Cau 9 [282572]: Tép xéc dinh oia him 56 log sy (1-Vi- 4 ) I

NE n(Zof-Lal
c(Tepiy e[

Céu 10 [282573]: V6i O<x <1, taco (1-x)4 ! ~ bing;

W

—X
A Jl=x 5 ”fiv-x
1+x - J§+x
C. 4 (1-) . D. (1=x) .
1+x 1+x

Ciu 11 [282575]: Pgo ham cia ham sé f{x) =sia 2x.In*(1-x)1:

A, f'(x) =205 2x.In’ (1-x)-2sin2xIn{i—x}.

B. f'{x)=2cos2x.Jn*(1-x)- 251112;:‘111(1—']6) .
. 1-x

C. f'(x)=2c0os2x+2In*(1~x).

D. f'(x)=2cos2x.In’ (1-x)~ 2sn2x

-X
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Ciu 12 [282577): Tép xéc dinh cia ham 56 y =(—x* -3x-2) " la:

A [-2-1]. B. (—1;—).
C. (-2;-1). D. (—09;—2_).
Ciu 13 [282578]): Cho f(x) =1n|sin 2x]. Thi f‘(g) bing:

A2, B. 4.
C. 1. D. 3.

X

Ciu 14 [282580]: Dao him clia hdm 56 y = 2 -
x-1 x—{
A (Z) —x(lJ .
5 5
x-1 Xi
FHEEOE
5 5

Ciu 15 [282582]: Tim ménh d¢ ddng trong céc ménh d sau:

la:

B. (2) }_n.%._(l) m5.
5 5 \5

D. [EJ 1n2+5"1n5.
5 5

A.Ham sé y=a" v6i a>1 12 m6t ham s8 nghich bién trén (—o0;-+w).

B. Ham 56 y=a" véi 0<a<1 12 mdt ham s6 dong bién trén (—~o0;+w).

C.Pd thi cac haim 8 y=a" va y=[l] (0<a<1) thi d6i ximg véi nhau qua tryc tung.
a

D. D6 thi ham s6 y =a* (0<a<1) ludn &i qua diém (a1).

Ciu 16 [282583): Tim khing dinh dimg:

A_ (2+J§)2016 >(2+J§)20”‘ B_ (2__.\/5)2016 >(2_J§)2017

C_ (Z_Jg)mlﬁ > (2—\/5)—2011 . D. _(2+J§)—2016 > _(2+J§)—20[7 '
Ciu 17 [282584]: Ham sb y = x>.¢* nghich bién trén khoang:

A. (—-oo;-—Z). o, B. (1;+00).

L£.A-2;,0). D. (—oo31).
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ZLitoc ob ksdog ginh i ;

x

CAu 18 [282585]: Cho ham s y = ‘1 . Ménh 4 nio sau day 14 méoh 4 diing?
X
A. Ham sb dat cuc dai tai {0;1). B. Ham sb ting trén R\{1}.

(x+1)2 '

Céiu 19 [282586]: Him sé y = xInx ddng bién trén khodng:

C.Daohim y'= D. Ham sb dat cuc tiéu tai (0;1) .

A. [-1—,+00) B. (0;+c)
e
1
C. (0;—). D. {(%:1).
e
Céu 20 [282587]: T4p x4c dinh clia hdm sé y =(x - 2)_3 1a;
2
A.x=1,x=? . B. R\{2}.
C.x=—1,x=-z. D.x=1,x=—g.
7 7
~ N z x+3 - .
Ciau 21 [282588): Him s6 y =log, > ¢6 nghia khi:
—-Xx
A x=2. B. x_<'_—_3ﬂvx>2.
C. 3<x<2. D. 3<x<2.
Chu 22 [282590): Ham s y= 2.
x
A. C6 mdt cyc tidu. B. C6 mdt cuc dai.
C. Khong c6 cuc tri. D. C6 mbt cue dai va mot cuc tidu,
~ , ; W 4 o e +e”
Ciu 23 [282591]: Tinh dao ham ciia ham s6 sau: f(x)}=——=:
o _ o ' e —e
' -4 . -5
A.f(x)=—-—-—T7 . B.f(x)=_————_—2-.
(ex__ex) (ex__ex)
ex

C. f'(x)=——=" D. f'(x)=€" +e™.
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Cau 24 1;,825921. Tim glé. tri 0hd nbfit cA hdm 88 £ (x) =271 42

A. 4. - . B.6.
€, Pép 4n khic. : : B, 4.
Ciu 25 [282523]: T8p xéc dinh cia ham 53 .

f(x)=log 5/x Jx+ —mgl (3-xj-log,{x —.1}? i

A l<x<3 : _ B, x<3.
C. x>1. b, -1<x<1l,
Cau 26 [282594): Cho log, 14=w, tinh F=log,, 32 theom.

A P=3m-2. : ‘ B.P:—-—S—.

- 2m=2
C. P=3m+1. , D P 1

1] &

Cau 27 {282595}: Cho him 56 y =7, céc két lufin sau, k4t lufn ndo sai?

A. D thi ham 56 ludn di qua didm 2/(1;1).

B. Ham s6 luon déng bién v6i moi x thude t8p x4c dink.

C. Tép xic dinh D =(0;+w0).

D. D4 thi ham s c6 tiém can.

Ciu 28 [282597]: Chon ciu sai:

A.Hamsb y=¢* ¢ tip gid tri 13 (0;-+00).

B.Him s y= 1n(x+ x* +1) khéng chén khéng 1é.

C.Hamsb y= m(x+Jx2 41) 12 ham s I&.

D.Himsb y=¢* khong chin ciing khong 1¢.

Ciu 29 [282598]: Cho ham sb y= (J1_7 -3 —\/f)x. Khing dinh ndo sau day sai:
A. Ham 50 nghich bién trén khoéng (0;-+0)

B. Gié trj ghn diing (v&i 3 chir s8 thp phan) ctia ham s tai x =10 12 0,928.
C. Gia trj gin dang (v&i 3 chit sb thap phén) ctia ham sb tai x=3 130,932,
D. Ham s8 nghich bién trén R,
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C#u 36 [282652]: Cho ham sé v =ex-+e . Nghiém ctia phuong trinh y'=0 1a: -
A, x=0. B. x=In2.
C.x=-1. P. x=In3.
Chu 31 {282653): Pbi véiham sb y = m%}, ta cb:
X
A xy-i=e. ' B. y'+1=¢".
Coxp'+l=—€". D. xy'-1=-¢".
Cag 32 [282657): Gié tri nho nhit cia him sby = |1og (4-2")+log,_, (¥ +1)| bing:
A. 6. B.8.
C.4. D.2.

C4u 33 [282658]: Tim gid tri nho nhit cia ham sé y = 4% ¢ 4°°f_z"

A 7. B.2.
£, 2x. | D. 4.

Cén 34 [282660): Gid tri nho nhét cla ham s§ y=x" —4In(1-x) trén doan [-2;0]
A0, B. 1.
C.1-4n2, D. 4-8In2.

Céu 35 [282661]: Cho ham sé y = G-]f—h . Tim khiug dinh déng:

A. Pl sb dbng bién trén R.

B. Ham sb nghich bién trén R

C. Ham sb nghlch blen trén nira khoang [l +oo)

D, Ham 56 dong blen trén khoéng (L +oo)

C3ua 36 [282662] Cho a>0;a#1. Tim ménh ds dung trong cc ménh dé sau:
A. Tép xac dinh cta ham 56 y= log‘z xlatip R

B. Tip gidtriciahimsd y=4" latip R.

C. Tép x4c dinh cha him s§ y =a* 12 khoang (0;+0).

D. Tép gid tri ciaham sé y =log, x latip R.
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Céu 37 [282663]: Gié trj nh6 nhét cita ham sé y=e*(x—2)" trén doan [1;3]1a:
A é. ' ' B.¢&.
C.0. D.e.

Cau 38 [282664]: Tinh dao ham cép hai y"citahdm s6 y=In(3x+2) 1a:

-9
A. y"=3In’(3x+2). B. y"= :
Y (x+2). T
-9 3
Cy'=—"_, D y'=—— .
7 (3x+2)° o g (3x+2)°

Ciu 39 {282665]: Dao ham ciia him sé y = ]n(x+ 1+ 22 )+ log, (sin 2x)14:

1 2tan2x 2x 2cot2x

A. + . : B. + _

Ji+x In3 x+l+x?  In3
C. 1 +2cot2x_ D. 1 +2cot2x'

1+ x? In3 x+414 % In3
Ciu 40 {282666]: Dgo ham clia ham sé y =In7x bing:

A --—-——1— B _1_“_

5x3n* 7x 35xn* 7x
c.—1 | D .

5x3In* 7x 53n? 7x

PAP AN TRAC NGHIEM

01.D |02.D [03.C {04.B [05.B [06.B [07.A [08.A |09.D |10.C

11.B {12.C [13.A {14.D [15.C {16.B |17.C |18.D [19.A |20.B

21.D |22.B [23.A [24.A [25.A |26.B [27.D |[28.B [29.B |30.C

31.B |32.D |33.D |34.C |35.C [36.D {37.C [38.C [39.C [40.A
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PHUONG TRINH M0
[TV6084-TV6085]

1. LY THUYET TRONG TAM VA PHUONG PHAP GIAI
Ta ¢6 cac dang bai thudng gap nhu sau:
+Pua vé ciing co sb hoic liy log hai vé.
+ Tu tudng &n phuy.
+ Phuong phép ham sb va d4nh gi4.
Cu thé vin d& hon, ta cling dén véi myc tiép theo.
I. ViDy MINH HOA
1. Dang bai dwa vé ciing co s6 hoiic Iy log hai vé
e Loai thir nhét c6 dang @’ =@, véihing sb a>0, a=1.
Ta bién ddi & =) & f(x)=g(x).
Giai phuong trinh va d6i chibu véi diéu kién.
e Loai thir hai c6 dang &’ =5, véi hing sb a, b>0, a=1.
Ta bién dbi &’ =b < log, ™ =log, b <> f(x)=log, b.
Truong hop b<0 thi phuong trinh vé nghiém luon.
Giai phwong trinh va dbi chiéu véi didu kién.
Vi du 1. Giai phwong trinh 27756 = 2%,

A x=1 x=2 B.x=-1,x=2.
C.x=1,x=3. D. x=-1, x=3.

Loi gigi

Pitukién: xeR *)

Phuong trinh < x* —3x+6=x+3 <> % —4x+3=0<:>[ 3 thoa min (*).

X
X=
Chon C
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Vi dy 2. Biét ring phuong trinh 27"*** =2°* ¢6 hai nghiém phan biét 13 x,, x,. Tinh
gié trj ctia biéu thirc § = x} +x*.

A. S=17. B. 5§=97.
C. §=82. : : D. §=257.
L(}i gidi ' B e e
Pidu kién: xeR T *

Phuong trinh <> x* —4x+2= X~ fl_<_,:>_-?__6_2,—]5xA+_6 =0e [ théaman(*)

x
x
Do d6é § =97,

Chon B

Vi dy 3. Biét ring phuong trinh QPR _ gxH o nghiém ph@n:bié__‘:f _1; X, X, (xl >x,).
Tinh gi4 trj cha biéu thire S=x! +2x7. - ' S

A. 5=18. B. §=83.

C. §=258. . D. §=33,
Léi gidi 7 _
Didu kién: xeR ™
Tacd 27~ = 44 = (22 )’“‘_‘ = 92x+)

2 _ "2 _ x 1 ‘2 = *
Sx—x+4=2(x+1) e x*~3x+2=0& ) théa min (*)
. x

xl=

2
Dod(’){ 1=>S=18.

x2 =
Chon A
Vi duy 4. Giai phuong trinh 27 % =16,

1+-3 1+45

A x= ] B.x=
2 : 2
+ +
C.x=3_J§. ' D.x=5" 5.
s . 2
Loi gidi
Pitu kién: xR &)
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a Moon.vn
7 Hoc o dning dnh minh

Tacs 277 =16" = (2*)™

+
<:;>x2—5x+5=0<::>x=5*

I
— thoa rofin (¥).
Chon D

Vi du 5. Gidi phwong trinh 27~ =42,

\35

=2 o 5 x4 9=4(x+1)

A x=+——:, B. =:|:£.
5 2
C. xzi-@. D. =i-\/-@—.
10 4
Léi gidgi
Pitukién: xeR )
10 ’
Tacé 271 =421 =24 <:>x2—1=¥<:>x=ii-;—i théa man (*).
Chgn B
e x2—101+£
Vi du 6. Giai phwong trinh 2 2 =8+/2.
A. x=5+26. B. x=5++/26.
C. x=-5+26. el D. x=-5+26.
Léi gidi
Pitukitn: xeR *

3

st
B~

#-10x 31
Tacd 2 2——8\/_ 22222227

<:>x2—10x+§=%¢>x=5t\/% théa man (¥).

Chon B
. x*—x+l
Vi dy 7. Giai phuong frinh (27J§ ) =9,

A.x=10¢\/3—5_

12
11+4/35

12

C o x=

B. x=

D.x=

10+-37

14

11++37

14
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L gigi

Piéu kién: xeR (*y

1\ S _
Phuong trinh < (3{32} - (32 )"""1 = [33 2J - 32(x+l) PN 31(1 x 1) _ 32(x+1)

+
<:>1(x2—x+1)=2(x+1)<:>x=ll_ﬁthéamén(*).
2 14
Chgn D
1 x+2
Vi du 8. Gi4i phuong trinh 21! {EJ .
A x=—-l. B x=——l
12 i1
C x=——l. D. x=——1~
2 T 3
Léi gigi
Pidu kién: xeR ™
by 10x-1 1 *+2 4\ —4{x+2)
Phuong trinh <2 =| | =(27*)" =2
2
- 7 |
<10x-1=-4(x+2) e x=—mr=—3 théa min (*).
Chon C

2—x
Vi dy 9. Giai phwong trinh (0,75)" = [%) _

A, x=—l. B x=§.
3 5
C. x=l. D. x=l.
3 5
Loi giai _
Pitu kién: xeR : - ™
3 4x-1 4 2-x 3 x-2 1
Phuong trinh @(—J =(—) =[—J O 4x-1=x—-2 << x=—= thoa mén (*).
4 3 4 3
Chen A
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Vi du 10. Biét ring phuong trinh 4 =10 ¢6 nghiém duy nhit dang a+blog, J1o,
véi a, beZ. Tinh S=a° +ab.

A. S=12. B. S$=15.
C. §=9. _ D. §=3.
L gidi
Pidu kién: xeR *)

Phirong trinh x—3 =log, 10<:>x=3+10g410=3+10g2\/16 thda mén (*)

=3
Do dé {z = S=a*+2b =1L1.

Chon A

Vi du 11. Biét riing phuong trinh 277 =3 ¢6 hai nghiém phén bi¢t 12 x;, x,. Téng
X +x2 ¢6 dang a+blog,3, v6i a, beZ. Tinh § =a* +5ab.

A. S§=45. B. §=96.
C. §=39. D. §=126.
Loi gidi
Ditu kién: xR *

Phuong trinh <> x* ~2x—1=log, 3 & (x—1)’ =2+log, 3 & x=1% 2+ log, 3 théa mém (¥)
Do 6 32+ =(1+/2+10g;3) +(1- [2+log,3) =2+2(2+log,3)=6+2l0g,3.

a==6 .
Tir d6 {b— = 5§ =96.

Chon B
Nhdn xét
Ta ciing 6 thé tinh x” +x2 theo c4ch khc nhw sau:
Tacé & +x% =(x +x,) —2xx, =2° ~2(-1-log, 3) = 6+ 2log, 3.
Vi du 12. Biét phuong trinh 2**.5" =15 c¢6 nghiém duy nhit dang a10g5+blog.3+c10g2
voi q, b, ceZ. Tinh $=a+2b+3c.

A.S=2. B. S=6.

C. 5=4. D, §=0.
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Loi giai

Piéu kién: xeR {*}

Phuong trinh <> 275" = 125 < (25) =135 1

<> x=log,—.
x =108, 5
. 15 15 -

Tacod logmgzlog-z-=log15—log2=10g5+10g3—10g2.

a=b=1 —_
Do d6 L =>8=0. .
c=-*
Chon D

Vi du 13. Gii phuong trinh 2% +2™ +2%2 =16,

A. x=4+log, 7. B. x=2+log, 7.
C.x=4-log,7. o D. x=2-log,7.

Ldi giai

Didu kign: xeR ™

Phuong trinh <> 2 +2.2° +22.2* =16 < 2° 2'13'6"5 x=log2-%6~ théa mén (*)

Taco log, 1—;5- =log,16~log,7=4—-log, 7.

Chon C
Vi du 14. Giai phuong trinh 2™ +2%2 =5 1 45",

9 20
A, x=log, . B. x=log, —.
8220 £17g
C. x=log, i D. x=log, 29—
220 3 9
Loi gigi
Pidukién: xeR ™

Phuong trinh <>2°2* +22.2° = 5.5 + 4.5 < 20.2° =9.5°
@i=§@[§) =20 s x=10g, 2 thoa man (*).
7 9°\3) 7 579
Chon D
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Vi dy 15. Biét ring phuong trinh (2++5)" =8(v5--2) " o6 nghiém duy nhit dang

log,, za, v&i a 14 sb thyc duong. Ménh 42 niac duéi day 1a ding ?

A.0<a<§. _ B.5<a<9.
C..i<a<£. D.3<a<z.
5 .5 2
Loi gidi
© Pidukién: xeR ™
2x-1
x+l 1
Tacé (5 +2)(v5 -2} =1 nén phuwong trinh < (2++5 =8( )
aco( )( ) nenp g_ ( ) 2+J§

- (2+ \/-5—)::1-1 .(2 + \[g)Zx—l —8e (2 + \/;j—)x+1+2x—l -8

3x
<:>(2+J§) =8<:>3x=log2+£8<:>x=%log2+£8=log2+£2 thoa mén (*)

Dodé a=2.
Chon C

Vi du 16. Gidi phuong trinh 3(v5-2) " =(9 445 ).

oo 17198, 53 o Titloe, 63
) 3 | 3
C. J":=1—10g2+\‘,§3}. . x:—1+10g2+‘[5-3.
: 5 5
Léi gidi
Pitu kién: xeR *
Tacb 9+4\/§=(2+\/§)2 va (V5 +2)(v5-2)=1.
l x+l 3 2x .
Phuong trinh ©3[2+J§J =[(2+\/5—) ] =(2+\/§)
<:>(2+J§)4x.(2+J§)x+l=3@(2+\/§)4z+x+1=3
-1+1 3
e Sx+l=log, 3@ x=— 2B thoa man (%),

Chon D
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Vi dy 17. Biét ring phuong trinh 2 =53 ¢6 nghiém duy nhét dang alog,; 3+blogiq 3
ol U

v6i a, beZ. Tink S=a+2b.

A. S=4. §=3.
C.S=17. ' w. §=6.
Léi gidi
Didukién: xeR *)
Phuong trinh <> (27} =253 2% =253.3°
(2 =753 16 =753 & (lﬂ 275 x = log, 75 thoa min (*)
3

Ta c6 log,, 75 =log,, 25+log,s 3 =2log . 5+log;¢ 3.
3 3 3 3 3

3

a=2
Dodbs. _=>5=4
b=1

Chon A
Vi dy 18. Biét ring phuo‘ng trinh 9"z 2 7" —-% co hai nghjém phﬁn biét 1a x,, xz. Tong

% +Xx, c6 dang loggb véia, beN vaglaphansotmglan Tinh S =a+2b.

A. §=95. B. S =169.
C.5=32. . D. S=43.

Léi gidi ’

Pidu kién: xeR *)

Ph'lIO'Ilg trinh < 912—2x+1-7x_1 =1 Iogg (912—2.:4—1.7;_1 ) -0

< log, 97 +1og, 71 =0 & x* - 2x+1+(x—1)log, 7=0

o|” o|” théa min (*)
x-1+log,7=0 |x=1-log,7 :
81 a=381
Do d6 x1+x2=2-10g97=10g981——10g97=10g9—i-:> b = §=95.
Chon A
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2x4+]

Vi dy 19. Bibt ring phuong trinh 2°3 %72 =6 ¢4 hai nghidm phin bigt i x,, x,. Tinh

gia tri cta bitu thirc S =x, +x,.

3 2

A. S=log,—. B. S=log, —.

0g, 5 0823

3 2

C. S=log,—. D. $=log,~.

0Z; 5 0g, 3

Léi gidi

Diéu kién: x»—2 *)

2x+l x—I

Phuong trinh <> 21352 =1¢27"32 =]

x-1 x-1
< log, [2"“.3"”} =0 log, 277 +log, 352 =0

x-1 1
_ AN 1) —— 2
<(x 1)10g32+x+2 0 (x 1)[3‘:_‘_2+10g3 J
x=1 :
x=1

= thdéa min (*
=log, 3 [x:~2+log23 da méin (%)

x+2=~
log, 2

Do d6 8 =x, +x, =—1+10g23=10g2-3—10g22=10g2%.

Chen A. _ : ;
Lién quan dén dang 1, ta con kiéu bai khdc nhur sau:

*?—5x+

Vi du 20. Phuong trinh (x+2) *=1cosb nghiém 14 7

A.4. B. 2.
C.3. D. 1.
Léi gidi

+ THI. x2—5x+6=0c>[

X
X
Thir lai ta thiy théa min phwong trinh d4 cho.

+TH2. x+2 =15 x==1, thit lai ta thiy thoa mén phuong trinh d& cho.
+TH3. x+2=—1< x=-3, thir lai ta thdy thoa mén phwong trinh d& cho.
Tém lai, phuong trinh d4 cho c6 nghiém 1 x=—~1, x=2, x=43.

Chon A
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Vi dy 21. Phuong trinh (x® +x~3)"  =(x*+x-3)"" ¢6 s6 nghiém 137
A.s. B.S.
C.4. P

Lo gidi

=1
+ THI. xz—-2x+3=x+1c>[x
x=2

Thit l2i ta théy thoa min phwong trinh d3 cho.

-1+:17
—

+TH2. X +x-3=1lx=

Thit lai ta thdy thoa man phwong trinh d3 cho.

=1
+ TH3, x2+x—3=—1¢:’|:x
x==2 .

Thir lai ta thdy thoa man phwong trinh da cho.

~1+413
=

+TH4, ¥’ +x-3=0x=
Luuy, hdm s6 y=x%, v&i e khong nguyén, c6 tip x4c dinh 13 tap cac sb thie duong,

—1+
Do dé x=—-—1_2s/1—3

khong théa mén phrong trinh d3 cho.

117

Tom lai, phuong trinh d& cho ¢6 nghidm 14 x=1, x =42, x=— 5
Chon B
2. Dang bai véi tw trdmg 4n phy
o Phuong trinh dang Aa™™ + Ba**" +C=0.
+Tabién déi Aa".(a*) +Ba"a" +C =0,
Coi diy 12 phuong trinh béc hai 4n = 4" >0, ta bdm m4y tinh tim nghiém va déi
chiéu véi diéu kién,
+Luu ¥ bién dang a* =(a’) vita c6 thé bién x thinh mdt ham f(x).
o Phuong trinh dang Aa’”" +Ba™" +Ca™" + D =0.
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+ Ta bién @i A.a”'.(a")3 +Ba".(a‘ )2 +Ca’a™+D=0.

Coi day 12 phuong trinh bdc ba &n ¢ =a* > 0, ta bm méy tinh tim nghiém va abi
chidu vé&i didu kign.
+ L § bién dang a** =(a'), a* =(a’)’ vataco thé bién x thanh motham 7 (x).
Tuong ty nhur vy 461 v6i phwong trink quy vé phuong béc bén.

o Mpt 56 phuong trink khdc thi ta dn phy véi phan xg quan sat, dit dn phy dua
vé phirong trinh tich. P6i khi ta ciing cdn chia va bién d6i, dua phivomg trinh vé dang
bdc hai, bdc ba.

Vi du 1. Gidi phwong trinh 2% —8.2F +15=0.

A. x=log, 3, x=log,15. B. x=log, 3, x=—log, 15.
C. x=log,3, x=log, 5. D. x=log, 3, x=—log, 5.
Loi gigi
Pitukitn: xR 7 _ *)
Phwrong trinh < (2")27—8.2" +15=0& I:z: :2 =3 [i : izizi thda mén (¥).

Chen C

Vi du 2. Biét réng phuong trinh 4 -82"+15=0 ¢6 hai nghiém phén biét1a x, %, (x>x,).
Tinh § =x +2x,.

A. S =log,15. B. §=log, 45.
C. S=log,75.’ S D. S =log,135.
Léi gidi '
Ditu kién: xR *

Phuong trinh < (22} ~8.2°+15=0¢(27) -8.2"+15=0

=3 [x=log,3 _
= =" théa mén (*)
2*=5 |x=log,5

=log, 5

Do d6 {x‘ B2° 5o log, 5+2log, 3 =log, 5+log, 3* =log, (5.9) =log, 45.
x, =log,3

Chon B
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Nhéin xét

Phwong trinh trong vi du ndy aa bién dang mét chiit so v6i phurong trinh trong vi du 1.
Vi dy 3. Biét phuong trinh 3" ~7.3* +4=0 6 hai nghiém pban biét 1 x, x,. (3 > x,).
Nghiém x, ¢6 dang a+blog, 2, véi a, beZ. Tinh S =a*+2ab.

A. §=3. B. §=-1.

C. 5=8. ' D, §=-3.
Loi gidi |
Didu ldéu: xeR | | *)

Phuong trinh <> 3.3 7.3 +4=03.(3)' ~7.3 +4=0 _

=1 [x=0

= PR=

4 thdéa mén (¥)
3= 3 x =log, ~

=-1
Do @6 x=log3%=10g34-10g33=—1+210g32:>{a =85=-3.

Chon D

Vi dy 4. Biét ring phuwong trinh 3°-532+4=0 c6 hai nghiém phan biét 1a x, x,.
Tinh gid trj cha biu thirc § =|x, —x,|.

A. S=4log,2. B. S=2log3§.
: 4
C. S=6log, 2. D. §=4log, >
Loi gidi ‘
Pidukién: xeR NG
x x
. ALY 311 5"0 x=0
Phuong trinh <>(3? | -532+4=0< =4 = théa mén (*)
x x x=2log, 4
32=4 5210&4

Do dé S =2log,4=4log, 2.
Chen A
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 Meon.Vi |

Vi du 5. Giai phuong irinh 3.9 +7.6" - 6.4 =0.

A. x=1-log, 3. B. x=-1+log,3
C. x=log, 2. D x=-1.
Loi gidi ‘
Pidukién: xeR (*)

s ) ] oo (e
s QIR = T T

== ' @(i) =%<:>x=—1th6am§n(*).

g

Vi du 6. Gidi phwong trinh (7+443)’ ~4(2++B) +4=0.

o

Chon D

A. x=-log, 52. B. x=log,, 52
C.x= —1og2;\,'3'- 4, . ' D. x=log, ;4.
Léi gidii -
Piéukién: xeR ™*

Phuong trinh <> [(2+‘/§)2]x —4(2+J§)z+4=0

@[(2+J§)”]Z' —4(2+\E)"-er;4=0@(2+\j§)x =24 x=log,, ;2 théa man (*).
Chon D

Vi du 7. Biét ring phuong trinh 2*-3.2%" +11.2*~6=0 cé ba nghiém phan biét
X, X3, %y Tinh § =x +x;, +x;. |

A. S =log, 24. - B. S=log, 12.
C. S=log,18. D. S=log, 6.
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Ldi gigi
Pidukién: xR , ™

2.!:1 x:o
Phuong trinh <> (2°) ~3.2.(2°) +112*~6=0|2" =2 | x=1 thoa man (")
2 =3 x=log,3

Do d6 S =1+log,3 =log, 2+log, 3=log, 6.

Chgn D

Nhdgn xét

Phuong trinh trong vi dy 7 ¢6 thé bién dang nhu sau: 8" —6.4* +11.2° —6=0,

Vi dy 8. Biét riing phuong trinh 8°—6.12% +11.18" ~6.27* =0 ¢6 ba nghiém phan bidt

X, Xy, %;. Tinh S=——2—~—+3x1x2x3.

XX X
A. §=2-4log, 2. e - .B. §=2-4log,3.
C. §=-2+4log, 2. D. S =-2+4log,3.
Loi giai
Pidu kién: xR - ' *)
Phuong trinh < [%]x -—6(%)1 +1 1@—3—]2 -6=0

wN

yOIRORORE BIRCIRORS

[

D
I
—~

x=0

x=log, 2 théa min (*)
3

Wik wijr

uSIREIREREE

~
fl
b
g

.
N o N TN

2Y x=log,3
H= T
2 2 2 6
" Dodo S= = =2log,. —=2log, —
log,2+log,3 log,6 ~ £63~ 783
3 3 3

=2(log, 6-log, 3*) = 2(1-2log, 3) = 2~41log, 3.

- Chon B
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;sﬁLlloou.va :

il o

Vi du 9. Gidi phwong trinh 4* +5° =1+ 20",

A. x=log,5. B. x=log,5.
C. x=0. : _ D. x=log, 4.
Loi gidgi _
Diéu kién: x <R ™

Bt u=4">0, v=5>0=2200=w=ut+v=1+uy

£ 4x=1 :0
e -1)-)=0e| =T 1S x=0 e man ().
v=1=25=1<x=0

Chon C

Nhdn xét

D6i v6i dang phuong trinh nay, ta can Iuu cac két qua sau
utv=uw+l (u-—l)(v—l):O
ut+l=wv+ve (u-l)(v+1)= 0
uv+4=2(u+v)<::>(u—2)(v—2)=0

2w+ =du+ve (2u-1)(v-2)=0

Vi du 10. Phuong trinh 1+ 2575 = 2775 4 2 06 56 nghiém 13 2

A4 B.2.
C.3. D. .
Léi gidgi
Diéu kién: xe R *)

Déy (x*—5x+5)+(3~x")=8-5x.

Pit x* —5x+5=a, 3—-x" =5, tadugc 1+2°° =2 +2°

@2"(2”—1)-(25—1)=0@(2“—1)(2”—-1)=0@[ng
[ 5s45
Do d [xz—;sx+5..0© ~ 2 théaman (¥)
3—x =0 x-—'—-i\/g
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Vi dy 11. Biét ring phuong trinh (3++5) +3(3—5) =27 ¢6 liai nghi¢tn phan'bigt

12 x, x, (% >x,). Nghiém x, c6dang log_, 9, v6i a, beN. Tinh § =a*+10ab.
o . - .

A. S=2611. B. S =2681.

C. S =2422. D. S =2429.
Léi gidgi _ ,
Pitukién: xeR ™

Pat a=(3+5) >0, b'=(3i%:/§:)1 >0:>(b=[(3+\/§)(3—-\/§):| =4
Tacod 27 =222 =42 = 2°? =4 fab.

Phurong trinh d4 cho thanh a+ 35 = 4+/ab.
Thye té day 12 phwong trinh déng clp, ta ¢6 thé chia ca hai vé cho 5 >0 nhw sau:

a
— =1
a a Ub a=b
—+3=4 |- =
b b a . a=9b
—=3
b :

+THL1. a=b:>(3+~/§)x =(3*‘/§)x @[3jJ§J‘ =lex=0 th<’)‘;flﬂfl=7m("‘) o

3-45

+TH2. a=9b:>(3+\/§)x =9(3‘—«/§)

3+\/§Jx (7+3~/§Jx ] A
=4 =9 =9 x=log,,; ;9 thoaman (*)
[3—«]5 2 =8

=7
Do d6 x, =10gm£9::>{a=3 = §=2611.

> b
Chon A
. A 3 o . 27 27 e aia A oimE 1A

Vi duy 12. Biét rang phwong trinh 5 + 9.5 + YT +—5—; =64 cd bai nghiém phén biét 1a
x, %, (x <x,). Tinh S =x +2x,.

A. 5=log,18. B. §=log,9.

C. S=log,3. D. $=log,15.
Loi gigi
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Piukién: xeR
Phuong trinh < (5*) +9.5 + ( 233 +§—Z =64 (5) +9.5 +
5

3
Pit =5 >O:>t3+9t+?+2—:=64<:>t3+(%) +9(r+l:-)=64.

3 3
<:>[t+§j -—3t.§[t+§]+9(t+§—j=64<::>1[t+§J =64
4 t t t t

t=1=>5=1<x=0
<:>t+§=4<:> = ¥ théa man (*)
t t=3=5 =3 x=log,3
% =0

= S =2log;3=log,9.
x, =log,3

Do do {

Chon B
3. Phwrong phip ham sé va d4nh gia
Vi du 1. Phuong trinh 2* =3-x ¢6 sb nghiém 1a ?

A2 B. 3
C.1 - D.4

Loi gidi

Pidukién: xR *)

Phuong trinh < 2" +x-3=0 (1)

Xét ham sb f(x):2‘+x—3, vii xeR ¢d f'_(x)=2"ln2+1>0, vxelR

= f(x) ddng bién trén R.

Do d6 trén R phwong trink f(x)=0 néu c6 nghiém thi s& c6 nghiém duy nht.
Ma f(1)=0= x=1 13 nghiém duy nhét ciia (1).

Chen C

Nhdn xét

Ta ¢6 thé giai phuong trinh (1) bing cich khic nhu sau;

+Vo x>1= VT (1)>2+1-3=0= Loai

+Vé1 x<1=>VT(1)<2+1-3=0= Loai

+Véi x =1, ta thiy da thoa méan (1) nén (1) <> x=1.
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Vi du 2. Phuong trinh 47 +27 (x—7)~4x+12=0 ¢6 s6 nghiém 1a ?

A.2. | B. 1.

C.3 D. 4.
Loi gidi s
Pidukién: xeR ' (*)
Dit ¢ =2 > 0, phuong trinh d4 cho thanh £ +(x—7)7 —4x+12 )

Coi (-) 14 phnsong trinh bc hai &n 1, ta c6
A=(x-7)" —4(~4x:+12)=x" + 2x+1=(x+1) 20.
t—l:’iiﬂ
T2

_ 7—x—(x+1)
- 2

Do dé (1) <

t =3-x

+THL. t=4=2"=4&x=2.

+TH2. t=3—-x= 2" =3—x, theo vi du trén ta dugc x=1.
Tém lai, phuong trinh d3 cho ¢6 nghiém 13 x=1, x=2.
Chon A

Vi du 3. Biét ring phuong trinh 22— 272 1 3(3? —5x+5)=0 c6 hai nghiém phan
! P

biét 14 x, x, (x >x,). Nghiém x, c6 dang a+§J§, v6i a, beZ. Tinh S=a*+10ab.
A. §=11. B. §=-9.
C. §=575. D. §=675.

Loi gidi

Didukién: xeR (*)

péy (2x2 --4;\7+3)—(x2 +x—2) =x* —5x+5.
Ta bién ddi phuong trinh <> 2>~ +3(2x" —4x+3)= 2772 43(x +x-2)
<:>f(2x2—4x+3)-=f(x2 +x-2) (1)

Xéthamsb f(t)=2'+3t, véiteR c6 f'(¢)=2'In2+3>0, VtieR
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= f(z) ddngbién trén R nén (1) <> 2x* —4x+3=x"+x-2&x=

2
=5+‘/§:>{a=5:>3=675.
2 =
ChonD
Vi dy 4. Phurong trinh 2% +3°*2 = 5(sin x+cosx) ¢6 s6 nghiém 13 ?
A.2. B. 1.
C.0. D. 3.
Lai giai
Pidu kién: xeR )
Tach 277 +3°2 22" 13%2 =11, VxeR.
Ma 5(sinx+cosx)<5(1+1)=10, VxeR
—2¥H 302 5(sinx+cosx)=> phuong trinh v6 nghiém.
Chon C
Vi du 5. Phuong trinh 2° +3° = \/;T_H\/Z_—;:_l 6 sb nghiém 1a ?
A.0. B. 1.
C.2. D. 3.
Léi gidi
Piéu kién: 0<x<4 ™)
Khi d6 2°+3°>2° +3° =2,
Tacd _

2 5
(Jhﬂ) =4+2W24:&+M22z~m55<2
=2"+3 > m'ﬁ phuong trinh v6 nghtém.

Chon A

A ’ _
Vi du 6. Phurong trinh 2* +27 = ————=——— c¢6 s6 nghiém 14 ?
: a1 oonen

A.2. B. 1.

C.0 D.3.
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Léi gidi

Tacd 2" +27 =2"+-l-22,’2”.i =2.
2* 27

Lai ¢6 (J;hfl———;)z =~;1+21f (iQx)ZI:bJ;+s/1-_x21:>

. S
Jr+dl=x+1”

4 . .
=27 4+27 > —————, dau*="xayra < x=0.
ridl-x+1 v

Thir lai, ta thdy x =0 thoa min phwong trinh d3 cho.
Chon B -

R ) .
Vi dy 7. Phuong trinh 27 % +2"= =18 ¢6 s6 nghiém 12 ?

A.3. ' B.2.
C.1. D. 0.
Léi gidi |
Piéu kién: x =0 ™

' : 'z+l J:+l
+THI. x<0, tacd x+l<0, 4x+—1-<0=>2 * 42 20420 <18
X X

= phuong trinh v6 nghiém.

1 1 T 1
+TH2. x>0, tach 2 +2 zzzJ'_wzz\E =242 =20>18
= phwong trinh v0 nghiém.
Chen D

L
x

Vidy 8. Phuongtrinh 2 * +2° * =18 ¢6 s6 nghiém 13 ?

A. 1, B. 3.
C.2. D. 0.
Loi gidi
Piéu kién: x+#0 ™
1 3 7 3 4+ LR 0 0
+THI. x<0,ta¢d x+—<0, x" +—<0=2 *+2 *<2"+2° <18
X X
=> phuong trinh v6 nghiém.
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+TH2. x>0, 4p dung bt ding thirc Cdsi ta cb

A2 ml : 1 1
272" =18 va x3+§=x3+—l~+—+—1-244 x.—.
x X X x x

xtl )
— 2% 4275 > 22 1 2* > 18 = phuong trinh v6 nghiém.

Chon D
4. Bai todn c6 chita tham sb
Vi du 1. Tim tit c4 c4c gid trj thyc cia tham s m @& phuong trinh 3° = m c6 nghiém thye.

A . m=21, B. m=0.
C.m>0. . D.m=0

(Trich dé thi THPT Quéc gia ném 2017)
Loi gidi
Pidukién: xeR o S (-*)"
Phuong trinh 3* =m c¢6 nghiém thyc <> m>0.
Chon C

Vi dy 2. Héi c6 bao nhiéu gi4 tri nguyén cia m d& phuong trinh 3* +m’ =10m—-9 c6
nghiém thuc ?

AT B.9.
C.6. D. 10.
Léi gidi
Pidukién: xR *)
Phirong trinh <> 3° = —m? +10m—9 | R

Phuong trinh (1) ¢6 nghiém thwc - +10m-9>0=m’ —10m+9<0<1<m<9.
Ma meZ=>me{2;3;4;5;,6; 7 8.
ChgnA R
Vi du 3. Cho phuongﬁinh-—;z—;jl =m—1 (m 12 tham sb thuc) ¢6 nghiém duy nhat.
Ménh d nao dudi day 13 dtng ? |

A l<m<?2. ' B. 2<m<4.

C.m>2. D.m>3.
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- 448

Léi gidi

Pidu kién: xR *)

Trude hét ta cin ¢ m-1>0<m>1,

Khi d6 —— = m—1¢> 2% =_——1~—1.<:>[x—1]=10g2_——~1-=7—.
S o = =

Phirong trinh d3 cho c6 nghiém duy nhét <:>10g2—-1—=0<:>—1-=1<:>m=2.

m-1 " m-1-

Chon'B
Nhén xét
Néu ¢ bai cho phurong trinh c6 hai nghiém phén biét thi log, —1—1 >0 Ll >1.
Kéthop v6i m>1taduge m—1<l<>m<2 nén l<m<2.
Vi dy 4. Héi ¢6 bao nhiéu gid trj nguyén clia m dé phwong trinh
m(27 +3")=3"" - 2" ¢6 nghiém thyro ?

A.8 B.5.

C.7. o D. 6.
Loi gidi
Pidukién: xeR ™
Phuong trinh <:>(m+4).2"=(3—-m).3‘c>(m+4).[—§-] =3-m (D

YCBT <> (1) c6 nghiém thyc <> (m+4)(3-m)>0< 4<m<3.

Ma meZ:Sme{—3;—2;—-1; 0, 1; 2}.

Chon D |
T Vidy 5. Tim tit ca céc gia trj thyre cha tham s6 m dé phuong trinh 4° — 2" +m=0 ¢
. hai nghiém thyc phén biét.
. A. me(0;+0). B. me(0;1].
C. m(—x;1). D. me(0;1).
(Trich @ thi THPT Quéc gia nim 2017)
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Loi gidi

Pidukién: xeR {(*)
Phuong tish < (2°) —2.2° +m=0.
Pit 1 =2% >0, ta dugc 12 =2t +m=0 6}

YCBT < (1) c6 hai nghiém thyc dueong phan biét
A'=1-m>0
m<l
= tl+t2=2>0<:>{ < 0<m<l.
m>0
tt,=m>0
Chon C

Vi du 6. Cho phwong trinh 4*—~m2*' +2m=0 (m 14 tham sb thuc) cé hai nghiém
thire phan biét x,, x, théa min x, +x, =4. Ménh d& nio dudi day 12 ding ?

A.d<m=<6, B. m>6.
C.2<m<4, D. 0<m<2.
Léi gigi
Pidukién: xR *)

Phuong trish & (2°) —2m.2% +2m=0.

Dt £=2%>0, ta dugc £ —2mt+2m=0 1)

Phuong trinh d8 cho ¢6 hai nghiém thuc phén biét < (1) ¢6 hai nghiém thuc duong
phan biét

A'=m" =2m>0
m(m—-2)>0
S+, =2m>0 & om>2 *)
- m>0
tt,=2m>0

Tacbd x +x, =log, £, +log, t, =log, (1, ) =log, (2m) =4 <> m =8 thoa man (¥).

Chon B _
Vi dy 7. Cho phuong trinh 4° —(m+3).2* +m+2=0 (m 1a tham sb thuc dwong) c6
hai nghiém thuc phéan biét x,, x, thoa man X +x2 =9. Ménh d8 ndo duéi ddy I3 ding ?

A . l<m<3, B. 3<m<5.
C.0<m=<1. D. m>5.
Loi gigi
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Pidukién: xR ™) .

Phuong trinh < (27) ~(m+3).2* +m+2=0.

. 25 =] x=0
Ta thiy 1—(m+3)+m+2=0 nén IEN
2 =m+2 2 1+2

o , , m+2>0  [(m>-2
T d6 2* =m+2 can phai c6 nghiém the khdc 0 <> = ™
m+2#2°  |m#-1
Khi do *=0 :>x2+xz=[log (m+2)]2:9 w | |
x=log,(m+2) ' 2

I:logz(m+2)=3 [m+2=23 m=6

= thoa mén (*
log, (m+2)=-3 m+2=27 m:—l_s—;§ )

Két hop véi m >0 d8 bai cho thi ta dwgc m =6 théa min.

Ch¢n D

Vi du 8. Héi c6 bao nhiéu gia tri nguyén cia m thudc doan [0;10] dé phrong trinh
# —m2™ +4(m—1)=0 cb hai nghiém thic duong phan biét.

A9, B. 8.
C. 10. D. 11.
Loi gigi
Piéu kién: xR (*)

2
Phuong trinh <> (2°) —2m.2* +4(m-1)=0.
Diat 1=2% >0, ta duge > —2mt +4(m—1)=0 ¢))

’ t=m—(m-2)=2
PEV A= 2_4 -1}= -2 220 é 1
éy m’ —4(m—-1)=(m-2) nen()©[t:m+(m_2)=2m-2
X= [le
@ R
2 =2m-2  |2*=2m-2

2m—2>2° m>-3-

Khi d6 2" =2m—2 cén phai c6 nghiém thuc dwong khic 1 <> =S
2m—2 % 2!

_ m#2
Mi meZ vi me[0;10]=me{3;4;5; 6; 7; 8; 9; 10}.

Chon B
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1 Moon.va

# Hoc b 3ndao don

Y. BAI TAP LUYEN TAP [TT6086]

Ciu 1: [562612] Phuong trinh 37 5** =81* c6 nghiém la:

A. ngi;/‘% B. x=9++/65.
C. x=3%+/65. D. x =—3+465.
Chu 2: [562614] Phuong trinh 27~ =37 =3~ —2**? ¢6 tich hai nghiém 1a:
A, x=—2J§. B. x=2\/3_'.
C.x=3- D. x=-3.

Ciu 3: [562615] Téng cac nghiém cia pbuong trinh 16510 =0,125.8*5 1a:

A. 0.
C. 20.

Cau 4: [562616] Phuong trinh [

A x=9,
C. x=4.

Cau 5: [562617} Phuong trinh x*2°" +2F %7 = x? 2F7 1 27! c6 nghiém la:
A x=x —1— , X2 3.
2
C. x=%1, x<3.

Ciu 6: [562619] Phuong trinh 27 ~* =82**" 6 nghiém duy nhét khi:

Am=-23
3

C. m=—-§. .
12

Ciu 7: [562621] Phuong frinh (Jl_o +3)E = (Jl_o ~3)"* ¢4 hai nghiém 12 x,, x, v
x, < x,. Gid tri ctia bibu thirc §=x7 +2x) i

A. —5+1045.
C. 5~-104/5.

2(2~f;+3 )ZJE

x+10

B. 10.
D. 25.

2
-1
=4 ¢6 nghiém la:

B. x=6.
D. x=3.

B. xzil, x<3.
4

D. Dap 4n khic.

B. m?_--l-%.
3

D. m<§-.
3

x+l

B. 5+10+/5.
D. 15.
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Ciu 8: [562623] Phwong trinh 2° +2"* + 2™ =0 ¢6 nghiém nguyén khi:

A, m=0. - B. m=1.
C.m=2. D. m=5,

A 1 2 JE 3: s X n X
Céu 9: [562626] Phuong trinh (x* —2x+2)"  =3x ~2x+2 c6 s6 nghiém duong 12 ?
A.0. B. 1. | |

C.2. S : D.3.

Ciu 10: [562627] Phuong trinh (2'°"S"1 +x2) v — 2o 22 68 nohiem

A x=-2. _ B _B._‘J_:_-—-'O.
C. |i D. Pap 4n khic.
x=-2

Céu 11: [562628] Nghiém ciia phwrong trinh 2"*'.4"".871_,; =16 la:
A x=4. B. x=6.
C- X = 8. Du X= 2-
Cin 12: [562629] Gi4 sit @ 13 nghidm duong cua phuong trinh 27" =4** Gi4 trj
ctia bidu thirc M =4 +2° +1 la:

A. 18. B.3.
C. 16. D. 13.

1sinZJ:

Céu 13: [562630] Tép nghiém cila phwong trinh 5.5%% % +4,5%% =257 la:

A. {knlkeZ}. B. {kn;—§+k2n|keZ}.

C. {E+k2n;5+kn|kez . D Z ik s knk ezt
2 4 2 "%

Ciu 14: [562631] S6 nghiém ctia phurong trinh 2.5 — 5% =27 427 14

A.0. B. 1.

c.2. - D. 3.
Ciau 15: [562633] Phuong trinh 27352 927 +6x43 £ ¥ 342 92446m5 11 06 téno binh
phuong cac nghiém la:

A.S. B.9.

C.12. D, 27.
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Cin 16: [562634] S6 nghiém khong &m clia phuong trinh (v3 ++2 *=(5 7))

Al ‘ B.2.
C.o. D. 3.
Cau 17: [562636] S6 nghiém dwong cita phuong trinh 27 —427 -2 +4=0 la:
Al B.2.
C.0. D. 3.

Ciu 18: [562637] Goi a 13 nghiém cia phuong trinh 3" = 343 Gi4 tri ciia biéu
thétc a+2° bang ?

A -2 A
3 3
c3 | | p.-=.
8
a sas . 3xt-5x42 Pl o rxd
Cau 19: [562638] Ban Hoa gi4i phuong trinh (x-3) = (x —6x+9) _ theo
cac budce dudi ddy.
- + + _5x+ o rx—d
Bucc 1: Phuong trivh dugc bién dbi vé dang (x~3)" " =[ (x-3)’ |
Bude 2: < (x—3)" % = (x— 317
i . xXx=
Budc 3: < 3x*=5x+2= 2(x2 +x—4)<:> 2 —Tx+10= 0<:>[ _
Buéc 4: Vay phuong trinh c6 hai nghiém phan biét 13 x=4 va x=>5.
Ban Hoa @3 giai sai tir budc nao 7
Al B.2.
C.3. ' D. 4.
Chu 20: [562635; Mot ban gidi phuong trinh (2435 ) =(2+x-2) """ theo
cac budc sau:
x—x-1=0 o)

Bude I: Phuong trinh <:;>(Z_HC_JCZ..1)(sinx—2+a./§cos,w:)=0<::{ ) ﬁ ) (2)
sinx++3cosx=

Bude 2: Gidi (1) taduge x =

1£+/5
e,
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Buyoc 3: Giai (2) ta duge

l'sinx+£c‘:)sx=1@»sin )c+E =1<:>x+£=£+k2n<:>x=£+k2m
2 2 3 3 2 6

liJg 3
2 o [ PR, JE—

—+k2n
_.6..- P

Budc 4: Viy tip nghiém cta phuong trinh di cho 13 {

Héi ban d6 da giai sai tir bude ndo ?

Al . B.2.
C.3. o D. 4.
x+1
Ciu 21: [562640] Téng cic nghiém ciia phuong trinh 3* + 9@) -4=0la:
A.2. by B. 1.
C. -1. D. 0.

Céu 22: [562641] Phuong trinh 32"f1 —4.3"+1=0 c6 hai nghiém phan biét x, x, véi
X, < x,. Ménh dé ndo dudi day 13 ding ?

A, x +x,=~2. B. xx, =-1.

C. 2x+x,=0. D.x +2x,=-1.

Cau 23: [562642] Tong gi4 tri cdc nghiém cié phuong trinh (x—1)" ™" = (x—1 1a;

A.3. B. 4.
C.5. D.2.
Ciu 24: [562643] Nghiém ciia phwong trinh 5™ —5* =227 +8.2% Ix:
A, x=1. . B.x=10g5§.
23
5
C. x=log, 4. D. x=log,—.
2 23
Céu 25: [562644] S6 nghiém ctia phuong trinh 227 =1 Ia:
A.2. B. 1.
C.3. D. 0.

x+i
Ciwu 26: [562645] Tap nghiém cia phuong trinh [515) =125% la:
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A. x=100. . B. x=—.
10
C. x=10. D x=1.
Cau 28: [562647] S nghiém ctia phuong trinh: 2 —277 =15 I:
A.2. B. 3.
C.0. D. 1.
22
Ciu 29: [562648] Nghiém cia phrong trinh 3.5 * =45 la
A x=1 B. x=1 x=-log, 5.
C. x=3, x=log,5. D, x=4.

Céu 30: {562649] Phuong trinh 2*+2™ =4 ¢6 nghiém }a:

A. x=log,3~2. B. x=log,3-1.

C. x=1-log, 3. D. x=2—19g23.
Céu 31: [562650] Phuong trinh 9" —3.3"+2=0 c6 hai nghiém x, x, véi x <x,.
Gi4 tr ctia biéu thitc A= 2x, +3x, 1a:

A. 0. B.2.

C. 4log, 3. D. 3log, 2.

V2 1

. 2x
Ciu 32: [562651] Goi a 1a nghiém ciia phuong trinh [-5—1 Ft = 5 Gia tri clia

biéu thitc a+2° bing ?

A. —2. B. -?i
4 2
C. —l.‘ D. ?—
2 _ 4
Ciu 33: [562653] Phuong trinh 64.9" —84.12" +27.16" =0 c6 nghiém JER
A x=-1 x=-2. ' B. V4 nghi€m.
C.x=1x=2. D.x'=2',x=§.
16 4
Chu 34: [562654] S nghiém ciia phuong trinh 9° +2.3°-3=0 la:
A.2. B.3.
C.1. D. 0.
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x+l

Cin 35: [562655] Téng gia trj cic nghiém ciia phwong trinh 8% = 4.-3% 14:

A2 B. w-l—.
2
C. 10, D.-10.

Céu 36: [562657] Nghiém ciia phuong trinh e* ~3¢ +2=0 Ii;

A x=-1, x=-§]n2. B. Dap 4n khac.
C. x=0, x=—1. ' D.xzo,x=%'1n2'.

Céu 37: [562659] Tép nghiém ciia phuong trinh 97 —374 _6=0 la:
A. {-2;0;2}. L B.{0}. .. _ - .
C. {-11}. D. {-1,0;1}.

Cau 38: [562660] Phuong trinh 47~ + 27" =3 ¢4 nghiém la:

x=0 Mx=-1
A, B.
x=1 x=0
x=-1 x=1
C. D.
x=1 : x=2
Céu 39: [562662] Tap nghiém clia phwrong trinh 225 % _ges _ 3 |3
A x=(2k+1)z, ke B. x=-’25+k27;, keZ.
C.x=+kn, keL. D. x=kz, keZ.

Cau 40: [562663] Goi x,, x, 12 hai nghiém ctia phwong trinh 7% % = 343, Téng x +x, la
A.5. B.4.
C.2. D.3.
Cén 41: [562664] Phong trinh 9™ —6*' =3.4* c6 bao nhiéu nghiém ?
Al B.2.
C. V6 nghiém. p.3.
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Céu 42: [562665} Phuong trinh 4° —3.2° —4 =0 c6 nghiém l&:

A. V6 nghiém. B. x=1, x=4.
C.x=-1, x=4. D. x=2.

Ciu 43: [562666] Tim nghiém cia phuong trinh 3.2 +5.2F -2 =21.
A. x=16. B. x=8.
C. x=log,3. D. x=3,

2x-1

£471 Tx
Céu 44: [562667] Nghiém ciia phwrong trinh 8+ =0, 25.(J§ )

A.x=1,x=—2. B.x-—-l,x:E.
7 7

C.x=—1,x=—g. D.x=—1,x=g.
7 7

2x—2

C#u 45: [562668] Phuong trinh 35 * =45c¢6 mdt nghiém dang x = —log, b, véiava

b 14 céc sb nguyén duong 16n hon 1 va nho hon 8. Téng a+25 bing ?

A.8. B.s5.
C. 13, D. 3.

‘ PAP AN TRAC NGHIEM

01.A { 02.D | 03.C | 04.A | 05.D | 06.A | 07.B | 08.C | 09.C | 10.A

11.D | 12.A | 13.D | 14.B | 15A | 16.C | 17.A | 18.D | 19.C | 20.A

21.B | 22.D | 23.C | 24.A | 25.A | 26.C | 27.A | 28.D | 29.B | 30.D

31.D | 32.C | 33.C | 34.C | 35.B | 36.D | 37.B | 38.A | 39.C | 40.A

41.A | 42.D | 43.C | 44.B | 45.C
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BAT PHUONG TRINH MU
[TV8087]

1. LY THUYET TRONG TAM VA PHUONG PHAP GIAI

V& co ban thi c4c dang bai v& bit phwong trinh mé nhv cac dang bai vé phwong
triph mil. Cha d2 nay ta cin hru ¥ thém mot 56 vén dé sau:

e Bdt phuong trinh dang a’® > a*¥) (a>0, a=1)
+Néu a>1 thi @™ >a™ & £(x)>g(x).
+Néu 0<a<l thi > o f(x)<g(x).

e Bdt phuong trinh dang a* > b (a>0, a=1)
+Néu b<Othi * >b>xeR.
+Néu a>1, 5>0 thi @ >b<>x>log, b.
+Néu 0<a<l, b>0 thi o >b < x<log,b.

» Bdt phurong trinh dang a* <b (a>0, a:ﬁl)
+Néu b<0 thi " <boxed.
+Néu a>1, >0 thi a" <b o x<log,b.
+Néu 0<a<1, b>0 thi a° <b<> x<log,b.

1. ViDUMINH HQA

Vi du 1. Giai bét phuong trinh 276 > 2%,

A l<x<9. B. x>1.
C. x<9. D. x>9 hoic x<1.
Loi gidi
Didu kién: xR *)

http://tieulun.hopto.org



x>9

Bét phuong trinh <:;>x’——9x+6>x-3®x2—10x+9<0<:>[ 2 Piép 4n ding 1a D
x<

Chon D

9 & bx+d 2 4x-5
Vi du 2. Giai bat phuong tdnh(u—é—%}__*m) [EJ__ e

A l<x <9, : B. x>1.
C. x<9. D. x>9 ho#ic x<1.

Loi gigi E o _
Diéuk__ién: xelR _ _ . . (*)
Bét phuong trinh <> x* —6x+4 <4x—5<x2~10x+9 <0 <> 1< x <9,
Cheon A

Vi dy 3. Bit phuong trinh 37 <9** ¢6 s nghiém nguyén14?

A. 11 B.9.
C. 10. A D. 12.

Lovi gidgi .

Pidu kién: xeR *)

Ta cé g¥+2 (32 )HZ _ 32(x+2)’ bét phlIOIlg tl'illh o 3x2—62—16 < 32(x+2)
S x*—6x—16<2(x+2) < x> —8x-20< 0> 2 < x < 10.

MaxeZ=xe{-1;0;1;,2;3;4;5,6,7; 8; 9}.

Chon A

Vi du 4. Gigi bt phuong trinh 2% > 5.
A, x>.]_'.:.{-_£(_)§.§_2_ B. x>.]l.._'_k;i5_
C. x> 11082 D. x> 183

3 3
Loi giai
Pidu kién: xeR (*)
. . 1+log, 5

Bat phuong trinh @3x—1>10g25<:>x>—T—-.

Chon B
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Vi dy 5. Gii bt phuong trinh (e—2)"" >2.

A x>1+10g“‘22. B.x<1+10g"‘22.
2 2
C. x>_1f_:__l.££€—2_2. D_ X<EM.
2 2
Loi giai
Didukién: xeR (*)

Bét phwrong trinh < 2x—1<log, ,2 < x<l+1£‘i=2—2.

Chon B
Vi du 6. Giai bit phurong trinh 27 +2** > 37 4377,

A. x<log, l B. x>log, 4.
2 4 3
C. x<log, l D. x>log, 4.
34 3
Loi gidi
Didukién: xeR ' ' *)

Bét phwong trinh <> 2% +2.2% >3.37 +9.3

Bl

<327 >12.% @[%) <%<¢x<log

3
z
Chgn A
Vi du 7. Giai bat phuong trinh 273" > 5.
A. x>10g5-5—. ' B. .x>lo'g5§.
3 5
C.x>log6§. D. x>10g6§.
3 5
Loi giai
Ditukién: xeR *)
5

Bét phwong trinh <> 2°.3" > 3° (23)" > % < x> log, %

Chon C
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. x 2 ,
Vi dy 8. Bt phuong trinh (vZ 1) > (1+2)"" ¢6 56 nghiém nguyén 12 7

Al | B.3.
C.2. | | D.4.
Léi gidi
Piéu kién: xeR - ™)

Bétphuo’ngtrinh <:>_._._1_4?>(J§+1)r2+3c}(ﬁ+1)x’+s'(ﬁ+l)4z<l

)

P dxs
(V241 * 3<1<::>x2+4x+3<0<:=>-—3<x<—-1.
(

MixeZ=x=-2,
Chon A

. x L4254 ,
Vi du 9. Bat phuong trinh (3 —2@) > (1-:— Ji) = 6 s0 nghiém nguyén 14 ?

Al T B.3.
C.2. D. 4.
Lei gigi -
Piéu kién: xR *)

Bit phuong trinh < [(s/i —1)2 T > (\/5 +I)x2+2x+3 = (s/i - 1)21 > (xff + l)rzmc+3

o __1"_-_>(\/5+1)xz+2x+3 o (\/5+l)xz+2x+3.(\/£+'1)zz <1

(Ji + l)zx

P +2x+I2x
(V241 B <lesx* +4x+3<0 3<x<—1.
(

MiaxeZ=x=-2.
Chen A
Vi dy 10, Bét phuong trinh 4* —5.2 +9.<0 c6 sé nghiém nguyén 1a ?
Al B. 2.
C.3. D. 4.
Loi gigi
Diéu kién: xeR *)
Bét phuong trinh <> (2°) ~1027+9< 0> 1<2* <9 & 0 < x < log, 9.
Ma xeZ=xe{l;2;3).
ngnC o -
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TMoon v
|Moon.van
NAadgt xét

Bién dang cua bt phirong trinh trén nhi sau 2% 52" +9<0.

x+2

Vi du 11. Bét phuong trinh 2° 5.2 2 +9<0 c6 s6 nghiém nguyén la ?

A.3. B. 6.
C. 4. D. 5.
Loi gidi
Piéukién: xR *)

Bt phuong trinh <> 2 —52 2 +9 <0< 2* ~1022 +9<0
X 2 x X
@[ZEJ 1022 +9<0 & 1<22 <9 0<%<log29<:>0<x<210g29.

Ma xeZ=>xe{l; 2;3; 4; 5; 6}.
Chon B
Vi du 12. Giai b4t phwong trinh 4* +3% >2.6",

A. x>0, B. x#0.
C. -1<x<0. D. 0<x<l.

L gidi
DPidukién: xeR ™
- 2 2 2
Bt phuong trinh <> (27) +(37) >22°3° &(2-3) >0 2 -3 20 x#0.
Chon B
Vi du 13. Bt phwong trinh 1+27% > 257 +2° 2% ¢4 sb nghiém nguyén 12 7

A7 B. 4.
C.6. D. 5.
Loi gidi
Piéu kién: xeR (*)

Péy (5-x7)+(x* —2x+2)=T7-2x.

Dit 5—x* =a, x* ~2x+2=>b, taduge 1427 >2° +2°
&20(20-1)-(2°-1)> 0 (2°-1)(2° 1) > 0.

Luuy b=x*—2x+2=(x~1) +121=2"22>1 nén 2" 21 a20.

Dodé 5-x* >0 —J5<x<+/5 ma er::>xE{i2;i1;0}.
Chon D
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Vi dy 14. [Trich @ tham kho l3n 1 n¥m 2017 cia BGD & PT)]
Cho ham s f(x)=2"7". Khing dinh nio sau diy 1a khing dinh sai ?

A. f(x)<lex+x*log, 7 <0. o B. f(x)<1&xn2+x In7<0.
C. f(x)<1< xlog, 24 x* <0. D. f(x)<l&<1+xlog, 7<0.
Loi gidi o S

Xét dbp dn A thi f(x) <1 277" <l log, (2277 )<log,1
<> log, 2 +log, 7* <0< x+x*log,7<0=> Lori A
Liru ¥ x1n2+x21n7<0<:>x+x2.g<0<:>x+leog27<0:> Loai B

xlog, 2+x* <0< x+x%

0g;
Dén ddy, ta da chon dugc ngay D la dap dn dimg.
Khi xét dap 4n A & trén thi f(x)-<1<:>x+x2 log, 7 <0.

<0 x+x’log,7<0= Loai C

Trén R thi x+x’ log, 7 <0 khéng twong dwong véi 1+ xlog, 7 <0.
Chon D -

Vi dy 15. Cho ham 6 f(x)= 69_"2 Khiing dinh n3o sau ddy 13 khing dinh sai ?

A. f(x)>1< xlog, 9> B. f(x)>1xn9>x’Iné6.
C. f(x)>1< x>x7log, 6. _ D. f(x)>1< x<log,9.
Léi gidi

X

Ta ¢ f(x)>1©69—x2>1<:>9">6’3.
Xétddp an A thi £(x)>1e log, 9" >log, 6 < xlog,9>x* = Loai A

Lwuy f(x)>1@xm9>x2m6©x.E%>x2@xiog69>x2:> Loai B

x>x’log, 6 <> x. ! >x* < xlog, 9> x> = Loai C
9 1 6

og, 6

Dén ddy, ta dé chon dugc ngay D la dap dn diing.
Khixétddp dn A ¢ trén thi f(x)>1< xlog,9> x>

Trén R thi xlogg 9> x* khong twong dwong véi x <log, 9.
Chen D
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T T T ST

Vi du 16. Hoi c6 bao nhiéu gis i nguyén cia m dé bét phuong irinh 2 —nr’ +10m—9>0
nghiém ding vdi moi x.

A9 . 7.
C. 10. . 8.
Léi gidi
Pidukién: xeR *

Bét phuong trinh <> 27 > m® —10m+9.

Bt phuong trinh d3 cho nghiém ding véi VxeR < m’ —10m+9<01<m<9.
MameZ=me{l;2;3;4;,5;,6;7; 8; 9}.

Chon A

Vi dy 17. Tim tht ca céc gid tri thuc ciia m dé bit phwong trinh m4” +4(m~1).2" +m-1>0

nghiém dimg v&i moi x.

A. O<m<4. B. 0<m<l.
C. l<m<A4. D.m=z21.
Piéu kién: xR *)

Pit ¢ =27 >0, ta duge mt® +4(m—1)t+m—-1>0

4t +1 t
o m>le———.
£ +4r+1 4 +1 .
2(f +4t+1) 1 (2 +4)
(zr2+4af+1)2 .

cbm(t2+4t+l)>4t+1<:>m>

o 8 ) o
Xét ham sb f(1)=1 o Vo te(0;40) c6 f'(t)=

=ted.
42 +2t=0"

te(l; 0;

Tacé{ E'( m)@{te( +0)
f(e)=0

Béng bién thién:

F 0 +o -

7@ ¥
) T
0

Do d6 ta duge m> £{0) =1 thoa man bai toan.

Chon D
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II. BAITAP TU LUYEN [TT8088] _ |
Ciu 1: [564647) Nghiém ctia bét phuong trinh 3 < 9% 1 x &[a;b]. Téng a+b bling?

A, -2—1 R ]
2
C. 10.. D. Q
2

. Syx P2 BN
Cu 2: [564648] Nehiém cia bt phuong trinh (v2~1)" > (v2 +1) i

A. 0<x<1+2‘/§. 'B. _1_2\'/5<'x<"(l). :
C. _1_J§<x<_lf.‘/§_. ‘ : D.—x_>,lf|-.\/g hodc x<1_.\/§-.
2 2 2 2

Ciu 3: [564649] Nghidm ctia bit phuong trinh 2% —24/27 +1>2 1&:

A x<3. B. x<0.

C. x>3 hoiic x<0. D. x>3.
Ciu 4: [564650] Nghiém cia bét phrong trinh 9* —2.6* +4* >0 1a:

A. xR ‘ . B._xeR\{O}.

C. x>0 D. x=0.

Ciu 5: [564651] Nghiém cia bét phuong trinh (x-1) 2 (x- 1)"’ 2 1a:

A, x<~1. B.xeR\{—l}.
C.x=2. D.xe
Ciu 6: [564652] Nghiém ctia bt phuong trinh 41 222 +3 la:
A, x>3, B. x=1.
C.x=>2. D. x=3,
Ciu 7: [564653] Nghiém ciia bit phuong trinh 2% + 2% 4 27%2 5 §% 4.5%1 3.
A. x<log2£§. B. x>log, 122
335 535
6 6
C. x<log, —. D. x>log, —.
8135 R ET
. Y . 201 .
Céu 8: [564654] Nghiém cta bat phuong trink >0 la:
A. x>2 hodc x<0. B. x>2.
C. x>0. D. x>t x<O.
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o4 P b semweoy ey, iy

Chu 9: [564655] Bét phuong trinh (x* —x-+1) > 106 t4p nghiém La:

A xeR, B. x=2.
C.x=1. D. x>1.

Céu 10: [564656] Bt phuong trinh ndo trong céc bat phrong trinh sau v8 nghi¢m ?
A, 452" 41<0. B. 4 -3.2"+2<0.
C.#+27°+2<0. D, 4 +3.2°-2<0.

Céu 11: [564657] Giai bit phwong trinh 52 — 27 > 57" ~ 272 4 2%,

A x>0, B. x<0.
C. x>1. b. x<1.

Ciu 12: [564658] Gidi bt phuong trinh 9 ~log, 8 <2.3%,

A, x>0, _ B. x<0.
C. x>1. D. x<1.

Cau 13: [564659] Gidi bat phuong trinh 2% > 1.

A.x>—1—. B.x<l.
2 2

C.x>35—. D.x<§.
8 8

Céu 14: [564660] Giai bit phuong trinh 8% >0,125.

A, x>—i. B. x<—-—l—.
25 25

T D. x< 2.
8 8

Z-25x+134
Ciu 15: [564661] Giai bat phirong trinh (EJ >25.

A.x>—1-. : ' B.x<~L.
25 25
C. 8<x<17. ' D. x<8 hodc x>17.

Ciu 16: [564662] Gisi bit phuong trinh 3% +357 <log, 2048 +3%7,

A, x<0 hoiic x=4. B. 0<x<4,
C.0<x<4. D. x <0 hoic x>4.
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2
1

1
R - 2"’;.
Ciu 17: [564663] Giai bit phirong trinh (EJ +9G] >12.

A. x<-1 hodc x>0. B —-i<x<0.
C. -1<x<0. _ B. «<—1 hodc x> 0.

e e e 3x x=1 - . I -
Cau 18: [564664] Gidi bt phuong trinh GJ —@J 2128,

A. x<—§. S - . ..B, x,g.,_i_. e e

C.x<l. D.xsl.
8 8

Ciu 19: [564665] Giai bit phwong trinh 25.2* —10° +5° > 52

A. x<0 bodc x22. B. 0<x<2. ,
C.O0<x<2. D. x <0 holic x>2.

Cau 20: [564666] Giai bit pnrong trinh ¢ <1.

A, x>-§——. B. x<—-8—.
25e 25e

C. x>z§. D. x<-2—5-.
8 8

Cau 21: [564667] Giai bt phuong trinh 9 —2.3* +1> 0.

A, x=0. B. x>0.
C.xeR. D.2<x<3.

Cau 22: [564668] Gii bét phuong trinh 2.4 -2"+3*~(+3) +2 <0,

A x=0. B. xed.
C. x>0. D. xeR.
Céu 23: [564669] Tim nghiém x nho nhét thoa min 27 +12% > 2.8%
A, x=3, B. x=-4,
C. x=0,23. D. x=-—3‘2/§.

[ et
Cau 24: [564670] Tim d¢ dai tap nghiém [a;b] cia bt phwong trinh 377 >81 (é) *

A. 25 don vi. ' B. 20 don vi.
C. 32 don vi. D. 17 don vi.
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5l Hoc ob Jsbng Gty colr 72

2x+3
Ciu 25: [564671] Gia st x> 14 nghiém cfia bit phuong trinh 2% *21(—9 +2>0.
J
Khing dinh nio san day 13 ding ?

A . a<4 B. a e(-1;0).
C. a(2:4). D. a>+2.

Ciu 26: [564672] Xét c4c tap hop 4=[~12;5], B 12 tap hop nghiém cia bét phuong
trinh 4.3%* —9.2%* >5.6". Tim d0 dii tip hop C=ANB.

A. 3 don vi. B. 2 don vi.
C.1 donvi. D. 6 don vi.
Céu 27: [564673] Khing dinh nao sau day 14 sai ?
A. log, 5>log, 3. | B. log, NEPS log, V2.
2 3
‘ ' 1 2+l 1 5
C. 332 <233 <¥25. D. (5] <[§J .

1
Cau 28: [564674] Gia sit x> 12 nghiém cia bit phuong trinh (cos -;’-) P <8,
Khing dinh ndo sau ¢4y 14 sai ?
A. A 13 mot sb hiru ty 4m.
B. £ 12 mdt s6 thip phén vé han tuan hoan.

C.68<Z.
1
D. ——<B<T.
-2 %P
Cau 29: [564675] Giai bit phurong trinh 2772 > 27,
A 5“‘/§<x<5+‘/§. B 5—2\/§<x<5+2\/§.
z o2 2 2
C. x>£:_‘J—§ hoﬁc x<5_J§. D. x>5+2J5_ hoéc x<5_2\/§.
2 2 | 2 2
C#u 30: [564676] Gidi bt phuong trinh 0,6 "' > 0,67,
A 5_-"2\[§<x.<5+2\[§. B. 5—J§<x<5+\/§,
2 2 ) 2
C‘x>5+§J§ hogc x<5_§£- D.x>5+2\/g hodc x<5—2J§.
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. *—2x+ x4]
Cau 31: [S64677) Gidi bit phuong trinh- (2+3) : 2>_(2+«./§)- L e

A. x>ﬁ hodc x < 3“/5. B. x>§ig§ hoic x< 3-245—:.
2 2 2 2
C. 3—\/5—<x<3+4]§. ' D. 3—2~f§<x<3+2~/§‘
2 2 2 T2
z 2 X+
Cau 32 [564678] Giéi bét phuong trnh (2-3) " > (2-v3)", o
A.x>3+J§ hodc x<3hJ§. B.x>3+2i‘/g hojic x<3_2£.
2 2 2 : 2
C. 3_‘/§<Jr<3_'h\/§. - - D; 3;2J§-€xé342\[§.
2 2 2 2
Ciu 33: [564679] Giai bit phuong trinh 27~ > 4™,
A, x<0. B. x>2 holic x<0.
C. 3_\/1—3<x<3+\/ﬁ. D.x>3+‘h_3 hodc x<3_JI—3
2 -2 . , 2 A 2
Ciu 34: [564680] Cho ham s§ f (x)=2*7"*'. Khiing dinh nio duéi dﬁylakhﬁngdmh sai ?
A. f(x)<1e x+(x+1)log, 7<0. B. f(x)<l< x+1+xlog,2<0.
C. f(x)<le>xn2+(x+1)in7 <0. D. f(x)<1<:>]n2+[l+l]]n7<0.
x .

, : @ s , ’
Chu 35: [564681] Cho ham s6 £ (x)= (Ji’—l) —(J:? —1) . Khiing dinh no dudi day
12 khing dinh ding ?

A f(x)> 00X > 5% B. f(x)>0x>1.

0

C. f(x)>00<x<l. D. f(.xr)>0<:>{xj1
X

Céu 36: [564682] Cho ham s f(x)=2"5". Khing dinh nio cudi ddy 1 khing dinh sai ?

A. f(x)<lexln2+x2 5 <. B. f(x) <1< x+x*log, 5<0.
C. f(x)<len2+xn5<0. D. f(x)<le X +xlog,2<0.
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l lloon.ga

1} He 0 My oy

Cau 37: [564683] Giai bit phuong trinh 27 +3% >sin” x+cos* x.
A. xeR B. xed.

C.0<x<12r~. D. O0<x<m.

Chin 38: [564684] Gidi bét piuong trinh (sinx+cosx) 227 +37.

A xelR B. xed.
C. O<x<§. D UO<x<m
PAP AN TRAC NGHIEM

01.C { 02.C | 03.D | 64.B | 05.C | 06.C | 07.C | 08.A | 05.D | 10.C

11.A | 12.D | 13.D | 14.A | 15.C | 16.B | 17.C | 18.B | 19.C | 20.C

21.A | 22.B { 23.C | 24.A | 25.B { 26.A | 27.B | 28.D | 29.C | 30.B

31.A { 32.C | 33.D | 34.D | 35.D | 36.C | 37.A | 38.B
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PHUGNG TRINH LOGARIT
[TV8089-TV8090]

L. LY THUYET TRONG TAM VA PHUONG PHAP GIAT

1. Phuong trinh logarit co bin

+ Phuong trinh logarit co ban c6 dang log, x=m, trong 46 m 14 sb da cho.
Pidu kién xdc dinh ciia phwong trinh ndy 13 x>0.  y
D’é thdy dwong thing y=m ,luc"m cit @ thi bam = W
s6 y=log, x tai ding m$t diem (hinh v&).

e o -

Do &6, voi mdi gid tri thy ¥ cda m, phuong trinh

log, x = m ludn c6 mdt nghiém duy nhét x=a".

Néi cach khic,

Vm e (-om;+o), log, x=m«>x=a".

2. Gidi phirong trinh logarit béing phwong phdp dira vé cing co 56

Thuomg ép dyng céc phép tinh 16garit dé bién dbi, dé hoa ddng co sb hodc dé khit
biéu thirc 16garit chira 4n sb ta thudng 14y mii c4c vé. Ta 4p dung cdc cong thirc
Véi a>0,a#l.

e log, M=log, N < M=N>0 hoic log, f(x)=log, g(x) =

ab

e log, N=M & N=a" hoic log, f(x)=b< f(x)
Ngoai 1, cin chil y dén mot s tinh chét

b>0

e log_ b conghia < .
0g, b cd nghia a>0,a#1

o log b= :2:0 2 (cong thire di co s6).
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RIS

e log,b"="log,b (620,a>0,a%1).
n

o log, b* =2klog,lbl, keZ.

3. Gidi phirong trinh logarit bing phwong phdp dit dn phu

Néu mot phwong trinh 1garit sau khi rit gon ¢6 dang f (log, ©(x))=0 trong a6
@(x) 12 mt ham sb theo x, ta s& dat = log'; ¢(x) ta dwgc mbt phuong trinh £ (1) =0,
giai phrong trinh ndy néu cé nghiém ¢, khi d6 giai phuang trinh p(x)=a' dé tim
nghiém x. . o B
IL Vi DU MINH HQA

A. Phwrong trink 1égarit gidi bing phirong phép dwra vé& cing co sé
Vidy 1: Tim tp nghiém S cta phuong trinh log, (2x+1)=log, (x—1)=1. "~ "~

A. S={4}. T T B/ S={3).
C.S={-—2}. D.S={1}.
Loi gidi
x>1 x>1
Phuong trinh log, (2x+1)~log,(x-1)=1< 2+l S 4{2x+1
log, =1 =3
x-1 x—~1
*>1 —4 Véy nghiém duy nhdt ciia phuong trinh 13 x=4
= 2x+1=3(x_1)<:>x~ . Viy nghiém duy nhat ciia phirong trinh 13 x=4.
Chen A.

Vi dy 2: Goi # 14 s6 nghiém ctia phrong trinh log, x* =2log, (3x+4). Tim .

A, n=0. B. n=-1.
C.n=2. D. n=1.
Loi gidgi

Sai ldm thudng gap ciia hoc sinh & bai ndy 13 bién dbi log, x* =2log, x nhimg véi diéu

kién ciia bai to4n thi ta ¢ log, x* =2log, |x|.

Vi didu kién x > —g— , phurong trinh log, x* =2log, (3x+4) < 2log, x| = 2log, (3x +4)
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3x+4>0

Ix+4>0

el x=—2 eox=-1=>n=1
|x|=3x+4 [

< log, |x|=log, (3x+4) < {

x=-~1
Chon D.

Vi du 3: Phuong trinh log, x +log, x =log, 3 6 nghiém duy nhit x, duge biéu dién
2

- 1 . s s A A . . 4 M
dudi dang x0=T,vm m, n 1 cac sO nguyén. Tinh ti s6 —.

m n
A. 1. B
2
C. 2. p. L
, 3
Loi gidi

Diéu kién: x> 0. Phwong trinh log, x +log, x =log, $Be log, x+log , x=log,, B
2z

3
= log2x+%log2x=—log2 \/5<:>%log2x+log2«/§=0<:>logz[xzxf?:}:O

2 1 i . M
<:>x2\/?—>=1<:>x=---=— suyratisté —=—=1.
. 3/?: -'(/_?; Y n 3 i
Chon A.
Vi du 4: Nghiém clia phuong trinh log,_, 2x =3 13 nghiém cta phuong trinh nao trong
céc phurong trinh dudéi day ?
A 25 =3, B. x* +4x-5=0.
C. X’ —4x +3=0. D. log, (x1—8)=3.
Loi gidi
1 2x>0,x-2>0 x>2 x%3
Phwong trinh log,_,2x=3<{x-2#1 < Sx=4.
& Ex \ (xﬂ-4)(x2 —2x+2) =0
2x=(x-2)
L8
V6i x =4, thay 14n luot vao céc dép an, ta duge log, (x2—8)=3.
Chon D.
475
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Vi du 5: Phuong trinh 1g(x—3)+lg(¥—2)=1-1g5 c6 tit ca bao nhidu nghiém trén tip
sb thye. ,
A2 | B.3.

- Co1. D. 4.
Loigigi | |
x=3>0
Diéu kién: =x>3
x=2>0 ;

Ap dung cong thirc lga+lghb=1lg(ab) va Igc—lgd=lg§-.
Ta duge, phuong trinh Ig(x—3)+lg(x-2)=1-1g5 < lg(x-3)(x-2)=1gl0-1g5=1g2

x>3 {x>3
x=4.

lg{x*~5 =
@g(x x+6) lg2<:>{x2_5x+4___0® (x‘4)(x‘1)=0©

Viy phuong trinh d3 cho ¢6 nghiém duy nhét 13 x=4.
Chon C.

Vi du 6: Phuong trinh log, (x—1)+log, (x+1)-log , (7-x)=1
2 1 B )
A. c6 hai nghiém phén biét. B. ¢6 nghiém thudc khoang (2;5).
C. ¢6 hai nghiém trai diu. . * D. ¢6 tbng hai nghiém 1ém hon 7 .

Loi gidi
Trude khi mii héa, ta cin rit gon vé tréi ciia phuong trinh. Muén vay phi dua cac biéu

I I3 - A s a A 1w , A i T A qr A 1
thirc chita logarit vé cing mét co s6 bang cac cong thire d4 biét, cu thé 13 co s6 3

x—1>0
Didukién: {x+1>0 < 1<x<7. Véi diéu kién trén, phwong trinh d3 cho tr& thanh
T—x>0

log, (x*—1)~2log, (7~-x)=1<> log, (x2 —1)—10g1 (7-x) =1
2 . 2 2

2 2
<> log, —x——12=1c>—£——%=lc>x2+14x—51=0<:{
2 (7-x) (7-x) 2

Két hop véi didu kién, phuong trinh d4 cho c6 nghiém duy nhét x=3.

Chon B.

x=3
x=-17
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Chit y: Néu ching ta quén dit diéu ki¢n thi c6 thé s& ly thém nghiém x=-17. Phai
ludn nhé ring log, b+log, ¢ =log, bc chi dling khi >0, ¢>0.

lg(Vx+1+1)
lgdx—40

Vidu 7: Goi x, 13 nghiém cia phwong trinh =3 Ménh d3 ndo dudi ddy diing ?

A. x, 1 56 chinh phuong. B. x, >50.
C. x, 1256 mdt sb lé. D. x, €(41;50).
Léi gidi

x+120; & x-—40>0c>{x2—l;x>40

lg3x—~40 =0 x#41

lg(JxT—l+l)
Igfx-40

Piéu kién: { < x € (40;+).

Khi d6, phirong trinh =3 & Ig(Vr+1+1)=lg(x—40) & Vr+1 +1=x-40

x=48

x>41 x>41
SJx+l=x-41

= o
x+l=(x~41)" 7 |x*~83x+1680=0
Chon D.

Vidy 8: Ki hidu x=— ab 12 mdt nghiém cta phuong trinh 1+ log, f;—; =%10g6(x—1)2 ,
x .

v6i ab 14 s6 tir nhién ¢6 hai chif s6. Tinh tdng q+25 .

A 4. | B.S.
C. 7. D. 9.
Loi gidgi
idu kign: 2L > 0.
x+7
Phurong trinh 1+log6xV——l—=llog6(x—1)2 & 1+log x——lzlog |x-1].
SR x+7 2 : S x+7 '

x-1 x-1 1
(*)

<:>10g6x—_£—log6|x—1|=—1<:>Iog5,———-=-1<:>—-—————=—
x+7 (x+7)|x-1| (x+7)jx=1 6

| — (a=1
Giai phuong trinh (*), ta duge x=—13=— ab:{a =a+2b=1T.

Chon B.
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Sai lam thudmg gip 12 Iog6 ; = log, (x 1)- log‘5 (36+7) log6 (x-~ 1) —-210g6 (x-1).

C4 hai bude bién déi trén deu lam co hep mién x4c dmh cia phuong trmh dan den hién
twong lam thiéu r_;ghi@m.‘ ;(,:_-hﬁ y: lga-lgb=lg [E) 12 mét trong nhitng phép bién déi

lam cho mién xéc dinh md& rong nén phai cin thin khi sir dyng nd.

Vi dg 9: Phirong trinh 1+210gx 2.10g4 (10-x)= 1 2 % tng hai nghiém bing
oo L 084 :
A 12, ' B. 8.

C. 10. D. 6.
Léi gigi ' '
x#1
0<x<10

Diéu kién: { . Phuong trinh L +2log, 2.log, (10-x)=

Nog, x
< log, x+2 log, 2.10g4 x.log, (10-x)=2 <> log, x+log, 2.leg; x.log, (10—x)=2.

< log, x+log, (10-x) =2 & log, [ x(10-x) | =2 & x(10-x) =16,
2 . | x=2 s
o x’ -10x+16=0 = (x-2)(x-8)=0 < (théa mén dicu kién).
xX=

Véy tbng hai nghi¢m ciia phuong trinh 12 10.
Chon C.

Vi du 10: Phuong trinh log, x+log, 3x +log,, x =§ 6 nghiém duy nhit x, dugc biéu

"

dién duéi dang m't, véi m, n 14 chc s6 nguyén. Téng m+n bing

A 11 B. 7.
C. 10. D. 6.
Léi giai

Didu kién: x >0. Phuong trinh d4 cho tr& thanh log, x + —;logs (32)+ % log, x = %

| 1 1 5 11 51 7 7 =z
<:>1og3x+5(1+10g3x)+§log3x=§<:>glog3x=§—5=E<:>log3x=ﬁ<:>x:3“.

A z m=3
Ma x, dugce bitu dién dudi dang m!' suyra { =m+n=10.

Chgn C.
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Vidu 11: Goi x, y 14 hai s6 thyc théa man x> —4x+y+2=0 va 2log, (x-2)-log ; y=0
Tinh gi4 tri clia biéu thirc P =2x*+33°.

A. P=18. B. P=83.
C. P=21. D. P=24.
Léi gidi
Theo baira, tacod x* —4x+y+2=0<> y=—x"+4x—2 (1)
x=2>0,y>0 >2
Va 2log, (x—2)-log 5 y =0 g et ).
2 2log, (x—2)—-2log, y=0 y=x-2
x>2
Tir (1),(2) ta drge hé phuong trinh FUNEIN oS
T (1), woc hé phuon =—x"+4x~ _
P £ Y 5 ~x" 4d4x~2=x-2
y=x-

y=x-2>0" {x=3 2 3 2
<9, = =S P=2x"+3y" =23 +3=21.
x°-3x=0 y=1

Chon C.
Vi dy 12: Phuong trinh log, (3" ~6)=3-x c6 nghiém duy nhét Iz x,. Biét ring x,
cling la nghi¢m cia phwong trinh log, (x + 7a) =2log, x . Ménh dé nao dudi dﬁy-dﬁng ?

A. ae@-;z} B. a<(0;1).
C. ae(2;4). D. ae(é;.Z),
Loi giai

3¥-6>0 3¥>6
Phuong trinh log, (3x —6)=3—x<:>{ <:>{

F-6=3" " |3(3-6)=27
56 756 3"x>6 x _
~ (3")2—6.3"—27=0<:> (3‘—9)(3*+3)=0@ E:93©3 TR

Mz x, 12 nghiém ciia phuong trinh log, (x+7a)=2log, x nén suy ra
log,(7a+2)=2log,2 < log,(7Ta+2)=2<Ta+2=3" & azle(%;ZJ :

Chen D.
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e b ktvdng Bt ol

Vi duy _13: Phuong trinh log, (2" + 6)—10gl (2‘“ -—6) =2x+1 c6 nghiém duy nhft 13 x,
2

duge bidu didn dudi dang x, =a+log, b. Biét ring a, b 14 hai s6 nguyén duong, tinh

gi tri cia biéu thitc P=a* +b*.

A. P=10. B. P=13. : deeie e -
C. P=17. D. P=25.
Loi gidi

Difu kién: 27 >6 <> 2" >3 ¢> x> log, 3!

Phirong trinh log, (2° +6)—log, (2°" —6)=2x+1 <> log, (2* +6)+log, (2" —6) =2x+1
2

= logz (2x + 6)(2x+] —6) =2x+1&e (2x +6)(21+l _ 6) Py (*)
Dt 1=2" >3, khi d6 (*)@(t,+6)(2t_—6)=2,t2¢; 61-36=0>1=6.

=]
“ =d +b* =10,
b=3

Khi d6 2* =6 <> x =log, 6=log, (2.3) =1+log,3=a+log, b =>{
Chen A.

Vi du 14: Cho phuong trinh 2log, 2x+log, (Jnc2 -2x+ 1) = % cé nghiém duy nhét
x = x,. Ménh dé nao duéi ddy ding ?

A. Nghiém cia phwong trinh théa man log, % <-4,

B. Nghiém ciia phuong trink thoa min 27 > 3°5*,

C. Nghiém cita phuong trinh théa man log, 2° +1< 3¢+
D. Gi trj ciia biéu thic log,, {x,+2) bing 1.

Lévi gidi

x#1’

s 2x>0 2x>0 x>0
Biéu kién: ) E=3
x*=2x+1>0

(x—1)2>0<:>
. s " sy 2 1 2 4
Khi d6, phwong trinh d& cho tr& thanh -?-;log2 (2x)+ 3 log, (x-1)" = 3

< 2(1+log, x)+2log, |x~1| =4 < log, x +log, |x—1| =1.
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{i(le—l) =2

0<x<l
x(x—1)=—2

o log, xx—1|=1< xx-1|=2 & x=2 (théa mén didu ki¢n).
Dua vao d4p 4n, ta thiy ring v&i x=2 suyra

].ng % — _4’ 22 = 310g34’ 10g2 2x +l — 3logg(x+l) .

Va gid tr clia biéu thite log,, (x, +2) béng 1.
Chon D.

Vi dy 15: Goi x, y, z 14 céc s6 thyc théa min 2x* = y* + 2%, xpz=64 vabasd log, x,

log, v, log_z theo thi tur lap thinh cép sé nhan. Téng T =x+y+z bing

A. T=6. B. T=9.
C. T=12. D. T =15.
Léi gidi '

Nhdc lgi kidn thirc: Basé a, b, ¢ theo thr t 1ap thanh cp sb nhan <> ac = b2,
Piéu kién: x,y,z>0va x,y,z#1.

Theo bai ra, ba sb log, x, log, v, log, z lap thinh CSN = log, x.log, z =(log, »)’.

<::;-logyz:(logzy)zc;l1 =(logzy)2_<::>(10gzy)3=1<:>10gz-y=1<:>y=z.
Slogy ST -
= |2x* =y + 2 _ : ,
Khi d6, ta ¢ hé phuong trinh § xyz =64 @{x_y;4z<:>x:y=z=4:>'f=12_
A=
y=z :

Chon B.

Vi dy 16: V6i diéu kién xéc dinh cia bai tosn, hai phuong trinh log, (x* +ax+5)=1 va
log, (** +bx+1)=—-1 c6 mdt nghiém chung 13 x, vi hai nghiém riéng con lai 12 x,, x,
théa mén x, —x, =4. Tinh gi4 trj ciia biéu thirc P=a’ +5°.

A. P=10. B. P=13.
C. P=17 . D, P=25.
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Loi gigi

Taco 1og3(x2+ax+5)=l<:>x2+ax+5=3<:>x?+ax+2=0 (1)

Va log, (x* +bx+1)=-1o %" +bx+1=3 & x* +bx-2=0 (2)

3
a>8

beR

2 . pe s a1 a*-8>0
Pé phirong trinh (1),(2) c6 hai nghigm phén biét < Ve eg 0<:>
+8>

+x,=—a _ [x +x,=—b
Khi d6, theo h thitc Viet, taduge £ ° 1 Cvai e 2T 7
XoX; =2 XpX, =—2

Suyra x,+x —(%+%)=x—x,=b-a=4 va x(x—x,)=4% =1.

1 l+a+2=0 J—
Do d6 (elrat P 3:>P=a2+b2=(—3)2+12=10.
(2)e1+b-2=0 (b= ._ , B

Chon A.

B. PHUONG TRINH LOGARIT GIAI BANG PHUONG PHAP PAT AN PHU
Vi du 1: Phuong trinh log? x—2log, (4x)-4=0 c6 bai nghiém x,, x,. Tich xx, bing

A. 8. B.2.
c.l p. 32
4 4
Loi gidi

Pidu kién: x> 0. Phuong trinh log2 x—2log, (4x)—4 =0« (log, x)’ ~log, x~6=0.

Pit ¢ =log, x, khi d6 ta dugc t2—t—6=0<:>(t—3)(t+2)=0@[2i3 5

Véit=3,taco 10g2x=3<:>x1=23=8.

Véit=-2,tacod log,x=-2¢>x, =27 == Viy x.x,=2.

=

Chon B. 7 :
Vi dy 2: Phuong trinh log} x—2log ; x—2log, x—3=0 c6 hai nghi¢ém phén biét 1a
3

x,, x,. Tinh gié tri clia bidu thirc P =log, x, +log,, x, biét x <x,.

A. P=0. B. P=1.
c.p=2. D. P==.
3 3
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i Mo ob khlng Gnh manh

Li gigi

log 5 x=2log, x

Pidu kién: x> 0. Tacb log khi @6 phwong trinh da cho tré thanh
1

x=-~log,x ’
3

(log, x)* —4log, x+2log, x—3=0 & (log, x)* ~2log, x—3 =0 (*)

o ‘ . 2 t=
Dit 7 =log, x suy ra phuong trinh (*) <=’ -21-3=0&(¢-3)(t+1)=0<

Vé6i t=-1, taduge log, x=—1<> x =3 =%.
Véi t=3, taduge log, x=3< x, =3’ =27.
Vay P=log, x, +log,, x, =10g3§+10g27 27=0.

Chon A.
Vi du 3: Phuong trinh log? x—8.flog, 8x —12=0 c6 tit ca bao nhiéu nghiém ?

A, 1. : B. 2.
C. 3. D. 0.
Loi gidi

PXZ—.
8x=1 8

Diéukién: ¥>0 =1 x>0 l
log,8x >0

Phuong trinh log} x—8,flog, 8x —12=0 <> (log, x)z—S 3+log,x—12=0 (*).
Dt 1=3+log,x 20> log, x =13, khi d6 () & (£ -3} ~8-12=0

ot -6 -8-3=0c(1+1) (1-3)=0 =3 log,x=6 S x=64.

Vay phuong trinh d3 cho ¢6 nghiém duy nhit x =64 .

Chon A.

Vi dy 4: Phuong trinh log, (4x)-log, 2=3 c6 tht c4 bao nhiéu nghiém ?
2

A. 1 nghiém, B. 2 nghiém.
C. 3 nghiém. D. V4 nghiém.

483
http://tieulun.hopto.org



4x >0 50
x;ﬁl x22

Phwong trinh log, (4x)_19gx.2:.3(:>10g24_+10g2x_7 1 . _3
2 | log2§
.logzx—logz 2 logz x___l

2
Diit £ =log, x véi t %1, khi 6 (*)@t—%zl@t t ’1 !

=] tz'—2t=0<:>[
Véi1=0,tacé log,x=0<x=2"=1.

Véir=2,taco log,x=2<>x=2>=4.

Vay phuong trinh da cho ¢4 hai nghiém phén biét.

Chen B.

Vi du 5; Phwong trinh log, (2x+1) =2log,,, 3+1 ¢4.hai nghiém phéan biét x,, x,. Gid
tri bidu thic x, +x, +xx, thudc khodng ndo dudi day ?

A. (0;1). B. (1;2).
C. (2;3). D. (3;4).
Lavi gidi
1
Pidu kién: {2x+1>0© x>_§:>x(—-,+oo)\{0}
2x+1#1

Dit 7 =log, (2x+1) v6i ¢ # 0 suyra log,{2x+1).log,,,;3=1<log,, 3= % :

t=-1

Khi d6, phuong trinh 43 cho trd thanh t=§—+l<:>t2—t—2=0<:>[t_2 .

Véi 1=—1,tacéd log, (2x+1)=—1< 2x+1=3" =%<:>x=—;i;.

Véir=2,taco log, (2x+1)=22x+1=3 =9 x=4,

Viy gia tri biéu thitc x, +x, +x.x, =—§-+4+4.(-%} =%e (23).
Chen C,
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Vi dy 6: Phuong trinh 1+log,, (") = %Iogz,, x ¢6 hai nghiém phan biét x =37, x, =3".

Biét ting x, <x,, tioh gid tri cha bidu thizc P=b.(2x,—3a)" .

A. P=1. B. P=_.
3
1
C. P=—. D. P=3
9
Loi gii

Ap dung cong thirc log, x* = a.log, x véi x>0,
Ta c6 1+log,, (x‘%”‘) =1+(log,, x)* vadat ¢ =log,, x.
=

Khi d6, phwong trinh d% cho tro thanh 1+¢ =%t<:>3t2—10t+3=0<:> .

o | =

Véi 1=3, taduge log,, x=3<>x=27"=3".

13
Véi t=%,taduc;c Iog27x=%<:>x=273 =327 =3.

x =3
Th_eobjc‘lira,tacéx1=3“<x2331’;-> a=1 =>P= b = 9 -
o 2x,=3a 23-3

Chon D.

Vi dy 7: Mot tam gidc vudng o d6 dai hai canh goc vudng Ja \flog, x, «flog2(64x) .

Biét ring dudng cao tuong {mg véi canh huyén cia tam gidc d6 c6 d§ dai bing 2. Tim x.

A.x:—l-. ) B. x=64.
i6
C. x=2. D. x=6.
Loi gigi

Goi tam gidc ABC vudng tai A, c6d6 dai canh 4B = \flog, x, AC =,flog, (64x) .

Va d6 dai duomg cao AH =2.

P to,1 v 11 (*)
AH? AB* AC* 4 log,x log,(64x) '

Khi d6
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=9, L o t=62>x=64.
— t-2t-24=0
4 ¢ t+6

t>0
t>0
bit r=log, x>0, ta ¢b6 (*¥).c>41. 1.1 {

Chgn B.
Vi dy 8: Phuong trinh log, (5° -1).log, (2.5 ~2) =2 ¢6 hai nghiém phan bigt 13 x, x, .

s AR X . L A Ay Torhe 2
Tis6 = gin véi gié tri ndo sau ddy nhét, biét ring x >x, > 0.

X
A. 4. B. 2
2
C. 5. D. 2.
Lo giGi

Pidukién: 5-1>0<5>5" < x>0.
Phwong trinh log, (5* ~1).log, (2.5 -2) =2 & log, (5° ~1)[log, (5* ~1)+1]=2.

=1

Dt £ = log, (5" 1), khi 46 phwong trinh tré thanh t(t+1)=2@r2+t—2:0©[
Véi1=1,tac6 log, (5" -1)=1 5 ~1=26 5 =3 <> x=log, 3.

Véi t=-2,tac6 log, (5" ~1)=-2 5 ~1=22 > §° =%©x=logs§-

x =log,3 5
Mat kbéc x, > x, suyra 5=>x:x,=log;3:log, ~~4,9233,
X, = Iogsz 4

Chon C.
Vi du 9: Phuong trinh Ig* (x~1)" +1g? (x~1)’ =25 c6 hai nghiém x,, x, phin biét thoa

mén x, <1< x,.Gia tri biéun thirc % thudc khoing nao duwdi day ?
T
A. (3;5). B. (5;7).
C. (7,9). D. (9;11).

L gidi
A2 3 274 372
Phurong trinh Ig* (x~1)’ +1g* (x~1)’ =25 &> [1g(x-1)* | +[1g(x-1] =25
< 16.1g* (x~1)+9.1g> (x~1)-25=0 (*)
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[Moon.vn
i thoc b kinkewy i vk

Dit ¢ =1g” (x—1) véi £ >0, khi 46 phwong trinh (*) <>16t” +91-25=0< 25.

Véi t=—%§- suy ra khong thoa min didu kién vi 2 0.

lo{x—1)=1 x=11
Véi r=1,taco g’ (x-1)=1<x 8(x—1) < 11
lg(x-1)=-1 x=13

Theo biira, ta cé x, <1< x, suyra x =%, x, =11. Vay 2 =10&(911).
x,

Chon D.
Vi dy 10: Tinh tdng cac nghiém cda phuong trinh log2 x+(x—1)log, x = 6—2x bing

A.

=R N V=]

B. 2.
4
C. . 4.
Loi gidi
Diéu kién: x> 0. D3t ¢=log, x, phwong trinh trg thanh £ +(x—1)t+2x~6=0.

S +at=t+2x-6=0 £ —t~-6+x(t+2) =0 (1+2)(1-3)+x(z+2)=0

t=-2 | "10 -x—r—2 | x—lA
<:>(t+2)(t—3+x)=0<:>1: ~ @[l £ :3 |7 4 :
1=3-x |logx=3-x log, x+x-3=0 (*)

Xét ham s6 f(x)=log,x+x-3 v6i x>0, cb f(x)= 12+1>0,Vx>0.

X,
Suyra f(x) ]aham sf} ddng bién trén khoang (0;+).
Khi 6 phuong trinh f(x)=0 cé nhiéu nhét mdt nghiém trén khoﬁng (0;+0).
Ma f(2)=0=> x=2 12 nghiém duy nhét cita phuong trinh (*).

Viy tdng cac nghiéml ciia phwong trinh d@ cho 1 % .

Chon A.
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Vi du 11 [PX THI THU THPT CHUYEN PH VINH - 2017]:
Sé nghiém cia phuong trmh log3 lx —ﬁx[ = log5 (x - \/Ex + 2) l

A. 3. B.2.
C. 1. : ' . D. 4.
Loi gidgi
. ’xl—ﬁxl>0 {x;ﬁO-, :
Diéu kién: = .
2 -2x4+250 x#EV2
Dt x* —2x+2=1 véi t €(—o0;+), khi 6 phuong trinh trd thinh log, [t} =log, (++2) -
t=3°
=3 -3
bit a =log, | suyra =N e ilp=232 .
log;(1+2)=a |t+2=5" T
' ' . ' t+2=5"
o nd et <. (3Y 1Y
Véi 1=3", tacé 3°+2=5 @(EJ +2.(—5-] ~1=0 (1).

Xét ham s f(a):(:j-)a+2.(;) ~1,¢6 f'(a)= [ Ja %.,.(l]a_lnid), VacR.

\5) 25
Suyra f(a) 1a ham s6 nghich b1en trén khoang {~o0;+e0). o
Khi d6 phuong trinh (1) c6 nghiém duy nbt a=1 <> ¢=3 < x’—Zx—1=0 c6 hai
nghiém phan biét.
V6ir=-3"1ac6 ~3"+2=5"<5+3"—2=0 (2).
Xéthamsd g(a)=5"+3"~2,¢6 g'(a)=5"In5+3°In3>0, VacR.
Suyta f(a) 1a ham s nghich bién trén khoang (—o0;+00).
Khi d6 phuong trinh (2) cé nghiém duy nhit ¢ =0 <=0 x> ~2x+2=0 v nghiém.,
Viy phwrong trinh d& cho ¢6 hai nghiém phén biét.
Chon B. S _ . :
Vidu 12: Tinh téng tit ca cac nghiém x thudc doan [—27:; 27[] théa méan phuong trinh
2log, cotx =log, cosx. '

A, 7. B. 2x.

C. 0. D, -7
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-, - Phuong trinh . 2log, cot x =log, cosx < log, cot® x =log, cosx.
cosx >0 ' o '

cos’x 1 5 !
- =—s—< oot x=
sin“x sin‘x 1-4

Dit 1 =log, cosx < cosx=2" va 1+cot’ x=1+ - .

4 4 ,
Khi d6, phuong tnnh log, cot® x = log, cos x < log, —— T =f<> PRy =3

<:>4‘-—4(1—4‘)3’c>[i) =1—4’<:>(ij +4'—-1=0 (*).
3 3

4 ! f 4 1
Xéthamsd f£()= ( J+4 -1, cof(t) ( J 1113+4 n4>0,vVieR.

Suy ra phurong trinh (*) c6 nghidm duy nhét 1 =—1.

T
7 o _ o x=—+k2x
Véi t=-1,tacé log,cosx=—1<>cosx=— < 3 , keZ.
S 2 T
x=——+k2z
L m 75 NS
» Nghiém x=§+k2ﬁe[—2ﬂ;27r]:>ke e —E 5 k={-10}.

» Nghiém x=—§+k27re[—27r 27:]:>ke[—- —jl —== 5 k={0;1}.

Viy cac nghiém ctia phuong trinh 1a x= {—— ;—;——;-——}.

Chqn C.
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III. BAI TAP TU LUYEN

PHAN 1. PHUGONG PHAP DUA VE CUNG CO SO [TT6091]

Céu 1: [563541] Phuong trinh log, (3x—2)=3 c6 nghiém l1a

A2 B 2
3 3
c U | - D. 87
3 .
Ciu 2: [563544] S6 nghiém ciia phuong trinh log; (x* —6) =log, (x—~2}+1
A.2. B. 1.
C.3. D. 0.
Cau 3: [563545] Tép nghiém ciia phuong trinh log ;|x+1=2
A. {-3;2}. B. {-10;2}.
C. {-4;2}. D. {3}.
Ciu 4: [563546] Phuong trinh: log (;:c2 —Tx+ 12) =log(2x—8) c6 bac nhiéu nghi¢m:
A.0. B. 1.
C.2. D. 4.
Cau 5: [563547] Phuong trinh: log, ([x+1|—2) =2 khéng tuong dwong v6i ménh dé
nao sau day:
A |x+1]-2=4. B. |x+1]=6.

C. x+1=6 hay x+1=-6. D. x=3(x=-5 loai).

Ciu 6: {563548] Phuong trinh : log, (log, x)=1 c6nghi¢m1a:

A2, B. 4.
C.16. D. 8.
Ciau 7: [563549] S6 nghiém clia phuong trinh log,(x* +4x)+log, (2x~3) =0 la:
3
A.3. B. Vb nghiém
C.1. D.2.
Ciu 8: [563550] Phuong trinh: log, x+log, {x+1)=1 ¢ tip nghiém la:
A. {“”‘lg}. B. {1}.
2
1+
C. {;-2}. D.{ 1;‘5}.
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Chu 9: [563551] Téng céc nghiém cia phuong trinh log, (2x+1) +log, (x~3)=2 bing?

3
>
~
5‘.

A. B. 4.

C. D. 6.

Céu 10: [563554] Tich cic nghiém ciia phuong trinh log, (xz + 4) ~log, (x —1) =3 bing?

A.8. ' B. 13.
C.12. D. —12.
Céau 11: [563556] Tinh tdng c4c nghiém ctia phuong trinh dudi dy
log, (2x—1)+log, (x+3) =log, (x2 + 3).

A. -5, B.1.
C. -6. D. 6.

Céu 12: [563558] Phuong trinh %log3 (x+ 2)2 +%Iog3 (4x—1)3 =2 c6 sb nghiém 1a ?

A.l. B.2.
C.3. D. 0.

Céu 13: [563559] Phuong trinh %10g3 (x+2)" + %10g3 (x+8)’ =1 c6 s nghiem 14 ?

Al B.2.
C.3. D. 4.

Céu 14: [563561] Tong cc nghiém cita phuong trinh %log3 (x+ l)4 + %Iog3 (x+ 5)3 =1 bing

A 7-3. B. \/7-5.
C. V7-7. D. 7-9.
Céu 15: [563562] Tong c4c nghiém ciia phuong trinh 2 log, x—log, (x—1)=1 bing ?
. P
A. 1. B.2.
C. 2. D. -1.

“&u 16: [563563] Phuong trinh —;—Iog &(2x+1)+2log, (x~3)=2 c6 sé nghiém 12 ?
Al B.2.
c.s. | D. 4.
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“=1 ¢6 sb nghiém vA téng cdc

Cau 17: [563564] Phuong trinh log, (x=1)+

nghiém 1in lwot 13 S va T. Khing dinh nao sau diy 12 khing dinh déng ?
A. S+T =3, | B. S-T=1.
C.5-T=2. D. §-T=3.

Céu 18: [563565] Phuong trinh log, (x+1)+log, V4x+5=0 ¢6 s& nghiém va téng céc
L

nghiém 1in luot 1a S va 7. Khing dinh nio sau ddy 12 khing dinh sai ?

A S+T=2+4/5. o B. S+T =4.
C.S-T=-5. D. S—Hf

Cau 19: [563566] Téng gid tri cic nghiém ciia phwong trinh: 2log, x+1og, (x+1)=3 I

A B | g S1rV33

- 2
C. 1. D. 2.
Ciau 20: [563567] Tong gis tri céc ngﬁiém ciiz phuong trinh: log, (2x+1)+log, (x—3) =2 &

Al
2

B. L.
_ 2
C. 4. D. 5.
Céu 21: [563568] S6 nghiém clia phuong trinh: log 2 (2x +x— 1) 1 la:
A.Q. B. L.
C. 2. D. 3.
Ciu 22: [563570] S6 nghiém ctia phrong trinh: log, (x+2)=2-log, x 1&:
A. 0. B. 1.
C. 2. D. 3.
Céu 23: [563571] Cho phuong trinh sau :log, x+5=log A (x+6). Nhén xét ndo sau
ddy 1a sai ?
A. Phuong trinh d3 cho cd 2 nghiém phén bigt.
B. x =212 mdt nghiém cia phuong trinh d3 cho.
C. Tdng gi4 tri cac nghiém cua phuong trinh d3 cho la 20.
D. x =214 nghiém duy nht caa phuong trinh 43 cho.
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Cau 24: [563572] Tim nghiém thyc cia phwong trinh log, x—log sx=2.

A.x=l. B. x=3.
4
C. x=2. D. x=+2.

Cién 25: [563573] Cho phuong trmh log,(x-+1)* +log, vx* +2x+1=9 (l). Trong cac
ménh @& sau:

M. () <> 2log, |x+1j+log, [x+1|=9 ,véi didu kién x=—1.
aD. () & |x+1]=8.

(). (1) <> x* +2x—63=0.

Ménh @8 nio ding?
A. Ca (D),(I0), (1. B. Chi (I1),(1ID).
C. Chi (I, (D). : D. Chi (I),(ID).
Ciu 26: [563574] Tim nghiém clia phwong trinh log, (x—2)—2=6log, v3x~5.
. 8
A.3 B.2
C.1 D.4

Céu 27: [563575] Tim tdng céc nghiém ctia phuong trinh log, x+log , x+log, x* =5.
16

A. B. 1.

C. D. 16.*

WM MW

Ciu 28: [563576] Tim s5 nghiém ciia phuong trinh log, x+log, x =log, V3.
2

A. 2 nghiém. h B. 1 nghiém.
C. 3 nghiém. D. V6 nghiém.

Ciu 29: [563577] Tim sb nghiém thirc cia phuong trinh log, x+log, x+log, x = % .

Al B.2.
C.3. | D.15.

Cfiu 30: [563578] Tim nghiém 6n nhét cita phuong trinh log, (4.3 - 6)-log, {9 —6) =1
A x=1. | B. x=4.
C. x=3. D. x=17,5.
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Céu 31: [563579] Cho phuong trinh log,(3.2° —-I)=x—1 c¢6 hai nghiém phén bigt
x,,x,. Téng x, +x, bing

A.2. B. 1og,(6—4J5).
C. 6+ 4\/5 . D. 4.
Ciu 32: [563580] Phuong trinh 1g(x—3)+1g(x—2)=1-1g5 c6 bao nhiéu nghiém:
A. V6 nghiém. 7 _ B. 3.
C.2. D. 1

Céu 33: [563581] S5 nghiém cuia phuong trinh 2log, (2x) +log, (x2 -2x+ 1) = % 1a:

Al B.3.
C.0. D.2.
Ciu 34: [563582] S5 nghiém clia phwong trinh log, (5x)—log,; (5x) -3 =0 la:
Al : B. 4.
C.3. D. 2.

Céu 35: [563583] Cho phuong trinh: %mgl (x+2) -3=log, (4-x) +log, (x+6) (1).
4 4 4
Trong cic ménh dé sau:

(D). Bidu kién phuong trinh: —6<x <4 va x#-2;
(ID. (1) <=>3log, |x+2|-3=3log, (4—x)+3log, {x+6);
3 a 3

(). (1) <=>log, (4]x+2|)% log, [(4-x)(x+6)];

Ménh d nio ding ?
A Cal 1, IIL B.Chi [, IL
C. Chi I1, 1T, D. Chi HI,1.

PAP AN TRAC NGHIEM

01.B | 02.B | 03.C { 04.B | 05.D | 06.C | 07.B | 08.B | 09.B | 10.C

I.LB | 12A | 13.C | 14.D | 15.B | 16.A | 17.A | 18.B | 19.B | 20.C

21.B | 22.B | 23.D | 24.A | 25.A | 26.A | 27.D | 28.B | 29.A | 30.A

31LA | 32.D | 33.A | 34.A | 35.A
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PHAN 2. PHUONG PHAP PAT AN PHU [TT6092)

Céu 1: {563692] S6 nghiém ctia phuong trinh : log, x.log, (2x~1)=2.log, x 12

Al B.3.
C.0. D. 2.
Céu 2: [563694] Phuong trinh 1 + 2 =1 ¢6 tdng cic nghiém la :
5-log,x l+log,x
A, 2 B. 12
64
C.5. D. 66.
Céu 3: [563696] S6 nghiém cta phuong trinh: log, (log, x)+log, (log, x) =2 1a:
A0 B. 3.
C.2. D. 1.

Céu 4: [563697] Tép nghiém phuong trinh log;(4—x)—2log, (4—x)=15 1a:
3

A. {5;-3}. B. {35;3-3}.
C. {37—1-;—23 ) D. {-239, 2971
243 27
Ciu 5: [563698] Phuong trinh: 4log,, x+log, 5=3 c6 nghiém la:
A. x=5; x=4/5. B x=1,x=%.
C.x=§;x=5. D.x=g;x=\/§.

Ciu 6: [563699] Tim m d¢& phuong trinh x* —6x* —log, m=0 c6 4 nghiém phan biét
trong d6cé3 ng_hjém 1on hon -1.

1
A.E;<m<1. B.%;Smd.
C. Dép an khac. D. %<m<l.

Cau 7: [563701] S6 nghiém dwong ciia phuong trinh: log, |x-2{+log, |x+5}+log, 8=0 la:
o PEEO | 1

A. 1 nghi¢m. B. 3 nghiém.
C. 2 nghiém. D. V6 nghiém.
Ciu 8: [563703] S& nghiém phuong trinh log, (x* +4x)+log, (10x-5)=0 1&:
3
A3 B. V5 nghiém.
C. 1. D.2.
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Céu 9: [563705] Tim a dé phuong trinh' x* ~4x” +|log;a|+3=0-c6 4 nghiém thyc
phan biét:

A L<a<s B " B L<ia
27 ' 27
C.l1<a<3. : D. 1<a<3.
Céu 10: [563707] Phuopg trmh lo-g2 (9—2"):3-—x tuong duong véi phuong trinh nio
dudiday | |
A.9-2"=3-x o ' B. x* -3x=0.
C. ¥ +3x=0. o D.9-2°+3=27
Ciu 11: [563708] Tim m d& phrong trinh : log? ﬁx mlog V,3-x+1 G co ng]:uem duy
A . m=-2. B. m=2.
C. m=+2. D. Khéng tdn tai m.

3

Céu 12: [563710] Cho phwong trinh log, m= 53--— 2x% —5x —%— | , vm m 13 tham sd.
Tim tét ca c4c gis tri clia m d& phuong trinh trén ¢6 1 nghiém la:

A 27¥<m<2t B. m>4 hojc 0<sm<27™™®

C. m>4 hoic 0<m<234 D. m>2.
Cau 13: [563712] Cho phuong tnnh 10g3 x*—J2log, x =2. Nhan xét 030 sau day 12 dung

A. Piéu kién xdc dinh ctia x 1a x>0.

B. Phurong trinh dé cho ¢ mét nghiém duy nhitla x=1.

C. Phuong trinh §3 cho ¢é mét nghiém duy nhit1a x=9.

D. Phuong trinh @3 cho ¢6 2 nghiém phén bigt.

Ciu 14: [563714] Cho phuong trinh log, x* = log, (2x-+1). Nhin xét no sau ddy 13 ding?

A. Phuong trinh d3 cho ¢& mdt nghiém duy nhét.
B. Phuong trinh ¢3 cho v6 nghiém.
C. Phuong trinh d3 cho ¢6 mdt nghiém duy nhét 13 x =—1.

D. Téng gi4 tri cic nghiém caa phuong trinh d3 cho 1a —%.
Cau 15: [563715] Tong gii trj cic nghiém cia phuong trinh log} x+2log 5 x =5 1
2

65 33

A, —. B. —.
32 32

C. —4. p. &
32
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Céu 16: [563717] Phwong trinh ndo trong céc phuong trinh sau day v6 nghiém
A. log, (x+1)=-1

B.log, x=1

log, x =2. D. log, x+log, (x+1)=1.

CAu 17: [563718] Téng binh phrong cic nghigm cia phuong trinh log? x~log, x’ =-2 1

2
A. 6. B. 16.

D. 18.

tong cic nghiém thwc coa

C. 20.
Ciu 18: [563720] Tim

phwong  trinh
log; x+(x—1)log, x=6-2x
A.225. ~ B.6.
C.2. ' D. 10.
Cau 19: [563722] Tim tbng tat ca cac nghiém ciia phuong trinh 3,flog, x —log, 3x~1=0
A. 35, , " B.84.
C. 65. D. 28.
Ciéu 20: [563723] Tim s6 nghiém thuc cua phuong trinh 2. 9 x88 _ x?
A2 nghiém. B.3 ngln@m.
C. 1 nghiém. . D. 4 nghiém.
Cau 21: [563724] Tim s6 nghiém thyc ciia phuong trinh 4°5%%) _glex _ 5 38(1957)
A. 2 nghiém B. 3 nghiém.
C. 4 nghiém. D. 1 nghiém,

Cau 22: [563726] Xét phuong frinh Ig* (x—1) +1g? (x-1) =25 :Phép bién d5i nao
sau day la diing ?
A 161g* (x-1)+91g? (x-1)=25.

B.21g" (x~1)+31g% (x—1)=25.

C. 161g* (x—1)+31g2 (x-1)=25. D. 161g*[x— 1|+91g x— 1| 25.

Cau 24 [563727] Tim sb nghwm clia phuorng tnnh 271%" +x’°gz
A. 2 nghiém. OB nghiém.
C. 3 nghiém. D. V6 nghiém.

30.
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Ciu 25: [563728] Phuong trinh glog, (x+2) —2=log, (x~ 4)2 +log, (x+6)" c6 tht
2 2 z

¢4 bao nhiéu nghiém thre ?

A, 2 nghiém.
. . C.4 nghiém.

Ciu  26: [563729] Xac

log, (¥* +3x+2)+log, (x* +7x+12)=3+log, 3.

A. 2 nghiém.
C. 3 nghiém.

. D.lnghiém.

B. 3 nghi¢m.

nghiém cia phuong  trinh

B. 1 nghiém.
D. V6 nghiém.

Céu 27: [563730] Tim s8 nghiém thyc ctia phwong trinh 1g(lgx)+1g (lg x —2) =0.

A. 1 nghiém.
C. 3 nghiém.

B. 2 nghiém.
D. 4 nghiém.

Ciu 28: [563731] Giai phuong trinh Tog, x+16g, x* =log, 9% trén tap s§ thge. ~

A. x=«/€.

C. x;6.

B. x=3.

D.x=3 !

Ciu 29: [563732] Phuong trinh 10g§x—2ldg4(4x)—4=0 c6 hai nghiém x, x,.

Viy x,.x, bing :

B.2.

p. 3.
4

Cau 30: [563734] Phuong trinh lg(x—3)+lg(x—2)=1-1g5 c6 tit c bao nhiéu

A. 8.
c.t
4
nghidm trén tap sb thwc.
A 2.
C. 1.

B. 3.
D. 4.

4 .
Ciu 31: [563735] Cho phuwong trinh 2log, 2x+log, (x2—2x+1)=§-. Nghiém ciia

phwong trinh théa mén bt phrong trinh nao duéi day ?

A. logxi<—4.
16

C. log, 2* +1 <380+
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Ciu 32: [563736] Cho phuong trinh log ; x+1-log, (3-x)=log, (x—1)’. Ménh dé
2

ndo dudi diy 13 ding ?
A. Phuong trinh c6 nghiém duy nhit.
B. Phuong trinh ¢6 nghiém nhé hon 2.
C. Nghiém cia phuong trinh thoa mén bit phuong trinh log, (2x~3) < 0.
D. T4t ca ménh d trén déu dimg.
Cau 33: [563737] Phuong trinh logarit 2log,(a+1-x)+log slax—1)=2 c6 mot
nghiém 13 x =2 . Khing dinh ndo dwéi diy 12 khing dinh ding ?
A a<x. . ' B.a>x.
C.a=x. D. 2<ax<3.

Ciu 34: [563738] Phuong trinh log? x—2log s *—2log, x~3=0 c6 hai nghiém phén
3
bigt1a x,, x, . Tinh gi4 tri clia bidu thitc P = log, x, +log,, x, biét X <X,
A P=0. B. P=1.

c p=3. ' p. p=L.
3 3

Ciu 35: [563739] Goi x,x, 12 hai nghiém cGa phuong trinh
log, (x—2s/;+1)+log1_\',; x=3 thdamin x, <x,.
Cho céc phét bidu sau vé hai nghiém x, x, :
1) Téng hai nghiém cia phwong trinh 13 mét sé dwong.
2) Gid trj ciia x, 1 mdt sb vo ty.
3) Biéu thitc 4x, + x? ¢6 gi4 tri nho hon 1.
4) Tich ciia hai nghiém 13 mét s6 nguyén.
S6 cac phat bidu ding 13 :
Al B.2.
C. 3. : D. 4.

Céu 36: [563740] Phuong trinh log, |x+2|+%10g3 (x_--S)2 +log, 8=0 cb tit ca bao
3
nhiéu nghiém ?
Al B. 2.
C. 3. D. 4.

499
http://tieulun.hopto.org



Cau 37: [563741] Goi x, y lahaxso thye thoamﬁndongthm dleuklen x —4x+y+2 -0
v 210g2(x 2) logq,-y 0. TmhglatncuabmuthucP 2x* +3y

A. P=18. _ B. P=83,
C. P=21. D. P=24.

Chu 38: [563742] Phuong trink log, (2*+6)—,1'og1'(2“‘—_6)' =3%+1 ¢6 nghiém duy

R . B ol "2" R FEMEECTaN )
nhét 13 x, dugc biéu dién duéi dang x, =a+log, b. Biét ring a,b 1 hai s6 nguyén
dugng, tinh gié tri cha biéu thite P=a’ +b7.

A.P=10. .. BP=I3.
C. P=17. T D. P=25.

Céu 39: [563743] Phuong trinh -‘log3 (3’ -6)=3~x c6 nghiém duy nhét 13 x,. Biét
ring xa ciing 4 nghiém cda phwong trinh log, (x+7a) =2log, x. Gié tri cia a bing: -
A a=3. - - - = - B.a=log,3.
C.a=2. D. a=1.
Céu 40: [563744] Phurong trinh log, (5" ~1).log, (2.5 ~2)=2 c6 hai nghiém phan bigt

1a x,, x,. Ti.sé 2L ghn véi gi trj ndo sau ddy nhét, biét ring x >x,>0.
X

2

A 4. . B

b M0

C.s. - D.
Céu 41: [563745] Phuong trinh log} x—2log ; x~2log; x~3=0 ¢6 hai nghiém phn
3

bigt i x,, x, . Tinh gié tri cita bidu thirc P=1log, x, +log,, x, biét x <x,.

A. P=0. ' B. P=1.
c.P=§. D.P=—1—.
3 3

Chu 42: [563747] Véi diéu kién xéc dinh cia bai todn, phirong trinh log, (x* +ax+5) =1
va log, (# +bx+1)=-1 c6 mdt nghigm chung 13 x, va hai nghiém riéng con lai 14 x, , x,
3 .
thoa mén x, —x, = 4. Tinh gi4 trj clia biéu thirc P=qa* +5°.
A, P=10. B. P=13.

C. P=17. ' D, P=25.
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PAP AN TRAC NGHIEM

01.D | 02.B | 03.D | 04.C | 05.A | 06.D | 07.C | 08.D | 09.D | 10.B
11LA | 12.C [ 13.C | 14.D | 15,A | 16.B | 17.C | 18.A | 19.B | 20. A
21.LD | 22.A | 23.D | 24.B | 25.A | 26,A | 27.A | 28.B | 29.B | 30.C
3.D | 32.A | 33.C | 34.A { 35.B | 36.D | 37.C | 38.A | 39.D | 40.C
41.A | 42. A
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BAT PHUONG TRINH LOGARIT
[TV6093]

Dé gidi bt phuong trinh 19garit, ta &p dung tinh don diéu cia cac ham sb 6.
o Vi ham sé logarit: Ta cn dat didu kién ton tai cc biéu thic 1ogarit.
Ta cé log, N khivachikhi a>0, a#1va N>0.

O<a<l:

log, N<log, M < N>M>0.

a>1:|log, N<log, M & 0<N<M.

Chii y ring néu log, N <log, N ta bién dbi vé ciing mét co sb, ching han

log, N <log, N logaN<10—g“—£

log, b

o Siz dung phwong phdp dbi co sb va djt dn phy arong ti voi cdc bdi todn
phwong trinh logarit.

Vi dy 1: Tép nghiém cita bét phuong trinh log, (x+1)>log,(2—x) 1 §=(a;b)u(cd)
3

voi a,b,c,d 14 céc so thuc. Hoi ¢6 bao nhiéu s6 thye duong trong bbn sb a,b,c,d ?

A. 4, B.1.
C. 3. D. 2.
Loi gidi
x+1>0,2-x>0 -l<x<?2
Tac6 log, (x+1)>log, (2—x) & 1 &1
z log, —>log,(2—x —_—>2-x
: i ot M b
(—1<x<2 _
, 145
—~l<x<2 1-45  |-l<x< -
= ) =% x< 7 = 2 =5= —1;1 Vs U 1+\/§;2.
-x +x+1<0 1+5 2 2
1+45 <x<2
x>--—-é— 2
L
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Suyra § =(a;0)(c;d) ='(-1; —

Viy trong bén s6 a,b,c,d ¢6 hai sé thuc duong.
Ch()ll D. L S - A

Vi dy 2: Tép nghiém ctia bét phuong trinh log, (x* ~6x+5)+2log, (2-x)>0 1a
2

C S=|:l,lj D, S=[1,2]
2 | 2
L& gidi

¥ —6x+5>0
Ta c6 log, (x2—6x+5)+210g2(2~-x)'.'>_-:0<:> 2-x>0

’ log, (2-x) >log, (xz —6x+ 5)
l:x>5 x<2 x<l . .
o <x<l & 1<:>—Sx<1:>S=[—;l).
o, xz— 2 2
(2-x) 2x*~6x+5 2

Chen C.
Vi dy 3: Tép nghiém ciia bit phuong trinh (log, 8+log, x* )log, v2x 20 1a

A s=(o;%}u(1;+oo)- B. S=[0;%}U(1;+°°)-
C. §=(0;+). D. S =B—;+w].
Loi giai

Cich 1. Piéu kién: 0< x 1.

s

Bit phurong trinh (logx 8+log, x_z)log2 x>0 (1 ! +2log, xJ.logz 2x>0

log, x+1 >0
log,x

3
o (logz . +log, xJ(log2 x+1)20= (logg x+3).
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1
log, x<-1 <= ;
@1032x+120@[°g2x ] 05¥55 théa man didu kién.

log, x log, x>0

x>1

x>0, x#1

- Céch 2. Ta 6, bit phuong trinh '
c a co, bdt pnuong < %(310gx2+1082x)(10g2x+1)20 (*)

= £ +3)(r+1 <-1
Baflt{lr 1ngx:>(*)@GHJ(H])ZO@L——J:-L(——)zO@[t :

tz0 t t>0
log,x<-1 xSl 0<x$l i
A= 2= 2:>S=[O;—}U(l;+co),
log, x>0 2
x>1 x>1 -
Chon B,

Vi dy 4: Tap nghiém ciia bét phuong trinh log}, x—log,, x—6 <0 c6 dang S =[a;4].
Tich axb thudc khodng nao duéi day ?

G e
() (23

Loi gidi
x>0 - {x>0

Ta c6 log), x—1log,, x—6<0 < {

=3
(logo,2 x-~3)(10g0,2 x+ 2) <0 ~2<log,,xs3
x>0 q , T a—i |
e = ——<x<25=8=| —;25 [=[ab]=> 125 > axb==.
—<x<25 125 125 5
125 - , 1b=25

Véy tich axb =0, 2 thugc khoang (O;%).

Chen A,

F . . . - . 2 ) )
Vi du 5: Tdp nghiém cia bit phuong trinh log,, [log6 E—E] <0 ¢6 dang
- .
(@;8)(c;+w0) véi a, b, c 13 céc s6 nguyén. Tinh tdng S=a+b+c.
A S=1. B. §=-1.
C. 5=-17. ' D. §=7.
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Loi gidi

2 2

Pidukitn: 2250 va log, =250 (+).
x+4 x+4
. X +x xt+x X+x
Bit phuong trinh lo log,. — |<0&o o lo <log,. 1< 1o >1.
p g 80,7( s x+4] go,‘r( B¢ i So,7 B¢ 14

. : 2, (x—8)(x+3
Ket hop véi dieu kién (*), ta duge ad +:>6® (x )+(:+ )>0.
X

x+
& x>8 :>S--( 4'—3)u(8'+w)~i‘ "té‘;”ghjlém-cﬁabét rhu‘ trinh
_4<x<_3 - L) ] a -pn Y P O'IIg -
a=-4
Vay S=(a;b)u(c;+0)=(-4-3)U(8;+0) =>b=-3=>S=a+b+c=1.
c=8
Chon A.
. n i ok \ 3x+2 .
Vi du 6: Tap nghiém ctia bat phwrong trinh log, 3 >11a
x
A. $=(0;2). B. S=(l;2).
C. S=(0;1). D. S=(2;+oo).
Loi gidi
x>0, x=1
x>0, x=1
Pidukién: {35472 = x>—§ x>0 (*)
) PA AN 2 x#1 '
x+2 x<D
Ix+2

e THI1:Vé&i x>1= BPT sxoxt-x-2<0o-l<x<2=>1<x<2.

x+2

e TH2: 0<x<l=> BPT & -212

x+2 x<-1

<x®x2—x—2>0@[x>2 =>xed.
Két hop hai truémg hop, suy ra tip nghiém ciia bt phwong trink I3 S =(1;2).
Chen B.
Vi dy 7: Biét tip nghiém S ciia bét phuong trinh log, (9* ~2) <1 1a khoing (a;5).
Tinh hiéu s b—a.

A. b—a=log,10. B. b-a=1.

2 : 5
C. b~a=log,—. D. b-a=log,—-.
a og95 392
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L& gidi

= § =(log, 2;l0g, 5)

9°-2>0 9" >2 x>log, 2
Taco 10g3(9"-2)<1®{ { { &

<> =
9" _2<3 9 <5 x<log,3
a=log,2

Suy ra
Y {b=log95

:>b—a=log95—log92=log9%.

- Chgn D. .
Vi dy 8: Tim tip nghi¢m S ciia bt phwong trinh 2+log, (2x) > 2log, (x+2).

A. §=(2+). B. S =(-0;2)U(2;+x).
C. s={2}. D. §=(06;2].
Léi gidgi

it phuong trinh 2-+1 21 2 #>0.5+2>0
Bit inh 2 2x)2 +
4t phuong +log, (2x) 2 2l0g, (x+2) & log, (8x) 2 log, (x +2)’

x>0 x>0 x>0
< , & , & =>x=2c85={2}.

8x2(x+2) (x-2)'<0  |x=2
Chegn C.
Vi dy 9: Biét tip nghiém S cia bét phuong trinh log,, (4x*) 2 log,, (12x~5) 1a mot
dogn. Goi m, M 14n Iugt 13 gié trj nho nhét, gi4 trj 16n nhét cia tap .S . Méi lién hé gitta
mva M la _

A m+M=3. B. m+M=2.

C. M-m=3. D. M—m=1.
Loi gidgi

) ] R 12x-5>0 12x-5>0
Bat phuong trinh logy, (4°) 2 log,, (12x-5) =1 *, | " & 4x ~12x+5<0

5
12x—-5>0 *> 1
@{ f i, 2 jolaiasfld]
(2x—5)(2x—1).<_0 lesg 2 2 22
2 2
-.gin=§,m=lsuyraM+m=l+£=3.
2 2 2 2

Chen A.
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Vi duy 10: C6 tit ¢4 bao nhiéu gié tri nguyén ciia a dé bit phurong trinh
2log, a—3+2x.log, a—x* <0

) 2 ) .2
nghiém ding véimoi xc R ? '
A.5. - B.6
C.7. o 7 D.S. R

Lévi gidi _
Bét phuong trinh 2log, a—3+2x.log, a—x* <0 < x* ~2x.log, a~2log, a+3>0.
Dit ¢ =log, a, khi 6 bt phuong trinh tré thanh x* —26x-2¢+3>0 (*).

2

Bét phuong trinh (*) nghi¢m diing véi moi x &R khi va chikhi A7, <0

P -(-2t+3)<0 1 +2-3< 0 -3<t<l & -3 <log, a<l<:>%<a<'8..
2

Viy cé tht ca 7 gia tri nguyén &ia a thoa man yéu ciu bai tods.”

Chon C,

Vi du 11: C6 tht c4 bao nhiéu gié tri clia x thoa mén ddng thoi hai didu kién x +% 1a

56 nguyén va log, V5—x <log, 3—x ?

3 3

A. 1 ' o B. 2.
C. 3. ' : D. 4.
Loi gigi
‘ x<3
Xét bat phuong trinh logl J5-x < ‘log1 (3—x) <:>{
’ 3

3 J5—x>3-x

x<3 x<3 ) 3
L -~ 2 1I<x <,
T |kt -5x+4<0 7 [(x-1)(x-4)<0 |

Mit khac x + % 13 s6 nguyén < 1{;_1 12 s nguyén <>3x+1 chia hét cho 3.

3x+l=6 |*

Taco l<x<3 ©4<3x+1<10> S
Ix+1=9 x

Wioo Wik

Véy c6 tht ca 2 gid tri clia x théa min yéu clu bai todn.
Chon B.
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3 ¥o o ke dinis enint: 352

Vi du 12: Goi S, 14 t8p nghiém cia bét_,phuong trinh log, (x+5)+log, (3-x)>0 va
z

S, 14 tip nghiém cia bt phuong trink log, (x+1) 2 1. Khéng dinh nio dusi ddy ding ?

A. §;nS, =[1;3). B. 5, NS, =[-1;3).
C. 5,nS, =[-1;1]. D. 5,8, =[13].
Loi gidi
Xét bt phuong trinh log, (x+5)+log, (3~x)20 (1).
’ 2

Ta.cb (1 x+5>0,3-x>0 ~5<x<3
ach (1)< Iogz(x+5)*1082(3"x)20¢> log, (x+5)2log, (3—x)

{—5<x'<3 {-—5<x<3

©-1<x<3—> S, =[-13).
x+523—x 2x=2-2

Xét bit phuong trinh log, (x+1) 21 log, (x+1) 2 log, 2 <> x 21— §, =[L;+w).

Vay 8, NS, =[-53)n[L+0)=[1;3).

Chon A.
Vi du 13: Tim tip nghiém § clia bét phuong trinh log, (x+2)~log , (x)>log, (x2 —x)—l
T 2 ) o
A. §=(2;+). B. §=(12).
C. 5=(02). D. s=(12].
Léi gidi

Diéu kién: x>1. Bét phuong trigh log i (x+2)~log , (x)>log, (x2 —x)—l X
. 2 N '

&z
; X -x
< - log, {x+2})+log, x* >log, 5
x* *-x *  xX-x
< lo >lo < > =4 0;2).
S22 8T x+2 2 *e(0:2)
Chon C.
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Vi du 14: Tép nghiém cia bit phuong trinh log, (1‘-F16'g1'x'—'10g9'x)<1 “c6~dang
5

S = (—l—;b) véi a, b 14 cic sb nguyén duong. Khing dinh ndo dudi ddy 13 ding vé mbi
d

lién hé gilta a, b ?

A.g+b=4 B. ab=10.
C.a=5h D. a-2b=3.
Loi gidi

| 1+log, x=logsx>0 .
Bét phuong trinh log, | 1+log, x—log, x |<1 < 9
4t phuong ng[ géx gé J I+log, x—log,x <2
5

x>0 x>0 x>0
1
< <ql-log, x—log,x>0<4 1 ) 19 1 14> =<x<3.
—— < -
1-log, x—log,x <2 2 o8y ¥ 2 9%<x<9®

Suy ra tip nghiém S ciia bét phuong trinh 13 S =[-§;3)=(—1—;bJ:> a=b=3.
a
Chon C.
Vi du 15: Hoi ¢6 bao nhidu gié trj nguyén x trong doan [-2017;2017] thoa man bét

phuong trinh log, x—log, x <log, x.log, x .

A, 2017. B. 4026.

C. 2018. D. 2016.
Loi gidi
Bét phwong trinh <> log, x <(1+log, x).log, x = log, (3x).log, x (1).

: I log, (3x
s Néux>lsuyra(l)e log, x.log, (3x) 21 log, x.log, (3x) 21
log, x
& L8:3% 1 log, x2S a2,
log 5 3

e Néu x=1 suyra (1) luén ding.

s NéuO<x<lsuyra (1) < log3x<1<>0<x<l,

5
P = — p
Viy tip nghiém cia bat phuong trinh 13 23 . Ké hgp me[-2017;2017] suy ra

O<x<l
¢6 tAt c& 2016 gié tri nguyén m thoa man yéu ciu bai toan.
Chon D.
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II. BAI TAP TU LUYEN [TT6094]
Cén 1: [564685] Nghiém ciia bt 'phuong trinh log,(x+1)—2log,(5—x) <l-log,(x-2) la:

A, —d<x<3. _ B. 2<x<3.
C.l<x<2. D. 2<x<5.

Ciu 2: [564686] Bét phwong trinh 2log,(4x-3) +10g% (2x+3)<2 c6 tip nghiém la:
A. (§,+oo B. [2;3}
4 4
C. [2;3} D. [E,m)
4 4

C#éu 3: [564687] Tap nghiém clia bét phwong trinh log, ,(x+1) >log, ,(3—x) la:

A. S =(~x;3) B. 8 =(1;+<0)
C. S=(13] D. §=(-1I)
Ciu 4: [564688] Nghiém ciia bt phurong trinh log, (x+1)—2log,(5—x) <I-log,(x~2) 1 :
A 2<x<5 _ B.1<x<’2
C.2<x<3 D. Dép sb khac.
Ciu 5: [564689] Tdp nghiém ciia bit phuong trinh —4 < —lgx < -3 1a:
A. (34). | B. (0;1000) L (10000; +<0).
C. (1000;10000). D. V4 nghi¢m.

Ciu 6: [564690] Giai bat phwong trinh : log, ¥x* —5x+6 +10g% Nx—=2> %log,f(x+ 3).

A 3<x<5 B. x>5
C.x>3 D. x>+/10

Chu 7: [564691] Nghiém ciia bét phuong trinh Iogé (x* —6x+8)+2log,(x—4) >0 1a:

A. . x>4 B. x<2
C.V6 nghiém , D. 0<x<l1
Ciu 8: {564692] Nghiém ciia bat phuong trinh log,(x+1)-2log,(5—x) <1-log,(x~2) la:
A 2<x<3 , B. Dap sb khéc
C.2<x<5 D.l1<x<2
Ciu 9: {564693] Tép nghiém ciia bit phurong trinh 2log,(x—1) <log,(5—x)+1 1i:
A. [3:5] | B. (3]
C. (L5) D. [-3;3]
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Céu 10: [564694] Tap cac sb x thoa man log, ,(x~4)+1>0: . -

A (465 - 7 B.[6,5+0)
C. (4;+4w) D. (—=;6,5)

Cau 11: [564695] Bt phurong trinh 4log,, x-+log,5>3 co nghigmla: ... . _ _._
A 5<x<s | B. 0<x<5;x25

C. x<5x25 - D. 0<x<—x21

b

Cau 12: [564696] Tap cic sb x thoa man log, ,(x—4)+120 1a:

=

B. [E,ﬁoj
2

C. (4;+) D. (4;%}
Ciu 13: [564697] Tép nghiém ctia BPT — Y572 >0 Ja;
= : log (x—-4)-1 .
A S=[5+w)  B.S=[4-2;4)
C. §=(4;+w) . D. S =(4+2;+x)

Ciu 14: [564698] Cho bét phuong trinh log, -[2x+1|>1 c6 tip nghiém 1a 5. Khi 46
R\S bing: |

A, —oo;——I— |\ ——7—;+oo B. (—m;—g}u[—l;m)
2 20 2 20
C. (—w;—g)u( ! +oo] D. Dip sb khc.

Cau 15: [564699] Bt phurong trinh: log,(2x—1)—log, (x—2) <1 ¢6 tip nghigm 12:
2

A. 1:% ;3:| : B. (2;4x).
S :
C. (2,2}. D. (23]
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Moon.var:

Hos 58 ke dnh rvoh |

Céu 16: [564700] Tap nghiém cha bét phuofng‘trinh log,(2x" -x—1)<0 la:
3

N o 32)
c. [W;1—;/EJU(1+;/I_7;+00). | D. (—oo;O)U[%;HOJ.

Cau 17: [564701] Giai bét phuong trinh log, (x+9™)>1000.

A, x>3. B. x>0.
C.0<x<3. D. -9® < x<0.

Chu 18: [564702] Gisi bit phwong trinh log, (x+4°®)>-1000.

2

A, 4® <x<2. B. x>0.
C. —21°°°<x<0._ D. 0<x<2,

Ciu 19: [564703] Gidi bét phuong trinh log, (x* ~1)+log, (x+1)>1000.
3
A, x>149 B. x>2'%_1,
C. x>3001. D. 1< x <3001
Ciéu 20: [564704] Giai bat phuong trinh log, (xz —1) —log, (x-1)<1000.
A xeR. B. xe@.
C.l<x<2"0_1 D. x>1.

Cau 21: [564705] Giai bit phwong trinh Iog1 (log, (3x-1))* > 0.

A.%<x<1. _ _ B. x>1.
C.1<x<§-. D.E<x<1.
2 3

Cau 22: {564706] Giai bit phuong trinh log, x +%log i (x—2)>1000.

Al x> 141445, B. x>1+2+2/%%
C. 2<x<14+1+4%, D. 2<x<l+2+2%°
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. o e N7
Cau 23: [564707] Giii bt phwong trinh log, (logz 2 1] >0.

x-1
A. 0<x<l. B. x>1.
C. x>1 hodic x<0. D.l<x<2.

. _. . . 52017 .
Ciu 24: [564708] Gisi bit phuong trinh log, (10g3 x ) >0,
2

x—1
A.§<x<9. S S -----B;-l<-i~<§.
2 2
3
C.x>5. D.l<x<9.

Cau 25: [564709] Nghiém cla bat phuong trinh log 4 (2x-1)>log, (4x+1). .
A. x & (—o0;0) (2 +) B. xe(—%;o)u(z;m).
C. x€(2;+) D. xe(O;%}u(Z;m}.

Ciu 26: [564710] Nghiém ctia bt phuong trinh log] x—log, (2x)-520 I
z
A. xe[O;iJu(9;m). B. x €[3;+w0).
C. xe(O;%]u[S;-l—oo). D. xe[—w;%]u[Q;m).

Ciu 27: [564711] Nghiém ciia bit phuong trinh log, (x2 +Xx+ 2) >log ; —}[_— 1a:
3 xVx

2

A.xeR B.x>2
C. x>0 D.xz22

Cau 28: [564712] Nghiém cia bt phuong trich log, (2x+1)> log, (x—1) 1a:

A, x21. B. 0<x<l.
C. -2<x<l. D.x>2; 0<x<l.

Ciu 29: [564713] Nghiém ciia bt phuong trinh log, (x—3)+log, (3x+ 1) >5 1

A, x>3. B. —%<x<5.
C. x25. D. x>5.
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3 2
Chu 30: [564714] Tim t4p nghiém cua bét phong trinh log? [x—%]uog] (x—%] <2
3

A. x=3, B. S=G;2).

C. S =(-1—;1J. D.§ =(1;5].
2 3

Ciu 31: [564715] Bét phuong irinh log, (3x*)+log, V3 > % c6 tip nghiém la;

A xe(3m) B. xe(();%]u(l;m) -

C. xe(l;%'/g)u(3;+oo) D. xe(l;ﬁ)u(?w;ﬂo)
Céu 32: [564716] Nghi¢m ctia bét phuong trinh x +log, (x+1)>3 1a:

A x>-1. ' B.x>-2.

C.x>2. D. x>0.

X

Céu 33: [564717} Nghiém cia bét phirong trinh log, % >log, (2°+2) 1a:
F

A xeR. B. x>0,
C.x>1. D. x>1.
_Céu 34: [564718] Giai bat phuong trinh log, {x—1)+log, (x+1)+Ilog H-x)<1:
3 3
A x>1. B.x<5.

C.l<x<5. D.2<x<5.

Cau 35: [564719] Giai bit phyong trinh log, [logl x+log, x- 3J <1:

2 %
A x>0. B.(l]35x<1.
2 2
C.x>£. D.0<xsl.
2 2
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Ciu 36; [564720] Giai bit phuong trmh log, (logz 1: 2x] >0
+x

3

A —1<x<0, B. x<0.
. x>0
C.x=20. D.[ .
L x<-1

Ciu 37: [564721] Giai b4t phwong trinh log, (1—210g9 x)<1:
Al x<.%.... e e s S C A Bex >3 Ll

C.1<x<3. _ D.l<x<3.
9 _ 3
Ciu 38: [564722] Giai bt phwong trinh log, Vx* —5x+6 +log, Vx-2 >%10g1 (x+3).
_ 3 3

A. S=(3;\/l_0). | ‘

o)

C. 5=(3;9). o D. § =(10;4).

Ciu 39: [564723] Biét tp nghiém S ctia bit phrong trinh log, (4x )> log,,(12x-5)

12 mét doan. Goi m, M 1an hrot 13 g1a tri nhé nhét, gi4 tri 16n nhét cua tap § . Méi lién
hé gitta m va M la

A.m+M=3. _ B. m+M=2.
C. M—m=3. D M—m=1.
Ciu 40: [564724] Nghiém cia bit phuong trinh 32 3 9 1y

A x>2. S B. x>—1—
100
C. x>-2. © D. x>100.
Ciu 41: [564725] Bit phuong trinh log,” x+3log, x+2<0 c6 tip nghiém S =[a;b].
z 2

Gié trj ciia b bing

A. 16. B. 12.

C.8. D. 4.
Céu 42: [564726] Khoang nghiém ctia bat phuong trinh log , , (x+2)2 0 chira khoang
nao dudi day?

A (~5i2). B. (/5;490).

C. (—2;40). D. (—2;«/5).
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DAP AN TRAC NGHIEM

01.B | 02.C | 03.D | 04.C | 05.C | 06.D | 07.C | 08. A1 09.B | 10.A
11.B | 12.D | 13.D | 14.D | 15.C [ 16.C | 17.B | 18.C | 19.A | 20.D
21.D | 22.A | 23.B | 24.C | 25.C [ 26.C | 27.B | 28.C | 290.D | 30.C
31.C | 32.C | 33.B | 34.D | 35.B | 36.C | 37.D | 38.D | 39.A | 40.B
41.C | 42.B
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PHUONG TRINH, BAT PHUONG TRINH LOGARIT CHUA THAM sG
[TV6095]

1. Vi Dy MINH HQA
Vi du 1: [PE THI THPT QUOC GIA 2017] Tim gia tr thyc cia tham sb m dé
phuong trinh log? x—mlog, x+2m—7=0 c6 hai nghiém thuc x,,x, thoa min xx, =81.

A. m=-4. B. m=4.
C. m=8l. ' D. m=44.
Loi gigi

Piéu kién: x> 0. Dat t=log,x v4i x>0 —> te(—oo;+00).
Khid(’),phuonguinh_logix—mlogjx+2m-7=O<:>t2-mt+2m-—7=0 (*)
Dé phuong trinh (*) c6 bai nghiém phan biét <:>A=m2—(2m—7)=(m—1)2+6>0, Ym.

f, =log; x,

Véi meR, phuong trinh (*) ¢6 hai nghiém ot +t, =log, x +log, x,.

t,=log,x,
<+t =log; (xx,) ma xx, =81 va £ +4, =m (hé thirc Viet).
Suyra m=log,81=log,3*=4.

Chon B.

Vi dy 2: Tim tht ci cac gié trj cha tham sb m @8 phucmg trinh 4(log2 \/;)2 ~log, x+m=0

2

¢6 nghiém thude khoang {0;1).

A.mzl. B. m=0.
4
C.0<m<l. D.msl.
4 4
Loi gidgi

Piéu kién: x> 0.

Phuong trinh 4(10g2 w/;)z —log, x+m=0¢ (log, Jc)2 +log, x+m=0
2
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Dit ¢ =log, x v6i x(0;1) suyra 7 €(—o0;0), khi d6 £ +t+m=0&m=—1—1=f(1).

Taco f'(t)=-2t—1:>f’(t)=0@—2z_1=o@t;.%.

X¢ét bang bién thién ctia ham s§ £ (¢) véi 1 € (—o;0).

Ta thiy dgphﬁong trinh @3 cho ¢6 ﬁghiém thudc doan (0;1) thi phurong trinh £ (r)=m
¢6 it nhit mét nghidm, khi 6 m < %.
Chgn]). . . e - P FE S o e B e AT

Vi du 3: Hoi c6 bao nhiéu gia tri nguyén cia tham s& thuc m @& phuong trinh 16garit
log? x++flogs x+1-2m—1=0 c6 nghiém thudc doan [1;3‘5:| )

A3, B.2.
Loi giai

it 1 =flog x+1=>logl x=£ —1. Véi 1< x<3% suyta 1<r<2.

Phuong trinh 43 cho trd thanh ¢ +¢ =2m+2 (*).

Phuong trinh d3 cho ¢ nghiém thudc doan [1;3*5] <> (*) conghiém 1<7<2.
Xétham sb f(t)=1"+¢ véi 1<¢ <2, tathdy f() 12 him ddng bién trén doan [1;2].
Suyra 2= (1)< f(1)< F(2)=6, Vee[1;2]. |

Véy phuong frinh ¢6 nghiém <» 2<2m+2<5<>0<m<2 suyracod 3 gia tri nguyén
ctia m thoa mén yéu cdu bai ton.

Chon A.

Vi du 4: [PE THI THU THPT CHUYEN PH VINH] Tim tit c4 gi4 tri thyc ctia tham

s m dé phuong trioh *———=— = m c6 hai nghiém thyc phin bigt.
log, (x+1)
A, —l1<m=0. B. m>-1.
C.Khdng tdn tai m. D. -1<m<0.
Lo gidi
s x>-1 x>-1 >—1
Diéu kién: = = * .
log, (x+1)=0 x+123° x=0
520
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2
—— % 4a ang D =(—1: _

oz, (5 71) trén khoang (~L+e0)\{0}
2.[10g3 (x + 1):" B 2

Xéthamsé f(x)=x

Tacd f'(x)=1- >0,VxeD.

logy (x+1) * In3.(x+1).log} (x+1)
Do d6, ham sb d4 cho ddng bién trén mbi khoang (-1,0) va (0;+0).

Bang bién thién

| M
— | 1

+
—| o
3

8
8

Dya vao bang bién thién, suy ra phuong trinh f(x)=m c6 2 nghiff:ni < m>-1.
Chon B.

Vi du 5: [PE THI THAM KHAO BQ GD - BT 2017] Hoi c6 bao nhiéu gid trj m
nguyén trong doan [-2017;2017] dé phuong trinh log(mx)=2log(x+1) c6 nghiém
duy nhét ?

A. 2017, B. 4014,
-C: 2018. . = D. 4015,
Loi gigi
[mx>0
x>-1
Phuwong trinh log(mx)=2log(x+1) < [ ¥+1>0 & \ , :
,  |mx=x"+2x+1 (%)

log(mx) =log(x+1)
Dé thdy x =0 khong 14 nghiém cita phwong trinh (%).

x>-1 2
Khidé,vé'i{ 4o thiphuongtrinh (¥) tré thinh m=ﬁ%ﬁ‘£=x+l+2=f(x),
X X

Xét ham sb f(x)=x+l+2 trén khoang (—1+=)\{0}, ¢6 f’(x)zl—iz.
x x

Phuong trinh f'(x)=0<

Fel-Lrol0) o (Chr)\0)
1 @{x2_1=0 -

l-— =
x2
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Bing bién thién

x | —1 0 1 o |
10 I - 0+
0 +oo +?0
@) \ / |

. . ‘ . m=4
Dua vao bang bién thién, d¢ phwong trinh £ (x)=m c6 nghiém duy nhét < [ <0’
' m

4 ~ m=4
Két hop véi diéu kién me[—2017;2017] vi meR suyra - .
m=-2017,-1

Chon C.

f(x)>0 (g(x) > 0)
f(x)=g(x)
chi cln xét didu kién hoic 13 f(x)>0, hojc 1a g(x)>0 dé tim diéu kién ciia bién x.

Chit y: Véi dang phuong trinh log, f{x)=1log, g(x) @{ thi ta

Viy ta s chon ham sb khong chira tham s6 m dé tim didu kién bai toan.
Vi dy 6: Cho phuong trinh log ; (mx—6x")+2log, (~14%" +29x-2)=0 . Hoi c6 bao
2

nhiéu gia tri nguyén m dé phwong trinh d3 cho c6 ba nghiém phan biét ?

A. 0. B. 4.
C. 18. D. 15.
Loi gidi

Phuong trinh <> log, (mx— 6x° ) =log, (—14)\:2 + 29x-2)
1 <x<2
14

—14x* +29x-2>0
f=—
mx—6x> =—14x* +29x-2

m=6x* —-14Jc+29—E (*)
x

Phuong trinh dd cho c6 ba nghiém phén biét <> (*) c6 ba nghiém phén biét xe (%;2}
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Xétham s§ f(x)=6x" -—14x+29—2 trén khodng (%4;2].
x

. :1
2 12x° —14x* +2 * 1
Tacé f(x)=12x-14+ 2= "F 2 o0 do —<x<2).
acé f(x)=12x = e = f'(x) le( T )
2
Biéng bién thién
x |1
s 1 2
f{x) + - 0 +

MI% S |noafm

\m /""‘

Duya vao bang bién thién, dé phuong trinh (*) c6 ba nghiém phan biét khi 19 <m < % .

| . /’

-

Véy khong c6 gié tri nguyén ndo cia m thoéa mén yéu cdu bai toén.

Chon A,

Vi du 7: Biét ring phwong trinh log, (x4 —-3x% 43x —m) —log,, (4—Jc)3 =log, (x+1) c6
ba nghiém thyc phén biét khi va chi khi m € (a;5). Ménh dé ndo duéi ddy 13 ding ?

A. ab=—4.  B.a-b=1.
C. b—2a=6. D. 5a=2b.
Loi gidi

4—-x>0,x+1>0

Ph trinh ' .
e < {log5 (x4 35"+ 3x—m)—log5 (4—x)=log,(x+1)

-l<x<4 ~1<x<4
tog, (* =32+ 3x—m) =log, [ (4—x) (x-+1)]  |x* -3 +3x—m=(4-x)(x+1)

-l<x<4 -l<x<4
< m——-x“—3xz+3x-—(4-i—3x—.7c2)4:;> m=x'-2x"-4=f(x) (¥)

Phuong trinh d4 cho c6 ba nghiém phan bigt <> (*) c6 ba nghiém phén biét x & (—1;4)
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Xétham sé f(x)=x*-2x* -4 trén khodng (-1,4),c6 f'(x)=4x"-4x.

. ~l<x<4 —1<Jf<4 x=0
Phuong trink f'(x)=0< < =
4x* ~4x=0 x(x—l)(x+1)=0 x=]
Bang bién thién
z | -1 0 1 4
ey, .0+ 0 -

- —4 220
f(z) / \ / |
-5 - -5 . —

Dya vao bang bién thién, dé phuong trinh f (x) =m ¢0-ba nghiém phin biét thuje

khoang (—1;4) khi v& chi khi .'5.<_""?§_,4f=?‘f"E("5;“4).=(‘?5b):’{a. _Z=.>b,—2a..=6-

Chon C.
Vi dy 8: Hoéi c6 tit c4 bao nhiéu gi4 tri nguyén m dé phwong trinh duéi day c6 hai
nghiém phén biét x,, x, thoa man diéu kién x> +x° >1.

2log, [23!:2 —Jc-lh23*1»1(1—2111)]-!—logl (x2 +mx—m2)= 0
2

A. 2. B. 0.
C. 1. D. Vo sb.
Loi gidgi

Phuong trinh <> log, |:2;vc2 —J\:+21'm(1—2m):|=log2 (x2 +mx-—m2)=0
< 2x* ~x+2m(1-2m)=x* +mx—2m’ >0
x* —(14+m)x+2m—2m* =0 1)
@ .
X +mx—2m’ >0 (2)

=2
Phuong trinh (1) trong duong v6i (x—2m)(x+m)—(x—2m)=0< {x[ "

x,=1-m
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Y P
‘Moon.wR -

2m#l-m Im=1 m>

(2m) +(1-m)’ 21@{5;»:2—2»120C>

, dm* +2m* —-2m* >0 m >0
Va x,, x, théa mén dieu kién (2) < S .
2m" +m-1<0

(l—m)z—i—m(l-—m)—Zm2 >0

—1l<m<0
Két hop hai diéu kién trén, ta dugc | 2 . 1 lagidt cén tim.
— < m < —

Véy khong c6 gié tri m nguyén nao thoa min yéu ciu bai todn.

Chon B,

Vi dy 9: [PE THI THPT QUOC GIA 2017] Xét céc s nguyén dwong a, b sao cho
phuong trinh allnzx;_kblnx-;5=0 c6 hai nghiém i}hé.n biét x,, x, va phuong trmh
5log® x+blog x'+a=b ¢ hai nghiém phén bigt x,, x, théa man xx, >x,x,. Tim gia

tri nho nhét S__ ciia §'=2a+3b.
A. S, =30. B. S, =25.

C. S, =33. D. S, =17.
L3 gidi
In®x+blnx+5=0 '
Phuwong trinh {° " " 00" 66 hai nghiém phiin bidt <> A = b —20a> 0.
S5log’ x+blogx+a=0
1113«¢1+1nx2=—2 111(x1x2)=——Il _
n T , a a XX, =€
Theo hé thirc Viet, ta c6 =

b b 5
logx, +logx, == log(x3x4)=—§ x,x, =103
-8 _E B _k b b 5
Mat khac xx, >xx, <> e *>10° ©he “>hl0 o ——>——hi0a>-—.
' a 5 In10
Vi a, b la hai 58 nguyén duong suyra a>3=>a_ =3 vi b’ >20a>60=b =8.
Vay S, =2a_ +3b, =23+3.8=30.

Chon A.
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Vi dy 10: Tinh tdng tit ca cac gid iri cia tham s§ a dé phuong trinh sau cé ding 3
nghiém.

477 1og 5 (x2 —2x +3) +277% Jog s (2|x—a]+2)=0
1\

C. 2 D. 3.

Loi gidi B | N
Phuong trinh <> 2.4 log, (x* 2 +3)-27 log, (2|x—d| 4}2) =0 (¥

x* —2x+3>0, VxR nén (*)

& 27 log, (x* =2x+1+2) =2%"log, (2lx—dl+2).

Xétham s§ f(¢)=2".log, (t+2) 12 ham sb ddng bién trén khodng (2;+0).

Suyra t,=t, < f(4)=/(t,)- Do d6 (x) & f(¥* =2x+1)= f(2}x—d]).

41-2a=0 1
<::>x2—2x+1=2|x—a|©(x2—2x+1)2=4(x—a)2<:> xz ? ( )
X’ —4x+1+24=0 (2)
Xét Ay =2a~1 v A, =4—(2a+1)=3-2a.
Phuong trinh d3 cho ¢é 3 nghiém khi va chi khi:
TH1. Phuong trinh (1) c6 nghiém kép va {2) c6 hai nghiém phén biét.
TH2. Phuong trinh (1) c6 bai nghiém phan biét vi {2) c6 nghi§m kép.

TH3. Phwong trinh (1),(2) c6 hai nghi¢m phén biét va c6 mt nghiém tring nhau.
R R 1 3
Giai 3 trudng hop ta tim duge a=z.a=7, a=1suyra Yy a=3.

Chon D,
Vi dy 11: [PE THI THPT QUOC GIA 2017] Tim tit ca gi4 tri thirc clia tham s6 m dé
bit phuong trinh logZ x—2log, x+3m—2<0 c¢6 nghiém thyc.

A.m<l, B. m<1.
C. m<0. D. m<§.
Loi gidi

Piéu kién: x>0.Pat # =log, x, v6i x>0 suy ra f € (~o0;+00).

Phuong trinh d3 cho tr¢ thinh £ ~2:+3m—2<03m<—£ +2t+2  (*).
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D# bt phong trinh (*) c6 nghigm <> 3m < M = max {~1*+2¢+2} (1).

(—0340)

Tacé - +2t+2=3—(t-1)" <3, VseR suyra M=3 (2).
Tir (1), (2) suyra 3m<3<>m<1 12 gi trj cAn tim.

Chen A.

Vi dy 12: Tim m & biit phuong trinh log,, (+—2x+m+1)>0 nghiém déing voi moi x < R.

A. O<m<l. B. m>1.
C.m>2. D.mz2.
Loi gigi
Ta xét hai trudong hop

+) THi: Véi m>1, suy ra log,, (¥ —2x+m+1)>0 o x* ~2x+m+1>1.

& x* —2x+m>0 nghiém ding véi moi xeR < A’ <0< I—m<0 <> m>1.

+) TH2: Véi 0<m<1, suy ra Iogm(xz-2x+m+1)>0<:>x2—2x+m+1<1.

Xt -2x+m<0.
Vihé s6 ciia x* duong nén bét phwong trinh ¢6 nghiém hodc vo nghiém.
Két hop hai tradmg hop, ta duge 7> 1 13 gid tri cin tim,
Chon B.
Vi du 13: Hoi c6 tét ca bao nhiéu gia tri nguyén m trong doan [-10;10] 48 bét phwong
trinh 1g? x-m.lgx+m+3<0 ¢b nghiém x>1.

A. 16. B. 11

C. 12, D. 19.
Loi gigi
bit r=igx suyravéi x>1 — ¢>0.Khi d6 bét phuong trinh d4 cho trés thinh
£ —mi+m+3<0 £ +3<m(1-1) (1)

iy < . 43
THL. V&i £ <1, suy ra bat phuong trink (1) < = zm (2).
2 2 _

Xeétham s6 /(1) = +13 trén khodng (0;1), ta c6 f'(t)=‘(—"2T’)-2—3<0, vre(0;1).

= (2) c6 nghiém ¢ &(0;1) khi va chi khi m< f(0)=-3.
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#+3

TH2. V6i > 1, suy ra bit phuong trinh (1) <> m >

= (3.

#+3 '
: trén khodng (L;+),tacé f'(f)=0<1=3.

Xéthamsb f(7)=
Bang bién thién

.t___1___ '3 o _ .

9

o | \ /"‘

= (3) <6 nghiém ¢ € (1;+0) khi va chi khi m>f

V" m<—3 k':th di"‘ ki" EZ = “‘105_9,_8)_7)—6:
) , m= .
V| ez 2 ORGSR <m<i0 ~5,~4,6,7,8,9,10

Chon C.

*
Vi dy 14: Cho bét phvong trinh 1+ log, (x* +1)> log, (mx* +4x +m). Tim tht c4 gid tri
thirc cfia tham s6 m @& bat phwong trinh d3 cho nghiém ding véimoi xeR.

A 2<m<3. B.2<m<3.
C.m=3. D. m<2,
Loi gidi

Bét phuong trinh da cho <> log, [5 (x* + 1)] > log, (mx® +4x+m)

) ) (5—-m)x* —4x—m+520
& 5(F+1)zmd +4x+m>0 & (), vxeR.
mx’ +4x+m>0
TH1. m=0 hoic m=5 : (*) khong thoa man.
, =5-m>0
Ay =4=(5-m)' <0
TH2. m#=0 vim=5: (*) < | < 2<m<3,
a=m>0
AEZ)—4_—m2 <0

Véy me(2;3] 12 gid tr can tim.
Chon A.
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Vi dy 15: Cho hai s6 thyc x,y théa man 9x* —4y* =5 vi log,, (3x+2y)—log, (3x-2y)=1.

Tim gi4 ttj 16n phét clia tham 6 m sao cho nghiéin (%) théa mén didu kign 3x+2y <5.

A. 6. ' B. 10.
C. 3. D. 5.
Loi gidi

X, Y>>0

Dit X =3x+2y, ¥=3x—2vy va didu kién .
) rrey ey '{l¢m>0

(3x+2y)(3x—-2y) =5 AY =5

Theo bai ta, ta cd - s '
{10gm (3x+2y)-log, (3x—2y)=1 long—log3-E:1 (%)

Phuong trinh (+) < log,, X -log, 5+log, X =1

o log, 5+1).1o
@1083X+10g3X210g35+1<:>10g3X=( g, 51) log, m
log,m I+log, m

(1).

Mit khéc 3x+2y <56 X <5< log, X <log, 5 ().

<0 (3).

! .
Tt (1), (2) suyra (log, 5+1).log m <log,5 <:>-——-——10g3m log,
1+log, m 1+log, m

bat M =log,m, tacod (3)<:>—1<M<Iog35<:>—1<log3mslog35<::>%<m£5.

Viy gid tri I6n nhét cia m 13 5.
Chon D.

. BAI TAP TU LUYEN [TT 6096]

Céu 1: [566098] Phuong trinh log,” x—log, x* +3=m c nghiém x e[l 8] khi va chi
khi a<m<b. Khi 6 tich s§ ab bing:

A. 6. | B. 12.

C. 18. D. 54.

Céu 2: [566099] Sb gi4 tri nguyén cia m dé phwong trinh log,? 2x+log, 4x* +4—m=0
. 13
codnghiém xe| —;= | 1a:
ghitm xe( 132 |

A L
C. 3.

=
S W)

529
http://tieulun.hopto.org



Ciu 3: [566100] Phuong trinh 9° ~3m.3" +3m=0_cd hai nghi¢ém phin biét khi va chi

Khi m > %;(a >0,b > 0). Gid trj ciia bidu thite (b—a) bing:
A -1 B. 2.

C. L S D. 2. N

Cau 4: [566101] Phuong trinh m.16* +(2m+1)4* —3m+4=0 c6 hai nghi¢m trai déu
khi va chi khi:

4 [m<0
A.O<m<—. B. 4
3 m>—.
3
3
C.0<m<z. _ D. m=0.

' o o T oxe2 C ’

Ciu 5: [566102] Gid trj cia m dé phwong trinh 5" ~m.5 > +3+m=0 c6 hai nghi¢ém
phén biét sao cho x, +x, =2 la:

A. -2, B. 2.

C. 3. D. 4.
Céiu 6: [566104] Gié trj ciia m dé phuong trinh log,, ;(x* +mx+m—1)+log, zx=0
¢6 nghiém duy nhét 1

A.m>-5. B. m<-2

C. m>-3. D. m<1.

Ciu 7: [566106] Cho phuong trinh 9* —10.3* +1—m=0. Gid tri cia m dé phuong trinh
trén c6 2 nghiém 1a:

A. me(-24;1). B. m e(1;+0).
C. me(—5;+x). D. m & (—24;+o).
Ciu 8: [566108] Vi gi4 tri ndo ciia m ¢é phwong trinh 9" —3* +m = 0.¢6 nghigm?
A m >l. B. m<0.
4
1
C. m>0, D. msz.

Céu 9: [566110] Phwong trinh (m—~2)22**" —(m+1).2"*2 + 2m = 6 ¢6 nghiém khi:
A.2<m<3. B. 2<m<09.
C.2<m<09, D.2<m<3.
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CAu 10: [566111] Tim m dé phuong trinh 9° —m.3" +1=0 c6 hai nghiém phan biét:

A. m>2 hodic m<-2. B.m>2.
C.2<m<2. D.m<-2.

Céu 11: [566112] Tim m dé phuong trinh: x* —6x* —log, m=0 c6 4 nghiém phén biét
trong d6 ¢6 3 nghiém Iém hon —1 ?
i : : 1
A.—DSmﬁl. B_.—9-<m<1.
2
C.—l_;<m<1. D. Dép én khac.
2
Céiu 12: [566113] Tit ca cic gi4 tri cia m @8 phuong trinh: 2% +m* —m=0 cb
nghiém la:

A.m<0;, m>1. B. 0<m<].
C. m<0. D.m>1.

Céu 13: [566114] Dé phuong trinh: (m+1).16" -2(2m-3)4*+6m+5=0 c6 hai
nghiém tréi déu thi m phai thoa man didu kién:
A. 4<m<-1. B. Khéng tdn tai m.

C. —1<m<§. D. —1<m<_—5.
2 6

CAu 14: [566115] Tim @ dé phuong trinh: x* —4x” +|log, a|+3=0 c6 4 nghi¢m thyc
phén biét:

A.—1—<a<3. B.1<a<3.
27

C.-1-<a<3 D.—I—Sa<3.
3 27

Catu 15: [566116] Tim m dé phuong trinh log V3x—mlog zx+1=0 c6 nghigm duy
nhitnhé hon 1 :

A.m=2 B. Khong tdn tai m.

C.m=-2. ' D. m=42.
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Céu 16: [566117] Tim m d& phuong trinh log} x+log, x+m =0 ¢6 nghiém x €{0;1)?

A . mz21. B.mzi—.

C.ms D. m<l1.

1
4 —

Ciu 17: [566120] Cho phuong trinh log, m = f;— 2% —5x—§ . véi m 13 tham sb. Tht
C4 cac gia tri cia m aé phu:ong trinh trén c6 mot nghiém la:

A. m>4 hodc 0<m<27 B. m24 hoic 0<m=<2,

C. me[2;+oo). D. 2 <m<2?
Chu 18: [566121] Bt phuong trinh 1g? x—mlgx+m+3<0 c6 nghiém x>1 khi gi
tri cha m Ia:

A, (—oo;—3)u[6; +00). B. (—o0;-3).

C. [6;+0). ' " D. (3;6].
Céau 19: [566122] Tim tht c& céc gia tri thue cla tham sb m sao cho phwong trinh
27 =2™" ¢6 nghiém, N o o
A m>-1+242 hodc m<—1-22.
B. m>—1+22 hoic mS-—1—2\/§.
C. -1-2\2 sm<~1+242.
D. 1-22 <m<1+242. _
Can 20: {566123] Tim_tét ¢d cac gia trj thyc cua tham s& m sao cho phuong trinh

L om-166 nghiém duy nhit.

e
A . m=1. B. m=>1.
C. m>l. D. l<mSl.
2 2

Ciau 21: [566124] Tim tht ca céac gia tri thye ciia tham sb m sao cho phuwong trinh
2* + x =m c6 nghiém duy nhit.

A. m=3. B. med.

C. m>0. D.meR
Cau 22: [566125] Tim tit ¢ cc gia tri thyc ctia tham s& m sao cho phuong trinh
4" —m.2* +4 =0 co6 ding hai nghiém phén bigt.

A. 4<m<6. B. m>4.

C.0<m<6. D. m>6.
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Ciu 23: [566126] Tim tit ca cic gi tri thyc cia tham s6 m sao cho phuong trinh
log, (x2 —4x+ 6) =m c6 nghiém kép.

A. m=log, 3. B. m=§.
C. m=log,2. . D. me@.

Cau 24: [566127] Tim tit ca cac gid trj thie cta tham s m sao cho phwong trinh
log, x+log, (x+1) =m cé nghiém duy nhét.

A. med. B. meR.
C. m>0. D. m>1.

Céu 25: [566128] Tim tit ca cac gid trj thyc cia tham sé m sao cho phuong trinh
log, (x+1)+log, (x—3)=m c6 nghiém kép.

A - mel. B. meR.
C. m>0. D.m=-§-.

Cau 26: [566130] Che phuong trinh (3-242 ) +4(3+242 ) =m. Gié tri cia m dé
phuong trinh trén ¢6 nghiém la: ' '
A. me(2;40). B. m&(4;+m0).
C. me[2;+m0). D. m e[4;+0).
Cau 27: [566131] Cho phuong trinh log, (m+2x) = log, (4 - xz)
A. me(-44). B. me(—4;4]
C. me{-4;5). D. me(—4;5].
CAu 28: [566134] Cho phuong trinh log, (m—4x)+2log, (x+2)=0 . Gid tri cia m Gé
2
phuong trinh c6 nghiém trén doan [2;5] la:
A. me[24;69]. B. m<(20;69).
C. me(10;70). D. m e [10;70].
Ciu 29: [566136] Cho phuong trinh log’ x—2log, 2x =m—1. Gié tri c¢Ha tham & m
dé phwrong trinh ¢6 nghiém 14

A. . m=2. B. m>-2.
C. m<2. D. meR.
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Céau 30: [566137] Gia tri cﬁ;a. m dé phuong trinh 9° —(m+1).3" +m=0 cé 2 nghiém
phén biét x,;x, sao cho x’ +x7 =4 la:

A m=9m=-9, B.m=3m=-3.
C.m=9;m=%. D.m=3;m=—£.
DAP AN TRAC NGHIEM

01.B | 02.C | 03.A | 04.D | 05.B | 06.D | 07.A | 08.D | 09.A | 10.B
11.C | 12.B | 13.D | 14.C | 15.C | 16.A | 17.A | 18.A | 19.B | 20.A
21.D | 22.B | 23.C | 24.B | 25.A | 26.D | 27.D | 28.A | 20.B | 30.C
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(NG DUNG M0 VA LOGARIT-GTLN, GTNN CUA M0 VA LOGARIT NHIEU BIEN
[TV6097]

I LY THUYET TRONG TAM VA PHUGNG PHAP GIAI

Céng thite 1: Lai kép: T = A(1+r)" trong 46 A4 12 sb tién ban ddu, ~ 14 1ai suét/ ky
han va 7 12 s6 ki han va T I sb tién ca gbc 14n 1 thu duge. Nhu vdy sb tién 14i Ia
n=T-A=A(l+r) -A

Céng thirc 2: Ting truéng din sb: N =N, (1+r)" trong d6 N, 1a dén s6 nam ban diu,
7 12 t§ 18 ting dén s8/ néim, » 13 sé nim va N va dan s6 nim cin tim.

Céng thiec 3: Hao mon tai san hoiic dién tich rirng bi gidm

+ Hao mon tai san: H = H,(1-r)" trong 86 H, la gié trj thi sén Iic ban déu, H 12 gi4

tri tai sin sau » nim va » 1a ty 1€ hao mon tinh theo ndm.

+ Dign tich rieng bj giam: T =T,(1-r)" trong 6 7, 14 dién tich rong ban diu, T 1a
dién tich rimg sau » pdim va # 13 tf 1 rimg gidm hing nim.

Céng thirc 4: Ting trudmg cita béo hodic ting truwdmg cia vi khudén,

Gia st lugng béo ban ddu 13 7, va mdi gi& lwgng beo ting gip 2 l4n thi sau n gid
lugng béos€ la T =T 2"(neu mo1 g16' ting % 1in thi cong thitc1a T = To-k" )

Céng thitc 5: Giri hang théng s6 tién 13 m (tién)

giri oy vé

[ TY)
¢ w
¢
¢
[

1
>
m

T=m(1+r) +m(1+r) +.. +m(1+r)—m(1+r)—-—-(1+r)
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Moon.va

Céng thirc 6: Tra gép hang thang sb tién m (tién).

vy 1 3 i
»> e L —h
.S m m m m. m
(1+r) -1

T(1+n)" =m(1~'l-r)"_[ +...+’n’*¢:>T(1+r)" =m
¥

II. ViDU MINH HOA
PHAN 1: BAI TOAN LAI SUAT

Vi dy 1: [Trich d& thl TBPT QG nim 20171 Mot ngu'm giri 50 tneu dong vao mot
ngin hang v01 131 suit 6%/ nim. Biét rang néu khong rit tién ra khoi ngan bang thi ¢t
sau méi nim sb tién 1i s& dugc nhap vao goc dé tinh 14i cho n3m t1ep theo. H01 sau 1t nhét
bao nhiéu nim ngudi d6 nhan duge sé tién nhidu hon 100 triéu dong bao gom ca gbc va
14i? Gia dinh frong suot thcn glan, lai suat khong @b va ngu'm dd khongrattidnra

A. 13 nim. 12 o,
C. 14 ndm. - plnam.
Loi gidi:

Goi ne N* 12 s nim cin dé ¢6 hon 100 triéu ddng.
Suy ra 50(1+6%)" >100 < #>11,9 = n=12 nim.

Chon B.

Vidy 2: [Tnch dé thi THPT QG nam 2017]. Pdu nim 2016, ong A thanh I8p mét
cong ty. Tong sb tidn ong A ding dé tra luang cho nhén vién trong nim 2016 1A 1 ty
dong. Biét ring cir sau mdi nim thi tdng sb tidn ding d trd lwong cho nhén vién trong
ca narn d6 ting thém 15% so véi ndm trude. Hoi nim nao dudi dy 14 nim diu tién ma
téng sb tién dng A dimg @ tra hwrong cho nhan vién trong c& nim 1én hon 2 tj ddng ?

A. Nim 2022. B. Nam 2021.
C. Nam 2020. D. Nim 2023.
Léi gidi:

Téng sb tién ng A tra lwong cho nhan vién sau n pim la: T =T, (t+r) =1(1+15%)".
Gidi (1+15%)" >22=n24,95=>n=5.
Chon B.
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Moen.vn
VI du 3: [ S& gléo duc va dao tao Ha N01] Ong Viét dr djnh gul vao ngén hang mot
s tién véi 13i sut 6,5 % ndt nim. Biét ring, cir sau mbi ndm sb tidn 13 58 dugc nhip
vao vén ban déu, Tmh s6 tién t6i thidu x (tridu dong, xeN) dng Viét giri vio ngan
hang & sau 3 nim sé tidn 15i i mua mdt chiéc xe gin mdy trj gid 30 triéu dong.

A. 150 tridu dong. _ B. 154 triéu dong.
C. 145 trigu ddng. D. 140 trigu ddng,
Lai gigi:

Cong thirc lai kép T = 4(1+7)"
Tién 13 6ng Viét 6 sau 3 niim s& 13 tién géo-+ trir di s6 tién ghe ban diu
30

Taco: 4(1+6,5%) 4230 42———_ ~144,26 triéu.
(1+6,5%)" 1

Chon C.

Vidu 4: [Chuyen Dai hoc vinh lan 1-2017) Trong ndng nghiép béo hoa dau duoc ding
13m phén bén, né rét tbt cho cy trdng. Méi diy mét nhém cdc nha khoa hoc Viét Nam
da phét hién ra béo hoa ddu c6 thé dwoc ding dé chiét xuft ra chit co tac dung kich
thich hé mién dich va hd trg diéu tri bénh ung thu. Béo hoa dau duge tha nudi tren mit
nude, Mot ngm:n dd tha mot luong béo hoa dau chiém 4% dién tich mit hd. Biét ring o
sau diing mot tudn béo phét trién thanh 3 lin Iwong dd c6 va tdc d6 phat trifn ciia béo &
moi thdi diém nhw nhau. Sau bao nhiéu ngay b&o s& vira phi kin mit h?

25

A. Txlog,25. B.37,
C. 7x? D. 7xlog, 24.
Loi gidi:

Goi 4 1a hegng béo ban dAu, dé pht kin mit hd hi hrong béo 14 % 4

Sau 1 tudn s6 hrong béo 13 34 suy ra sau » tudn luong béo 1a: 3".4

D4 Iugng béo phit kin mit hd thi 3".4 = 1-33 A= n=log, 1%0 = log, 25= théi gian dé

béo phit kin miit hé 1a: ¢=7log, 25.
Chon A,

Vidu 5: Ban Hung triing tuyén vao trrdng dai hoc 4 nhung vi do khong da nop hoc phi
nén Hing quyét dinh vay ngan hang trong 4 ndm mdi nim vay 3.000.000 ddng dé ndp
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hoc phi vé&i 181 sudt 3%/nim. Sa1_1 khi tht nghiép dai hoc ban_ Hung phdi trd gop hang
thang 6 tién 7 (khong dbi) cing véi 1ai sudt 0,25%/thang trong vong 5 nim. S5 tién T
hang thang ma ban Hing phéi tra cho ngén hang (14m tron dén két qua hang don vi) B

A. 232518 dong . B. 309604 déng .
C. 215456 ddng. D. 232289 dong.
Loi gidi:

Viy sau 4 nim ban Hing n¢ ngin hang s6 tidn 14:
s =3000000] (1+3%)" +(1+3%)' +(1+3%)" + (1+3%) | = 12927407, 43

Liic nay ta coi nhur ban Hing ng ngén hing khoén tién ban déu 13 12.927.407,43 déng,
s0 tién nay bit diu dugc tinh 131 va dwgc trd gop trong 5 nim .
Ta cé cong thire:

_N(1+r)'r 12927407,4(1+0,0025)" .0,0025
(1+r) -1 (1+0,0025)" -1

=T ~232289.

Chgn D.

Vi du 6: Cic loai ciy xanh trong qua trinh quang hgp s& nhin duge mét lwgng nho
cacbon 14 (mdt ddng vi cia cacbon). Khi mot bd phin clia mét cdi cdy ndo d6 bi chét
thi hién twgng quang hgp cling ngung va n6 khoéng nhén thém cacbon 14 nfra. Luong
cacbon 14 cta bd phin d6 s& phin hity mdt cich chém chap, chuyén hoa thank Nito 14.
Biét ring néu goi P(f) 14 s6 phin trim cacbon 14 con lai trong mot bd phén clia mét céi cdy

sinh trudng tir £ nim trwée day thi P(f) duge tinh theo cong thirc P(r) =100.(0,5)75 (%)

Phén tich mot miu gb tir cong trinh kién triic ¢, ngwdi ta thiy huong cacbon 14 cdn lai
trong miu gb do 1 53%. Hay tinh nién dai clia cong trinh kién tric d6.

A. 5530 nam B. 6241 nim
C. 5064 nim D.5248 nim
Loi gidi:

Ta c6: P(1)=100.(0,5)7% =53 => 5248 nim.

Chon D.

Vi du 7: Cic nha nghién cfru cho biét ddn sb ciia thé giéi ndm 1950 13 2,56 ti ngudi va
n3m 1960 13 3,04 ti ngudi. Pdng thosi cic nha nghién ciu con cong bd ring dén sb cia
thé gi6i ting hing nim theo mdt hdm mii theo thdi gian c¢6 dang nhw sau
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P(t)=P(0).¢" trong d5 P(0) la dan sb thé gi6i tai thdi diém chon 1am mée, P(r) 1
dén sb thé gidi tai théi diém ¢ (ndim) va hé s& k 1a hing sb. Hay wdc hrong din 56 thé
gi0i vao nam 2020 ¢6 khoang bao nhiéu ti ngudi

A. =8 ti nguoi. B. = 8,33 ti nguoi.
C. =8,4 ti ngudi. D. ~ 8,52 ti ngudi.
Loi gidi:

Dua vio dé bai ta ¢ 3,04 = 2,56.¢"% = k~0,0172.
Suy ra dan s6 thé giéi ue tinh nim 2020 s& bang P(2010)=2,56.¢""" ~8,52 ti ngudi.

Chon D.

PHAN 2: GIA TRI LON NHAT, NHQ NHAT
Vi dy 1: Cho x, y 12 céc s6 thyc diong thoa mén didu kign Inx+Iny>In(x*+).

Tinh gi4 trj nho nhit cia P=x+y.

A. P=6. B. P=3+22.
C. P=2+3/2. D. P=-J17 +3.
Loi gidi

Tir gid thiék, ta ¢6 Inxy =Inx+iny>In(x*+y) @ 22"+ y o y(x-1)22" (¥).

. 2
Vi x=1 khong théa mén (*) vd y>0=>x>1= P=x+y2 ad 1+Jc=f(x).
x—
2 2
Xétham f(x)=-2—+x trén khodng (L+w), o6 £'(x)= 22+ v,
x-1 _ (x-1)
x>1 2+.J§
Ph frinh f'(x)=0 = .
one 4 (x) <:::M{sz—4x+1=0<:>x 2

Dy vao bang bién thién dd thj ham sé f(x) suyra &ni%f(x)=f(2+2‘ﬁJ=3+2J§.

4y gi4 trj nho nhét cia bidu thirc P 1 3+2+4/2.

“hon B.
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Vi dy 2: Cho hai s thic x,y thoa man x*+ )% >1 va log,,, ; (x+2y)21. Goi M, m

In lwot 12 gi4 trf 16m nhdt, gid trj nho hét cia bidu thic P=2x+y. Tinh M+m.

A 2. B. 3.
C. 4. D. 5.
Léi gidgi e e s

Vix'+y’>1suyra y=log, ,f(x)lahim sb ddng bién trén tap x4c dinh.

Khi 46 log,, , (x+2y)2log, , (¥ +1*) @ x+2y2 22 4y

A 1: . 5 127 2 5

2 2 2 2
Sx —x+y -2y 0& | x —x+— |[+[y -2y+ljS— | x—= | +{y-1) £=
i (x ey -arhsfel 2J U=

Xét bidu thirc P, ta co P=2x+y=2[x—%)+y—1+2<:>2[x—%)+y—1=P—-2.

2
Ap dung BDT Bunhiacopxki, c6 |:2 [x+ %)—r b% —l] < (22 + 12).{

Véy téng M+m=%+(—1)=4.

Chon C.

Vi du 3 {PE THI THU NGHIEM BQ GD - DT 2017] Xét c4c sé thuc a,b thoa min

X+

2

]|

diéu ki¢n a>b>1. Tim gid trj ohé nhét P, oita biéu thirc P =1log? (a*)+3log, (-;i]
B

A P =19. | B. P, =13.
C. P, =14 D. P, =15.
Léi gigi
2
4 4 4
Ta cé log? (a? =4[Iog‘x aJ = = = :
3( ) 3 (log g) (log, a—log, b)2 (1-log, )’
“b
N 4 4
Khi g6, biéu thitc P=———— +3log, a-3= 5+ -
(1-log, b) (1-log,5)" log,b
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a>1
bat r=log, b voi {b>1:>t>0 suy ra P_=f(t)=~4—+§—3.

(-

Xéthami sé f(t),co f'(t)=- z’f(’) 0@"";

-1y -1)
U & _ .
Tinh céc gi tri f(;]:li Ill_l;lllf(f)z-i—oo va 1{1_1)13f(t)=+oo.
Dua vao bang bién thién, suy ra gié tri nho nhét cia ham sé £(¢) 1 15.
Viy gié trj nho nhét cdn im 13 P =15.

Chon D,
Vi du 4: Cho céc sb thuc a,b thoaman @ >1, #>1. Tim gié tri nhd nhit P, cia biéu thic

- P =277(210ng a+log, b)2 +4log, ab

A. P, =36. B. P, =24.
C. P, =48. D. P, =32.
Léi gidi

XétbiéuthircP,tacéP=2—7 2 1 +4log, b+4.
log, ab log,ab

2
bit t=log b (t>0)®logba—— Khi dé p=2{ 2 L) 444
, 2\t+l t+1

(1-2)(2¢+5)
(t+1)3
Dua vio bing bién thién, ta thdy ring f(f) dat gid tri nhé nhit bing
f(2)=32=P, =36.

Chon A.

=0=r=2.

2
Xéthamsé f(¢)= 27[t+2

5 E) +4 voi te(0;+0), co f'(t)=

Vi du 5: Cho hai sb thuc a>b > 1. Biét ring biéu thitc 7 = 2 +, flogcI 5 dat gia tri
Ogab

11011 nhét 12 A khi cé s6 thuc m sao cho b=g™. Tinh P=M+m.

A M- m—23 B.M—mzﬁ.
8 16
C. M—m=E. D. M—m=§l.
8 16
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Loi gidi _ o o
Xét biéu thite T, tacé T =2log, (ab)+.flog, a—log, b =2log, b+ fI—log, b +2.

bit r=log, b véi t &(—w0;1], khid6 T=f(1)=2t+V1-2+2.
15

. 1
Xét ham sd t) trén khoa —o3l|,cd f(t)=2——F=; f(t)=0c1="2.
éthams6 f(¢) trén khodng (—o0;1], c6 (1) 2Jthf() Sr=r

Tinh cac gia tri f{1)=4, f(%)=2

S va ;liﬂf(t)z_m'

Dya vio bang bién thién, suy ra gid tri 16z: nhét ciia ham s6 f(¢) 13 % .

Vay M='3—31 va b=ag" <:>m=10gab=t=E suy ra M—m;-ﬂ_
8 16 16

Chon D.

. o . loga£+logb a
Vidy 6: Cho a,b 1a cic s6 thyc duong khéc 1. Biét ring biéu thirc P= g

log, (ab)+log, a
© dat gia trj nho nhit bing M khi b=g". Tinh M +m.
A Mim=2, B. M+m=§.
4
C. M+m=§. D. M+m=0.
Loi giai
Xét bidu thitc P, ta co P= log, b—log, a+log; a =logabflogba-1‘
log,a+log, b+log,a log, b+log, a+1
1. . ""%”1 £—t+1
bit t=log, b <> log,a=- véi teR,khidé P=f(r)= =— .
t . 41+l
-+1
t
. 2(#-1)
Xétham s6 f(r) trén khoang (—wo;+w),¢6 f'(t)=——=L, f'(t)=01=%l1.
(t2+t+1)
Tinh céc gi4 tri f(l)=§1—, f(-1)=3va }imf(t)=1 suy ra gia tri nho nhét cia ham sé

f(¢) bing -;;.Déu "=" xdyrakhivachikhi t=1<log b=1<>a=5.

Viy M=%, b=a"=a=>m=1 —> M+m=—;-+l=g-.
Chon C,
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Vi dy 7 [THI THU SG GD — BT KIEN GIANG] Cho q, b 12 hai sb thyc durong théa
mén b* =3ab+4a’ vd a<[42% . Goi M, m lin lugt 12 gid tri 1on nhét va gié trj nho

nhét cda bidu thirc P = log, 4a +%10g2 % .Tinh tbng T=M+m.
B

A T=3701 " B.T=1.
124 2

c 7 2957 b, 71897
124 62

Loi gidi
£ ay a a 1
Tir gia thiét, ta c6 b2=3ab+4a2©4.[gj +3.E—1=0<:>3=Z<:>bz4a.

3

el 3. b 3
Khi 46 P=log, 4a+zlog2Z=10ggb+z(1°gzb_1°gz 4)=—p+log, b~

8 8 log, 8

= 2 log, b"—=—1—+§10gzb———___——10g2 LA

log, b
Pit r=log,b véi ae| 427 |=16<b<2* = 4<log, b <34 =1 €[4;34].
: ’3 2

3
—log, b——.
82975

3{—6r+5

Xét ham s6 f(t)—-t-——5+it véi tef4;34] ,taco f'(t):%é)z—); Vie[4;34].
4<Lt<34

o1=52 f(#)=7,7(5)=2 e

Phuong trinh f‘(t)=0<::>{ R

£ —6t+5=0

1649 _ 778
4=—— |M=P
/()= f(3) I R T /]
. 19 124

4
Chon A,

» f (34)

Suyra

Vi du 8 [PE THI THU SO GD - PT DA NANG] Cho hai sb thyc duong x, y thay

i thoa mén hé thirc 3+l 2"~ ;y+1-9xy—3x—3y. Tim gi4 trj nho nhit m cia bidu
xy
thirc P=xy
Am=L. B. m=1
3
1
C.m=—. D. m=0
- 2
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Léi gidi

Sir dung cong thikc m% —Ina-Inc, ki d6 tir gia thiét, ta c6

x+y+1
3xy

en(x+y+1)+3(x+y+1)=lnBwp)+3(3) o f(x+y+)=(3x) (¥

3+1n =9xy—-3x-3y & 3+(x+y+1)-lhxy=9x-3x-3y

Xéthamsd f(t)=Int+3¢ véi t>0,tacod f'(t)=3+%>0:> £{¢) 12 ham s ddng bién.
Khi d6 {*)<:>x+y+1=-3xy¢->3xy—l=x+y > 2\/5?@3@—2\/5—120;

AM-GM

= (o-1)3w+)20e fy2lep21= R, =12 m=1.

Cheon B,
Vi dy 9 [PE THI THPT QUOC GIA 2017] X¢ét cic sb thuc duong x, y théa mén
didu kién log, 1;’;’ =3xy+x+2y~—4. Tim gia tri nhé nhit P cla bidu thitc P=x+y.
x+2y
A p 119 B, p, 21419,
9 - 9
c. p, 1BAL-19 p. p <23
21 3
Loi gidgi

Tix gi thiét, ta ¢6 log, (1-xy)—log, (x+2y)=3xp+x+2y—4
& log, (3-3xy)+3-3xy =log, (x+2y)+x+2y (*)

Xétham s6 f(t)=1+log,t v6i t>0, cb f’(t)=1+-ﬁ1;3>0; Vi>0.

Suyra f() I2 ham sb ddng bién trén khoang (0;+0).

3-2y

Khidé (*) & f(3-3w)=f(x+2y) ©3-3y=x+2y &3-2y=(3y+1)x > x= PR
¥y

Thé vao biéu thirc P, tadwoc P=x+y=

3-2 3y’ —y+3
Yiyp=22 7Y =f()
3y+i 3y+1

2
Xétham sd f(y) trén khoang (0;+<0), c6 f,(y)=9y ‘[*6}’—10=0<:> =—1+J1_1

(y+1) TR
Dura vio bang bién thién, suy ra %f(y)=f[_1zm] = 2\/13—3'
Chon D.
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!

voi m la

2

Vi du 10 [PE THI THPT QUOC GIA 2017} Xét ham sb f(t)= 9‘3
) m

tham s6 thwe. Goi S 13 tip hop tht ca cac gia tri cia m sao cho f(x)+f(»)=1 véi

moi s thue x,y théa min €™ <e(x+y). Tim s phén tir ciia S

A. 0. B. 1.
C. Vb sb. D. 2.
Loi gigi

Dit a=x+ycR, xéthimsé g(a)=e"—ea,tacd g'(a)=e"~¢ g'(a)=0a=1.
Dya vé.(; béang bién thién, ta durgc g'(a)z f (0)<:>e" 2eas e 28(x+ »).
Theo baira, tacé e <e(x+y) suyra ™’ =e(x+y) @ x+y=1.

9 + 9 ¥ + g
Pem® P+mt F+mt 9 +m?

9 9 9 9* m’

<:>x 2+ x 2=1<:> x 2=]‘_z 2=x

9 +m" 9+9m 9+9%m Yi+m* F+m

Véi x+y=1,xétbitu thirc f(x)+f(¥)= =1

(9 +m’ ) =m* (9+9°m)

9.9 +9m =9m’ +9“m_4<:>m4_=9<:::>m2 =3 m=13.
Chon D.
IIL. BAI TAP TU LUYEN [TT6099]

Céu 1: [566611] Béc Hiéu dén fur 99 trigu dong vao mot cong ti theo thé thirc 14i kép
véi 131 suat 8,25% mot nim. Hoi sau 5 ndm mdi rit tién 141 thi bac Hiéu thu duge bao
nhiéu tidn 18i? (Gia s ting l3i suét hing nim khong di).

A. 48,155 triéu ddng. , B. 147,155 triéu ddng.
C. 58,004 trigu dng. D. 8,7 tri¢u dong.

Ciu 2: [566613] Béc Himg giri 100 friéu ddng vao mét ngn hang theo thé thirc 14 kép
theo ki han 3 thing véi 141 sudt 5,28% mét quy. Hoi sau 8 ndm bac Hung thu dugc bao
nhiéu tién (c4 v6n Hn 14i)? (Gia st ring 14i suét hang quy khéng dbi).

A. 318,355 trigu déng. B. 518,881 trigu ddng.
C. 259,44 tridu dong. D. 9,8 triéu ddng.

Chu 3: [566619] Mot ngudi giri 25 friéu ddng vao mot ngan hang theo thé thirc 1ai kép
theo ki han 6 thang v&i 13i sudt 4,25% mdi ki. Hoi sau 4 nim ngudi d6 thu duge bao
nhiéu tidn (ca vén 18n 14)? (Gid st ring 14i suft hang quy khéng dbi).

A. 17,439 triéu ddng. B. 34,878 triéu ddng.

C. 69,756 triéu dong. D. 9,9 tridu ddng.
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Ciau 4: [566621] Bic Binh dAu tr 15 triéu ddng vao mdt cong ti theo thé thirc 14i kép
voi 18 suat 10,99% mot nim. Hoi san 3 nidm rdt tién 14i thi bic Binh thu duge bao
nhiéu tién 18i? (Gia si rdng J4i suét hang nim khong dbi).

A. 4,155 triéu dong. \ B. 3,789 triu dong.
C. 5,509 triéu ddng. D. 3,12 triéu dong.

Céu 5: [566623] Bac An déu tr 67 tridu df)ng vao bt cong-ti theo thé thirc 13i kép v0'i
14i sut 5, 99% mdi quy Héi sau 2 nim it tién 14i thi béc An thu duge bao nhigu tién

18i? (Gia st rang 1ai sudt hang quy kbong d6i).
-+ A. 39,707 triéu ddng. B. 24,669 trigu ddnig.
C. 58,004 triéu dong. D. 9,2 trigu dong

Ciu 6: [566625] Mbt ngudi diu tr vio 25t tral phleu mbi t& cé ménh g1a la 2 tneu dong
v6i 13i sudt »%/nim trong vong 5 n3m. Sau 5 ndm ngudi dé cb duqc 56 tidn ca gbc 14n lai
la 72,5 trigu ddng . Hoi 13 sult 7 clia to tiai phiéu d6 13 bao nhidu phén trim mot nim.

A. 7%. ' B. 8%.
C. 9%. D. 10%.

Cau 7: [566631] Mot ngudi mubn cb 56 tién 12 100 ridu sau 3 nim dé ding sb tién d6
ddu tr vio mdt quan café. Véi lai suét ngan hang hién 1 nay 12 15%/nam va ldi hang
ném dugc nhip vao vén, Hoi ngay tir by gid anh ta phai giri vao ngén hang s6 tién 12
bao nhiéu dé ddp émg nhu ciu d6? (Chon két qué gin ding nhét ). _

A. 59,75 triéu dong. B. 70,75 triéu dng.
C. 75,75 tridu dong. D. 65,75 triéu dbng,

Ciu 8: [S66635] Anh A mudn ¢6500triéu sau 10 n¥m nita ¢ mua mot manh dé.t Anh
B 1a ban thén ciia anh A c6 mét cira ha.ng chuyén bén di¢n thogi Iphone va mubn anh A
cimg gbp vén déu tir, anh B tir tin va chic chdn v6i anh A ring mirc loi nhuén thu duge
fir cira hang nay s& 1a 12%/ ndm va loi nbuén hémg nim thu du:qc tir clra hz‘mg lai tiép
tuc sir dung dé t4i du . Hoi ngay tir by gi¢ thi s6 tidn anh A cén phél du tr vao 1a
bao nhiéu? (Chon két qua gin ding nhit).

A. 160 trigu dong. B. 180 triéu dbng.
C. 200 tri¢u ddng. D. 220 triéu ddng.

Ciu 9: [566638] Hién tai ban sinh vién A dang c6 mét khoan tidn, sau 1 nim nita sau
khi ra trugng ban A’ méi can ding dén s6 tién d6 dé mua xe mdy. Hién tai ngén bang
Vietinbank dang cé céc loai hinh giri tiét kiém nhu sau:

+) K¥ han 1 théng, 13i sut 13 12% m6t pam.
+) Ky han 3 thang, 141 suit 12 12% mot nim,
+) Ky han 6 thng, 13i sudt 12 12% m§t nim.
+) Ky han 12 théng, 14i sut 13 12% mot ndm.
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Hoi ban A nén giri tién theo hinh thirc nio

A. Ky han 1 thang. B. Ky han 3 thang.
C. Ky han 6 thang. D. Ky han 12 thing.

Ciau 10: [566640] Ban NAM vay mét $6 tién tai ngdn hang VIB bank v tra gép sb tién
do trong vong 40 thang v&i murc 131 sudt 13 1,2% /thang, Mbi thang ban NAM tra mdt
56 tién bing nhau va bing 2 tridu dong cho ngén hang. Vay s6 tién ban NAM @4 vay
ngén hang 13 bao nhidu. Chon két qui gan dtng nhét?

A.100 trigu ddng, B. 40 triéu ddng.

C. 50 tridu.ddng. D. 65 triéu ddng.

Céu 11: [566643] Ong A mua trd gép mot cin nha c6 tri gid 1a 1 ty dbng, Ong bit
du hoin ng, hai 14n Kodn ng lién tiép céch nhau ding mét thang v6i mirc 13i suft 13

% /thang, mbi thing -dng A trd mét sb tién bing nhau vi bang 340 trigu dong Biét
ring dng A hoan ng trong vong 3 thang ké tir ngiy vay. L3i suit vay gén nhit voi két
qué ndo trong céc két qui sau

A.1=1,2%/thing. B. r = 1%/thang.

C. r=0,8%/thang. D. r=0,9%/thang.
Céu 12: [566646] Ban AN dinh vay mét s6 tién dé mua xe méy va hoan ng ngn hing
theo hinh thire tré g6p v6i mic l4i suat 1a 7% /théng trong vong 2 thang. Néu s6 tién ban
AN vay 13 T triéu ddrig thi mdi thang ban phai tra s6 tién 12 10,15 tri¢u dong, ¢dn néu
s tidn ban AN vay 2 T+10 triéu ddng thi m3i thang ban phai tra sb tién 13 15,225
triéu ddng. Vay gid tri coa T la:-

A. 24 triéu ddng. B. 20 trigu ddng.

C. 18 triéu ddng. D. 25 triéu ddng.
Cau 13: [5660647] Mot ngudi giri tiét kism 300 tridu ddng loai ky han 3 tha.ug vao
ngén hang v6i 13 sut 10,45% mt nim. Sau 10 nim 9 thang, goi T 14 s6 tidn ca vbn

1&n 131 ngwdi d6 nhén duge. ‘f}let ring ngudi d6 khong rat 1ai tit ca cac dinh k¥ true 6,
T’ gdn gia tri nao sau ddy nhat ?

A. 800 trigu. - B. 890 tridu.
C.11. D. 900 tricu.

Ciu 14: [566648] Ong A c6 sb tién 12 50 triéu ddng giri tiét kiém voi 131 suft 1,2%
/thang. Sau 8 thang 6ng A giri thém vao 100 triéu dbng nhung 18 suft c4c thang sau 46
13 1,6% /théng. Sau 20 thing k& tir Ic giri ti€n ban dau, sd tién 6ng A nhin duoc ci
gbc n 14i 13 : (don vi triu ddng, 1am tron dén s6 thap phan thir nhat).
A. 195,6. B. 187,5.
C. 189,9. D. 197,8.
Cau 15: [566649] M6t ngwdi giri vao ngén hang 100 triéu ddng v6i ki han 3 thang, l4i
suat 5% mdt quy theo hinh thirc 11 kép ( sau 3 théng s€ tinh & va cdng vao goc ). Sau
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ding 6 thang, ngwdi 46 giri thém 50 triéu dong véi ki han va 131 suit nhu truée d6. Cho
biét sb tién ca géc va 14 dugc tinh theo cong thitc T=a. 1+r ", trong d6 a 12 s6 tién

gui, » 1a 1ai suat va n 12 s6 ki han giri. Tinh tdng sb tién ngudi do6 nhén duge mft nim
sau khi giri tién ( don vi : tridu ddng ).

A. =176,676. B. =177,676.
C. »178,676." - D. =179,676.

Céu 16: [566652] Mot ngudi giri 20 triéu déng vio ngén hang trong thdi gian 10 nim
véi 131 sult 7% mdt néim.va nhén dugc sb tidn 14 T, triéu ddng. Vi mdt phwong thire
trd 14 khéc, nén ngin hang tra 15 suét %% mdt théng thi ngudi dé nhan duge sb
tién 1d 7, triéu ddng. Khing dinh ndo dudi day 14 khing diph ding ?

A. T +T,=99,73. B. T, +T, = 69,63.

C. T,+T,=179,53. D. 7, +T, =89,43.
Ciu 17: [566653] Lai suft giri tiét kiém cia ngén hang A thoi gian vira qua thay ddi
lién tuc. Ban Duy gi s0 tién ban déu 1a 10 triéu dong véi 151 suit 0,8% mot thing.
Chua déy mét n3m, thi 14 suit ting 1én 1,2% mét thing trong nira nim tiép theo. Va ban
Duy tlep fyc giri ; sau nra ndm do 15 suét giam xuong con 1% mdt thang. Ddng thi ban

Duy quyet dinh giri thém mét sb thang tron nira. Biét ring khi riit tién ban Duy dwge ca
von 18n 1 13 12 153 337,95 triéu ddng. Téng sb thang ma ban Duy giri tiét kiém 13 :

A. 20. B. 19.
C. 18. D. 16.

Ciu 18: [566655} Mot ngudi dugc lanh luong khéi diém 13 10 tridu ddng mot thing.
Cir sau 3 thang, luong cua anh ta lai duge ting thém 12%. Sau 36 thang lam vi¢c anh
ta linh dugc tit ca s6 tlen 1aT,gidtricia T gan véi gia tri nao sau day nhét ?

A, 723 triéu dong. B. 724 triéu dong.
C. 725 triéu ddng. D. 726 triéu déng

Cau 19: [566656] Mot ngudi giri 20 tridu dong tiét kiém voi 151 sudt 15% trén mot
nim va l4i sut hang ndm dugc nhép vao vén. Héi theo cich d6 thi sao bao nhiéu nim
ngudi d6 thu dugce tong sb tién 13 300 tridu dbng.

A. 18. B. 19.
C. 20. ' D. 21.

Céu 20: [566657] Gia siranh 7 ¢6 180 triéu déng muén di giri ngdn hing trong 18 thing.
Tromg d6 c6 hai ngdn hang A va ngan hang B tinh 13i v6i cdc phuong thire nhur sau :

e Ngin hing A. L3i suft 1,2% /théng trong 12 théng diu tién v 14 suit 1,0% /théng
trong 6 thang con lai.
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o Ngan hing B. MBi thang anh T giri vio ngin hang 10 triéu voi 1ai suét hang
thang 1a 0,8%/ thang.

Hoi ring sb tién ma anh T sau 18 théng dwgc nhén ( tinh ca vbn 13n 13 ) khi giri & ngén
hang A hay B dugc nhidu hon va nhidu hon bao nhiéu ( don vi triéu dong va lam tron
dén s6 thap phan thi nhat )?

A. T,—T,=26,2. B. T, =T, +26,2.
C.T,-T,=24,2. D. T,=T,+24,2.

Ciu 21: [566659] Ong 4 vay ngan han ngin hang 100 triu dbdng voi 14 suit 12%/1 nim.
Ong muon hoan trd ng cho ngin hang theo céch : Sau dling mét thang ké tir ngay vay,
ong bit dau hodn tra ng, hai 14n hoan tra ng lién tiép cach nhau ding mot - thang, s0 tién
hoan tr3 ng & moi lan 13 nhu nhau va tra hét tién no sau ding 5 théng ke tir ngay vay.

“Hoéi, theo céch do, sb t1en m ma dng A s& phdi tra cho ngén hang trong m®&i 14n hoan ng
12 bao nhiéu ? Gia sk ring, 14i suit ngin hing khong thay i trong thi gian ong A
hoan trd ng.

107 . 2,08
4 100 :1;01 (triéu ddag). B. ﬂ)_s_’_l_ (tridu dbng).

1 015 100.1,015 - m A
Tor 7 (e done) P Jop-y (e de

Ciau 22: [566662] Ong 4 mubn giri x (triéu) tidn tiét kiém vao ngin hang theo 13 suft
0,6%/1 thang theo hinh thuc Sau ding mdt thang déu tién ké tir ngay giri, 6ng bit dau
gui thém x (tneu) nfra vao tién tiét kiém; hai 1dn giri lién tiép céch nhau dung mét thing,
sO tién gt & moi 14n d8u I3 x (triéw). Sau déng 1 nam ong A thuc hién giao dich rut tién.
Néu 6ng 4 mudn co 50 tridu sau 1 niim thi cn giri lién ti€p 'mdi théng bao nhidu tién ?

A. 4 triéu. : B. 4 trigu 8000 dong.
C. 4 triéu 3000 ddng. D. 3 triéu 900000 ddng.

Céu 23: {566663] Thiy Hung PZ c6 du dinh mua mét chiéc xe Lexus RX 350 voi trj
g13 khoéng 3 ty dong Thay quyét dinh giri Ngin Hang Techcombank 2 ty ddng trong
vong 3 nim dé tiét kigm tién mua xe v&i mirc 13i sudt nhu sau:

- Lai sudt 1,0%/ thang trong 12 thang diu tién.
- Lai sufit 1,1%/ thang trong 18 théng tiép theo.
- Lai suét 1,2%/ thing trong 6 thang cudi cling.

Biét rang Ngin Hang Techcombank tinh 13 gop theo quy. Tong sb tién ca goc 1an 15
ma Thiy Hiang BZ phén duge sau 3 nim gin véi gia tri ndo nhét trong céc gid tri sau:
A.29 . B. 3,12 t§.
C.34ty. D4 ty.
Cin 24: [S66664] Mot nguoi gir tlen béo hiém cho con tir lic con trdn 10 tudi , hang
nim anh ta déu din giri cho con s6 tidn 13 10 triéu ddng/thang véi 1ai sufit 18%/ nim.
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Trong qua tnnh d6 anh ta khong rit tién khoi tai khoan cia mmh Sau 8 nim anh ta riit sb
tién d6 ra @ nudi con hoc dai hoc Kinh Té Qudc Dan. Khi d6 sé tién rat rala bao nhidu?

N 100(1,0158—1) ) - 590(1,18" ~1)

T 1,015-1 Too,18-1
8 _ .

C. m. D. 10.(1.18‘—1)'.

9

Céu 25: [566666] Mot ngudi giri 9,8 tric;u ddng tiét kiém véi 13i sudt 8,4% trén mét
nim va I sudt hang nam dwoc nhip vao vbn. Hoi theo céch d¢6 thi sao bao nlueu nam:
ngudi d6 thu duge tdng s6 tlen La 20 trigu dong -

A 5. : , - B.7.

C. 8. - : D. 9.
Ciu 26: [566668] Ong AcHsh tien 13 100 triéu ddng giri tiét kidm voi 1ai sut 1,2% fthang.

Sau 8 théng 6ng A giri thém vao 100 triéu dong nhimg 14i sudt cac thing sau do 1a 2%
/thang. Sau 20 thing ké tir e g t1en ban dau, sb tién Ong A nhén dugc ca gbc 13n 141
la : ( don vi triéu dong, 1m tron dén s6 thap phan thi nhét ),

A. 312,4 B. 266,3
C. 289,9 D. 254,5

Céu 27: [566669] Mbt ngudi vay von ngan hang v6i s6 vén 13 100 tricu dong, théi han
48 thang, 13i sudt 1,15% trén théng, tinh theo duv no, tra diing theo quy dinh. Héi hang

thang ngu'(n d6 phai tri ddu din vio ngén hé.ng mét khoan tidn ca gbc 14n lai 1a bao
nhiéu dé dén thang thir 48 thi ngudi d6 tra hét ca gbc 13n 14 cho ngén hang ?

A.Khoang 3 triéu dbng. B. Khoang 2,5 triéu dbng.
C. Khoang 2,7 triéu déng. D. Khoang 3,2 triéu ddng.

Ciu 28: [566671] Mot ngudi dugce lanh lwong khéi diém 13 7 tridu ddng mot thang. Clt
sau 2 thing, lwong cua anh ta lai dugc ting thém 15%. Say hai ndm lam vigc anh ta
linh dugc tit cd s6 tién 13 T, sb t1en T nay lai dugce gri vao ngén hang voi lii sudt 3%
trén mot nAm, thi mot nim sau d6, sb tién 13 ngudiddcodla:

A. 11,56 trigu déng. B. 12,18 triéu ddng.
C. 11,70 trigu déng. D. 12,45 triéu dng.

Ciu 29: [566673) Ong A giri tiét kidm 200 triéu theo hinh thire 1 kép véi 13i sudt 13
r sau 3 nim 13i sut ngin hing tang lénla »+0,01. Thay thé ong A gt vao tai khoan

tiét kiém clia minh thém 50 triéu ddng. Hoi sau 5 ndm s tién ca gbc 13n 13i ma 6ng A
thu dugc 1a;

A. T=250(1+7). | B. T=|:200(1+r)3 +5o}(r+1,01).
C. T=[200(1+7) +50](1+7). D. 7 =[200(1+7) +50 (L1+7).
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| Hoc ab kndag Snh min

Cau 30: [566675) Ong X vay mof s6 tién d€ mua nha v hoan ng ngén hang theo hinh
thirc tra gép vdi milc lai suat 14 r%/thang trong vong 3 théng, Néu sb t1en ong X vay la
T triéu ddng thi mdi théng 6 ong pha1 tra sb tién 13 79 tneu ddng, con néu s6 tidn ong X
vay Ia T+100 triéu dong thi mbi thing éng pha1 tré sb tién 13 118,5 tridu ddng. Viy gia
tri ctia T va r 14n luot 14 12 ( Chon két qua gin dung nhét );

A. T=100 tridu va r =9%. B. T=200triéuva r =9%.
C. T=200triéuva r=10%. D. T=120triéuva r =9%.

Cau 31: [566676] Anh A dy kién cin mot s6 tién ¢é dAu tu san xuét, dAu ndm thir nhit
anh A giri vao ngn hang sé tlen 1a 200 triéu dong, it ddu mdi nim tiép theo anh A lai
giri thém mot so tidn 16n hon sb tién anh giri & déu nim trudce 50 triéu ddng. Pén cubi
nim thi 3 s6 tidn anh A c6 dugc 12-898,7 tridu ddng. Viy 13i suit ngin hang 132 (Chon
két qua gin nhét trong céc két qua sau)

A. 9%/nam, B. 10%/ nim.
C. 11%/ nim. D. 12%/ nim.
PAP AN TRAC NGHIEM

01.A [ 02.B | 03.B | 04.C | 05.A | 06.C | 07.D | 08.A | 09.A | 10.D
11.B | 12.B | 13.D | 14.B | 15.A | 16.C | 17.D | 18.B | 19.C | 20.B
21.C | 22.B | 23.A | 24.C | 25D | 26.B | 27.C | 28.B | 29.B | 30.B
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